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®CHUONG 1. HAM SO LUONG GIAC-PHUONG TRINH LUQONG GIAC

@. Tom tat kién thuc

®. Quan hé gilira hai don vi do gdéc: do va radian
o 180 =mrad

180)

A

lrad =‘ ~571745 1 :[ T | rad ~0,0175rad

V3 | 180 ]

°
®. Goc luong giac va s6 do cuia ching

% Cho hai tia 99V N&u tia Om quay chi theo chidu duong (hay chi theo chiéu
am) xuat phat tur tia O dén trung vdi tia Ov thi ta noéi: Tia 9m quét mot géc
luong giac vdi tia dau O va tia cudi OV, ki hiéu 13 (Q4OY) 'Msi géc luong giac
g6c O duoc xac dinh béi tia dau Ou, tia cusi OV va sé do cla géc dé.

@ Néu mot géc lugng giac cd so do a’ (hay @ radian) thi moi géc lugng giac cé
clng tia dau, tia cudi véi géc luong giac dé cé s6 do dang: @ +k360 (hay
a+k27 ), y6i k13 s6 nguyén, mdi géc ing véi mot gid tri cta k.

@ Hé thic Chasles
V6i ba tia tuy y Ol.t.OL’..OH-" ta cé: (Ou, Ov)+(Ov,0Ow) =(Ou,Ow) +k21(ke Z).

©. Gia tri luong giac cua géc luong giac

% Trong mat phing toa dé da duogc dinh hudng 2%, 13y diém 4L0) pugng tron
tam O, ban kinh 04 =1 dugc goi 1a dudng tron lugng giac goc 4.

@ Pinh nghia: Véi mbi goc lugng gidc ¢, lay diém M trén duong tron lugng giac
sao cho (O4OM) =t (inh 1),

A
x

M f;
7

Hinht 1
o Giasit M cétoadd (V) Tacs: LS =xsna=y

sina_ y cosa _ x, .
tana = =—(coscr =x #=0);cotr =— =—(sina =y #0).

© coscr X siney ¥

@ Cha y: D&u cla cac gia tri lugng giadc cua géc “ =(04,0M) phu thubc vao vj tri
diém M trén duong tron lugng giac (Hinh 2).

I

Jats

Hinh 2



= Bang xac dinh dau cla céc gia tri lugng gidc nhu sau:

Géc phan tu
Gia tri lugng giac . ool I
cosa weoalf Gt e 2 1S
sina + + = =
tan o e
cota + - + -

@ Tinh chat
o cos’a+sin’ @ =1 y&i moi a
@ tanea coter =1 \gj cosa #0,sin @ #0.

l+tan” o =——
© cos @ ygj cosa #0

el I.
l+cot” o =——— .
o sin" @ y@j sina #0

0. Gia tri lugng giac ctia cac goc cé lién quan dac biét

© Hai g6c d6i nhau (¢ va =9 :
sin(- «z) == sine

{

° Cos(- ) =coser
° tan(- cz) =- tan o
° cot(- ) =- cotar

© Hai géc hon kém nhau 7 (¢ va a¢*7):;
sin(er +.7) =- sin ¢

{
° cos( ez +.T) =- cos ¢
° tan(e +.7) =tan ¢z
+T) =
° cot(er +.7) coter
© Hai g6c bu nhau (@ va 7~ @) .
*sin(.T- ) =sine
®cos(T- &) =- cosax
stan(T- ) =- tane
s cot(.T- ) =- coter
T
. 7/ \ P a
© Hai géc phunhau (@ va 2 ):
. k3
*sin| - a| =cosa

T .
'CDS[?‘ ﬂ" =51 o

*tan =cot e

T
—=
4




®. Phan dang toan co ban

‘Dang ©®: Goc luong giac

=Cac vi du minh hoa

Cau 1:

Goi MM M Moy cac diém trén duong tron lugng giadc sao cho soé do

(04,0M,),(04,0M,),(04,0M),(04,0M,)

Q
~—

cla cac géc lugng giac lan lugt bang
17 1

T 3lr

[

3 3 3 [ C6nhén xét gi vé vj tri cac diém

M, M,, M, M, ,

b) Goi M-N:P |3 cac diém trén duong tron lugng giac sao cho s6 do cla cac
rix._x

géc luong giac (O4OM).(O4.ON).(O4.OF) |50 |ugt bing 2 6 6. Ching

minh rang tam gidc MNP |3 tam giac déu.

a) D6i tir d6 sang radian cac s6 do sau: 30 :8030

273,75
b) DGi tir radian sang dd cac so do sau: T

: a) Xac dinh diém M trén duong tron lugng gidc biéu dién gdc lugng giac

JT
c6 s6 do bang ©.
b) Xac dinh diém B trén dudng tron luong giadc biéu dién gbc lugng gidc co
T
s6 do bang 2.

c) Xac dinh diém N trén dudng tron lugng giac biéu dién géc lugng gidc céd
-2

s6 do bang 3

: Biéu dién céc goc lugng giadc sau trén duong tron lugng giac:

a) 750 .
297
b) 4

47

: Cho géc lugng giac cé sé do bang 3,

a) Xac dinh diém N trén dudng tron lugng gidc biéu dién gdéc lugng gidc da
cho.

b) Tinh cac gia tri lugng gidc cta géc lugng giac da cho.



a) D6i s6 do cta géc 80 va géc 150 sang don vj radian.

7T vk
37 rad - —Trad

b) D6i s6 do cha géc 3 va géc 20 sang don vj do.

Cau 7: Xac dinh sé do cua cac gbc lugng giadc dugc biéu dién trong moi hinh dudi
day.

. \ /,/

) ¥y =102, Ugs = %

a) Hay tim s6 do @ cla géc lugng giac (O%0b) \6i 0 < <27 bigt mot géc
251

lugng gidc cung tia dau Oa va tia cudi Ob c6sddola ©
b) Hay tim s6 do ¢ cda géc luong giac (001 y6i 0<a <360 pist mot géc
lugng giac cung tia dau Om va tia cudi On cé s6 do la -875 .

‘Dang @®: Gia tri luong giac cua géc luong giac

=Cac vi du minh hoa

Cau 9: Tinh cac gid tri lugng gidc clua gbéc ¢, néu:

. 1 T
sina =— -7-:(’,{-::0
a) 3va 2 :
T<a<—
—_ - N
b) coscr =-0.7 va 2 .
T
O<a<—

c) tana =2 3

’

7 3T
cota =— T<a<—
d) 3 va 2,
Cau 10:
. 297 a
~ 51| - - . ) i ’ . ] —
a) Biéu diéen 2 ) qua gié tri lugng gidc clia goc c6 s6 do tr 0 dén 4;

b) Bi€u dién tan 973 qua gia tri lugng giac clia géc c6 s6 do tur 0 dén 45 .
Cau 11: Tinh cac gié tri lugng gidc ctia moi géc sau:

T ik2r(keD)
a) 3



T v ka(keZ)
b) 2
. 2
sino =——
Cau 12: Tinh céc gi tri lugng giac cla gdéc ¢, biét 7 va 0 <a <180
Cau 13: Bang cach s dung gia tri lugng gidc cla cac goc lién quan dac biét,
hay tinh:

-157
COS
a) 4

cot(-675 )

b)
Cllr

S ——
C)

‘Dang ©: Ap dung tinh chat cua gia tri lugng gidac
=Cac vi du minh hoa
Cau 14: Chang minh cac dang thic lugng gidc sau:

sin® er + cos’ e .
—— =|-sInacosa
a) Ssina+cosa .

’

l+taner 1+cotea
+ =i

b) |- taner 1- cota .

Cau 15: RUt gon cac biéu thic sau:

- | 5
sin” (3T - rx}+5m" (HT‘
a) \ =

[!+tan:f_—:’e+i!,r}] -sin:‘. e - ::—T‘
b) \ =
Cau 16: Thanh OM quay nguoc chiéu kim déng hé quanh géc O cta né trén
mot mat phang thang ding va in bong vuéng géc xuéng mat dat nhu hinh
bén. Vi tri ban dau cda thanh 1a 94, Hai d6 dai béng OM cta OM khi
60
thanh quay dugc 13 vong |a bao nhiéu, biét d6 dai thanh OM |3 10cm



I i |
| | |

| anh sdng

Két qua lam tron dén hang phan muai.

Cau 17: Tinh cac gié tri luong gidc con lai cla goc @, biét tan @ =3 véi
-r<a<0
Cau 18: Tinh:

a) A=sin’5 +sin” 10 +sin”15 +-+sin"85 (17 s6 hang).
b) B =cos3 +cosl0 +cosl5 +---+cosl75 (35 sg hang).

‘Dang @: Ung dung

t=Cac vi du minh hoa

Cau 19: D06 dai cla ngay t ldc Mat Troi moc dén lic Mat Troi [dn & mot thanh
pho X trong ngay thir ¢ cla nam dugc tinh xap xi bdi cong thic

R
d(t) =4sin| ="(¢- 80)| +12, te Z va 1 <t <365.
365

Thanh ph6é X vao ngay 31 thang 1 cé bao nhiéu gio cé Mat Troi chiéu sang?
Lam tron két qua dén hang phan mudi.

Cau 20: MOt vong quay Mat Troi quay méi vong khoang 15 phat. Tai vi tri quan
sat, ban Linh thay vong quay chuyén déng theo chiéu kim déng hé. Khi
vong quay chuyén dbéng dugc 10 phat, ban kinh cua vong quay quét mot
g6c lugng gidc c6 s6 do bang bao nhiéu? (Tinh theo don vi radian).

Cau 21: Banh xe cla nguoi di xe dap quay dugc 12 vong trong 6 giay.

a) Tinh goc (theo do va radian) ma banh xe quay dugc trong 1 giay.
b) Tinh quang dudng ma ngudi di xe da di dugc trong 1 phut, biét rang
duong kinh banh xe dap la 860mm

Cau 22: Kim gid dai 6¢m va kim phut dai llem cia déng hé chi 4 gid. HAi thoi
gian it nhat dé 2 kim vuéng géc véi nhau la bao nhiéu? Lic dé téng quang
duong hai dau mut kim gio va kim phut di dugc la bao nhiéu?



©. Dang todn ren luyén

‘Dang @®: Cau trac nghiém nhiéu phuong an lua chon

Cau 1:
tron dé la

hY/4

NE&u mot cung tron cé s6 do bang radian la 4 thi s6 do bang dé cda cung

A. 172" B. 157,
C. 2257, D. 5.
, 108°
Cau 2: Goc c6 s6 do dGi ra radian la
3= L 3= i
5 10 2 4
A. . B. . C. D.
z
s 9 d
Cau 3: Géccoés6do dobdi sang do la
15° 18° 20° 25°
A. . B. . C. . D.
o 105° .
Cau 4: D06i s6 do gobc sang radian bang
R 1= o R
12° 12° 12 8
A. B. C. D.
4 A 2 M S
Cau 5: Cho duong tron lugng giac goc  va diém  nam trén dudng tron lugng giac
Krox :Bf&}':li'
sao cho . Ménh dé nao sau day dung?
b 7 b7
sd AM :_—+A'E,T.A'EZ sd AM :I+k,T.A‘E Z
A. B.

B T 2 T
sd AM =- I+kl‘r.kEE sd AM =- :+k,T.kEZ

C. D.
120°
Cau 6: Gbc cd sb do déi sang radian la
2 3 i z
3 2 4 10
A. . B. . C. D. .
250°

Cau 7: Cung c6 sb do thi cé s6 do theo don vi radian la:



257 257 257 357

12 18 9 18
. B. . C. . D. .
, 108°
Cau 8: Da4i sang radian goc c6 s6 do ta dugc
il z 3z 3z
4 10 2 5
A. B. . C. . D.

Cau 9: Tim ménh dé dang.

T rad :|- E
) | arad =1°
A. . B.
xrad =60° arad =180
C. . D.
, 135°
Cau 10: S6 do radian cua géc la
x 3 P i
6 4 3 2
A. . B. . C. . D.

Cau 11: Trén duong tron ban kinh bang 5, cho mét cung tron cé d6 dai bang 10. S6
do radian cua cung tron dé la

2 3 1 4
A, . B. . C. . D. .
S_JT
4 3 el K
Cau 12: Cung c6 sb do rad doéi sang don vi do bang
300° 5° 600° 270°
A. . B. . C. . D. .
i 3t
4 16 4
Cau 13: Gbéc cd sb do c6 s6 do theo do la
33°45" -29°30" - 32°55" - 33°45"
A. . B. . C. . D. .
7 rad
4 4 12 s d
Cau 14: Néu mot géce cé s6 do thi s6 do cua goéc dé khi dbéi sang don vi do,
phut, giay la
45° 75° 55° 65°
A. . B. . C. . D. .
R =10cm 4(°
Cau 15: Mot duong tron c6 ban kinh . D6 dai cung trén duong tron gan

bang:



7cm 9cm llecm 13cm

A. . B. . C. . D.
9(cm)
Cau 16: Cho duong tron c6 ban kinh bang . Tim s6 do (theo radian) cta cung
32 (cm)
c6 do dai
i 2z i i
3 3 4 6
A, . B. . C. . D.
Cau 17: M6t dudng tron cé ban kinh 30cm. Tinh d6 dai clia cung tron trén dudng
2,5
tron dé c6 so do
7,5¢cm 0,83cm 75¢m 12¢m
A. . B. . C. . D. .
>
R o o3 24
Cau 18: Tinh ban kinh  clda duong tron biét rang cung cé s6 do  rad dai cm.
R =4,0 R =4,6 R =14,4 1,6
A. cm. B. cm. C. cm. D. cm.
6 ] 3
Cau 19: Cho duong tron cé ban kinh  c¢cm. Tim s6 do (rad) cla cung c6 d6 dai cm.
1 0,5 2 3
A. . B. . C. . D.
72 ,
Cau 20: M6t banh xe cé rang. S6 do géc ma banh xe da quay dugc khi di chuyén
10
rang la
30° 40° 50° 60°
A. . B. . C. . D. .
R =12cm 60’
Cau 21: MOt dudng tron c6 ban kinh . Tinh d6 dai cla cung trén duong
tron gan bang
2cm 4em 6.28cm 12.56cm
A. . B. . C. . D. .
Cau 22: Mot dudng tron cé ban kinh 15 ¢m Tim d6 dai cung tron cé géc 6 tam béng
30° 13
> z 2 >
A. 2, B. 3. C. >. D. 3.

Cau 23: M6t déng hé treo tudng cé kim gio dai 10.57em. Trong 30 phat mai kim gid
vach Ién cung tron cé d6 dai bang bao nhiéu?



5 5
mﬂﬂ’(cm) 1057 7(em)

A. 1200 B, 2400°

S 5
]Dﬂ;r(m?] 1057 7(em)

C. 600 D. 4800°

Cau 24: Banh xe dap c6 dudng kinh 22 ( k& ca I16p). Néu chay Vi van téc
40km/h gy trong 258 panh xe quay dugc sé vong gan bang véi két qua nao

dudi day?
A. 52, B. 161, C. 322, D. 200,
Cau 25: Kim gid cia déng hé dai 8™, kim phat dai 9™ Téng quang dudng mii
kim phut, kim gi¢ di dugc trong 30 phut bang
», v, 0, 2,
A. 3 . B. 3 . c. 3 . D. 3
Cau 26: Trong cac hé thic sau day, hé thirc nao dung?
A. Sin’ x+cos x =1 B, sinx’ +cosx’ =1
C. sin2x+cos2x =1 D. sin’ x+cosx’ =1

Cau 27: Tim khang dinh sai? (vdi diéu kién cac hé thic da xac dinh)

| T .
EDS‘ ?+t’{' ‘ =&lncr

A tan (7 + r) =taner B
C cot(- @) =- cotax o sin(7- @) =sina
S
Esr-t:rrr-:T
Cau 28: Cho géc ¢ thdéa méan < . Khang dinh nao sau day sai?
. y
A, tana <0 B, cota>0, (C, sina>0, D. cosa >0
T
E‘:Cf <.T
Cau 29: Cho . Két qua dung la
A sin >0, cosa >0 B sina <0, cosex <0
C sina >0, cosa <0 D sina <0, cosa>0
g
O<a<—
Cau 30: Cho 2 . Ménh dé nao sau day sai?

A. sinfar +1) < D.B. cos{cr +.7) > D.
C. tan{7- r) = D.D. cot{T- ) {D_

7

T ea<or
Cau 31: Cho * Xét cau nao sau day dung?
A. cosa >0 B. sma>0 ¢, tana>0_  p, cota>0_

0<a<%.
Cau 32: Cho “ Khang dinh nao sau day dang?
A. tanar = 0,cotar = 0. B. tan a = 0,cot er < 0.

C. taner <0, coter < 0, D. taner <0, coter = 0,



tan :l
Cau 33: Cho biét 2 Tinh cota

cota :l
A. cota =2 B.
cotax =l
C. 2, D.cota=v2,
Cau 34: Tim khang dinh sai trong cac khang dinh sau day?
A. tan45°% < tan 60° B. cos45" =sin45%
C. sin60° <sin80°7 D. cos35 >cosl0®

Cau 35: Trong cac dang thdc sau, dang thic nao dang?

NS

cos150° =

A. T B, cotlS0" =3
tan150° =- n sin150° =- E
C. NEy D. 2
J
tan —
Cau 36: Giatricia © Ia
V3 B
A 3. B. 3. c 3. D. -3,
. T '
SN e :; ?{t’{' <.T
Cau 37: Cho . ', gid tri cha “°*“ bang
4 4
CoOscf =- — COSf =—
A. 5. B. 5,
2 2
COsS ¥ —— COsScf == —
C. 5, D. 5,

Cau 38: Hay chon két qua sai trong cac két qua sau day:

cos(- az) =cos e sin(7 + &) =sin e

A. B.
cut‘. T ‘ =tan &
tan(7r- @) =- tan El -
c, tanlr-a) . p. '2 |
A =cos| - ,}1
Cau 39: Dbon giadn biéu thirc ' 7, taduogc:
A. cosa B. sina C. cosa. D. - Slna

§=3-5sin"90" +2cos” 60° - 3tan’ 45°

Cau 40: Gia tri cta biéu thic bang
1 1
A. 2, B. 2, C. 1 D. 3

Cau 41: Cho ¢ la s6 thuc bat ky. Chon khang dinh dang trong cac khang dinh sau:
A. sina +cosa =1 | B. sin’ a+cos'a =1

C. sin‘a+cos‘a=1 D. sina+cos’a =1



3T
T<a<—.

