PHAN C. BAI TAP TRAC NGHIEM (PHAN MUC Q)

Cau 1.

1. Céu héi danh cho déi twong hoc sinh trung binh — kha

Trong khong gian, cho duong thang ¢ va diém O. Qua O c6 bao nhiéu dudng thing vudng goc

v6i dudng thang 4 ?

Cau 2.

A.3. B. v6 sb. C. 1. D.2.
Loi gidi
Chon B
Trong khong gian, c6 v6 s6 duong thing qua mot diém cho trude va vudng goc véi mot dudng
thang cho trude. Vi vy chon dap an B

Trong khong gian cho trudc diém M va dudng thang A. Cac duong thang di qua M va vudng

goc voi A thi:

Cau 3.

Cau 4.
dtng?

A. vudng gbéc v6i nhau. B. song song v6i nhau.

C. ciing vudng goc voi mot mit phang. D. cung thudc mot mit phang.
Loi giai

Chon D

Suy ra tir tinh chét ! theo SGK hinh hoc 11 trang 100

Trong khong gian, cho cac m¢nh dé sau, ménh dé nao 1a ménh dé dang?
A. Mot duong thang vudéng goc véi mot trong hai dudng thing vudng goc thi vudng goc voi
dudng thang con lai.
B. Hai duong thang cung song song v6i dudng thang thi ba thi song song voi nhau
C. Mot duong thing vudng goc véi mot trong hai dudng thang song song thi vudéng goc voi
duong thang con lai.
D. Hai dudng thiang cing vudng goc v6i duong thang thir ba thi vuéng goc voi nhau,
Loi giai

Sir dung dinh 1 |27
b

Trong khong gian, cho 3 duodng thang %”>¢ phan biét va mit phiang (P) Ménh d& nao sau day

(P)Lc
a t

i @/ (P)

A.Néyalcy

B.NéuaLlcvablemalb,
C.NéuaLlbyyblepialc

D. Néu @ L b thi @ va b cét nhau hodc chéo nhau.

Loi giai
Chon D
Theo kién thitc SGK ¢6 bon vi tri twong di cta hai dudong thing ma néu hai duong thing tring
nhau hoic song song thi chung khong vudéng goc voi nhau do dd néu @ L5 thi @ va b cit nhau
hoac chéo nhau.



Cau 5.

Cau 6.

Cau7.

Cau 8.

Chi ra ménh dé sai trong cac ménh dé sau:
A. Qua mét diém O cho trudc c6 mot va chi mot duong thang vudng goc véi mot mit phiang cho
trude.
B. Qua mot diém O cho trude c6 mot mit phang duy nhat vudng goc véi mot dudng thang A cho
trudc.
C. Hai duong thang chéo nhau va vudéng goc v6i nhau. Khi d6 c6 mot va chi mot mit phang chira
duong thang nay va vudng goc voi dudng thang kia.
D. Qua mot diém O cho trude c6 mot va chi mot duong thang vudng goc véi mot duong thang
cho trudec.

Loi giai
Chon D
Qua mot diém O cho trude c6 vo sd dudng thiang vudng goc véi mot duong thang cho trude. Céac
duong thang ndy cung nam trén mit phang qua O va vudng goc véi duong thang Ay.
Vay D sai.

Trong cac ménh dé sau, ménh dé nao sai
A. Hai duong thing cung vudng goc voi mot mit phang thi song song.
B. Hai mit phang phan biét ciing vudng goc véi mot duong thang thi song song.
C. Hai dudng thang phan biét cung vudng goc véi mot dudng thing thi song song.
D. Hai mit phing phan biét cing vudng goc v6i mot mit phang thi song song.
Huéng din giai
Chgn C
Trong khong gian, hai dudng thang phan biét ciing vudng goc véi mot dudng thang thi co thé
song song hodc chéo nhau.
Dap an C chi diing trong mit phang.

Chon khang dinh diing trong cac khang dinh sau:
A. Trong khong gian hai dudng thang phan biét cing vudéng goc véi mot duong thang thi song
song voi nhau.
B. Trong khong gian hai dudng thiang vudng goc véi nhau cé thé cit nhau hodc chéo nhau.
C. Trong khong gian hai mat phang cing vudng goc véi mot duong thang thi song song voi nhau.
D. Trong khong gian hai duong thang khong c6 diém chung thi song song voi nhau.

Loi giai
Chon B
Dép an A sai do hai dudng thang phan biét ciing vudng goc vi mot duong thang co thé cit nhau
hoac chéo nhau.

(441 4B

Vi du: Cho lap phuong ABCD.ABCD" g ¢ (AD LAB g thdy 44" va AD cjt nhau.

Pép an C sai do hai mit phing cing vudng goc véi mot duong thang c6 thé trung nhau.
Pép an D sai do trong khong gian hai duong thang khong c6 diém chung thi c6 thé chéo nhau.
ABCD.ABCD’

Trong hinh hop cO tat ca cac canh déu bang nhau. Trong cac m¢nh dé sau, ménh

dé nao sai?

A. BB'LBD. B, 4C LBD Cc. ABLDC, p. 5C°LAD,
Loi giai



Cau 9.

B
Vi hinh hop ABCD.ABCD" 4 (41 ¢4 cac canh déu bang nhau nén céc tir giac 4BCD, 4 BBA ,
BCCB déu 13 hinh thoi nén ta c6
ACLBD AC//AC = AC LBD (B ding).
ABLAB ma ABV/DC = 4B 1L DC’ (C ding).
BC'LB'C y BC/AD= BC LAD p qyn0).

Cho hinh lap phuong ABCD.AB'CD" pyuong thing ndo sau diy vudng goc véi dudng thang BC 2

A. AD, B. AC, C. BB, D. 4D".
Loi gidi
Chgn A
B' e &
I
A ! D
1
1
1
1
i
=) C
A a D
, AD//B'C BCL1LBC = AD1BC
Ta co: R

Cau 10. Cho hinh chép S-ABCD ¢4 day 14 hinh thoi tim O va S4 =SC SB =SD Trong cdc ménh dé
sau ménh dé nao sai?

