Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

DANG 11 Khoi da dién trong deé thi cua BGD&DT
Caul: Chohinhchép S.ABC c6 ddy ABC latam giac déu canh a, canh bén SA vudng goc voi mit

Cau 2:

Cau 3:

Cau 4:

Cau 5:

phing day, goc giita SAva mit phang (SBC) bang 45° (tham khao hinh bén). Thé tich khdi
chép S.ABC bang

S
4 - C
B
NS 5 3 ¢ 3 o &
.8. .8. .12. .4.

Cho khéi chép S.ABCD c6 day ABCD Ia hinh chit nhat, AB=a, AD =a+/3, SA vudng géc
voi mat phiang day va miat phang (SBC) tao véi day mot goc 60°. Tinh thé tich V cua khéi
chop S.ABCD .

a’ /3@

AV =— B.V
3 3

C.V=a’ D.V =3a°

Cho khéi chop S. ABCD c6 déy 1a hinh vudng canh a, SA vudng goc voi day va SC tao véi mit
phang mot goc 30°. Tinh thé tich V ctia khéi chép da cho.

3 3 3
A.V:\/ia B.V=€a c.vz% D.V =2a°

Cho hinh chop déu S.ABCD c6 canh ddy bang 4a, canh bén bang 2+/3a va O 1a tAm cua day.
Goi M,N,P va Q lan luot 1a hinh chiéu vudéng géc cia O trén cic mit phang
(SAB), (SBC), (SCD) va (SDA) . Thé tich cta khdi chép O.MNPQ bang

43° 64a’ 12833 2a°

A —. B. . C. . D. —.
3 81 81 3

33

Cho hinh chép déu S.ABCD c¢6 canh day bang 3a, canh bén bang Ta va O la tam cua day.

Goi M,N,P va Q lan luot I3 hinh chiéu vudng géc ciia O trén cdc mit phang (SAB), (SBC)
, (SCD) va (SDA). Thé tich ctia khdi chép O.MNPQ bang
9a’ 2a° 9a’

a3
A —. B. —. C.—. D. —.
16 3 32 3
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Cau 6:

Cau7:

Céu 8:

Cau 9:

Céu 10:

Cau 11:

Cau 12:;

Céau 13:

Cho hinh chép déu ABCD ¢6 canh day bang a, canh bén bing a_23 va O latam cua day. Goi

M,N,P va Q lan lwot lad hinh chiéu vudng géc cua O trén cac mat phing
(SAB),(SBC),(SCD),(SDA). Thé tich ctia khéi chop O-MNPQ bing

3 3 3 3
AL B. 22 c. 2. D. &,

48 81 81 96
Cho hinh chép déu S.ABCD c6 tit ca cac canh bang @ va O 1atam day. Goi M, N, P, Q lan
luot 14 cac diém ddi xing v6i O qua trong tAm cta cac tam giac SAB, SBC, SCD, SDAva S’
1a diém ddi ximg voi S quaO . Thé tich ctia khdi chop S'.MNPQ bing

3 3 3 3
A Zﬁa . B. ZOﬁa . C. 40ﬁa _ D 10ﬁa .
9 81 81 81

Cho hinh chép déu S.ABCD c¢6 canh ddy bang a, canh bén bing a+/2 va O 1a tam cua day.
Goi M, N, P, Q lan luot 1a cac diém dbi xung voi O qua trong tAm cta cac tam giac SAB,
SBC, SCD, SDA va S’ la diém d6i xtimg v6i S qua O . Thé tich ctia khéi chop S'.MNPQ .

3 3 3 3
A. 2:/6a . B. 40/6a . C. 10/6a . D. 20/6a .
9 81 81 81

Cho hinh chép déu S.ABCD c¢6 canh ddy bing a, canh bén biang a+/3 va O 1a tim cua day.
Goi M,N,P,Q lan luot 1a cic diém d6i xing véi O qua trong tAm ciia cic tam gidc
SAB,SBC,SCD,SDA va S’ 1a diém ddi xtmg véi S qua O . Thé tich khdi chop SMNPQ
bang

A 40~/10a° 5 104/10a° c 20+/10a° 5 2./10a°
T TR T =

Cho hinh chép déu S.ABCD c6 canh day bang a, canh bén bang 2a va O 1a tam cia day. Goi
M,N,P,Q lan Iuot 1a cac diém dbi xung vo1 O qua trong tdm cua cac tam giac SAB, SBC
, SCD, SDA va S' la diém ddi xing véi S qua O. Thé tich ctia khéi chép S'.MNPQ bang

A 20:/14a° 5 4014a° c 104/14a° 5 214a°
T T T =

Cho hinh chép déu S.ABCD c6 canh ddy bing 2a, canh bén bing ay/3 va O 1a tim day. Goi
M,N,P va Q lan luot 14 hinh chiéu vuong goc cua O trén cac mat phéng (SAB), (SBC),
(SCD)va (SDA). Thé tich khdi chép O.MNPQ bing

3 3
a D 16a

3
A 82 a
12 81

.g.

3
B. & .
6

Cho khéi chop S.ABC c6 day ABC la tam gidc vudng can tai A, AB=a, SBA= SCA=90°,
gac giita hai mat phang (SAB) va (SAC) bang 60°. Thé tich khbi chép di cho bang

3 3 3
a a a

A. a°. B. —. C. —. D. —.
3 2 6

Cho hinh vudng ABCD va ABEF c6 canh bang 1, lan lugt nam trén hai mit phang vudng goc

v6i nhau. Goi § 1a diém d6i xtmg cia B qua duong thang DE . Thé tich ciia khdi da dién
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Céu 14:

Céu 15:

Céu 16:

Céau 17:

Cau 18:

Céu 19:

Céu 20:

Cau 21:

ABCDSEF bing

Al g 11 C.
6 12

D.

w | N
o | o

Cho khéi tir dién c6 thé tich bang V . Goi V' 1a thé tich cua khéi da dién c6 cac dinh 1a cac trung

A 5 ’ 5 As o7 A ~ 7 2 A V
diém cua cac canh cua khoi tir dién da cho, tinh ti sO v

AL B~ -1 c. -2 D,
vV 2 vV 4 vV 3

<I<
o | o

Cho tir dien ABCD ¢4 thé tich bing 12 va G Ia trong tam cua tam giac BCD . Tinh thé tich V
cua khéi chop AGBC

A V=3 B.V=4 C.V=6 D.V=5

Cho khéi hop chir nhat ABCD.A'B'C'D’ ¢6 day la hinh vudng BD = 4a, goc giita hai mit phang
(A'BD) va (ABCD) bang 60°. Thé tich ctia khéi hdp chit nhat di cho bang

A. 48+/3a°. B. %aﬁ. . %aﬁ. D. 16+/3a°.

Cho khéi hop chirnhat ABCD.A'B'C'D’ c6 day 1a hinh vudng, BD = 2a, goc giita hai mit phing
(A'BD) va (ABCD) bang 60°. Thé tich cta khéi hop chit nhat da cho bang

A, %as. B. 6+/3a°. . %aﬁ D. 24/3a°.

Cho khdi hop chir nhat ABCD.A'B'C'D" ¢6 day la hinh vudng, BD =4a, goc giita hai mit
phing (A'BD) va (ABCD)=30°. Thé tich ctia khbi hop chit nhat da cho bing

A, %aﬁ B. 48+/3a° C. %f D. 16+/3a°

Cho khéi hop chit nhat ABCD.A'B'C'D" ¢ day la hinh vudng, BD = 2a, goc giita hai mat
phing (A'BD) va (ABCD) bang 30°. Thé tich ctia khoi hop chit nhat da cho béing

2
A. 6:/3a°. B. %ag’. C. 24/3a°. D. gag.

Cho khéi lang try dung ABC.A'B'C’' c¢6 day ABC la tam giac can voi AB=AC=a,
BAC =120°. Mt phang (AB'C’) tao véi ddy mot goc 60°. Tinh thé tich V cua khéi lang tru
da cho.

