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DANG 13 Cac bai toan lién quan dén goc

1. PHAN DE BAI

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Céau 6:

Cau7:

Trong khong gian Oxyz , cho hai mit phang (o):2x—y—2z—2021=0 va

(B) :—3X+4y+5z2+2021=0. Goc giita hai mit phang ((x) va mit phang (B) bang

A. 150°. B. 30°. C. 120°. D. 60°.

Trong khong gian Oxyz, cho hai mat phang (P):x—2y-z+2=0, (Q):2x—y+z+1=0.Goc
gitta (P) va (Q) la

A. 30°. B. 90°. C. 120°. D. 60°.

Trong khong gian vé6i hé toa do Oxyz , cho mit phang (Q):3x+4y —1=0. Biét mit phang (P)
song song voi truc Oy va tao voi truc Oz mot goc 45° | cosin goc tao boi hai mat phang (P)
va (Q) bang

: c. 32 p. 213

A . . . .
13 10 13

gl

Trong khong gian véi hé truc toa dd Oxyz , cho mit phang (P) :X—-2y+2-4=0. Goi gbc tao

boi (P) véi tryc Ox la ¢ . Gia tri cua tang bang

A B. L. c. Y% D.5.
\5 J6 6
O i A = . X _1 y Z+ 2 \ - <
Trong khong gian Oxyz , cho duong thang d S = 1 = — va mat phang

(P): x—2y+2z-1=0. Cé bao nhiéu gia tri nguyén ctia « d¢ ton tai mot mt phang (Q) chira
d tao v6i (P)mot goc a°.

A. 75. B. 76. C.77. D. 74.

Trong khong gian Oxyz , cho hai diém A(O;—l; 2), B(—lili 3). Goi mit phang (P) diqua A,
B tao v&i mit phing (Q) :2X=Y—=27-2=0 mot goc co sd do nho nhét. Khi d6 khoang cach
tr M (1;2;3) dén mit phing (P) la

A 3. B.%. c. 243, D. 43,

Trong khong gian Oxyz , cho mit cau (S):X*+y*+2x+4y+1=0 va cic diém
A(-2:0,-2v2),B(-4;-4,0) . Biét ring tip hop cic diém M thugc (S) va thoa man
MA? —OA” + MOMB =4 1a duong tron (C). Chu vi ciia (C) bing

B. %ﬂ'.

C. 3r.

A. 5r. D. %7[.
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Hinh hoc toa d6 Oxyz

1. PHAN HUONG DAN GIAI CHI TIET

Céu 1:

Cau 2:

Cau 3;

Trong khong gian Oxyz , cho hai mit phing (a):2x-y—-z-2021=0 va
(B) :—3X+4y+5z2+2021=0. Goc giita hai mit phang ((x) va mit phang (B) bang

A. 150°, B. 30°. C. 120°. D. 60°.
Loi gidi
Chon B
Ta co: n()=(2 -1 1) Ny (345)
2.(-3)+ 5
nen cos((o) () -[LELA DS 15 V8 () 5)) a0

J4+1+1J9+16+25 B J3oo

Trong khong gian Oxyz, cho hai mit phang (P):x—2y—-z+2=0, (Q):2x—y+2z+1=0.Goc
gitta (P) va (Q) la

A. 30°. B. 90°. C. 120°. D. 60°.
Loi gidi
Chon D
(P) co vecto phap tuyén A, = (L, -2;-1) va (Q) c6 vecto phap tuyén fi, = (2,-11).
7.1, [1.2+(-2).(-1)+(-1).1] 1

racd cos((F).(Q)= IR (o) + (- 2 e (1 e 2

vay ((P),(Q))=60°.

Trong khong gian vi hé toa dd Oxyz , cho mit phang (Q) :3x+ 4y —1=0. Biét mit phang (P)
song song voi truc Oy va tao voi truc Oz mot goc 45° | cosin goc tao boi hai mat phang (P)
va (Q) bang

1 c W2 2413

13 © 10 S 13
Loi giai

A.

(S RN
w
|
w)

Chon C
Goi vecto phap tuyén caa mat phang (P)1a n=(a;b;c).
Do (P) song song véi truc Oy nén n=(a;b;c) vudng géc voi j =(0;1,0), din dén b=0(1).
Mat khac, (P) tao véi Oz mot géc 45° nén ¢:£ (2)
Jva?+b®+c? 2
Két hop (1),(2) thu duoc 2|c|= 2(a2 + cz) o2a°=2c" a=+¢C
Vay vecto phap tuyén ciaa mat phing (P)l1a n(L0;1) hoac n(10;~1).
Khi d6 cosin géc tao boi hai mat phang (P) va (Q) bang :
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31+40+0.(+1) 3 32

VP +42J1+1 T52 10

Cau4: Trong khong gian véi hé truc toa do Oxyz , cho mit phing (P):x—2y+z-4=0. Goi goc tao

COSa =

boi (P) véi truc Ox 1a ¢ . Gid tri clia tan g béng

A.i. B.i. C.@. D.5.
V5 V6 6
Loi giai
Chon A

Mat phing (P) c6 véc to phap tuyén 1a n=(1-2;1).