A, AC LSD B. BD L AC C.BD 1S4 p. AC LS4
Loi giai

Chon D



Cau 11.

Cau 12.

Ta c6 tam gidc SAC cantai S va SO 1a duong trung tuyén ciing dong thoi 1a dudng cao.
Do d SO L AC
Trong tam giac vuéng SO4 thi 4C va S4 khong thé vuong tai 4.
Cho hinh 1ap phuong ABCD-A4 'B'C'D". Tinh goc giira hai duong thang AC vy A'B.
A. 60° B. 45 c.75 D. 90°

Loi gidi
Chgn A

D’ Cc’

A’ ,': —( R’

A .'_...v"' B
Do ABCD’ |3 hinh binh hanh nén 4 B//D'C. Suy ra goc giita hai dudng thang AC vy AB
bang goc gitra hai dudng thing AC v3 D'C v3 46 chinh la gbc HcD =600 (doA ACD' déu).
Cho hinh lap phuong ABCD.ABCD’ Goc giira hai dudng thing BA" va CD bang:

A 45 B. 60" C. 30°, D. 90,

Loi giai

B C

! = ! = =45 .o
oo CDIIAB = (B4',cD) =(84', B4) =HBA =45 (o ABBA’ 13 hinh vuong),



Cau 13. Cho hinh chop S.ABCD ¢4 day ABCD 13 hinh chit nhat véi 4B =2a , BC =a C4c canh bén

ctia hinh chép cung bang a\/f_ Tinh goc gitta hai dudng thang 4B va SC .
A, 45°. B. 307 C. 60° D. arctan2

Loi giai

Chgn A

(Ys: sc) =(Eb:sc) :ECD.

Ta c6 AB//CD ngn
Goi M 14 trung diém cia CD . Tam giac SCM vuéng tai M va co SC :“\E, CM =a nen 1a

. s s )=45°
tam giac vuong can tai M nén Scp =45 . Vay (fs: 5¢) .

Cau 14. Cho hinh 1ap phuong ABCD.A'BCD’ Goc giita hai duong thing 4 C” va BD bing.

A. 60° . B. 30° . C. 45° . D. 90° }
Loi gidi
A D'
B’ ¢
i
,,*';1::\ ------- 127D
B C
 (%c:8p) =(%t:8D) =90°
Ta co:

Cau 15. Cho hinh 13p phuong ABCD.ABCD , g6c gitra hai duong thfmg AB vy BC 13
A. 907 B. 60" C. 30", D. 45
Loi gidi
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_ C
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Toos BCl AD= B )=tsaD) g p
Xét ADA'B ¢y A'D=A'B =BD nén ADA'B 13 tam giac déu.
Vay Ba'B =60°
Ciau 16. Cho hinh lang tru déu ABCABC ¢4 canh day bang 1, canh bén bang 2 . Goi G 1a trung diém

cua CC”. Tinh cdsin cta gbe gifra hai dudng thing BCi 3 4B

V2 V2 V2 V2
A. 0 B. 4 . c. 3. D. 8 .
Loi giai
A c
B

A

b
n ap = (BE.AB ) =Bt 4B)=HBC
Ta c(') ‘4 B “‘iB ( 1 ) ( 11 ) 1 .
oS B _AB +BC; - AC’ 7
- = 08 =
Tam giac 4BC, co AB :1; AC, =BC, :'JE va EAB.BC'I )

Cau 17. Cho hinh chép S-ABCD ¢4 tat ca cac canh déu bang @. Goi / va / lan luot 1a trung diém cua

(17, cD)

SC va BC 86 do cua goc béng



A. 307 B. 60 C. 45"
Loi giai
S
I
A D
B S c
11// SB
Tacs CD/ AB| = &Y. cp) =lsk, 48) =884 =60°
(vi tam giac S4B 1a tam giac déu canh @).
Cau 18. Cho hinh lap phuong ABCD.A'B'CD’ (hinh v& bén dudi). Goc giita hai duong thing 4C va
AD bang
A B
D C
: A‘i —————————————————————— » B
D - C
A. 457, B. 30" C. 60° p. 90",
Loi giai
A’ B’
D ,'j i )
,/ A':Q ————————————————————— » B
- C

D
. Ee ap) =t 4 p)=Bac =0
a Co: .
D. 90°

T
Vi AD =4C'=CD
Chu 19. Cho hinh lap phuong ABCD.ABCD" canh @ Goi M 1a trung diém cua €D va N 1a trung
diém cua A D", Goc giira hai duong thang B M vy CN bang
B. 45", C. 60° . .

A. 30°,



Loi gidi
Chon D

D! I c

Goi ! 1a trung diém cua CD’ khi d6 B’ 1a hinh chiéu vuong goc cia B M trén (43°CD ). Mait khéc ta
o BT +NeB =NcD + NcB =H'c'D'=90" = CN LB poag CN LBM vy goc gitta
BM vy CN bang 90"
Cau20. Cho tir dign OABC o 04 =0B=0C=a: O4,08.0C | 50 46c véi nhau timg doi mot. Goi
I 1a trung diém BC  Tinh goc giira hai duong thang 48 va or.
A, 45°, B. 30°, C. 90°, D. 60°,
Loi giai
Chon D

Vi tir dién O4BC ¢4 0A=0B=0C=a; 04,08.0C vuong goc voi nhau tirng d61 mot nén ta

c6 thé dung hinh lap phwong AMNF.OBDC phy hinh v& voi {13 trung diém B C nén
{r}=0obpCBC

Canh cua hinh 14p phuong trén bing @ nén A8 = AN = NB =a2 vay tam giac ABN gy,
D& thay O /1AN nén goc giira hai duong thang 4B va o1 bang goc gitra 4B va AN béng 60°

Cu21. Cho hinh hinh lang try ABCD.ABET D ¢4 day 1a hinh chit nhat va €40 =40" 8§ do géc gitra
hai duong thing 4C va BDO41a
A. 40", B. 20 c. 50", D. 80"
Loi giai
Chon D



.
D* ~C
sp/ /80 (% 50 =(4t:5p)
Ta co .
Goi O =ACCBD Bap=40"b Bap=6B4=50" b Uop =380
(% 504 =50’
Viay .