Cau 42: Cho 2 Ménh dé nao sau day diang?
A 51n(,?+rr)-=[]. B. sin (7 - r.r)-:[].
C. cos (7 - re)-::ll]l D. cns(,r+rr)==:[].
sin o _4
" Tz (90° 180" ,
Cau 43: Cho 5 (0" <a< }. Tinh €95,
4 3 5 3
COsSgf == — cCosa == — COsScf =—— Coscl =——
A. 5. B. 5.C. 3. D. 5
. _4 s
Sma—— —< <o
Cau 44: Cho S véi 2 . Tinh €8¢ 2
! 3 3 4
A. 5. B. 5. C. 5J. D. 5.
Cau 45: Cac dang thic nao sau day déng thoi xay ra?
. V2 S5 . NG NG
sSmao = COSF—— sSsma = COSf———
A. 3. 3, B. 5 5
; 4 -3 ) 3 _
SN =— Ccosa—— s =—— COSO——
tan o :l P :'} — s e :
Cau 46: Cho 2 Gia tri cha bidu thie 28I @+3cos a |y
S ! S !
A. 26 B. 3. C. 20, D. 3.
Cau 47: Biét tana =2 y3 180° < <270° . Gia tri sina +cosa pang
35 35 V5-1
A. 5 . B. -5, c. 2. D. 2
3
cota =— Do 9[}0
Cau 48: Cho g6c ¢ thda 4 va V<<% khang dinh nao sau day dang?
4 ‘ . 4
cosar =—— sma =— SINcy == — COScf == —
A. 5. B. 5. C. 5. D. 5.
Cau 49: Tinh S ==~ 5 +sn 107 s 15" + .81 8 +s81n” 85
19 1
A. 2. B. 8. C. 2. D. 9.
) cosct +cos(ar + %}+ cos(er +3%}+... +cos(ar + g%}
Cau 50: Vdi moi géc ¢, biéu thic - - = nhan

giéa tri bang
A. 10 B. - 10 C.1 D. 0



C&u 51: Trén mat phang Oxy, cho diém M di déng trén dudng tron lugng giac (tam

e _ A(1;0)
9y sao cho sd‘{M —% i '
nhat cda "¢ va ¢ Tinh 7 =4*P,

A. -2 B. 0, C. V2. D. -1,

2cos’x- 1

. ; .a, b . s i Lo
va V= =T Goj 1&n luot 1a gid tri nho

A= ,
Cau 52: RGt gon biéu thirc  sinx+cosx | ta dugc két qua

A. A =sinx+cosx B. 4 =cosx-sinx

C. 4 =cos2x-sin2x D. 4 =cos2x+sin2x

Isinx- 2cosx
M=

Cau 53: Biét WY =2 gi4 tri cla bidu thic SCOSXHTSINY pap .
4 4 4 4

A. 9. 9.
\I +5in e \,I— sin e
0<a<— -
Cau 54: Cho 1- sin o 1+sin e

2 2 2

c. 19, D. 19,

A. cosc . B. cosa . C. sina | D. sina

. 1 2
—<u sin =— cosfi =- —
A . . . « f < .
Cau 55: Cho céc géc “, P thda man 2 , / ﬂ, 3, 3 Tinh

sin (e +,‘J’)

2,10 -2

9

J‘+4J‘

sin(e + )=

T}
sin(er + ) =- ﬂ

A. : :
sin (e + ) 2@
C. 9 : D.
‘Dang @®: Cau trac nghiém duang, sai

sin(er + ) =

Cau 1: Xét tinh dung/sai cla cac ménh dé sau:

I = rad: Irad ‘ISD
a) 180
b) M6t cung cla dudng tron ban kinh R va c6 s6 do @ rad thi c6 do dai
| =7Ra
c) Vi ba tia Ou,Ov,Ow bat ki, ta c

sd (Ou,0v) + sd (Ov, Ow ) =sd (Ouw, Ow) + E360 ’ kthuéc <6 nguyén

d) Cho @4 =5cm  Chu vi hinh vé sau day 107



Cau 2: Xét tinh dung - sai cla cdc ménh dé sau:

a) Cho géc hinh hoc Hov =75° Cong thirc s6 do téng quat cia goéc lugng giac
(Ou, Ov) |y 75 +k300° kEZ

(0x,00) g 5 g0 50° va mot géc lugng giac
(Ou.ov)

b) Cho mot géc lugng giac

(0x.0v) g <5 g0 -125, 6 do cla goc lugng giac
175° +£360° k€ Z.

bang

c) Trén déng ho hinh dudi day, kim phat dang chi ddng s6 2. Dén lac 13 gio
30 phat thi kim phat da quay dugc mot géc lugng giac cé s6 do bang 4807

12 gi& 10 phut
d) Trong hinh dudi, cdnh quat dugc chia thanh 3 phan bang nhau.
Hop =28° Cong thuc

s6 do téng quat cla gdc lugng giac (Ox, 0C) bang - 148" +k300"

Cau 3: Xét tinh dung - sai cac phat bi€u sau

a) Goc lugng gidc cé s6 do @ (rad) thi moi géc luogng gidc clng tia dau va tia
cudi véi né cé cong thirc téng quét cla s6 do 1a @ +k27



b) Cho géc |u'qng giéc (O.X‘,Ou)

(Ox,00) c6 s6 do 120 thi sG do clia cac gdc lugng gidc c6 tia dadu Ou | tia cudi
Oov |3 - 120° +£360° ke Z

cé s6 do -240° va mét géc luong gidc

d AM =2

sd AM =—

c) Trén dudng tron lugng gidc goc 4, cho diém M xéac dinh béi 4,

Goi M |3 diém d6i xtng clla M qua truc Ox . s¢ do cla gdc lugng gidc cé tia
i 57n

dau 04, tia cusi OM '13: 4

d) Trong mat phdng dinh huéng cho tia O va hinh vuéng O4BC yé theo

chiéu ngugc véi chiéu quay cla kim déng ho, biét sd
- =30" +£360° k " . a o

(Ox,04) =30 +E360°, k EZ. Khi dé sd (Ox,BC) béngzm +h360°. heZ

Cau 4: Cho mét goc lugng giac (O

(Ox,0v)

c6é s6 do 250" va mot géc lugng giac
c6 sb do
-270° | Xét tinh dung - sai cla cac phat biéu sau:

a) S6 do géc lugng giac (Ou.0x) bang - 250" +k300° k€Z,

b) S6 do géc lugng giac (Ov.0n) bang 2707 +k360°  k€Z,

c) S6 do mét gbc lugng giéc (Ou,0v) bang 20"
J

(Ou, Ov)

d) S6 do mot gbc lugng giac theo don vj radian bang 9,

Cau 5: DGi s0 do cla cac goc sang radian. Cac ménh dé sau dang hay sai?

30 =2
6
a) rad
15) _1
T | 12
b) rad
132 =12
15
C rad
3
_495 —- 137
4
d) rad

Cau 6: DGi s6 do cla cac gbc sang do. Cac ménh dé sau ding hay sai?

-

T rad =135
4

a) ;



n

- rad =-0,
360

rad =27
) ;

- dprad =-229,18
d)

Cau 7: Biéu dién goc lugng giac trén duong tron luong gidc. Cac ménh dé sau dang
hay sai?

15 oM .y
a) la diém thudc goc phan tu tha tha i

405 N \
b) la diém  thubc géc phan tu tha 1l

197

3 . P . .
C) la diém  thudc gbéc phan tu tha i
B

6 0
d) la diém  thudc géc phan tu thi IV
Cau 8: Biéu dién gbc lugng giac trén duong tron lugng gidc. Cac ménh dé sau diang
hay sai?

a) 30 +k300.K€Z |5 qim M thudc gbc phan tu thi 7
-00 +K180 ,keZ . MM, ) 17 i
b) la cac diém thudc géc phan tuth  va

Tk kez
4 .M . B R i
C) la thudc goéc phan tu thu
-Zaikl ez
f 3

d) la bon diém thudc géc phan tu tha

M,N.P,O ILH IV

1=

Cau 9: Cac gbc c6 cung diém biéu dién trén duong tron lugng giac:



a) 1127 ,- 313

1127 ,- 674
b) ;
olr 197
5 5
C)
6lr 237
57 4
b)
Cau 10: Cac gbc cb cung diém bi€u dién trén duong tron lugng giac:
756 ,-324
a)
-324 .36
b)
36,216
C) ;
Aa 157
777
b)

Cau 11: Trong hinh vé bén, ta xem hinh anh dudng tron trén moét banh lai tau thuy
tuong ing véi mot dudng tron lugng gidc.

) (OA,0B)
a) Cong thuc tong quat bi€u dién goc lugng giac theo don vi radian:

(0A4,0B) :%+klﬂ[k5 Z);

b) Céng thirc téng quat chi ra gbc lugng gidc tuong ng vaGi bon diém biéu dién la

Ja
A,C.E.G ks (ke Z)
theo don vi radian la



c) Coéng thic téng quat chi ra gbc lugng gidc tuong Ung véi hai diém biéu dién la
AE K180 (k€ Z)
theo don vi do la:
. (04, 0C)+(OC,0H)
d) Cong thic té6ng quat biéu dién gbc lugng giac theo don vi
radian:

§+ﬂ:mem

Cau 12: DGi s6 do cac gbéc sang don vi radian:

90 =£rrm’
2
a) ;
75 —Sirmf
12
b)
95
750 =7 rud:
o]
b)
f )
- ‘ l‘ =- L."rm"
| T 36
d)

Cau 13: Biéu dién cac goc lugng giac c6 sO do sau day trén duong tron lugng giac.
Cac ménh dé sau dung hay sai?

218

2 [ X 2 7 7 7 o Y A2 M N 7 N
a) Diém biéu dién cua goc lugng giac co s6 do la diém thudc goc phan tu
L . y . Hom =218
tha Il cua duong tron lugng giac thoa man
(g . A2 » X 2 7 [V4 7 ~ _405E \ " A2 N N Vé n
b) Biém biéu dien cua goc lugng giac cd s6 do la diém  thubc goc phan tu
) i . . 5 o Hon=-a5
th IV cua dudng tron lugng giac thoa man
2571
. A2 . A2 » X 2 Ve (V4 Ve ~ hY [ P A Ve n
c) Biém biéu dien cua géc lugng giac c6 sb do la diém thudc goc phan tu
Hop :%
th& | cia dudng tron luogng gidc thod man
157
e e e 2 k)
d) Biém biéu dién cua gbc luong giac cé sbé do la diém thudoc duong

Hoo=-"

tron lugng giac thod man



Cau 14: Da6i s6 do cac gbc sau day sang radian. Cac ménh dé sau ding hay sai?

]08 :SJT
5

a) rad

& -
| 6T ) 10
d) rad

Cau 15: Tinh duogc gid tri cac biéu thic. CAc ménh dé sau ding hay sai?

A :Lcns?a[] - 325in45 +cot4s =- 3
NE] 2

a) ;

] ] ] ii
B =sm- 060 +tan- 30 - 2 =- —

b) ;

b

T T 5
C=2sin—+3cos= ==
0 o 2

C)

d)

g
a=—+k21
Cau 16: Tinh dugc cac gia tri lugng giadc cla goc 3 (biét k€ Z), C4c ménh
dé sau didng hay sai?

sinar =- £

. , , a=Z+2k+)T
Cau 17: Tinh dugc cac gia tri lugng gidc cla gdoc 4 (biét k€Z), Cac
ménh dé sau dung hay sai?



N|

Sing =
a)

CcoSa :é
b) 2
C) tana :'1
d) cota =-1

Cau 18: Cho 0 <@ <90  xét dugc dau cla cac bidu thic sau. Cac ménh dé sau dung
hay sai?

A =sin (e +90 ) >0

a) ;

B =cos(c- 45 )>0
b) ;

C =tan (270 - &) <0
c) ;

D:cns(ErH'?JD )::-EI
d)

sin e :E_EDS(‘{ =- 4 A zsin‘ 11 o | +sin(T+ x)
Cau 19: Cho biét 3 3. Va céac biéu thic: . ;
B =cos(T- rr}+|:nt‘ ;— rx‘
\ < . Khi dé

a) A =cosa-sina
b) 8 =cosa +tana

"
A+B :i
C) 20
n

4-B=-2

d) 20

. 3
simnx =- —
Cau 20: Tinh dugc cac giad tri lugng gidc con lai cia gbéc X, biét: 3

3T
T<x<— . ) _
2 . Ca4c ménh dé sau ding hay sai?

a) cosx >0

4
cosx =- —
5

b)

tanx =
C)

(USSR S

cotx =

d)



COSX ——
Cau 21: Tinh dugc cac gia tri lugng gidc con lai cia géc X, biét: 4 voi

0<x<Z .
2, Cac ménh dé sau dang hay sai?

a) sinx<0

5in x =- JE
b) 4
c) tanx :JG
|

coty =- —

d) Jis

Scotx+4tanx 2sinx+cosx
A = A=

Cau 22: Cho tanx =-2_ Tinh dugc cac biéu thirc ' Scotx- 4tanx  °  cosx- 3sinx ,
Cac ménh dé sau dang hay sai?

cotx =-

b2 | =

a)
b) Vi tanx =-2 nan cosx =0
21

) 1

Cau 23: Cho cotx =2 Tinh duoc cac biéu thic
2sinx +3cos x 2
Bl =— ! ‘_B: = _ :
3sinx- 2cosx cos” x- sinxcosx , C4c ménh dé sau dung hay sai?

~cotx =2 sinx #0
a) Vi nén

b) Bl =-R8
C) Bg =-5
d) BI +B: =-13

Cau 24: T mot vj tri ban dau trong khoéng gian, vé tinh X chuyén dong theo quy
dao la mot dudng tron quanh Trai Dat va ludn cach tam Trai bat mot khodng
bang 9200/km  Sau 2 gid thi vé tinh X hoan thanh hét mét vong di chuyén.

X =28902,65( km).

a) Quang duong vé tinh  chuyén dong dugc sau 1 gio la:

X =43353,98( km)

b) Quang duong vé tinh  chuyén dong dugc sau 1,5 gid la:

. X . ) _ 240000km

c) Sau khoang 5,3 gioc thi  di chuyén dugc quang duong

d) Gia s vé tinh di chuyén theo chiéu duong cla duong tron, sau 4,5 gio thi vé

O

2
tinh vé nén mot géc rad?



T

O<a<—
Cau 25: Cho 2 | Xét dugc dau cla cac biéu thic sau. Cac ménh dé sau duing

hay sai?

A=cos(x+m1)=0
a) ;

B =tan{cx- 1) =0
b) ;
. ne )
C:sin‘ :’e+%|-:0

) ;

3T
D:cns‘ - ?‘ =)

d)

| (o

COsSX =-
Cau 26: Tinh dugc cac gia tri lugng gidc con lai ctia géc *, biét: 13

)
<
Q

180 <x<270  C4c ménh dé sau ding hay sai?

a) sinx<0

12
tanx =—
5

b)

5
cotx =—

C) 12
!'}

5inx- CcOSx =- —

d) 13

Cau 27: Tinh dugc cac gia tri lugng gidc con lai cta géc X, biét: 3 Vi
E‘Cl‘ <. , N .
, Cac ménh dé sau dung hay sai?

a) cosx<0

sin x =-
C) 10

5INx + CoOsx =- @
d) 3

b g
- —<a<(
2

singy =-
Cau 28: Tinh dugc cac gia tri lugng gidc ctia goc ¢, biét:
ménh dé sau dung hay sai?

.9
Cos & =—
16

J7
4

. Cac

a)



cosc ==

|

Lad

cotlaxy =- ——=
c) \ﬁ
167

tan cr +cot o = ——
d) 23

~ tana =2,0 ca<l
Cau 30: Tinh dugc cac gia tri lugng gidc cia géc ¢, biét: 2. Khi @6

1
cota =—
a)

cos @ =

b)

COsdar ==
C)

 wuft -

. 24/5
sina =

d)

hn

o

siner = <<

| b
b | X

Cau 31: Tinh dugc cac gia tri lugng gidc cta géc @, biét:
ménh dé sau ddng hay sai?

a) cosa <0

R ; ; ; B . B ’ cosdar =- —,—Bi-::’-r-:—,r
Cau 32: Tinh dugc cac gia tri lugng giac cta géc ¢, biét: 4 2
Cac ménh dé sau dung hay sai?



a) sina <0

sin o =-

5
) ! I;anrx:“m.x-:ﬁe.:gi
Cau 33: Tinh dugc cac gia tri lugng giac cla géc ¢, biét: 9 2 . Céc
ménh dé sau ddng hay sai?

9
cota =

a) 2410

9
cose =- —

b) 11

cosa <0

c) sina <0

5
singr =- 2410
d) ¥
T
. cota =2 +10<a <=
Cau 34: Tinh dugc céc gid tri lugng gidc cua géc ¢, biét: 2. Céac
ménh dé sau ddng hay sai?
coscx >0

a) sing >0

b) tancr :J2_+ 1
2-2
2
Coscr :2+—\E
d) 2
‘Dang ©: Cau trac nghiém tra 16i ngan

siner =
C)

Cau 1: Trén duong tron lugng giac lay diém M sao cho (04,0M) =40 Goi M’ doi

, . " A s . . ., \o4,0M ) .
xung véi M qua goc toa do. Khi do s6 do cua gdéc lugng giac ( ) bang

A. 40 +k360 B. 140 +k360 C. 220 +k360 D. 50 +k360
2 g
COSdH == — —<a<.TaT .
Cau 2: Cho 5 véi 2 . Khi d¢, tana pang:
Sl V21 i A
A. S B. 2. Cc. 2. D. >

Cau 3: Cho fana+cota =2 Khj g4, tan’ a+cot” « bang:
A. 8. B. 4. C. 16. D. 2.



Cau 4: K&t qua thu gon cla biéu thic

A =sin(T+ x)+ EDS‘

' (3T
- x|+cot{2T- x)+ tan‘ TH—

k3| 5

" la:
A. -2cotx B. 2tanx_ C. 2sinx D. -2sinx

y _sin* e - 2sina -cosa

Cau 5: Cho tana =2 Khij d4 gia tri cla biéu thirc cos’a+3sin @ ping:
A. 4. B. 0. C. 1. D. 2.

Cau 6: Cho luc gidc déu 4BCDEF ngj tiép trong dudng tron lugng gidc (th tu di tur
4 dén céac dinh theo chiéu ngugc chiéu kim déng hd). Tinh s6 do cla céac
g6c luang giac (04:0B).(04,0C),(04,0D).(04,0E),(04,0F)

Cau 7: Hoan thanh bang sau:

S6 do 20 ? 150 500 ? ?
do
S6 do ? 1z ? ? -57 17
radian N 6 15
Cau 8: Trén dudng tron lugng giac, xac dinh diém 9 pigu dién cac goéc lugng giac co
sO do sau:
i
a) 6
-5
b) 7
c) 270 ;
d) -4155_
Cau 9: Mot dudng tron cé ban kinh 20m  Tim d6 dai cla cung trén dudng tron dé cé
so do la:
2;7
a) 7
b) 36 .
Cau 10: Da6i s6 do cla cac goc sau day sang radian:
a) 15 ;
b) 65 .
c) - 105 ;
=
d ' 7).

Cau 11: DGi s6 do cla cac goc sau day sang do:
a) 6;



b) 15
) 1974
c 8
5
d) 3.
Cau 12: Xac dinh s6 do cla cac goc lugng giac dugc biéu dién trong moi hinh dudi
Yo =~
day. Biét trong cac Hinh ab,c ¢4 4 trong cac Hinh d, e, g c6

€D =82

:

d)

Cau 13: Hay tim s6 do @ cla géc lugng giac (901 ygi -7 <a<x | it moét géc
lugng gidc cung tia dau Om va tia cubi 97 ¢ s6 do la:
36
a) 5 ;
s
b) 14
397
c) 8
d) 20237

Cau 14: Cho mét géc lugng giac cé s6 do la 375 .
a) Tim s6 16n nhat trong cac s6 do cua géc lugng giac cung tia dau, tia cudi
vGi goc dé ma cé s6 do am;
b) Tim s6 nhd nhat trong cac s6 do cla gbc lugng gidc cung tia dau, tia cudi
v@i goc dé ma c6 s6 do duong.

Cau 15: Viét cdng thic téng quéat cla s6 do géc luong giac (901 qusi dang
a +k360 (k€2 ygi 0<a<360 pj&t mot géc lugng giac véi tia dau Om | tia
cuéi On ¢ s6 do:



b) -450 ;
c) - 1440 .
d) 7345
Cau 16: Biéu dién cac gbc lugng giac sau trén duong tron lugng giac:
a) - 1965 .
4871
b) 5

Cau 17: a) Géc lugng giac -245 ¢ cung diém biéu dién trén dudng tron lugng giac
v@i géc lugng giac nao sau day?
=005 ;=65 ;115 ;205 :475.
2471

b) Géc lugng gidc 5  cb cung diém biéu dién trén dudng tron lugng giac
vG6i géc lugng giac nao sau day?

_lor o 14x 297 337
57575 75 710
Cau 18: Trén duong tron lugng giac, hay biéu dién cac géc lugng giadc cd sé do cb
dang la:
T vkalke)
a) o

Triliken
b) 4 2 .
Cau 19: Trong hinh bén, cac diém M,4,N tao thanh ba dinh ciia moét tam giac déu.

Vi tri cac diém M>4-N tran dudng tron lugng giac c6 thé dugc biu dién cho
géc lugng gidc nao sau day?

2 2
Tkl ke, - r+kZked) - L+kL(keD).
3 3 3 3 3



Cau 20: Cho ba diém M-N.P 1an |ugt 1a céc diém bidu dién trén dudng tron lugng
S kR lsnma+kake?) ,
giac cua cac goc lugng giac cd sé do 2 . Tam giac
MNP |3 tam giac gi?
{,:
Cosx =- ;('?JD <x <180 )
Cau 21: Cho 13

Cau 22: Tinh céc gia tri lugng gidc clia géc ¢, néu:

. Tinh c&c gia tri lugng gidc con lai cta géc *.

) 4 3T
sma =- — T <—
a) 5 va 2.
11 T
cosar =— O<a<—
b) 61 va 2;
15
tana =- —
C) 8 V‘a =00 <90 :

d) cotad =-2.4 5 -180 <a<0

Cau 23: Biéu dién cac gié tri lugng gidc sau qua cac gia tri lugng giadc ciia goc cé s6
Ja

dotir 0 dén 4 (hoactir 0 dén 45 ):

a) sm(- 1693 };

10037
COs

b) 3

c) tan885 .

53:1"
10 )

cot

d)
im
T<d<— i . 3 ., ) .,
Cau 24: Cho 2 | Xac dinh dau cta cac gia tri lugng giac sau:

a) cos(a +.-fr);

g

sin ‘ — -

by '2

' x|
tan | a + —

. 2
c) /

' T
cot|a- —
2

d)

- |
COs| L+ —

21.
e) \ /s

9) sin(7 - 2a)



. 3 JT
N L Sllla:_ Y _<G<JT Ve .7 " 2 Ve " A2 7
Cau 25: Biét 5va 2 . Tinh gia tri cua cac biéu thuc sau:
3sina
A=——"" "
a) 2cosa - tan«
5= cot® @- sine
b) tan cr+ 2 coser |

Cau 26: Cho sina+cosa =m_ Hay tinh theo .

a) sinacosa.
b) sin’ a+cos’a
c) sin*a+cos*a

. |
sing = ae

Cau 27: Cho 3 véi

Jr
— T

Tinh cosor, tanor, cot o

Cau 28: R4t gon biéu thic 4 =2 cos® x- sin” x +sin” x cos” x +3sin’ x
T
Cau20: Cho 2 "7 qipp sinxcosx.tan
Cau 30: Cho tanx =-2 Tinh gi4 tri cia mbi biéu thirc sau:
4 :35in x-5cosx

a) 4sinx+cosx

5 _ 2sin’ x- 3sinxcosx- cos’ x
b) sin” x +sinxcosx

Cau 31: Tinh:

v fT 3 3;I.r 3 Sf-l.r 2 ?f-lr

A =c08" — +C08" ——+C0S" —— +C0S

a) 8 8 8
. .-T . EHT . gf—'-r

B =sin —+ s8N —+--- 450 — g
b) 5 5 5 (gém 9 sé hang);
c) € =tanl -tan2 tan3 ---.-tan89 (gém 89 thira sb).

