Chuong 04
QUAN HE SONG SONG

PHEP CHIEU SONG SONG

Ly thuyét

1. Phép chiéu song song.

Q?_; Pinh nghia:

(a)vé mét duong thing ! cat (P).

» Véi mbi diém M trong khong gian, vé duwong thdng qua M va song
song hodc trung véi [.

» Phép cho twong tng mdi di€fm M trong khong gian véi di€ém M trong

(P) (

duoc goi 1a phép chiéu song song 1én méat phang ) theo phuong l.”
( P) M { Phuong chiéu
& Trong doé: Trén mat phdng theo phuong !:

v Piém M duoc goi 1a hinh chiéu song song cta diém M|

v Mat phang (P) duoc goi 1a mat phang chiéu. A \.M’ \\_ /
A

~~"Cho mat phdng

v 1 goi 1a phuong chiéu
Mit phang chiéu

2. Tinh chat cua phép chiéu song song.

| [

> Tinh chat:
» Phép chiéu song song bién ba diém thdng hang thanh ba diém thdng

" hang va khong lam thay déi tht tw clia ba diém dé.

» Phép chiéu song song bién duong thang thanh duong thang, bién tia
thanh tia, bién doan thang thanh doan thang.

» Phép chiéu song song bién hai duong thdng song song thanh duong
thdng song song hic trung nhau.

» Phép chiéu song song khong lam thay déi ti s6 do dai ciia hai doan
thdng nam trén hai duong thang song song hoac cing ndm trén mot
duong thang.

v
v

KRS
Py

3. Hinh biéu dién ciia mét sé hinh khéng gian trén mat phang.

?; Pinh nghia:

:Z(©)» Hinh bi€u dién ctia mét hinh H trong khéng gian la hinh chiéu song
" song cta H trén mét mat phdng theo moét phwong chiéu ndo dé hodc
hinh déng dang v6i hinh chiéu do.
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D§a, theo tinh chat ctia phép chiéu song song, ta tuan theo cac quy tac khi
vé hinh:
m Néutrén H cé hai doan thdng ndm trén hai duong thdng song song
(hodc trung nhau) thi chiing duoc biéu dién bang hai doan théng
nam trén hai dudng thdng song song (hodc tring nhau).

— — Tisé dé dai ctia hai doan thang nay phdi bang ti s6 dé dai
clia hai doan thang twong tng trén H.

m Néu hinh phang ndm trong méat phang khong song song véi phuong
chiéu thi:
Hinh biéu dién clla mot duong tron thuong la moét elip.
Hinh biéu dién ctia mot tam gidc (vudng, can, déu) la mot tam gidc.
Hinh biéu dién cta hinh vuéng, hinh chit nhdt, hinh thoi, hinh binh
hanh la hinh binh hanh.
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&Céc dang bai tap

0 Dang 1. Xac dinh anh qua phép chiéu song song

—\ Phuon )
= .. ) ,
Dua theo tinh chat ctia phép chiéu song song, ta tuan theo cac quy tac khi vé

hinh:

m Néutrén H cé hai doan thdng nam trén hai dudng thdng song song (hodc
triing nhau) thi chiing duoc biéu dién bang hai doan thdng ndm trén hai
dudng thadng song song (hodc triing nhau).

— — Tis6 dé dai clia hai doan thdng nay phai bang ti sé6 dé dai cua hai
doan thdng twong tng trén H.

m Néu hinh phang ndm trong mat phang khéng song song véi phuwong chiéu

thi:

Hinh bi€u dién ctia mot duong tron thuong la mot elip.

Hinh bi€u dién ctia mot tam gidc (vudng, can, déu) la mot tam gidc.
Hinh bi€u dién cta hinh vuéng, hinh chir nhdt, hinh thoi, hinh binh hanh

1A il hianwhkh Ll

&4 vidu1..
Cho hinh hop ABCD.EFGH Xac dinh hinh chiéu cua 2 ¢
! D
diém A trén mat phang (CDHG) theo phuong BC v 5
a theo phuwong BG. :
L R @
) - H

o Loi giai
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Vi du 1.2.
Cho lang tru ABCABC Goi M 1a trung diém cta AC. Tim hinh chiéu song
(AAB)

than nhirene chidn CB?
o Loi giai

- R 4
cane rna didm CM 1an
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0 Dang 2. Xac dinh hinh bi€u dién qua phép chiéu song song

- P
Cho hinh H trong khong gian.
m Ta goitap hop P’ cac anh M’ cia tat ca nhiing diém M thudc H qua
phép chiéu song song theo phuong ! 1a hinh chiéu song song ctia H 1én

mat phang (P).

m D€ tim hinh chiéu cia mdt duong thang ta tim hinh chiéu clia 2 diém
phan biét trén duwong thdng, hinh chiéu 1a duong thdng di qua hai diém
vira tim duoc.

