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m Min max cua ham hgp

Cau 1:

Céu 2:

Cau 3:

Cau 4:

Chohamsé y = f(x) lién tuc trén R va c6 do thi nhu hinh v& sau

‘4

v

>

SN

3 ... 3 2
Cho a=|f (x)-|f (x|, b=—a’+a+ vas =§g/(b+1)2[1+b2.(2—b)1—m.

. . .. m . (m+n)2 .
Cé giatrilon nhatcua S bang — va k= ] Khang dinh dang la
n
A k=1. B. & c. 2. p. 2.
6 4 4

Goi S 1a tap hop tat ca cac gia tri thuc caa tham sé6 m sao cho gia tri 16n nhat caa ham sé
f(x)= ‘x3 —3x+ m‘ trén doan [0;3] bang 16. Téng tat ca cac phan ti cua S bang
A. —16. B. 16. C. —12. D. -2.

Cho ham s6 f () =(x—1)2 (x+m2)—gm (m 1a sb thuc). Goi tong cac gia tri cia m sao cho

max f(x)‘+r[rluz? f(x)‘:% las :%(\/E—\/B) (voi a,beN). Gia tri g bang
2 B. 2. c. ¥ p. 18
18 5 5 5

Cho hamsé f(x), d thi cuaham s y = f'(x) la duong cong trong hinh bén. Gia tri I6n nhét

ciia ham s6 g(x)=f (2x)—4x trén doan [—%;2} bing

L]
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Cha 3& 03: Gid tri 16n nhdt — Gid tri nhd nhdt cia ham sb

Cau 5:

Cau 6:

CauT:

Cau 8:

Cau 9:

A 1(0). B. f(~3)+6. C. f(2)-4. D. f(4)-8,

Cho ham s6 y = f (x)=ax*+bx*+cx’ +dx, (a,b,c,d eR), biét dd thi ham sé y = f (x) nhu
hinh vé.

2f (x)-2
f2(x)-2f(x)+2

Goi S latap hop cac giatri cia x sao cho hamsé g(x)= dat gia tri 16n nhat

hodc dat gia tri nho nhat. S6 phan tarcaatap S la

A. 3. B. 4. C.5. D. 7.
N X+Ml oz . - 16 .
Cho ham so f(x) =|——|. So gia tri cia m thoa man min f (x)+max f (x)== la
X+1 [12] [12] 3
A. 3. B. 0. C. 1 D. 2.

Cho ham f (x) lién tuc trén doan [—4;4] va c6 bang bién thién nhu hinh v& bén duéi.

ks —4 -3 —2 1 2 3 4

NN\

C6 tat ca bao nhiéu gia tri thuc ctia tham sb m thudc doan [-4;4] dé ham so

L
1
1
|
1

1
]
0

#lz) \

[T

g(x)=‘f (x°+2x)+3f (m)‘ c0 gia tri I6n nhit trén doan [-1;1] bing 87?

A 12, B. 11. C.9. D. 10.

Cho ham s6 f(x)=8x*+ax’+bx*+cx+d thoa man |f(x)<lvxe[-L1] . Tinh
S=a’+b’+c*+d*?

A. 60. B. 75. C. 70. D. 65.

X +N2=x +|4x—2|+[6 - 4x]

Cho ham s6 y = f (x) ¢6 dd thi nhu hinh v& va ham sé g(x)= 2x—T+[2x—3
—1+ —_

Pt h(x)=f(g(x))- f(3-2x+x")+ f (2—\/4—m2). Goi M Ia gia tri 16n nhat cua h(x).
Gia tri 16n nhat cia M thudc khoang nao sau day:
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Céau 10:

Céu 11:

Céu 12:

Cau 13:

Céu 14:

Céau 15;

A. (0;2). B. (2;4). C. (45). D. (510).
ok 2xt —mx—4 . £ P 3
Chohamsé f(x)=""——"",véi m latham sé. Tim tham sé m @& min|f (x)>=>?
X+ 2 2] 4
A.m>1. B.m<1. C. meR. D.l<m<§.
4 5 4 4

Cho cc sb thuc X,y théa man x—3vx+1=3\y+2-y. Gia trj nho nhit cua biéu thuc
P=x+y la

A. minP:% V21 B minP=9+3v15. C. minP = —63. D. minP = —91.

Chohamsé f(x)=x-3x va g(x)=|f(2—cosx)+m| (m latham s thuc) goi S la tap hop

tat ca céc gi4 tri cua m sao cho 3max g(x)+ming(x)=100. Tong gia tri tat ca cac phan tu

ciia S bang
A. -16. B. 12. C. -32. D. -28.
N ax+b . . X
Cho ham so y= f(x) = TE Goi M,m lan lugt la gia tri 16n nhat va gia tri nho nhat cua
X"+
f (x). C6 bao nhiéu cap sé (a,b) véi a,beZ saocho M?+m* <57
A. 51. B. 89. C. 198. D. 102.

Cho ham sé y = %x3—(m+2)x2+(3—3m2)x+4. Tim me(—g;OJ dé gia tri 1on nhét cua

ham s6 da cho trén doan [—1; 1] bang 4.
1-2 1-5

:ﬁ. B.m:%. C.m=——. D m=——.
2 4 4 6

A.m

Tim s6 gid tri cia tham sé m dé gid tri 16n nhat clia ham s y =[3x" —4x> —6mx” +12mx-+m|
trén doan [1;2] bang 18.
A. 0. B. 3. C.1. D. 2.
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Cau 16:

Cau 17:

Cau 18:

Céu 19:

Cau 20:

Céu 21:

Cau 22:

Cau 23:

Cho ham s6 y=f(x) dong bien ten R va théa man

[f (x)—x].f (x)=x°+3x"+2x%,¥xeR. Goi M va m lan luot 1a gia tri I6n nhat va gia tri
nhé nhét ciia ham sé y = f (x) trén doan [1;2]. Gia tri cia 3M —m bang

A. 33. B. -3. C. 4. D. -28.

C6 bao nhiéu s6 thuc m dé gia tri nho nhat caa ham sb y = ‘xz —2X+ m‘ +4x bing —1.

A. 0. B. 3. C. 2. D. 1.

C6 bao nhiéu gia tri nguyén cia m dé gia tri 16n nhat caa ham sé f (x)z‘x3 —12x+m| trén
[1;,3] khong vuot qua 20.
A. 33, B. 34,

C. 35, D. 36

Goi M lagiatrilénnhat caahamsé f (x)=|x* +ax+b| tréndoan [-1;3]. Gia tri cua biéu thirc
a+2b khi M nho nhit 1a

A. 3. B. 4. C.2. D. 4.

Cho ham sé bac bén y = f (x) c6 @b thi nhu hinh v& bén. C6 bao nhiéu gié tri nguyén cia tham
s6 m thudc doan [0;20] sao cho gid tri nho nhat caaham sé g(x)= H2f (X)+m+4|—f (x)—3‘
trén doan [—2; 2] khong bé hon 1?

A Y

B. 19. C. 20.

y=f(x)

-

A. 18. D. 21.

Tim tat c4 cac gia tri cua a dé gia tri nho nhit cia ham s y = 4ax+‘x2 —4x+3‘ I6n hon 22

3

C.1<a<— D.a<0
2 2

_|2mx—2+/4x+8

X+2

A. a>% B.a<-1

CG tat ca bao nhiéu gia tri nguyén duong cuatham s m de hamsé f (x) ‘ co

gia tri nho nhat trén doan [-1;1] 1a a thoaman 0<a<1.
A. 3. B. 4. C. 5. D. 2.

