Chuong 01

Ly thuyét

1. buong tron dinh hudng va cung lugng giac

1,

i

[,_,,, Puong tron dinh hudng:

“=—7+ DPuong tron dinh hudéng la mot duong tron trén do da

chon mét chiéu chuyén déng goi la chiéu duong, chiéu ‘\:
nguoc lai la chiéu am. -

+ Qui wéc chon chiéu nguoc véi chiéu quay cua kim dong )
ho lam chiéu duong.

{%f; Cung luong giac:
“2-7  Trén duong tron dinh huéng cho 2 diém A, B. Mot diém M di déng trén
duong tron ludén theo mot chiéu tir A dén B tao nén mot cung Iuwong
gidc c6 diém dau A va diém cudi B.
V6i 2 diém A,B da cho trén duong tron dinh hudéng ta cé vé sé cung
Iirong gidc c6é diém dau A, diém cudi B.

b
+ KihiéuAB,

------

n mol duong tron dinh huéng, 1ay 2 diém A, B thi:

(1) Ki hiéu AB chi mot cung hinh hoc (lon hoac bé) hoan toan xac
dinh. b

(9) Ki hidn ABchi mat cenina lirvomer aride diém dan A diém endi B
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2. Goc luogng giac.

@ 7

‘=|» GOc luong giac:

(

Mot diém M chuyén déng trén duong tron tir
D

C d@én D tao nén cung luong giac CD

Khi doé tia oM quay xung quanh géc O tir vi tri
oC OD

. Ta noi tia OM tao nén goéc luong
OD

dén
gidc, co tia dau oc vd tia cudi
£ o OC,0D
 Ki hiéu: ( ).
« Ta quy wdc: chiéu quay

+ nguoc voi chiéu quay kim dong hoé la chiéu
dironar

«  Khi tia OM quay g6c a thi ta néi géc lwong gidc ma tia d6 quét nén cé
sd do a.

- S6 do cla goc luong gidc véi tia dau OC, tia cusi OD duoc ki hiéu 1a

S6 do clia cac goc lwong gidc c6 cung tia dau OC va tia cudi OD sai khac

nhau mot bdi nguyén cta 360" nén cé coéng thic tdng quat la:
sd(OC,0D)=a" +k360° (ked¢)

\

g Hé thuc Chasles:

V6i 3 tia 9a Ob, Oc¢ 3t ki ta co:
(Oa,0b)+(0b,0c) =(0a,0c)+ k360" (ked¢)

3. bon vi Radian.

i,

B

t_v Don vi Radian:
» Trén duong tron tuy y, cung c6 do dai bang ban kinh duwoc goi la cung cé

so do ! rad.
Quan he giira do & radian:
=P irad =80
» 180 va P

Khi viét so do cua mét géc (cung) theo don vi radian, ta khong viét chit rad
sau s6 do.

a -\J_p ] a .D
180" =p— 00" == |180" =p— 45" ==
P 3| p 2

\,
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4. buong tron luong giac

(=

:=.- buong tron luong giac:
= Oxy,

» Trong mat phang vé duong tron dinh huéng B(0: 1)
tam O, ban kinh R =1, +
» Duong tron nay cat hai truc toa do tai bén diém
A(;0), A'(-1;0), B(o;1), B(0;-1). A(~1:0) A(1;0)
o "
» Talay A(1;0) lam diém g6c cua duong tron.
» Puwong tron xac dinh nhu trén duoc goi la duong
tron lwong gidc (goc A). B'(0;-1)

5. b6 dai cung tron.

I[W » Cung c6 s6 do @ rad ctia duong tron ban kinh R cé d¢ dai [ =FRa .
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egCa'c dang bai tap

0 Dang 1. Moi lién hé gilita d6 va radian

n
— .\ Ph 3\
= . uong /

Dung méi quan hé gitta d6 va radian: 180" =p rad
180°
2. 7 ~ \ . N a
» Doi cung 4 c6 soO do tir radian sang d6 P
p
« NAi ~rine X ~A oA An +9 AA ra radian 180

4 Vi du 1.1.

2.~ > , / . A0 snnd LT T
(1) D6i s6 do cua cac goc sau ra radian: Bl

5 3
(2) P8i s6 do clia cac a6c saura do: 1875 "

o Loi gidi

2.~ > , , . =0 a 0 | n
(1) B6i s6 do cta cac goc sau ra radian: 72°,600°,- 37°45°307

=P g 720 =272.P 2P 600 =600..P_ =19

Vi 180  nén 180 5 180 3

-3?*'45'3&":-3?‘"-[£ [ 30 ‘ = 453" =231 P 06587
| | 60.60 | | 120 120 180

o e o ) 72"‘;000"';-]7"'45'30”
(2) Doi s6 do cua cac goc sau ra do:
o — [ISD 5_p:'5_pr@""_ 3p I3p|8c+ _log®

Vi nén '8 118 p |
F a y 1 .

