Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

DANG 1 Cac yéu to lién quan dén khoi non, khéi tru

Céu 1:

Cau 2:

Céu 3:

Cau 4:

Cau 5:

Cau 6:

MGt hinh ndn tron xoay c6 duong sinh 2a. Thé tich 16n nhat caa khdi non dé 1a
3 3 3 3

167a B 167a C. 4ra . D. 87a .
33 33

VR VR

Cho dwong tron(C) cotam I, bankinh R=a.Goi M la diém nam ngoai (C)va IM =a3; A

A

la diém thugc (C)va MA tiép xtic véi (C); H lahinhchiéuciia A trén dwong thang IM. Tinh
theo a thé tich V caa khéi tron xoay tao bai hinh tam giac MAH quay xung quanh truc IM.

A. Vzﬁmf. B. Vzﬁna“”. C. V:@mﬁ D. Vzgmf.
12 8 27 8

Hinh bén bao gom hinh chit nhat ABCD va hinh thang vuéng CDMN . Cac diém B, C, N
thang hang, AB=CN =2dm; BC =4dm; MN =3dm . Quay hinh bén xung quanh canh BN

ta dugc khéi tron xoay c6 thé tich bang
M 3dm N

2dm

D C

4dm

4 2dm 5

86
3

867

A. 547dm?°. B. Tdm3. C. —dm?®. D. 54dm°.

Biét thiét dién qua truc ciia mot hinh nén 1a tam giac déu c6 dién tich bing a’+/3 . Tinh thé tich
cua khdi nén da cho.
za®3 za®\3 za*\J6 za®3

A V= . B. V= . C.Vv= . D. V= .
2 6 6 3

Cho hinh try (T) ¢6 chiéu cao & =2m, ban kinh day r = 3m. Gia sir (L) 1a hinh lang try déu n
canh c6 hai ddy 1a da giac déu ni tiép duong tron day cta hinh try (T) . Khi n ting 1én v6 han thi
tong dién tich tat ca cac mat cua cua khdi lang tru (L) ¢6 gidi han la:

A. S5=12. B. S=20rx. C. 30r. D. 12x.

Mot khéi nén 1am bing chat lidu khong thdm nuéc, ¢6 khéi luong riéng
I6n ho khéi lwong riéng cua nudce, co duong kinh day bang 4 va chiéu cao
12, dugc dit trong va trén day cuia mot cai cc hinh try ban kinh day a
nhu hinh v&, sao cho day cua khdi non tiép xtc véi day caa coc hinh tru.

D6 nuéc vao céc hinh try dén khi myc nuée dat dén do cao 12 thildy | /. A
khdi non ra. Hiy tinh d6 cao cua nudc trong cdc sau khi dd 14y khdinén . ~—— 7 .
ra.
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Khéi tron xoay

Cau7:

Céau 8:

Cau 9:

Cau 10:

Cau 11:

Céau 12;

Céau 13:

Céau 14:

Céau 15:

w37

2

A. 11,37. B. 11. C. 643. D.

Mot hinh tru cé thiét dién qua truc 1a mot hinh vudng. Biét dién tich xung quanh caa khéi tru
bang 16z . Thé tich V cua khdi tru bang
A V=32r. B.V=64r. C. V=8r. D. V=16rx.

Cho hinh nén tron xoay c¢6 d6 dai duong sinh 1a 2a, géc ¢ dinh caa hinh nén bang 60° . Thé tich
V ctia khéi nén da cho 1a

wa’ 3a°

A.V:T. B. V = z/34°. C.V=nd, D. V= S

Cho hinh vuéng ABCD canh a. Goi N 1a diém thudc canh AD sao cho AN =2ND. Pudng
thang qua N vudng goc véi BN cat BC tai K. Tinh thé tich V cua khdi tron xoay tao thanh
khi quay tr gidc ANKB quanh truc BK la

A. V=Z7za3. B. Vzimzs. C. Vzémf. D. V=E7m3.
6 14 7 9

Cho khdi tru co day 1a cac duong tron tam (O), (O') c6 ban kinh Ia R va chiéu cao 1= RV2.
Goi A, B lan luot 1a cac diém thuéc (O) va (O') sao cho OA vubng goc véi O'B. Ti s6 the
tich caa khdi tir dién OO’AB véi thé tich khéi tru 1a:
A 2. B. L. c. L. D. L.

3z 3z (Y4 4r
Ngudi ta can d6 mot ng cdng thoat nudc hinh try véi chiéu cao 2m , 6 day thanh éng 1a 10cm
. Puong kinh éng 12 50cm . Tinh luong bé tong can dung dé 1am ra 6ng thoat nudc d6?
A. 0,087 (m). B. 0,187 (m). C. 0,57 (m). D. 0,045% (m’).