Truc OX ¢6 véc to don vi i=(1;0;0).

] , J5
Khi do: singp=—%=—F 0<9p<90° nén cosep =—.
ol & Ve
Vay tang = 1
A R . x-1 vy z+2 . B
Cau’s5: Trong khong gian Oxyz , cho duong thang d: Ty va mat phang

(P): x—2y+2z-1=0. C6 bao nhiéu gia tri nguyén cia o dé ton tai mot mat phang (Q) chira

d tao voi (P)mét goc a°.
A. 75. B. 76. C.77. D. 74.
Loi giai

Chon A

Goi A=dn(P),K la mot diém tuy ¥ trén d, K #A. A Ia giao tuyén cia (P)va (Q). Goi
Hva | lan luot 1a hinh chiéu cua K trén (P) va A.

Goi ¢=(d;(P))=KAH;va a=((P);(Q))=KIH.

Tacd KH <KI <KA, lai ¢co sina:ﬁnén ﬁssinoc:ﬁ<ﬁ S sing <sina <1.
Kl KA KI  KH
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Céau 6:

Cau7;

u,.n, . q .

Mait khac sing = ‘ld‘ ‘i“ zgvéi Uy (2;1;,—2)1a VTCP cua duong thang d va n, (1,-2;1) la
Ug|.|n,

VTPT ciia mit phing (P).

ael

Do do @ <sing <1158 <a <90° = a € {16;17;..90} . Viy c6 75 s6 « thoa man.

Trong khong gian Oxyz , cho hai diém A(0;-1;2), B(-1;1;3). Goi mit phing (P) di qua A,
B tao v6i mit phing (Q) 1 2X—=Y—=27-2=0 mot goc co sé do nhé nhat. Khi d6 khoang cach
tir M (1;2;3) dén mit phing (P) la

A3 5 23 ¢ 23 —

3
Loi giai
Chon A
Goi (P): ax+by+cz+d =0 véi a®+b>+c>0.
-a+b+3c+d=0

(*) —a-2b-c=0=c=a-2b.
—b+2c+d =0

A, BE(P),taduqc {

Goi @ 1a goc hop boi (P) va (Q):2x-y-22-2=0.Taco
|2a—b—2c| |2a—b—2(a—2b)| |2a—b—2a+ 4b| Ib| 1
= = = S_
3Ja? +b® +c? 3\/a2 +b?+(a—2b)* 3v2a’—4ab+5b? \/Z(a—b)z +30? V3

COSox =

1
Suy ra maX(COSa):ﬁ khi va chi khi a=b#0=c=-a . Thay vao (*) ta c6

:|a+2b+3c+d|: |d| _ 3al _J3
Ja?+b?+c2  J3a?  +3a?

Trong khong gian Oxyz , cho mit ciu (S):X*+y*+2x+4y+1=0 va cic diém

-3a+d=0<d=23a nén d(M’(P))

A(-2:0,-212),B(-4;-4;,0) . Biét ring tip hop cic diém M thuge (S) va thoa man

MA? —OA? + MOMB =4 1a duong tron (C). Chu vi ciia (C) bing
32

B. ﬂﬂ'. C. 3r. D.—nrn
2 2

Loi giai

A. br.

Chon B
Mit cau (S):x* +y? +2x+4y+1=0 c6 tam | (-1-2;0), ban kinh R=2.

Goi M (X;y;z) ta duoc MA2=(x+2)2+y2+<z+2\/§)2 =X+ Yy + 22 +dx+ 422412,

MO =(-x;—y; -2 I
va<__ ( vi=2) = MO.MB = X* + y* + 2° + 4x +4y.

MB =(-4-x;—4-y;-7)
Taco MA> —OA? + MOMB =4 < 2x% + 2y + 222 +8x+ 4y + 4422 -4 =0,
S X4y + 2 +4x+2y+2422-2=0.
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Suyra M thude mit cdu (S') tam 1'(—2;-L,—/2), bén kinh R’ =3.
Nén M €(S)n(S') 1a dudng tron (C) c6 tam H 1a hinh chiéu caa M 1én 11",
Vi ll'=2nén I'e(S).

e \%_, ,/
2
i . 7
Goi K 1a trung diém cua I'M tacd IK = 22—[3 =g.
IM.IK  3V7
Ma sinmit = MH _ 1K suy ra MH = =i
I'M I’ 4
7
Vay ban kinh cua duong tron (C) la r=MH :¥.

37

Suy ra chu vi cua (C) la: -7
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