3a’ _ 9a’ a® 3a’

AV=—. B.V C.V=—. D.V=—.
8 8 8 4

Cho khdi lang tru ABC.A'B'C’, Khoang cach tir C dén duong thing BB’ bing J5 , khoang
cach tir A dén cac duong thing BB’ va CC’ lan lugt bang 1 va 2, hinh chiéu vudng goc ciia
A 1én mit phang (A'B'C’) latrung diém M cua B'C' va A'M =/5 . Thé tich cua khdi lang tru

da cho bang
A % B. @ c.\5 D. g
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Cau 22:

Céu 23:

Céu 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cho khoi lang tru ABC.A'B'C", khoang cach tir C dén duong thing BB' bang 2, khoang cach
tir A dén cac duong thing BB' va CC' lan luot bang 1 va \/5, hinh chiéu vudng goc cia A
1én mat phiang (A'B'C’) 1a trung diém M cia B'C' vd A'M =2. Thé tich cua khdi lang try
da cho bang

A V3. B. 2. c.%. D. 1

Cho khéi lang tru ABC.A'B'C', khoang cach tir C dén BB’ 1 /5, khoang cach tir A dén BB’
va CC' lan luot 1a 1, 2. Hinh chiéu vudng goc ciia A 1én mat phang A'B'C" 1a trung diém M

15

cia B'C', A'M = =3 Thé tich cta khdi lang tru da cho bang

A —. D. ——
3 3

Cho khdi ling tru ABC.A'B'C’, khoang cach tir C dén duong thang BB’ bang 2, khoang cach
tr A dén cac duong thing BB’ va CC’ 14n luot bing 1 va /3, hinh chiéu vuéng goc cia A

243

1én mit phang (A'B'C’) la trung diém M cua B'C’' va AM = 3 Thé tich cua khéi lang tru

d3 cho bang

o 23

A. 2 B.1 C.\3 3

Cho lang tru tam gidc ABC.A'B'C’ ¢6 day ABC la tam giac vudng can tai A, canh AC = 22
Biét AC' tao v6i mat phang (ABC) motgoc 60° va AC'=4. Tinhthétich V ciiakhéi da dién
ABCB'C'.

8 16 83

AV =- B.V=— C.Vv D.V:@
3 3 3 3

Cho hinh hép ABCD.A'B'C'D'c6 chiéu cao bang 8 va dién tich day bang 9. Goi M,N,P va
Q lan luot 1a tAm cua cdc mat bén ABB'A',BCC'B',CDD'C'va DAA'D". Thé tich ctia khoi da
dién 16 c6 cac dinh 14 cac diém A, B,C,D,M,N,P va Q bang

A. 27. B. 30. C. 18. D. 36

Cho hinh lang tru ABC.A'B'C’ ¢6 chiéu cao bang 4 va day 1a tam giac déu canh bang 4 . Goi
M,N va P 1an luot 13 tAm cta cac mit bén ABB’A’, ACC’A’ va BCC'B’. Thé tich cua khdi
da dién 16i c6 cac dinh 14 cac diém A,B,C,M,N,P bang

A.#. B. 843, C. 643. .%.

Cho ling tru ABC.A'B'C" ¢6 chiéu cao bang 6 va day 1a tam giac déu canh bang 4. Goi M, N,
P lan luot 1a tm ctia cac mat bén ABB'A', ACC'A', BCC'B'. Thé tich ctia khi da dién 16i co
cac dinh 13 cac diém A,B,C,M,N,P bang

A. 93. B. 104/3. C. 74/3. D. 124/3.

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 4



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Cau 29:

Céu 30:

Cau 31:

Céu 32:

Cau 33:

Céau 34:

Cau 35:

Cau 36:

Cho lang try ABC.A'B'C’ ¢6 chiéu cao 1a 8 va day 1a tam giac déu canh bang 4. Goi M, N va
P 1an luot 1 tAm cta cac mat bén ABB'A’, ACC'A’ va BCC'B’. Thé tich cua khéi da dién 10i
¢6 cac dinh 1a cac diém A, B, C, M, N, P bing
A 1243, B. 1643 C. % D. %

3 3
Cho ling try ABC.A'B'C" ¢c6 chiéu cao bang 8 va day 1a tam giac déu canh bang 6. Goi M, N
va P 1an luot 1a tAm ctia cac mat bén ABB'A', ACC'A' va BCC'B'. Thé tich ctia khéi da dién
18i ¢ cac dinh 1a cac diém A, B,C.M,N,P béng:

A 2743 B. 213 C. 3043 D. 3613 .

Cho khéi lang tru ABC.A'B'C’ ¢6 thé tich béng 1. Goi M,N lan luot 1a trung diém céac doan
thang AA’ va BB’ . Dudng thing CM cit duong thang C'A’ tai P, duong thing CN cit duong
thang C'B’ tai Q. Thé tich ctia khbi da dién 16i AMPB'NQ bing

1 1 2

Al B. —. C. —. D. —.
3 2 3

Cho tir dién déu ABCD c6 canh bang a. Goi M, N 1an lugt 1a trung diém cua cac canh AB, BC va
E 1a diém d6i xing voi B qua D. Mit phang chia khdi tir dién ABCD thanh hai khéi da dién,
trong d6 khdi da dién chira dinh A c6 thé tich V. Tinh V.

Cho khdi chép S.ABCD c¢6 day 1a hinh vudng canh a, SA vudng goc véi day va khoang cach
<\ A - M M a'\/E 7 A L 5 A 7 ~
tr A dén mat phang (SBC) bang - Tinh thé tich V cta khoi chop da cho.

3 3 3
Av=2 B.V=a’. c.vzaﬁ. D.v=2,
2 9 3

Cho hinh chép tir giac S.ABCD c¢6 day 1a hinh vudng canh bang J2a. Tam giac SAD can tai
S vamgtbén (SAD) vudng goc véi mat phang ddy. Biét the tich khdi chép S.ABCD bing ga?’

. Tinh khoang cach h tir B dén mit phing (SCD)

A.h:ga B.h:ﬂa C.h=§a D.h:Ea
3 3 3 4

Trong khong gian Oxyz, cho mit cau (S) c6 tam 1(—2;1;2) va di qua diém A(L-2;-1). Xét
cac diém B, C, D thudc (S) sao cho AB, AC, AD d6i mot vudng goc voi nhau. Thé tich khéi
tir dién ABCD c¢6 gié tri 16n nhét bang

A. 72 B. 216 C. 108 D. 36

Xét khoi chop S.ABC co déay 1a tam giac vudng can tai A, SA vudng goc voi day, khoang cach
tr A dén mat phang (SBC)bang 3. Goi « la goc gitta mét phing (SBC) va (ABC), tinh
cosa khi thé tich khdi chop S.ABC nho nhét.

e 2

A. COSazl. B. cosag =—. C. cosag=—. D. cosa =—.
3 3 2
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Cau 37:

Cau 38:

Xét khdi ti dien ABCD c6 canh AB = X va cac canh con lai déu biang 2+/3. Tim x dé thé tich
khéi tr dien ABCD dat gi4 tri 16n nhat.

A.x:\/g B.x:\/1_4 C.x:3«/§ D.x:2\/§

Cho khdi lang try dimg ABC.A'B'C’ c6 day ABC la tam giac vudng cin tai A, AB =a. Goc
giita duong thing BC' va mit phang (ACC'A) bang 30°. Thé tich cua khdi ling tru di cho

bang
A. 1a3. B. §a3. C. ﬂa? D. Qag’.
8 8 2 2
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HUONG DAN GIAI CHI TIET

Cau 1l: Cho hinh chép S.ABC c6 diay ABC la tam giac déu canh a, canh bén SA vudng gbc v6i mit
phing day, goc giita SAva mit phang (SBC) bang 45° (tham khao hinh bén). Thé tich khdi
chép S.ABC bang

S
4 - C
B
3 3 3 3
AL B, 3 C. J3a' D. &
8 8 12 4
Loi giai
Chon A

Goi M 1a trung diém BC thi AM L BC va SA L BC nén BC L (SAM).
Ké AH LSM tai H thi AH L(SBC). Suy ra goc gilra SA va mat phang (SBC) bing

ASH = ASM = 45°. Do d6, ASAM vudng cdn & A va SA= AM =a—23.

1 a3 a’3_a

2 4 8
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Cau2: Cho khéi chop S.ABCD c6 day ABCD Ia hinh chit nhat, AB=a, AD =a+/3, SA vudng gdc
véi mat phang day va mat phang (SBC) tao véi day mot goc 60°. Tinh thé tich V cua khéi

chép S.ABCD .
3 3
Av=2 B.V:‘/ga C.V=2a° D.V =3a°
3 3
Loi gii
Chon.C

Taco S,gep = V387
(SBC)(ABCD)=BC

Vi {BC LSBc(SBC) = ((SBC),(ABCD))=(SB;AB)=SBA.
BC L AB — (ABCD)

Viy SBA=60°

Xét tam giac vudng SAB c6: tan60° = % — SA= AB.tan60° = a/3

N 1 1
Vay Vs ascop = g SABCD'SA = é a’ ‘/éa\/g =a’.