Céu 22. Cho hinh lap phuong ABCD.A'B'C'D" ¢4 L7 jan luot 13 trung diém cia BC va BB' Goc
giita hai duong thang AC vy I bang

A. 45", B. 60 c. 30", p. 120°,
Loi giai
Chon B
B 1 C
/' pd 7
A N L7 p 7
\ ¥ //
\ | e
\\ -
arl~ L

Vil //B'C pay W-AC)=(B'C,AC)

Ma AC, 4B'.CB' la duong chéo cua cac hinh vuong béng nhau nén AC =4B'=CB"

= AMCB' géu. Vay (w, 40) =(8'C, 4c) =Hcp' =60"
Cau 23. Cho hinh 13p phuong ABCD.4'B'C'D' Ggc giita hai duong thing 4C va DA bang
A. 607 B. 45" C. 90", D. 120",
Loi gidi
Chon A



Cau 24.

Cau 25.

N
AN
I ~
. N
B 1 N - C
| N
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~
1 N
~
I A S\ p
rcI T -~
/ i
/ ~ -
/ ~ e
B - 'e)
, ACHA'C' A o s - sy o AC oa DA' 1 f e -2y 2
Ta co nén goc gitta hai duong thang va bang goc gitra hai duong thang
A'C'yy DA,

Ma A'C'=DA"=DC’ (cac duong chéo cua hinh vuong).
Suy ra A'C'D 13 tam giac déu = c'p =60"

Vay géc giita hai duong thing 4C va DA' bing 60°.
Cho hinh 13p phuong ABCD.AB'CD’ Tinh goc giita hai duong thing 4B va AC
A. 607 B. 45", C. 30°, p. 90"
Loi gidi
Chgn A

Dl

Gia st hinh 1ap phuong ABCDABCD 4 canhla .

Acllac . (4B 4 C)=(4B", AC)
(0] nen .

D

Taco: A8 =AC =CEB =a2 = Tam giac AB C 43y nén €48’ =60 )

_, (4B, 4°C)=(4B", 4c) =B4B =0o0°

Cho hinh 1ap phuong ABCD.ABCD  Ggc giita hai duong thang 4B "va CD’ béng
A. 60" B. 457, C. 30", D. 90",

Loi giai
Chgon D



Ta c6- CD/IAB ‘

= (%% . cp’) =(E¥p, cp’) =90°

(vi CDD C 13 hinh vuong nén hai duong chéo vuong goc).

Cau 26. Cho hinh chép S-ABCD ¢4 d4y 1a hinh thoi canh ¢, 54 =a\3 va SA L BC  Goc giira hai duong
thang SD vy BC bang
A. 90" B. 60" C. 45, D. 30"
Loi giai

Chon B

D C
AD//BC,SALBC= SALAD y\0 ASAD \yong tai A.
AD//BC.SD n AD =D = &b sc) =€sh . 4p) =5p4

tan 8p4 =22 =3 = 8p4 =60°
ASAD yyong tai 4 = AD .
Cau 27. Cho hinh 1ap phuong ABCD.ABCD" (hinh v& bén dudi). Géc giita hai duong thing 4C va
A'D bang

A. 307 B. 60" c. 90° D. 45"



Chgn A

Goi canh hinh 1ap phuong l1a 4.

Ta

(A, AD)=(4'C A D)=E4"D
CcO .

Vi AC'=4'D=DC"=a\2 n¢n tam gisc 4°CD 13 tam giac déu.

Suy ra €4D=60"

Ciu 28. Cho hinh ling try ¢éu ABCD.A'E'C
BC' ya B'D' bing
A. 30, B. 45"

Chon C

Ta

cia hinh vudong canh bang

% (sc'.8'D") =(BC',BD) =BBC'

'D" ¢4 tht ca cac canh bang @ . Goc giita hai duong thang

c. 60°.
Loi gidi

p. 90°.

| )
. L

a ABDC'

nén la tam giac déu. Do

(8c',8'D") =(BC",BD)=BBC' =600"

Ciau 29. Cho lang tru déu ABCABC ¢ AB
A. 30, B. 45",

=1 A4 :"E. Tinh goc gitra AB’ vy BC
c. 120°, D. 60°,
Loi giai

M a4

, xét ABDC' ¢¢ BD.BC".DC' déu 1a cac dudng chéo

do



Goi / 1a tam cta hinh chit nhat ABB A va M 13 trung diém ctia 4C",

NE

IM =IB =BM =

(4B, BC) =(4B', 1M ) =8B =60
Co ra }

suy
2. Ciu héi danh cho déi twong hoc sinh kha-giéi
Cau 30. Cho tir dién 4BCD ¢y AB=CD=2a Goi M-N [3n luot 1 trung diém cua 4D va BC  Biét

MN =+3a , gbc gitta hai duong thang 48 va CD bang

A. 45°, B. 90°. C. 60°, D. 30°,
Loi giai
Chgn C

Goi PO 1an lugt 1a trung diém cua 4C va BD  Khi d6 ta co
fPM/INO/ICD

ch P PMQON
PM=NQO=—
2 13 hinh binh hanh.
e i AB
MQ/INP/IAB,.MQ= NP =">

Ta cting co <.
Do AB=CD=2ab PM=MQ=0QN =NP=a

‘ (48.cD)=ab cosa= |cus[ﬂf?.-*v‘)‘

Goi . Ap dung dinh li Césin ta c6

MN® =PM* +PN"- 2PM.PN.cos (.QfP.-x-')