Cho ham s6 bac bén y = f (x) co d6 thi nhu hinh v& bén dudi. Goi S 14 tap hop tét ca cac gia
tri nguyén cia tham sé m thugc doan [120] sao cho gid tri nhé nhat cua ham so
g(x)=[2f (x)+m-+4/+|f (x)+3m—2| tréndoan [-2;2] khong bé hon 2. Téng tit ca cac phan

torcia S bang:
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Céu 24:

Cau 25:

Céau 26:

y = f(x)

A. 207. B. 209. C. 210. D. 212.

Goi S la tap hop céc gia tri nguyén duong cua tham sé m dé gia tri nho nhat cua ham s
=[x* —5x+4|+mx Ion hon 1. S6 phan tir cua S Ia:

A T. B. 6. C.8. D. 3.

Cho ham sé y = f (x) c6 dao ham trén R, bang bién thién ctia ham sé y = f (x) nhu hinh v&

va f"(x)<0,vxe (O;+oo) .

x —on

\/\

Biét a,x thay ddi trén doan [0;2] vagiatrinho nhat cua biéu thirc

(1(0) +1][27(0)+(a-x) F'(a)+6]

= bang m(phém s6 toi gian, m,neZ,).
| f(2-va=2x)+ £ ( ” 2-J4- 2x)+f()} n
Téng m+n thudc khOang nao dudi day?
A. (20;25). B. (95;145). C. (45,75). D. (75;95).

Cho do thiham sd f(x)= f'(x) nhu hinh v&. Biétrang £(0)- f(3)=f(5)- f(1). Goi M, m lan
luot 1a gid tri I6n nhat va gia tri nho nhat cia ham s6 f(x) tréndoan [0;5]. Pap an dung 1

A v

S(x)

[
1
1
1
[
1
®

i—l\

LI mmm
N

=Yy
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A M=f(5);m=f(1). B. M=£(0);m=f(1).

C. M= f(3);m=f(0). D. M= f(1);m=f(5).
Cau27: bit M = max‘\/4x—x2 —mx‘ . Gia tri nho nhat cuaM 14

A 1. B. 2. c.?. D. 2.

Cau 28:

Céau 29:

Céau 30:

Céau 31:

Cho @b thi ham s6 y = f'(x) nhu hinh v&. Biét rang 2£(6) = f(0)+ f(2). Goi M va m
lan Iuot Ia gia tri I6n nhat va gia tri nho nhét cua ham sé f(x) trén doan [0;6]. Dap 4n dung 1a

\J‘
f(x)
O 6
A. M = £(6);m = £(0). B. M= f(2);m=f(6).
C. M= f(2);m = f(0). D. M = f(6);m = £(0).

Cho @5 thi ham sb y=f(x) nhu hinh v& Biét rang f(0)+ f(2)= f(1)+ f(3) va
F(0)+ f(1)= f(3)+ f(5). Goi M va m lan luot 12 gié tri 16n nhat va gid tri nhé nhat cia ham
s6 f(x)trén doan [0;5]. Péap an dang la

A J~

A. M= f@);m=f(1). B. M= f(0);m= f(1).

C. M= f(0);m= f(5). D. M= f(3);m=f(5).

Cho ham s6 y = f(x) dat gia tri nho nhat trén R twong ting la . Khi d6 gi tri nhé nhat

ctia ham s6 g(x) =3 f(x)+x* —2x thoa man diéu kién nao dudi day?

A. ming(x)>3m. B. ming(x)=3m-2.

C. ming(x)<3m-2. D. ming(x)>3m-1.

Cho ham s6 = f(x) dat gid tri nho nhat trén R tuong tng la 3 va gia tri nh nhét ciia ham s6
g(x)=4f(x)+x* —4x twong tng bang 8 . Két luan nao dusi day ludn ding?

A. f(2)=3. B. f(2)>3. C. f(3)<3. D. f(3)>4.
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Céu 32:

Cau 33:

Céu 34:

Céau 35:

Céau 36:

Céau 37:

Céau 38:

Céau 39:

Cau 40:

Cho hai ham s6 y = f(x) va y = g(x) lién tyc va x4c dinh trén R, c6 gid tri 16n nhat Ian Iuot 1
3 va 6. Khi d6 gia tri lon nhat ciia ham s y =3 (x)+2g(x) Iudn thoa min diéu kién nao dusi
day?

A. max(3f(x)+ 2g(x)) <
C. max(3f(x) + Zg(x)) <

Cho hai ham s6 y = f(x) va y = g(x) lién tuc va xac dinh trén R, ¢6 gid tri Ion nhat cua ham

21. B. max(3f(x)+2g(x)) = 24.
30. D. max(3f(x)+2g(x))>21.
s6 y=f(x) la 6 va gia tri nho nhat y=g(x) 1a 3. Khi d6 gia tri l6n nhat cia ham s6
y=2f(x)-3g(x)+2 ludn théa man diéu kién nao dusi day?
A. max(2f(x)-3g(x)+2)=5. B. max(2f(x)-3g(x)+2)<
C. max(2f(x)-3g(x)+2)<5. D. max(2f(x)-3g(x)+2)>

Chohamsé y = f(x)liéntyc trén R, c6 gia tri I6n nhat 1a 2. Biét ham séy =2 f (x)—x” +6x ¢6
gia tri 16n nhat bang 8. Chon dap 4n ding trong cac dap an sau?

A f(0)<4. B. f(3)<-1. C. f(2)=0. D. f(2)<-2.

Cho ham s6 y = f(x)lién tuc va xac dinh trén R, co minf(x) =4. Khi d6 két luan ding vé
nghiém cuia bat phuong trinh f(x) >4 s& la:

A. ludn c6 nghiém. B. lubn v nghi¢m.

C. c6 thé c6 nghiém c6 thé vo nghiém. D. ludn c¢6 dung mot nghiém duy nhat.

Cho ham séy = f(x)=x* —2ax +6a—3 c6 gia tri nho nhat bang m. Nhn xét ndo trong cac dap
an dudi day luon dung?

A m>-3. B. m<-3. C. m<78. D. m<3.

Cho ham sé y = f(x) lién tyc trén R, c6 gia trj lon nhat va nho bang M va m . Biét rang
f(a)+2f(b) =18, trong d6 a va b 1a hai s6 thuc dwong. Nhan xét nao trong cac dap an dudi
day 1a ludn ding?

A m<3, B. M>9, C. m<5. D. M>6.
Chohamsé y = f(x) liéntuc trén R, c6 gid tri I6n nhat va gia tri nho nhat lan Tuot 14 M va m
. Biét rang f(a)+2f(b)=12, trong d6 ava bla hai s6 thyc duong. Khi d6 gia trj biéu thic
(M -2)(m-5) co thé bang

A. 1. B. 3. C.0. D. 10.

Cho ham s6 f(x)=x*—2ax+4a-7, ¢6 gia tri nho nhat 1a m . Hoi ¢6 tat ca bao nhiéu gia tri
nguyén duong ma m ¢6 thé nhan?