Cau3: Cho khdi chép S. ABCD c6 day 1a hinh vudng canh a, SA vudng goc véi day va SC tao voi mat
phang mot goc 30° . Tinh thé tich V cta khdi chép di cho.

J6a° J2a° 2a’
3

AV = 3 B.V = C.V=T D.V =22

Loi giai
Chon B
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Cau 4:

BC L BA (ABCD Iphinhvu«ng)
BCLSA (SAL(ABCD))

= BC L (%AB) = (C,(51B)| - BL =30

ABC vuong tai B: tan3OO=B—C:> B= BCO =3
B tan 30
ASAB vudng tai A: SA=+/B° — AB? =+/3a° —a’ =/2a

1 V2

1
V:Z_)’SA"SABCD =§.\/§a.a2 :?a

Cho hinh chép déu S.ABCD c6 canh day bang 4a, canh bén bing 2+/3a va O 1a tdm cua day.
Goi M,N,P va Q lan luot 1a hinh chiéu vudéng géc ciia O trén cic mit phang
(SAB), (SBC), (SCD) va (SDA) . Thé tich cia khdi chép O.MNPQ bang

3 3 3
A 41. B. 64a . c 128a .
3 81 81
Loi giai
Chon D
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Cau 5:

Goi E,F,K,H lan lugt la trung diém cia AB,BC,CD,DA va M,N,P,Q lanluot Ia hinh chi¢u
vuong goc cua O trén SE,SF,SK,SH = M,N,P,Q lan lwot 1a hinh chiéu vuong goc cua O
trén cac mat phing (SAB), (SBC), (SCD), (SDA).

Taco SO =+/SD? —0D? =+/(2+/3a)’ — (2+/2a)? = 2a = OE = OF = OK =OH

= céc tam giac SOE, SOF,SOK,SOH vudng can tai O va bang nhaunén M,N,P va Q lan

luot 1a trung diém cua cta SE,SF,SK,SH = MNPQ 1a hinh vuéng canh a\/f
Mit khéc ta c6 OM =ON =OP =0Q =a+/2 = O.MNPQ 14 hinh chop déu co tit ca cac canh

2
béng a\/f nén c6 duong cao béng \/(aﬁ)z —[%aﬁﬁj =a.

3
Khi d6 thé tich ciia khdi chop O.MNPQ bing %.a.(a\/i)2 = 2%

33

Cho hinh chép déu S.ABCD c¢6 canh ddy bang 3a, canh bén bing Ta va O la tam cua day.

Goi M,N,P va Q lan luot 13 hinh chiéu vuong goc cia O trén cac mit phang (SAB), (SBC)
, (SCD) va (SDA). Thé tich ctia khdi chép O.MNPQ bing

3 3 3 3
A 2 B. 22 c. 2 D. &
16 3 32 3
Loi giai
Chon C

Goi E,F,G,H theo thu tu 1a trung diém cua AB,BC,CD, DA.

., |AB LSO
Ta co: {

o = AB L(SOE)=(sAB) L (SOE).

Mit khac: (SAB)N(SOE)=SE dong thoi M 1a hinh chiéu vuéng goc cua O 1én mit phing
(SAB) nén OM L SE tai M.
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Taco: SO=+/SA2—OA® = \/[ J [Ba‘/_J _3—2a:OE.

2

Khi d6 tam gidc SOE vuéng can tai O = M 14 trung diém SE .

Chiing minh tuong tu ta cling c6 N,P,Q lan lugt 1a trung diém cua cac canh SF,SG,SH .

1 3a 1 1 9a’
Khid6 d(O,(MNPQ))=d(S,(MNPQ))==-SO=—, SMNPQ = —SgreH = 5 Sascp = o -
2 4 4 8 8
1 1 3a 9a® 9a°
Suy ra VO.MNPQ =3 3 MNPQ .d(O, (MNPQ)) —§ Z ? = 3—2
9a’
Vay V, =—,
a4y Vo mnpg 3

Cau6: Cho hinh chop déu ABCD c6 canh day bing a, canh bén bing 3Y° \/_ va O latam cua day. Goi
M,N,P va Q lan Iluwot lad hinh chiéu vudng géc cua Q trén cac mit phang

(SAB),(SBC),(SCD),(SDA). Thé tich cuia khoi chop O-MNPQ bang

3 3 3 3
AL B. 22 c.2. D. &
48 81 81 96
Loi giai
Chon D

Tur giad thiét ta co OA_— SO =+/SA? —OA? = __T 2
Goi E 1a trung diém cia AB, ké OM L SE (M eSE)=OM L (SAB).
a2
., SM SO? a1 2
Va = = =— la trung di€ém cua .
SE SO'tOEr & & 2°M 8 SE
4 4
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CauT:

Chung minh tuong tu v6i cac diém N, P,Q.

a2 ’ a® 1 a

— Dién tich tir giac MNPQ 1a | &Y< | =2 va d(0:(MNPQ))==s0=2.

' 8 (4} 8 (0i( Q) 2 4
=V Ega_z—a_g
OMNPQ ™ 3°4"8 06

Cho hinh chép déu S.ABCD c6 tit ca cac canh bang @ va O 1atam day. Goi M, N, P, Q lan
luot 1a cac diém ddi xing v6i O qua trong tAm cua cac tam giac SAB, SBC, SCD, SDAva S’
1a diém ddi ximg voi S quaO . Thé tich ctia khdi chop S'.MNPQ bing

3 3 3 3
A 2\/2a _ B. 20+/2a _ C. 40+/2a . D 10v/2a _
9 81 81 81
Loi gii
Chon B
. <1 faA A . ALy a\/é

Tacd S.ABCD 1a hinh chdp déu c6 tat ca cac canh déu bang a = SO = —
Goi G, 1an luogt 13 trong tim cac tam giac SDA, SDC .
Goi E,F lan luot 1a trung diém DA, DC.
Tacs Gl = 26F, EF = tac= V2 g _V2.

3 2 2 3
Ma G, lan luot 1a trung diém cia OQ,0P = QP =2GI = Z\fa )

2

Ttr gia thiét cho d& dang suy ra dwoc MNPQ 13 hinh vuéng canh PQ = 22a Suneo = 8% .

Goi O’ la tdm hinh vudng MNPQ ké GH //QO’(H €00’) = H 14 trung diém OO’ (vi G la
trung diém OQ).

2\2a V2 _2a , 1 a2

a00'=20H =2.-S0=——

Tacd QO' =
Q 3 2 3 3 3
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Phan Nhat Uinh
a2 a2 N av2 B 5\2a
2

Theo  gia  thiét os'=03=T —S'0'=5'0+00' = =

1 52a 8a 20\@;13

vV
SUMNPQ T 3 e g 81

Cho hinh chép déu S.ABCD c¢6 canh day bang a, canh bén bang a+/2 va O la tam cua day.
GoiM,N,P,Q 1an luot 1a cac diém dbi xung voi O qua trong tam cua cac tam giac SAB,
SBC, SCD, SDA va S’ 1a diém d6i ximg v6i S qua O . Thé tich ctia khdi chop S'.MNPQ.

Cau 8:

3 3 3 3
A. 2:/6a . B. 4062 . C. 10/6a . D. 20/6a .
9 81 81 81
Loi gidi
Chon D

¥
s’

Goi G,, G,, G, G, lan luot la trong tdm cac tam giac SAB, SBC, SCD, SDA.

E, F, I, K lan luot Ia trung diém AB, BC, CD, DA.

. 4 16 1 8
Taco: Syypg :4561626364 :4'§SEFIK = 9 2 = Specp = gaz

2
\/(af) (a*/_J 2a2—%—¥:>8'H=S’O+OH=SO+§SO=5ag/6.