U 3a°=da +a - E.Gﬂ.EDS(.E!fP.-"F-)

U cns(n[z!fP.-"v') =% = %

cosar = ‘cns{ﬂ!ﬂ-"v‘)‘ =_b [z, cp)=00°

I
nén 2
Céu 31. Cho hinh ling try tam giac déu ABCABC ¢4 AB =a vy A4’ :“V{E. Goc giita hai duong thing
AB’ vi BC' bing
A. 90" B. 30" C. 60" D. 45"
Loi giai



Chgn C

oi M,N,P.E AB,BB'.B'C'\BC

G lan luot 1a trung diém cac doan thang
Suy ra MN //AB" 3 NPITBC" whi do gbc giita duong thing 48" va BC' 14 goc gitra hai
duong thang MN 5 NP
MN =NP =23 ’
Ta co: =
s . s . a’ 9a’
MP® =PE* + ME® =2a° +— =""_
Xét tam giac PEM vuong tai E 44
Ap dung dinh 1i cosin trong tam giac MNP ,taco
3a’ N 3a© 9a’
MN?* + NP* = MP® 4 1
cos MNP = -4 4 4 _ _
2.MN NP - da- 2
2
\ 0 U ' ' N 0
Do do goc MNP bang 120 nén goc gitra duong thang AB' i3 BC bang 60 .

Cau32. Cho tir dign 94BC ¢ O4. OB. OC 451 mot vuong goc véi nhau va O4 =0B =0C Goi M 1a
trung diém ciia BC ( tham khao hinh vé& bén dudi). Goc giita hai duong thang OM va AB bang

A

(o)

90°, B. 30, D. 45

Loi giai

Chon C



C

bat 04 =a suy ra OB =0C =a vy AB =BC =AC :aﬁ
7 . MN =2
Goi N 1a trung diém AC taco MN //AB 3

tdr, ap)=loh, mn) o B
a2

2

2
.

Suy ra goc

ON =0OM =MN =
Trong tam giac OMN ¢6

Suy ra 5.1’.{_\7 :6DU . Vé.y E."‘r’f._ .43) :dg‘kf_ MN ) =60 .

Cau 33. Cho hinh lap phuong ABCD.A'B fCDf; goi M 1a trung diém cua B'C" Goc gitra hai duong

thing AM va BC béng

A. 457 B. 90" c. 30°,
Loi giai
Chon A
B__ c
AN
| N
| N
| \\
N
BIN N
-~ |\ N
4 = I \\ D\
~ < N
~ AN
Bl\\ N hN
e e TN d ,
/ M ¢
/ -
/ 7
/ ///
L
A, DV

Gia sir canh cua hinh lap phuong 1a @ >0

Goi N 1a trung diém doan thing BB . Khi do, MN//BC" ng
Xét tam giagc A B'M vuéng tai B taco: AM =N B~ +BM-

Xét tam gisc A4M vuéng tai A" ta co: AM =vAA T+ AMS

nén OMN 13 tam giac déu

p. 60°

.|

. (AM .BC') =AM . MN)

a3+£:a S
2

.. 5a° 3a
4 2



a\-"ﬁ_ BC H-JE

AN =AM = MN =
Co 2.

txJ
)

Trong tam gidc AMN 4 ¢6:

 MAT+MN? - AN 3g a2 6a
cosHMN = 2MAMN 272 4 6a’d2 2

Suy ra Q:M;H\'r :450 .

vay WAM.BC) =(AM. MN) lpN =45°

Cau 34. Cho hinh 1ap phuong ABCD.ABCD" Goi M 1a trung diém ciia DD’ (Tham khao hinh v&).
Tinh c6-sin ciia goc giita hai duong thang B CvaCM

A‘I Bi
D/ C’
M ; i
/oi{i ———————— ---» B
D C
! ! hy 22
A. V10 B. 3 c. V3 D. 9
Loi giai

Chon A

Goi N 1a trung diém cita 44" = BN/ CM = (le,cm) =tshe s v)

2 ] 3ﬂ
, BN _,(a +—_”‘"— . B'C =a2; NC —,’"fa + ==
Xét tam giac BNC ¢6 4 4 2




_|B,N: + B.C,: _ .-"'.-"C':| ~ a: I

- .-I R A z =
2B'N.BC E-Gfﬂ‘ﬁ N

cost8lc. cm) :‘cus E}B'C‘
Vay

Céu 35. Cho tir dién 4BCD _Goi P, € 1an luot 12 trung diém cta cac canh BC | 4D Gia st

a3

AB =CD =a vy o= . S6 do goc gifra hai duong thing 4B va CD 13
A, 90", B. 45°. C. 30. p. 60°.
Loi giai
Chon D

{IP //AB
Goi 13 trung diém cua 4C , khi do lo7/¢cb do P19 1an luot 13 cac dudng trung binh cta tam giac
CAB v ACD.
Suy ra goc giita hai duong thang AB 3 €D 1y goc giita hai duong thang 1P 3 [Q.
Xét tam gidc ]PQ, ta co
‘.ﬂ.:+‘_ﬂ. aﬁ‘

EDEEIQZIPEMFQE— po* _12] 12 ﬁ 2 ) _1

2IP.I0 2_" al’ 2

2 uy 12 Pro =120"

Vay goc gitta hai dudng thang AB 3 CD 456 do1a 1807 - 1200 =00".