-4 = ‘4@ = | 2% ~-2260°48°

. R LR
Vidu 1.2.

o Loi giai

, ' )
45732° 2‘ 45 +3—“

Trudc tién ta doi 00 |

. 1)

I 45+ 60 P
' 4= =0,795
Ap dung cong thiic, ta duoc 180

Dé6i s6 do clia géc 4332' sang don vi radian véi do chinh x4c dén hang phan I
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T ‘Q
& 4 Vidy1.3.
D6i s6 do radian sang s6 do do
p p
—(rad) —(rad)
(1) Plrad) ) 3 @) 10
12
2P (rac) - %P (ru) )
@ 3 & 2 ® 3
o Loi giai
b 2 180
. - = = 2| =60
p(rad) =IM| ~180° 3= =5
(1) S )
' ' 22 '
b I“;,lsm p 3p,|80
= (rad) = =18° () = =1320°
10 3
&) (4)
5p - 2P 150 o 12p o
- - (rad) = —-100° - ()= —Sp =-432°
(5) ®)
s 4Vidu 1.4.
D6i s6 do do sang s6 do radian:
(1) 170° (2) 1000 (3) 3100
@) -90° (5) -240° ) -125°
o Loi giai
._pl70__. 17p . _p.1000 . 50p
) 170 =50 rad = 3 (rad) ) 1000° = 5 rad = 5 (rd)
. p.3100 155p . p(-90) p
3100° = rad =——" (rad) -90° = rad =- = (rad)
te) 9 @) 180 2
- 240 - 125
- 240° :p( )rad =- 4—p(md] -125° :p( )Iﬂd =- ?'S—P(rm‘]
5) 180 3 ©) 180 36
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0 Dang 2. PO dai cung lugng giac

— & Phuon
ﬁ . . g )
o , .. all=a=2 . . a0’ =a=300") , |
Cung tron bdn kinh R ¢6 sé do ( p)’ €0 s6 do do ( ) va co

pa p a_a

=Ra="". = =
dé dai | thi: 180 dodé P 180

0
1 rad :[@ L1 :irad
D 180

T E . Oan

Vi du 2.1.
Mot duong tron c6 ban kinh 36 m. 6 dai ctia cung trén duong tron doé co6 sé
do la
3P 4
o Loi giadi
I=Ra =P2 R
Theo cdng thitc tinh d6 dai cung tron ta cé 180 nén

ol

I =Ra =36 2P —27p =84,8m
Ta c6 4 )
(2) 51°

pa o _ps|

_Pa p_POl 362 35 04m
Tacé 180 180 5 .

1

0
=Il,
50] T
Biét do dai xich

Mot hai li la d6 dai cung tron xich dao c6 s6 do
dao 1a 40-000KmM, 1h4i mot hai 1i dai bao nhiéu km?
o Loi giadi

40000 =1,852km

1
Mot haili dai 360 60
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{ Vi du 2.3.
" Cho hinh vuong AAAA, noi tiép duong tron tam O (céc dinh duoc sép
x€p theo chiéu nguoc chiéu quay cua kim dong ho). Tinh sé do cua céc

e AALAALT = 0,1,2,3.1 1)

Arram e Tamana A

5 o Loi giai
_ _ A
Ta c6 404 =0 pap sqhdh =kep,ked S
p bop
A0A =% AA =L +kepked
2 nénsd 2
B Az{ Ao
A0A, =p nén sdA-:uA: =p +k2p,ke ¢ o
t
A OA, _P AA =2p- EHQp :3—p+fﬂp,ke¢
" 2 nénsd 2 2 /
AA =—+kp,i=01,2,3ke¢
Nhu vay sd 2
b b b

_ G- )P+ kep ke
Theo hé thic salo ta co sdA"Af sdA"Af - sdAOAi +kp = 2
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e

0 Dang 3. Biéu dién géc luong giac trén duong tron luong giac

ST

%

# Kién thuc can luu y:

D€ biéu dién gdc luong giac c6 s6 do a trén duong tron luwonggiac ta can thuc
hién cac budc sau:

» Buoéc 1: Vé duong tron luwong gidac. Chon goc A(5;0) lam diém dau.
» Buoc 2: Chon diém cuéi M trén dwong tron luwong gidc sao cho
(0A,0M)=a

Piém cubi M chinh 1a diém biéu dién cta géc lwong gidc cé so
do a.

v' buong tron luwong giac la duong tron cé tam tai géc toa do, ban kinh
bang 1, dwoc dinh huéng véi:
» Chiéu quay duwong (nguoc chiéu quay cua kim dong ho),
» Chiéu quay am (cung chiéu quay cua kim dong ho).

~ .2 A 1,0 \ R ~ > N N
» Lay diém (;0) lam diém goc cua duong tron.
y

B

B!

Céc di€ém B(0;1),A0;0), B (0;-1) nam trén duong tron luong giac.

. o >360° A s = o = F ze
v Néu M >2p (hoac ‘GI ) ta phan tich 2 =b+k2p hoac ¢ =b +1360 voi
"P<b<p xhids, diém bidu dién clia géc luong giac cé s6 do @ sé&

trung véi diém biu dién clia géc lwong gidc c6 s6 do 1a P

¥ 4Vidu3.1.

" Xac dinh diém M trén dwong tron luong gidc bi€u dién géc luong gidc ¢ s6

do bang
_op
 Loi gidi
Ta co (0A,0M)=45 1a géc luwong gidc cé tia dau la tia OA | tia cuéi 1a tia OM
va quay theo chiéu duong (nguoc chiéu quay cua kim déng hé) mot géc 45°.
Piém M trén duong tron luong gidc bidu dién géc luong gidc c6 s6 do bing
45" duoc xac dinh nhu hinh duéi day:
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M

B

Vay diém M 13 diém chinh gifta cia cung nhd AB

_op
@ 4
(0A,0N)=-P P 1ap )
Vi 4 4 , do vay diém N trung véi diém biéu dién cla
_P
géc lwong giac c6 s6 do bang 4.

Khi do, géc (0A,ON) 1a géc luong gidc cé tia dau 1a tia OA, tia cudi 1a tia
p
ON v3 quay theo chiéu 4m (cung chiéu quay cta kim déng hé) mét géc 4.
Piém N trén duong tron lwong gidc bi€u dién géc lwong gidc c6 sé do bang
90

4 duoc biéu dién nhw hinh duéi day:

B

1
Vay diém N 1a diém chinh giita ctia cung nhé Ba
2

4 vidu3.2.