1 5aJ6 8 22 20a°\/6

:>VS'.MNPQ §T§ 81 (d tt)

Cho hinh chép déu S.ABCD c6 canh day bang a, canh bén bang a+/3 va O 1a tim cua day.
Goi M,N,P,Q lan lugt 1a cac diém d6i ximg v6i O qua trong tim ciia cac tam gidc
SAB,SBC,SCD,SDA va S’ 1a diém d6i xtimg v6i S qua O . Thé tich khdi chép SMNPQ

Cau 9:

bang

A 404/102° 5 10+/10a° c 20/10a° 5 2.10a°
81 81 9
Loi giai
Chon C
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Céu 10:

B
.

Goi G,,G,,G,,G, lan luot 1a trong tim ctia ASAB,ASBC,ASCD,ASAD.

Do GG, /GG, /IEF;GG, =G,G, = % EF = Ta gide G,G,G,G, 12 hinh binh hanh.
— MN//PQ/IGG,, MN = PQ = 2G,G, = Tir gisc MNPQ I3 hinh binh hanh.

Goi H=QN nMP . Ta co: S—Hz1
SO

2
2 2 a+/10
Taco: SO —\/(\/ga) —(%a] =
. 2Y 80
Ta co: VS’.MNPQ =5'\/S.MNPQ :5-2\/5.@162(;364 =9.2.| = | Vseri =E'VS.EFIK

3
80 1 ai0 (aﬁJZ ~ 20/108°

273 2 2 81

Cho hinh chép déu S.ABCD c¢6 canh day bang a, canh bén bang 2a va O 1a tim cua day. Goi
M,N,P,Q lan luot 1a cac diém dbi xtung voi O qua trong tam cua cac tam gidc SAB, SBC
, SCD, SDA va S’ 1a diém ddi ximg v6i S qua O . Thé tich ctia khdi chop S'.MNPQ béng

A 204/14a° 5 404142° c 10V14a° 5 2143’
81 81 81 9
Loi giai
Chon A
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Sl
Goi G,,G,,G,,G, lan luot 1a trong tim ASAB, ASBC,ASCD, ASDA.
E,F,G,H lan luot 13 trung diém cua cac canh AB,BC,CD, DA.

) 4 41 8a’
Taco SMNPQ - 4861(32(5364 - 45 SEFGH - 455 EG.HF = T .

d(S'.(MNPQ))=d(S’,(ABCD))+d (0,(MNPQ))
d(S.(ABCD))+2d(0,(G,G,G.G,))
d(s.(ABCD

)
))+§d(8,(ABCD))

zgd(s,(ABCD)):Sagﬁ

. 1 5a\14 8a? 20a’14
Vay Vo uneg =3 : = .

3 6 9 81

Cau 11: Cho hinh chép déu S.ABCD c6 canh ddy bang 2a, canh bén bang a3 va O 1a tam day. Goi
M,N,P va Q lan luot 13 hinh chiéu vudng géc cua O trén cac mit phiang (SAB), (SBC),
(SCD)va (SDA). Thé tich khdi chép O.MNPQ bing

3 3 3 3
A 8 B. & c. & p, 162"

81 6 12 81
Loi giai
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Chon C
Do S.ABCD 1a hinh chép déunén c6 SO L (ABCD).

Xét tam giac SOA vuong tai O c6 SO = /SAZ —OAZ =\/(a\@)2—(aﬁ)2 _a.
Goi G,H,1,J lan luot 1a trung diém caa AB,BC,CD, DA.
Ta ¢c6 AB LGO,AB L SO=> AB L (SOG) ma AB L (SAB) nén (SGO)L(SAB)do d6 M la

hinh chiéu vudng géc ctia O trén cac mit phiang (SAB)suy ra M € SG va OM L SG .
Xét aSOG vudng tai O ¢c6 SO=0G =a, OM L SG nén M la trung diém cta SG .
Hoan toan tuong ty ¢6 N, P,Q lan luot 1a trung diém cta SH,SI,SJ .

Do d6 d& thdy O.MNPQ la chop ti giac déu c6 duong cao ooegsozg va canh day

1 1 2av2 B a2

MN =—-GH == AC =
2 4 4 2

1OO'.S

Vay the tich khoi chop O.MNPQ bang Vi, MNPQ =3 MNPQ =35

2
la(av2) a°
2 12
Cau 12: Cho khdi chop S.ABC c6 ddy ABC la tam giac vudng can tai A, AB=a, SBA=SCA=90°,
gdc gifra hai mat phang (SAB) va (SAC) bang 60°. Thé tich khéi chop di cho bang

A o 5 & ¢z p. &
3 2 6
Loi giai
Chon D
Céach 1:
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Taco Sy = % AB.AC = %

Goi D 14 hinh chiéu vudng goc ciia S 1én mit phang (ABC) :

AB L SD

Tuong tu, taco AC L CD
— ABDC 1a hinh vuong canh a.
bat SD=x,x>0.

. [ABLSB
Ta c6 = AB 1 (SBD)= AB L BD.

DB.DS ax
JDB2+DS?  a?+x?

Goi H la hinh chiéu vudng goc ciia D 1én SB = DH =

. [DH LsB ax
Taco {DH g =PH L (SAB)=d(D,(SAB))=DH T

Lai c6 CD// AB=CD//(SAB)=d(C,(SAB))=d(D,(SAB))=DH .

ASCA vudng tai C, c6 AC =a,SC =+x*+a?.

CACS _ a/x? +a?
JCAZ+CS2 /X2 +2a2
d(C,(SAB)) DH

Vi (SAB) N(SAC)=SA=sin((SAB),(SAC)) = d(C,5A) ~ CK

K¢ CK LSA=CK =

ax
/2 2 /2 2
o sine= N X @ﬁ_—x X" +2a

<:>3(x2+a2)2:4x2(x2+2a2):x=a.

avx? +a’ 2 x+a’
x% +2a°
= DH =a.
) 1 a’
Vay Vs psc :gsAABc-SD:E-

Céch 2:
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Dung hinh vuéng ABCD = SD L (ABCD).

bat SD=x,x>0.
Ké DH L SB,(H eSB)=> DH 1 (SAB) va DH =X
2 2
VX" +a
Ké DK 1SC,(K €SC)=> DK L (SAC) va DK =—2 .
2 2
VX“+a
Tacs SH_SK_SD"_ X' iBD= HK=—X BD-— % ayZ
SB SC SB? x*+a’ x* +a? x*+a?
2 2w ?
Taco cos((SAB),(SAC)) = cos HDK| = DH? + DK — HK”|
2DHDK |
2x’a®  2a%’
2 2 2
<:>1_X+a (X2+a2) 1_ 22 s
2x*a’ 2 |x*+a?
x* +a’
= SD =a.
: 1 a’
Lai c6 Syapc == AB.AC =2
al €O Spapc 5 5
) 1 a’
Vay Vs apc = gSAABc-SD =%

Céch trinh bay khac

Hai tam giac vuéng SAB va SAC bing nhau chung canh huyén SA.
Ké Bl vudng goc voi SA suy ra Cl ciing vuong goc voi SA va IB=1C.
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SALIC,SAL IB:>SAL(IBC) tai | .

1 1 1 1
VS.ABC :VA.IBC +VS.IBC = §SAIBC Al +§SAIBCSI = gSch (AI +SI ) = gSAIBCSA'

((SAB),(SAC)) =(IB,IC) = (IB,IC)=60° = BIC = 60° hogc BIC =120°.
Taco IC=1B<AB=a ma BC =a+/2 néntam giac IBC khong thé déu suy ra BIC =120°.

Trong tam giac IBC dat IB=1C =x(x>0) co:
2
2 2 2 2x% — a«/f
coleOole +1C° -BC :>_E=#:>X=ﬁ:>|5=|czﬁ_
2I1B.IC 2 2X 3 3
2
Trong tam gidc ABI vudng tai | cd: Al =+ AB? —IB? = |a® —(#J :a—f.

2 2
Trong tam gidc SAB vuong tai B dudng cao Bl c6: AB? = IASA=> SA= A;i - =av3.

2
3
Viy V, aoc =:%SA,BCSA:%% IB.IC.SAsin BIC =%(%J a~/3sin120° =%.

Cach trinh bay khac

S P

Goi H 1a hinh chiéu ciia S 1&n (ABC).
Theo bai ra, tac6 HC L CA, HB L BA= ABHC Ia hinh vuéng canh a.

Goi O=HANBC, E 14 hinh chiéu cia O 1&n SA.
Ta dé dang chimg minh dugc EC L SA, EB L SA.