4 Vidu 2.1.
Cho hinh chép SABC | I 13 trung diém AB,
(1) Goi M.N.E 13n luot 14 trung diém cta 45B.5C Tim anh cia DMNE

ABC)

trong phép chiéu song song trén theo phuong SC.

(ABC)

(2) Tim &nh cta tam gidc MNE trong phép chiéu song song trén
theo nhiroma truna tuvén SI aia DSAB.

....................................................................
--------------------------------------------------------------------
....................................................................
--------------------------------------------------------------------
....................................................................
--------------------------------------------------------------------
....................................................................
--------------------------------------------------------------------
....................................................................
--------------------------------------------------------------------
....................................................................
--------------------------------------------------------------------
....................................................................
--------------------------------------------------------------------
....................................................................
--------------------------------------------------------------------
....................................................................
--------------------------------------------------------------------
....................................................................

--------------------------------------------------------------------

4 Vi du 2.2.
Cho hinh hép chit nhat ABCD-ABCD  Goi O=ACNBD vy O =ACnNBD

Piém M. N 1an luot 1a trung diém ctia AB va CD. Qua phép chiéu song song

(AMD) Y4~ dinh hinh ~rhid11 ~11a tam ~ide
 Loi giai
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0 Dang 3. Bai toan téng hop
P

&4 vidus3.1.

Cho hinh hop ABCD-A'B'C'D' Goi M.N 1an luot 1a trung diém cta CD va

CC' Goi D 1a dudomg thing di qua M déng thoi cat AN va A'B. Goi IJ 1an
IM

Tiwek 13 rinn Aidm ~fa D w4 AN 3 A'B H3+ +inh #H oA H
o Loi giai

{ Vi du 3.2.
Cho hinh hop ABCDABCD' Xac dinh cac diém MN twong Gng trén cac
MA

doan AC.BD’ sao cho MN song sona véi BA” va tinh ti s6 MC”,
o Loi giai
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[yl
Luyén tap

Vg 4
A. Cau héi - Tra loi trac nghiém
» Cau 1. Cho hinh hop ABCDABCD' Hinh chiéu cta tam gidc A BC theo phuong BB
16n mat phdng ABC 13 hinh nao?
A. ADC, B. ADB. c. BCD D. ABC,
» Cau 2. Khang dinh nao sau day ddng?
A. Hinh chiéu song song ctia mot hinh chdp cut c¢6 thé 1a mot hinh tam giac.

B. Hinh chiéu song song ctia mo6t hinh chép cut cé thé 1a mét doan thang.
C. Hinh chiéu song song cua mot hinh chép cut cé thé 1a mét hinh chép cut.

D. Hinh chiéu song song ctia mdét hinh chép cut c6 thé la mot diém.
» Cau 3. Qua phép chiéu song song, tinh chat nao khéng dwoc bao toan?
A. Chéo nhau. B. bong quy. C. Thang hang. D. Song song.
» Cau 4. Trong cac ménh dé sau, ménh dé nao dung?
A. Hinh chiéu song song ctia hai duong thang chéo nhau cé thé song song
v6i nhau.
B. Hinh chiéu song song ctia hai duong thang cat nhau thi song song.
C. Hinh chiéu song song cua hai mét hinh vuéng la mo6t hinh vuéng.
D. Hinh chiéu song song ctia mot luc gidc déu la mot luc giac déu.
» Cau 5. Qua phép chiéu song song 1én mat phang (P), hai duong thang a va b cé hinh
chiéu 14 hai duong thing song song @ vab'. Khi dé:
A. a va b phai song song v6i nhau.
B. a va b phai cat nhau.
C. avab c6 thé chéo nhau hoac song song véi nhau.
D. a va b khong thé song song.