A. 11. B. 8. C.9. D. 10.

Cho d6 thi ham s6 y = f(x) nhu hinh v&. Biét ring m 1a tham s6 thyc, gia tri nho nhat cia ham

s6 f(x)+x* —2mx+m* +1 tuong éng bang:
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Ay

-1
\/ i "'
:—-—-0—3

A 1. B. 3. C. -1. D. 2.

Cau 41: Cho d6 thi ham s6 y = f(x) nhu hinh v&. Biét rang m Ia tham s6 thuc, gid tri nho nhat cua ham
O f(2x+3)+x* —4mx+4m* —1 bang —4 thi tham sé m bang:

Ay

S (x)

L Q
q

A -1. B.0. C. —. D. 2.

Cau 42: Cho d6 thi ham sé y = f(x) nhu hinh v&. Biét rang m la tham s6 thuc. Goi S la tap chua tat ca
c4c gié tri thuc cia tham s6 m dé ham sé f(3x—m)+ Zf(x2 —Zx) dat gi tri 16n nhat. Téng cac
gia tri cua tat ca cac phan tu thuoc tap S bang:

J\)’

I R '

Q

p ]
Lig-mmmmmea-
H\r

/N
\

A. 6. B. 3. C.0. D. 2.
Cau 43: Chohamsé y = f(x) cé d6 thi nhu hinh v& bén dudi. Biét ring m, n 12 hai s6 thyc. Dé ham sb

3f(3x—m)+f(x+n)—x2 +4x dat gia trj I6n nhat thi (2m—n) bang
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.I'E ; ll"'.\:{ { .1'}

A. 3. B.0.

HH“'M.
o
ladg

C.5.

D. 1.

Cau 44: Cho ham s6 y = f(x) 6 dd thi nhu hinh v& bén dudi. Héi ¢ tat ca bao nhiéu gié trj thuc cua

tham s6 m dé ham sb g(x)=x* —2m’x+m* —f(f(x)) dat gia tri nho nhét?

E3

¥y

[\
| |

-

B. 4.

A 6.

0 [

\/i
/
A®*---

C. 3.

\

Y
\

i

X

lIIII|

D. 8.

Cau 45: Chohamsé y = f(x) c6 do thi nhu hinh v& bén dudi. Biét ring m, n 12 hai s6 thuc. D& ham sd

2f(2x—m)— f(3x+n)+x*—2x datgiatri nho nhat thi T =2m +3n bang

)

A -11. B. 7.

C. -13.

D.5.

Cau 46: Cho hamsé f(x)=x"—2mx . Hoi c6 tat ca bao nhiéu gia tri nguyén cua tham s6 m [ -30;30 |

dehams6 f(x) ton tai gia tri nho nhat trén (-1;3)?

A. 3. B. 2.

C.5.

D. 4.

Cau 47: Cho ham sb f(x)=-x"+2(2m—1)x. Héi co tat c4 bao nhiéu gia tri nguyén cua tham so

m e[ -30;30] dé ham s6 f(x) ton tai gid tri nho nhat trén (-3;11]?

A 6. B. 31.
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Chd g8 03: Gid tri 16n nhét — Gid tri nhd nhét cdia ham sb
Cau 48: Cho ham sb y = x° —3mx . Hoi c6 tat ca bao nhiéu gia tri nguyén cua tham s6 m [ -30;30] dé

ham s6 f(x) ton tai gia tri nho nhét nhat trén (1;3)?
A. 8. B. 9. C.7. D. 11.
Cau 49: Cho ham s6 y =x” —3mx®. Hi ¢6 tat ca bao nhiéu gia tri nguyén cua tham s6 m [ -30;30] dé
ham sé f(x) ton tai gi tri nho nhat trén (-2;3)?
A. 30. B. 18. C. 32. D. 1.
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BANG DAP AN
1D 2A 3A 4C 5D 6.D 7C 8D 9D 10D
NA 12A 13.B 14D 15D 16.A 17D 18B 19B 20B
21C 22D 23C 24 A 25C 26B 27B 28C 29D 30D
31A 32A 33C 34A 35C 36.C 37D 38B 39D 40D
41A 42C 43C 44A 45C 46A 47B 48C 49C

Cau 1;

Cau 2;

HUONG DAN GIAI CHI TIET

0 khif(x)20
Taco: f(x)-|f(x)= _
2f (x)khi f (x)<0

Tir d6 thi ham s6 y = f (x) = a=|f (x)-|f ()| [0;1], Vx e R.

Co b=-a® +a+%e{%;l},v’ae[0;1] . Xét g(b)=(b+1)" [1+b2.(2—b)2J

(b+1)[1+|o2 (4-4b+b%)+(b+1).(4b—4b* +b°) - (b+1).(2b* ~b°)
(b+1)[1+4b* —4b° +b* + 4b” —4b® + b* + 4b— 4b” +b° — 2b° + b* — 2b% +b° |
(b+1)[ 30" ~8b®+2b” +4b+1]

=2(b+1)| b(b—2)(3b* ~2b—2)+1]

Taco beB,l =b-2<0;30°-2b-2<0=g" (b)>O,VbeE;1}
=Ham 6 g(b)=(b+1)’|1:+b*(2-b)" |déng bién trén E;l}

3g(b)gg(1)=8,VbEE;1}

, 2 Ry 4-3b
Xét h(b):—m:h (b)= \/ﬁ(l.,_b_\/ﬂ)z
:>h'(b)>0,Vbe[%;l} :h(b)gh(l):—l,Vbe[%;l}

:Szgg/(b+1)2[l+b2-(2—b)J 1+b\/_ 8\/_ 1_—% Bangthu:cxayrakhlb 1.

= Gia tri 16n nhét ciia S bang —% va k :g.
Taco:

[x* ~3x+m| <16 ¥x e[0;3]

< -16<x*—3x+m<16 Vx[0;3]

< -16-m<x’-3x<16-m vxe[0;3]
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Cha 3& 03: Gid tri 16n nhdt — Gid tri nhd nhdt cia ham sb

max g (x)=18

[0:3]

a2

Xétham sé g(x)=x*-3x voi x€[0;3]. Khi d6 :

& -14<m<-2,

18<16-m
=
-2>-16—-m

. m=-14 _ . .
Dau ‘=" xay ra khi Ln 5 - Tong tat ca cac phan tir cua S bang —16.

Cau 3: f'(x)=(x—1)(3x+2m2—1).
x=1¢(12)
f'(x)=0<(x=1)(3x+2m?-1)=0 < _om?
() ( )( ) x=1 zm ¢(L2)vm
Bang bién thién:
X 1 2
f(x) |0 *
m:+2—im
2
f(x)

—=m
2

Tir bang bién thién ta cé: rm? f (x):—gm va rﬂazt]x f (x):m2—§m+2>OVm.
Xét phwong trinh rHazl]x‘ f (x)‘+r[T11|2?‘f (x)| =% (1).

Truwong hep 1: —gm>0©m<0.

m_3+\/1_0
Nem —m+2-“m=—em*-3m--=0< 2 .
) 3-410
m =
2
Do m <0 nén m:3_;/170.

Truwong hop 2: —gm£0<:>m20.