Cho hinh chit nhat ABCD ¢6 AB=2, AD =23 vanim trong mit phing (P). Quay (P) mot

vong quanh duong thang BD . Khéi tron xoay duoc tao thanh c6 thé tich bang

A 2T B 27, c. 2% p. 2%,
9 3 9 3

Cho mit cau (S) c6 ban kinh 3. Trong tt ca cac khéi tru noi tiép mat cau (S) . khdi try c the
tich I6n nhit bang bao nhiéu?

373 473

B. 4r. C. 3r. D.
2 3

A

Cho hinh thang ABCD ¢6 A=B=90°, AB=BC =a, AD =2a. Tinh thé tich khdi tron xoay
sinh ra khi quay hinh thang ABCD xung quanh truc CD .

3 3 3 3
p T2 g, TN272 c. 77 D. /7%
6 12 6 12

Cho hinh thang ABCD vuéng tai A vd D ¢6 CD=2AB=2AD =4. Thé tich cua khéi tron
xoay sinh ra bai hinh thang ABCD khi quay xung quanh dudng thang BC bang

282 2042 322 5 1042 .
. . T .

A ——r. B. —r. C.—r
3 3 3
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Céu 16:

Cau 17:

Cau 18:

Céu 19:

Céau 20:

Mot khdi tru 6 hai day 1a hai hinh tron noi tiép hai mat do6i dién cia mot hinh lap phuong canh
a.Tinh thé tich V cua khdi tru di cho.
A.V=1a37z. B.V:lag’;r. C.V=dr. D.V:1a37r.
3 4 2
Mot khéi tru c6 hai day 1a hai hinh tron néi tiép hai mat dbi dién cuaa mot hinh 1ap phuong canh
a. Tinh thé tich V cua khdi tru di cho.
A.V:1a37z. B.V=1a37z. C.V=dr. D.V=1a37z.
3 4 2
Cho tr dién ABCD c6 DA vudng goc véi mp(ABC) , DB 1 BC, AD=AB=BC=a. Ki hiéu

V., V,,V, lan luot 1a thé tich cta hinh tron xoay sinh bsi tam gidc ABD khi quay quanh AD,

tam gidc ABC khi quay quanh AB, tam giac DBC khi quay quanh BC. Trong cdc ménh dé
sau, ménh dé nao ding?

A V,+V, =V, B.V,+V,=V,. C. V,+V,=V,. D. V,=V,=V,.

Mot doi xay dung can hoan thién mot hé thdng cot tru tron ctia mot cira hang kinh doanh gom
10 chiéc. Trudce khi hoan thién mdi chiéc cot 1a mot khdi bé tong cdt thép hinh lang try luc giac
déu c6 canh 20 ¢m, sau khi hoan thién mdi cot 1a mot khdi tru co duong kinh day bang 42 cm .
Chiéu cao ciia mdi cot truéc va sau khi hoan thién 1a 4 m . Biét luong xi mang can dung chiém
80% lugng vita va cr mot bao xi mang 50 kg thi twong dwong véi 64000cm’® xi mang. Hoi can
it nhat bao nhiéu bao xi ming loai 50 kg dé hoan thién toan bo hé théng cot da cho?

A. 25. B. 18. C. 28. D. 22.

Pé dinh vi mot try dién, ngudi ta can dac mot khéi bé téng co chiéu cao 1 =1,5m gom:

Phan dudi ¢6 dang hinh tru ban kinh diy R =1m va c6 chiéu cao bang %h;
Phan trén c6 dang hinh non ban kinh day bang R da bi cat b bot mat phan hinh nén ¢6 ban kinh

day bang %R & phiatrén ;

Phan & giita rong c6 dang hinh try, ban kinh day bang %R :

Thé tich caa khéi bé tong bang
A. 2,815m”. B. 2,814m’. C. 3,403m°. D. 3,109m".
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Khéi tron xoay

Cau 21:

Céu 22:

Céu 23:

Cau 24:

Cau 25:

Céau 26:

Cho khdi tru (T), AB va CD lan luot 1a hai duong kinh trén cac mat day cua khoi (T). Biét
goc gitta AB va CD 1a 30°, AB=6cm va thé tich khdi ABCD 1a 30cm® . Khi d6 thé tich khdi
tru (T) la

90773

270

A. 90zcm’. B. 30zcm’. C. 457zcm’. D. cm® .

Cho hinh nén dinh S ¢6 ddy 1a duong tron tam O ban kinh R. Trén duong tron (O) lay hai

diém A,B sao cho tam giac OAB vudng. Biét dién tich tam giac SAB bing R>v2 . Thé tich

hinh nén da cho bang

A ITRS\/H B ﬂR3\/ﬁ C ﬂR3\/ﬂ D 7rR3\/ﬁ
TR N T T

Mot khéi da ¢ hinh 1a mot khéi cau c6 ban kinh R, nguoi tho tha cong my nghé can cit va got

vién d4 do thanh mdt vién da canh c6 hinh dang 1a mot khdi try. Tinh thé tich 1én nhét c6 thé caa

vién da canh sau khi da hoan thién?