T

SIN¢f +COS ¥ :I—
Cau 32: Cho 3 v 2 . Tinh:

a) A =sina cosa

b) B =sina- cose
c) € =sin’ @ +cos’
d) D =sin" @+cos” &

Cau 33: Rat gon cac biéu thic sau:



| 5 | ' |
cos(ar+.1)+ sm‘ r.r+T‘ - I;an‘ :’5+T‘ tan(.T - )
a) | L) | £

T C o . , T
= :’r‘sm[ﬁwx}— sinf 27 - r:}l:ns‘ G- T‘

cos

b)
Cau 34: Tinh gia tri cla cac biéu thic sau:

a) sinl7 sinl97 +sin73 cosloe3 .
I I

+
b) 1- tanl45 I+tan35 |

Cau 35: a) Cho tana+cota =2 Tinh gia tri cla biu thic tan a+cot'a,

sines +Ccoser = . ) ]
b) Cho +, Tinh gia tri cha biéu thic smnacosa

) —

SIN ¢ +C0scr =

c) Cho

Cau 36: Cho tanx =2 Tinh gid tri cla cac biéu thic sau:

b | =

. Tinh gia tri cta biu thic sin’ @ +cos” a

Isinx-4cosy

a) Ssinx+2cosx

sin” x+2cos” x

b) 2sinx+3cosx

Cau 37: Mot vé tinh duoc dinh vi tai vi tri 4 trong khéng gian. Tt vi tri 4, vé tinh bat
dau chuyén dong quanh Trai Dat theo quy dao la dudng tron véi tam la tdm
O cla Trai Dat. Gia s vé tinh chuyé&n dong hét mot vong clia quy dao trong
2h theo chiéu kim déng hé. Khi vé tinh chuyén déng dugc 3%, ban kinh cua
vong quay quét mot géc lugng gidc c6 sé do bang bao nhiéu? (Tinh theo don
vi radian).

Cau 38: M6t chiéc quat tran nam cénh quay véi toc dé 175 vong trong mét phut.
Chon chiéu quay cua quat la chiéu duong.
a) Sau 5 giay, canh quat quay dugc mot géc cé sé do bao nhiéu radian?
b) Sau thdi gian bao 1au cdnh quat quay dugc mot goc cé s do 42772

Cau 39: Trong chang dua nudc rut, banh xe cla mot van déng vién dua xe dap quay
dugc 30 vong trong 8 giay. Chon chiéu quay cla banh xe la chiéu duong. Xét
van ¥ cla banh xe.

a) Sau 1 phuat, van ¥V dé quay dugc mot géc cé s6 do bao nhiéu radian?



b) Biét rang ban kinh clia banh xe 1a 33¢m Po dai quang dudng ma van
dong vién dua xe dap da di dugc trong 1 phut la bao nhiéu mét?
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|”l Tom tat kién thuc

@. Cong thuc cong

tana +tanh
etan(a+b) =— 4T EAT
l- tanatanb
tana - tanb
etan(a- b) =— 2~ 07
l+tanatanh

(khi cac biéu thic déu cé nghia).
@®. Cong thuc nhan doi

sin2a =2sinacosa;

[ ]
e c0sla =cos a-sin” a
2tana
tan2g =—————
P l-tan"a

(khi cac bi€u thic déu cé nghia).
©. Cong thuc ha bac

5 l+cos2a
Cos™ a :f:’
’ Fi
- l- cos2a
5IN- a :f'
’ s

0. Céng thuc bién dai tich thanh téng
s cosacosh :%[cns{a+ b)+cos(a- b)]
*sinasinh =- %[cns{a+b}- cos(a - b)]
*sinacosh :%[sin{a +b)+sin(a - b)].

©. Cong thuc bién déi téng thanh tich

i+ =

*COosy +CosSy =2 008

L HEVY , W=V u+v
*COSy - COSY == 2sIn

. . . Htv
cos 5 . -51nu+51nv:251nTcns

sin——; -sinu-sinv:kDETsin

*sin(a +h) =sina cosb+ cosasinb;sin(a- b) =sinacosh- cosasinh:

u=wv

H- v
2

®cos(a+bh) =cosacosh- sinasinb:cos(a- b) =cosacosh +sinasin b;




®. Phan dang toan co ban

‘Dang @®: Tinh gia tri cia cac bi€u thic chia gia tri luogng gidc
=Cac vi du minh hoa

Cau 1: Cho @nla+b)=3.tan(a- b) =2 i, tan2a.tan2b

sinag =

Cau 2: Cho

':?'| (=]

Tinh ©°s 2a.cosda

cos2x =

1
Cau 3: Cho 4 Tinh:
' | ' | | Tl . | |
A :cns‘ .r+_‘|:ns‘ x- _‘;B :sm‘ _r+_‘51n| x- —‘
. O ) | O | j) | 3
Cau 4: Khong dung may tinh cam tay, tinh gié tri clia cac biéu thic sau:
sin —

a) 1

s T
COS —— +C08 —

b) 12 12
S

L
SN —5I0 —
) 24 24

Cau 5: Khéng dung may tinh, hay tinh:
a) c05165’;

T
tan —
12

b)
Cau 6: Tinh gid tri cla cac biéu thic sau:

. 1lr ST
A=cosT75 -«cosl5: B =sIn TCDST'

Cau 7: Khéng dung may tinh, tinh gia tri cta bi€u thirc sau

. T . AT
sin + 51N
4= 9 9
T b
COs —+C0s
9 0
. 1 Jr
= A Slna:_ N _{a{'ﬁ- ~ Ve Ve .7 . .7 el Ve
Cau 8: Biét 3va 2 . Hay tinh céc gié tri lugng gidc cta goc 24,

Cau 9: Khong dung may tinh cam tay. Tinh gié tri cla cac biéu thic sau:



417 137
b) 12 12

tan T & tan Sl
7 28
3T

0.
l+tan 4 tan 5
c) 7 28

Cau 10: Khong st dung may tinh, tinh cac gia tri luong gidc cta géc 105 .

Siﬂa‘:E . E{C{{R’ ; ; R , 5 ,
Cau 10: Cho 13 va 2 . Tinh gia tri cla cac biéu thic sau:
a) cosa .
. T
51N ‘ o+ —
b)
' T
‘ran‘ o+ —
c | 4
S 1 ;
e z 4 . . 7 2 7z e CDSH(?_-'}_ hY 0<a<_
Cau 11: Tinh cac gia tri lugng giac cua goc ¢, biét 25 va
‘Dang @: Gia tri lugng giac cua goc luogng giac
tCac vi du minh hoa
R (a+2b) =2 ) . . I;:sz_a+a':r]|tan.l‘1:i
Cau 1: Cho C0sla+2b) =2C05a  chiing minh rang: 3,

Cau 2: Cho tam giac 48C, chiing minh rang:

a) tan 4 +tan 5 +tan C =tan 4 tan 5 ‘tan C
(vGi diéu kién tam giac 4BC khong vuong);

A B B C C A
tan — -tan — + tan — ‘tan — + tan — -tan — =1
7 2 3 2 2 2

b) < < < < < <
Cau 3: Chdng minh cac dang thic lugng giéc sau:

sin(60 + e )- sin(60 - ) =sin o

a) ;

_ R 3 1
SIn” 7 +cos” o =—+ —cosda

b) 4 4 :

<) sincz(2cosder +2cos2ex +1) =sin 5ex .
cos(cx - ) l+taneatan

d) cos(a + ) 1-tanatan

Cau 4: R(t gon cac biéu thic sau:



SIN e +5in 2er

a) l+cosa+cosla

s ' s '
cos| — +e|-cos| - &
| 4 _ | 4 |

N | . (T '

sin h +a |- sin 2 a

b) - ; '
sin”

4-4sin? &
c) 2

Cau 5: Chiing minh dang thic sau

. B | 3 1
sin"ag+cos g =l- —sin” 2a =—+ —cosda.
2 4 4

Cau 6: Tinh gié tri cia cac biéu thic sau:
N P SR '
A =sIn —- sIn —+s1n—
a) 9 9 9

b) B =sin6 sin42 sin 606 sin78

Cau 7: Ching minh rang:

. ' T
COSa-= SN a :ﬁCDS‘ i +—‘
a) | 4 |

. o bl
SINag ++J3C05a :251n‘a+§‘

b)

Cau 8: Chdng minh rang trong moi tam gidc 4BC ta déu co

: : : A B C
sinA+sinB +sinC :4c05?c05TcusT.

‘Dang ©: Ung dung

=Cac vi du minh hoa

Cau 1: Mot sgi cdp R dugc gan vao mét cot thang ding & vi tri cdch mat dat 14m
Mot sgi cap S khéac cling dugc gan vao cot dé & vi tri cach mat dat 127 | Biét

rang hai sgi cap trén cung dugc gan véi mat dat tai mét vi tri cadch chan cot
15 m (Hinh 3).



12 m

H 15m 0

Hinh 3

a) Tinh tana | & d6 @ la goc gitra hai sgi cap trén.
b) Tinh s6 do goc @ (lam tron két qua dén hang don vi theo don vi do).

Cau 2: Trong vat li, phuong trinh t6ng quat cla mot vat dao dong diéu hoa cho béi
cdng thic x[t|=Acos|wt+g), trog dé t 1a thai diém (tinh bang giady), x(¢t| 1a li d
clUa vat tai thoi di€m ¢, A |a bién dd dao déng (A>0) va ¢ €|—n; 7] |a pha ban
dau cla dao dong.
Xét hai dao dong diéu hoa cé phuong trinh:

Tt Tt

&x1(t)=2cos 3 (cm|

(Lx2(t)=2cos(£t—£)(cm)
3 3

Tim dao dong téng hop x|(t)=x1(t|+x2(t] va si dung cong thic bién d6i téng thanh
tich dé tim bién dd va pha ban dau cia dao dong téng hgp nay

©. Dang todn ren luyén
‘Dang @: Cau trac nghiém nhiéu phuong an lua chon

. 0
Cau 1: Tinh sin 103 ta duoc:
G- BB GeE GeaB
4 4 4 4
A. . B. . C. . D.
0
Cau 2: Tinh tan 105 ta duoc:
-(2+43) 2443 2-43 -(2-3)
A. . B. . C. . D. .
Cau 3: Rut gon biéu thirc: c0s34 " cos4” - cos30 cosS0 , ta duoc:
cos50° cos 58" sin 50" sin 58’
A. . B. . C. . D.

F'T !'T
cos(x+—)- cos(x- —)
Cau 4: Rat gon biéu thirc ’ ta duoc

\Esinx -&sinx J2 cos x -Jicos.r
. B. . C. . D. .

A.



377

cos ——
Cau 5: Gia tri cta biéu thic bang
J6+2 J6- 42 J6 +42 J2- 46
4 4 4 4
A. . B. . C. - . D.
A o M =cos(-53")sin(-337" ) +sin(307" )sin (113°) |
Cau 6: Biéu thuc cO gia tri bang:
! 1 R N
2 2 2 2
A. . B. . C. . D.

~ ) ., . sin(a—17").cos(a+13°)—sin(a +13").cos(a—17")
Cau 7: Rut gon biéu thuc: ,

ta duoc
1 1
sin 2a. cos2a. 2 2
A. B. C. D.
3z
COS ——
Cau 8: Gia tri ctua biéu thuic 12 bang
J6+2 J6-\2 J6+2 V2- V6
4 4 4 4
A. B. C. - D.
R ) ., ~ cos(120° - x)+cos(120° + x)—cosx . .
Cau 9: Rut gon biéu thuec: ta duoc két qua la
0. —cosx. —2 cosx. SIN X —COS X.
A. B. C. D.
Cau 10: Khang dinh nao duéi day SAI?
2sin"a =1- cosla cos 2a =2cosa- |
A. . B.
sin2a =2 singcos a sin(a +b) =sina cosb +sin b.cosa
C. . D.

~ M =cos” 157 - =17 157 L, .
Cau 11: Goi M =C0s 157 -sin 137 5.

ﬂ/f — M =—.
M =1. 2 4 M =0.
A. B. C. D.
2T ar b
COS —+ C05— + 005 —
Cau 12: Gia tri dung cua 7 7 7 bang
1 ) 1 1 1
2 2 4 4
A, . B. . C. . D.- .
| |
cosa =— cosh =—

Cau 13: Cho hai géc nhon ¢ va b Bist 3,



cos(a+b).cos(a- b)

Gia tri bang
113 115 117 119
144 144 144 144
A. B. C. D.
: 8 5
sing =—, tanb == Wb
Cau 14: Néu biét 12 va " qéu1a cac goc nhon va duong thi
20 20 21 22
220 220 221 221
A. . B. . C. . D. .
tan x =0.5; sin y _3 (0<y<90°)
A , x=0.5; siny = ] Ctan(x+y)
Cau 15: Néu thi bang:
2 3 4 5
A. . B. . C. . D. .
Cau 16: Goi 7~ AR WY gy,
_ sin(x +y)
M =tan (x- y). " cosx.cosy
A. B.
_sin(x- ) y — tanx- tany
B cns.r.cns;-' ' | +tan x.fan }-'
C. D.
. . M =cos(a+b).cosla- b)- sin(a+b)sin(a- b)
Cau 17: Goi thi:
M =1- 2cos’ a M =1- 2sin° a
A. . B.
M =cos 4a M =sinda
C. . D. .
. 1
sinx +cosx = .
Cau 18: Néu < thi 3'<* pang
3 ] V2 -3
4 8 2 4
A. B. C. D.
; ' T
sinrz:—3 E«:a«:;r PZEDS‘EQ—E‘
Cau 19: Biét 2 va 2 . Gia tri clia | "1
P :l P =- ﬁ
A. P=0 B. P=-1 c. 2. D. 2,

1+ sinder - cos dex

Cau 20: Bidu thic | FSINA +COSIA (4 1 g4 qua rat gon bang:

sin{a- b) _
la:



sin 2a cos2a tan 2¢x cot 2cx
A. . B. . C.

3- dcos 2o+ cosda

n o2 7 '} 7 ~ 2 7 B
Cau 21: Biéu thuc 3+ dcosla+cosdd co két qua rut gon bang:

- tan’ tan” o - cot’ a cot’ «
A.
D.
s sin® 2er + 4sin’ e - 4sin” ez.cos” @
Cau 22: Khi © thi bigu thic 4-sin”2a - 4sin” a c6 gia tri bang.
1 | | |
3 6 9 12
A, . B. . C. .
D.
tan — =2 . _
Cau 23: Néu b ihi bidu thire FSIMX +bCOSX e,
a+b a+b
a b a b
A. . B. . C. . D.
x 1 sin x
tan — =— _—
Cau24: Néu 2 2 thi gid tri cua biéu thic 2- 3cosx bang.
1 2 3 4
A. . B. . C. . D.
: 1 I +sin2x+coslx
SIn X == T 0 iy Ty
Cau 25: Biét 3 va 07 < x<I8074ps higu thie [+SIN2x- cosly g gia tri bang:
L -
22 242 -2 242
A. . B. . C. . D. .

A ] P =cos(120° +x)+cos(120" - x)- cosx L
Cau 26: Rut gon biéu thuc ta duoc két qua la:
0 - cosx -2cosx §IN X - COSX

A. . B. . C. . D.

cos10”.cos30°.cos 50" .cos 70°

Cau 27: Tich s6 bang
1 1 3 1
A. 16 B. 8 c. 16’ D. 4
. . A=sin’(a+b)-sin®a—sin"bh L
Cau 28: Cho biéu thuc Hay chon két qua dung
A =2cosa.sinb.sin(a +5). A =2sina.cosb.cos(a +b).

A. B.



A =2cosa.cosh.cosla+h). A =2sina.sinb.cos(a +5b).
C. D.

A M =5- 2sin’ x oy 3 N
Cau 29: Cho M =27 #811" ¥ kpi g6 gia tri 1é6n nhat cua M 1y

3 5 6 7
A. . B. . C. . D. .

q 2 “ R ya i =. : -= 2gi r N
Cau 30: Gia tri 16n nhat ctia bidu thic f =7C08 ¥~ 28I x 1y

-2 5 7 16
A, . B. . C. . D. .
Cau 31: Cho M =0C0S X +38I0°X i 46 gid tri 16n nhat cia M 1a
1 5 6 11
A. . B. . C. . D. .
n . A "4-} B: C N s 7 2 .7 ABC: . s
Cau 32: Biét la cac goc cua tam giac khi do.
sinC =- sin(4 + B). cos C =cos(4+B).
A. B.
tanC =tan (4 + B). cot C =- cot( 4+ B).
C. D.
A~ .~ ;LI,B,C N s s 2 .7 ABC: . s
Cau 33: Biét la cac goc cua tam giac khi dé.
A+ B C | A+ B | C
Cos =C0s —. Cos =- COS—.
2 2 L2 ) 2
A. B
tan A+5 :thE. cot A+5 :EDIE.
2 2 2 2
C D.
cot x :E._EDIJ.' :I— .
Cau 34: Biét ) 7 Y qeula g6c duong, nhon thi:
T 27 3T St
x-{-}) —— x+y = x+y:_ x+}::_
4 3 4 6
A. . B. . C. . D.
tana +tanh =2
tﬁl](ﬂ+b):4 tz tanh .
Cau 35: Néu biét - thi céc gia tri cua ana.tan bang:
15 13
373 2’2
A. hoac nguoc lai. B. hoac nguoc lai.
h 9
BB L2
2 2 2 2
C. hoac nguoc lai. D. hoac nguoc lai.

Cau 36: Hay xac dinh hé thutc sai:



. . - sin4x
SIN x.COS” x - COS x8in° x =

J+cosdy
4

sin” x4+cos’ x =

l+sinx (T x|
=cot| —+=

4 2

Cos x

2cosdx+0
l- cosdx

cot’ x+tan’x =

D.

Cau 37: Trong cac hé thitc sau, hé thitc nao sai?

cos2x  1- tanx
1+sin2x 1+tanx 4sina.cosa(l - 2sin® a) =sin4a
B.
cos 4a = 8cos ‘a- Scos’a+1 cos da- 4cos 2a+3 =8cos a
C. .D.
sina =— 4
Cau 38: Néu > thi gid tri ctia “°°7? 1a:
527 527 524 524
625 625 625 625
A. . B. . C. . D. .
sing - cosa :I—(IBS“ <a<180") 5
Cau 39: Néu 5 thi gia tri dung cua tan2a 5.
120 20 24 24
7 7 7
A. . B. . C. .

Cau 40: Trong cac ménh dé sau. Ménh dé nao sai.

451n—.|:cr5‘ - — ‘.sm‘ 60" - —‘ =sin—
2 | 2| | 2 2

A.

NE)

cos10°.cos30".cos50".cos 70" :E
B.

.oa . T+a . T-a .
4sin—.51n L51n =S8lNa
3 3




i T+a J=a
4 cos —.cos .Cos =C0sa
3 3 3

D.

Cau 41: Trong cac hé thirc sau, hé thitc nao sai?

| T | Esinl!uc+-\f}sT
51n‘ .T+—‘.|:DS ¥- —‘ == =
| 0 | 0| 4
A.
N S S T 27
sin—.sin—— =—| cos— + cos —
5 5 21 5 5 |
B.

o

.| Tl . ] 1 1 1
51n‘ .r+_|.51n‘ x- _‘. cos2y =— cos2y- — cosdxy- —
| Wy | 0| 4 8 3

C.

Scosx.sin2x.sin3x =2(cos2x- cosdx- cos 6x+1)
D.

Cau 42: Trong cac hé thirc sau, hé thitc nao sai?

3+ 4cos’x =4sin (x- 60" ).sin (x +60°)
A.

sin x - 3 =4cos (x+30° ).cos (x+150°).

B.
| Tl .| T
4sn| 2x- ‘.sm 2x+ ‘
) | Wy | 0|
3 - cotx= .
COs x
C.
) . sinla+h).sin(a- b)
tan“a- tan“h = - -
cos a.cosh
D.

[ 2

- . L 2T | . L 27 '
gin” x +sin” T+_~r +s5mm°| —- x

Cau 43: Biéu thuc " khéng phu thudc vao * va cé két qua

rat gon bang:

2 3 3 4

3 4 3
A, . B. . C. . D.

fan :%{D <g <90°),tanb =- 1{90' <h<180) cos(22 - b)
Cau 44: Néu biét 2 3 thi c6 gié tri ding

bang:

i Jio NG &

10 10 5 5

A. . B. . C. . D.



Cau 45: Cho M =3sINx+4C0SX o h khidng dinh dang.
M <5 M>5 M =5 5 <M <5
A. . B. . C. . D .

M =sin® x +cos” x

Cau 46: Gia tri 16n nhat cua bang

1 2 3 4
A. . B. . C. . D. .

Cau 47: Gia tri nhd nhat ciig M =S ¥ +C0s ¥ 1y

1 1
0 4 2 1
A. . B. . c. . D. .

. A B . B
51 —C0s” — = sln—cos” — =0
2 2 2 2

A . . s, ABC ., «
Cau 48: Mot tam giac ABC CO cac goc thoa man
thi tam gidc dé c6 gi dac biét?
A. Khong c6 gi dac biét. B. Tam giac d6 vudng.
C. Tam giac d6 déu. D. Tam giac dé can.