Céu 36. Cho hinh chép S-ABC ¢y 54 =5B =5C =AB =AC =a BC =av2 _Tinh s do cia goc gitta hai
duong thang 4B va SC ta duoc két qua:
A. 90", B. 30" C. 60" D. 457
Loi giai
(ABC) oo dhu bai 54 =SB =5C va
tam gidc A4BC vuong can tai 4 ta cd H 1a trung diém cia BC . Goi M, N 1an luot 14 trung
MN /I AB

* Goi H 1a hinh chiéu vudng goc ciia S 1én mit phang

diém cta S4, SB ta co: IV SC = Goe gitta 4B va SC 1a goc gitta MN va HN



AB _a _ ~_SC _a _S4 _a

Xét tam giac AMNH 3 ¢6: 2 2 2 2 2 1 (Do ASHA yypng tai
i)

= tam giac AMNH [3 tam giac déu = MNH =60 Vay gbc can tim 1a 60” .

S

B

Cau 37. Cho tir dién ABCD ¢y AB =CD =2a Goi M | N lan luot 1a trung diém cta BC va 4D . Biét
MN :‘7""’5. Tinh goc gitra 4B va CD.

A. 45 B. 30", C. 90" D. 60°
Loi giai
A
N
B D
C

Ke MP//AB NP /I CD ngn goc gitta 4B va CD 1a goc gitta MP va NP
MP* +NP* - MN® _a’ +a - 3a’ 1

cos MPN =

2.MP.NP 2d° T2 e Mev =120
Vay goc giita 4B va CD bang 60° .

Cau 38. Cho hinh lap phuong ABCD.ABCD  Goi M trung diém cac canh CD . cosin cua goc giira
AC 3 C'M 13

5 i 4o
A. 0. B. 2 . C.2. p. 10 |

Loi giai



Taco AC/AC pen goc gitta 4C va CM cling bang goc giita AC vy CM 13 YoM .

a5
Py C.‘r’! —
Goi canh cua hinh 1ap phuong c6 do dai la ¢. Khi d6 AC :‘NE , 2 ( trong tam gics
. 3
oM =2 am =2 , =4
vuong CCM ¢o 2), 2 (trong tam gidc vuong A MD | 2 AD =a\2 ).
Ay v -AM

S cos om = - - =—

Xét tam giac 4 MC ta co 2AMCM 2

Céu 39. Cho hinh chop S-4BC ¢4 day 1a tam giac déu canh @ =4+/2cm , canh bén SC vudng goc voi day
va SC =2cm Goi M | N 1a trung diém cua 4B va BC | Goc giira hai duong thang SN va CM 3
A. 307 B. 60" C. 45, D. 90",
Loi gidi

Goi ! 1a trung diém ctia BM | ta c6 NI//CM ngn goc gitta SN va CM 13 goc gitra SN va N |
| 1, =3
— NI =—CM =—42.2° =6
Xét tam giac SN/ ¢o SN =VSC™+CNT =V4+8 :E‘E’; 2 2 2 ;
Cr=NCM* +MI* =\[2442 =26 = s1=sc*+cr =J4+20 =30

Gy LSV AN S 12460230 12 2
cos SNT = = = =
Vay 2SN.NT 224346 324 2 = Bwr =135

Vay goc giita SN va CM bang 45"



Cau 40. Cho lang try tam gidc déu ABC.MNP ¢4 tit ca cac canh béng nhau. Goi / 1a trung diém canh
AC  Cosin cua goc giita hai duong thang NC va IB bang
J6 J10

A 2 B. 4 .

Goi / 1a trung diém cua MP . Goc giita hai duong thang NC va IB bang goc gitra hai dudng
thang NC va NJ

JN _ﬂ\/g _5a2
Tacs 2 | NC'=NP+PC* =2a* JC'=JP*+PC' 4 |

B (o3 -

[ .GJE-!

-

JN? + NC? - JC* a3 o5 «.f

cos AVC = —— 2
Xét tam giagc MC ¢o: INJ.NC 2 =

Ciu 41. Cho tir dién ABCD ¢4 AB =CD =a _Goi M va N 1an luot 1a trung diém cua 4D va BC . Xac
dinh do dai doan thing MN dé goc giita hai dudng thing 4B va MN bing 30° .

A
M
B D]
M
C
MN =2 y =23 v =23 MmN =2
A 2 B 2 C. 3 D 4

Loi giai



C

| 1
i PM =—CD =—A4B =PN
Goi P 14 trung diém caa 4C . Suy ra 2 2 . Do d6 tam giac PMN can tai
P . Lai c6 goc giita 4B va MN bang 30" nén goc gitta MN va PN bing 30° . Vay tam giac
PMN 13 tam giac can c6 goc ¢ dinh bang 1207
a

MN = 3
nén 2,

Ta e PNAB =MN

Céu 42. Cho hinh lap phuong trinh ABCD.ABL O Goi M 1 trung diém caa DD’ (tham khio hinh
v& dudi day). Tinh cosin cua goc giita hai duong thing BC vaCM

i D
-’__.-j{ _z-'-”-'
.-'r(fl- .r'-";f
: R L~
| : , M
- &
i/ s
Vi o
F JF TP S— J——— l;j‘
S R "
b F i




(BC:cM)=(B'C;B'N) _Rp'c

, — - BN =\JAB? + AN* :ﬂ CN = AN* + AC? :ia
B'C =+/BB* + BC* :nJE, 2 2

Ke B N song song voi M . Ta duogc

b

Ta co
) ';al'_r] i ar o fn..’ 2
) L‘GS.QBC:B :?F, ¢ = 1
Ap dung dinh 1y ham s6 cosin trong ABNC , ta dugc 2BN.BC \"ﬁ .