3 3 3 3

MGt hinh thang can c6 chiéu cao & va do dai hai day 1a 4, b. Tinh thé tich vat thé tron xoay thu
dugc khi quay hinh thang nay quanh duong trung truc cua hai day.

A. %ﬂh(a2+ab+b2). B. %ﬂh(a2+ab+b2).
C. iﬁh(a2+ab+b2). D.Ca A, B, C du sai.
12

Cho hinh chép S.ABCD c¢6 SA vubng goc véi mit phiang (ABCD), t gidc ABCD la hinh
thang vudéng véi canh day AD, BC. AD=3CB=3a, AB=a, SA =ay/3 . Diém I théa man
AD=3Al, M 1a trung diém SD, H 1a giao diém cua AM va SI. Goi E, F |an luot 14 hinh
chiéu cia A 1én SB, SC. Tinh thé tich V cua khdi non ¢ day 1a dudng tron ngoai tiép tam
gidc EFH va dinh thuoc mat phing (ABCD).

7[0!3 7Z'L13 72'613 3

. B. V= . c.v="%, D.v="%_,
55 25 J5 105

Cho hinh try ¢6 hai déy 1a hai hinh tron (O;R) va (O';R). AB la mot day cung ciia duong tron

A V=

(O;R) sao cho tam gidc O'AB la tam giac déu va mit phang (O’AB) tao véi mat phang chira
dudng tron (O;R) mét goc 60°. Tinh theo R thétich V' ciia khéi try da cho.
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7R gy 3R’ c TR’ 377R
. V=TI V=T e

Cau 27: C6 mot miéng bia hinh chit nhat ABCD véi AB=3 va AD =6. Trén canh AD lay diém E
sao cho AE =2, trén canh BC ldy diém F 1a trung diém BC .

A E D

B F c

Cubn miéng bia lai sao cho canh AB va DC trung nhau dé tao thanh mat xung quanh ctiia mot
hinh try. Khi d6 tinh thé tich V cua ti dién ABEF .

3
9@. cv=2" D. V=2
27T 2 37

Av=C. B.V=
3

Cau 28: Cho hinh chdp tur giac déu S.ABCD ¢ tat ca cac canh bang 3. Tinh dién tich xung quanh cua
hinh nén cé day 1a duong tron ngoai tiép tir gidc ABCD va chiéu cao bang chiéu cao cua hinh
chop.

As =% B 5 N2 C.S =9x. b5 27
xq 2 xq 4 xq a 2

Cau 29: Mot hinh ndn c6 chidu cao 2a, ban kinh d4y a~/2 . Mot phang phéang di qua dinh va tao véi mat
day goc 60" . Tinh dién tich thiét dién.

524 4/3a* 5342 NOYs

A . B. . C. . D. .
3 3 3 3

Cau 30: Cho hinh try c6 tim hai day 1an lugt Ia O va O'; ban kinh d4y hinh try bang a. Trén hai duong
tron (O) va (O') lan luot lay hai diém A va B sao cho AB tao véi tryc cia hinh try mot goc

a3

30" va c6 khoang cach téi tryc cia hinh try bang — Tinh dién tich toan phan cua hinh try da

cho
2

A2 (e1). B I(Be2).  Coad(VBe2). D ZE(VBs)

Cau 31: Cho hinh nén dinh I, duong cao SO va c6 d6 dai dudng sinh bang 3cm , goc & dinh bang 60°.
Goi K 1a diém thugc doan SO théa man IO=§H<, cit hinh nén bang mat phang (P) qua K
va vudng goc véi 10, khi d6 thiét dién tao thanh c diéntich 1a S. Tinh S .

A. Szg(cmz). B. S=rx(cm*). C. S =3z(cm?) D. sz%”(cmZ)
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Khéi tron xoay

Cau 32:

Cau 33:

Céu 34:

Céau 35:

Céau 36:

Céau 37:

Cho hinh nén (N) c6 ban kinh day bang 6 va chiéu cao bang 12. Mt cau (S) ngoai tiép hinh
non (N) cotamla I. Motdiem M didong trén matday cuanon (N) vacach I motdoan bang
6. Quy tich tat ca cac diém M tao thanh duong cong c6 tong do dai bang

A. 6. B. 672 C. 37+/7. D. 47+/6.

Cho hinh nén dinh S, dudng cao SO . Goi A,B 14 hai diém thudc dudng tro day caa hinh nén
sa0 cho khoang céch tir O dén AB bang 24, SAO =30°,SAB = 60°. Dién tich xung quanh hinh

nén da cho bang

3ra*2

A. 27a>+3. B. T C. 4xa*\3. D. 37a4/2.

Cho hinh try c6 truc OO', ban kinh day 7 va chiéu cao h = % Hai diém M,N di dong trén

duong tron day (O) sao cho OMN 1a tam giac déu. Goi H 1 hinh chiéu vudng goc cta O 1én
(O'MN ) Khi M,N di dong trén duong tron (O) thi doan thing OH tao thanh mit xung

quanh ctia mét hinh noén, dién tich S clia mat nay.