Tur d6, ta duge: goc gitra (SAC) va (SAB) 1a goc giita EB va EC,
Vi CAB =90° nén BEC >90° = BEC =120°.
Ta dé dang chi ra dugc OEB = OEC =60°.

Pit SH = x = SA= /5% 1 22 = OE = AO-SH _ xa\/2

SA e +2a%

Ve x=a.

oC aﬁ_ Xa~/'2
p— =

tan 60° = :
OE 2 2% +2a’
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Vay Vs asc =§VS.HBAC =§.§.a.a

1 11

a
—

Céch trinh bay khéac

Céu 13:

TacO A L SAB=A L SAC va chung canh huyén SA. Ké Bl L (SA) =Cl L (SA) va goc gilra
hai mit phang (SAB) va (SAC) la géc giita hai dudng thang Bl va Cl = (BI;Cl)=60°.
C6 BC=a+2 , ABIC can tai |. Do Bl =Cl < AC =a<a+/2 =BC nén ABIC khong déu

a\/6 a\/_

:>BIC:120°:>BI:CI_— Tu dé Al = © AB? = Al.SA= SA=a\/3.

Duyng hinh vuéng ABDC = SD L (ABDC).

3

CO:SD =/SA” — AD? = a;S 50 =8° =V, 0 = %SMBC SD = %.

HOAC CACH KHAC PPTHE TIiCH

1 1
Vs agc =§SA,BC.(SI + Al ) =§SA,BC.SA.

2 2
ag/§ Vv 1a\/_\/—a

S.ABC

Voéi S, = %.IB.IC.sinlzoO =

Cho hinh vuéng ABCD va ABEF c6 canh bang 1, lan luot ndm trén hai mat phang vudng goc
v6i nhau. Goi § 1a diém ddi xtmg ciia B qua dudng thang DE . Thé tich ctia khdi da dién
ABCDSEF bang

Al B. 11 c.? D. 2
6 12 3 6
Lo giai
Chon D
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Cau 14:

F ’
.
71
1
1
1
|
|
E ‘
1
S NS -~ I ,
-~ | 7
= I ’
.
g
7
A 7 ~
A -
[ ~~4_
s
/
P ) D
VO o ==
A
; -
1,
-

Ta c6:ADF.BCE la hinh lang tru ding c6 day la tam giac vudng can
Dua vao hinh v€ ta co:

VABCDSEF :VADF.BCE +VS.CDFE :VADF.BCE +VB.CDFE = 2\/ADF.BCE _VBADE

1 1 1 115
Vaorsce = ABSace == Vapoe =5 ADSge =~ = Vagepser =25 <=

2 3 6 2 6 6
Cho khéi tir dién c6 thé tich bang V . Goi V' 1 thé tich ctia khdi da dién c6 cac dinh 1a cac trung

< A 5 J4 5 A o7 A ~ , A V
diém cua cac canh cua khoi tir dién da cho, tinh ti sO v

Ay L BV _1 cV_2 DY _3

vV 2 vV 4 vV 3 vV 8
Loi giai

Chon A

Céch 1. Dic biét hoa tir dién cho 1a tr dién déu canh a. Hinh da dién can tinh c6 dugc bang

, ¢ TN X .~ VTS U 3 a
cach cat 4 goc cua tir dién, moi goc cling la mét tr dién déu c6 canh bang 2

Do d6 thé tich phan cat bo 1a V" = 4.% = \é .
Vay V'=\LC>\L=£.
2 V. 2
Céch 2. Khdi da dién 1a hai khdi chop tir gidc ¢ cung day 1a hinh binh hanh up lai. Suy ra:
11 1

V=2V vere = 4Vymer =4Vo e = 4-5-2\/ = EV
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Céu 15:

"V —Vaoep -V —V, my
Cach 3. Taco V_ = AQEP ~VB.QMF ~YC.MNE — YD.NPF
V
:1_VA.QEP VBomF  Vewmne  Voaee
V V \V V

—1—

N |~
N |~
|
N |-

1
=

N |-
N |-
|
N |~

1
2

N |-
N |-
N |-

1
2
D

CD  Tinhthétich V

Cho tix dien ABCD ¢4 thé tich bing 12 va G 1 trong tam cua tam gidc
cua khéi chop AGBC

AV =3 B.V=4 C.V =6 D.V =5

Léi giai

Chon B
Céach 1:

Phan tich: tt dién ABCD va khi chop AGBC c6 cung dudng cao la khoang cach tir A dén
mat phang (BCD). Do G Ia trong tdm tam gidc BCD nén ta ¢ S,sec = Supep = Sacen

= S,acp = 3S 5ac (Xem phan ching minh).

Ap dung cdng thte thé tich hinh chép ta co:

1 1
Vageo = 2 NSueco v 3 h.S eco S 1 1
— VascD _ =MD 3V, oo ==V, ==.12=4,
Vv, =tns Vasse  Ips scac 3 3
acec = 3N Sacec 3 acec

Chwng minh: bat DN =h;BC =a.

+) MF//ND:ﬁ:ﬂzleF:EDN:MF:E.
DN CD 2 2 2
N GENMF=CE_BG 2 op_2yp_2h_h
MF BM 3 3 32 3
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S ;DN.BC lha
+) = 1 “1h =3= S50 = 3S,6ac
acee —GE.BC =-—-a
2 23

+) Ching minh twong tw €0 S,pcp = 3S,6ep = 3S,6c0 = Sasec = Sasep = Sacep

Cach 2:
. d(Gi(ABC)) Gl _1 . 1
Taco W—a—gzd(G,(ABC))—gd(D,(ABC)).

1

NEén Vg 4o = éd (G;(ABC)).Supec = 3

Cau 16: Cho khéi hop chit nhat ABCD.A'B'C'D’ ¢6 day 1a hinh vudng BD = 4a, goc giita hai mat phang
(A'BD) va (ABCD) bang 60°. Thé tich ciia khdi hdp chir nhat da cho bang

A. 48/3a°.

Chon D

: —169\/5 al.

16+/3
- —\/_ a’, D. 16+/32°.
3
Loi giai
r Df
A T
.l:n"'-
LY -
14 -
oy =
l: 1'L {j‘-"“
1 3 "-..“‘
[ 0 N
s{k‘_——ui———--——-—:::—; D
N\ L--fa
%
.-""’rr I \_‘

B

Ta c6 ddy ABCD I hinh vudng c6 BD =4a= AB =2+/2a.
Goi | trung diém BD. Vi BD =4a= Bl = Al =2a.

Tam giac A'Al vudng tai A co: tan60° = N

A'A

Thé tich ctia khdi hop chir nhat di cho bang:
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V =S 000 AA=(2420) 232 =1613°.

Cau 17: Cho khdi hop chir nhat ABCD.A'B'C'D’ ¢6 day 1a hinh vudng, BD = 2a, goc giira hai mit phang
(A'BD) va (ABCD) bang 60°. Thé tich ctia khéi hop chit nhat da cho bang

2+/3 2+/3

A. T*/_as. B. 6+/3a%. C. Tfae’. D. 24/3a°.
Loi giai
Chon D
A 5%

B’ I’l i‘\\ \\\\ C.-’

,” f'L:d'"':;::—' D

il__»-”-—()):\\\
B C

+) Tacéd BD=2a= AC =2a; AB=a+/2.

#) S, =(av2) =20,

+)  Goéc gita hai mit phing (ABD) va (ABCD) la goc AOA=
AA' = AOtan A'OA = a.tan 60° = a+/3 .

VAy Vigep acn = AA.S e = av/3.2a2 = 24/3a°.

Cau 18: Cho khéi hop chir nhat ABCD.A'B'C'D’ ¢6 day la hinh vuong, BD =4a, goc giita hai mat
phing (A'BD) va (ABCD)=30°. Thé tich ctia khdi hop chi nhat da cho bang

A. % a3 B. 48./3a° . % a3 D. 16+/3a°
Loi giai
Chon C
A . D
B‘r ’I’ i\‘\ \\\ \ij
Ilu }}L\_i_____-_::_ D
e
B C

Goi O 1a trung diém ciia BD . Tac6: AA'AB = AA'AD suyra A'B=A'D suyra AA'BD can.
(A'BD)(ABCD)=BD

Ma {A'O 1 BD = ((ABD),(ABCD))= AOA=30°.230".
AO L BD
Xét AA'OA vudng tai A c6: tan30° = AA_AA_AA_ AA:> A'A=2atan30° = 2a\/§.
O AC BD 2a 3

2 2
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Cau 19:

Cau 20:

Xét hinh vudng ABCD c6: BD = AB+/2 = AB =2a+/2.