Cau 43. Cho tir dign ABCD ¢o AC =3a.BD =4a Goi M.N 13, 1ygt 1a trung didm 4D va BC . Biét
AC yyong goc BD . Tinh MN |

MN ==~ MN =— MN = MN ="
A. 2. B. 2. C. 2. D. 2

Sa Ta a7 a5

Loi giai

Chon A

Goi P 1a trung diém 4B
(AC /I PN
— P."'r _P.‘r’f N = AC 3(? i BD

, | BD// PM \
Taco ! va

MN =PM* +PN* =

4
w|5‘"‘

Cau 44. Cho hinh lang tru ABCD.ABCD 4 day 1a hinh chir nhat va EAD =40° . S6 do goc giira hai

duong thing 48D 13
A. 40° B. 20°. C. 50", D. 80"
Loi giai
Chon D
A D
40°
50°
o




vi BDIBD o e BD)=C8D) 0B =80 0 ik i bt 4BCD.

Cau 45. Cho hinh lap phuong ABCD.A"B'C'D" ¢4 canh bang @ Goc giita hai duong thang €D va

A'C" bang.
A, 30" B. 90°. c. 60", p. 45°.
Loi gidi
Chon C
A’ D'
Br i s ,
i //a/ﬁ C
3 a2
= S O SR D
a a\\/\j\\
B e
Tathly 4'CY/4C= fcb. ac)=tép', uc) =¢

Do c4c mit cta hinh l4p phwong bang nhau nén cac dudéng chéo 4AC =CD' =AD" =a\2
AMCD" gy nay (EP5A'C) bbb 4C) =g =060"

Suy ra
Cau 46. Cho tir dién ABCD ¢4 AB =AC =AD =1 Bac =60° : B4D =90° : Pac =120° Tinh c6sin
ctia gbc tao boi hai dudng thing 4G va CD trong d6 O 1a trong tAm tam giac BCD .

1 ! ! 1
A6 B. 3. C. 6. D. V3.
Loi giai

A

* AABC g3y = BC =1

£ AACD cantaj A b CD =N AC* + AD* - 2AC.AD.cos120° =+f3
*AABD vuong can tai 4 co BD =\E.

*ABCD ¢4 CD” =BC” +BD" = ABCD vypng tai B .

Dung duong thang ¢ qua G va song song €D, cit BC taj M .



Taco MG/ CD= (4G.cD) :(AG._.-WG)_

Goi ! 14 trung didm caa BC , xét ABDI vuéng tai B co DI =NBD* +BI°
IM MG _IG

1
Tace IC €D ID 3

Xét AAIM yuong tai I co AM =NAI” +IM°

‘ 3
_ 2] 43
I:DSQID :AI'+ID'— AD” E.J_. ?
2ALID 22
J£ NV R
AG =N A +1G7 - 2411G.cosAp | 2 ' 2) 2209
Xét AAMG g
121
1
_|46% + Gar? - amr?| 3_‘5_'"5 0
EDS(AG,.-WG)Z‘CDSQGM‘_| 2 AG.GM | 3 3

Cau 47. Cho hinh vudng ABCD caph 4a léy H, K 14n luot trén cac canh 4B, 4D sao cho

BH =3HA, AK =3KD . . . (4BCD)

. Trén dudng thiang vudng goc voi mit phang tai H 13y diém S sao cho

SBH =30° . Goi £ 1a giao diém cia CH va BK _ Tinh cosin cpa goc giira hai duong thang SE va BC
28 18 36 9

A B, V3 . 59 b, 539
Loi giai
Goi ! 1a hinh chiéu vudng goc ciia £ 1én 4B ta co AABD =ABCH

= Upp =Bcr = WEB =907




cos(SE: BC) =cos(SE: ET) :‘EDSEEF| SEH —BH tan30° :ﬂ‘ﬁ‘

Ta co:
> 9 - - , Sla®  2ay39
HB _HE | pp HB 24 op _[sH?+HE =[3a7 +229 ==1
HC  HB HC 5 25 5
e 2717 — [ 27 2 NGRS
HE H.IF = HJ _HE :._.?ﬂ ST =«JSH" + HI ﬂ a
HB HE HB 25 25 ) 25
E:ﬂ :i:ﬁ El :?’E
BC HB 25 25
Ap dung dinh 1y cosin cho tam giac SE/ ta dugc:
"rm.( ‘ 3fm [ 2a4651 |
2 2 - 2 . | 25
EDSEEF :.S'E + FEf 5T _\ | | ) _ 18a
2.85EE] R 2a+f39 36a 54039
2 g

Ciu 48. Cho hinh chop déu S-ABCD ¢4 tit ca cac canh déu bang ¢ . Goi M | N 1an luot 14 trung diém
ciia AD va SD _S§ do cua goc giira hai duong thang MN va SC 13
A. 45 B. 60" C. 30", D. 90"

Loi giai



Goi P 1a trung diém cua CD .

NP // SC = (Mn,5C) =(MN, NP)

a {JJE

MN =% NP=2 pmp=282
Xét tam giac MNP ta co: 2, , 2

Ta co:

= M anp =2 e =4 7
4 4 2 =MP° = AMNP vuong tai N
= Wivp =900 = (MN,5C) =(MN, NP) _gp°

Cau49. Cho hinh lap phuong ABCD.ABCD  Goi M | N | P 1an luot 1a trung diém céc canh 48 BC
C'D’ X4c dinh goc giita hai duong thing MN va AP .

