Chd d& 02: Cuc tri cla ham sb

D ANEOBE]  Cuc tri thoa man diéu kién cho trudc

Cau 1:

Cau 3:

Caus:

Cho ham s6 y =2x° +3(m—1)x2 +6(m—2)x—1 v6i m 1a tham sd thyc. Tim tat ca cac gia tri
ciia m dé ham sb c6 diém cyc dai va diém cyc tiéu ndm trong khoang (-2;3)

A. me(—1;4)\{3}. B. me(3;4). C. me(1;3). D. me(—1;4).

Vi m 1a mot tham sb thuc sao cho d6 thj ham s6 y = x* +2mx® +1 ¢6 ba diém cuc tri tao thanh
mot tam giac vuéng. Ménh dé nao dudi day dung?

A.m=>2. B.0<m<?2. C. 2<m<0. D. m<-2.

3
\ A, 2 ¢ S 4 A 13 A X , . 402 .
Tim tat cd cac gia tri cua tham s6 m d€ ham s6 y = —?+ mx® —2mx+1 c6 hai diém cuc tri.

m>2
A.O<m<2. B. m>2. C. m>0. D.[ .
m<0

Cho ham s f(x) c6 dao ham f'(x) = (x+1)(x2 —1)3(x+2),Vx eR. SH diém cuc tri ctia ham

sb da cho 1a:
A. 3. B. 2. C. 1. D. 5.

Cho ham s f(x) ¢ do thi f'(x) nhu hinh v& bén. S6 diém cuec tri ctia ham s6 f(x) la

A. 3. B. 4. C.2. D. 1.
Tét ca céc gié tri cua tham s m déham s6 y =x* +(m—2019)x +2018 c6 ba diém cyc trj 1a

A. m<2019. B. m<2019. C. m<2018. D. m<1009.

Tim tip hop cac gia trj cua tham s6 m dé do thi ham sb y=x"+ (m2 - 4)x2 +1-m c6 mot diém

:uc(t—rlZ,Z) B. (—oo;—Z)u(Z;+oo).
C.[-2;2]. D. (—o0;-2 [ 2;+%).

Cho ham s y =x* —2mx® +m . Tét ca cac gi tri thuc ciia m dé ham sd c6 3 cuc trj Ia
A. m>0. B. m>0. C. m<0. D. m<0.

SO gi tri nguyén ctia tham s0 m dé ham s6 y = mx* —(m—3)x* + m* khong c6 diem cuc dai la

A. 2. B. vo sd. C.0. D. 4.
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Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

Cau 18:

Cau 19:

C6 bao nhiéu gi tri nguyén ciia tham s6 m dé do thi ham sé y = m’x* —(m2 —2019171)3(2 -1c¢o
dang mét diém cuc trj.

A. 2019. B. 2020. C. 2018. D. 2017.

Tim sb diém cuc tri ciia ham sd y =sinx— cos’ x trén |:0;27Z':| .

A. 4. B. 1. C.2. D. 3.

Tim tit ca cAc gia tri cta tham sb thyc m dé ham sd y=mx’ —2mx’ +(m—2)x +1 khong c6 cuc
tri.

A. me(-0;-6)U(0;+0). B. me(-6;0). C. me[-6;0). D. me[-6;0].

\ A 5 , .7 . 5 A A \ 1
Tim tat ca céac gia tri cua tham s6 m dé ham y =§x3 +(m+3)x2 +4(m+3)x+m3 —m dat cuc
tri tai x,,x, thbaman -1<x, <x,.

7 m< -3 7
A. 3<mx<]1. B. ——<m<-3. C. . D. ——<m<-2.
2 m>1 2

Tap hop tat ca cac gia tri tham s6 thuc m dé dd thi ham s6 y = x° +3mx® + 3(m2 —1)x+ m’ ¢o
hai diém cuc tri nim vé hai phia truc hoanh la (a ;b) . Khi d6 gia tri a+2b béng

A.%. B. C. 1. D.z.

3

W |

Tim tat ca gid tri cia tham s6 m dé hamsd y =x* + Z(m —2)x2 +3m—2 c6 ba diém cuc tri.

A. me(2;+oo). B. me(—2;2). C. me(—oo;2). D. me(O;Z).

Cho ham s6 y = x* —2mx” +1(1). Tong lap phuong céc gié tri ctia tham s6 m dé do thi ham s6
(1) ¢6 ba diém cyc tri va dudng tron di qua 3 diém nay c6 ban kinh R =1 bang

A.#. B. 1+2\E.

C.2++5. D. -1++/5.

Tim s6 thuc k dé dd thi ham sb y=x"-2kx* +k coba diém cyc trj tao thanh mot tam giac nhan
.2 1) .. A
diem G[O ,gj lam trong tam.

A k=—Tk=L. B. k=Tk=_. C.k=lk=", D k=Lg=1.
3 > )

N | =

Cho ham sé y = x* —Z(m2 —m+1)x2 +m—1. Tim m d ham sé c¢6 ba diém cuc trj va khoang
cach gitra hai diém cuc tiéu 1a nho nhat.

A. m>1. B. m<1. C. m=1. D. m==-

C6 bao nhiéu gia tri nguyén duong ctua m dé khoang cach tir gc toa 46 O dén duong thing di

qua 2 diém cuc tri cua d6 thi ham s y= x> =3x+m nho hon hoidc bﬁng \/g .
A. 5. B. 2. C. 11. D. 4.
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Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

1 A 5 r e PR A 1.2 A 1 r . \ [ : \ A
Tim tat ca cac gia tri cia m dé ham soy = §x3 —mx” +(m+2)x c6 cyc tri va gia tri cua ham so

tai cac di€m cuc dai, diém cuc tiéu nhan gia tri duong.

B. me{2;2+§ﬁj e 2_?2)*/;

A.m>2. <m<-1. D.m<-1.

Cho ham sb y = x* —2mx® +3m—2. C6 bao nhiéu gia tri cia tham sb m dé d6 thi ham s6 c6 ba
diém cuc tri déu nam trén céc truc toa do?
A. 2. B. 0. C. 3. D. 1.

Biét m=m,; m, R la gia tri cua tham s6 m dé d6 thi ham s6 y =x* +2mx” +1 ¢c6 ba diém
cyc tri tao thanh mot tam giac vuong. Khang dinh nao sau ddy dung?

A. moe(O;B). B. moe[—5;—3). C. moe(—3;0:|. D. moe(3;7).
Cho ham s6 y =x*—2(m” +m+1)x* +m ¢6 dd thi (C). Tim m dé dd thi ham 6 (C) c6 3 diém
cuc tri va khoang cach gitia hai diém cuc tiéu nho nhat.

A.m:%. B.m:—%. C. m=1/3. D. m=0.

Tim tat ca gia tri thuc ctia tham s6 m dé ham s6 y=x° —3(m +1)x* +12mx +2019 co6 2 diém
cuc tri x,,x, théa man x, +x, +2x,x, =-8.
A. m=-1. B. m=2. C.m=1. D. m=-2.

. \ T . 5 \ A 1 1 \ .y s 17 A 5 A
Goi x,,x, lahaidiém cuc tri chahamso y = §x3 —mez —4x—10. Tim gia tri lon nhat ctia biéu

thie S = (xl2 —1)(x§ —1).

A. 9. B. 4. C.0. D. 8.

Cho ham s6 y =x’ —3mx” +3(m* —1)x —m’ v6i m 1a tham sd, goi (C) 1a do thi cia ham sb da
cho. Biét rﬁng, khi m thay ddi, diém cuc dai cta dd thi (C ) lu6n nam trén mot duong thfmg d

cb dinh. Xac dinh hé s6 goc k ciia duong thang d .

A. k=-3. B.kzl. C. k=3. D.k:—l.
3 3

Cho ham s6 y =« —(Zm +1)x2 +(m +1)x +m—1.Co bao nhiéu gia tri ctia sd ty nhién m < 20
dé d thi ham s6 c6 hai diém cyc tri nam vé hai phia truc hoanh?

A. 18. B. 19. C. 21. D. 20.

Tim tat cAc gia tri thuc ctia tham s6 m dé d6 thi ham sé y = x° —3mx’ +3m® c6 hai diém cyc tri
1a A,B ma aOAB c6 dién tich bang 24.