(1) <> mx]f(x) -

M|
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Cau 4:

Cau 5:

max‘f(x)‘=max{3—m,m2—3—m+2}
2 2
3m_9
max|f (x)|=> < 2 4 & m=2(nhan)
3_m2m2_3_m 2
2 2
m?_3M, 5 9 3Jr\/r?’(ktm)
max|f (x)|== < am 2 3m4 = il/_
2 3-+/13
7Sm —7+2 m = 2 (ktm)

. < 3-410 3 1 e mrnon s D 105
Vay S = > +§—E(\/ﬁ—\/1_0)nena—36,b—10g1atr1g_£_ﬁ.

Xét g(x) = f(2x)-4x (*)
Beﬁtu:2x,XE{—g;2}:>UE[—3;4]
Khi d6 theo cach dat (*) tr¢ thanh: g,(u)=f(u)-2u =g, (u)=f'(u)-2 ,

u=0e[-3;4]

"(U)=0< f'(u)=2
. (1) =0 1'(v) C>|:U=2€[—3;4]
Ta c6 bang bién thién cua ham s6 g, (u) trén [-3;4]

i -3 0 2 4

g'(u) + 0 + 0 -

/\

Tir bang bién thién suy ra max g9,(u)=9g,(2

bit f(x)=t, te(-c;al,a>2

2f(x)-2  2t-2

Taco = B '
aco g(X) fz(x)—Zf(X)"‘z t2 —2t+2

Dat h(t)zﬁ, te(—xo;al,a>2.

B —2(t2—2t) O@{tzo

B t=2"

(£ -2t+2)

Ta 6 bang bién thién ctia ham sb h(t).
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Cha 3& 03: Gid tri 16n nhdt — Gid tri nhd nhdt cia ham sb

G —00 0 2 a
K (2) 0 n 0o
1
0 \
h(t) / h(a)
\_1
p 2a-2 A 1s e N
Taco h(a)=—————>0 Va>2 nén tir bang bien thién suy ra:
a—2a+2

max g (x)= {Pa)ﬁ h(t)=1<t=2 hay f(x)=2(phuong trinh nay c6 3 nghiém).
ijn g(x)=minh(t)=-1<1t=0 hay f (X) =0 (phuong trinh nay c6 4 nghiém).

(—co a

Viy co tat ca 7 gia tri ciia X sao cho ham $6 g (X) dat gia tri 16n nhét hoic dat gia tri nho nhat.

Cau6: Taco: min f (x)+max f(x)—l— (1). bat h(x)= M 6 dao ham: h'(x) = 1—m2 ,
[1:2] 12 x+1 (x+1)

Néu m=1 thi I’[EIIZI]’I f(x):rﬂgf( f (x)=1 (loai)

Néu m=1thi h'(x)#0,vx#1 va h(1):mTJrl h(2)= m;rZ

Truong hep 1: h(1),h(2)>0 khidé m>-1
1 2 1
Phuong trinh (1) < mT+ + m;— 16

Truong hep 2: h(1),h(2) <0 khi do m<-2

—m=5 (TM)

Phuong trinh 1 (1) < mTJrl+ m;r 2 % =>m= %39 (TM)

h(1)h(2)<0
Truong hop 3:41m+1 ‘m+2
2 7] 3

m+2 16

khi @6 —g<m<—1

Phuong trinh (1) < = m=14 (khéng TM)

h(1).h(2)<0
Truwong hop 4: ‘m+2
3

m+1

2

khi d6 —2<m<_—57

Phuong trinh (1) < —mTH =% =>m= —3—35 (khdng TM)

Vay m=5m= 5 nén co 2 gid tri cia m thda man.

Cau7: Cachl:
Pat t=f (x*+2x). Vi xe[-L1]nén te[6;5]. Khi o, g(x) =[t+n| voi n=3f (m)
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In+5/=8 3
n=
n+5/>[n—6

In-6/=8 ,
n=—
-6 n+5

V6in=3<3.f(m)=3«< f(m)=1,suyracd 5 gia tri cia m.

Do do, r[[\f}f](g(x):max{|n+5|;|n—6|}:8<:>

Véin=-2<3f(m=-2< f(m):%z,suyrac() 6 gid tri cia m.

Vay ¢6 11 gia tri cia m thoa méin yéu cau dé bai.
Céach 2:
Vi xe[-L1]nén -3<x°+3x<3=-6< f (x3+3x)£5..

Taco: ‘f(x3+3x)+3f (m)‘SB,VXE[—l;l] o -8< f(x3+3x)+3f (m)<8, vxe[-1L1]

f(x*+3x) <8-3f (m) 5<8-3f (m f(m)<1
vxe[-11]= = 9.
—8-3f (m)< f(x*+3x) -8-3f(m)<-6 |f m)z—5
f(m)=1
. 3 _
Do do max‘f(x +3x)+3f(m)‘—8<:> f(m)=_2

: . s : -2 o
Véi f (m)zl, co 5 giatricia m.Vai f (m):?, €O 6 giatrictua m.
Vay ¢6 11 gia trj cia m thoa méin yéu cau dé bai.

‘f(—l)‘gl B-a+b-c+d|<1

<1 2__“% b_

a0 C g
22 2 2

0)<1 < qld|<1

Caus: Taco: {|f

1 a b ¢
il 24+ —F—+—+—F—=+d|<L1
‘f(l)‘gl B+a+b+c+d|<1
a b c a b c b
44b+2d|<2-—F—+-——F—+0d|+2+ —F—=+—-+—F—=+d|<2= 2+ =-+d|<1
| | 22 2 2 22 2 2 2

Tuong ty: 16+2b+2d|<2=[8+b+d|<1

2+9+d =-1
2

. . d=1
Dau “=" xay ra két hop véi |d|£l khi: <8+b+d =1 @{b_ 8
d=1 o
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Cha 3& 03: Gid tri 16n nhdt — Gid tri nhd nhdt cia ham sb

lFa—-c+1<1

Khi do: ddu “=" xay rakhi a=c=0

la+c+1<1

Vay f(x)=8x"-8x*+1

Suy ra: a®>+b*+c¢*+d* =65
ChU y: Ta c6 thé suy luan nhu sau dé dugc nhanh dap sb:
Vi cos(4t)=8cos't —8cos’t +1 nén néu dit x =cost thi cos(4t)=8x"—-8x*+1 va nhu vy

ham f(x)=8x*—8x’+1 thoa min ‘f (X)‘Sl,VXE[—l;l]
x+2=x+|ax-2+[6-4x]  x+2-x

|2x 1]+ [2x -3 Clex=1+f2x-3
Do (VX +v2-x) =2+2,/x(2-x) <4 vi Jx(2-x) <1 vxe[0;2].
= Vx+42-x<2<|2x-1|+3-2x = 2< g(x)<3= f(g(x))<4 (1).

Dau "=" xadyra < x=1.
Taco: 3-2x+x* €[2;3],vxe[0;2] :—f(3—2x+x2)30 (2).

Cau9: Dicukién: xe[0;2]. Taco: g(x)=

Déau "=" xayra < x=1.
Tacs: 2-4-m’ e[0;2]= f(2-Va-m’ <4 (3)
Dau "=" xdyra < m=0.

T (1),(2),(3) =>h(x)<4-0+4=8=maxh(x)=8< x=Lm=0.

f(x)>%,Vx6[—1;1] (1)

Cau 10: Tace: r[T_lli_{]]‘f(X)‘>%<:>‘f(X)‘>%,VXG[—1;1]<:> 2 .
' f(X)<—Z,VXE[—l;1] (2)

Truwong hep 1: f (x)> % vxe[-11].
Nhan thay f (O) =-2< % . Nén truong hop (1) khéng tim dugc m.
Truong hep 2: f(x)< —%, vxe[-11].