Biéu dién cung lwong giac trén duong tron lwong gidc cé sé6 do:
9p
(1) 4 (2) - 765° @ X=HP (kee)
o Loi giai
N ,
(1) 763 I£
'EJ_p :E +2 gp {
Taco 4 4
A A
Bf
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op

Do dé diém biéu dién cung luong gidc 4 trung véi di€m biéu dién cung
P
lwong gidc 4.
or
Vay diém cudi ctia cung 4 1a diém chinh gitta M cla cung nhé AB.
) x=lp (ke¢)

Ta cg - 765" =-45"- 2360
Do d6 diém bidu dién cung luong gidc - 765" trung véi
diém bidu dién cung luong gidc -45°. v

Y
45 1 ! >

Lai c6 360 8 \

Ta chia duwong tron thanh 8 phan bang nhau.

Khi d6 diém M biéu dién géc c6 s6 do - 765" .
x=ko (kec¢)

k2
x=kp =7

(3)

Ta c6 . Vay c6 2 diém biéu dién cung lwong p

y
gidc c6 s6 do k. !

Vé6i K=0:X=0 quoc bidu dién béi diém A .
V6i K=LEX=P  quoc bi€u dién bdi diém A,

B’
15
»\A
73/

A
7 Vi du 3.3.

) X :E+ kp )
Cho cung luong giac c6 so6 do 4 véi K 14 s6 nguyén tuy y. Cé bao
AT ot e R A sdm [Z_D;Sp] ?

 Loi gidi

%+kp>2p k}%

—
P, kp <5p k< o
Giai hé bat phuwong trinh 4.
) Tk
Tu d6 dé x<|[2p;5p| thi 4 4 . vi K 13 s6 nguyén nén cé 3 gié tri cta K 1a
2,3,4 thoa mén yéu cau bai todn.

.ﬁ
Vi du 3.4.
X =- E-j-E
Cho cung luong gidc c6 s6 do 3 4 véi k13 s nguyén tuy §. C6 bao
xel - 3—'J"};zhr;lr
nhidn mid tri Faa k thAa man \ 3 2

o Loi gidi
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-E'I‘E}—B—p k}—l—ﬂ
3045 15
-E+E£4p k<2
Giai hé bat phuwong trinh ' 3 4 3
3
XE[——p;in -E-::k-:_:s_"
Tw do, dé thi 15 3,
I T N N , .. . k(-1,0,1,..,106,17 » ~
Vi Kla sé nguyen nén co 19 gia tri cua ( ) thoa man ycbt.
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Luyén tap

A. Cau héi - Tra loi trac nghiém

» Cau 1.

» Cau 2.

» Cau 3.

» Cau 4.

» Cau 5.

P

G6c c6 s6 do 24 d6i sang do bang

A. 7. B. 730", c. 8. D. 830",
o Loi giadi

Chon B

P 180 e,
Ta cé: 24 24
e o e . 50(em) . .. A .
Mot duong tron co duong kinh la . b0 dai cua cung tron tren duong
p

tron cé s6 do la 4 bang (lam tron dén hang don vi):

A 40(cm). B. 39(Cm)- c. 19(em) D. 20(cm)-
o Loi giai

Chon D

5
7 I=aR=P 25=2"p~20(cm)
Do dai ctia cung tron 4 4 .
S6 do theo don vi radian ctia goc 315 13
» » » 4

A. 2. B. 4. C. 7. D. 7.
o Loi gidi

Chon B

315° =202 p =P
Ta co 180 4 (radian).
P

Cung tron c6 s6 dola 4 . Hay chon s6 do dd cua cung tron dé trong cic cung
tron sau day.
A5 B. 15, c. 172, D. 225"

o Loi giadi

Chon D
3p
d a a 4 o a
=—_180" == 180" =225
Ta co: P P

Cung tron c6 s6 do la P. Hay chon s6é do d0 cta cung tron do trong cac cung
tron sau day.
A. 307, B. 45, C. 90" D. 180"
o Loi giadi
Chon D

d =2 150° =180°
Ta co: .
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» Cau 6.

» Cau 7.

» Cau 8.

» Cau 9.

» Cau 10.

==
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2p
G6c c6 s6 do 35 dei sang do la:
A, 135° B. 72°. C. 270°. D. 240"
o Loi giai
Chon B
2p _2.180°

=72°.

Tacd: 3 3
Géc c6 s6 do 108" d8i ra radian 1a:

W » W p
A. 5. B. 10, C. 2. D. 4.
o Loi gidi
Chon A
10g° =198 P _3P
Ta cé: 180" 5

Mot banh xe c6 72 rang. S6 do géc ma banh xe da quay duwoc khi di chuyén
10 rang la:
A. 60°, B. 30°, C. 40°, D. 50°,
o Loi giai
Chon D

360" _s0
+ 1 banh rang tuwong mg véi 72 = 10 panh rang la 50°.
Trén duong tron véi diém goc la A. Piém M thudc dwong tron sao cho cung
lwong gidc AM ¢4 s6 do 60°. Goi N 1a diém d6i xtng véi diém M qua truc
Oy , s6 do cung AN 1a
A. - 120° pozc 2407 B. 120" +k300",keq¢
c. 1200, D. -240°

o Loi giai

AVAN
.