A.m=2. B. m=1. C.m=%2. D. m=+1.

C6 bao nhidu gid tri nguyén coa tham s6 m dé d6 thi ham 6
y= x° —(m+1)x* +(m* —2)x —m* +3 co6 hai diém cuc tri va hai diém cuc tri d6 nam vé cung

mot phia d6i véi truc hoanh?
A 4. B. 1. C. 3. D.2.
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Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Cau 37:

Cau 38:

Cho hamsb y = %x3 —2mx* +(m—1)x+2m* +1 (m 1a tham s0). Xac dinh khoang cach 1¢n nhét

tur géc toa do O(O;O) dén duong thfmg di qua hai diém cuc tri caa do thi ham sd trén.

A2 B. 3. C.23. V10

D. —.
9 3

Céac gia tri cia m dé dd thi ham sb y= %|x|3 —mx® + (m + 6)|x| +2019 ¢6 5 diém cuc tri 1a

A. m<-2. B. 2<m<0. C.0<m<3. D. m>3.
Hoi ham s6 v :|sin2x+x| ¢6 bao nhiéu diém cuc tri trén (—7z;7)?
A. 5. B. 3. C.4. D.7.

Cho ham sé y =x° + Z(m —2)x2 —5x+1. Tim tat ca cac gia tri thuc ctia tham s6 m sao cho ham

s0 ¢0 hai diém cyc tr1 x,, x, (x1 < xz) thdéa méan |x1| —|x2| =-2.

A. Z B.
2

1. C. l D. 5.

2
Xét cac ham sb f(x) c6 dao ham f'(x) = (x2 —x)(x3 —3x) v6i moi xeR . Ham sb
y= ‘ f (1 - 2019x)‘ c6 nhiéu nhat bao nhiéu diém cuc tri?

A. 9. B.7. C.8. D. 6.

Cho ham sb y= —x% +3mx® —=3m—1 véi m la tham sb thuc. Gid tri caa m thude tap hop nao dé
d6 thi ham s6 da cho c6 hai diém cuec tri dbi xtg véi nhau qua dudng thang d: x + 8y-74=0.

A. me(—l;l]. B. me(—3;—1j. C. me(3;5]. D. me(1;3]

Cho ham sy = f(x) c6 dao ham lién tuc trén R . D6 thi ham s y = f'(x) nhu hinh vé& sau:

86 diém cyc tri cia ham s0 y = f(x-2018)-2019x+1 la

A. 2. B. 1. C. 3. D. 4.

Cho ham s y=x"—6mx+4 co do thi (Cm) . Goi m, la gia tri cia m dé duong thang di qua
diém cyc dai, diém cyc tiéu cua (C,,) cit dudng tron tm 1(1;0), ban kinh V2 tai hai diém phan
biét A,B sao cho tam giac IAB c¢6 dién tich 16n nhat. Chon khfmg dinh dung

A. m, e(3;4). B. m, €(1;2). C. m, <(0;1). D. m, €(2;3).

Biét hai ham s6 f(x)=x"+ax’ +2x-1 va g(x)=-x"+bx’ —3x+1 c6 chung it nhat mot diém
cuc tri. Tim gi4 tri nho nhét cta biéu thirc P = |a| + |b|

A. /30 . B. 24/6. C. 3+46. D. 3V3.
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Cau 39:

Cau 40:

Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

Tim tat ca cac gia tri cia m d¢ duong thang di qua diém cuc dai, cyc ti€u ctia do thi ham so
y= x* —3mx+2 cit duong tron tdm 1(1;1) ,bankinh R =1 tai hai diém phan biét A, B sao cho
dién tich tam giac IAB dat gia tri 16n nhat?

1+3 2+3 2445 2+4/3

A.m= . B. m= . C.m= . D. m=
2 2 2 3

Tim cac gia tri cia m dé duong thiang di qua diém cuc dai, cuc ti€u cta d6 thi ham so

y=x"-3mx+2 cat dudng tron (C) : (x - 1)2 +y*>=2 cotam I tai hai diém phan biét A,B sao
cho dién tich tam gidc IAB dat gia tri 16n nhét.

1+\/§ 3

3 "= 8 "n=y
A.m=—. B. . C. m=— D.

8 1-43 3 1

m=—— m==

2 2

Cho ham s6 y = %(m —1)x3 —(m —1)x2 +2mx+m+3,véi m 1a tham sé thuc. C6 bao nhiéu gia
tri nguyén duong nho hon 2019 cuia tham sé m dé ham so trén khong co cuc tri?

A. 2018. B. 2019. C.1. D. 3.

Biét m, la gia tri cua tham s6 m déham sd y= x® =3x% + mx—1 c6 hai diém cuc tri X,, X, Sa0
cho x7 +x7 —x,x, =13 . Ménh d nao sau day diing?

A. m, e(-1,7). B. m, €(7;10). C.mye(-7;-1).  D.m e(-15-7).
Cho ham s6 y = x° +(1-2m)x* +(2—m)x+m+2. Tim cac gi4 trj cia m dé do6 thi ham s c6

diém cuc dai, diém cyec tiéu, dong thoi hoanh d6 ctia di€m cuc ti€éu nhé hon 1.

5 5

5 7 m<Z m< -1 mgz
A. —<m<— B. . C.|5 7. D. .
4 5 m>z —<m<= m>z

5 4 > 5

Cho ham sb y=x"-3mx+m-1 co dd thi (C), v6i m 1a tham sb. Co bao nhiéu gia tri nguyén
ctia tham sb m dé do thi (C) c6 hai diém cuctrila A, B cung vé6i diém C (0;-1) tao thanh mot
tam giac c6 dién tich nho hon 10?

A. 7. B. 9. C.12. D. 4.

D0 thi ham s6 y =2x° —3(2m+1)x” +6m(m+1)x+1 c6 hai diém cyc tri A va B. Diém

M (Zrn3 ;m) tao v4i hai diém A va B mot tam giac co6 dién tich nho nhét. Khi d6 gia tri tham
s6 m thudc khoang nao dudi day?

A. (-7;-3). B. (-3;3). C. (3;7). D. (7;13).

Cho ham s0 y =x"+2x” +(m—3)x+m (m 1a tham s6), c6 d0 thi (C, ). Tim tat ca céc gia

tri thuc caa m dé (Cm) ¢6 hai diém cuyc tri va diém M (9;—5) nam trén dudng théng di qua

hai diém cyc trj cua (C,, ).

A. m=-5. B. m=3. C.m=2. D. m=-1.

Tim tat ca cac gia tri thuc clia tham s6 m dé duong thang d : y= (3m + 1)x +3+m vudng
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Cau 48:

Cau 49:

Cau 50:

Cau 51:

Cau 52:

Cau 53:

Cau 54:

Cau 55:

goc v6i duong thang di qua hai diém cuc tri ctia d6 thi ham s6 y=x° —3x* 1.
A.m:l. B.m:_—l. C.m:l. D.m:_—l.
6 3 3 6
Cho ham s y = (m+1)x* =2x* +1. Tim tat ca cac gia tri thuc cia m dé
ham sb di cho ¢6 ba diém cuc trj déu nhé hon 1.
A. -1<m<0. B. m>-1. C.0<m<1. D. m>0.
Cho ham s6 y = (m-2)x*+(m-1)x* -3. Tim tat ca cac gi tri thuc cia m dé ham sb da cho
c6 dang 1 diém cuec tri.
A. me[2;+oo). B. me(—oo;l]u(z;+oo).
C. me(—oo;l]. D. me(—oo;l]u[2;+oo).
Tim tép hop céac gia tri ciia tham s6 m dé hoanh d6 cac diém cuc dai va cuc tiéu cua do thi ham
s6 y=ux' —2(m + 1)x2 +1 déu thudc khoang (—1;1) )

A. (-L1;1). B. (—%;0). C. (-2;0). D. (-1,0).

Tim tap hop céc gia tri ciia tham sb m dé d6 thi ham s y=x' —Z(m2 —m+1)x2 +m-1co3
diém cuec tri, dong thoi hoanh dé hai diém cuc tiéu x

A. (0;@} B. {1_;/5;*/1—3;”}. C.

2

15 x, thoa diéu kién |x1 - x2| <2.