A. 60° B. 90° C. 307 D. 45"
Loi giai
A’ B’
|
D’ | P c’
T
I I
1 I
1] ]
11 |
1l )
1 ]
————&4-\L 1B
//114_ M%\\ ~
- \ N
D c

- = (M. ap) =(bhv.vic’) =Nuc

Ta c6 tit giac AMC P 13 hinh binh hanh nén 477 MC
Goi canh hinh vuong c6 do dai bﬁng a,

Ja

CM =JC'C? + MC® =\Jc'C? + BC* + MB ==

2 ] W "Eﬂ
CN =JCC +cN? =22

Xét tam giagc € CM vyong tai € ¢6

Xét tam giac CCN vuong tai € ¢o



AC a2

v =25 —
Ma 2 2
 MC? +MN? - CN? 3
, cosbhrc = Mc W’r‘» 1r: N :£
Xét tam giac CCM ¢ 2MC MN P

Cau 50. Cho hinh chop S-ABCD ¢4 day 1a hinh vudng canh @, canh bén 54 vuong goc véi day, S4 =a.
Goi M 1a trung diém SB . Goc gitta AM va BD 13
A. 60", B. 30", c. 90, D. 45,
Loi giai

;. ane) =(Kav; anr ) = Oy

Goi NV 14 trung diém SD khi ¢6 MN 18D , suy ra

a2

AN =AM =MN = ‘ iy
2 suyra AMN 13 tam gisc déu, nén AMN =60
Céu 1. Cho tirdién déu 45D, M1 trung diém cua canh B C . Tinh gia tri cua cos(4B.DM ).
A.2 B.6 C.2 D.2
Loi giai

Gia str canh cua tir dién déu bang @
Goi N 1a trung diém cua AC.

Khi do: [}iB’DM) - [MN’DM)



MN =2 DM =DN =ﬂ.
Ta co: 2 2
a J_
i MN® +MD* - ND’ 4 3
cosfiMD = = =¥
2 MN MD z.a.a‘E 6
27 2
cos(AB,DM]=£.
Vay 0

Cau 52. Cho hinh 1ap phuong ABCD.ABCD Goi M,N,P 13 luot 14 trung diém cua AB.BC. CD'.
Xac dinh goc gitta MN va AP

A. 607 B. 30" C. 90° D. 45°
Loi gidi
Chon D
B' c'
P
/
A I D7
1
I /,
I A ¢
I 4 /
I Ran
I ’ /
I /’ 4
| Vg /
I ’ /
I ’ /
I ,° /
I 4 /
| 7’ /
!
e /
1, /
¥
s B ld c
/- - ——-— - —-—--
o ™ =
-~
A" D
CF

Tacé MN song song AC (Puong trung binh)

(MN, AP) =(4C, AP)

Gid sir hinh 14p phuong ABCD.ABCD ¢4 3¢ dai cac canh bing |
Xét tam giac AP C co:

5

AP :JF+
2 . AC =JI7 +1 :...E; \

C (177] 3
24| —| | ==
| |72

2




s
'—4:%=~ Bic =45°

cosPac=—2 .
242.
Theo dinh ¥ ham €08 trong tam giagc 4PC ta co: 2

Cau 53. Cho ti dién S-4BC ¢ SA =5B =5C =AB =AC =a;BC ZG‘E. Goc giita hai duong thang 4B
va SC bang

A0, B. 1207 C. 60" D. 90",

Loi giai

Chgn C

Goi M.N.P lan luot 1a trung diém cua BC‘SB'SA.

Goc gitta 4B va SC 1a gbc gilra PN vy MN

1

MN =— =NP

ra | &

PC =BP :ﬂ‘"Irro

——= PM =JPC?- cM* :\j

.ﬂﬁ.:_.ﬂﬁ.
2 2

o
2

Suy ra tam giac MNP 13 tam giac déu = Wivp =60° .

Vay goc gitta 4B va SC bang 60°

Céiu 54. Cho lang try déu ABC.DEF ¢4 canh day bang @, chiéu cao bang 24 . Tinh €0Sin cia goc tao boi
hai duong thang 4C va BF

J5 NE) V5 NE)
A. 10 B. 5 c. 5 D. 10
Loi gidi
Chon A



B

Goi M.N.E lan luot 1a trung diém cac doan thfmg BC.CF.AB .

| MN || BF
= (4C; BF ) =(MN:ME)

Khl d(’)' | .'WE i AC
Tinh goc '@MN.
Xét tam giac MNE | ta co:
1 1 S = 1 = > 5
MN =—BF =—BC* +CF* =_\a’ +4a’ :”:r
1
ME=—AC =2 Ec _af3
2 2 2

NE =\EC* +NC* = 3”T+ﬂf :“};E

a Sa® Ta’

cos By = ME FMN - ENT _ 4 4 4 _
2MEMN ,a a5 2.5
Suy ra: 2 2
cos(AC:; BF) Z‘EDS E'M-"»" :£
Vay 10
Ciu 55. Cho tir dién déu 4BCD canh @. Goi M 1a trung diém ctia BC . Tinh co-sin ctia goc gitra hai
duong thang 4B va DM 9
3 V3 3 I
A 2. B. 0 . c. 3. D. 2.
Loi giai

Chon B



Goi N 1a trung diém cua 4C . Khi do, ABIMN nen (DM, 48) :(DM'MN).

a3 o a
N DM =DN = MN =—
Dé dang tinh dugc 2 va 2
fa':
wosBay DMPHMN-DN' 4 B
2DM . MN . @ 3 a 0
Trong tam giac DMN ,tacod S22
3 3
cos BN :£ >0 cos (DM, MN) :£
Vi 0 nén 0

cos (DM, AB) :E
Vay 0
Ciu 56. Cho tir dién ABCD ¢4 AB AC  AD dsi mot vudng goc voi nhau, biét 48 =AC =4D =1 g§
do goc giira hai duong thang 4B va CD bang
A. 45" B. 60 C. 30" D. 90"
Loi giai
Chon D




Goi M.N.P 14, luot 14 trung diém cta cac canh BC. AC, AD )

MN/l AB
1.1 1
MY = ; AR :; ,
Trong AABC ¢6 | < = (Tinh chat duong trung binh)
(NP CD
1 »
NP :écr.a :£ ,
Trong ACD ¢4 | = = (Tinh chat duong trung binh)

P =JAF T =

Trong AAMP | ¢c6
(MN // AB

NP/ CD

= (4B:cp) =(mn: Np) =Rive
Tacod !
Ap dung dinh 1y Cosin cho AMNP ¢4

‘. \fz— y 2
NP+ NM* - MP* | 2 |
2NP.NM

cos Mve =

1)
+
2 |
z.ﬁ'
2

= Kmvp =o0°

]

Hay (4B.cD) =90 '

Cau 57. Cho hinh chop S-ABCD ¢6 day ABCD |3 hinh chi nhat, >4 - (ABCD) SA=a, 4B =a

BC =“\E. Tinh €OSIN cua ghe tao boi hai duong thing SC va BD.
; 5 5 5
A. V10 B. 5 c. 5 D. 10
Loi gidi

K OM ||SC = (SC,BD) =(OM , BD)

Ta c6 4BCD 13 hinh chit nhat c6 4B =a | BC =a\3 = AC =BD =2a_

ﬁ.