2 2 2 2
A.S:gﬁ’” . B.S=9ﬁm . c.5=2F" D. 527"
32 16 32 16

Cho tam gidc ABC cantai A, biét AB=2a vagéc ABC =30°, chotam gi4c ABC quay Xung

quanh duong thang AC duoc khdi tron xoay. Khi dé thé tich khéi tron xoay bang

2ma’
3

A. 2na’. B. 6ma’. C. D. 24°.

M6t hop dung my pham duoc thiét ké c6 than hop 1a hinh tru c6 ban kinh hinh tron day r = 5¢m
, chiéu cao h = 6cm va nap hop 1a mét nira hinh cau. Nguoi ta can son mit ngoai caa cai hop do
thi dién tich S can son la

A. S=80xzcm?. B. S=1107cm?. C. S=160zcm?. D. S$=1307zcm?.

Cho khéi tru c6 ban kinh day bang 4(cm) va chiéu cao 5(cm). Goi T
AB la mot day cung day v

duéi sao cho AB = 4\/§(cm). Ngudi ta dung mit phang (P) di qua

hai diém A, B va tao véi mit phang day hinh tru mot géc 60° nhur -
hinh v&. Tinh dién tich thiét dién cua hinh try cit bsi mat phang (P)

N 8(47[—3\/5)

— (cmz) ) B.
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Cau 38: Mot khéi @6 choi c6 dang khdi ndn, chiéu cao bang 20cm , trong d6 ¢6 chira mot lwong nudéc.
Néu dat khéi dd choi theo hinh H, thi chiéu cao lugng nuéc bang % chiéu cao cua khdi nén.

Hoi néu dat khdi d6 choi theo hinh H, thi chiéu cao k' cua lugng nudc trong khéi do gan voi

Qi& tri nao sau day?

A. 2,21(cm). B. 5,09(cm). C. 6,67(cm). D. 5,93(cm).
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Khéi tron xoay

BANG DAP AN
1.B 2.C 3.B 4.D 5.C 6.B 7.D 8.D 9.A 10.C
11.A 12.C 13.B 14.A 15.A 16.B 17.B 18.A 19.B 20.D
21.A 22.C 23.A 24.C 25.D 26.D 27.B 28.D 29.D 30.A
31.B 32.C 33.C 34.A 35.A 36.B 37.A 38.A
HUONG DAN GIAI CHI TIET
Céaul: ChenB

Cau 2:

Cau 3:

Goi hinh noén tron xoay c¢6 duong sinh [ =2a c¢6 ban kinh day la R va duong cao la & .

Thé tich khéi nén: V = %ﬂth Tacé: R:+1* = da

2 2 472
Ap dung bat dang thic Co si: 4a® = R? + K> _R?+R?+h2 >31/R4h .
472
LR _64 1 o 1673 5
4 27
R2 ) 2'\/7 \/_
Ding thire xay ra khi va chi khi 7:}1 SN Khido V__ _167v3 5.
3

Chon C
Tam giac MAH vubng tai H nén hinh nén dugc tao thanh co
chiéu cao i = MH va ban kinh day 1a r = AH

2 2
Co IHIM=IA> e TH=4 4 _ 4

IM 43 3

o MH=IM—TH = ay3 - = 2%

3 3 M

2 A
AH? :IH.MH—% T“:%
2

Vay thé tich khéi non 1a v Ly 1,20 2 :@mﬁ M B N

3 373 3 27

Chon B

Khi quay hinh trén quanh canh BN ta dugc mot khdi tron xoay
gém mot khéi tru c6 ban kinh day bang 2 dm, chiéu cao bang 4 !
dm va mot khéi non cut ¢6 ban kinh hai ddy 1an luot 1a 2dm va 3

dm, chiéu cao bang 2 dm.

Do d6 thé tich khoi xoay  la A

_ 47[.4+§(47z+97z+\/47z.97r) _ %T” (dm?).

cua tron  xoay la @ AT 2dm.D Ty

V=V __+V

trui non cut
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Céau4: ChonD
Goi dinh cua hinh non 1a S, tdm duong tron day cua hinh nén la
O, AB la mdt duong kinh cta duong tron day. Khi 40 ASAB la
mét thiét dién qua truc cua hinh nén da cho.
AB3
4

Dién tich cua tam gidc ASAB la: =23 = AB=2a.