‘Dang @: Cau trac nghiém dung, sai

, sina=l Tea<n .
Cau 1. Cho biét 3va 2 . Cac ménh dé sau dung hay sai?
07
COS et == 22
a) 3
d.07
sin 2ex =- 42
b) 9
cos 2 :z
c) 9
5
cot 2ex :i
d) 8
I 3T
., cosla =- — T<a<— . '
Cau 2. Cho bict 4 va 2 . Cac ménh dé sau dung hay sai?

ine <0, <
a) sine <0, coser <00

sin :L
b) 4

J6

CoOsSax =

c)

Sl =
L

cotar =

n

d)

o

sine =

Cau 3. Cho biét

<< .
. Cac ménh dé sau dung hay sai?

| e
k3| =



a) cosz <0

coscf == —
b) 5

tane =>
c) 4

I;an‘ a +_‘ 48- J‘
d) \

. 1237
Cosing == =, " <a<21 ‘

Cau4. Cho biét 13 2 . Cac ménh dé sau ding hay sai?
a) cosa >0

COsSc¥ =—
b)

12

tanc =- —
c) 2

cos| 2 cr| 223

. SMXY =— O<x<— .
Cau 5. Cho biét V3 a 2 ; Cac ménh dé sau dung hay sai?
a) cosx > 0

6
cosx =—
b) 3
fan x :E
c) 3
cns‘ r+£‘ :JE_ 3.
0 378
12 3T
. COSX=-— T<Xx<— ‘
Cau 6. Cho biét I3 va 2 ; Cac ménh dé sau ding hay sai?
a) sinx >0
sinx =- —
b)
5
cotx =—
¢) 12
=12
sin| Z- | _5-123
d) 3 ) 26

Céu7. Cho biét tanx=v2 y3 0<x<90 Csc ménh dé sau diing hay sai?

a) cosx > 0



COSX =—
b) 3

. 6

sinxy =——
c) 3

cus(r— 30 ):3—;"5
d)

. sina :E,tanb _ .

Cau 8. Bict 17 12 va a, b 1a cac goc nhon. Cac ménh dé sau diing hay sai?

tana =—
a) 15

. 21

sinfa- b) =——
b) 221

cos(a+ b) :E
c) 22

tan(a +45) :E.
d) 14

) D{a._b{i._a+b:£ ,}ﬁ .

Cau 9. Bict 2 4 va fanatanb =3- 22 Cac ménh dé sau dung hay sai?
a) tana+l;anb:—2+2ﬁ.
b) tana =- |+\JE

¢) tanb =-1- 2
d) tana- tanh =-2 - E\E.

Cau 10. Biét tana =2 Cac ménh dé sau ding hay sai?

cota =- 1
a) 2
3
cos2¢ =- —
b) 5
sin2a =—
c) 3
4
tan 20 =- —
d) 3
: 4 T T
, osin2ag =- —, —=ag<— .
Cau 11. Biét 5 2 2 . Cac ménh dé sau ding hay sai?
a) cosa <0

. 4
28N coscr =- —
b) 3



-2 1

COScr = L8N =——

c) NG 5
coser =2 ,Sing =- 2
d) \Ir 5
. 2 T
sing ==, —<a<m1 .
Cau 12. Cho 3 2 . Cac ménh dé sau diing hay sai?

Cosar =-
a) 3
n
tan e =- “JE
b) 3
| =
EDE‘ f-ﬂz‘ :—1‘!3 “ﬁ
c) 3 _ 6
| = I
cns‘ T. e ‘ :—“"‘m “J:
d) 4 _ 6

I:I:rt.r:—ﬁ._E-::rv-:lT .
Cau 13. Cho 2 . Cac ménh dé sau ding hay sai?

J10

sinxy =- ——
a) 1
NE)
COsSXY =——
b) 10
| 1o
51n‘ T =——
c) |3 5
tan‘ .‘r+£‘ :E
| 3] 3
d)
. 1 o
., sSma =— O<a<—
Cau 14. Biét: 3 va 2 . Cac ménh dé sau dung hay sai?
2
sin 2 =——
a) 9
cos 2a :z
b) 9
]
tan 2cx =£
c) 7
-
cot 2er :E
d)

-

ST
COS¥ =— '?T-:a-:_

L.l"l

Cau 15. Cho , Cac ménh dé sau dang hay sai?



sina =——
a) 2
=
sin 2ax :45
b) 25
cos 2 =- 17
c) 25
- ¥
tan 2cx = 45
d) 17
5 . .
o ocos2a=—,0 <a<90 .
Cau 16. Biét: 9 . Cac ménh dé sau dung hay sai?
2
sin e :E
a)
q
coscl :E
b)
tan cr :_‘3?1
c) 53
371
cota =——
d) 14

Cau 17. Bién do6i duogc cac biéu thuc sau vé dang tich s6. Cac ménh dé sau dung hay sai?
cos3x+cosx =2c0s 2x -cos3x

a)
. . . X
SiN3x+sin 2y =2s1n2x E:Ds;
b) ;
. 5x . 3x
cosdy- cosxy =-28Im —sin—
2 2
c)
sinSx- sinx =2cos3xsin2x
d)
. 1 7
iy =—, —<x <70
52

Cau 18. Cho . Cac ménh dé sau ding hay sai?

sin 2x :ﬁ.
a) 5
5
cos2x :_—3
b) 25
-
tan 2x = “DJE
c)
-
cot2y = “3\1"5

d) 120



cosx =L L axer . _
Cau 19. Cho 5 2 . Cac ménh dé sau ding hay sai?
a) 2
J1s
CO8— ——
b) = 4
x _+J6
tan — =——
¢) 2 3
x 6
d) - —
‘Dang ©: Cau trac nghiém tra 16i ngan
sinx =—, 7« YT
Cau 1: Cho 52 . Tinh ©0t2x
T , . 1 , 2
“<a,f<asing =—,cosff = =
CAu 2: Cho cac goc % F thoa man 2 3 3.
sin(ex + j3)
Tinh
sin 3 ( )
-z 90 <a <180
Cau 3: Cho 5 va . Tinh cos&
sina == + (180 270 )
Cau 4: Cho 3,v6i 0 S4S2E Tinp cosa,
, cosa :l;cnsb :I— ,
Cau 5: Cho hai goc nhon ¢ va b . Biét 3 4. Tinh gi4 tri ctia biéu thuec:
P =cos|a+b)cos(a- b).
tana :l tan b :i
Cau 6: Cho hai goc nhon @ va b véi 7 va 4 Tinh a+b,

Céu 7: Cho tam gidgc 4BC co: @0 Bsin & =tan € sin B jep: 46 tam giac 4BC can tai diém
nao?
2sinx

C =tan3x- tanx-
Ciu 8: Rut gon cos3x

Cau 9: Bién d6i thanh tong bicu thirc sau: 4sin3xsin2xcosx

| HT
cus‘ Eﬂ- =kcos3x

[ HT
I:DS.".'CDS‘ —= X
.3 , khi do k¥ =7

Cau 10: Biét rang

3 sinSx- 2sinx : 2x) =ksSiny . 40 k=
Cau 11: Biét ring sinSx- 2sinx(cosdx +cos2x) =ksinx khido k =?

JT

QN

o -

B== . _ N (s g
Cau 12: Cho 3 . Tinh gid tri cta biéu thirc sau: A =(cosa +cos f) +(sina+sin §)



Jr

3 . Tinh gia trj ctia biéu thirc sau:

Cau 13: Cho “ B =(coser +sin ff)° +(cos fj - sina}:.

Cau 14: Rat gon biéu thirc sinoacot3a- cosda

Cau 15: Rit gon bidu thiic (tana- tanb)cot(a - b)- tanatanb

sin 7a +sin5a
Ciau 16: Bién doi thanh tich biéu thirc sin7a- sinSa ;
Cau 17: Bién d6i thanh tong biéu thirc sinxsin 2xsin 3x
[

, tan® x+cot’x+2=——
Ciu 18: Biét sIN” 2x fjm @9

. 3
sin® x +cos” x =a + —cosdx
Cau 19: Biét 8 tim 42
3- 4cos2a+cosda

, =ktan" a
Cau 20: Biét 3+4cosla +cosda tim # ?
: : . A B c
. . sinA+sin B +sinC =kcos —cos —cos—
Cau 21: Cho tam giac 4BC  Biet 2 2 2 timk?
4= sin x +sin 2x +5in 3x +sindx
Cau 22: Rut gon biéu thuc sau: cos x +C08 2x +c0os 3x +cos 4x

_ sin2x+2sin3x +sindx

B =
Cau 23: Rat gon bi€u thire sau: CoS3x +2c0S 4x +COS 5x
_ 3sina- 2cosa
Céu 24: Cho ¢0t =3 Tinh 12sin” cx +4cos” e
C= sin «r
Cau 25: Cho tana =2 Tinh sin” ar+2cos’
T sinet - sinff
a+ == sina-sinf
Céu 26: Cho 3 vy COsa #cos f Ty COSa- cosfi

-l+cos(T+B) _ Ja+c

Cau 27: Cho tam gidc ABC oo AB =c,AC =b,AB = thoa sin(7- A- C) Via® - ¢ )
, _ ABC .
Hoi tam giac la tam giac gi?

. i e
sin—,cos —, tan —
Cau 28: Cho 054 =0.2 y4j 7<a <27 Tiph 2 2 2,

Cau 29: Khong su dung may tinh, tinh cac gia tri lugng giac cua goc 105

Céu 30: Cho 5.voi 4 2,



. | | ' |
SIN X, COS v,5n| r+ — ._u:crs‘ Qx- —
Tinh L3 b4

Cau 31: Tinh gia tri ciia cac bicu thirc sau:

T

N S+ S
A =sin —- sin —— +sin
a) 9 9
p) B =sin0 sin42 sin 66 sin78

a 1
tan — =—

Cau32: Cho 2 V2 Tipp Sina.cosatana

=1
_ . tan(a +b)tan b =—
Céu 33: Cho ©08la+2b) =2€0Sa hyno minh ring: 3.
Ciu 34: Khong dung may tinh cam tay. Tinh gia tri ctia cac biéu thuc sau:

. 197 3T
sin Cos

a) 24 24

4l 137
COS —- COS

by 12 12

tan T tan il
'? 2

o T
| +tan tan
'} 2

c) 28
11 T
cosa =— -—<a<0 o .
Céu 35: Cho 6l yv3 2 , tinh gid tri cia cac biéu thirc sau:

|
sin | —-

a)

cot| ar +—

b)

q g
COs| 2 + g
C) 1 I

tan| —- 2

4

Céu 36: Rut gon cac biéu thire sau:

a) sinxcos’ x- cosxsin’ x

sin3xcos 2x +sinx cosbx
b) sin 4x

COS x- COS2xy+cos 3y

c) Sinx-sin2x+sin3x



2sin(x+ y)

- tan y
d) cos(x + y)+cos(x- y) )

: L sin2a =- El
C4u 37: Cho Sin& +cosct =m _ Tim m é 4
sin =3 cos /7 _12
Cau 38: Cho 3 13 va 0 <@ <90 Tpp gi tri cua bidu thae SIME+F) vy
cos(ax - f3)

Cau 39: Phuong trinh dao dong diéu hoa ctia mot vét tai thoi diém ¢ gidy dugc cho bdi cong thirc
x(t) =Acos(ar +¢) yrono do XOCEM) 13 1i 46 ciia vat tai thoi diém ! gidy, 4 1a bién do
dao dong (1>0) va #E€[- 171 13 pha ban ddu cia dao dong.

Xét hai dao dong diéu hoa c6 phuong trinh 1an luot la:

.1'|f_£}:3|:05|%£+% T

(cm) vax,(t) :31205‘ }f - ; (cm).

a) Xac dinh phuong trinh cta dao dong tong hop x(2) =x, (1) +x,(7)

b) Tim bién do va pha ban dau cua dao dong tong hop trén.
Céu 40: Trén mot manh dét hinh vuong 4BCD  bac 4n dit mot chiée dén pin tai vi tri 4 chiéu
chum sang phan ki sang phia goc €. Bac An nhan thay géc chiéu sang ctia dén pin gidi
han boi hai tia AM va AN | § 36 cac diém M.N 1ip luot thudc cac canh BC.CD 40
1

1
BM =—EBC DN =—DC
cho 2 3

D N &

M

Hinh 4
2) Tinh tan(Blam + Ban)
b) Goc chiéu sang ctia dén pin bang bao nhiéu do?
Cau 41: Cho tam giac 4BC vudng tai 4 c6 canh AB =0.AC=8 piay E thudc doan 4C sao

cho EBE =30 , diém D thudc tia ddi cua tia B4 sao cho BcD =30 .



tan 4cD . AD
a) Tim , tir d6 tinh do dai doan

tan 4BE AE
b) Tinh , tir d6 tinh d¢ dai canh

(Cac két qua trong bai dugc lam tron dén hang phan tram).

Céu 42: Tir mot vi tri 4, ngudi ta budc hai soi cap 4B va AC dén mot cai tru cao 15m duoc
dung vudng goc véi mit dat, chan tru & vi tri D . Biét CD =9m vy AD =12m Tim
gbc nhon ¢ =B4c tao boi hai soi day cap do, ddng thoi tinh gan ding @ (1am tron
dén hang phan chuc, don vi do).

B

B

15m

e

g Q
ST N SR e

CAau 43: Trén n6c mot tda nha c6 mot cot dng-ten cao 37, T vi tri quan sat 4 cao 77 so véi
mit dat, c6 thé nhin thiy dinh B va chan C cua cot dng-ten dudi goc & va B S0 vOi

phuong nam ngang. Biét chidu cao ctia toa nha 1a 18,9m , hai toa nha cach nhau 107

tan o
a) Tinh ;

(24 ’ J
b) Tinh géc  (lam tron két qua dén hang don vi theo don vi d9).



Cau 44: Trong Vit li, phuong trinh tong quat ciia mot vat dao dong diéu hoa cho bai cong thirc
x(1) =ACos(@ +@) 4rone d6 ¢ 13 thoi diém (tinh bing gidy), *@) 13 1i d6 cua vat tai

thoi diém 4 12 bién do dao dong (1>0) va €[ T:7] 13 pha ban diu ciia dao
dong. Xét hai dao dong diéu hoa cé phuong trinh:

(em)

. Tim dao dong tong hop

S S
x (t) =3 -cus‘ —t+—|{cm),x,(t) =3 -cus‘ it
L0 0| ) L0 -

0 =50+ 200 43 it dung cong thirc bién dbi tong thanh tich dé tim bién do va pha
ban dau cua dao dong tong hop nay.

BeginLG

Ta cox(t) =x,(t) + x,(t) :3EDS‘ %.r +%

O
+3c05‘ —.r+—‘
LB 4 |

7T ax x x| ||
HG+GH4‘ ,TH,T_,TF_,T
=3.2| cos — | cos o 6 0 4
2 2
a7 5T B [T (a7 5T
:ﬁCDS‘ —t+— -n:u:|5| - — :ﬁcns‘ — -CL'.‘IS‘ —t+—
L0 24 | | 24 24 0 24 |
(1
6cos|— Si
24 24

Vay bién do ctua dao dong la . Pha ban diu cia chuyén dong la






@. TOm tat kién thuc

®. Ham s6 chan, ham sé lé
© Cho ham s6 ¥ =/ () ysi tap xac dinh D.
° Ham s6 ¥ =/() dugc goi la ham s6 chan néu YE€D thi -x€D yg
f-x)=f(x)
° Ham s6 ¥ =/(%) dugc goi la ham s6 1€ néu €D thi -x€D vy3
fl-x)=-f(x)
2 PO thi ham s6 chan nhan truc tung lam truc déi xng, dé thi ham sé |é nhan
goc toa do lam tam doi xdng.
®. Ham soé tuan hoan
o Cho ham s6 ¥ =/ (%) yéi tap xac dinh D. Ham s6 ¥ =/(%) dugc goi la tuan hoan

néu ton tai mot s6 T khac 0 sao cho v3i moi X€D | ta co:
® x+T€eD Vé .I'TED;

° flx+T) :_f'l[.'r}.
@ S6 T duong nhd nhat (né€u cd) thod man cac tinh chat trén dugc goi la chu ki
cla ham so tuan hoan doé.
©. Mot s6 ham soé luong giac co ban

a) Ham sg »V =S¥

o Ham s§ ¥ =SINX ¢6 tap xac dinh 13 R; tap gid tri 1a doan [~ k11,
@ D6 thi ham s6 ¥ =Y guoc biéu dién & Hinh 5 :

|
N

Hinh 5

@ Tinh chat: Ham s6 Y 31X |3 ham s6 1é, cé d6 thi déi xing qua goc toa do O;

|- 2 +k2m 2 +k2a
N \ N PN " A A R 2 '} '} A .
tuan hoan chu ki 27 ; déng bién trén moi khoadng ' - < " va nghich
T ek2z T e kox
.~ A X > 3 g s
bién trén méi khoang ' - = "voi kEZ,

b) Ham s§ » =C€0sX

o Ham s6 Y 0S¥ ¢4 tap xac dinh 13 R; tap gia tri 13 doan [~ 11,
© P6 thi ham s6 Y 95X dugce biéu dién ¢ Hinh 6 :




@ Tinh chat: Ham s& ¥ =% |3 ham s6 chan, cé dé thi déi x&rng qua truc tung;

(-7+k2mk2

tuan hoan chu ki 27; déng bién trén mdi khoang T) va nghich bién

trén méi khoang (K21 +E2T) \6i keZ,

c) Ham s Y =tanx

;+ﬁffT|ﬁsz}>
© Hamso ¥ c6 tap xac dinh la L < tap gid trila R,
© D6 thi ham s6 ¥ =1@1X dugc biéu dién & Hinh 7:

D =R\

=tanx

; YA
. f 3 T S
3n i 0 & Tin 3xl %
3 2 i2 2
T
Hinh 7

o Tinh chat: Ham s Y =B1X |3 ham sé 18, cé d6 thi déi ximg qua géc toa do O;

fT r'T
‘- ?+A-,r._?+kx
tudn hoan chu ki 7; dong bién trén mdi khoang ' - = ' véi k€Z,
d) Ham s§ ¥ =cot
% } = 7 A Ve . — .I'.r-f - A e RN
o Ham s6 ¥ =Y ¢4 tap xac dinh D=R\{kr|k,€Z} ;tap gid trila R,

@ D6 thi ham s6 Y =Y duoc biéu dién & Hinh 8 :

Ay

Hinh 8

o Tinh chat: Ham s6 Y =Y |3 ham s6 1&, c6 dd thi ddi x(mg qua géc toa do O;
tuan hoan chu ki 7; nghich bién trén méi khoang FTT+kT) \4i keZ,

~N




®. Phan dang toan co ban

‘Dang ©: Dua vao dé thi dé€ tinh gia tri cia ham sé, xét su tuong giao
tCac vi du minh hoa

Cau 1: Dung dé thj ham s6, tim gia tri cGa * trén doan [-27:27] g&:

a) Ham s6 ¥ =SI"Y nhan gia tri bng 1 ;
b) Ham s6 Y =SINY nhan gi4 tri bing 0 ;
c) Ham s& Y =¢95X nhan gié tri bang-1;

d) Ham s6 ¥ =95X nhan gia tri bang 0 .
Cau 2: Dung doé thi ham so, hay cho biét:

JqJT
e |- — —
g mEe[-11] 4 ‘A ‘2 272 : _
a) VG&i moi 11, ¢6 bao nhiéu gia tri < <l sao cho sma =m;
]
ae|- ——
22

' sao Cho tana =m .

‘Dang @: Xét su dong bién, nghich bién cia ham sé luong giac

b) Véi mdi mE€R | cé bao nhiéu gié tri

r=Cac vi du minh hoa
Cau 3: Xét su bién thién cia mbi ham sé sau trén cac khoang tuang (ng:

"’IT 237

} = i A 2 '} ! .
a) ¥ =X trén khodng * - < /4

b) ¥ =C0SX tran khoang (- 20u;- I'?LT}.[—'?LT.;—SJ}_

" ':JT ?T

‘Dang ©: Xét tinh chan, Ié caa ham sé
r=Cac vi du minh hoa
Cau 4: Xét tinh chan, |é cta cdc ham sé:

a) Y =5INx -CO5X

b) ¥ —fanx+Ccotx.

14

c) ¥ =sinx

Cau 5: Xét tinh chan, Ié cla cdc ham s6 sau:

)y =c0s 2
a) ¥ =cos2x.

’

b) y :sin3 X.

' il
r:l;an‘_w_‘
- 7

) v ©)



( il
¥ :cns‘ _1-+_‘
d) 0
Cau 6: Xét tinh chan 1é cla cdc ham sb sau:

a) ¥ =xsin Ix

; _l+cos3x
b) = l-cos3x

y = -
c) ¥ =x cos2x

d) ¥ =sinx- cosx.

‘Dang O: Vé d6 thi ham sé

=Cac vi du minh hoa

Cau 7: Cho ham s¢ ¥ =cosx g x€[0:37]

a) Vé do thi cia ham s6 da cho.

b) Ham s6 da cho déng bién, nghich bién trén nhitng khodng nao?
¢) Tai cac di€m nao thi gia tri cGa ham sé I6n nhat, nho nhat?

d) Tim céc gia trj ctia *<[0:7] sap cho cos3x <0,

y =cotx

Cau 8: Cho ham sé - x € (0;75) U m327) |

vGi
a) Vé do thi cia ham s6 da cho.