(0;1]. D. [0;1].

Tim tit ca cac gi tri clia tham s6 m dé d6 thi ham s6 y = x* —2m*x* +2m c6 ba diém cuc tri
A, B, C saocho O, A, B, C labbn dinh ciia mot hinh thoi.
A.m=-1. B. m=1. C.m=2. D. m=3.

Cho ham s6 y = x* —2mx* —2m” +m"* ¢6 dd thi (C). Biét dd thi (C) c6 ba diém cuc tri A, B,

C va ABDC 1a hinh thoi trong d6 D(O; —3) , A thudc tryc tung. Khi d6 m thudc khoang nao?

A.me 2;2 . B. me —1;l . C.me(2;3). D. me 1,2 .
5 2 2°5

2 2
. \ A , Sy , £ X A 1 1A J4 X +mx+m p . 2.
Goi S 1a tap hop cac gia tri thyc ciia tham s6 m dé do thi ham s6 y = ——————— ¢0 hai diém

x f—
cuc tri A,B. Khi AOB =90° thi tong binh phuong tat ca cac phan tir ciia S bang:
i B. 8. C.l. D. 16.
16 8

Cho ham sb f(x) =x! —(2m+1)x3 +(m+4)x2 +(5m—6)x+2m—12 ,véi m 13 tham s. C6 bao
nhiéu gia tri nguyén ciia m thudc doan [—10 ; 10] dé ham sb y= ‘ f (x)‘ 6 sb diém cuc tri nhiéu

nhat?
A. 15. B. 16. C.13. D. 14.
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BANG DAP AN
2C 3D 4B 5C 6.A 7D 8A aD 10C
nA 12D 13.B 14D 15.C 16.D 17C 18D 19A 20B
21A 22C 23B 24 A 25.A 26.A 27B 28C 29C 30D
31D 32A 33C 34B 35D 36.B 37C 38.A 39B 40A
1A 42D 43C 44D 458 468 47D 48D 49D 50D
51D 52B 53D 54.A 55D
HUONG DAN GIAI CHI TIET
Caul: ChonA
Xétham s6 y =2x"+3(m—-1)x* +6(m—2)x—1. Tacd y' =6x> +6(m—1)x+6(m-2).
'~ +(m-1)x+m-2=0 x=-1
y = X m X+m = x=2—m .

Cau 2:

Cau 3:

Ham s6 ¢6 2 diém cuc tri < y' =0 c6 2 nghiém phan bi¢t ©2-m#-1 <m=#3.
Ham s6 c6 diém cyc dai va diém cyc tiéu ndm trong khoang (-2;3)

-2<-1<3
= & -l<m<4.

-2<2-m<3
Két hop diéu kién m =3, ta dugc m e (-1;4)\{3} .
Chgn C
Cach 1:

Hamsé y = ax* +bx* +¢ c6 badiém cyc trj tao thanh mot tam gidc vudng khi va chi khi b° = -8a
. Ap dung véo bai toan ta co: (Zm)3 =S8om=-lom=-1.
Cach 2:
Taco: g/ —dx' +dmr. Y =0s| L

ach: ¥y =4x"+4mx. Yy =0 .

Y Y x> +m=0 (1)

Dé d6 thi ham sé di cho c¢6 ba diém cyc tri thi phuong trinh (1) phai c6 hai nghiém phan biét
x=0=>y=1
x=t-m=y=1-m>

Goi A(0;1), B(—m;l—mz) va C(m;l—mz) lan lugt ba diém cuc tri ctia do thi ham sd.

khac 0, nghiala m <0.Khi do y'=0<:>{

Theo tinh chat ctia ham s6 di cho thi tam gidc ABC ludn can tai A, vdy tam giac ABC chi c6

thé vuong tai A . Ta co: ﬁz(@;mz), cﬁ:(-\/ﬁ;mZ).

Taco: BA.CA=0< m+m" :Oc{ X So v&i didu kién ta nhan m=-1.

m=—

Chon D

Taco: y' =—x"+2mx—2m
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Cau 4:

Caus:

Cau7:

3
\ £ X . < 42 . ' . . a A N
Ham s6 y = —?+ mx® —2mx+1 ¢6 hai diém cyc tri <> y' =0 ¢6 hai nghiém phan biét

L {m>2
SA=m-2m>0& .
m<0
Chon B
x=-1
Xét f'(x)=0 @(x+1)(x2—1)3(x+2):0 & (x+1) (x-1) (x+2)=0 & | x=1
x=-2
Béng bién thién:
x —0 —2 -1
f'(x) + 0 - 0
- -
— \
f(x)

Viay ham sb ¢o hai diém cuec tri.
Luuy: co thé dung tinh chét nghiém boi chan, nghiém boi 18 dé giai bai toan nhanh hon.

Chon C
Tir 40 thi f' (x) ta c6 bang xét dau ctia dao ham f'(x ( )
’ + 0 — 0 - 0 +
=-1
, 5
Taco f (x)=0<:> xX=—
x=3
Khi di qua diém x=-1, f’( ) d6i dau tir "+" sang "-" nén x =—1 diém cyc dai cua f(x).

Khi di qua diém x = %, f '(x) khong d6i ddu nén x =§ khong 1a diém cuc tri cua f(x)
Khi di qua diém x =3, f’(x) d6i dau tir "—" sang "+" nén x =3 diém cuc tiéu cia f(x).
Do d6 s6 diém cuc tri ctia ham s6 y = f(x) la 2.

Chgn A

x=0
< 2 2019 -m *
2
Ham s6 d3 cho ¢6 3 cuc tri < y'=0 co6 3 nghi¢ém phéan biét < PT c6 2 nghi¢ém phan biét khac
0 ©m<2019.
Cich 2: Sir dung cong thirc tinh nhanh ham s6 y = ax* +bx* +¢ ¢6 3 cuc tri < ab<0. Do d6

ham s y = x* +(m—2019)x” + 2018 ¢6 ba diém cyc tri < 1.(m-2019)<0 < m<2019.

Céich 1: Ta c6 ' = 4x° +2(m -2019)x = 2x(2x* + m -2019) =

Chon D
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Tacod y' =4x° +2(m2 —4)x = Zx(x2 +m’ —4)
Ham sd di cho 1a ham sb tring phuong nén c6 ding mot cyec tri khi ' =0 c6 mot nghiém.

m< -2

Hay 23((9(2 +m’ —4) =(0c6 ding mot nghiém < m* -4>0 < .
m=2

Chu y: Ham s6 y = ax* +bx* + ¢ c6 ding mot cuc tri khi va chi khi {Zf i?z 0 (1)
Dic biét: Ham s6 tring phuong y = ax* +bx’ +c (a=0) c6 ding mot cyc trj khi va chi khi
ab>0.Ham sd y=ax* +bx* +c c6 ba cyc tri khi va chi khi ab <0. (2)

Cau8: Chon A

=0

()

Ham s6 y=x"-2mx*+m c6 3 diém cyc tri khi va chi khi phuong trinh y'=0 c6 3 nghiém

x
TXD: D=R; y' =4x’ —4mx :4x(x2—m). y':Oc{
x

phan bi¢t < phuong trinh (*) ¢6 2 nghiém phan biét khac 0 < m>0.
Cau9: ChonD

Truwong hgp 1: m=0 thi y=3x". Ham s6 khong co diém cuc dai. Vay m=0.

Truong hop 2: m = 0Ham s 1a ham bac bon tring phuong

Tacd y' =4mx’ —2(m-3)x = 2x(2mx2 —m+ 3)

Pé ham s6 khong co diém cuc dai thi m >0 va y' =0 c6 mot nghiém.

y'=0 c6 mot nghiém < 2mx*> —m+3 =0v06 nghiém hoidc c6 nghiém kép x =0

m
=

5 <0< 0<m<3. Vi mnguyén nén m={1;2;3}.V€1y m cd 4 gia tri nguyén.
m

Cau 10: Chon C
Xét m=0thi y=1 dd thi ham sb khong c6 cuec tri.
Xét m=0
Bé db thi ham s6 ¢6 1 cyc tri < m’ (—m’ +2019m) <0 < 0 < m <2019
Do m nguyén nén c6 2018 gia tri cua m .
Cau11: Chon A
Tacod y'=cosx+2sinx.cosx

x=Z+1kr
2
cosx=0
y’zO@cosx(1+ZSinx)=0<:> ) 1 < x:—£+k27r,keZ.
smxz—E 6
x:7—”+k27r
Trén [O;Zn},phuong trinh y' =0 c6 4 nghiém don ng;xz%r;x:ll%;x:%.