Ta c6: AON =60" MON =60" nan AOM =120" Khj d6 s6 do cung ANbang 120°

Chon C

Trén duong tron ban kinh =15, d6 dai cta cung c6 sé do 50 1a:

1=15180 ] =P 1=15.180 5o
A. P . B. 180 C. p . D.I1=750
 Loi giai
Chon C
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!_p,r,n'" _ pl5.50

180" 180
p

» Cau 11. Trén duwong tron ban kinh =5, d6 dai ctia cung do 8 1a:

A. 8. B. 8. c. 8. D. 3.

o Loi giai
Chon C
) . 1=rn=s.F
b0 dai cung AB c6 s6 do cung AB bang n do: 8,

75(cm)

30(cm)

» Cau 12. SO do cua cung tron cé do dai trén duong tron c6 duong kinh

g ~ < s . A, , , d'blab s a 1.m ,
(lay P ~3.14 va lam tron dén phut) cé dang (abe¢ ). Gié tri ctia biéu thirc
P =2a- bpang:
A. 533 B. 335, C. 267 D. 266
o Loi gidi
Chon B
I:i,p.R:v a :IJSD _ 75.180 ~286"37"
180 pR 3,14.15

b6 dai cua cung tron

vay P=2a- b=2256- 37 =535
» Cau13. Trén hinh vé hai diém M.N bidu dién céac cung c6 s6 do la:
y

B m
A’/ A

B.F

P P p p. .P

X="-+2 X=-"—+ X="+ X="—+Kk=—

ABKP 1?.’rko.c.3k'D D. 3 12

o Loi giai
Chon C
b
, ) . AM=P
» Cau 14. Trén duong tron luwong gidc goc A, cho diém M xac dinh boi sd 3. Goi

M, 13 diém d6i xtng cta M qua truc OX. Tim s6 do cla cung luong giac

AM,.
B . L)
AM :Eﬂap,kect AM =P v kop ke ¢
A. sd 3 B. sd 3
B _-p B _-p
AM =——+I2p,ked AM =—+kp,ke ¢
C. sd 3 D. sd 3
 Loi gidi
Chon C
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» Cau 15.

» Cau 16.

» Cau 17.
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AY
,,,,,,, M
K :
.|
0\ | X
= H A
3 |
I g S M,

vi M 13 diém d6i xtng cia M qua truc OX nén c6 1 géc lwong gidc
(0A,0M) =- g

S _-P

AM =——+k2p, ket
= sd 3 .

biém M trong hinh vé sau la diém biéu dién ctia géc a.
YA

@)
1
M 37

S6 do cua @ la

a:—E+.iQp;kE¢ a:—j—p+i«;o,ke¢
A. 3 : B. 6 :

a:E+!Qp,kE¢ a:—j—p+k2p,ke¢
C. 3 ) D. G .

o Loi gidi

Chon D

a=—- P, kep, ke
S6 do cua @ la 0 .
Khi bi€u dién cung luwong gidc trén duong tron lwong gidc, khang dinh nao
dudi day sai?
A. Diém biéu dién cung @ va cung P- @ d6i ximg nhau qua truc tung.
B. Piém biéu dién cung @ va cung -@ d6i ximg nhau qua géc toa do.
C. Mbi cung luwong gidc duoc bi€u dién béi mot diém duy nhat.
a+kplked) c6 cung di€ém biéu dién.
o Loi giai

D. Cung @ va cung

Chon B

Khang dinh B sai vi diém biéu dién cung @ va cung -@ déi xiing nhau qua
truc hoanbh.

Mot déng ho treo tuong, kim gior dai 195791 v kim phut dai 13-3491 Trong 30
phut mii kim gio vach 1én cung tron cé do6 dai la
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» Cau 18.

» Cau 19.

» Cau 20.

» Cau 21.
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A. 2,78cm B. 2,77cm c. 2,76cm D. 2.8am.
& Loi giai
Chon B

6 gio thi kim giovach lén 1 cung c6 s6 do ™ nén 30 phut kim giovach 1én 1 cung
|

c6 s6 do la 12, suy ra d6 dai cung tron ma né vach 1én 1la

[ =Ra =10,57 x% =2,77

Trong 20 giay banh xe cua xe gan may quay duoc 60 vong.Tinh d¢ dai quang
duong xe gan may da di dwoc trong vong 3 phut,biét rang ban kinh banh xe gan
may bang 6,5cm (lay P :3,1416)
A. 22043cm. B. 22055cm. C. 22042am D. 22054an

o Loi gidi
Chon D

, 3700 60 =540
3 phut xe di duwgc 20 vong.
Do dai 1 vong bang chu vi banh xe 1a 2PR=253,1416X0,5 =40,8408
Vay quing dudng xe di duoc la 540x40,8408 =22054,032an
Mot banh xe dap quay duoc 25 vong trong 10 giay. Tinh d6 dai quang duong
ma nguoi di xe thuc hién duwoc trong 2,35 phut, biét rang ban kinh banh xe
bang 340mMM,_(Tinh theo don vi mét, két quad duoc lam tron dén hang phan
tram).

A, 314,5(m) B, 753,04(m) c. S14.8(m) p. 437.8(m).

o Loi giai
Chon B
Sau 2,35 phut ( = 141 giay), s6 vong ma banh xe thuc hién duoc la:

35 .
141.25 =352,5 vong.

10 Ban kinh banh xe: R=340nm=0,34m

Quang duong ma nguoi di xe dap thuc hién dwoc sau 2,35 phut la:
o)

352,5 2pR =352,5 2p 0,34 :%p ~753,04(m).
Tur mot vi tri ban dau trong khong gian, vé tinh X chuyén dong theo quy dao
la mot duong tron quanh Trai Pat va luén cach tam Trai Pat mot khoang
bang 9200km_Say 2 gity thi vé tinh X hoan thanh hét mét vong di chuyén.
Quang duong vé tinh X chuyén déng duoc sau 1 gio la
A, 28902,05(km) B, 29802,05(km) . 32102,65(km) ) 28905(km)

o Loi gidi
Chon A
Mot vong di chuyén cua X chinh 1a chu vi duwong tron:
C =2pR =2p.9200 =18400p( kim).
Sau 1 gid, vé tinh di chuyén ntra duong tron véi quang duong la:

%c =9200p =28902,65(km).