3
-\ 7 .7 . 4 Cot lx‘ :£
b) Tim cac gia tri cua * sao cho 3,
. e o e (0) cot 2x < —
c) Tim céc gia tri cda * (%:7) sao cho 5.

Cau 9: Xét tinh tuan hoan cla cac ham sé sau:

a) ¥ =sin3x

b) V=%
‘Dang ©: Tim tap xac dinh cia ham sé
=Cac vi du minh hoa
Cau 10: Tim tap xac dinh cla cac ham sé sau:

sin x
V=
a)  cosx+l
2x
Y =7
b) 1- sin” x
CoSs x

V=

c) © Jl+4sinx :



’I +sin x
V=
d) l-smnx _

Cau 11: Tim tap xac dinh cla cac ham sé sau:

a) v =cot3x

b) ¥ =f1- cosdx
b= cos2x

c) = sin“x- cos x

fl+|:052.r
V=
d) l-sin2x
Cau 12: Tim tap gié tri cia cdc ham s6 sau, tr dé suy ra gid tri I6n nhat va gia tri nhé

nhat cda chung:

v =2+3sinx.
a) - ’
l1+4cos” x
e
b) 3

=72 Adeinc v 2
c) V=12 4s1in” xCcos” x

s =2 v - Yy
d) 3 =510 x EL‘.‘ISH."..

-Dang ©: Ung dung
r=Cac vi du minh hoa
x =Acoslax + )

Cau 13: M6t dao dong diéu hoa cé phuong trinh li d6 dao dbng la:
trong do ¢ la thoi gian tinh bang gidy, 4 la bién d6 dao dong va X la li dé dao

ddng déu dugc tinh bang centimét, @ >0, Khi d6, chu ki 7 ctia dao dong |a
T =2ﬂr t =0t :E. :E..r :B—T.; =T )
@, X&c dinh gié tri cta li d6 khi 4 2 4 va vé do thi

biéu dién |i d6 clia dao ddéng diéu hoa trén doan [%:27] trong truding hop:

a) A=3em,p =0 :
A=3cm,p =- il

b) 2,
A=3em,p =T

C) 2,

©. Dang toan ren luyén

‘Dang @®: Cau trac nghiém nhiéu phuong an lua chon



Cau 10: Tap xac dinh ciia ham so6 -

: TAp xac dinh cda ham s§ ¥ =V1+cos2x |5,
[- l;+00
A. 2. B. R. c. [+, D. | 2
1- cosx
.ll = 1
: Tap xac dinh clia ham sé [+sinx |y,
A. R, B. @.
IH"-.{— 7 k21l Z| R\ + A"T|AEZ|
c- b 2 ] . Dl 2 ] .
§ _1-sinx
: Tap xac dinh ca ham s6 =~ cosx  |3:
R' { _+A"’T|AEZ| R\ 1+A"’T|}LEE|
A | I B. |2 J.
R\ £+m|a—ez|~ r
C. 2 | p. R kxlkeZ)
y=tanx+———
: Tap xac dinh cGa ham sé [ +cot”x |3:
{ _|aez| IH"{ 7 vkalkez|
A- b ] . Bl b _1- ]
R\ £+m|ﬁ-ez'~ IR"{ 1+A"’T|£EZ|
CI '4 ] . Dl b _1- ] .
: Ham so6 nao sau day la ham so 1é?
A, V=2cosx B, V) ="2sinx_ c. V=tanx-cosx p y=-2sinx+2
: Ham s6 nao sau day la ham s6 chan?
A, Y =Cosx+5 B, ¥ =fanx+cotx & =sin(- x) D. Y =sinx- cosx
: Ham s6 Y =95X nghich bién trén khoang:
T
A. (07), B. (7:27), c.| 22 p. (70,
7 371
: Ham s6 nao trong cac ham s6 sau déng bién trén khoang ' 2 2 /2
A. Y =sinx' B, Y =Cosx C. V =tanx D. ) =cotx

_1-sinx

W
: Tim tap xac dinh cdia ham sé COS X

a T
x#—+kw x#F=- —+k2T
Al 2 . BI 2
T
YE—+k27
C. 2 ] D. x #km
y =tan2x

la?




p=R\\ " +krkeZ! p=R\Z+r% kez!
4 J 4 2 J
A. . L]
DZIH"‘--#%J{E Z]l DZIR"‘--%+E&T.#E Z]l
C o . D. . .
: ~ 2sinx+1
Cau 11: Tap x4c dinh cla ham s6 17 05% |3
JT I
x E=—+ ks X FE—+ k2
x #k2x1 x #km : 2 4 * 2 T
A. [l Bl . CI . D.
_ sin3x

Y =
Cau 12: Tap xac dinh cta ham so cosx+2 3

T '|‘ _
D_H.me.;ezl D=R\kn, keZ
A. . B.
p=R\Z rezl
3 I D =R
C. . D. .
JT
E;fr
Cau 13: Ham s6 nao sau day nghich bién trén 7
A, YV =-sinx g y=Cosx ¢ y=-cotx p y=tanx
g
27
Cau 14: Ham s6 nao sau day dong bién trén khoang 2
y =sinx Yy =cosx y =tanx y =cotx
Al . BI . cl ] DI

Cau 15: Trén khoang nao sau day thi ham soé

(- 7;0)
A.

Cau 16: Tim ménh dé dung.

A. Him sé

B. Ham sé

C. Ham so

y =cotx

y =sinx

Y =sinx

(0;7)

» =COSX 2 o
) dong bién?

_ .-'T‘.:-T
272

D.

(0;7)

dong bién trén khoang

371 57
272

déng bién trén khodng

(JT; 271)

nghich bién trén khodng



[- .
Yy =cosx ] [ 272
D. Ham sob nghich bién trén khoang

T
— T
Cau 17: Ham s6 nao sau day déng bién trén khoang ' 2 /7
V =Cosx y =tanx y =cotx y =sinx

A. . B. . C. . D.

Cau 18: Khang dinh nao dudi day la sai?
Y =CO0S X y =cotx
A. Ham s6 la ham so |é. B. Ham so la ham so 1é.

Yy =sinx ’ _y =tanx ’
C. Ham sb la ham so |é. D. Ham s6 [a ham so lé.

Cau 19: Chon khang dinh sai vé tinh chan, 1& ciia ham sé.

y =cotx y =sinx
A. Ham sob la ham |é.B. Ham so la ham [é.

Yy =cosx . Yy =tanx .
C. Ham so6 [@ ham chan. D. Ham so6 [d ham chan.

Cau 20: Ham s6 nao sau day la ham sé chan trén R+

__Cosx _ fan x

y =x.cos 2x y=(x* +1).sinx
AI . BI -CI

1 - 7 ‘ - ¥
1+x° 1+x°

Cau 21: Ham s6 nao sau day la ham so |é trén tap xac dinh clda nd?

sin X sin~ x CoOs X tanx
. V=

= 1 = = 5 =
l-sinx ’ |l +cosx x+x ' l+sin-x

A. . B. : C.

Cau 22: Trong cac ham s6 sau, ham s nao la ham s6 chan trén R+

. AT
¥V ZSII]‘ —= X
: 7

o o
¥ :sm‘ x+
| 0

| 2 y =tanx v =sinx
A. .B. . C. . D.
Cau 23: Trong cadc ham s6 sau day, ham s6 nao la ham sé tuan hoan?
1
y =tanx y =xcotx y =xsinx Y=
A. . B. . C. . D.
Cau 24: Chon khang dinh sai.
y =tan x +sinx 27
A. Ham sob la ham s6 tuan hoan véi chu ki
, V =cosx o 27.
B. Ham s6 la ham s6 tuan hoan véi chu ki
y =cotx+tanx I.
C. Ham sé la ham s6 tuan hoan véi chu ki
y =sinx .

D. Ham s6 la ham s6 tuan hoan véi chu ki



=sin2x

Cau 25: Ham so - tuan hoan vdi chu ky bang bao nhiéu?
="
A. T =41, B. /=27, c¢.T=n, D. 2.
Cau 26: Trong cadc ham s6 sau day, ham s6 nao la ham sé tuan hoan?
~_sinx
y =sinx Y =x+sinx ¥ =X.COSX Y= x
A. . B. . C. . D.
Cau 27: Ham s ¥ => 7 2510% ¢4 gia tri 16n nhat bang
A. 2. B. 4 c. 6. D. &
L~ VY =cotx
Cau 28: Tap gia tri cia ham s6 - la
(- ;0) - 1] - 1;1) R
A. . B. . C.
¥ —351n§+_4- 7
Cau 29: Tim gia trj I6n nhat ciia ham so6
max y=- 7 max y =4 max y =3 max y=- 4
’ . B. ’ . C. . D.
y =T ein
Cau 30: Gia tri nhd nhat ciia ham s6 y =2sinx+3 la
3 2 5 4
A. . B. . C. . D. .
] 2
Cau 31: Tim tap gia tri cta ham so - Y meossx
-1
[- 1:1] (- 1) - 2:2] 272
A. . B. . C. . D. .
Cau 32: Tim tap gia tri cla ham so6 - y =sinx- 1
[0;1] [- 1;0] - 2;0] [2;0]
. B. . C. . D.
Cau 33: Tap gié tri cia ham s6 y =4sinx la
[- 11 [-2:2] [- 6:6] [- 4:4]
A. . B. . C. . D.
v =Tein ?r
Cau 34: Tap gia tri cia ham so6 y=2sin2x+3 la
[1;5] [- 2:3] [2:3] [0;1]
A. . B. . C. . D.
~ A cs e o \ ~ y =sin3x |,
Cau 35: Tap gia tri cua ham sb R P
[- 3;3] (- 1;1) [-1;1] (-3;3)
A. . B. . C. . D. .
y =sinx .,

Cau 36: Tap gia tri cia ham s6 - la



R [0:1] [- 1:1] LD
A B. . C. . D .

\ ) o ,
Cau 37: Cho do thi ham sob S nhu hinh vé dudi day. Hdi tinh tién d6 thi ham s6

—

T
@) i e e
theo vecto thi dugc do thi ham s6
Ty
2
73j _E/" T 3
N\, 2 2 \5 2/ x
-1
y =tanx y =sinx V =Cos x y =cotx
A. . B. . C. . D.
Cau 38: buong cong trong hinh duéi day la dé thi cia mot ham so6 trong bén ham sé

Ar LA 2l . A B, C,D
duogc liét ké 6 bén phuong an :

Ay
1

N /-\ .
4]

7 by

HAi ham s6 dé 1a ham sé nao?

y =5in£ y =COS£ y =- COSE ¥ :5“1| - —‘
A. . B. . C. . D.
Cau 39: buong cong trong hinh duéi day la doé thi cia mot ham sé trong bén ham sé
duagc liét ké & bon phuong an A, B, C,
D.

N
,311\11/1 2

0
-1
HAi ham s6 dd la ham sé nao?

™ 1\1/3«4/ 2 o 5wl am 12

v =l+sin2x V =CcosXx y =-sinx y =-COsx

A. . B. . C. . D.

\ X
731TW/2 0 w/\z\n/m o 51/ an 12
-1
H3i ham s6 dé la ham s6 nao?
A. ¥V =l+sin2x
B, V =C0sx




C. V =-sinx
D. V= cosx

| il
¥ :51n‘ T+

Cau 40: Do thi cia ham so "' di qua diém nao sau day?

. N|0;— z.
M 0 | 2 P 2,] Q(O;])
A. . B. . C. D. .
Cau 41: Cho cac ham so sau.
. L 3 . .".'+I
y=-X +3x- 4 y=-x +3x- 4+ T
(1) (1)
Y =sinx y =tan x +cotx
(nr) (V)
. VD
C6 bao nhiéu ham sbé c6 tap xac dinhla 7
2 4 1 3
A. . B. . C. . D. .
R N N . VY =-tanx
Cau 42: Tap xac dinh cua ham sb ; MYy,
P . | _
DRV FHimkes D=R\|kr.keZ
A. . B.
| ' D:IR"-.!£+,!:'?TJE:EZ-|~
D=R\|K27,keZ 27
C. . D. .
;2019
Cau 43: Tim tap xac dinh 2 cta ham s6 - osinx
p=R\|Z +kr.keZ)
2 J D =R
A. . B. .
D =R\[0| D=R\|k1,keZ
C. . D.
1
.‘! = .
Cau 44: Tap xac dinh cta ham s6 I- cosx
_ Y E T
D:erﬁ,TﬂEZ: D—R-IE+}!L._.J._}!LEZJ
A. . B. .
D:R"-.{H,T._,f: EZ: D =R
C. . D.
_ tanx

y =— ?
Cau 45: Tim tap xac dinh cia ham s3 5%~




k2, AEE'

R\ L+
R. L2 J
A. B. .
R\ s iz kez) -
1277 R\|kT k€Z
C. . D.
~..|'i COsX+ Cﬂtx
Cau 46: Tim tap xac dinh ctia ham so y=
R\|km;keZ (- o031]
A. . B.
R\ X +knkez] |
127 - 1) \[o]
C. . D.
R N s . y=tanx+cotx
Cau 47: Tap xac dinh D ctahams6 ’ HETEOt
| kx |
=R\|k7,keZ "Rk
A. B .

_r 17 |
p=R! 15”‘”‘531 D=R\|k21,keZ

cl
N e s LV =sinx. . ['JT;O] 2 . N A ts g
Cau 48: Xét ham s6- trén doan . Khang dinh nao sau day la dung?
T
-Ti- —
S 2
A. Ham s6 da cho nghich bién trén doan ; déng bién trén doan
JT
- _’0
2
T | x|
o e -—:0
2
B. Ham s6 da cho nghich bién trén cac doan va
d 7T |
- T — -—;0
2 2
B. Ham s6 da cho nghich bién trén cac doan va
JT JT
- T — -—:0
2 2
C. Ham s6 da cho dong bién trén céc doan va
JT
-, —
-2
D. Ham s6 da cho dong bién trén doan ; nghich bién trén doan

[N



Cau 49: Khang dinh nao sau day didng?

T rr]
y =sinx ] ] | 474
A. la ham s6 nghich bién trén
T 31
y =COS X , ) 4’ 4
B. la ham s6 nghich bién trén
: 0;2—7[
y =sinx ’ , -3
C. la ham s6 nghich bién trén
T 3n
y =tanx ] ; 47 4
D. la ham s6 nghich bién trén

N e s « YV =COSX . -\'E['-'T?-T]- 2 . R R ,
Cau 50: Xét ham s6 Vai Khang dinh nao sau day dung?

(- 7;0) (0;7)

A. Ham s6 nghijch bién trén va dong bién trén

(-70)  (0;7)
B. Ham sé nghich bién trén va

(- 7;0) (0;7)

C. Ham s6 dong bién trén va ngich bién trén

(-70)  (0;7)
D. Ham s6 dong bién trén va

Cau 51: Cho ham s6 ©~ """, Ménh dé nao sau day |13 ding?

T { 3
—J JT.
A. Ham sé déng bién trén khoang ' 2/, nghich bién trén khoang | 2
L
B. Ham sé déng bién trén khoang ' 2 2/, nghich bién trén khoang
[ 7T
L 272
C. Ham s6 déng bién trén khoang ' 2/, nghich bién trén khoang | 2
[ 7.
D. Ham s6 déng bién trén khodng ' 2 2/, nghich bién trén khoang
™37
272 )
xXe 0;E
Cau 52: Véi L4 , ménh dé nao sau day la dung?
Vv =-sin2x ¥y =-1+cos2x

A. Ca hai ham s6 va déu nghich bién.



y =-sin2x ¥ =-1+cos2x

B. Ca hai ham s6 va déu doéng bién.
¥y =-sin2x y =-l+cos2x

C. Ham sob nghich bién, ham s6 doéng bién.
y =-sin2x v =-1+cos2x

D. Ham s6 doéng bién, ham sb nghich bién.

Cau 53: Trong cac ham s6 sau c6 bao nhiéu ham sé |a ham s6 chan trén tap xac dinh
cla né?
y=tan2x y =sin®*x y =cos(x+37) y =[cotx|

14 ’ ’

2 4 3 1
A. . B. . C. . D.

Cau 54: Trong cdc ham s6 sau, ham s6 nao la ham s6 chan?
A. Y =x.sinx B. Y= tanx
C. ¥=1- dnx p_ Yy = cosx.sinx

Cau 55: Ham so nao sau day la ham so |1é trén tap xac dinh cta né?

Y =COSX. ¥ =xsin x.
A. B.
. B 2
¥ =-sinxcos2x Y =sin” X.
CI DI
C&au 56: Trong cdc ham s6 sau, ham sé nao la ham s6 chan trén R+
.| '
v :51n‘ —-x
2 _ y =tanx
A. . B.
| |
_ ¥ :51n| T+ _|
y =sinx . 0
C. . D.
Cau 57: Trong cadc ham s6 sau day, ham s6 nao c6 doé thj doi xiing qua truc tung?
A, Y =tanx B, Y =cosx C, V =sinx D. V =cotx

Cau 58: Ham s6 ¥ =S¥ g8ng bién trén khoang:

- 3

93_11..7‘

A2 2
"11:;13_:1

B.| 2 2

c. (10z11x7)
D. (9,-‘5;10,-‘{)_

1
cosa =

Cau 59: S5 gia tri “S[-7:27] sa0 cho ENEY
A.1l.



B. 2.
C.3.
D. 4.
‘Dang @: Cau trac nghiém dung, sai

Cau 60: Cho ham s¢ / (¥) =tan2x=1 c4 manh gé sau ddng hay sai?

T
x =

bang 0
S

a) Gid tri cia ham sé tai 8
M

x:;

b) Gia tri cha ham s6 tai bang

I N L
c) Cé bagiatri thudc khi ham sb dat gia tri bang

d) Ham sé da cho la ham tuan hoan.
Cau 61: Cho ham s¢ / (¥) =sin“x+cosx-1 0 6.

a) Tap xac dinh cta ham sé D =R
p) /(-7 =fl1)

o) S0 =/(x)
d) Ham sé da cho la ham sé chan

Cau 62: Cho ham s¢ / (¥) =tanx-x cac manh dé sau dung hay sai?

DZIH"-]'§+!(,T|#EZ|~
a) Tap xac dinh ctia ham so: L < I
g /.3 PR i 4
(D =f(-=
b) ! _3} I 3}
c) fEx)=-1(x)
Oy

d) Ham s6 doi xing vGi nhau qua truc

Cau 63: Cho ham s / (¥) Fxsinx cac manh dé sau ddng hay sai?
D =R\| 0

a) Tap xac dinh ciia ham so:

p) /(-7 =-f(7)

c) Ham s6 da cho doéi x(rng qua goc toa db 0(0;0)

d) fl-x)=- flx)

Cau 64: Cho ham s6 * (x) Stanx| +|'T' ) 3'T|. Céc ménh dé sau didng hay sai?

o

+kr ke Z[

)

D =R ]|

b | 5

a) Tap xac dinh ctia ham so:
b) ,." {' rT} :'_,.r- ErT }

c) Ham s6 da cho d6i xing qua géc toa dd 0(0;0)
d) Ham s6 da cho la ham sé chan.



Cau 65: Chiéu cao so véi muc nudc bién trung binh tai thoi diém ¢ (gidy) clia moi

ht) :'FSSin‘ E‘
con séng dugc cho béi ham so L8] trong do h() dugc tinh
bang centimét.
69,3(cm)
a) Chiéu cao cla sbng tai cac thoi diém 5 gidy bang

) . 75(cm)
b) Chiéu cao cla séng tai cac thai di€ém 20 giady bang
t =0
c) Trong 30 giady dau tién (k& tir moc giay), thoi diém dé séng dat chiéu cao
I6n nhat 6 giay
t =0
d) Trong 30 giay dau tién (ké tir méc giay), thoi diém dé séng dat chiéu cao
I6n nhat 18 giay

(Tat ca két qua dugc lam tron dén hang phan mudgi)

Cau 66: Tim duogc tap gia tri cdc ham so sau trén tap xac dinh ctda ching:
_ y=3sinx T =[-3:3]
a) Ham so6 cé tap gia tri la .
~y=2cosx-1 T =[-31]
b) Ham s6 cé tap gia tri la
¥ =2030- 4cosx T =[2020: 2034]
c) Ham so6 c6 tap gia tri la
_y=sin’ x+4sinx- | T =[-3;3]
d) Ham so6 cé tap gid tri la .

x)=2|cosx|. g(x) =1-3sin” x

Cau 67: Cho cac ham s6 sau /| . Cadc ménh dé sau dung

hay sai?

7(x) b
&)

g(x)
g(x)

a) Gié tri 16n nhat ciia ham so ang 2

b) Gia tri nhé nhat cia ham s6 bang 0
¢) Gia tri I16n nhat cia ham s6 bang 2

d) Gia tri nho nhat ciia ham so6 bang -2



Cau 68: Cho cac ham s6 sau/ (¥) =sinx 5 g(x) =cosx cac manh dé sau dang hay

sai?
[ A
a) Ham s¢ /(¥) =sinx ggng pién trén khoang | 2 2
SJT_SJT.
b) Ham s6 /*) nghich bién trén khoang ' + ¢

c) Ham s6 £ nghich bién trén khoang (%:7)
[ 257 130

6 3

d) Ham s6 £€(*) déng bién trén khoang '

Cau 69: Cho ham s / (¥) =2cosx+1 5 glx) =sinx+tanx cgc manh dé sau ddng
hay sai?

a) Tap xac dinh ham s6 f(X): D =R,
fG)

b) Ham sé la ham tuan hoan.