2 2 g
B0 =8P — oy =5€ NS4 +4C _a¥s BM =+/54" + 4B’ =ﬂ,,
OM* + BO* - BM* _\J5

2 2 2 2
' | 5
cos(MOR) = = cos(SC,BD) =—
20M .BO 5 = 5

9




Cau 58. Cho tir dién 4BCD ¢4 AB =CD =2a GoiM | N 1an luot 1a trung diém 4D va BC  Biét

MN :‘W’g, goc gitra hai duong thing 4B va CD bang.
A, 45" B. 90’ c. 60", D. 30",
Loi giai

Chon C

(%, cp) =(Flr, Pv)

Goi P 1a trung diém 4AC | ta co PM/ICD vy PN//AB suy ra .
D& thiy PM =PN =a

PM*+ PN* - MN® _a’ +a’-3a” _

coshPy =
Xét APMN 3 ¢c6 2PM.PN 2aa

= Wpn =120° = (s, cp) =180° - 120° =60"

1
2

Cau 59. Cho hinh chép S-4BC ¢4 54 (4BC) va tam gidc 4BC vuong tai B,

= = = '} o 2
SA=a.AB=a.BC=a\2 G0 T 13 trung diém BC. Cosin cia goc gitia duong thing 47 va SC 12

2 s 2 J2

A, V3 B. 3 c. V3 D. 8

Loi giai

Goi H 1a trung diém SB ta co SC//HI
Goc gitra duong thang Al va SC bing goc gitra duong thing Al va HI



2 2 2
] ] ] : 3
Al =+[4B* + BI’ =,’r.=' +GT =\(;a

= E_ZJEA':AC' _a jBa-

3
Al* = AH*® + HI® suy ra tam giac AHI vuong tai H
Hi 2
cosdim == =J:
Al 3

i CDSQIH = JZ
Cbsin cua goc giira duong thang 4l va SC 1a 3

-

Céu 60. Cho tir dién ABCD goi M | N [an luot 1a trung diém cua BC va 4D  Biét A8 =CD =a

a3

MN =
2 . Tinh gbc giira hai duong thang 4B va CD .
A. 30", B. 90", c. 60", D. 120",
Loi giai
Chon C
D
N
4
B
P M
C
MP =PN ==
2

Goi P 14 trung diém cua 4C | ta co: MPIIAB  PNJICD vy

Do MP/IAB vy PNIICD ngn goc gitra hai duong thang 4B va CD bang goc giira hai duong
thang MP va PN
MP* +PN* - MN® _ 1

cos MPN = : = _ _ .
Xét tam giac MPN | ¢ 2.MP.FN 2 = MPN =120

Vay goc giita hai dudng thing 4B va CD bing 60° .

Cau 61. Cho tir dién ABCD  Goi M | N 1an luot 1a trung diém cua BC, 4D Biét 4B =CD =a 3

my =23

2 . Géc giira hai duong thang 4B va CD bang
A. 307 B. 90" Cc. 120", D. 60
Loi giai
Chgon D



AB|| NE

CD || ME

Goi £ 1an luot 1a trung diém caa BD . Vi nén goc giira hai duong thing 48 va CD

bang goc giita hai duong thang VE va ME
a N a i 3a’
ME*+NE*- MN° 4 4 4

1
2 ME.NE L @ 2

cos WEN =

Trong tam gidc MNE ta cé:
Suy ra MEN =120" Vay goc giita hai duong thing 4B va CD 13 60°

Cau 62. Cho hinh chop S4BCD ¢4 day ABCD 13 hinh chir nhat véi 4B =a :4D =av2 ;54 =2a

54 1 (ABCD). Tinh cosin goc giita hai duong thing SB va 4C
NE) 2 1 1
A 4 B. V5. c. V15 p. V5.
Chgn C
H . SD= OH [/SB (sB,4¢) =(0H,4C)
Goi * 1a trung diém cua . Do do .
1 _av5 _ _aJE.
’ B =5a: SD =axJ6: AC =3 OH—ESB_ S AH =25D ===
Tinh duoc , suy ra
3. 5, 3.,
g 49 +4a - a
cos AOH = =
A0 _a3 g_ﬁﬂ_ﬁﬂ s cos(SB.AC) =
2 2 2 15 JI5

. Do do6 nén



Cau 63.

Vay goc gitra hai dudng thang B4’ va B’D’ bang 600.

Cho hinh 1ap phuong ABCD.ABCD’ Tipp goc giita hai dudng thang A'B vy AD",
A. 90", B. 60", c. 45" p. 30’
Loi giai
Chon B
A B
D | C
L T B
D - = c*

Vi 1a hinh 1ap phuong = 6 mit déu 13 hinh vudng bang nhau nén cac dudng chéo cia ching déu
bang nhau

= AC =4AB =BC’
= A'CB diu

Tacs AD//BC'= (4'B;AD’)=(4'B;BC)=2£A'BC" =60"
a Co:

Tai liéu dugc chia sé béi Website VnTeach.Com
https://www.vnteach.com
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