M6t chiéc du quay c6 ban kinh 757, tam ctia vong quay & d6 cao 90, thoi
gian thyc hién moéi vong quay cta du quay la 30 phat. Néu mét nguoi vao
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cabin tai vi tri thap nhat cta vong quay, thi sau 20 phut quay, nguoi d6 ¢ do

cao bao nhiéu mét?

w06

127,5(m) g, 154.3(m) c. 87.7(m)

>

o Loi giai
Chon A

N

D. 1575

Do tinh d6i xng, du du quay chuyén dong theo chiéu kim déng ho hay
nguoc chiéu kim dong ho, ta déu thay rang do cao cua nguoi d6 la nhw nhau

sau cung mot khoang thoi gian.

O day ta xét du quay chuyén déng theo chiéu kim dong hé.
Gan du quay cé ban kinh 75™M, tam ctia vong quay & do cao 90 vao hé truc

toa do Oxy ta duwoc hinh bén:
20

Z= 360 =240

Sau 20 phut quay cabin di duoc mot géc 1la 30

diém M,

Khi d6 goc MOH =30 3 MH =30.0M'=37.5 (m)
Vay sau 20 phut quay, nguoi dé & do cao

B. Cau hoi - Tra loi Pung/sai

» Cau22. P61 s6 do cua cac géc sang radian. Khi do:

tic la dén vi tri

37,5490 =127,5(m)

Ménh dé D;“ Sai
@3 =P
) 6 rad
of =]t
) 1P 12049
(c 132 :E
) 15 rad
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o Loi gidi

30 =2 i =P

180 6

» Chon DUNG.
1) -]

(b) [P 12 rad

15
[E P rd=' g
' p| 180 12
» Chon DUNG.

132 =11P

(c) Erad
132 =122P pg =P
180 15
» Chon bUNG.

_495 —=- I3_'D
) 4 rad

495 = P - 1P g
130 ik

» Chon SAIL
» Cau 23. DOi s6 do cua cac gbéc sang do. Khi do:

Ménh dé Sai

(a

)

b P05
) 360

(€| 31P =27
) 2

()d - 4rd =-229,18

3—pmd:135:
4

o Loi giadi
3P ad =135
(a) 4 ;
B_p,m:p_p.@”
4 p
» Chon DUNG.

- P rad=-05
(b) 360 ;
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P rad

_[ p 180

I -2 =05
360 | 360 p |
» Chon PUNG.
&Ttﬂ:?.?.
(o 2 ;
3P g = “_P.@‘ =2790
2 2 p |
» Chon SAI
(d) ~4mad ~-229,18
n .I s _,} -I )
_4@1:[_4.@ :[-E ~-229,18
. p | p

» Chon PUNG.

» Cau 24. Biéu dién gdc luong gidc trén duong tron lwong giac. Khi dé:

Ménh deé

Sai

(a

)

125 13 diém M thuéc géc phan tw thir thir 11

(b
)

405 13 diém N thu6c géc phan tw thi I11

(c
)

190

3 13 diém P thudc gbc phan tu thir I1

d
)

13p
6 1a diém Q thudc géc phan tw thi IV

o 2?2

& Loi giai

(a) 125 1a diém M thuéc géc phdn tu thir thit I
Piém biéu dién cta géc luong gidc cé s6 do 125 1a diém M thudc géc phan

tw tht thtt II ctia duomg tron lwong giac thod man AOM =125 (Hinh 1).
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v

» Chon DUNG.

(b) 405 14 diém N thuéc géc phan tw thie III
Ta co: 405 =45 +300  Vj viy diém biéu dién cua gdc lwong gidc 405 1a diém

N thuéc géc phan tu tht I clia duong
(Hinh 2).

v

tron lwong giac va thoa man AON =45

19p

45° A
-1 [0} 1 =z
m v
3
Hinh 2
» Chon SAIL
(c) 3 ladiém P thudc géc phan tw thirII
19 1940 P15,
Tacé: 3 3 3 .
199
Vi vdy diém biéu dién clia goc luwong giac 3 la diém P thudc géc phan tw
_P
thtt I cta duong tron lwong gidc va thod man 3 (Hinh 3).
Yy
1
I P o1
3 A
-1 o 1 z
11 v
)
Hinh 3
» Chon SAI.

(d)

13p

6 1a diém < thudc géc phdn tw thit IV
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Tacd: © 0 0

13p
Vi vay diém bidu dién clia géc luong giac 6 1a diém 9 thudc géc phan tw

A0Q =P
th IV cta duwong tron luong giac va thoa man 6 (Hinh 4).

) Hinh 4
» Chon DUNG.
» Cau 25. Biéu dién gdc luong gidc trén duong tron lwong giac. Khi dé:

Ménh dé g | sai

()a 30 +1360 ,KE¢ 13 didm M thudc goéc phan tu thi I
(b | -00 +KI80 ,KEC 13 cac diém MiM: thusc géc phan tu thi I
) |va IV
| P

T p:kE¢ R
) 4 1a M thuoc géc phan tw tha 1T

p_.P

d|-=+kZ=,keg . ‘
() 6 2 12 bén diém M-N.P.Q thudc géc phan tu thir

LIIII,IV

o Loi giai
(a) 30 +1800 ,K€C 14 diém M thuéc géc phan tw the I
Xét géc lwong giac K360 , du K 1a s6 chén hay s6 18 thi géc nay ciing c6 diém
biéu dién la diém A (diém goc trén duong tron luwong giac).
Y

11 I
{\1

i v
-1

Vi vay, géc luong gidc 36 +K360 ¢é diém bidu dién la diém M thudc géc

phén tu tht I clia duong tron luong giac va AOM =36
» Chon SAI
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(b) - 00 +KS0 ,KE¢ 14 cdc diem MM thuse géc phan tu the I va IV

Xét géc luong giac KI8O

Néu K chén thi géc nay cé diém biéu dién 1a
Néu K 18 thi géc nay cé diém bidu dién 1a diém

Vivay, 60 +KI80 ¢4 cac diém biéu dién 1a

n M

v

A(1;0)
B(- 1,-0).