Bén kinh duong tron day R = % =a; Puong cao cua hinh non la

h=SO=%\/§:a«/§.

Thé tich khdinén da cho 1a; V = %;:th =

zat.a3 _ 2’3

3 3

Caub5: ChenC
Cach 1: Vi (L) 1a hinh lang try déu n canh c6 hai day la da gidc déu ndi tiép dudng tron day cua

hinh tru (T) nén do dai moi canh cia liang try 13 a = 2r.sinZ.
n

Do d6 di¢n tich cia n matbén la S, = nah = Dnrh.sin - =12n.sin %
n n

2 . 27
nr .sm-—
Cong thirc dién tich ctia da gidc déu »n canh, c6 do dai moi canh la a2 1a: s = T”

Nén di¢n tich cua hai day la: S, =2.s = 9n.sin2—ﬂ :
n

Tong dién tich tat ca cac mat cua khoi lang try (L) 1a: S= S+, = 12n.5in~ + 9n.5in 2.
n n

Khi 7 tang lén vo6 han:

. . T . 27 . . T . . 27

lim| 12.n.sin—+9n.sin— | = lim | 12.n.sin— |+ lim| 9n.sin— |=30r.

X—>+00 n n X—>+00 n X—>+00 n

Céch 2: Khi n ting 1én v6 han, hinh lang tru tién dan téi hinh try, do d6 tong dién tich tat ca cac
mat cua cua khdi ling tru (L) bang voi dign tich toan phan cua hinh try (T) va bang
2arh+27r* =307

Cau6: ChonB
Goi V,R,h 1an lugt 1a thé tich khdi try (khdi chtra phan nudc trong cdc), ban kinh ddy cbe va
chiéu cao ctia lugng nudc trong cdc khi chua 1y khdi non ra. Suy ra: V = zR%h (1)
Goi V,,R,,h, 1an luot 14 thé tich, ban kinh d4y va chiéu cao ctia khdi non.

Suyra: V, = %ﬁRlzh1 (2)

Goi V,,h, 1a thé tich lugng nudc do vao va do cao ctia nudc trong coc sau khi da lay khoi non

ra. Suy ra: V, = zR%h, (3)
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Khéi tron xoay

Cau7:

Cau 8:

Cau 9:

Tu (1),(2) va (3) ta co:

V-V, =V, o zR%h- %anzhl — 7R, < R*h - %Rlzhl —R%h, < h, =

Thay R=a,R, =§,h —h, =12 Va0 (4) taco: h, =12

Chon D
Goi ABCD la thiét dién qua truc cua khéi try.

Vi ABCD la hinh vuong nén ta c6: OC = %OO’ =h=2r(1).

Dién tich xung quanh caa khdi tru Ia: S,, =2xrh (2).

Tir (1) va (2) suyra: S =2zrh =4z

Ta co: qu =167 = 4xr* =167 = dnr* =167

Thé tich caa khéi tru 1a: V = zr*h = 22r® =27.2° =167 (don vi

thé tich).
Chon D

Taco I=CB=2a, BCA=30°.
Xét tam gi&c  ABC  wvubng tai

—.—.12=11.
34

1

Rh=_R?h,

RZ

(4)

sin30°= 2B _ T 1 sin30°= 202 =a.

CB | 2
cos30°=%=E:>h=l.cos30°=2a.£=a\/§.
CB 1 2
1 1 N3a

SuyraV==xr’h==ra*.a\3 = )
4 3R V3 3
Chon A
D P,
N
A a B
2
Taco NB=,/a2+4i=a\/E.
9 3
AABN dong dang ANKB suy ra AN _NB _ g
NB KB

Goi M 1a diém trén BC sao cho BM =2MC

B
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Suy ra BM =%;MK =%. Vay V =7m2.§+17m2.% =Z7m3.
3 2 3 3 2 6

Céau 10: ChonC
Thé tich khdi try V, = 7R*hh = 7R*.R\2 = zR*\2

Khéi t dién BO'OA ¢6 BO' 1a dudng cao va day 1a tam giac
vuong O'OA , do d6 thé tich khéi tor dién Ia

1 11 1 J2
V,==S,..0B==-=0A-00"-O'B==RRyJ2.R=~=R®
230 32 6 V2 6
vV, R2 1 1
Vay —== — ==
Vi, 6 aR2 6rm
Cau 1l: Chon A

'
L erren
'

2t

Bén kinh ng cong 1a: R = AB = 5?0 =25cm =0.25m.
Do 16p bé tong day 10cm nén béan kinh phan duoc gigi han bén trong 1a: 7 = AD = 15cm = 0.15m
Thé tich phan bé tong 1a: V = z.h(R* —7* ) = 7.2(0.25" ~0.15%) = 0.08z (1’ ).