» Cau 6. Cho t diénABCD  Goi G 1a trong tAm cta tam gidc ACD . Hinh chiéu G cla

diém G trén mat phing (BCD) theo phuwong chiéu AB la:

A. Trong tAm cta tam giac BCD

B. Trung diém BC.

C. Trung diém CD.

D. Trung diém Bl véi I 1a trung diém CD

» Cau 7. Cho hinh lang truy ABCABC' | A’ hinh chiéu ctia A trén (ABC)
chiéu song song theo phuwong la dudong thang nao?
A. CC B. CA" c. CA' D. BA’"

» Cau 8. Trén hinh bén dudi, ta cé phép chiu song song theo phuwong d va mét phing
Chiéu(P); ABJ/ CG vy AB=DG, A,B,C,D ,E,G 14n luot 1a hinh chiéu cua

A,B,C.D,EG qua phép chiéu néi trén.

qua phép
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Khi d6, c6 bao nhiéu khdng dinh ding trong cdc ménh dé sau

DG _DG'_, CD' _CD
(i) AB AB | i) DE DE, ii) DG =AB,
A. 0, B. 1. C. 2. D. 3
» Cau 9. Cho hinh lang tru ABCABC | Goi G 1a trong tAm cta tam gidc ABC. Qua

phép chiéu song song duong thdng AA" mat phang chiéu la (ABC) bién G
thanh G'. Tim ménh dé diang?
A. G 1a trong tam tam giac ABC . B. G 1a trung diém cta AB'.
C. G’ 1a tryc tAm tam gidc ABC’, D. G" 14 trung diém caa BC'.

» Cau 10.Cho hinh chép SABCD 34y 1a hinh binh hanh tdm O. Trén canh SBSD lan

SN =—SD
luot 14y diém M. Nsao cho SM =2MB 3 3 . Hinh chiéu cta M'N qua

phép chiéu song song lén mat phang chiéu (A4BCD) theo phuong cua duong
op
thdng SO 1an luot 1a P/Q. Tinh ti s6 OC .
1 3 2
A. 2, B. 2 c. 4 D. 3

» Cau 11. Hlnh bi€u dién ctia hinh chu* nhéat trong khong gian khong thé la hinh nao
trong cac hinh sau?
A. Hinh thang B. Hinh binh hanh C. Hinh chit nhat
D. Hinh thoi
» Cau 12.Trong kh6ng gian, hinh nao khong phai 1a hinh bi€u dién cta hinh chép tam

giac?

» Cau 13.Hinh biéu dién cta hinh hop ABCD.ABCD' 18 theo phuong AB la:
A. Mot tam gidc. B. Mot hinh binh hanh
C. Mot ngti giac. D. M6t luc giéc.

» Cau 14.Cho hinh hop ABCD.ABCD’ Hinh biéu dién cia PACD qua phép chiéu
song song 1én mat phang (ABCD) theo phuwong A'B la

A. Mét tam giac ABC,
B. M6t tam gidc BCT, véi I 1a diém sao cho € 1a trung diém caa DI.
C. Mot tam giac ACD |
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D. Mét tam gidc PCM | véi M 13 diém sao cho C 14 trung diém ctia BM.
» Cau 15.Cho hinh chép SABCD ¢¢ day ABCD 13 hinh thang v6i AB// CD | AB=3CD

Goi M, N theo thtt tw 1a trung diém SB,SC va K 13 giao diém cta duong

SK
thang SP véi mét phang (AMN). Tinh ty s6 SD..
SK 3 SK 1 SK 4 SK
A. SD 5, B. SD 2, c. SD 7, D. SD 3
B. Cau hoi - Tra loi Pung/sai
» Cau 16.Xét tinh dung/sai cia cac ménh dé sau? ]
Ménh dé D;"‘ Sai

(a

)

Hinh chié;u song song cua hai duong thang song song la hai
duong thang cat nhau.

(b
)

Phép chiéu song song bién ba diém thang hang thanh ba
diém thdng hang va khéng lam thay d6i thir tw gifta céc

(c

)

diém.

Cho mat phang (P), dudong thang ! cat (P)Vé diém M
khong ndm trén duong thing I Goi diém M’ 13 dnh cta
diém M 1én mat phang (P) theo phuong chiéu ! cta phép
chiéu song song. Khi do MM song song L

d

Phép chi€u song song lam thay doi ti s6 d6 dai ctia hai doan
thang nam trén hai dudng thang song song hoac trung

)

» Cau 17.Cho
chié

nhau.
u AA"
Ménh dé

hinh 1ap phuong ABCD.ABCD'. Xét phép chiéu song song theo phuong

Sai

(a

)

Hinh chiéu cta € 1én mat phang (ABCD) 1a C.

(b
)

Hinh chiéu cta B 1én mat phéng (ABCD) 1a A

(c
)

Goi Ova O’ 1an luot 1a tAm cla hinh vuongABCD v3

ABCD'. Hinh chiéu cta O 16n mit phing (4BcD) la O'.