Suy ra trén [ 0;27 |, ham s6 d4 cho c6 4 diém cuec tri.

Cau 12: Chon D
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Cau 13:

Cau 14:

Cau 15:

Tacod y'=3mx* —4dmx+m-2
e Néu m =0 thi y'=—2 nén ham sb khoéng c6 cuc tri.

e Néu m #0 thi y' =3mx* —4mx+m—2 1a tam thiic bac hai.

m#0

Ham s6 khong c6 cuc tri < A=(2m)2 —3m(m—2)£0 < m? +6m£0<:>me[—6;0).

Két hop céc truong hop ta cd m e[ -6;0] thi ham s6 khong c6 cuc tri.

Chon B

Taco y'=x"+2(m+3)x+4(m+3)

Dit t=x+1<x=t-1.Khido y'=t*+2(m+2)t+2m+7

Ham s dat cyc trj tai x,,x, thoa min —I1<x, <x, < x’+2(m+3)x+4(m+3)=0 c6 hai
nghiém phan biét x,,x, théa man —l1<x, <x, < +2(m+2)t+2m+7=0 c6 hai nghiém

m< -3
AN=m"+2m-3>0 m>1
phan biét duong. Piéu nay twong dwong véi S=—2(m+2)>0 S m< -2 <:>—§<m<—3

P=2m+7>0
m>—§

Cach 2
Taco y' = f(x)=x"+2(m+3)x+4(m+3)
Ham s0 dat cyc tri tai x,,x, thoamdn -1<x, <x, < x*+2(m+3)x+4(m+3)=0 c6 hai

nghiém phén biét x ,x, théaman -1<x <x,. Diéu nay twong dwong voi

m<-3
' 2 m>1
AN>0 m°+2m—-3>0 ; ;
a.f(-1)>0 ©1-2(m+3)+4(m+3)>0 < m>—5 <:>_?<m<3.
§>_1 M>_1 m< -3
2 2

Chon D
Lo 2 2 : 2 2 x=-m-1
Tacod y'=3x" +6mx+3(m” —1). Xét 3x” +6mx+3(m —1):04:{ .
x=—-m+1
Hai nghiém trén phan biét v&i moi m .
Puong thang qua 2 diém cuc tri ciia do thi 1a y=-2x+m.

Vay nén céc gia tri cuc tri y(-m—-1)=3m+2, y(-m+1)=3m-2.
Theo yéu cau bai toan ta phai ¢ (3m+2)(3m—2)<0 < —% <m <§. Vay a+2b =§.

Chgn C
Taco: y=x*+2(m-2)x* +3m-2
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x=0
"=4x° +4(m-2)x =4x(x*+m-2); y'=0<=

Y ( ) ( ) 4 [xz =2-m (1)
y ¢6 ba diém cuc tri < phuong trinh y'=0 c6 ba nghiém phan biét
<> phuong trinh c6 hai nghiém phén biét khac 0 <= 2-m>0< m<2.

Cau 16: Chon D
y'=4x3—4mx=4x(x2—m); y' =0 x=0;x=+Jm v6i m>0
Goi A(O;l),B(\/%;—m2 +1),C(—\/Z;—m2 +1) 1a 3 diém cyc tri cia ham sd; khi d6 tam giac
AABC cén tai A,I 13 tm dudng tron di qua A,B,C nén IeOy, goi I(0;b)
Taco: [A=R=1<1-b=1<b=0; [B=R=1om+m'-2m*+1=1<m'-2m*+m=0

1445

2

<:>m(m—1)(m2+m—1)=0<:>ml=0;m2=1;m3,4=
Két hop diéu kién m >0 nén loai m, va m,. Tacé m’ +m’ =-1++/5.
Cau 17: Cheon C

Ta co: y':4x3—4kx:4x(x2—k) ;y' =0 =0
' v =k (1)

D6 thi ham s6 ¢6 ba diém cuc tri < y' =0 c6 ba nghiém phan biét va y’ d6i ddu khi x di qua 3
nghiém d6 < PT(1) c6 hai nghiém phén biét khac khong < k > 0. Khi d6 ba diém cyc trj cua

do thi ham s6 1a
A(0;k), B(—k;k=k2), C(I;k—k?).

1:k+(k—k2)+(k—k2)

Tl yéu cau bai toan ta co: v, _YatVs e 2
3 3 3
k=1
& 2k +3k-1=0< 1.
2

Cau 18: Chon D
y'=4x —4(m2 —m+l)x= 4)6()(2 -m’ +m—1).

x=0

=0 dx(xX*-m*+m-1)=0<
4 ( ) [xzzmz—nﬁ-l

Ham s6 c6 ba diém cyc tri khi va chi khi phuong trinh ' =0 c¢6 ba nghiém phén biét hay phuong

trinh x> -m*+m-1=0 c6  hai  nghiém  phan  biét  khiac  khong
2

@mz—m+1>0<:>{m—%] +%>O ludn diing Vme R .

Khi d6 phuong trinh y'=0 ¢6 ba nghiém phén biét x, =—Vm”* —m+1,x, =vm* —m+1,x, =0.

Béng bién thién.

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 274



Phan Nhat Linh Fanpage: Luyén thi Bai hoc 2029

Cau 19:

Cau 20:

X —00 X, 0 X, ~+00

AN

Khi d6 db thi ham s c6 hai diém cyc tidu 1a B(—\/m2 —m+ 1;y1) va C(\/mz —m+1;yl).

2
Khoang cach giita hai diém cyc tiéu 1a BC=2vVm?> —m+1=2 (m —%) +% >4/3.

Dau " =" xay ra khi m:%~

Chogn A
14 ’ 2 ' 2 X :1
Taco y'=3x"-3; y=0=3x"-3=0< 1
xX=-
Hai diém cuc tri ctia d6 thi ham s6 1a A(l;m —2) , B(—l;m +2)
Phuong trinh duong théng di qua 2 diém cuc tri cua dd thi ham sé 1a y=-2x+m

[

Theo gia thiét d(0; AB) <5 < Tsﬁ & |m<5 & -5<m<5.
5

Ma m nguyén duong nén c6 5 gia tri.

Chon B

Cach 1:

Taco: y' =x* —2mx+m+2; y' =0 x* —2mx+m+2=0(1).
Dé ham sb ¢6 hai diém cuc tri thi phuong trinh (1) c6 hai nghiém phan biét.
, ) m<-1
AN>0om’-m-2>0s (*)
m>2
Phuong trinh duong thing di qua diém CD, CT cia ham s& la

y= I x+1m(m+2).
3 3 3 3

Goi A(x,;y,),B(x,;y,) 1a hai diém cyc dai, cyc tiéu ctia d6 thi ham s, khi d6 dé ham s c6 gia
. . < ., . <R \ \ A . N A 1

tri cuc dai, va gia tri cuc tiéu duong thi y, +y, >0 va do thi ham s6 y = gxs —mx® +(m+2)x

cit truc hoanh tai 1 diém duy nhat.

Theo dinh 1y vi-et ta c6 x, +x, =2m

R 2 2 4 2
Nén y, +v, >0<:>(—§m2 +§m+§j(xl +x2)+§m(m+2)>0
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= [—gmz +gm+éJ(2m)+zm(m+2) >0 < 2m(—2m2 +3m+6) >0
3 3 3 3

@me{—oo;s_;/ﬁJu[O;:i-’-ﬁ](**).

4
Dé d6 thi ham sé y = %x3 —mx® +(m+2)x cit truc hoanh tai 1 diém duy nhét thi phuong trinh

y=0 c6 1 nghiém don duy nhat, khi d6 %x3 —mx* +(m+2)x=0(2) c6 1 nghiém don duy

x=0

nhit. Ta c6: lx3—mx2+(m+2)x:0<:>X(’Cz_3mx+3m+6)=0<:> 2
3 x* =3mx+3m+6=0(3)

Dé phuong trinh (1) ¢6 1 nghiém don duy nhat thi phuong trinh (3) v6 nghiém, khi d6 diéu

2-2J7 <2+2\/?
3

kiénla A=9m*-12m-24<0 < <m 3 (***).