M, 5 M

a = 2 nhw hinh vé bén.

11
» Chon DUNG.

Py lk2p, ke
(c *

Ta biét géc luong gidc K2P 1udn c6 diém bidu dién 1a

P k2p
gidc 4

AoMm =P
4 .

la M thuéc géc phdn tw thir I

M,

A(1;0)

, Vi vay goc luong

c6 diém bidu dién 1a M thudc géc phan tu thit IV va thod man

=]

» Chon DUNG.

- PikP ke
) ] 2
P
Xét goéc lwong gidc 2.
kP
Khi k=0 thi 2
kP =P
Khi k=1 thi 2
P _
k==p

Khi k=2 thi 2

=0

, goc nay co diém biéu dién la diém
2, géc nay c6 diém biéu dién la diém

, goc nay c6 diém biéu dién la diém

1a bon diem M.N.P.Q thuée géc phén tuw the LILILIV

A(1;0)
c(o;1)

B(- 1,-0)-
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k_ 2 2 ~ 2 D 0'_1

Khi K=3thi 2 2, gdc nay c6 diém biu dién 1a diém ©; ).

Néu K=4,5,6,"" thi ta thdy réng cac diém bidu dién cé duoc van 1a sy 1ap lai
ctia A-BC.D,

- E + RE
Vi vdy diém biéu dién cia ©6 2
lwong gidc (xem hinh vé trén).

1a bon diém M-N.P.Q trén duong tron

Y
cli
II N !
P 5w
6. T
B 3 A
-1 4m0, _r 1 =z
3 6
M
Q v
m -1|D

» Chon PUNG.
» Cau26. Trong hinh vé bén, ta xem hinh anh duwong tron trén moét banh 1ai tau thuy
twong tng voi mot duwong tron lwong giac.
vl

Sai

(0A,OB)

Cong thic téng quat bi€u dién géc luwong giac theo

) (04,0B) =P+ lep(ke¢);
don vi radian: 4
Cong thirc téng quat chi ra géc luwong giac twong tng voi

(b | bén diém biéu dién 1a A-C.E.G theo don vi radian 1a

kg(ke ¢)

(c | Cong thic tong quat chi ra goc lwong gidc twong Ung véi hai
) | diém biéu dién 1a A-E theo don vi dp 1a: K80 (ke¢)
Cong thirc téng quat biéu dién goc luwong giac

( r ) ( r ) |] d : 1' ﬂl

s Loi gidi

(0A,0B)

(a) Céng thic téng qudt biéu dién goc luong gidc theo don vi radian:

(0A,OB) =§+ lop(ke ¢);

»> TOAN TU TAM m



=3
Chuong 01 =
HS & PHUONG TRINH LUONG Gl

(04,0B) =P + kep(ke ¢)
Ta co: 4 ;

» Chon DUNG.
(b) Cbéng thitc téng qudt chi ra géc luong gidc tuong tng vdi bén diém biéu dién 1

p
k=(ket)
A,C.E,G theo don vi radian la

Ta thay A-C.E.G 1an lwot bi€u dién cho cac géc lwong giac
orad, 2 red, prad, 2P red, 2prad %prad,..

7’

. T4t ca céac goc nay theo th tw chénh
p
léch nhau 2 rad.

kg(kem'

Vi vy cong thitc duy nhéat biéu dién cho céc goc luong gidc ay la
YL

» Chon SAIL
(c) Céng thitc téng qudt chi ra goéc luong gidc tuong tng vdi hai diém biéu dién 1
A.E theo don vi dé 1a: K20 (ke¢)
Ta th&y hai diém A E 1an luwot bidu dién cho cac géc luong giac
0,180,360 ,540 -
Tat ca cac g6c nay theo thi tw chénh léch nhau 180 .
Vi vay cong thirc duy nhét bi€u dién cho céc géc luong giac &y la K80 (ke¢)
» Chon DUNG.
@ Céng thitc téng qudt biéu dién gdéc luong gidc (04,0€)+(0C.0H) theo don vi

P v leplke ¢)
radian: 4

Theo hé thtc Sa-lo, ta co:

(0A,0B)+(0B,0C) =(0A,00) :§+ k2p(ke¢)

(04,00)+(0C,0H) =(0A,0H) =- g+mmke ¢)

» Chon DUNG.
60 (cm)

» Cau 27. Duong kinh cia mot banh xe may la . Trong moi y & moi cau, hay
chon dung hay sai
Ménh dé D;“ Sai

(a

Do dai cung 40" cta mét banh xe gan bing 20,94(an) 1 51
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quad lam tron dén chir sé thdp phdn thir 2.

Mo6i banh xe phai lan mo6t vong thi nguoi di xe di duoc

C R . 9a2(m) ., e e e
) | quang duong , két qua lam tron dén chir so thap
phan thwr 1.

(c 2 <. . o \ 2(kIIl)

bé nguoi di xe di dwoc quang duong

thi mo6i banh xe

) phai lan 1000 yong
()d Néu xe chay véi van toc 50(kmvh) thi trong 5 gidy banh xe

quay duoc gan 3¢9 vong.

o Loi giai
(a) P6 dai cung 49" cia mét bdnh xe gdn bdng 20,9(011)/ két quad lam tron dén chir s6
thap phan thw 2.