Taco: f(x)< —%, vxe[-11].
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Céu 11:

2x* —mx—-4 3
= <
X+2

< 4mx>8x* +3x-10, vx e[-L1] <

" vx e[-11] < 8x* —4mx —16 < —3x -6, Vx € [-11]

0>-10, khi x=0

4m > 8x3 +3—E, vxe(0,1] (*)

X
4m<8X3+3—E,VX€[—l;O)
X
Xét ham s6 g(x):8x3+3—E co g'(x)=24x"+ 10 24X—2+10 0,vx=0.
X X
Bang bién thién:
X -1 0 1
g'(x) + +
glx +00 1
(x) s .
Duya vao bang bién thién:
vme R khi x =0 ms <
dm >1 4
(*)=<4m>maxg(x) < N Si<am<=
(0] dm <5 5)
4m <min g(x) <Z
[-120)g
Cach 1:
Pat X =+/x+1Y =Jy+2 véi X,Y >0 suyra: x=X?-1,y=Y?-2

Taco: Xx—3Vx+1=3/y+2-y = X?+Y2-3X -3Y -3=0 (1)

Tap hop cac diém M (X Y ) théa man phuong trinh (1) 1a duong tron (C) cotam | (g ; gj , ban

J30

X,Y >0 nén ta chi xét cac diém M e

34421

-3

AmB .

J B=(C)n(0x)= B(

Tacé: P=x+y=X*+Y?>-3=0M?-3 suyra P,;, <OM, . =OA=0B.
2
Mit khac: OA\/02+(3+;/ZJ =3+;/ﬁ.
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Cha 3& 03: Gid tri 16n nhdt — Gid tri nhd nhdt cia ham sb

Céu 12:

Vay minP =0A?-3=

[3+@Jz_3_9+3m
2 - .

2

Cach 2:
DK: x>Ly>-2.Taco: X—3Wx+1=3y+2-y < x+y=3/x+1+3/y+2, (x+y>0).

= (x+y)* =9(x+y+3)+18/(x+1)(y +2)

:>(x+y)2—9(x+y)—2720:>x+y29+i\/Z
x=-1 y=-2
Ding thire xay ra <> 114321 hodc {1 134321
= — X:—
y 2 2
X=-1 y=-2
Vay minP = 9+3V2L |1 s chi khi 1143421 hoic { 13,321
y:— X=—-—
2 2

Pat t=2-cosx, te[L;3]. Tacd f(t)=t"-3t; g, (t)=[t’~3t+m|

Xétham sé h(t)=t>-3t+m trén doan [13]; h'(t)zstz_sz()@{tt:_l 1(t(r|‘r;).

h(1)=m-2, h(3)=m+18.
Truonghopl: m>2=

TUr gia thiét bai toan ta 6 : 3(M+18)+m—2=100 < m=12 (tm)

rrlnSn g,(t)=-m-18
Trwonghop2: m<-18= ]
max g,(t)=—m+2

Tur gia thiét bai toén ta c6 : 3(-m+2)—m—18=100 < m=-28 (tm)

ming, (t)=0
Trwong hop 3: -18<m<?2 '
ruong 1op mse= maxgl() max{|m—2|;|m+18|}

(3]
Néu [m—-2/>|m+18 < m<-8.

106

=— ()
Tir gia thiét bai todn ta c6 3|m—2|=100<:> g vi -18<m<-8
m=—o (I
3 ()
Néu [m+18/>|m-2/ < m>-8.
—154
, m=—- (|)
T gia thiét bai toan ta 6 : 3m+18/=100 < 5 —8<m<2
X0
3
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Vay S ={12;-28} =12-28=-16

Cau 13: Céach 1:

ax+b
2X% +2
DPé c6 max y,miny thi phuong trinh (1) phai c6 nghiém x

Tap xac dinh D=R=VxeR:y= < 2yx*—ax+2y-b=0 (1)

a=
Trwong hop 1: y=0, khi d6 (1) < —ax—b =0. Phuong trinh ¢6 nghiém < {
a#

Véi a=b=0 thi y=0,vxeR, dodbé miny+maxy=0<5 (thoa man).
. . b
Véia#z0thi y=0=x=——.
a

Truong hop 2: y=0. Xét A=-16y° +8by+a’.

b=0
0

b++/a?+b?

@A) ¢4 nghitm ©A>0&-16y°+8by+a’>0s

_b+va®+b’ = b—va®+b’

4 4

<y<

b—+a?+b?
4

=M

a’+2b?

M?+m® = <5=a’+2b’ <40(*).

Suyrab’<20=-4<b<4 (do beZ).

Nhan xét néu a’> <M thico 2x[N]+l so nguyén a thoa man.

Véi b=+4=a’><8.C6 5 sd nguyén a thoa man.Vay c6 10 cap (a;b).
Véi b=43=a”><22.C6 9 sd nguyén a thoa man.Vay c¢ 18 cip (a;b).
Véi b=42=a’<32.C6 11 sd nguyén a thoa man.Vay co 22 cip (a;b).
Véi b=+1=>a’ <38.C0 13 s nguyén a thoa man.Vay c6 26 cip (a;b).
Véi b=0=a’<40.C6 13 s6 nguyén a thoa man.Vay c6 13 cip (a;b).
Tong cong ¢ 89 cip (a;b) can tim.

Cach 2:

€):y

ax+b , —ax’—2bx+a
= oz, oY T
2x"+2 2(x*+1)
Néu a=b=0 thi y=0,vxeR,dod6 M =m=0= M?+m? <5 (thoa min).
Xét a,b khong dong thoi bang 0. Khi do y' =0 ludn co 2 nghiém phan biét X, X,
iy, =20
TR T (Giasit X <X,)
XX, =—1
Iirp y=0 nén (C) co6 dang

Tacd
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Cha 3& 03: Gid tri 16n nhdt — Gid tri nhd nhdt cia ham sb

—/\ﬁ
—/\ﬁ

hoidc

M,m nhan y(X), y(X,).

. u(x) .. u a
Ta c6 cong thire cyuc tri cia ham s6 y = Q la y(Xct) =—=
v(x) V' Ax,
2 2 2 2
S VENURC L S L N (. ) Y- DU
4°x° 4°x° 16\ a

(dén day thuc hién tuong ti cach 1.)

3

Cau 14: Dat f(x)=%—(m+2)x2+(3—3m2)x+1.Suy ra
f'(x)=x*-2(m+2)x+3-3m”* =(x+m-1)(x—3m-3).
=1-m 2 X e[léj
f'(x)=0<:{xi_ Vi me(——;oj nén ' \73)=x,x, ¢[-11].
X, =3+3m. 3 v < (L3)
2 y

Do d6 ham s6 f (X) don diéu trén doan [—1;1]. Suy ra r[r]fll)](‘f (X)‘ = max {‘f (—l)Hf (1)‘}

(-]

.
am?z _ma
‘f(l)‘_‘ 3m m+2

:—3m2—m+z <:>‘f(—1)‘=|3m2—m—E|=—3m2+m+E.
3 3 3

) —3m2—m+zz4

1 ()= ;

—3m2+m+E<4
|f(-1)|<4 3 1-5
r[rjgf](y:4<:> = ; Qm:T.
' {‘f(l)‘<4 —3m2—m+§£4

f(-1)|=4

) —3m2+m+§=4

Cau 15: Pat f(x)=3x"—4x’-6mx*+12mx+m.Taco: f(1)=7m-1va f(2)=m+16.