Céu 12: ChenC
Céch 1:

G
C A’

Goi A', C' lan luogt d6i xang véi A, C qua BD, G=BC'nAD, G' d6i xting véi G qua BD
. E=AA'nBD, F=GG'nBD = F latrung diém BD.

Goi V 1a thé tich cua khdi tron xoay tao thanh khi quay hinh chit nhat ABCD quanh duong
thang BD.
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Khéi tron xoay

V, lathé tich caa khéi tron xoay tao thanh khi quay tam giac BAD quanh canh BD (ciing 14 thé
tich cua khéi tron xoay khi quay tam giéc BCD quanh canh BD).
V," Ian luot 12 thé tich cua khdi tron xoay tao thanh khi quay ABAE, AEAD quanh canh

BD.
V, la thé tich khdi tron xoay tao thanh khi quay ABGD quanh canh BD.

V,' 1a thé tich caa khdi tron xoay tao thanh khi quay ABGF quanh canh BD.
Taco V,' 1athé tich cua khdi nén dinh B, ban kinh day AE
Tinh dugc AE=—224D  _ 2243 =3,BD=4, BE=1,DE=3.

JAB* + AD? \/22 2 \@)z

=V =%7r.AE2.BE =%7r(\/§)2 —7.

1
Taco V," 1athé tich ciia khdi noén dinh D, ban kinh ddy AE
2
=V = %ﬂ.AEZ.DE = %n(\@) 3=37.SuyraV,=V/ +V  =z+37 =4z,

Taco V,' 1athé tich caa khdi nén dinh B, ban kinh day GF .
Ta chirng minh dugc ABGF ~ BDC' (g — Q).

GF  BF BF.DC' BD.DC' 42 2
=»——=—=GF= =
DC'~ BC' BC' 2BC" 203 A3
2
I’A _liorar-la 2 228
3 373 9
Taco V, =2V, _167 v ay V=2V, -V,=24r oz _ 567
9 9 9
Cach 2:
Goi diém nhu hinh vé&
A F
i
B H L K D

V, lan luot Ia thé tich khoi non, non cut nhan dugc khi quay tam giac ABH va tu giac

AHLT quay BD.
Taco: AH= J_IL_T BH=HL=1.
Ta co: V=2(V,+V,) = 2{% BH.7.AH® +%HL.7Z.(IL2 +IL.AH + AH® )}

B T B e B
3 3 3 9
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Céu 13:

Cau 14:

Cau 15:

Chon B

Goi ban kinh mit ciu 1a R va chiéu cao cua khditrula h=2x>0.
Suy ra ban kinh day tru la r = \/r—xz

Thé tich khéi tru1a V = zr*h = 27(R* —x* )x

Theo bat dang thirc Cauchy ta co:

V? =27 (R* -« )2 2% < 27:2[2(R2 —) e I _l67°R°

3 27
Suyra v LATRA3 Péng thitc xay ra khi va chi khi R? —x* = 2x° < x=%
Vay maxV=M.Véi R=+3 thi maxV =4r.
Chon A

23 D

Goi E 1a giao diém caa AB va CD. Goi F la hinh chiéu vuéng goc cia B trén CE.

Taco: A BCF = A BEF néntam gidc A BCF va A BEF quay quanh truc CD tao thanh hai khéi
nén bang nhau c6 thé tich V,.

A ADC = A AEC nén tam gi4c A ADC va A AEC quay quanh truc CD tao thanh hai khéi nén
bang nhau ¢ thé tich V .

Nén thé tich khéi tron xoay sinh ra khi quay hinh thang ABCD xung quanh truc CD bang:

3 3
2V -2V, = 2%”(CD.AC2 ~CF.BF?) = én[(aﬁ )3 _ [Lj } _7\2za (dvtt).

J2 6

Chon A

2
Tacd: AB=AD=2, BD=+VAB’+ AD? :2\/5, BC=\/AD2+(%CDJ =2\2.

Tam giac BCD vudng can tai Bdo CD? = BD* + BC? v BD =BC =22,
Kéodai ADNBC=E.Ké AF 1 BE tai F.Khid6 AF // BD.
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Khéi tron xoay

Céu 16:

Cau 17:

e\l

D& ching minh: ABCD = ABED, AABF = AAEF, AF = BF :%BD =2.
Thé tich khdi tron xoay sinh ra boi tam gidc ECD khi quay xung quanh duong thang BC bang
2 1an thé tich khéi nén sinh ra bai tam gidc BCD khi quay xung quanh dudng thang BC (béan

kinh déy BD, duong cao BC): V, = 2%7ZBD2.BC - 32?” .