(d
)
» Cau 18.Cho

Hinh chiéu ctia AC 1&n mat phang (ABCD) 14 AC.
hinh hép chit nhat ABCDABCD'. Xét cac ménh dé sau:

Ménh de

Sai

Hinh chiéu cta € 1én (4BC) theo phuong chiéu DA’ trong
phép chiéu song song la diém C-

Goi Ova O 1an luot 14 tAm ctia ABCD vy ABCD'. Hinh

chiéu ctia diém A 1én mat phang (4BC) theo phuong chiéu
OO’ trong phép chiéu song song la diém A"

(c

Goi Iva I' 1an luot 1 trung diém ctaAB va AB. Hinh chiéu

» TOAN TU TAM m
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ctia I 1én mat phang (ABC) theo phuong chiéu Al trong
phép chiéu song song la diém A -

d
)

» Cau 19.Cho hinh lang try ABCABC:T y3 I' 1an luot 14 trung diém cta doan AB va

Goi G 1a trong ctia DABC. Goi G’ 14 hinh chiéu caa G 1én

(ABCD) theo phuong chiéu II' trong phép chiéu song
song. Khi d6 G 1a trong tam DABC.

AB

Ménh dé D;“ Sai

(a| AI'//IB

)

(b | Hinh chiéu song song cua I trén mat phang (4BC) phuong

) | AT1a diém C.

(c Trong (ABC ), vé hinh binh hanh ACMI", Suy ra ACMI 14

) | hinh binh hanh.

d DMAA 13 hinh chiéu song song cta DCAA’ theo phuwong Al

) trén (4BC)

» Cau 20.Cho hinh hép chit nhat ABCDABCD"

Ménh dé D;“ Sai

ADCB'13 hinh binh hanh

Hinh chiéu song song ctia A 1én mat phang (BCCEB) qua
phép chiéu song song theo phuong cta duomg thang CD 13
BI

Hinh chiéu song song cia DABD’ trén mat phang (BCCB)
qua phép chiéu song song theo phuong ctia dudong théng
CD" 13 ABBC’

d
)

Hinh chiéu cta hinh hop ABCDABCD' 16n mat phdng

(BCD) theo phuwong AB la mo6t hinh tam giac

C. Cau hoi - Tra loi ngan

» Cau 21.S0 ménh dé nao trong cac ménh dé sau
(a) Phép chiéu song song bién doan thang thanh doan thang.
(b) Phép chiéu song song bién hai duong thang song song thanh hai dudng
thang cat nhau.
(c) Phép chiéu song song bién tam gidc déu thanh tam gidc céan.
(d) Phép chiéu song song bién hinh vuéng thanh hinh binh hanh.

« Pién dap so:
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» Cau 22.Cho tr dién ABCD, M 1 trong tam cta tam giadc ABC. Goi N 13 hinh chiéu

song song cta diém M theo phwong CP 1én mat phing (ABD). Khi do ED

bang bao nhiéu? (Iam tron dén hang phan tram)

. Pién dap so:
» Cau 23.Cho hinh chép SABCD d4y 1a hinh binh hanh tdm O. Trén canh 5B,5D 14n
1

SN
luot 18y diém M, N sao cho SM =2MB v3 37 . Hinh chiéu cia M/ N qua

(ABCD)

phép chiéu song song duomg thidng SO 16n mat phang chiéu
OP

la P’Q.Tinhtis()' oQ

lan luot

« Pién dap so:
» Cau 24.Cho hinh lang try ABCABC' goi I1a trung diém AB. Goi S S 14an luot 1a
dién tich cta tam gidc DABC va hinh chiéu cta tam gidc AAC'1én mat phang
S
theo phwong IB". Khi d6 ti s6 S bang

(A'BC)

« Pién dap so:
» Cau 25.Cho hinh chép SABCD @4y 1a hinh vuong tdm O canh 2. Trén canh SB,SD

|
SN =-8D
1an luot 1dy diém M. Nsao cho SM =2MB vy 3 . Dién tich hinh chiéu

(ABCD)

song song cua tam giac DAMN 18n mat phang theo phuong cua
duong thidng SO bang

« Pién dap so:
» Cau 26.Cho hinh chép SABCD ¢6 day 1a hinh binh hanh, trén canh SA 1y diém M
sao cho MA =2MS5_ Goi O 1a tAm cta hinh binh hanh ABCD . Mét phép chiéu
song song theo phuwong MO 1&6n mit phdng ABCD) hign diém S thanh diém
CN
N Tiss CA bang

« Pién dap so:

Hét

» TOAN TU TAM m
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