(1) =[7m-1 <18 L

Diéu kién can: gia sir max‘ f (X)‘ =18 = =
;2 [f(2)|=|m+16|<18 7

Vay chi can xét m e {—g ; 2]

Didu kién di: Ta c6: f'(x)=12(x-1)(x* —m).
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Trwong hop 1: —g <m<1, khidé: f'(x)=0,Vxe[L2] suy raham sé f(x) dong bién trén
[L2] , ma f(2)=m+16e(0;17) nén yéu «cdu bai todn twong duong

f(l):7m—1:—18<:>m:—g.

Trudng hop 2: 1<m<2,khidé: f'(x)=0 c6 nghiém duy nhat x =+/m e[1;2]

Bang bién thién:

J(1) f(2)
v \ /
D)

Vi f(\/ﬁ):3m2—4m«/ﬁ—6m2 +12m\/ﬁ+m:3m\/ﬁ(2—\/ﬁ)+2m«/a+m>0.

f(1)=7m-1-18 m=$ 0

Do d6 YCBT <
l:f(Z):m+16:l8

m=2

C o 17
Vay co hai gia tri mthéa man la: m:—7,m=2.

Cau16: [ f(x)—-x].f(x)=x"+3x"+2x° <[ f(x)-x].f (X)Z(X3+2X)[X3+2X—X]VXER

= f(x)=x"+2x= f'(x)=3x"+2>0,VxeR
= f(1)=3=r[rl1;i2?f(x)=m;f(2)=12=rﬂg]xf(x)=M
Suy ra;:3M —m=3.12-3=33

Cau 17: Y&u cau bai todn< y>-1,Vxe R va y =-1 cd nghiém.

Taco yZ—l,VXER<:>‘X2—2X+m‘+4X2—1,VXER <:>‘x2—2x+m‘2—4x—lVXeR(*)

x2—2x+m£4x+1,Vx£—l .
o 4 (Vi x> ~ thi (*) luon ding)
x2—2x+m2—4x—1,VX£—Z
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Céu 18:

Céu 19:

Cau 20:

ms—x2+6x+1,VX£—1
o 4 o m>0(1).

m2—x2—2x—1,VX£—Z

2
X*=2X+m=4x+1

Ta c60 y=-1 cé nghiém < ‘x2—2x+m‘:—4x—1 c6 nghiém < co
X2 —2x+m=—-4x-1

2
m=—XxX"+6x+1 m <
¢ nghiém xs—% c{ 16 ©m<0(2).

. 1
nghiém x < 7 S

)
m=-x“-2x-1 m<0

Tu () va(2)suyra m=0

x=2€e(13)
bit g(x)=x3-12x+m "(x)=3x*-12, g'(x)=0
Tacé: g(1)=m-11; g(2)=m-16; g(3)=m—9:>rH;ig]ng(x):m—16;rﬂg]xg(x):m—9

Do do: rﬂgf(f(x):max{|m—9|;|m—16|}

Im-9|<20 —20<m-9<20 -11<m<29
< —-4<m<29.

m-16/<20  |-20<m-16<20" |-4<m<36
Vay c6 34 gia tri nguyén ctia m thoa yéu cau bai toan.
M 1a gia tri 16n nhét ctia ham s6 f(X):‘X2+aX+b‘ trén doan [-1;3]
M > f(-1) M >[1-a+b|
=>iM2f(3) <{M=|9+3a+b|
2M >2f (1) 2M >2[l+a+b|
= 4M >[1-a+b|+|9+3a+b|+2|-1-a—b| >[l-a+b+9+3a+b—2-2a—2b|
=4M28=>M22=>M, =2.

—a+b+1=2 5
. . a=-—
Dau bang xay ra khi: 3a+b+9:2<:>{b %
-l-a-b=2 B

Thir lai thay théa M =2 1a gid trj 16n nhat ctia ham s f (X) trén doan [-1;3].

Vay a+2b=-4.

Dua vao db thi ham sé, ta thiy f (x)e[-2;2] véi xe[-2;2].

Pat t=f (x)+2 véi xe[-2;2] =t [0;4] voi xe[-2;2].

Xét h(t)=[2t+m|-t-1=[2t+m-t-1=|t+m-1 (vi 2t+m=>0 do t[0;4], me[0;20]).

Truong hgp 1: Xét m-1>0< m>1 :>[Min]g(x): I[\/Iir]1h(t): m-1>1=m>2 (tm)
-2;2 0;4
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Cau 21:

Cau 22:

m-1<0
Truwong hop 2: Xét 0<m<1(do 0;20))= Min X)= Min |h(t)=0>1
FIORE P {m+320:> m =1 (do me[0:20)= Min a(x)= Min n(®)
(ktm).

Trudong hop 3: Xét m+3<0= m<-3 (khong thda man m <[0;20]).

Taco [I\/zligl]g(x)21<:> m-1>1<m>2ma meZ, me[0;20|nén me{2;3;...;20}.

Suy ra c6 19 gi4 tri nguyén m thoa man dé bai.

<y

d

d,
Dé gié tri nho nhat cia ham s y = 4ax+‘x2 —4x+3‘ |é6n hon 2 thi:
4ax+‘x2—4x+3‘>2 voi moi xe R
Suy ra ‘xz —4x+3‘> 2—4ax véimoi xeR
Ham s y:‘x2—4x+3‘ c6 dd thi (C)
Dudng thang d: y=2-4ax di qua diém cé dinh (0;2).
Puong thang d: y=2-4ax 1a tiép tuyén cta d6 thi ham sé y = x* —4x+3 (x<1)
x:1:>a=%:>d1:y:2—2x

{2—4ax: X* —4x+3
=N

g da=2 3
—da=2x-4 X=—l=a=-=d,:y=2-6X
2

bé x2—4x+3‘>2—4ax Vi moi xeR thid: y=2-4ax nam giita dl,d2<:>%<a<g.

bat t =vx+2 v6i xe[-1;1] :>te[1;\/§} va x=t*-2.

2mt? —4t—4m|

t2 |

Ham s6 da cho tré thanh g (t) :% - Khi do: min f (X)=ming(t).

6]

2
Xét ham sd h(t) = 2mt” —4t—4m trén doan [1;x/§]

t2
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4t? +8mt

h'(t) = v >0,Vte[1;\/§] vam>0.
: . 2m—4+3
h t :—2 —4 =
suy ra [erI% (t)=-2m-4 va ma h(t) 3

Piéu kién cin: Ta co: [mifrﬁg(t):ae(o;l) :h(l).h(\@)>0 c>(—2m—4)(
1,43

2m—34\@]>0

o -2<m<24/3.
Vi m nguyén dwong nén me{1;2;3}.
Pidu kién dii: m e {1;2;3}

Khi dé: m%g(t):m'”{g(l);g(x@)}:mln{|2m+4|;—2m 4v3

}.