Thé tich khdi tron xoay sinh ra boi tam gidc ABE khi quay xung quanh duong thang BC bang
2 1an thé tich khdi nén sinh ra boi tam gidc ABF khi quay xung quanh duong thang BC (ban

1 42

kinh day AF, duongcao BF): V, = Z.E;r.AFZ.BF = Tzzz.

Thé tich khéi tron xoay sinh ra boi hinh thang ABCD khi quay xung quanh duong thang BC

e v oy v, <282
3
Chon B
Ul
T —
-]_ E B £ P : \'——\_\_‘ (-l
\'/\\.'\/
B
|
!
0 B .
o""' P =T B (
b ‘ D

Goi O la tam cua hinh vuéng ABCD . Ké OE L AB tai E, khi d6 ban kinh ctia duong tron ndi
tiép hinh vuéng ABCD la OE.

Tacd OE=£=E.
2 2

Dién tich hinh tron ndi tiép hinh vuéng ABCD 1a S = 7.0E> = iazﬂ .
Goi h 1a chiéu cao cua khéi tru, khi d6 71 = AA".

Thé tich V cuakhditruddchola V=hS=AA'S= a%azﬁ = ia% .

Chon B
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Céu 18:

Cau 19:

A = .

-
-

” ~ = ( ’
.“ -\\K-/
D C

Goi O 1a tdm cua hinh vuéong ABCD . Ké OE 1 AB tai E, khi d6 ban kinh cua dudng tron ndi

iép hinh vuong ABCD 1a OE. Tac6 OE = % -2

Dién tich hinh tron ndi tiép hinh vuéng ABCD 1a S = 7.OE* = %a% .

Goi h 1a chiéu cao ciia khdi try, khi d6 h = AA’.

Thé tich V cita khéi try da cho 1 V = h.S = AA'S = a&azﬂ - ia% .

Chon A

Quay tam gidc ABD khi quay quanh ADtacd V, = %AD.;rAB2 = %.aﬁ (dvtt).

Quay tam gidc ABC khi quay quanh AB tacé V. _Laprpe? - Z o (dvtt).
23 3

Quay tam gidc DBC khi quay quanh BC tacd V, = %BC.;:BD2 =%.AB.2AB2 =2§a3 (dvtt).

Vay V,+V, =V,.
Chon B

Dién tich ctia mot luc giac déu canh a la:

5= 6(012\/% _3e3 32013
i >

: =600/3 (cm?).

Téng thé tich 10 chiéc cot ban dau 1a V, =10.5.1 =10.600~/3.400 =2,4.10°4/3 (cm®).

Tong thé tich 10 khdi try sau khi hoan thién 1a:
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Khéi tron xoay

2
V, =10.z7*h = 10%.(4—22j 400 = 17640007 (cm”®).

Thé tich vira cAn ding 1a V =V, -V, = 17640007 —2,4.10°A/3 (cm®)

0,8v 0817640007 ~2,4.10°3

= ~17,3106.
64000 64000

SO bao xi mang can dung la n =

Céu 20: ChonD
Thé tich phan khdi try phia duéi: V, = zR? %h =0,57m°.

2
Thé tich phan khéi non cut: V, = ~7| R +| B | 4 RE |22 _7Z 5.
3 2 213 12
RY, 3
Thé tich phan tru réng: V, = 7{2] h =3—Zm3.

Thé tich khéi bé tong: V, +V, -V, ~3,109m> .

Cau 21: Chon A

Goi i, V lan luot & chiéu cao va thé tich khéi try (T) = d(AB,CD) =h(cm).

6VABCD
sin30°.62

= 10(cm).

Taco: V,,., =

%h.sin(AB; CD).ABCD = %h.sin30°.62 =h=

2
=V, = z(%j =907 (cm’).

Céu 22: Chon C
Goi H 1a trung diém cua doan AB.
Nhén thay:
Tam gidc OAB vudng can tai O.
Mit khac: OH L AB, SH 1 AB nén goc giira hai mit phing

(SAB), (OAB) bang ¢ =SHO .

Taco: SAOAB = SASAB

.COSQ = oo R*2.cosp = Cosgo:L.
2 2\/5
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R\2 J’
\ OH 1 ) 1 _R
Ma = = = 2 2R.
cos@ SH 243 = SH o \/_ 2o

= SO =+SH?> -OH? = ’41{2 R\/_

Vay thé tich ciia khdi non bang V = gﬂ'Rz SO = 5

e R4 aR14

2 6

Céu 23: Chon A
Goi chiéu cao cua vién da canh hinhtrula h=2x, 0<x<R

— ban kinh day cua khi tru la; VR? -x* = V = ﬂ(R2 —x2)2x = 27T(R2x—x3).

2
= V'=27(R*-3x")=0 = x* :R—@sz—*/g.
3 3
3
Lap bang bién thién ciia ham s6 V trén khoang (O;R) ta duoc V, = V(Rf] = 4\€’R .