= Zaf.(Za\/E)%%aa

Cho khéi hop chit nhat ABCD.A'B'C'D" c6 day 1a hinh vudng, BD = 2a, goc giita hai mat
phing (A'BD) va (ABCD) bang 30°. The tich ciia khoi hop chit nhat da cho béing

Vay thé tich ciia kh6i hinh hop chir nhat bang: V = A' A AB?

2.3 243 3
A. 6/3a°. B. ia C. 24/3a%. D. —a
Loi giai
Chon D
A’ D
AN
I\ N
11\ >
B rpn N c’
[ \ AN
I \ S
I \ \\
! | \ N
I Ap—zpk — — |- —3p
s _ a4~
, -~
l/ // ’O\\
B &Z =

Goi O latdm hinh vuéng ABCD. Vi BD L OA va BD L AA' nén BD L (A'OA)= BD L OA'
Lai c6 (A'BD)(ABCD)=BD. Do d6 ((A'BD),(ABCD))=A'OA=30° (Hinh v& trén).
Vi tit gidc ABCD 12 hinh vudng c6 BD =2a nén OA=a va AB=AD=av?2.

(

Xét tam giac A'AO vuong tai A c6 OA=a va A'OA=30° nén AA'=0A.tan30° =

Vay thé tich khéi hop chit nhat V = AB.AD.AA' = aﬁ.aﬁ.a—f _ ?aé

Cho khéi lang try dung ABC.A'B'C’' c¢6 day ABC la tam giac can voi AB=AC=a,
BAC =120°. Mt phang (AB'C’) tao véi ddy mot goc 60°. Tinh thé tich V' cua khéi lang tru
da cho.

3 3 3 3
Ay =3 B.v =2 c.v=2 D.v =%
8 8 8 4
Loi gii
4. c
N
\.\\
A
AE™
v
AY ,
A\ ~
) A T R N
AN~ H‘ag"/\ ¢
I
B’
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Cau 21:

Chon A
Goi | 1atrung diém cua B'C’.
Trong AAB'C':B'C'” = AB"* + AC'*-2A'B".A'C'.cosB'A'C’' =3a’

2 2
S, rec :la.a.sin1200= a’V3 ; Al = 2Suge _ 8 e _a
2 4 BC' 2aJ3 2
(AB'C')n(AB'C')=B'C’
Tacé:{ Al LBC = AIA'=60°

A'l L B'C’

Trong tam giac vudng AIA" c6 AA' = A'l.tan 60°:a—\2/§.

Vay thé tich V =
4 2 8

Cho khéi ling tru ABC.A'B'C’, khoang cach tir C dén dudng thing BB’ bang J5 , khoang
cach tir A dén cac dudng thing BB’ va CC’ 1an lugt bang 1 va 2, hinh chiéu vudng goc cua
A 1én mit phang (A'B'C’) latrung diém M cua B'C' va A'M =/5 . Thé tich cua khdi lang tru

da cho bang
A. & B. @ C. 5 D. E
3 3 3
Loi giai
Chon B

BF

Goi J, K lan luot 1a hinh chiéu vudng goc ciia A lén BB’ va CC’, H 14 hinh chiéu vudng goc
cia C lén BB’
Tac6 AJ LBB' (1).

AK 1 CC'= AK LBB' (2).
Tir (1) va (2) suy ra BB’ L (AJK) = BB’ L JK = JK//CH = JK =CH =+/5.
Xét AAJK c6 JK? = AJ*+ AK? =5 suy ra AAJK vudng tai A.

J5

Goi F latrung diém JK khi dotaco AF =JF :FK:7.

Goi N 1a trung diém BC, xét tam giac vubng ANF ta co:
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V5
cosNAF = AF 2 _ 1 NAF 60", (AN = AM =+/5 vi AN//AM va AN = AM ).
AN 5 2
a A 1 1 °© SAAJK
Vaytacod S, =3 J.AK =E.1.2:1:>SAAJK =S, p5c-C0S60° = S, 5 = T =2.

N |-

Xét tam giac AMA” vudng tai M tac6 MAA'= AMF =30° hay AM = A'M.tan30° = V15

3

Vay thé tich khéi lang trula V = AM.S . = @.2 = @ :

CAau 22: Cho khdi lang tru ABC.A'B'C", khoang cach tir C dén duong thang BB' bang 2, khoang cach
tr A dén cac duong thing BB' va CC' lan luot bang 1 va NG , hinh chiéu vuéng goc cua A
lén mat phang (A'B'C) la trung diém M cua B'C' v A'M =2. Thé tich cta khdi lang tru

d3 cho bang
A 3. B. 2. c.%. D.1
Loi giai
Chon B

Goi A, A, lan luot 1a hinh chiéu cua A trén BB', CC'. Theo déra AA =1;AA, =+/3; AA, =2.
Do AA’+AA? = AA? néntam giac AAA, vuong tai A.

Goi H la trung diém AA, thi AH =%=1.

Laicé MH ||BB'= MH L (AAA,)=MH L AH suyra MH =+/AM?— AHZ = /3.

nén cos((ABC),(AAA,)) =cos(MH, AM) =cos HMA = % = g
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Cau 23:

S
Suy ra S = A% =1. Thé tich lang try la V = AM -S . =2.
YT cos((ABC), (AAA) o

Nhan xét. Y tudng cau nay 1a dung dién tich hinh chiéu S'=Scosa .

Cho khéi lang tru ABC.A'B'C', khoang cach tir C dén BB' Ia \/g, khoang cach tir A dén BB’
va CC' lan luot 1 1, 2. Hinh chiéu vudng goc ciia A 1én mat phang A'B'C" 1a trung diém M

15

cia B'C', A'M = =3 Thé tich cta khdi lang tru da cho bang

A.@. B.&. C. 5. D.@
3 3 3
Loi giai
Chon D

Ké Al L BB', AK L CC' (hinh v&).
Khoang cach tir A dén BB' va CC' lanluotla 1,2 = Al =1, AK =2,

Goi F létrungdiémcﬁa BC.A'M :ngFzg
Al L BB'

Taco = BB'L(AIK)=BB'LIK.
BB' L AK

Vi CC'||BB'=d(C,BB") =d(K,BB") = IK =+/5 = AAIK vudng tai A.
Goi E la trung diém cta IK = EF ||BB' = EF L (AIK)= EF L AE.
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Céu 24:

Laic6 AM L (ABC).Do d6 goc giita hai mit phang (ABC) va (AIK) la goc gitta EF va AM

5
bing goc AME = FAE . Ta c6 cosFAE =2 2 B pap g
AF {15 2
3
Hinh chiéu vuéng goc cua tam gidc ABC 1én mit phéng (AIK) la AAIK nén ta co:
32
Sa = Spgc COS EAF :>1:SABC7 jﬁzsABC'
5
. R . AF 3
Xét AAMF vudng tai A: tan AMF =~ = AM =—— = AM =45
vuong td AM ﬁ
3
2 2415
Vay Vige ppe = V0= =222
Y Vagc.aBC \/g 3

Cho khbi lang tru ABC.A'B'C’, khoang cach tir C dén dudng thang BB’ bang 2, khoang cach
tir A dén cac duong thang BB’ va CC’ lan luot bang 1 va /3, hinh chiéu vuong goc cua A

243

1én mit phang (A'B'C’) 1a trung diém M ctia B'C' va A'M = = Thé tich cua khéi lang try

da cho bang
A. 2 B.1 C. 3 D. ¥
Loi giai
Chon A
A C,
M
H T

Cit lang tru boi mot mat phiang qua A’ va vudng goc voi AA" ta duogc thiét dién 13 tam giac
A'B,C, ¢6 céc canh A'B, =1; A'C,=~/3; BC,=2.

Suy ra tam giac A'B,C, vudng tai A’ va trung tuyén A'H ciia tam giac d6 bang 1.

99 | Facebook tac gid: Phan Nhét Linh



Chd 38 02: Cuc tri cia ham sb

Cau 25:

Céau 26:

Goi giao diém cua AM va AH laT.