T |
p=R\UT sirlkez!
g(x) l3+ 7|

).

c) Tap xac dinh ham soé

d) Ham so g(x) la ham khong tuan hoan.
., sin2x
o e g(x) =cot” x- ‘
Cau 70: Cho ham s@ /(%) =tanx 3 2 . Cac ménh dé sau ding hay
sai?

p=R\[74 A',leEZ.l
a) Tap xac dinh ham sé f(x) |2

7(x)

b) Ham so6 la ham khong tuan hoan.

c) Tap xac dinh ham s6 g(), D=R\lkrlkeZ}
g(x)

d) Ham s6 la ham tuan hoan.

'} T " f— 1 - -
Cau 71: Cho ham s& fF(x)=2+3cosx va g (x)=sinx+cosx

hay sai?

. Cdc ménh dé sau dung

(x)

a) Gia tri I16n nhat cta ham sé ! bang 5

o) Ham s6 7 dat gi4 tri nhé nhét khi * =7 +k27(k€2)

c) Gia tri I6n nhat ciia ham so6 g(x) bang -2

d) Ham s6 ¢ dat gia tri nho nhat kni e,

Cau 72: Cho ham s6 7 (x) =4/2- sinx g( )=~f3sinx- cosx+2
dung hay sai?

a) Gia tri 16n nhat ca ham s6 f&) bang V3
JACUN

“. Cac ménh dé sau

b) Gia tri nhd nhat ca ham sé bang !



g(x)
g(x)

Cau 73: Tim dugc tap xac dinh clla ham sé. Cac ménh dé sau diung hay sai?

¢) Gia tri 16n nhat cda ham s6 bang 4

d) Gia tri nho nhat ca ham sé bang O

b :EDI‘ Jx- 1| x ii+£fﬁ:EZ}
| 4 2 3

a) Ham so xac dinh khi

¥ =4fsinx- 1 D =R

b) Hdm sé c6 tap xéc dinh la

sinx

V=
. . 2-cosx . . D=R
c) Ham sé CO tap xac dinh la

cos2x =0

v =tan2x +cot 2x sin2x #0
d) Ham s6 xac dinh khi

x|
. L iy =S e e . glxy)=tan—- —cosx A .
Cau 74: Cho cac ham sg /&) =v3-2sinx. 5 2 3 , C4&Cc ménh dé sau
dung hay sai?

7 (x)
f(x)

a) Ham so c6 tap xac dinh la: D =R,

b) Ham sé da cho la ham tuan hoan.

o) Ham 58 £ xac dinh khi * #k27(k€ D).
g(x)

d) Ham sé da cho la ham khoéng tuan hoan.

Cau 75: Cho cac ham s6 sau: / (¥) =V5-3sin"x, glx) =tanx- xcosx c4c manh gé
sau dung hay sai?

a) Tap xac dinh ham s6 /&) la: D =R,
7 (x)

b) Ham sé da cho la ham so |é.

(x) D=R" ]|§+AfT|JEI.EZ|
c) Tap xac dinh ham s6 g la: <

g(x)

d) Ham sé da cho la ham sé |é.

R L s " C(x) = - (x) 2 2sinx+2|+|2sinx- 2| ~x
Cau 76: Cho cAc ham s6 sau: f(x) =2cos3x- 1. g(x) 54 2sinx+2|+|2sinx H|_ CAc
ménh dé sau ding hay sai?

a) Tap xac dinh ham sé /) la: D =R,

b) Ham sé /&) da cho la ham sé chan.
c) Tap xac dinh ham sé g(x) la: D =R,
g(x)

d) Ham so da cho la ham sé |é.



i g(x)=- Scns‘ E.\'+%‘
Cau 77: Cho cac ham s6 sau: / =
dung hay sai?

a) Tap xac dinh ham s6 f&) la: D =R,

(x) =3sin” x, . C4c ménh dé sau

b) Ham sé f@&) d& cho Ia ham s6 chan.
c) Tap xac dinh ham so6 g(x) la: D =R,
d) Ham 6 £ 43 cho 13 ham s6 le.
Cau 78: Tim dugc tap xac dinh cac ham sé sau. Cac ménh dé sau ding hay sai?
' il ' |
¥ :tan‘ x- _‘ = cus‘ x- _‘ =0
| 2 | 2
a) Ham so xac dinh
_l+cosx
\ T iny . D=R\lkrkeZ
b) Ham s6 co tap xac dinh la
¥ =|:Dt| 3x- 1‘ x 24 Efﬁ:EZ}
. . \ ' ; ) 12 3
c) Ham sé xac dinh
cotx [sillx =0
o m——— =
. o Jtanx- 3 o ]_ccrsx #0
d) Ham sé xac dinh
Cau 79: Tim dugc tap xac dinh cla cdc ham s6 sau. CAc ménh dé sau didng hay
sai?
V = !
. . _Sin X L ; ) . D :|H I.ll!l.-.-ﬂ .|£L-E Z:
a) Ham so co tap xac dinh la:
1
V= , .
cns‘ 2= |+ cns‘ 2x- i‘ #- 1
. 3 . 3
b) Ham so xac dinh khi:
1I:lﬂ|‘1.~.‘+3+! D:IR{AﬂAEZ'
. . 3sinx P, L 2 J
c) Ham sé co tap xac dinh la:
3
¥ = ; ; .
. . sinx-cos x ~ sin2x #0
d) Ham sé xac dinh khi:
Cau 80: Tim dugc tap xac dinh cla cdc ham s6 sau. CAc ménh dé sau didng hay
sai?
[cosx #0
_ y=tanx+cot2x ]_sinz.r #0
a) Ham s6 xac dinh khi
¥ :\,‘fT- COsXx D =R

b) Ham sé c6 tap xac dinh la



¥ :‘\||4 - SiI]: X D =R

c) Ham so6 c6 tap xac dinh la

y =+fsinx- 1 ++fcosx- 1
d) Ham sé

en os g s D=R
cO tap xac dinh la

y=3- sin‘ 3.r+£|
Cau 81: Cho ham so 4!, Cac ménh dé sau ddng hay sai?
., ; ) D =R
Ham s6 c6 tap xac dinh

a)
b) Gia tri nhd nhat cia ham sé bang 2
¢) Gia tri 16n nhat cGa ham s6 bang 4

o T =[2%4]
d) Tap gid tri ca ham soé la

Cau 82: Tim dugc tap xac dinh cla cdc ham sb sau. Cac ménh dé sau ding hay

sai?
o [ T S
y=tan| 2x- —‘ xz_+k—(keZ)
. \ 0 3002
a) Ham sé xac dinh khi:
( r-l.r fT
y =cot| x+ ?‘ <= x+—#kT(k€EF)
b) Ham so xdac dinh khi:
y _l-cosx _
o YT D=R\[krfkeZ
c) Ham sé cO tap xac dinh la
x.-:ta“3"' D:IH"'-]|£+A-£|A'EZ|~
. » CosXx LA , . . 8 3 I
d) Ham sé co tap xac dinh la

‘Dang ©: Cau trac nghiém tra 16i ngan

Cau 83: Tim tap gia tri ciia ham sé:
Cau 84: Tim tap gid tri cia ham sg; ¥ =5 ¥ FC0s ¥
Cau 85: Tim tap gia tri cla ham sg; ¥ =Sinx++/3cosx+3,

. e g e s =c0S  r42siny+2
Cau 86: Tim tap gia tri cla ham so; » ~t05 rH=siir+s

T 2
Cau 87: Tim tap gid tri cda ham sé: ¥ =S¥ trén doan | 3 3 1.
2sin x +Cos x

Cau 88: Tim tap gid tri cla ham s§ = sinx+2cosx+4

A P Ve < > > N A — - T -
Cau 89: Xét tinh chan, 1& clla ham s6 sau; » =tanx +2sinx
Cau 90: Xét tinh chan, & clia ham s6 sau: » =S A +C0sx
Cau 91: Tim tat ca cac gia tri ™ dé ham s6 sau cé tap xac dinh R,

y =5+4sin2xcos2x




¥ =X +m
a) .

sinx- 1

’ _cos X+m
b)

Cau 92: Tim gia tri 1édn nhat va gia tri nho nhat (néu cd) ctia ham so:

T
¥ :EEDS‘ x- _‘ -1
. 3

Cau 93: Tim gid tri I6n nhat va gia tri nhd nhat (néu cd) clia ham so:
y=+fl+sinx-3

Cau 94: Tim gié tri I6n nhat va gia tri nhd nhat (néu cd) clia ham so:
y=2+2cosx+cos x

Cau 95: Tim ¥ d& ham s§ » =~ 3V1-cos™x dat gia tri nhé nhat.
1

Cau 96: Tim tap xac dinh cia ham sg  col3x+7)

m= 1
- 2cosdx

Y=
Cau 97: Tim gia tri nguyén cla tham s6 " dé ham s6 \/ m xac dinh
trén R.
Cau 98: Xét tinh chan, |é cla cac ham s6 sau:
y=2x" - cosdx
a)

v =3 x|sinx

b)

Cau 99: Tim gié tri I6n nhat va gia tri nhé nhat (néu cd) cla cac ham so6:

' vl ( F'T
¥ :35m" Jr+—|+4
\ o)

a)
¥ =sinx+cosx

b)
Cau 100: Tinh chu ky cac ham so6

v =2sin2x
a)

y =cos3x

b)
Cau 101: Tim tap xac dinh cla cac ham sé:

a) ¥ =fl+sin3x .

’
5in 2x

1' ——
b) © J1- cosx
y _Jl4cos2x

c) sin x



1
y=——"
d) sin x +Cos x

—

e) " l+sinxcosx
g) Y =~Jcosx - |

Cau 102: Xét tinh chan, |é cla cdc ham s6:
a) ¥ =sin 2x
b) y :|Si1'l.l‘| .

c) =tan’ x

4 v =V cosx
e) V =tan x +cot x
g) > =sinx €083x

Cau 103: Tim gia tri I6n nhat va gia tri nhd nhat cla cac ham sé6:

) ¥ =3sinx +5

b) ¥ =Jl+cos2x +3,

v—A - Yein v .
S 4- 25InxCos x

|
V= e———
d) = 4-sinx,
Cau 104: Tim tap xac dinh cla cac ham sé sau:
2
y == —
a) sin 3x
y =tan T l‘
b) 2 0.
¥ :EDI‘ 2x- 1‘
c) | 4 |
_ 1
e ——
d) = 3-cosx,

Cau 105: Tim gia tri I6n nhat va gia tri nhé nhat clia cdc ham sé sau:

a) ¥ =2+3|cosx|

b) ¥ =2fsinx +1.

- S, Ty
c) 3cos x+4coslx,

’

] — 1 -+ -
d) ¥ =5Inx EI:IS.‘I..



Cau 106: Xét tinh chan Ié cla cadc ham sé sau:

cos2x
J.‘ = 3
a) X

e el T
b) Yy =X-51nax.

c) ¥ =~fl+cosx

. (37 '
y =1+ EDS.‘I.‘SII]‘ - 2x

d) \ <
CaAu 107: Xét tinh tuan hoan cua cac ham sbé sau:

a) v = Asin(cx + ) vGi A0
b) _1':.4 tﬂl]f_f'_.:'.‘l.'-l"t?'} Vé'l A>0’

C=3gin v+ Ty
) ) 3sin2x+3cos 2x

| rl
+351n| 2x- —‘
. | 3]

¥ =3sin

F'T
2x+—
0

d)
Cau 108: Vi gia tri ndo cta *, mdi dang thirc sau dang?

a) tanxcotx =l

l+tan’ x =——
b) cos” x
] I
l+cot” x =——
c) sIn” x
-
tan x +cot x =—
d) sin2x |

Cau 109: T d6 thj ham sd Y =% h3y vé céc dé thi ham sé sau:
a) ¥ = cosx
b) ¥ Zcosx]|.
y=cosx+],

) ;

' il
v :cus‘ X+
. | 5 |

d)
Cau 110: Xét tinh chan, 1é cia cdc ham s6 sau:
sin 3x
J.‘ =
a) X
- X
v ==5x" +cos—
5

b) 2
c) ¥ =x+J1 +cos2x .

’



2
¥y =cotx-

d) sinx
e) ¥ Sx|+tanx

' el
_1'=t.'3n‘_1'+_‘
4 |

¢)
Cau 111: Tim tap gia tri cia cac ham s6 sau:
y =5- EEDE‘ ai x
3

a)
b) ¥ Fsin3x|-1.

, —" .
) y=itanx+5,

’

d) ¥ =4l-sinx +2,

Cau 112: Cho ham s§ ¥ =sinx ygj ¥€[-2m27]
a) Vé do thi ham so da cho.

=57 T )
TE| — Slll‘ _-x| =1
b) Tim cac gid tri cla 3 3] saocho
-97 T | il
. —— 51N 3_‘-.'+_‘ =10
c) Tim cac gia tri cla § | sao cho 4

d) Tim ™ d& c6 bén gia tri @ €027 27] phan biét thod man sina =m

| 3Tt x| | T 7
I a1 Il Rt
Cau 113: Cho hamsg » =anx ygi | 2 22
a) Vé do thi cia ham sé da cho.
[ T o (T
NE |- —1— ﬁtan‘r+_ +1 =0
b) Tim cac gid tri cla 4 4] sao cho L4
5T ' T 3
TE|- —Tl tan| 2x+—| =- £
c) Tim céc gié tri cla 0 ©] sao cho o) 3,

Cau 114: Xét su bién thién ctia mo6i ham s6 sau trén cac khodng tuong (ng:

7 .

197 177 "_ 137 1lr ‘

} = i A 2 ) . 2
a) ¥V =SMY trén khoang ' =

]

b) ¥ =COSX tran khoang {IFJ,T;ED,T}.{—BELT;—291}_
C&u 115: TU d6 thi ham sé Y =% cho biét:
a) C6 bao nhiéu gia trj cla ¥ trén doan [*37:0] gg cosx =1,
" 97 3|

2

b) C6 bao nhiéu gia tri cia * trén khoang ' 2 | g& cosx =0,




Cau 116: Tu d6 thj ham s6 ¥ =SI1Y  im:

) ) ) § sin x =l
a) C4c gia tri cla * dé 2,

b) Cac khodng gia tri cia * dé& ham s6 ¥ =SIY nhan gia tri duong.

Cau 117: T dd thi ham s6 ¥ =Y h3y xac dinh cac gia tri cia * trén doan
T 5w

-

sao cho:
a) sinx =0.
b) sinx >0

Cau 118: MOt con lac 10 xo dao dong diéu hoa quanh vi tri can bang theo phuong
trinh ¥ =238in471 & 46 ¥ duge duoc tinh bang centimét con thai gian ¢ dugc
tinh bang giay.

&> > %=

S

T = =

= < =

F 2 m__

- .“

e
vitri gl <°
can bang

a) Tim chu ki dao dong cuta con lac 10 xo.
b) Tim tan sé dao dong cua con lac, tdc la sé 1an dao ddng trong mot giay.
c) Tim khoang cach gilra di€m cao nhat va thap nhat cda con lac.

Cau 119: Hang ngay, Mat Troi chiéu sdng, bong cia moét toa chung cu cao 40m in
trén mat dat, do dai béng cula toa nha nay dugc tinh bang céng thirc

S(t) =40

fT
cot —t
12

0 d6 S dugc tinh bang mét, con 7 la sé gio tinh tlr 6 gio sang.
a) Tim do dai bong cla toa nha tai cac thai di€m 8 gio séng, 12 gid trua, 2
gi0 chiéu va 5 gid 45 phut chiéu.
b) Tai thai di€ém nao thi d6 dai bong cua toa nha bang chiéu cao toa nha?
c) Bong toa nha sé nhu thé nao khi thoi gian tién dan dén 6 gio toi?

Cau 120: Mot vong quay tro choi c6 ban kinh 377, truc quay cach mat dat 51,5m
quay déu moi vong hét 15 phut. Khi vong quay quay déu, khoang céach
h(m) tr mét cabin gan tai diém 4 clta vong quay dén mat d&t dugc tinh bai

o

[
. Ll T
h(t) ZSTELI]‘ o 4575
15 2

i

céng thuc:
tinh bang phat € =9 (Hinh 12).

v@Gi  la thoi gian quay cla vong quay



Hinh 12

a) Tinh chu ki cGa ham s6 () 7
b) Khi =0 (phdt) thi khoang cach tir cabin dén mat dat bang bao nhiéu?

¢) Khi quay mét vong lan thir nhat tinh tir thoi diém # =0 (phut), tai thoi di€m nao cla
! thi cabin & vi tri cao nhat? O vi tri dat duoc chiéu cao la 86m ?

Cau 121: Huyét ap la ap luc méu can thiét tdc dong I1én thanh dong mach nham dua
mau di nudi dudng cdc mo trong co thé. Nha luc co bdp cla tim va sic can
cla déng mach ma huyét ap dugc tao ra. Gid s huyét ap clia mot nguaoi
thay déi theo thai gian dugc cho bai cong thirc:

p(t) =120 +15cos15071. 1o ng g6 P() 13 huyét &p tinh theo don vi ™ (milimét thuy
ngan) va thoi gian 7 tinh theo don vi phut.

a) Ching minh 2 13 mét ham s6 tudn hoan.

b) Huyét ap cao nhat va huyét ap thap nhat lan lugt dugc goi la huyét ap tam thu va
huyét ap tam truong. Tim chi s6 huyét ap clia ngudi dé, biét rang chi sé huyét ap
dugc viét la huyét ap tam thu/huyét ap tam truong.

(T |

5§ =3sin —e“
Cau 122: Mot chat diém dao déng diéu hoa theo phuong trinh ‘ 2 v6i s
tinh bang ¢m va t tinh bang gidy. Dua vao do thi ciia ham sé sin, hay xac

3
s <-

dinh & cac thoi diém ¢ nao trong 4 giday dau thi 2,

Cau 123: Tin / d& ham s6 » =Vm= 28Inx y4c qinh trén R,
Cau 124: Tim tong gia tri I6n nhat va gia tri nhé nhat cia ham so

2sinx+3cosx+1
V=

sinx-cosx+2

Cau 125: Tim gi4 tri 16n nhat MaX>) y3 gia tri nhé nhat M) cia ham s6
y =sin’ x+sinx- 3
Cau 126: M6t cai gudng nudc c6 vanh kim loai ngoai cung la mét dudng tron tam
O, ban kinh la 4m, Xét chat diém M thudc dudng tron dé va goc
a =(0A4,0M)
(0:4)
Gid sir muc nudc lic dang xét la tiép xuc véi dudng tron va gudng nudc quay
theo chiéu duong (ngugc chiéu kim dong ho).



) (t =0 M
Bi€t rang guong nudc quay hét mot vong sau 40 giady giay khi diém trung

). HGi thai diém nao (trong 1 vong quay dau tién) thi diém G vi tri cao nhat so
v6i mat nudc?

Cau 127: S6 gid ¢6 anh sang cla thanh phd T & vi dd 40 bac trong ngay thi t

d(t) =3 sin (t- 80)
cla mot nam khong nhuan dugc cho bdi ham sé
véi t€Z ya 0<1 =365 Ban An mudn di tham quan thanh phé T nhung lai
khong thich anh sang mat trgi, vay ban An nén chon di vao ngay nao
trong nam dé thanh ph6 T cé it gid cé dnh sang mat troi nhat?

o

+12

182

i



@. TOm tat kién thuc

®. Phuong trinh tuong duong

@ Hai phuong trinh dugc goi la tuoong duong néu chidng cé cung tap nghiém.
 Chuy:

@ PDE gidi phuong trinh, ta thudng bién d6i phuong trinh dé thanh moét phuong
trinh tuong duong don gidn hon. Cac phép bién d6i nhu vay dugc goi la cac
phép bién doi tuong duong. Ta céd mot s6 phép bién doéi tuong duong thuong
sir dung sau:

@ COng hoac tru hai vé cla phuaong trinh véi cing mét sé hodc cung mot biéu
thic ma khong lam thay daéi diéu kién cta phuaong trinh.

@ Nhan hoac chia hai vé clia phuong trinh véi cung mot s6 khac 0 hoac cung
mot bi€u thirc ludn cé gia tri khdc 0 ma khéng lam thay déi diéu kién cua
phuong trinh.

@ DE chi su tuong duong cla cac phuong trinh, nguoi ta dung ki hiéu " - ".

0. Phuong trinh sinx=m

@ Xét phuong trinh sin x=m.

@ NEu imVv1 thi phuong trinh vé nghiém.

@ NE&u imv<1 thi phuong trinh cé nghiém:

x=a+k2n,k€Z
vax=n—a+k2n,k€Z,

b

sao cho sin a=m.

7,0 N b A —TT
V@i a la goc thudc >

NS

 Chuy:
@ MOt so truong hop dac biét:
{esin x=1c>x:%+k2n,k€Z;

(esin x=—1 = x=_7n+k27t,k€Z;

tesin x=0 = x=kn,kE€Z.




a

©. Phuong trinh cosx=m

@ Xét phuong trinh cos x=m.
@ NE&u imVv1 thi phuong trinh vé nghiém.
@ Néu ¢mv<1 thi phuong trinh cé nghiém:

X ta+k2n,keZ
vax (—a+k2n,k€Z,

vGi a la géc thudc [0; 7] sao cho cos a=m.