24247

Két hop (*),(**),(***) ta dugc tap cac gia tri cia m théaméanla 2<m< 3

Cach 2:

Taco: y' =x* —2mx+m+2; y' =0 x* —2mx+m+2=0(1).

Pé ham sb co hai diém cuec tri thi phuong trinh (1) ¢6 hai nghiém phéan biét, khi d6
m<-1 (*)

A'>O<:>m2—m—2>0<:{
m>2

A \ A , .7 . . < R 1 A . \ A 1 <
Dé ham s6 c6 gia tri cuc dai, cuc tiéu duong thi d6 thi ham s6 y = §x3 —mx® +(m+2)x cat truc
hoanh tai 1 diém duy nhét va gia tri ciia ham s6 tai diém udn luon dwong.

Dé d6 thi ham s6 y = %x3 —mx® +(m+2)x cit truc hoanh tai 1 diém duy nhét thi phuong trinh
y=0 c6 nghiém duy nhit, khi d6 %xS —mx® +(m+2)x=0(2) c6 1 nghiém don duy nhét.

Ta co: %x3—mx2+(m+2)x=0<:>x(x2—3mx+3m+6)=0
x=0

=1 .
X’ =3mx+3m+6=0(3)

Dé phuong trinh (1) ¢6 nghiém don duy nhat thi phuong trinh (3) v6 nghiém, khi d6 diéu kién:

227 <2+2\/?

A=9m* -12m-24<0 < <m (**).
3 3

Dé gia trj cia ham s6 tai di€ém uon ludn duong: y' =x> —2mx+m+2,y" =2x—2m

y'=02x-2m=0< x=m.Taco: y(m)>0:>m?3—m3+m(m+2)>0
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<:>m(—2m2+3m+6)>0 @me(—oo;

3—\/5_7ju(0.3+\/5_7](”*)
4 "4

2+ 247

Két hop (*),(**),(***) ta dugc tap cac gia tri cia m théaméanla 2<m< 3

Cau 21: Chon A

x=0

x:i\/;'

Véi m>0 thi d6 thi ham sb c6 3 diém cuc tri va cac diém cuc tri 1a A(O;3m—2) ,

B(\/;;—m2+3m—2) va C(—\/E;—m2+3m—2).

biém A d3 nam trén truc tung, vay dé cac diém cuc tri déu nam trén cac tryc toa do thi hai diem

Tacod y=x"-2mx* +3m—-2 =1y =4x" —4mx . Khi y'=0<:{

- A | m=2
B va C phéi nam trén truc hoanh, suy ra —m” +3m-2=0< { 1
m=
Vay c¢6 2 gia tri ctia tham s6 m thoa man yéu ciu bai toan.

Cau 22: Chon C
Cach 1.

=0

2 _

X
Tacé y' =4x’ +4mx . Xét phuong trinh y' =0 < 4x° +4mx =0 < {

X
Do thi ham s6 ¢6 3 diém cyc tri khi va chi khi m<0. Khi d6 3 diém cyc trj 1a A(0;1),

B(m;l—mz), C(—m;l—mz).

Tathdy AABC cantai A.Nén AABC vudng khi va chi khi AABC vudng can tai A .

. =0 .
Do d6 AB.AC:0©m+m4:Ocm(1+m3):0©[m 1.Kétho“p m<0 taco m=-1.
m=—

Cach 2.
Goi A,B,C laba diém cuc trj ciia d6 thi ham sb.

AABC vudng cin = b° = 81 = (Zm)3 =8=>m=-1=>m=-1.

Cau 23: Chon B

x, =—m*+m+1

Ta co: y':4x3—4(m2+m+1)x =4x[x2—(m2+m+lﬂ=0 | x,=0

x, =Nm’+m+1

x | X x x; ke +x

3 - 0 + 0 - 0 +
+x Yon L
Yer Yer

2
Khoang cach giira 2 diém cuyc tiéu: d:|x3—x1|:2\1m2+m+1:2 (m+%] +%2\/§.
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Dau bang xay ra khi m = —% .

Chgn A
y'=3x> —6(m+1)x+12m ;
y'=03x" —6(m+1)x+12m=0< x> —2(m+1)x +4m =0 (1).
DPé ham sb ¢6 2 cuec tri x,,x, < Phuong trinh c6 2 nghiém phén biét.
SA>0(m-1’>00m=1.
Vi diéu kién m =1 ta ¢ {xl X, =2(m+1) )

x,x, =4m
Do d6 x, +x, +2xx, =8 2m+2+8m=-8 & m=-1.
Vay m =-1 thoa man yéu ciu ciia bai toan.
Chgn A

Ta co: y=%x3—%mx2—4x—10:>y'=x2—mx—4; y'=0cx"-mx-4=0.

A=m*+16>0,vm nén phuong trinh y'=0 ludn c6 hai nghiém phan biét x,,x, .

-b
+x,=—=m

X 2

1

Ap dung dinh i viet:

S=(x-1)(x; 1) =(xx,)" —[(x,+x,)" —2x,.x,]+1 =16 —(m* +8) +1=9-m* <9.
Chon A
Ta co: y' =3x" —6mx+3(m* —1) =3(x* = 2mx +m* - 1)
, ) ) x=m-1
y=0ox"-2mx+m -1<
x=m+1

Béng bién thién:

X | —m m—1 m+1 +o0
v + 0 - 0 +

: /,/"’—Bm+N //”+m
: —m —3m—2

Duya vao bang bién thién ta thiy diém cyc dai cua dd thi (C) la diém M (m—-1;-3m+2).

Nhén xét: y,, =-3m+2=-3(m-1)-1=-3x, -1=>Me(d):y=-3x-1,Vm.

Vay: khi m thay ddi, diém cuc dai cua dd thi (C ) luén nam trén mot duong théng d ¢b dinh co
phuong trinh: y = -3x—1. Vay dudng thang d c6 hé s6 goc k = -3.

Chon B

Taco: y= (x—l)(x2 —2mx+1—m).

Ham s c6 hai diém cuec tri ndm vé hai phia truc hoanh khi va chi khi dd thi y ct truc hoanh tai

ba diém phan biét. < y= (x - 1)(x2 —2mx+1- m) =0 co6 ba nghiém phan biét.
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& x> —2mx+1-m=0 c6 hai nghiém phan biét khic 1.

_1-+5
m<

) 2
olm +m—1>0<:> _1+\/§_

2-3m=0 me>—

2

m#=

3

Do meN,m<20 nén 1<m<20.Vayco 19 s6 tu nhién thda méan bai toan.

Cau 28: Chon C
Xét y' =3x% —6mx =3x(x—2m).
=0 3x(x-2m) =0 | 70
Y x=2m
Do thi ham sd ¢6 hai diém cuc tri = m 0.
Toa d6 hai diém cuc tri 1a A(O;3mz),B(2m;3m2 —4m3).
Phuong trinh duong thang OA : x=0.

Taco: S —lOA.d(B;OA) =%3m2.|2m| =24 = m’|m|=8 > m=12.

s0OAB — 2

Cau 29: Chon C
Tap xac dinh ciia ham sb dd cho 1a R.
Y =3x"=2(m+1)x+m* =2 c6 A'=-2m* +2m+7 .
Dé d6 thi ham s6 y=x —(m+1)x* +(m* —2)x—m* +3 c6 hai diém cuc tri thi y' d6i dau hai

lan, tic 1a y' co6 hai nghiém phan biét, twuong duong

1-415 1+4/15
2 <m< 2

AN>0 2m*+2m+7>0<

. Vi meZ nén duogc me{—1;0;1;2}.
Luc nay, hai nghiém x , x, cua y' lan luot 1a hoanh dd cac diém cuc trj ciia ham sd.
Hai diém cuc trj d6 nam vé cung mot phia ddi voi truc hoanh khi va chi khi f (x1 ) f (xz) >0,

tuong duong dd thi ham sd da cho cét truc hoanh tai ding mot diém, tic 13, phuong trinh

x* —(m+1)x>+(m* =2)x—m* +3=0 cb duy nhat mot nghiém thyc.