40 , _p40
I=aR=P R =P™ 30, 20,94(am)
b6 dai cung tron c6 s6 do a(rad) 1a 180 180
» Chon DUNG.
(b) Moéi banh xe phdi lan mét vong thi nguoi di xe di duoc qudng duong 94,2(cm)’ két
qud lam tron dén chir sé thdp phdn thir 1.
94,2(cm)

Mo6i banh xe phai lan moét vong thi nguoi di xe di dwoc quang duong
Ta cé R=30

— :‘} = —
Chu vi banh xe 1%1:I a-R=2pR =00p ISS’S[EI“).

» Chon SAI

2(km) thi méi bdnh xe phdi ldn 1000 yong
2(km)

Pé nguoi di xe di duwoc quang duong thi méi banh xe phai lan 1000 yong
2 (km) =200000(cm)

(c) D€ nguoi di xe di duoc qudng duong

boi:

. . > ~ . L. 2
S6 vong banh xe can lan dé di duoc quang duong dai 00000(cm) la

-
200000 - 1061

188,53 (Vbng).
» Chon SAI

50(km/h)

(d) Néu xe chay vdi vdn toc thi trong 5 gidy bdnh xe quay duoc gan 36/° vong

Néu xe chay véi van téc S0(km/ h) yp; trong ° gidy banh xe quay duwoc gan
36,9 vong.
301000 6.p)l 5+ 36,9
Trong moét phut banh xe quay duoc: 3600
» Chon DUNG.
. ~ \ \ . A O o ha ~ Ox_y o M
» Cau 28. Trén duong tron luwong giac tam “ va heé truc toa do cho diém sao
Aom =P
cho 3.

‘ Ménh de ‘ bun

‘ Sai
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S6 do ctia géc lwong gidc c6 tia dau 1a OA tia cusila OM

(a
) | . Pikp(kez)
bang ? .
11p
(b | Gsc lwong giac cé s6 do d c¢d cung tia dau va tia cudi v6i
) (0A,0M)

géc luong giac _
Trén duong tron lwong giac biéu dién goc lwong gidc co s6

(c
) P +E, keZ ,
dod 3 ta duwoc ¢ diém.
. a=F. kp keZ
(d | Khi biéu dién g6c 3 2 1én duong tron lwong giac

) | ta duoc tap hop diém la mot da gidc déu thi dién tich cua da
gidc déu d6 bang 4.

o Loi giadi
p

o Eikplkez)
(a) S6 do ctia géc luong gidc c6 tia ddu la OA tia cuéila OM béang 5 .

p
o Z+koplkeZ)
S6 do ctia géc lwong gidc c6 tia dau 1a OA tia cusila OM bang 35 .

» Chon SAIL
lip
(b) Géc luong gidc c6 s6 do > ¢6 cung tia ddu va tia cudi vdi géc luong gidc
(0A,0M)

E :E-{- D= %
Tacé 5 3 Goéc lwong gidc c6 s6 do 5 cé cung tia dau va tia cudi

(0A,0M) =P +k2p, kez
véi géc luong giac c6 sd 3 :
» Chon DUNG.

PR ez

e
(c) Trén duong tron luong gidc biéu dién goc luong gidc cé s6 do 5 3 ta duoc

6 diém.

nén khi bi€u dién trén duong tron lwong giac ta
duoc © diém.
» Chon DUNG.

p  kp

a="+—keZ
(d) Khi biéu dién géc 5 2 Ién dudng tron luong gidc ta duoc tdp hop diém
la mét da gidc déu thi dién tich ctua da gidc déu dé bdng 4. ‘
Ta c6 tap hop di€ém biéu dién clia @ la hinh vuéng c6 duong chéo bang 2.
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S=—.2"=
Dién tich cua da gidc bi€u dién la
» Chon SAIL

» Cau 29. Tur mot vi tri ban dau trong khong gian, vé tinh X chuyén déng theo quy dao
la mot duong tron quanh Trai Pat va luén cach tam Trai Pat mot khoang
bang 9200kM, Sau 2 gi¢r thi vé tinh X hoan thanh hét mét vong di chuyén.

Ménh dé D;“ Sai

" (dvdt).

1
E.

Quang duong vé tinh X chuyén déng duoc sau 1 gio la:

(@ | ~28902,65(km
) 28902,05( ), két quad lam tron dén chir sé thdp phdn thi

2.
(b | Quang duong vé tinh X chuyén dong duoc sau 1,5 gio la:
) ’:43353’98“{]7]:', két qua lam tron dén chir s6 thdp phdn thir 2.
(c | Sau khodng 5,3 gio' thi X di chuyén duoc quéng duong
) | 240000 (km)
Gia st vé tinh di chuyén theo chiéu duong ctua duong tron,
or
sau 4,5 gi¢ thi vé tinh vé nén mot géc 2 rad?
o Loi gidi

=" % . SN
(a) Qudng duong vé tinh X chuyén déng duoc sau 1 giorla: “SQD“’GSU{m}', két quad lam
tron dén chir s6 thdp phdn thir 2.

Mot vong di chuyén ciia X chinh la chu vi duong tron:

C =2pR =2p.9200 =18400p( k.

Sau 1 gio, vé tinh di chuyén ntra duong tron véi quang duong la:
%C‘ =9200p ~28902,65(km).

» Chon PUNG.

(b) Qudng duong vé tinh X chuyén déng duoc sau 1,5 gio la: 9:43353,98(.%'11}’ két qud
lam tron dén chir s6 thdp phdn thi 2.

1,5.1 3
Sau 1,5 gio, vé tinh di chuyén duoc 2 duong tron (hay 4 duong tron),

EC :E 18400p =13800p =43353,98(km)
quéng duong la: 4 .
» Chon DUNG.
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)
(c) Sau khodng 5,3 gio thi X di chuyén duoc qudng duong 240000 (fm)
jiﬂﬂﬂﬂ

S6 gio dé vé tinh X thuc hién quing duong 240000km 13, 9200p (gid).