+m=1; ming(t):min{6; 4\/5_2} = W32 >1 (loai).
[143] 3 3
+m=2: [rpj%g(t):min{& 4€_4} =4\/§3_4e(0;1) (nhén).

+m=3; rlni3ng(t)=min{10; (0;1) (nhén).

4/3-6 _4\/§—6€
[1:43] - 3

Vay me{2;3} nénco 2 gid tri m thoa man yéu cau bai toan.

Cau23: Véi meN', m<20,taco xe[-2;2]=t=f(x)e[-22].
Khi d6 h(t)=|2t+m+4|+[t+3m—-2|-2>0,Vte[-2;2]
=h(t)=2t+m+2+[t+3m-2/>0,Vte[-2;2]

Truong hep 1: t>2-3m=h(t)=3t+4m

2—3m€[—2;2] 6
) minh(t):h(2_3m):6_5m20<:>03mﬁg:m:]_
[-2:2]

2-3m<-2 3
Truwong hop 2: t <2-3m khong can xét nita vi da 14y tat ca cac gia tri m nguyén thudc doan
cho trong dé& bai.

(1+20)20

Vay tong cac phan tirciia S 12 1+2+...+20 = =210.

x> —(5-m)x+4, xe(-01]u[4;+x)

Cau 24: Taco y:‘x2—5x+4‘+mx: ,
—X*+(5+m)x+4, xe[l4]
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5-m m+5
<

Trwong hgp 1: 0<m<3=1<

Bang bién thién caa ham sé da cho

X

+00

+00

m

+0a0

4dm

Tir d6 dé gid tri nho nhét cia ham sé y =|x* —5x+4|+mx Ionhon 1 thi m >1, két hop voi diéu

kién m<3 va m nguyén duong ta dugc m=2.
m+5
2

>4

Trwong hgp 2: m>3=

" 5Tm 1 4 ””2*5 oo
+o0 +o0
y
—m* +10m -9
S

Te d6 & gia tri nho nhat cua ham sb y:‘x2—5x+4‘+mx l6n hon 1 thi

2
w>l@—m2+10m—9>4© m? —10m+13<

hop voi diéu kién m >3 va m nguyén duong ta duoc m e

0=5-203<m<5+23 . Két

{3,4;5;6;7;8}.

Gop hai truong hop ta duoc tap cac gia tri m thoa man yéu cau bai toan S = {2;3; 4,5;6;7,8}.

Cau 25:
thi. ra

= f(a)< £'(0)(a-0)+ f (0)=af"(0)+2.

Suy

Xét trén [0;2], ta co

Do f”(x)<0,vxe(0;+%) nén f(x) cé do thi I6i trén (0;+00), tirc 1a tiép tuyen & phia trén d6
f(X)< /(%) (X=X )+ f (X)), vxe(0;+x)

2

\
2 /
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Céau 26:

Cau 27:

Suyra f(2-v4-2x)<f(2)=4,dodo f(a)+f(2-vA-2x)<af'(0)+6
Tachung minh 2f'(0)+(a—x) f'(a)+6>af'(0)+6 < (2-a) f'(0)>(x- ) "(a)(*)
That vay:

Néu x<a thi VT (*)>0>VP(*).

2-a=>x—a>0

f'(0)> f'(a)

L 2(0)+a0) (a)6
f(2-v4-2x)+f (a)

Lai co [ f'(x ] +1>1 va f(2—\/4 2x)+f( )<2f(2)=8 nénsuyra826—14.

Dau "=" xay rakhi a=0;x=2. Nhuvidy m=1n=64=m+n=65.

Néu x>a thi { nén (*) ding.

Chon B
Bang bién thién ctia ham sb f (x) trén doan [0;5] nhu sau:

X [0 1
S(x) - 0
/(0)

sk
h
ed

S ()

Suy ra: min f(x)=f(1)=m va

xe05

Tir gia thiét: f(o)—f(3):f(5)—f( )c>f(5)—f(0):f(1)—f(3)<0c>f(5)<f(O).
Suy ra, max f(x)=f(0)=M.

xe05

Ta co: ‘\/4x—x2 —mx‘g M,Vxe[0;4] vaM 20
Véi X =0 théa man.
Véi x e (0;4] ta co:

m < ﬂ—1+M:g(x)

M <AAX=X* —mx<M < X X vV xe(0;4]
4 M
m > /——1——=h(x)
X X

+Tac g x nghichbientrén 0;4 nén: m<ming x =g 4 =
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Céu 28:

Cau 29:

Céau 30:

2 N2
M 2<4:>Maxhx:4 M
M 4M

+Taco h' x :0<:)x:44

4-M*?
4M
Chon C

Vay: Sms%c>M222<:>M >\2=M,,, =2

Bang bién thién cua f(x) trén doan [0;6] nhu sau:

x [0 2 6]
/(%) + 0 -
f(2)
7(0) 7(6)

Suy ra: g}%f(x) =f2)=M

Va min f(x) = £(0); min f(x) = f(6)

Tir gia thiet: 2f(6) = f(0)+ f(2) < f(6)— f(0) = f(2)— f(6) >0 <= f(6) > f(0)
Suy ra: g}g;r;]f(x) =f(0)=m

Chon D

Bang bién thién cua f(x) trén doan [0;5] nhu sau:

x |0 1 2 3 5]
£1(0) - 0 - 0 -

710) f(3)
” \ / \
71 f(5)

max f(x) = f(0) r;m] fx) = £(1)
va ’

Suy ra; | :
max f(x)=f(3) | min f(x) = f(5)

x€[0,5]

Tu gia thiét: f(0)+ f(2)= f()+ f(3) & £(0)~ f(3) = fF()~ f(2) <0 & f(0) < f(3)
Suy ra: g}%f(x) =f3) =M

Tur gia thiét: £(0)+ f(1) = f(3)+ f(5) & f(1)~ £(5) = £(3)~ f(0)>0 & f(1) > f(5)
Suy ra: g{xgr;]f(x)zf(S)zm

Chon D

Tdn tai mot gid tri x, € R sao cho: f(x)> f(xo) =m vOi1 VxeR

Suy ra: 3f(x)=3f(x,)=3m v6i VxeR
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Céu 31:

Céu 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

Céau 37:;

Lai c6: x> —2x=(x—-1)"-1>-1
Suy ra: y =3f(x)+x° —2x>3.m+(-1)=3m—1. Suy ra min f(x)>3m-1

Chon A
Taco: f(x)=3,vxeR

Ma: g(x)=4f(x)+x* —4x=4f(x)+(x—2) ~4243-4=8

Diu "=" xayra < f(x)=23 @{f g :3:>f(2):3.
(x-2) =0

Chen A

Taco: f(x)<3,VxeR va g(x)<6,VxeR

=y =3f(x)+2g(x)<3.3+2.6 =21 = max(3f(x)+2g(x)) <21.
Chen C

Taco: f(x)<6,VxeR va g(x)23,vxeR

=y =2f(x)-3g(x)+2<26-33+2=5 = max(2f(x)-3g(x)+2)<5.

Chon A
Theo gia thiét ta c6: y = g(x)=2f(x)-x"+6x<8.