VA

| Y =COSY
/’-\ Ml
7= YA BN 7N ,
3n O W—m o « 1:3 2x AR
-1
% 21’{ >
@ Cha y:
@ MOt s6 truong hgp dac biét:
becos x=1 = x=k2n,kE€Z;
4ecos x=—1 e x=n+k2n,k€Z;
{*cos x=0<=>x=%+kn,k€2.
@ cos u=cos Ve u=v+k2mn,k€Z hoac u=—v+k2n,kEZ.
@ cos x=cos a’ = x=a'+k360°,k € Z hodc x=—a"+k360°,k € Z.
0. Phuong trinh tanx=m
@ Véi moi s6 thuc m, phuong trinh tan x=m cé nghiém
@ x=a+kt,k€Z,v3Gi a la goc thubc _7”% sao cho tan a=m.
= lanx
i ' VA t . ' i
i j 1 : } ! i
! | ' m j: | : j :}.'— m
! ' - I 1
] [ I I | ]
I ] I I ]
] ] l ] 1 L] s
- I T ]’[ T ] T "'[ = ¥ T l"'
EV A L RS Sty
o1 7 )25 4t S
| ] I el | =
I ] I ] [}
| : : ¥ :
] ] I L} i
O —
- n -



 Chuy:
© tan x=tan a = x=a +k180°,kE€ Z.
6. Phuong trinh cotx=m
@ Véi moi s6 thuc m, phuong trinh cot x=m c6 nghiém

© x=a+kn,k€Z vbi a la géc thudc (0;7) sao cho cot a=m.
y=Loty
| \ \ | \ : \\
[ i ! l
| : | |
] N I ]
: ' ) :
| ] I
: i |
| ] ]

=

~ Y

In

w Chay:
© cot x=cot a’ = x=a"+k180°,k€ Z.
0. Gidi phuong trinh luong gidac bang may tinh cam tay
@ Ta c6 thé giadi phuong trinh luogng gidc dang sin x=m,cos x=m,tan x=m va
cot x=m bang may tinh cam tay nhu trong vi du sau:
@ Vidu 6. Sirdung may tinh cam tay dé€ giai cdc phuong trinh sau:

a) sin x:_Tl. K&t quéd ghi theo don vi radian.
b) cot x=3. K&t qud ghi theo don vi do.
Loi gidi
a) Chon don vi do goc la radian.
«An lién tiép céc phim
SHIFT sin (—),1 2

] A

sin"[ o ]

|-

ta dugc mot gbc cb sin bang _71 la %n.

Do dé, ta cé cac nghiém cula phuong trinh sin X=—- la

xz;n+k2n,k€Z va X:7Tn+k27t,k€2.




b) Chon don vi do goc la dé.
«An lién tiép cac phim

SHIFT tan 1 3

18.43494882

ta dugc mot géc cé cétang bang 3 1a 18,43° (lam tron dén hang phan tram).
Do d6, ta c6 cac nghiém clda phuong trinh cot x=3 la
x~18,43° +k180° k€ Z.

% Chdy:

@ DE giadi phuong trinh cot x=m(m#0), ta giadi phuong trinh tan x:%_

®. Phan dang toan co ban

‘Dang @®: Phuong trinh sinx = m, khéng tham sé
tCac vi du minh hoa

.| 2x
51n‘ —- ol ‘ =0
Cau 1: Gidi phuong trinh

Uoc =UorF =30° D

Cau 2: Xét dudng tron luong giac nhu hinh vé, biét £ lan luot 13

cac diém doi xang véi
2sinx-

qua goc 0, Nghiém cua phuong trinh
1=0 guoc biéu dién trén dudng tron lugng giac 1a nhitng diém nao?

h sinx =1

Cau 3: Gidi phuong trin



SIinX = —
Cau 4: Gidi phuong trinh

Céu 5: G|é| phu‘dng trinh sin2x =1
Cau 6: Giai phuong trinh Si?* =1
sin 2x =sin x

Cau 7: Gidi phuong trinh

h sinx =- 1

Cau 8: Gidi phuong trin

b | —

sin2x =-
A N 7 . N 7 = 'y \ X — 1+-!Il_-"
Cau 9: Phuong trinh c6 hai ho nghiém cé dang * = *47 vy * Pk

T . 3T
-I{ru:[]-a:ﬁr-r:.?‘ /J’z-a‘
kez! . Cac ménh dé sau didng hay sai? Tinh ?

o r .
st,m‘ X+ _‘ =sInx
ke”Z :

Cau 10: Véi , phuong trinh ' cé nghiém la
: — TSt
Cau 11: Tim nghiém cla phuong trinh 1512 =0 tran doan [ ]
. T T . AT
sin 2x =- sin — ; - —-<a, f<— o
Cau 12: Phuong trinh 3 ¢6 nghiem 4,7 véi 4  Giatq ¢

bang:

‘Dang @®: Phuong trinh cosx = m, khéng tham sé
=Cac vi du minh hoa

cos(x +30°) = :

Cau 13: Gidi phuong trinh

|

Cosx :'é

Cau 14: Gidi phuong trinh -

2

COsS X —T

Cau 15: Gidi phuong trinh <
Cau 16: Giai phuong trinh 2c08.x- /3 =0

Cau 17: T4t ca cac nghiém cla phuong trinh €°52¥ =0 |3

Cau 18: Giai phuong trinh 2 %X +3=0 E

[ r-l.r. =
cos| 3x- —| =
A N 4 2
Cau 19: Giai phuong trinh
2
cos2x =- -
Cau 20: Giadi phuong trinh -
3&'(}5‘ 3x- I‘ =0
3]

Cau 21: Gidi phuong trinh



Cau 22

Cau 23

cos2x- sinx =0
h

+\,r’?_; =

: Gidi phuong trin
2::05. 3.1-+}
: Gidi phuong trinh: ' '

‘Dang ©: Phuong trinh tanx = m, khéng tham sé

=Cac vi du minh hoa

Cau 24:
Cau 25:

Cau 26:
Cau 27:
Cau 28:

Cau 29:

Gidi phuong trinh tan 2x++/3 =0

Giai phuong trinh @0X =1

tan (2x) =tan 80°
Gidi phuong trinh 1{2x) =tan .

S

Cho phuong trinh @2% =tan2x 1535 nahiam © cda phuong trinh 13

Giai phuong trinh @ +1=0 15

Giai phuong trinh V3+3tan =0,

NE)

tan (3x- 30°) =- 2=
3

Cau 30: Gidi phuong trinh
Cau 31: Nghiém cua phuong trinh V3+3tanx =0 la
tan x =tan 3 113;23?

Cau 32: Tim sbé nghiém cta phuong trinh 5 trén
Cau 33: Nghiém cla phuong trinh tan3x =tanx |

tan(3x - 30 ) =- E
Cau 34: Gidi phuong trinh c6 tap nghiém la
Cau 35: Nghiém cla phuong trinh 3'™*" V3cost =0 la

tan ‘ x+%‘ =0
Cau 36: Gidi phuong trinh cé nghiém la

‘Dang @: Phuong trinh cotx = m, khéng tham sé

r=Cac vi du minh hoa

Cau 37
Cau 38

Cau 39
Cau 40
Cau 4l

Cau 42

: Giai phuong trinh“ﬁmh_ 3=0

: Giai phuong trinh €0t =0

cot(x+45°) =
: Gidi phuong trinh

V3
: Nghiém cda phuong trinh °53* =13

: Giai phuong trinh €0t2x =cot20

cot (2 - m"):£

: Giai phuong trinh 3 ta dugc



Cau 43: Gidi phuong trinh cot 3x =cotx

Cau 44: Giai phuong trinh 2% V3 =0
‘Dang ©: Giai phuong trinh va tim nghiém théa diéu kién
=Cac vi du minh hoa

Cau 45: Gidi phuong trinh:

sin| 2x - i‘ =- g
a) h | e
cos| 247 V3
b) 2 4 2
I;an‘ 3.1-+£‘ :£
Q) | 4 | 3
ﬁcm 2x- i‘ =-1
d) | 0|
Cau 46: Tim nghiém cla phuong trinh:
sin‘ 3_1'+i‘ =0 X€E £;:’ir
| 5 4 12 2 ).
a) Vai ;
tan‘;+£‘:—l XE‘;;
by < 0 Vi Lz

Cau 47: Giai phuong trinh:

. T .
51n‘ 3.1'+_‘ =sin x
a) | 4

. y
b) sinlx =cos3x,

) . T
cos” 2x =cos ‘ T+ — ‘
) 0|
Cau 48: Giadi cac phuong trinh lugng giac sau:
| | 3
51n‘ 3x+ _‘ :é
a) \ 0| 2

o TV .
b) cns(um 30 ] I;

Q) 3sin(-2x+17 ) =4

o

' 70 ' T
cns‘ Jr- :cus‘ -x+
| 12 4,

d) 2) :



ﬁlﬂn‘.r—i‘—lzll]
e) | 4|

| x 2T i g
cnt| _+T| =cot
g ' 33
Cau 49: Gidi cac phuong trinh lugng giac sau:

3) cos(2x+10 ) =sin(50 - x)

b) 8sin’x+1=0.

<) (sinx+3)(cotx-1) =0

. _ & -
d) I;an[:.m 30] cot 50 D.

Cau 50: Giadi cac phuong trinh lugng giac sau:

T s '
cns‘ X+ n + cns‘ —-x| =0

4

a)

o I Moy = d—=
b) 2cos” x+35sinx- 4 =0,

| HT ' ]
cus‘ 3x- I +2sm x-1=0

)

sinx- 2cos3x

) sin .1-+s,in‘ 2x- 2 ‘
Cau 51: Tim tap xac dinh cia ham s6 lugng giac \ 3

Cau 52: Tim cac nghiém ctia mdi phuong trinh sau trong khoang (- 7+7) .

sin‘ 3x- i‘ =1
a) | 3
( i
Ecns‘ 2x- —| :J?_;
b) | 4 |
I:an‘ .T+£‘ :l,ElI‘JLL;T
c) | 9 9

Cau 53: Tim hoanh d6 cac giao diém cula d6 thi cAc ham sé sau:
| g T '

¥ :51n‘ 2x- _‘ v :sm‘ —-x

a) ' 3 va 4 ;

' |
¥ :cns‘ 3x- —|
| 4

' i
¥ :cus‘ _r+_‘
Iy | o)

b)

Q-

. iT '
y =sin3x- cns‘ — - x

Cau 54: Tim hoanh d6 céc giao diém cua do thi ham so
hoanh.

véi truc



Cau 55: Dung d6 thi ham sg ¥ =S5V =C05Y & x4c dinh s6 nghiém cha phuong
| St 5w

AY g - f— A 2 ) ’ 9
trinh: 3sinx+2 =0 trén khodng ' = =

=Cac vi du minh hoa

Cau 56: Hoi Lim (tinh Bac Ninh) dugc t6 chic vao mua xuan thudng cé tro choi danh
du. Khi ngudi choi du nhidn déu, cdy du sé dua ngudi chai du dao dong
quanh vi tri cadn bang (Hinh 14). Nghién clu tro chai nay, nguoi ta thay

khoadng cach (") tir vj tri ngudi choi du dén vi tri can bang dugc biéu dién

d :3.:05[%(2; -1)

qua thai gian 1(5) (v&i 120 ) bai hé thac 391 voi , trong
dé ta quy udc ¢ >0 khi vj tri can bang & phia sau lung ngudi chai du va
d <0 trong trudng hgp ngugc lai. Vao thai gian ¢ nao thi khodng cach 7 1a
3m;0m 5

Vi tri can bang

Hinh 14

Cau 57: Muc nudc cao nhat tai mét cang bién la 167 khi thay triéu 1én cao va sau 12
gi0 khi thuy triéu xudng thap thi muc nuéc thap nhat la 107, P6 thi ¢ Hinh
15mé ta su thay déi chiéu cao clla muc nudc tai cang trong vong 24 gid tinh
tur Idc nra dém.

>
0 12 24 t(h)
Hinh 15



HAND =t =24

Biét chiéu cao cta muc nudc (") theo thai gian 4 dugc cho b cbng

(T
h Zu.r+u|:05‘ —,}r ‘
thuirc 12

a) Tim ™4

véi ™% |3 céc s6 thuc duong cho trudc.

b) Tim thoi diém trong ngay khi chiéu cao clia muc nudc la 1137,

Cau 58: Theo Dinh luat khic xa dnh sang, khi mét tia sdng dugc chi€u téi mat phan
sini

cach gilra hai méi trudng trong su6t khéng dong chat thi ti s6 sinr | véi il
goOc téi va r la gbéc khic xa, la mot hang s6 phu thubc vao chiét suat cla hai

mai truding. Biét réng khi géc t&i 1a 45 thi géc khic xa bang 30 . Khi géc téi
la 60 thi g6c khuc xa la bao nhiéu?

N

R

Lam tron két qua dén hang phan tram.

Cau 59: M6t qua béng dugc ném xién mot géc a(0’ <a <90') tUr mat dat véi toc do

"o(m/5) Khoang cach theo phuong ngang tir vi tri ban dau clia qua béng
d :\'.;:, sin 2ex

dén vi tri bdng cham dat dugc tinh béi cdng thic 10

a) Tinh khoang cach 4 khi béng dugc ném di véi téc dd ban dau 10m/s v géc ném

1a 30 so véi phuong ngang.
b) N&u téc d6 ban dau cda béng 1a 10m/s thi cdn ném béng véi géc bao nhiéu do dé
khodng céch 4 13 5m ?

Cau 60: Chiéu cao "(") cia mét cabin trén vong quay vao thdi diém ! gidy sau khi

hit) =30+ Eﬂsin‘ ;_Tq.r +§
bat dau chuyén dong duoc cho bédi céng thirc L&D

a) Cabin dat d6 cao tdi da la bao nhiéu?

b) Sau bao nhiéu giay thi cabin dat d6 cao 40m |an dau tién?



©. Dang todn ren luyén

‘Dang @®: Cau trac nghiém nhiéu phuong an lua chon

Cau 61: Tap nghiém cla phuong trinh sinx =-1|3

T e kez! T kir ezl
12 ] | 2 ]
AI L ]
-k, mz' IkZ rez
2 | | 2
cl Dl
sin2x =—

2 ¢6 tap nghiém la

T ekor, A—ez}

Cau 62: Phuong trinh
5=
6

8T
_+AT —+}'1T AEZ'
12 12 |
. Bl

5=
A.

s:{
18 2

O =

C.
Cau 63: Nghiém cda phuong trinh S12% =1 |3

r:£+£—;r X :£+,{-2£r
4 4
Al L] BI L] cl
sinx =5

T ovkr kezl
|12 J
. DI

Cau 64: Nghiém cua phuong trinh lugng giac la
xER v =arcsinS + k27 (k€ Z)
. B.

x =arcsin5+ k21
, (keZ)
x =a-arcsin5+&27
. D.

C.

XEQ

Cau 65: Phuong trinh 2€95%-1=0 6 mat nghiem 13
N~ o=t ;
6 3

. C. . D.

4
A. : B.

1
COsSY == —
2 13

Cau 66: Nghiém cua phuong trinh

2T
=+—+k27

T
x=+_+kr

I+

e
o)

Tk ” kezl

)

_ kx

H"
=

[
-~



ﬁ

COSX =~

Cau 67: Phuong trinh

{1 T sk kez)
6 J

A.

=

C.

ﬁTAEZ'

J

'-~‘|~4

Cau 68: Tinh ¢ biat oS« =1.
a =kt (keZ)
A.

et :§+}'{2,T (keZ)

Cau 69: Nghiém cua phuong trinh

n
x =+ 4 k27
3
Al
k) :i£+}’-LET
3
C.
NE)
COSXY —= ——
Cau 70: Phuong trinh -
lx=*+—_+k mezl
6 J
Al [
c=+T skmkez)
3 J
C.

"" 7/ A - A N
< ¢6 tap nghiéem la

{.‘r :iji+klr.jk€z]|~

6
Bl
{.‘r T bk ez
3 ]
D.
a=k21r (keZ)
Bl

a =-T+k21 (keF)

Dl
1
COSx =- —
2 13
x =+ 1+!'mr
6
Bl
k) :iiﬂlﬁr
0
Dl

c6 tap nghiém la

{1 =7 ko AEZ}
Bl N
{.T:i%+kll’;k€z]|~

D.

J_I;an“m-?; D

Cau 71: Gidi phuong trinh
y=2+ kL (keZ)
3 2
A.
X :iﬂ'fi(ﬁfEZ)
6 2
C.

x :gﬂu (keZ)

x :%‘HL'I (keZ)
Dl

Cau 72: Phuong trinh nao sau day cé nghiém?



3

cosx =- — .
2 sinx =2 tan x =3 cos x-3=0

. C. . D. .

A.

R . tan(2x) =tan80° | ) .
Cau 73: Giadi phuong trinh . Két qua thu dugc la
x =80° + k180° x =407 + k90°
A. . B. .

v =40° + k45 b x =40 + k180"

=tang (¢€R)
Cau 74: Phuong trinh tan x tﬂm’r, v c6 nghiém la
x =@+ k2t (keZ) x =@+k2r:x =1- g+k2r(k€Z)
A. . B. .
x =g +kr (keZ) x =@+k2r.x =-g+k21 (ke Z)
C. . D. .
Cau 75: Nghiém cda phuong trinh " 2x+4/3 =0 E
T T

x :E+k,T._kEZ .T:—E+ﬁf,T._ﬁsz
A. . B.
X =£+E,kEZ X =- £+£J;EZ
o 2 6 2
C. . D.

Cau 76: Tap nghiém cda phuong trinh BX+1=0" 13

- .

5:{-£+,¢-21,1¢-ez|~ s=1T sk kez!
A, |4 J . B. 4 |
5:{-£+}!{I.}EEE|~ s=l T ko kezl
C. .4 I D. ]
Cau 77: Nghiém cula phuong trinh V3cotx-3=0 la
=ik (ke?) =" skr (ke?)
A. 3 . B. 3 )
i T
x=—+kr (keZ) x=—+k27r (keZ)
C. o ) D. 0 )

cot(x +45°) =
Cau 78: Phuong trinh c6 nghiém la (vai

15° +k180° 30° +k180° 45" + k180° 60" +k180°
AI . BI . cl . DI "

NE
3

S
kZ)

Cau 79: Tap nghiém cla phuong trinh €°t2* =013

E |

T skonkeZ |

g % |.
A.

. .
“+knlked
kalkez



|
|_
D.

|n
4
C.

."—[ . I I - - I
+|‘E|kez; 3+k4x|kez;

Cau 80: T4t ca cac nghiém cla phuong trinh €Ot =0t |5

x=a+k2r keZ x=a+kt k€Z

’ . . ’

x=a+kr b x=+r+kt keZ

’

Cau 81: Ménh dé nao sau day dung véi moi s6 nguyén kq
coty =cotar = yx =y + 427 coty =cotar = x =Hr+ &7
cotx =cotar = x =+ 2k cotx =coter = x =ar+ b7

Cau 82: Tim tat cd cac gia tri thuc clGa than s6 ™ dé phuong trinh sinx-m =2 ¢4

nghiém?
A, m=-3 B. -3=<m=<Il
C. m=l. D. "3<m=<-1,
A . Mr 2 £ iz e M ., sinx-m=1 _, .
Cau 83: Tim tat ca cac gia tri cua tham s6 ™ dé phuong trinh c6 nghiém.
A m =1 m <0 -2<m=<0 0<m <l

Cau 84: Phuong trinh 5%~ ™ =04 nghiém khi gia tri tham s6 " théa man.

m<-1
m>1 -1=m =<l m>1 m<-1
A. . B. . C. . D.
Cau 85: Tim tat ca cac gia tri thuc cla tham s6 ™ dé& phuong trinh S7%~ 7 =1 ¢4
nghiém?
-2 =m =<0. m <0,
A. B.
m=1. 0 =m <l.
C. D.
Cau 86: Phuong trinh SIMY =74 nghiém khi va chi khi
m<-1
m>1 -1=m=l1 m<-1 m>1
A. . B. . C. . D.
Cau 87: Tim tat cd cac gi tri thuc clia tham s6 ” d€ phuong trinh sinx =mcé nghiém
thu
A. m =0 B. -l=m=<l_ ¢, -l<m<l p, m>0,
)
sin2x =- % (0:7)?

Cau 88: Phuong trinh c6 bao nhiéu nghiém thuoc khoang



A. 4. B. 3. C.2 D. 1.

. T 1
sin| 2x+—| =- —
Cau 89: Gidi phuong trinh 2
x=Z ik x=Zkn
4 ke (keZ)
Sz 5
x=""+kx x =——+km
A 12 B. | 12
x =2 tkn x=-Z+iZ
(k€2) Y fke
x=—+krm x:£ _
c. ' p. | 1272
o
Sll‘]b.t’:-? _ +k ‘{':ﬂ+;{j’f
Cau 90: Phuong trinh < ¢6 hai ho nghiém cé dang * ~“ ™47 va - ,

T . 3T
-—_=sg=l=sfics—

= e A N Ve . Ve 52_ -
kezZi 4 . Cac ménh dé sau dung hay sai? Tinh p-a ?
s -7’ 257° -257°
3 3 72 72
A. . B. . C. . D.
sﬁsin‘ T+ }‘ =sin x
Cau 91: Véi keZ’ phuong trinh ' ' cé nghiém la
x=Z4kn x=Z4kn x :£+,{'2:r x=Z4+rZ
2 4 2 4 2
A. . B. . C. . D.
S — 37571
Cau 92: Tim nghiém cla phuong trinh 1 *5"% =0 tran doan [ ]
oz 97 14
A. 37, B. 2. C. 2. D. 2.