0] T

Xét m =1 thi phuong trinh 12 x* —x+2 =0: phuong trinh ndy c¢6 ding mdt nghiém thyc nén
chon m=-1.

Xét m =0 thi phuong trinh 13 x* —x* —2x+3 =0: phuong trinh ndy c6 diing mdt nghiém thyuc
nén chon m=0.
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Cau 30:

Cau 31:

Cau 32:

Xét m =1 thi phuong trinh 12 x° —2x”> —x +2 =0 : phuong trinh nay c6 ba nghiém thyuc phan biét
nén khong chon m=1.

Xét m =2 thi phwong trinh 1a x° —3x* +2x—1=0: phuong trinh nay c6 diing mot nghiém thuc
nén chon m=2. Pap $6: m e {—1; 0; 2} .

Chon D

Taco y'= x* —4mx+m—1. Dé @6 thi ham sb o hai diém cuc tri thi phuong trinh ' =0 c6 hai

nghiém phan biét < A'=4m’* -m+1>0 < VmeR.

Ma y(x)= y’(x).(%x—z?mj—(gmz —%m+%}x+§m2 “2 1.

Suy ra duong thing di qua hai diém cuc tri ciia dd thi ham s6 14 dudng thing A:

8 , 2 2 8 , 2
y=—|-m-——m+—|x+-m ——m+1.
3 3 3 3 3

Ta thiy duong thang A ludn qua diém cd dinh A(l;%} .

Goi H 1a hinh chiéu vuong géc ctia O 1én A. Khi d6 ta co d(O;A) =0OH<0A

0

4 H
Do d6 khoang cach lon nhat khi H=A hay A L OA.

J10

Vay khoang cach 16n nhat 1a OA = =
Chon D

Xét ham sb: y = %xs —mx’ +(m+6)x+ 2019.
TXD: D=R.Taco: y' =x"—2mx+(m+6).

Pé d6 thi ham sb y:%|x|3—mx2+(m+6)|x|+2019 c6 5 diém cuc tri thi dd thi ham sb

y= %x3 —mx® + (m + 6)x +2019 ¢6 2 diém cyc tri nam bén phai tryc tung

= phuong ftrinh y'=x*-2mx+(m+6)=0 c6 hai nghiém duong phan biét

A'>0 m —m—-6>0
=45>0 <42m>0 S m>3.
P>0 m+6>0

Chgn A
Xét ham s6 f(x)=sin2x+x co f'(x)=2cos2x +1

f’(x)=0<:>COSZXZ—%@ZXZiZ?”+k27Z'<:>x=i%+kﬂ,k€Z.
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Cau 33:

Cau 34:

x:iz
Vixe(—ﬂ';ﬂ): 3 .
27
x=t—
3
f(_z_”Jzﬁ_z_”d);f(__”]:_ﬁ_f 0
3 2 3 3

/f(i”)\ f(—;)/

Tir bang bién thién ta thy: trén (—z;7)dd thi ham s6 f(x) =sin2x+x c6 4 diém cyc trj va cit

truc hoanh tai duy nhat mot diém c6 hoanh d6 x=0. Do d6 ham s y= |sin 2x + x| c6 5 diém
cuc tri trén (—72';72').

Chgn C

Tinh dugc: y' =3x" +4(m-2)x-5.

Khido A" = 4(m —2)2 +15>0 nén ham s6 luon c6 hai diém cyc tri x,, x, (x1 < xz).

Nhéan xét a.c<0 nén x, <0<x,

4(m-2)

Suy ra: |x1|—|x2|=—2<:>—x1—x2=—2 <:>B:—2<:> =2om=—

a

Chon B

Nhan xét: 86 cuc tri ctia ham s6 y =|f(1-2019x)| bing tong s nghiém ctia phuong trinh
£(1-2019x) =0 va s6 cyc tri cia ham s6 y = £(1-2019x).

Tac f(x)=x*(x=1)(x—3)(x++3).

[ £(1-2019x)] = 2019 £/(1-2019x).

Do dé

[ £(1-2019x) =0 & (1-2019x)" (1-2019x ~1)(1-2019x /3 )(1-2019x+/3 ) =0
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Cau 35:

Cau 36:

1
X=———-
2019
x=0
o o 1-4/3 -
2019
‘e 1+\/§
L 2019
Béng bién thién cua y = f(1-2019x)
1-3 1 14++3
x|~ 2019 0 2019 2019
/ - 0 + 0 - 0 - 0 +

Do d6 phuong trinh f(1—2019x) =0 co toi da 4 nghiém va ham s y =f(1—2019x) co ba
diém cuc tri.

Vay haim sb y = ‘f(l —2019x)‘ c6 tida 7 diém cuc tri.

Chon D

y'=-3x"+6mx; y'=0x=0vx=2m.

Ham sb c6 CP, CT khi va chi khi PT y '=0 c6 2 nghiém phan biét < m=0.

Khi d6 2 diém cuc trj 1a: A(O;—Sm —1) ; B(2m;4m3 —3m—1) — AB= (2m;4m3).

Trung diém I cua AB co toa do: I(m;Zm3 —3m—1).

Pudng thing d : x+8y~-74=0 ¢ mot VTCP u =(8;-1).

. led
va B do0i xing voinhau qua d < c
ABld
3— — =
m+8(2m® ~3m-1)-74=0 _ (16m’ —23m-82=0 L6m" ~23m ~8§2=0
=\ 4B “lom-amr=0  T)"7°
ABu=0 m-—an: = —

<m=2.Suyrame(1;3].

Chon B

y=f(x-2018)-2019x+1=y'= f'(x-2018)-2019.

Do d6 y'=0< f'(x—2018)=2019.

S6 nghiém cta phuong trinh bang sb giao diém cua do thi ham sd y=f (x) v6i duong thang
y=2019.

Tird6 thi ham sé y = f'(x) ta thiy chi c6 1 nghiém don. Vay hamsé y = f(x - 2018) -2019x+1

chi ¢6 1 diém cuc tri.
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Cau 37: Chon C
Xétham sé y=x —6mx+4 cotap xac dinh R. y'=3x" —6m;y' =0 < x* =2m.

D) thi ham sb ¢6 2 diém cuc tri < Y d6i ddu 2 lan

, L n A , 1,
< y'=0 c6 hai nghiém phan biét < m >0. Ta coyzgy X—4dmx+4.
Goi M (x1 ;yl),N (x2 ;yz) 13 hai diém cuc tri ctia d6 thi ham sb.

y, =—4mx, +4

Taco = "(x,).x, —4mx, +4 = .
Y=l y(x)x ! {y2=—4mx2+4

y’(x2 ).x2 —4mx, +4

Suyra M,N thudc duong thing d c6 phuong trinh y=—4mx+4.

Viay phuong trinh duong thing qua hai diém cuc tri cia (Cm) la: y=—4mx+4.

Goi (T) 1a dudng tron ¢o tam 1(1;0) va ban kinh R=+/2.

Puong thang d cat duong tron tai hai diém phan biét A, Bva tao thanh tam gidc IAB

m=1
<:>0<d(1,d)<R<:>0<d(I,d)<\/E =N |—4m+4| i

Jiem* +1

Cach 1:

Do duong thing d luon di qua diém K(0;4), IK = V17 >R = K nim ngoai duong tron nén

ton tai hai diém A,B 1a giao diém cta d v6i dudng tron dé tam gidc IAB vudng tai I .
. 1 =S |
Do dé: S,,, = EIA.IB.smAIB < EIA.IB.

Dau bang xay ra < IA L IB <:>d(l,d)=£=1 ).
2

- |—4m+4| _ 15

om=——.
Viem? +1 32

Binh luin: Néu duong thang d ludn di qua diém K cb dinh ma IK < R thi s€ khong c6 vi tri

V2

ctia duong thang d dé tam giac IAB vudng tai I. Khi d6, néu lam nhu trén s& bi sai. Trong
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Cau 38:

truong hop d6 thi ta phai dit d(I,d)=t(0<t<I), véi I la do dai doan thing IK, roi tinh

Suap = f(t) va tim gia tri 16n nhat cua ( ) trén nira khoang (O l} .