» Chon SAIL
(d) Gid st vé tinh di chuyén theo chiéu duong cua duong tron, sau 4,5 gio thi vé tinh vé

9p
nén mét géc 2 rad?
45 9
Sau 4,5 gi¢ thi s6 vong tron ma vé tinh X di chuyén duwoc la: 2 4 (vong).

9
"’p = p{mﬂ
S6 do géc luong giac thu duoc la: 4
» Chon DUNG. )
C. Cau hoi - Tra 1oi ngan
» Cau 30. Twr hinh vé duong tron lwong gidc, céng thirc s6 do téng quat cua goc luwong
(0A,0M) (0A,ON) 5 . n +k360 (ke¢) m +k3oo (ke¢)
C ; co dang lan luot l ;
’ S= rrr n
voi M1y céc s6 nguyén. Tinh gid tri 4
Y

N A =z
[i

—-60°

N

o Loi giai
v Tra loi: 675

, (0A,0M) =225 +k360 (ked¢)= n=225
Ta co: ;

(0A,ON) =-60 +k360 (ked¢ )= m=-60

5:%(-:::}): - 225 =675

Vay
» Cau 31. Tur hinh vé duong tron luwong gidc, céng thirc s6 do téng quat cua goc luong
—p+k‘3p (ked;) - —P”‘QP (kec)
C (0A,0M) ; (04,0N) c6 dang lan luwot la ™M
n.p

voi MUPA13 c4e s6 nguyén va ™ 9 13 phan s6 t6i gian. Tinh gia tri
T =(m+p)- (n+q)
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» Cau 33.

» Cau 34.
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N
o Loi giai
v Tra loi: 6
m=s
29p _5p+24p _5p (0a,0M) =P s iop (keg)= 1"
, - - ~ =P N 12 m=I12

Ta c6: 12 12 12 , vivay .
( ip ‘p=3
OA,ON)=-""+kp (ke¢)=

4 q:4

Vay T =(m+p)- (n+ q) =(12+3)- (5+4) =6

M6t banh xe cé duong kinh ké cd 16p xe 1a 350N, Néu xe chay véi téc do
S0km/N thi trong mét gidy banh xe quay dwoc bao nhiéu vong? (Két qud duoc
lam tron dén hang phan tram).
o Loi giai
v Tra loi: 8,04
50.100000 _ 12500

, sokmy h=20:100000 o s
Téc do xe la: 3600

am/ s

B 2pR=2p 2 =55p(an)

M6i vong banh X e c6 chiéu dai: 2 .

) ] 12300 . (s5p) ~8,04

Vay moi giay thi banh xe lan duoc s6 vong la (vong).

M6t banh xe dap quay duoc 25 vong trong 10 giay. Tinh d6 dai quang duong

ma nguoi di xe thuc hién duoc trong 2,35 phut, biét rang ban kinh banh xe

bang 340MM_(Tinh theo don vi mét, két quad duoc lam tron dén hang don vi).
o Loi giai

v Tra loi: 753

Sau 2,35 phut (141 giay), s6 vong ma banh xe thuc hién duoc la:

-
141.25 _352,5

10 vong.
Ban kinh banh xe: R=340mm=0,34m
Quang duwong ma nguoi di xe dap thuc hién duwoc sau 2,35 phut la:
3
352,5.2pR =352,5.2p.0,34 :%p ~753(m)
Mot cai dong hé treo tuwong cé duong kinh bang 600m, ta xem vanh ngoai
chiéc dong hé 1a mot dudng tron véi cac diém A-B.C 14an luot tuwong tng véi

vi tri cac s6 2-9-4. Tinh téng d6 dai cdc cung nhd AB va AC (két qud tinh
theo don vi centimét va lam tron dén hang phdan tram).
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v Tra loi: 109,96

R _00 =30cm
Bén kinh dudng tron la 2
A0B=150 =2 ngj =2P g 7
Ta cé: 180 0 ; suyra do dai cung nho AB 1a

_p. _apn 2P _
L, =R AOB =30 - =25p

AOC =60 :?g—‘gmi —P

Ta co: 3 ; suyra do6 dai cung nhé AC 1a

_p. _an. P _
l,. =R AOC =30 3 =10p

I, +1_ =25p+10p =35p =109,96
Khi 6 i Ac p p p

Goi M.N.P 13 céc diém trén duong tron luong gidc sao cho sé do céc géc

pip _p
., \OA,OM),(0A,ON), ,OP) _ . N PR
lwong giac ( ).( ). (0A,0P) lan lwot bang 2 6 6 va
MN =NP =2  Tinh dién tich tam giac MNP | kgt qué lam tron dén chit sé thdp
phdn thi 2.
s Loi giai
v Tra loi: 3,46

1@'
1A

Theo hé thtrc Sa-lo, ta co:
R
(0A,0M)+(OM,ON)=(0A,ON) = §+(DM,DN) :%‘” = (OM,ON) :f,

Ta c6 HDN =120 = MPN =060 (1) (s6 do géc néi tiép béng nita sé do géc &
tdm chan cung mot cung).
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(0A,0P) = E +2p :E
Ta co: 6 6
Theo hé thiuc Sa-lo:

p 11 2p
(04,0N)+(ON,0P) =(0A,0P) = ~~+(ON,0P) =— =< (ON,OP) ==~

Ta c6 NOP =120 = NMP =60 (2) (s6 do géc néi tiép bdng nita sé do géc & tam
chan cung moét cung).

T (1) va (2) = DMNP 13 tam giadc déu.

= MN.NP.sin(MNP) =2.2.sin (60°) =24/3 =3,46
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