Cau 93: Tap nghiém cia phuong trinh: > X +3=0 EX

"

5p - ¥ p - F
+2% 4 k2p kT ¢ +Z +k2p kT ¢
AT © . B.I ° .
. 5 .
§t2+kp|kl ¢g §t£+kp|kl ¢E
c.T © . p.T © .
3cos ‘ 3x- ?T‘ =0
Cau 94: Tap nghiém cua phuong trinh ' ' la
, . e, .
gm,r._kezl { KT rezl

2 ) 183 )
A. . B. .



i K i Y
M vk keZ {jiﬁ“‘T rez!
o | 18 |
C D. .
7 1
cos _‘|.'+_‘ —] 5
Cau 95: Nghiém cula phuong trinh 0 ~ la
x Z%hﬂ'lT x :%H-z,r
- (keZ) "
x=Z+kar x=-Z sk
3 ]
A. B
y=—4+ k2T T:£+£3T
(keZ) 'DS (keZ)
=2 vk x _-?ﬂ-ur
C D.
1
COSX ——
Cau 96: Nghiém cua phuong trinh 2 13
r=T4k27 x =24 k21
0 keZ ; keZ
v=-Lwkar =L ak2x
] 0
A. B
=L +k27 x =2+ k21
3 keZ 3
2T
r=—+k27 r=-—+L2T
3 3
C D.
Ng
cos 2y =- —
Cau97: Tim tap nghiém 5 cua phuong trinh -
8= 3i+kl?:£+ﬁ;l?._kezl.
o s |

5=/- 3i+m.j3i+k,r._kez].
i 8 |

5= 3i+ﬂ-1;£+ﬁ;fr._k =S ] .
8 8 |

s=137 s ar T vk kez),
E 3 J



ﬁ+3tan x =0

Cau 98: Nghiém cua phuong trinh la
X :£+£—;;r X :£+,{'2£r X =- £+k:r
A. 3 . B. 2 . C. 6 . D.
x :£+;’cﬂr
2
Cau 99: Phuong trinh @13 SlnY g napiam |
J T
=k— x=—+kJ
x =k x =k27 T TR
A. . D.
n . = . . ., (0:7)
Cau 100: Phuong trinh tan x cho bao nhiéu nghiém trong khoang ?
A. 3. B. 2. C. 0. D. 1.
tan 3x =tan x
Cau 101: Nghiém cua phuong trinh la
kT
! _?'AEZ x=kr.keZ
A. B.
kx
¥ =k21, kEZ *=— k€L
C D.
JT
tan x :tan:JLT Z;er
Cau 102: Tim s6 nghiém cla phuong trinh 5 trén
2 3 4 1
A. . B. . C. . D. .
Cau 103: Chon dap an sai trong cac cau sau:
siny =1 & x ="+ k27 cotx =-1e x=- Lk
2 4
A. . B.
tanx =l x :£+ﬁ:,T
cosx ==le x=mx+kr 4
D.
Cau 104: Giai phuong trinh ©0t2x =cot20
A. x=10" +k90° ke Z_ B. x =10" +k180° ke E_
C x=20°+ k90" keZ D x=20° +k180°,keZ

Cau 105: Phuong trinh 93% =LY ¢4 c4c nghiem la:

!'T
x=o kK2t kel

2 x=kz. keZ
A. . B.
x =t kez x =" +kT,kEZ
a2 Fa

C. . D.



cot (2x - 30"]:£
Cau 106: Gidi phuong trinh 3 ta dugc
o 4 T,
x=40" 4k (keZ) x =40° +kx(k € Z)
A. . B.
x =40° + k180" (k € Z) x=40" +£90" (k € Z)
C. . D.

Cau 107: Phuong trinh 201+~ V3 =0 c6 nghiém la

x :arccnt£+k,r (kez) x :%+k1 (kez)

x=- L wk2r ' :gmz;(&ez)

C. : D.

0

Cau 108: Tim ”* dé& phuong trinh 5%~ 27*1=0 4 nghiam.

nm>=-— m =

1
A. 2 B. O0<m<l, ¢.0=m=<l  Dp, 5
Cau 109: Phuong trinh ™95+~ 1 =0

m=-1 m=<-1
m <1 m =1 m=>-1 m >1

A. : B. : C. D.

c6 nghiém khi ” théa man diéu kién

cos”(
Cau 110: Tim tat ca cac gia tri thuc cla tham sé m dé phuong trinh
c6 nghiém.
-1<=m <1 m <1 m =0 0<mc<l

A. B. : C. : D.

y=m

b | =
b | 5

‘Dang @: Cau trac nghiém dung, sai

. 1
sn2x =- —
Cau 111: Cho phuong trinh lugng giac 2 (*). CAc ménh dé sau dung hay
sai?

sin 2x =sin =
a) Phuong trinh (*) tuong duong

b) Trong khodng (0:7) phuong trinh cé 3 nghiém
3z
¢) Téng cac nghiém cua phuong trinh trong khoang (0:7) bang 2
11z

(0;7)

d) Trong khoang phuong trinh c6 nghiém Ién nhat bang 12



Yo 15 )= .
Cau 112: Cho phuong trinh lugng giac tan (2x- 15) =1 (*). Cdc ménh dé sau dung
hay sai?

a) Phuong trinh (*¥) cé nghiém * =30 +k90 (keZ)

b) Phuong trinh cé nghiém am Ién nhat bang -30°

(- 180°:90%)

c) Téng cac nghiém cla phuaong trinh trong khoang bang 180°

d) Trong khoang (- 180°;90°) phuong trinh cé nghiém 16n nhat bang 60°
cotlxy =- 11
Cau 113: Cho phuong trinh lugng giac V3 (*). Khi @6

cot3x ZEDI‘. T
a) Phuong trinh (*) tuong duong -

T :£+k£fﬁfEZ}
b) Phuong trinh (*) c6 nghiém 3

- _;0
2

¢) Téng cac nghiém cla phuong trinh trong khoang bang 9
2

d) Phuong trinh c6 nghiém duong nhé nhat bang 9

Cau 114: Cho phuong trinh lugng gidc 2€05¥ :\ﬁ Cac ménh dé sau ddng hay sai?

x =+ +k2a(kEZ)

a) Phuong trinh cé nghiém 3
3T
b) Trong doan 2 ] phuong trinh cé 4 nghiém
c) Téng céc nghiém cda phuaong trinh trong doan 2] bang ©
0,27 37
d) Trong doan 2 ] phuong trinh c6 nghiém 16n nhat bdng 6
sin ‘ 2x- i‘ =sin ‘ ¥+ E‘
Cau 115: Cho phuong trinh ' 41 %), vay:
x=T+k2T

T A_EU’EEZ}-

X =

a) Phuong trinh cé nghiém 6 3
b) Trong khodng (0;7) phuong trinh cé 2 nghiém
Wkis
¢) Téng cac nghiém cla phuang trinh trong khoang (0;7) bang ©
S5z

d) Trong khoang (0;7) phuong trinh c6 nghiém Ién nhat bang 6

sin‘ Ix+ £| =- £
3 3

Cau 116: Cho phuong trinh lugng giac



a) Phuong trinh cé nghiém -3

b) Phuong trinh cé nghiém am I16n nhat bang 9

g
O;]
c) Trén khoang 2 phuong trinh da cho cé 3 nghiém
0-”] s
d) Téng cac nghiém cda phuong trinh trong khoang ' 2/ bang 9

3- 3 tan ‘ 2x- f‘ —0
Cau 117: Cho phuong trinh lugng giac \ 3
dung hay sai?

, Cdc ménh dé sau

.1.' :£+k;—T.kEZ

a) Phuong trinh c6 nghiém

T
b) Phuong trinh c6 nghiém am 1én nhat bang 3
Ty {21;?
c) Khi 4 3 thi phuong trinh cé ba nghiém
[ '72_7 T
d) Téng cac nghiém cta phuong trinh trong khodng ' 4 3 ! bing ©

sinx =-

Cau 118: Cho phuong trinh lugng giac

1
2, Ca4c ménh dé sau dung hay sai?
sinx :sin| i‘

a) Phuong trinh tuong duong | 6

J 7.
o x=-Zspry =21k
b) Phuong trinh c6 nghiém la: 0 0

a

¢) Phuong trinh c6 nghiém am I6n nhat bang 3

(_ JT,JT)

d) S6 nghiém cula phuaong trinh trong khodng la ba nghiém
Cau 119: Cho phuong trinh lugng gidc 2sinx Z\E, Cac ménh dé sau dung hay
sai?

. sin x =sin il
a) Phuong trinh tuong duong ‘

2
=L 4 k2mx =2 4k 27(k €Z)
b) Phuong trinh c6 nghiém la: 3 4
il
¢) Phuong trinh c6 nghiém duong nho nhat bang 4

[_ T
d) S6 nghiém cta phuong trinh trong khodng | 2 2

la hai nghiém



2 sin‘ x-

Cau 120: Cho phuong trinh lugng giac , Cdc ménh dé sau duing

hay sai?
| T _ . |a)
EII]‘ x- —'}‘ ZSII]‘ —‘
a) Phuong trinh tuong duong ' 12 L 3
7T

x = k27 x :];,} +k2r(k€Z)

b) Phuong trinh cé nghiém la:

a
.4
¢) Phuang trinh cé nghiém am Ién nhat bang
~ « A > N 2 (_ JT;./T) N . N
d) S6 nghiém cua phuong trinh trong khoang la hai nghiém
- Yeinl4s - 2+ )=
Cau 121: Cho phuong trinh lugng giac V2 - 2sin(45 - 20) D, vay:

N .. sin(45 - 2x) =sin45
a) Phuong trinh tuong duong véi sin ) =sin

b) D6 thi ham sg * =V2~ 2sin(45 - 2x)

c) Phuong trinh cé nghiém la:

cat truc hoanh tai diém g6c toa db
x==k180 ;x =-45 - EI80 HEE}

T

d) Trén khoang [ 2’2

phuong trinh da cho céd mét nghiém

| T
y =sin| x + —‘ .
Cau 122: Cho hai d6 thi ham s6 | 41 ya Y =SIMY cac ménh dé sau dung
hay sai?

. | .
SLI]‘ X+ I‘ =snx
a) Phuong trinh hoanh do giao diém cua hai d6 thi ham sé:
3
y =22 s ka(keZ)
b) Hoanh do giao diém cua hai d6 thi la

x €[0;27] ]
c) Khi thi hai dé thi ham s6 cat nhau tai ba diém

€[0;2x] ‘ ]
d) Khi thi toa do giao di€m cua hai do thi ham sé6 la:

—_:sin _‘ ‘_ 'n_

Cau 123: M6t vat dao dong xung quanh vij tri can bang theo phuong trinh
x =1, ‘icns‘ _‘
; trong d6 ! la thai gian dugc tinh bang gidy va quang dudng

h=x| dugc tinh bang mét la khoang cach theo phuong ngang cla chat
diém doi véi vi tri can bang. Cac ménh dé sau diang hay sai?



Vj tri can bing

. ] h=15m
a) Vat & xa vi tri can bang nhat nghia la

b) Trong 10 gidy dau tién, cé hai thoi diém vat ¢ xa vi tri cdn bang nhat

[T |
cos‘ ‘ =0

c) Khi vat ¢ vij tri can bang thi
d) Trong khodng tir 0 dén 20 gidy thi vat di qua vi tri cdn bang 4 lan?
‘Dang ©: Cau trac nghiém tra 16i ngan

Cau 1: Tim nghiém phuong trinh lugng giac: cos(x+30')+1=0

EDS(TS - .r]l:— E
Cau 2: Tim nghiém phuang trinh lugng giac: -

tan| 2x- £| :E
Cau 3: Tim nghiém phuong trinh lugng giac: \ 3

tan (3x - 30 ) =- £

: Tim nghiém phuong trinh lugng giac:

5: Tim nghiém phuong trinh lugng giac:
: Tim nghiém phuong trinh lugng giac

TX
-.,.n'r_‘: tan — =3
2

cot3x =cot{.T- x).

‘ -

( a
I:Dl‘ x-
5

: Tim nghiém phuong trinh lugng giac

. 1] .
51n‘ 2x- _|+snx =0

Cau 8: Tim nghiém phuong trinh lugng giac
Cau 9: Tim nghiém phuong trinh lugng giac SIkT - )= cosx =0,
Cau 10: Tim nghiém phuong trinh lugng gidc tan3x =cotx
. | T
51N .1-51n| xX- —‘ =
Cau 11: Tim nghiém phuong trinh lugng giac I8
sindx +cos(180 - 3x) =0
1
COSX |

Cau 12: Tim nghiém phuong trinh lugng giac

. . . ~ 2cos2x-8cosx+7 =
Tim nghiém phuaong trinh lugng giac

Cau 13:
tan x +cotx =- 2
Tim nghiém phuong trinh lugng giac

Cau 14: sinx



cot x +sin 1| I+ tan x tan’ | =4
Cau 15: Tim nghiém phuong trinh lugng giac \ 4
Cau 16: Tim nghiém phuong trinh lugng giac Vf3sin’ x- sin xcosx =0,

Cau 17: Tim nghiém phuong trinh lugng giac sin2x =2 sin(x +7) + cos(2x +7)

4cos® L+ ls,in x+3sin® = =3
Cau 18: Tim nghiém phuong trinh lugng giac 2 2 2
Cau 19: Tim nghiém phuong trinh lugng gigc €0Sx €0X 5x =cos 2x cos4x
Cau 20: Tim nghiém phuong trinh lugng gidc 2¢€0sx €0s2x =1+c0s Zx +cosJx,

o M =
Cau 21: Tim nghiém phuong trinh lugng giac tan (2x+30° )+ tan20 D.

Cau 22: Tim nghiém phuong trinh lugng gidc cos’ 2x- sin’ 2x =sin 2x - cos 2x
Cau 23: Tim nghiém phuong trinh lugng giac Jfanx- 2cotx- 3 =0

2T
cot 3x =tan —

Cau 24: Tim nghiém phuong trinh lugng giac 5.
1 _ﬁf_cusr— 5in x)
Cau 25: Tim nghiém phuong trinh lugng gidc tanx+cot2x cotx- | :
Cau 26: Tim  dé& cac phuong trinh lugng gidc sau cé nghiém: 2sindx =m-1,
Cau 27: Tim ™ d€ cac phuong trinh lugng gidc sau c6 nghiém:
3sin” x+sin2x- mcos” x =0

Cau 28: Tim ™ dé céc phuong trinh lugng gidc sau cé nghiém: mtanx+2 =m

Cau 29: Tim nghiém phuong trinh lugng giac \f3sin3x- cos3x =2.

Cau 30: Tim nghiém phuong trinh lugng gigc fan x+2cotx =3,

Cau 31: Tim nghiém phuong trinh lugng giac 2sin” x- 3sinx +1 =0,
Cau 32: Tim nghiém phuong trinh lugng gidc sin2x- cosx- 2sinx+1=0,

Cau 33: Tim nghiém phuong trinh lugng giéc V3sinx- cosx =0,

Cau 34: Tim nghiém phuong trinh lugng gidc cos2x- 3cosx+2 =0,

Cau 35: Tim nghiém phuong trinh lugng gidc sin7x sinx =sin5x sin3x

Cau 36: Tim nghiém phuong trinh lugng gidc Sin” x- sin2x+7cos” x =3

Cau 37: Tim tat ca cac gid tri thuc ctia tham s6 m dé phuong trinh sinx- m =1 ¢4
nghiém.

Cau 38: MOt vat M dugc gan vao dau 10 xo va dao déng quanh vi tri can bang 1,
biét rang O la hinh chi€u vudéng g6c cta ! trén truc Ox, toa dd diém M
trén Ox tai thoi diém ! (giay) la dai lugng s (don vi: ¢m) dugc tinh bdi

s :S.Gsin‘s.w;‘

cébng thuc \ =

¢ P N . 2 t:3 A

a) Tim khoang cach tu vat dén vi tri can bang tai thagi diém giay.

) s =4,3cm
b) Thoi di€ém nao trong khoang 2 giady dau tién thi ?

(Cac két qua gan dung trong bai dugc lam tron dén hang phan tram)



Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:
Cau 46:

Cau 47:
Cau 48:

Cau 49:
Cau 50:

Cau 51:
Cau 52:
Cau 53:
Cau 54:
Cau 55:

Cau 56:

Cau 57:

Cau 58:
Cau 59:
Cau 60:

Cau 61:

Tim

Tim

Tim

Tim

Tim

Tim

Tim

Tim
Tim

Tim
Tim
Tim
Tim
Tim
Tim
Tim
Tim
Tim
Tim
Tim
Tim

HHH

[T e

&

nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac

nghiém phuong trinh lugng giac

T

o

] !'T ]
51n‘ 2x+_ |+sinx =0

T ' o
B +|:DS| I+§ =0

CDE‘I-

’

-

sin‘ x- “—‘ - cos2x =0
| 3
’

' T | o T
cos| 2x- +51n‘ 21‘+§| =l

T '
v+ | +tan =0

tan
| ]

| T
B
3

=0

’

I [T
x- —‘— I:Dt‘ —+x
] |3

tan

' T '
cot + tan‘ _-x| =0
| 4

T
Ix+
4

nghiém phuong trinh lugng giac 4sin”x- 1=0,

nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac

nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac

nghiém phuong trinh lugng giac

nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac
nghiém phuong trinh lugng giac

. c s r
cos 2x :5,1n" _1'+§‘

|cos2x|=1,
’
cos| Z- || =2
| 2 2

2s8in2x cos2x =0,
cos’ x =sin” x .
3sinx =4sin’x .
cosx =l+4cos'x .
sinx +cosx :JE;

sin” y- cos” x+1 :D;

4 R 1

SIn” x+cos” x- — =0
2

B3 1, a

—— C05x- —slny =—

¥ 2 ¥

’

cos 2x ++/3sin2x =+/3 cosx- sinx
cos” x+cosx =0.

2sin” x - 3sinx +1=0.

tan® x +(+f3 - 1)tan x - f3 =0



=cotx+3

Cau 62: Tim nghiém phuong trinh lugng giac sin” x

‘cut_— ]H l:ut_+] =0

Cau 63: Tim nghiém phuong trinh lugng giac 2
tan (x - 30 Jcos(2x- 150 ) =0

Cau 64: Tim nghiém phuong trinh lugng giac
Cau 65: Tim nghiém phuong trinh lugng giac (3tanx +3)(2sinx- 1) =0,

Cos E.rcnt| x- 1‘ =
Cau 66: Tim nghlem phuong trinh luogng g|ac
Cau 67: Trong moén cau lé6ng, khi phat cau, nguoi choi can danh cau qua khoi luéi
sang phia san déi phuong va khong dugc dé cho cau roi ngoai bién.
Oxy (0:5,)
Trong mat phang toa dé , chon diém c6 toa do la diém xuat phat thi
phuong trinh quy dao cla cau 16ng khi roi khéi mat vot la:

= .2- '.T:
Y =—————+tan{cr) x + 3,
20 o8t

; trong dé:

9,8m /s’
g la gia téc trong truong (thudong dugc chon la );

a > Y 2 ~ n~
- la g6c phat cau (so véi phuong ngang clia mat dat);

1%
0
la van téc ban dau cua cau;

Yo
- la khodng céach tUr vi tri phat cau dén mat dat.

Pay la mdét ham so6 bac hai nén quy dao chuyén dong cla cau 16ng la mot parabol.

Mot nguoi chaoi cau 16ng dang ding khodng cach tu vi tri ngudi nay dén vi tri cau
6,68 m
roi cham dat (tam bay xa) la . Quan sat hinh bén dudi, hoi nguoi choi da
phat cau géc khoang bao nhiéu do so véi mat dat? ( biét cau roi mat vot & do cao
0,7m i i . . 8m/s
so v&i mat dat va van téc xuat phat cta cau la , bd qua slc can cua gié
va xem quy dao cla cau luén nam trong mat phang phang ding).

»
J a

*'.'-Wl-\

0,7 / ;

M= —grx

: y=#+tan(d}_\'+3ru
2y.co8" a

o diém cham dat

> X

Cau 68: MOt vé tinh bay quanh Trai Dat theo mot quy dao hinh Elip (nhu hinh vé):



h . C fe L 0
D6 cao (tinh bang kilomet) cta vé tinh so véi bé mat Trai bat dugc xac dinh bai

T
h =550+ 450 cos q—.r

- t p d AY 7 A
cbng thirc . Trong dé la thai gian tinh bang phdt ké tu lac vé
tinh bay vao quy dao. Ngudi ta can thuc hién mot thi nghiém khoa hoc khi vé tinh

250km
cach mat dat . Trong khodng 60 phut dau tién ké tu IGc vé tinh bay vao quy

dao, hay tim thoi diém dé co6 thé thuc hién thi nghiém dé ?

Tai liéu duoc chia sé bdi Website VnTeach.Com
https://www.vnteach.com
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