Cich 2: Phuong trinh dudng tron la: (x-1) +y? =2 (C)

2
Xét he {(’C_l) = =25 (16m +1)x ~2(16m+1)x +15=0(1).
y=-4mx+4

d cat (C) tai hai diém phan biét A,B @(1) c6 2 nghiém phan biét a,b

< (16m+1) ~15(16m+1)>0.

) ﬁ:(u—l;—4ma+4)
Khi d@6 A(a;—4ma+4),B(b;—4mb+4) =| _
= (b—l;—4mb+4)

:ﬁ.ﬁ?=ab—(a+b)+16[m2ab—m(a+b)+lJ+1:0

& ab—(a+b)+16m*ab—16m(a+b)+17 =0 & (16m* +1)ab—(16m+1)(a+b)+17 =0
@15_2(16nz+1) +17:0®(16m2+1) PO

16m? + 16m? +1 32
Chogn A

Taco f'(x)=3x"+2ax+2. Ham s6 y = f(x) c6 cyc tri khi: &> -6>0<a<- 6va>\/g(1)

§'(x)=-3x"+2bx—3. Ham s6 y = g(x) ¢6 cyc tri khi b*-9>0< b<-3vb>3(2).

Gia st x, 1a diém cyec trj clia c hai ham s6 y = f(x) va y = g(x)

1 1 3
a+b=— a=—-—-=x,

3x; +2ax,+2=0 2x, x, 2

=
-3x; +2bx, -3 = 0 3 1 3 1
b=—|x,+— b=—|x,+—
2 X, 2 X,
:|a|+|b|: Exo +é x0+l > i+3x0
2 2 X, 2x,

xO
= P’ =%+9x§+1522 /42—52.9x§ +15=30= P>+/30
xO xO

Dau “=" x4y ra khi:

1 3 1 1 3 1
—+=x, | X, +— [>0 —+=x, || x, +—|>0
x, 2 X, - x, 2 X, oy —i\/g.
6
X =

Véi hai gia tri x,, ta tim duoc hai cdp gid tri 4,b thod va. Vay minP =+/30 .
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Cau 39: Chgon B

Tacod y=x"—3mx+2=y =3x" —3m. Ham s6 y = x° — 3mx +2 c6 2 diém cuyc tri

< phuong trinh i’ =3x* - 3m =0 c6 hai nghiém phén biét < m >0 (1)
Taco y :%x.y'—me+2.

Suy ra phuong trinh duong thing A di qua hai diém cyc dai va cuc tiéu la
y=-2mx+22mx+y-2=0

Puong thang A cat duong tron tam [ (1 ;1) ,ban kinh R =1 tai hai diém phén biét A,B
2m -1 -

= d(I;A) <R ——<1 < |2m—1| <vV4m~+1 < —4m <0 luon dung do m >0
Vam® +1

1

2

Dau bang xay ra < sinAIB =1« AIB=90°.

Khi d6 tam giac IAB vudng cantai I c6 IA=1 nén

J2 2m—1| 2

Tacé S, = %.IA.IB.sinZﬁs = %.sinZI\B <

2443
41 S4dm* -8m+1=0< m= théa man dk (1
Vam*+1 2 2 )

243
o

Vay dién tich tam giac IAB dat gia tri 1on nhat khi m =

Cau 40: Chon A

d(1,2)

Ta c6 y’:3x2—3m:3(x2—m), y=0=>x>=m.

A:2mz+y—2=0

Suy ra ham s6 ¢ hai diém cuyc tri khi va chi khi m > 0.
Taco y= y’.(%xj—2mx+2 nén duong thang di qua hai diém cya tri ctia d6 thi ham s 1a

A:y=-2mx+2 hay A:2mx+y-2=0.
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Duong tron (C) cotam I(1;0), ban kinh R = V2.

Puong thang d cat dudng tron (C ) tai hai diém phan biét A,B khi
2m-2

d(I,A):M<\/§ & 4m? —8m+4 <8m* +2 < 4m* +8m—2>0.

Nam® +1

Khi d6, dién tich tam gidc IAB 1a S, ,, = %IA.IB.sinZﬁS.

Ma %IA.IB.sinZﬁS < %IA.IB _ %Rz ~1.

Nhu thé dién tich tam giac IAB dat gié tri 16n nhét khi sinAIB=1< AIB=90°.

1 |2m -2

Tirdo d(1,4) = AB =%.R\/E=1 @mzl & 4m? ~8m+4=4m* +1 @ng.

A g A i1y 3
Vay gia tri m cantim la ng.

Cau41: Chgn A
Truwomng hop 1: V61 m=1=y =2x+4 la ham s6 dong bién trén R nén khong c6 cuc tri.
Truong hep 2: Vi m =1(*), khi d6 ta co: y' =(m—1)x* —=2(m—1)x+2m.
Ham s6 khong c6 cuc tri < phuong trinh y'=0 vO6 nghiém hodc c6 nghiém kép
m=1

<:>A'=(m—1)2—2m(m—1)£0<:>—m2+1S0<:>{ :
m<-1

. X m>1
Két hop voi dieu kién (*) ta cod .
v itk () e |1
m=>1
Vay | m<-1 =me {1;2;3;...;2018} = ¢06 2018 gia tri ctia tham ) thuc m .

meN',m<2019
Cau42: ChonD
Téap xac dinh D=R . y'=3x" —6x+m.
Dé ham sb ¢6 hai diém cyc tri thi phuong trinh y' =0 co6 hai nghiém phan biét

X, +x,=2
< AN'=9-3m>0 < m<3. H¢ thuc Vi-ét: m

Taco x; +x; —xx, =13 < (x +x2)2 ~3x,x, =13.

Thay hé thuc Vi-ét vao, ta dugc 4—-m=13 <&m=-9.
Cau43: Chon C

y'=3x" +2(1-2m)x +(2—m).

YCBT < Phuong trinh y'=0 c6 hai nghiém phan biét x,,x, théa man x, <x, <1.
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Cau 44:

Cau 45:

Cau 46:

A =4m*-m-5>0 —2(1-2m)
X, +x, =——"—"->
(x5 -1x-1)>0 (1) Heé thic Vi-ét: 3
X, +x, <2 . XX _2-m
1772 3
m<—1;m>2 m<—1;m>E
m<-1
(1) 22 20221 g dm<” ek 7
3 3 5 Z<m<§
—2(1—2m)_2<0 m<2
3
Chon D

Taco: y' =032 -3m=0ex"=m (*)

DE dd thi (C) ¢6 2 diém cyc trj thi (*) phai c6 2 nghiém phén bigt <> m >0.
Khi d6: ' =0 < x = +/m .

Bt A(m;-2mm-+m 1) va B(~m;2mm +m-1).

Va a:(M;—zm\/zntm);@:(—\/Z;Zm\/awn).

Ta lai c6: S, =%‘M.(zmﬂ+m)—(—\/5).(—2mﬂ+m)‘ —

Theo d&: S, <10 < mm <10 < m® <100 < m < /100
Két hop voi diéu kién m >0 ta duoc 0<m <3100 . Suyra m e {1;2;3;4} i
Vay: ¢ 4 gia tri nguyén ctia tham s6 m thoa yéu ciu.

Chon B
’ 2 ! xX=m

y' =6x"—6(2m+1)x+6m(m+1);y' =0 6(x—m)(x-m-1)=0< :
x=m+1

D06 thi ham sd ludn ¢6 hai diém cuc tri véi Vm.

V6i x=m =y =2m"+3m’ +1= A(m;2m’ +3m* +1).

V6 x=m+1 =y =2m"+3m’ = B(m+1;2m’ +3n’ ).

Co AB=(1;-1)= AB=12.

Phuong trinh dudng thang di qua hai diém A va B la: x+y—2m’ —3m* - m-1=0.

Dién tich tam gidc MAB nho nhat khi va chi khi d(M, AB) nho nhét.

d(M, AB) = o =200 3 -] _ont - _ant 1 = d(M,AB)>

V2 V2 V2

1
5
Dau = xayra m=0.

Vay gia tri nhd nhét cua Siiaz =%d(M,AB).AB=%, dat khi m=0.