Taco: AM —i AH =1 = MH —i.Suy ra MA'H =30°.
3 V3
Dodé MAA=60°= AN =M __ 4
cosMA'A 3
Thé tich khdi ling tru ABC.A'B'C’ bang thé tich khéi lang tru A’'B,C,.AB,C, va bang
4 3 _
V =AA'S
ABC, f 2

Cho lang tru tam giac ABC.A'B'C’ ¢6 day ABC la tam giac vudng can tai A, canh AC = 242
Biét AC' tao v6i mat phiang (ABC) motgoc 60° va AC'=4. Tinhthétich V cua khéi da dién
ABCB'C'.

Av-=3 B.v-1 Cv_8f D.V:@
3 3 3 3
Loi giai
Chon D
’l

Phan tich: Tinh thé tich cua khdi da dién ABCB'C’ bang thé tich khéi cia lang try ABC.A'B'C’
trir di thé tich cua khéi chop AA'B'C'.

Gia sir duong cao cua lang try 1a C'H . Khi d6 goéc gira AC’' mat phang (ABC) la goc

C'AH =60°.
L CH , ) ] , 1 2
Taco: sin60°=— 7= C'H = 243;S e =47 Vage wpe = CH.S e = 2\/5.5.(2J§) =83,
1, 1 83 8[ 16[
Vaasc = §C H 'SAABC = 5'\/ABC.A'B'C’ = T » Vassce =Vascase ~Vaasce = 8\/_ 3

Cho hinh hop ABCD.A'B'C'D’¢6 chiéu cao bang 8va dién tich day bang 9. Goi M,N,P va
Q lan luot 1a tAm ctia cac mit bén ABB'A',BCC'B',CDD'C'va DAA'D". Thé tich cua khéi da
dién 16i c6 cac dinh 1a cac diém A,B,C,D,M,N,P va Q bang
A. 27. B. 30. C. 18. D. 36

Loi giai
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Chon B

Mait (MNPQ) cit cac canh AA',BB',CC', DD'tai A,B,,C,D,. Thé tich khdi da dién can tim 1a
V , thi:
\ =VA15101D1.A'B'C'D' _VA'.QMAi _VB‘.MNBl _VC‘.PNcl _VD‘.QPDl
_89 .V
2 24
=V =30
CAu 27: Cho hinh lang try ABC.A'B'C’ ¢6 chiéu cao bang 4 va day 1a tam giac déu canh bang 4 . Goi
M,N va P 1an luot 1a tAm cta cac mit bén ABB'A’, ACC'A’ va BCC'B’. Thé tich cua khéi
da dién 10i ¢6 cac dinh 1a cac diém A,B,C,M,N,P bang

A 103 B. 83. C. 643. 20V3,
3 3
Loi gidi
Chon C
Céch 1:

B

Chia d6i khoi lang tru bang mit phang (MNP). Khi d6 ta c6 (MNP)NBB'={F} thi
1

VABC.EFG = EVABC.A’B’C’
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Cau 28:

Lai ¢6 Vige e =Vasc.ers ~Venrr ~Vaemn —Venrs

1 11 1

Dé thay VB.MPF =VA.EMN =VC.NPG = ZVABC.EFG = Z'EVABC.A’B’C’ = gVABC.A’B’C'

2
1 1) 3 3.4.4\/5 63

-_= AV — _
ABC.A'B'C’ ABC.A'B'C’
2 8 8

Tirc 13 Vage ve :[

Céach 2

4

423

SABc = T = 4\/5; VABC.A’B’C’ =V

Ha M,,N,, P, 1an luot vudng goc AB,AC,BC,
khi @6 M, N,, P, 1an luot 1a trung diém cac canh AB, AC,BC

Khi d6 Vgemme :VMNP.M1N1Pl +VB.MPP1M1 +VC.NPPlN1 +VA.MNN1M1

X A 1 1 ! A 1 1
Dé thay Sy = —Spac s MMy =Z AA" Nen Vyyo i nm = o Vascase =5V
4 2 8 8
Do déy 1a tam gidc déu nén Vg yeaw, =Venern, =V,
Ta co d(B;(MPRM,)) :%d (B;(ACC'A)) ; y— :%SAOC,A, nén
1 2 1
VB.MPPlMl = gVB.ACC'A' = ggv = EV :

Do d6 V,geume =%v +$v +év +$v = gv =§.4.4@= 6+/3.

Cho lang try ABC.A'B'C" ¢6 chiéu cao bang 6 va day 1a tam gidc déu canh bang 4. Goi M, N,
P 1an luot 14 tAm cia cac mit bén ABB'A', ACC'A’, BCC'B". Thé tich cua khdi da dién 16i c6
cac dinh 13 cac diém A,B,C,M,N,P bing
A. 943. B. 104/3. C. 74/3. D. 124/3.

Loi giai
Chon A
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3 ,
Vascagc = 616% = 24‘/§

The tich can tim 1a V, =V zc yne =Vac mne
Vz =VA'.AMN :VB'.BMP :VC'CNP
:>VABC.A'B'C' = 2V1 +3Vz

1

1 1
SAMN = ZSAB'C' :>V2 = ZVA'.AB'C'

11
= Z'éVABC.A‘B'C' = EVABC.A'B'C'
V,

1
:>VABC.A'B'C‘ = 2\/l + ZVABC.A'B‘C' =

1= _VABC.A'B'C' = 9\/§

CAau 29: Cho ling tru ABC.A'B'C’ ¢6 chiéu cao 1a 8 va day 1a tam gidc déu canh bang 4. Goi M, N va
P 14n luot 12 tAm cta cac mat bén ABB'A’, ACC'A’ va BCC'B’. Thé tich cua khéi da dién 10i
¢6 cac dinh 1a cac diém A, B, C, M, N, P bing

A 1243 B. 1613, C. % D. %
Loi giai

Chon A

Céch 1:

C

Taco V =V geape =8.

2
: ';/g =323, goi h=d(A,(ABC)).
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, 1h V
Taco VMABC = §'E'SABC = E
v _lhSe V.
MWPC 32" 4 24
1 1d(A,(BCCB'))S. .. V.. ..V
VMBCP:_'d(M7(PBC))'SPBC:_ ( ( )) BCC® _ TA.BCCB _ T
3 3 2 4 8 12
Tuong tu V v
MNAC T 75
Vi Y 123
ay VMNPABC =VMABC +VMNAC +VMNP(: +VMBCP = ? =12/3.
Cach 2:
Diic biét hoa cho ling tru ding.
N
I’fl\\\
7/ I .
I’ : \\
M K4 1 AN P
7 1 Y
/s : |
L4 I \\
Yy : \\
/, 1 \\
' 1 \
f’ ! »
y ! A\
,I : hY
AN "",7’!‘: """"""" C
R [ S
/' " \\
E A G
i
I
B

Goi E, F, G lan luot la trung diém caa AB, AC, BC.
Ta c6: Vippeeg = ME.Serg =44/3.

1
Vo mecr = §d (B,(MEGP)).SMEGP =

&/5_

Tuong tu: Vy unee =Vepnee =

3

83

%BF ME.EG == J’42—T

Wl

. f
Vay VMNPABC :VMNP.EFG +VB.MEGP +VA.MNFE C.PNFG ™ 4\/_ 3 _12\/_

Cau 30: Cho lang try ABC.A'B'C" ¢6 chiéu cao bang 8 va day la tam giac déu canh bang 6. Goi M, N
va P 1an luot 1a tdm ciia cac mat bén ABB'A', ACC'A' v BCC'B'. Thé tich cua khéi da dién
16i ¢6 cac dinh 1a cac diém A, B,C,M,N,P bang:

A 2143, B. 2143 C. 3043, D. 3643
Loi giai
Chon A
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Goi Au B1’ C1 lan luot 12 trung diém cua cac canh AA',BB',CC".
Khoi lang tru ABC.AB,C, ¢6 chiéu cao 14 4 13 tam giac déu canh 6.
Ba khéi chép AAMN | BBMP  CCNP déu co chiéu cao 1a 4 va canh la tam gidc déu canh 3

2
6J—4 —-—-4 273

4 3

Cau 31: Cho khéi ling try ABC.A'B'C’ c6 thé tich bang 1. Goi M,N 1lan luot 13 trung diém cac doan
thang AA’ va BB’ . Pudng thing CM cit dudng thang C'A’ tai P, duong thang CN cit duong
thang C'B' tai Q. Thé tich ctia khdi da dién 16i AMPB'NQ bing

1 1

A l. B. —. C. —-. D.g.
3 2 3

Taco: Vg une :VABC_AiBlCI _(VA.ALMN +VB.BIMP +VC.C1NP)

Chon D

, , S
+) Tacé A’ 1a trung diém PC’; B' 1a trung diém QC'. Do d6 Sgp, =4S.ps = ——+ =4.