Do d6:g(0)=2f(0)<8< f(0)<4
1
g(3)=2f(3)+9<8 < f(S)s—E.
g(2)=2f(2)+8<8< f(2)<0
Chon C
Néu f(x)=4 la ham hing trén R thi bat phuong trinh f(x)>4 v nghiém.(D4p 4n A sai)
Néu f(x) = x* +4 lién tyc va xac dinh trén R thi bat phwong trinh f(x) >4’ >0 x20
¢6 vo s6 nghiém.(Dap 4n B, D sai)
Chon C

Tacoy=f(x)=x"-2ax+6a-32m, VxeR.
Suyra f(3)=3"-2a3+6a—-3>m <782 m.

Chon D

Taco: m<y=f(x)<M, VxeR.

~
—~

)
N—

v v

< m
Tfrgiéthiéttacé{ =18=f(a)+2f(b)2m+2m=3m=m=<6.
m

M
Tuongtutacﬁngcé{ y 18 f(a)+2f(b)<M+2M=3M=M=6.
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Céu 38:

Céu 39:

Cau 40:

Céu 41;

Cau 42:

Céau 43:

Chon B

Tacé m<y=f(x)<M, VxeR.

f(a)Zm
f(b)zm

Tuong ty, ta cling c6 dugc:

Tir gia thiét ta c6 { :>12:f(a)+2f(b)2m+2m:3m:>mS4c>(m—5)£—1.

{;EZ;iAM4:12=f(a)+2f(b)sM+2M=3M:M24:>M—222.

Suy ra (M-2)(m-5)<-2.
Chon D

Taco: m< f(x), VxeR.

Suy ra me(Z):9. Suy ra cac gia tri nguyén duong ctia mthéa 1<m<9.

C6 9 gia tri.

Chon D

Ta thay minf(x)=f(—1)=—3.

Xétham sd g(x)=f(x )+x2—2mx+m2+1:f(x)+(x—m)2+1.

Co ( ) ( ) :>g(x)=f(x)+(x—m)2+12(—3)+0+1=—2.
(x m) >0

x=-1

Déu bang xay ra khi: { < m=-1.Khido ming(x) = g(—l) =-2.

x=m
Chon A

Ta thdy min f(x)=f(-1)=-3.

Xétham s6 g(x)= f(2x+3)+(x-2m) ~12-3+0-1=4.

f(2x+3)=—3©{2x+3:—1©{x:—2

Dau bang xay ra khi: .
x—2m=0 x=2m m=-1

Chon C
+) Ta thiy maxf( ) (3) <:>f(x)£f(3):4,xe}R.
f(3x m)S f(3)

f(x —Zx)gf(g) C;)zf(xz_zx)+f(3x—m)32.4+4=12.

+) Taco {

m=3x-3
S , . |3x—m=3
Dau bang xay ra khi: < | Slx=-1 :>me{—6;6}=5.
X —=2x=3
x=3
Vay tong cac phan tir thudc tdp S bang 0.
Chon C
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Cau 44:

Céau 45:

Céau 46:

Ta thay maxf(x) = f(3) =4 nén

f(3x—m)§4

f(x+n)<4 =3f(3x—m)+ f(x+n)-x"+4x<20.

—x* +4x<4
x=2 x=2

Dé xay ra diu bang thi {3x—m=3< m=3.
x+n=3 n=1

Vay 2m-n=>5.

Chon A

Ta thay maxf(x):f(—3) nén —f(f(x))z—f(—3).
Mit khac, x* —2m’x+m* =(x—m2)2 >0.

Tir do, tacod g(x)=x"—2m’x+m’ —f(f(x)) >—f(-3)

2

, s X=m
Dé xay ra ddu bang thi = f(m*)=-3(*)
f(x)=—3
2 _
mo=a m=x+/b
. . \ . |m*=b
Dua vao d6 thi ham so y:f(x)vé(*)téntaia<0<b<c<d de s & mzi\/;.
m-=c
) m=+d
m-=d

Vay c6 6 gia tri cia m thoa man.

Chon C
~ ~ f(2x—m)2—3
Ta thay {m:dxf(x)_—f(:):SS nén f(3x+n)£5 :2f(2x—m)—f(3x+n)+x2—2x2—12
mmf(x)—f( )__ x*—2x>-1
x=1 x=1

Dé xay ra ddu bang thi < 2x-m=4 < {m=-2
3x+n=0 n=-3

Vay T=2m+3n=-13.
Chon A
Ta c6 dao ham: f’(x) =2x-2m.

Bang bién thién:
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v |(-1 m 3)

S (m)

>0<m<2,

meZ; me[-30;30 |

Yeéu ciu bai toan < m (—1;3)

Vay c6 tat ca 3 gia tri nguyén cta m thoa man.
Cau47: ChonB

Ta c6 dao ham: f'(x)=—2x+4m-2.

Bang bién thién:

x |(-3 2m-1 11] x [(-3 11] 2m-1
S') + 0 - S(x) + 0 —
S (2m-1) £ l)]
f(x) / () /’
S(53) f(1) f(=3)

meZ; me[-30;30]

Yéu cau bai todn <> -3<2m-1<-1<m >0<m<30.

Vay c6 tat ca 31 gia tri nguyén ciia m thoa man.

Cau 48: Ta co dao ham: y'=3x* —3m . Ham s6 y = x° —3mx ton tai gia tri nho nhét trén (1;3) khi c6
diém cuec tiéu trén (1;3) va gid tri cuc tiéu nho hon gia tri ciia ham s6 tai hai dau mut.
Nhan thay, khi m <0 thi hams6 f(x) dongbién trén R (cling dong bién trén (1;3)) nén khong
ton tai gid tri nho nhat nhat trén (1,3).

Khi m >0, ham s0 ¢6 diém cuc tiéu la x =v'm

v —Jm (1 m

f'(x) + 0 - 0 =

L)
o

/(3)
f(x)

o
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Jm (1;3) 1<m<9
Khi d, ta phai co: | f(Vm )< f(1) = ¢ f(Nm)< £(1).
f(Nm)<£(3) | F(Vm)<£(3)
Yéu chu bai toan tuong duong voi Vm e(1;3) & 1<m<9—"%52<m<8,
Viy c6 tht ca 7 gid tri nguyén cta m thoa man,
Cau 49: Tac6 dao ham: y' =3x” —6mx . Ham s6 y = x° —3mx” ton tai gia tri nho nhat trén (1;3) khi co

diém cyc dai trén (—2;3) va gia tri cyc dai 16n hon gi4 tri ciia ham s tai hai dau mut.
Nhén thay, khi m =0 thi ham s6 f(x) dong bién trén R (cling dong bién trén (-2;3)) nén
khong ton tai gia tri 16n nhat nhét trén (—2; 3) .

Khi m >0 thi y' =3x* —6mx =0 < x =0;x = 2m = ham s6 dat cuc dai tai x =0

m>0
06(—2}3) m>0
Khi d6 ta phai co: (0)> ( 2)<:> 0>2-8-12meom=1
f(0)=f 0>27-27m
£(0)= £(3)
Khi m <0 thi y'=3x2—6mx=0<:>x=0;x=2m:>h'21msédatcucdaitai x=2m
m<0
2me(—2,3) -1<m<0
Khi d6 ta phai co: & —4m’ > -8—12m < vo nghiem
f(2m)= f(-2) ;
—4m” 227 -27m
f(2m)= £(3)
Két hop lai ta duge: m >1—2L e 0] 1< m<30.

Vay co tit ca 30 gia tri nguyén ciia m thoa man.
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