Chon B

Tacod y' =3x" +4x+m-3.
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Cau 47:

Cau 48:

Cau 49:

(Cm) ¢6 hai diém cyec tri khi: phuong trinh i’ =0 c6 hai nghiém phan biét

Hay: A'>0 <:>4—3(m—3)>0<:>m<€.

, ! 2 2m 26 7 2
Ta co: y=y. §x+§ + ?—? X+7+§.

Nén phuong trinh duong thang 4 di qua hai diém cuc tri cia (Cm) la:

[Zm 26} 7m 2
=l —-—|x+—+—.

3 9 9 3
Duong thing d di qua M(9;-5)nén:
2_71’1_% _9+7_m_|_g:_5<:> m=23.
3 9 9 3
Chon D

Taco y' =3x* —6x
1 1
Tacod: y=| —x—=|y'-2x—1.
v=(37-3)r
Goi A la duong théng di qua hai diém cuc tri cua do thi ham sd d3 cho= A y=-2x-1

A o AL Ay _ 1
d vudng goc v61 A nén: (3m+1).( 2)— lom e

Chon D

Truong hop 1: Néu m+1=0 < m =-1 thi ham sb di cho tré thanh: y =2x”+1, ham s nay
c6 mot diém cuc tri, do do ta loai truong hop nay.

Trwong hop 2: Néu m+120<m=-1

Tacoy =4(m+1)x’ —4x = 4x[(m+1)x2 —l} :

x=0

x=0
y=0< 1

(m+1)x-1=0" | 22 = (1)

Ham s6 da cho ¢6 ba diém cyc tri déu nhé hon 1 khi phuong trinh (1) c6 hai nghiém phan biét

! >0 ! >0 m>-1
khac 0 vanho hon 1, hay: 0< e ml o Lumel I 1emso0.
m+1 1 —m
<1 <0 m>0
m+1 m+1

Chon D
Truong hop 1: Néu m—2=0< m =2 thi ham s6 da cho tro thanh y=x"-3,¢c61 diém cuc
tri.
Truong hop 2: Néu m—-220< m#2.
Ta co y':4(m—2)x3+2(m—1)x:2x[2(m—2)x2+m—1}

x=0
Y=0&
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Cau 50:

Cau 51:

Cau 52:

Cau 53:

Ham s6 da cho c6 dung 1 diém cyc tri khi phuong trinh y'=0 c6 nghiém duy nhit hay phuong
_em o™ 2.
2(m-2) m<1

Két hop v6i truong hop 1 ta dugce: m e (—o0;1] U 2;+0).

trinh(l) v nghiém hodc c6 nghiém kép x =0, hay:

CAn nho:
ab>0

Ham s6 y =ax* +bx* +c c6 diing mot cuc trj khi va chi khi ., (1)
a +b”>0
Ham s y=ax* +bx” +c¢ c6 ba cyc tri khi va chi khi ab <0. (2)

Chon D
Ham sd di cho ¢6 ba cyc tri ab<0< 2(m+1)<0<m>-1.

y':4x3 —4(m+l)x=4x(x2 —m—l).

o x=0 x:Oe(—l;l)
=0 = )
J =m+l | x=+Jm+1

Hoanh d6 cac diém cuc dai va cuc tiéu déu thudc khoang (—1;1) khi va chikhi +vm+1 e (—1;1)

sSm+l<l e -1<m<0.

Két hop diéu kién ham sb c¢6 3 cyc tri ta duoc tip hop cac gia trj cua m la (—1;0) .

Chon D

Ham s d3 cho c6 ba cuc tri <:>ab<0<:>—2(m2—m+1)<0<:>m2—m+1>0, vmeR..

Ta co y':4x3—4(m2 —m+1)x:4x(x2—m2+m—1).

) .
x“=m x=+vym* —m+1
Nhén thay x =0 la diém cuc dai cia ham so nén suy ra x,, =+ m* —m+1.

Do d6 |x1—x2|£2<:>2\/m2—m+1£2<:>\/m2—m+1£1<:>m2—m£0<:>0£mﬁl.

Vay tap hop céc gia tri cia m can tim 1a [0;1}

Phuong trinh y'=0 < ) =
-m+1

Chon B

I
+ <

m

Tacod y' =4x’ —4m’x = ébc(x2 — mz) =0. Phuong trinh y' =0 < [x
x

Vay voi diéu kién m=0 ham sd c6 3 diém cuc tri 1a A(O;Zm) , B(—m;—m4+2m) ,
C(m;—m4 +2m).
Tacé OB :(—m;—m4 +2m); a:(—m;m“).

Vi tir giac ABOC c¢6 hai duong chéo AO va BC vudng goc va AB= AC nén no la hinh binh
\ P , Y AD A 4 4 3 m:O(l)
hanh khi va chi khi: OB=CA < -m" +2m=m ®2m(m —1)20@ .

m=

Chon D
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Cau 54:

Cau 55:

14 ' 2 ' X = 0
Tacoy:4x(x —m):>y:0c> ) .
x*=m
Vi didu kién m >0 d6 thi ham s ¢6 ba diém cuc trj 12 A(O;m4 —2m2) ; B(—\/E;m4 —3m2) ;
C(\/E;m‘1 —3m2) .Pé ABDC 1a hinh thoi diéu kién 1a BC L AD va trung diém I cta BC

tring v6i trung diém Jcua AD . Do tinh ddi xing ta ludn c6 BC L AD nén chi can I = ] voi

I(O; m* —3m2), ](O;%].

\ m=1
Piéu kién: m* —2m* -3=2m"* —-6m* &> m* -4m* +3=0 = :me(l;gj.
m=+3 2’5

Chgn A

, (2x+m)(x—1)—x2—mx—m2 x2—2x—(m+m2)
y: =

(x—l)2 (x—l)2

Dé d6 thi ham s6 co hai diém cuc tri A,B thi y' =0 phai c6 hai nghiém phan biét khac 1

S VVmelR.

A =1+m+m*>0
o
“1-m-m*#0

!

(x2+mx+m2)

(x-1)

la nghiém cua phuong trinh

Phuong trinh dudng thang di qua 2 diém cuc dai, cuc tiéu la y = =2x+m.

Goi x,;x, la hoanh do cia A , B khi do x,;x,

x2—2x—(m+m2):O.

Theo dinh li Viettacé x, +x, =2; x,.x, =—m’ —m.

Yy=2x,+m;y, =2x,+m.

AOB=90° = x,.x, +Y,.y, =0 < x,x, +4x,x, +2m(x, +x,)+m* =0

<:>5(—m2—m)+4m+m2=0 & —4m* —m=0 C}m:o;m:—l_
1 2
Téng binh phuong tat ca cac phan tir cia S bang: 02-{_1) =—

Chon D

Tap x4c dinh ctia ham s6 y = f(x) 14 R va ciing 1 tap x4c dinh ctia ham s§ y = ‘f(x)‘ .

Taco,hamso y = f(x) la ham s6 bac 4 nénno co toida 3 diém cuc trila x , x,, x, vado thi

ham s y= f(x) cét tryc hoanh tai t6i da 4 diém phan biét co hoanh d¢ 1a Xys Xsr Xgo X, .

Do d6, ham s6 y = ‘f(x)‘ co nhiéu nhat1a 7 diém cyc tri, chinh la cac diém x, x,, x,, x,, X,

, X, X

62 7"
Vay dé ham sb y= ‘ f (x)‘ ¢6 nhiéu diém cuc tri nhat thi d6 thj ham sd y=f (x) cit truc hoanh

tai 4 diém phén biét hay f(x)=0 c6 4 nghiém phan biét.
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Taco
f(x)=0e x* —(2m+1)2° +(m+4)x" +(5m—6)x+2m—-12=0
@(x+1)(x—2)(x2—2mx+6—m):O
Suy ra f(x) =0 c6 4 nghiém phan biét khi va chi khi g(x) =x*>—2mx+6—m ¢ hai nghiém
AN=m>+m-6>0 m< -3
phan biét khac —1 va khac 2 << g(-1)=0 o
g(2)¢0 m# -7

m>2 .

Tir d6 ta dwoc m e {-10;-9;-8;-6;-5;-4;3;4;5;6;7;8;9;10} . C6 14 s6 nguyén thoa man.
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