) Veor = 222V o = Ve o =4 ioc o | =5
) Mt Khe Vg ane =§( o+ Bt S Waosoe = {5+ 5 1 Vv ve =2
D066 Vinporg Ve cro ~Vascme =5 5 =2
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Céau 32: Cho tr dién déu ABCD c6 canh bang a. Goi M, N lan luot 1a trung di€m cuta cac canh AB, BC va
E 1a diém ddi xang v6i B qua D. Mit phing chia khéi t&r dién ABCD thanh hai khdi da dién,
trong d6 khdi da dién chtra dinh A c6 thé tich V. Tinh V.

3 3 3 3
AV = 7+/2a B.V = 11y2a C.V = 13/2a D.V = 2a
216 216 216 18
Loi gidi
Chon B

(MNE) chia khéi tir dién ABCD thanh 2 khoi da dién (H,): AC.MNPQ va (H,): BD.MNPQ

(MNE) cdt AD tai Q, cét CD tai P.
Y v, v,

AC.MNPQ — VE.AMNC — VE.ACPQ

1
Ve jone = 5ol(E, (AMN(:)).SAMNC

_ %d(E, (ABC))-(Suc ~ Siaun)

3 3

1 1
= §d ( E, (ABC))-(SAABC —Z SAABCJ
1
:—3_2.d(D, (ABC))'Z SAABC = EVABCD

1
Ve acrg =5 d ( E, (ACPQ)).SACPQ =3

3 8 1 1142 , 142
VAc.MNPQ :EVABCD _§VABCD :E ABCD :E'Ea :—216 a

1 8
d(B, (ACD)).(Suco — Sworo ) = 3¢ (B, (ACD)).5 Suco = = Vasco

Cau 33: Cho khbi chop S.ABCD c6 day 1a hinh vudéng canh a, SA vudng goc véi day va khoang cach
. , v a2 . .
tr A dén mat phang (SBC) bang T\/_ . Tinh thé tich V cta khdi chop da cho.

3 3 3
Av=2 B.V=a. c.vzaﬁ. D.v=2,
2 9 3

Loi giai

Chgn D

Ké AH vuodng goc SB .

Tacé AH L (SBC) nén AH chinh la khoang céch tir A dén mp(SBC).
1 1 1 1 1 1

AH? SA* ABZ T SAP AHZ AB? &

Taco
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Cau 34:

Céau 35;

3
Suyra SA=a.Thétichcantinhla V = %a.a.a = %.

Cho hinh chép tt gidc S.ABCD ¢6 day la hinh vudng canh bing+/2a. Tam gidc SAD can tai
S vamatbén (SAD) vudng goc véi mat phiang day. Biét thé tich khéi chop S.ABCD bing gae’

. Tinh khoang cach h tir B d&én mat phang (SCD)

A.hzga B.h:ﬂa C.h=§a D.h:Ea

3 3 3 4
Loi giai

Chon B

Goi | la trung diém cua AD . Tam giac SAD can tai S g

=Sl L AD
SI L AD

Taco — Sl 1 (ABCD)
(SAD) L (ABCD)

= Sl la duong cao cuaa hinh chop.

Theo gia

VAN =%.3| Shacp © ga3 =%SI 232 < Sl =2a D c

Vi AB song song véi (SCD)
=d(B,(SCD))=d(A,(SCD))=2d(l,(SCD))

Goi H la hinh chiéu vudng goc cua | 1én SD .

Sl 1 DC IH L SD
Mat khac =IH LDC.Taco = IH 1 (SCD)=d(I,(SCD))=IH
ID L DC IH L DC
. . 1 1 1 1 4 2a
Xét tam giac SID vubng tai | : = + = + =IH===
© g gta IH?2 SI? ID? 4a® 2a° 3

4

= d(B,(SCD))=d(A,(SCD))=2d(l,(SCD))=-a.
(B.(sCD))=d (A,(SCD))= 20 (1,(SCD)) = 2
Trong khong gian Oxyz, cho mit cau (S) c6 tam 1(—2;1;2) va di qua diém A(L-2;-1). Xét
cac diém B, C, D thudc (S) sao cho AB, AC, AD d6i mot vudng goc voi nhau. Thé tich khéi
tir dién ABCD c¢6 gié tri 16n nhét bang
A T2 B. 216 C. 108 D. 36
Loi giai

Chon D
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Cau 36:

D H

I
:
|
|
I
I
I
|
pf———————— - —
“
/
/

B E
Taco: Al =3 +3+3 =33,
Dung hinh hop chit nhat ABEC.DFGH
| 13 tAm mit cdu ngoai tiép ABCD = | 1a trung diém ctia AG = AG =2Al = 63 .
bit AB=x, AC=Yy, AD=12,tacd: AG? = AB? + AC? + AD?
Co-si
=108=x"+y*+2° > 3§x°y*2® = xyz </36° = 216.

Lai c6: Vgep = % Xyz < %.216 =36.

Déu dang thirc xdy ra <> x=y=2z=6.
Vay maxV,g., =36.

Xét khdi chop S.ABC co day 1a tam giac vudng can tai A, SA vudng goc voi day, khoang cach
tr A dén mat phang (SBC)bang 3. Goi « la goc gitta mit phiang (SBC) va (ABC), tinh
cosa khi thé tich khdi chop S.ABC nho nhét.

J3

A. COSazl. B. cosa =—. C. COSa=—2. D. COSO!:E.
3 3 3
Chon B

Goi M la trung diém BC, H 1a giao diém cuia duong thiang qua A va vudng goc véi SM . Ta
duoc:

Goc giita mét phang (SBC) va (ABC) la SMA.

Loi giai

AM_i;SAz 3 ;AM:EBC.
Sina cos & 2
SuyraV, —EAMZSA—L
SABC g ' sina.cosa

Thé tich khéi chép nhé nhat khi sin? a..cos « 16n nhat.
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Céu 37:

Cau 38:

, N A - , . T
Xét ham s6 f(x)=sin’x.cos x = cosx—cos’ X véi 0< x<§

sinx=0

f'(x)=—-sinx+3cosx.sinx, f'(X)=0<
() ) cosx=i§

NG

Suy ra sin? a.cose 16n nhét khi cosa =5

Xét khéi tir dien ABCD c6 canh AB = X va cac canh con lai déu bang 2+/3. Tim x dé thé tich
khéi tir dien ABCD dat gi4 tri 16n nhat.
A.x:\/g B.x:\/l_4 C.x:3\/§ D.x:2\/§

Léi giai

ChonC

Goi M, N lan luot 1a trung diém cua CD va AB .
OCDLMB CD L MN
CD 1L MA CDLAB

Tam giac MAB cantai M nén MN L AB.

Viaco = % AB.CD.d (AB,CD).sin(AB,CD) = = x.24/3.MN.sin 90°

2 x* +(36 - x
NN 32—(5j BB X +(36-x) =33,
6 2 6 6 2
Diu " =" xayra < x=+/36—X* < x=32.

Vay véi X =342 thi V.., dat giatri 16n nhét bing 3/3.

Tac }:CDL(MAB):{

(o2 RN

Cho khéi ling try ding ABC.A'B'C’ ¢6 diay ABC la tam giac vudng can tai A, AB =a. GOc
gitta duong thing BC' va mit phang (ACC'A’) bang 30°. Thé tich ctia khi lang try da cho

bang
A.1a3. B.§a3. C.@a?’. D.QaB.
8 8 2 2
Loi giai
Chon D
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. 1 a’
Dién tich day: S,;. = > AB.AC = 3

. [ABLAC
Ta co: { = AB L (ACC'A')=>(BC',(ACC'A’))=BC'A=30°.
L AA

Khi dé AC’ = AB.COt30° = ay/3 = AA = /AC? — AC” = «/(a\/§)2 _a?—ay2.

2
Viy, thé tich khoi lang tru di cho 1a: V = S,,..AA = a?.a\/_ = 72.a3.
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