Cau 24: ChonC
Goi E, F lan luot 1a trung diém cia AB, CD.

Theogiéthiét,tacé EBzg, FC=§ va EF=h.Dat SE=x.

ASEB~ASFC2E_EB . X a4 M gy
SF FC x+h b b—a
sp= M b
b—a b—a

Thé tich vat thé tron xoay can tim 1a

2 2
velisrrcr L sppp 1 | b b ah @
3 3 37

ba4 ba4

.(b3 —a3) =%ﬂ'h.(ﬂ2 +ab+b2).

Céu 25: ChenD

Nhan xét: T gidc ABCI la hinh vudng. D& ching minh BC L (SAB) va BI L SC.
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Khéi tron xoay

EA 1 SB
= EA 1 (SBC) = EA LSC.
EA 1 BC
EA 1 SC
= SC L (AEF).
FA 1 SC
2
Trong tam giac vudng SAB co SE_5A =§.
SB SB*> 4
Trong tam gidc SAD c6 H—S.ﬂ.@:l :>H—S=3 :>S—H:§ .
HI AD MS HI SI 4
Trong tam giac SBI c0 §—§=SS—17=2 = EH //BI.Do BI L SC nén EH 1 SC.

Suy ra cac diém A,E, F, H cing thuoc mat phing di qua A va vuéng goc vai SC.
Goi K la trung diém AF .

. |EALEF R . R R L,
Vi = K la tdm duong tron ngoai tiép tam gidc AEFH .

AH 1 FH

SAAC a 3.a\/5 B a\/g

5C NG

1 a\/g

Suy ra ban kinh day ctia khéi nén 1a R = =~ AF = ——

2 25"

Tacod: AF =

Goi O la tdm hinh vuéng ABCI .
SC L (EFH L
Do ( ):> OK 1 (EFH) — Ola dinh caa khoi non.
OK //SC

Chiéu cao cua khdi nén 1a h = 1FC = 1\/AC2 — AF? =14 /2112 —éaz -4
2 2 2 5 J5

2 3
Vay thé tich khéinon 1a vV = L zR2h =1 1. a6 | a _ ma o
3 37 (2v5) V5 1045 A
/

Cau 26: ChonD // n
Pjt do dai canh AB=x (x>0) va M 1a trung diém AB. , " :‘\
o o w3 S
Vitam giac O'AB déunén O'A=0'B=AB=x=>0'M=—. / I 1\

, , 2 = TTTTS
Vi mat phang (O’AB) tao véi mat phang chira duong tron (O;R) géc Aw
B

60° nén O'MO =60°.

Xét tam gidc O'OM vudng tai O ta co: COSO’MOZCC))'—AA//II' Suy ra
O

A;I@ozvf x3

x3 S 4
2

cos60° =

Xét tam gidc OAM vudng & M ¢d: OA* = OM?* + AM* nén

2 2

4 2 16 7
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Cau 27:

Céu 28:

Céau 29:

Do do: O'Mz#zilz va OM =22 ’“/_ J_
Vivay, tacd OO0 =JO'M?> -OM* = 3\/_ E

. . 5 A . K
Viy thé tich khéi tru 13 V = zR? 1 = zR2. iR y 7R 57
Chon B A \ // \
Tir gia thiét suy ra BF 1a duong kinh duong tron day cia hinh tru. ) N \
Ké duong sinh FK, goi O 1a trung diém AK . /N \\

/ \
Goi r la ban kinh day, suy ra 27’(7’=6<:>1’=§. / \\ \
Tt / ———— \\\

bat AOE=« (rad). Trong hinh chir nhdt ABCD c6 AE=2 gk——————- c

@ =2= AOE=g=2-2" _

=1
AE 7

EOK—E , Suy ra tam

giac EOK 1a tam giac déu canh r:E . Goi H la trung diém OK = EH L AK, EH L AB

T
= EH L (ABFK) = d(E,(ABF))=EH = o333
2 21

Dién tich tam giac ABF la S= 1 .AB.BF = 13é _2

2 2 m m
Thé tich khéi ttr dién ABEF 13 V =1 4(E,(ABF))= 19303 93

3 3m 2n 21
Chon D
Hinh nén ¢6 ban kinh cua day la r = AC :i va do dai
duong sinh [=SA=3.
Vay dién tich xung quanh cua hinh no6n la:
S =7Z'1’l=72'.3\/§.3= 9\/57[.
i 2 2

Chon D
Ki hiéu nhu hinh vé

D& thay g6c giita mat phang (SAB) va mit day 1a goc SMO = 60° .
2a . 2a  4a

3’

Xeét tam giac vudng SOM cO6 OM = 2a.cot60" =
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Céau 30:

Céu 31:

Céu 32:

2
Lai c6 AB=2.MB =2OB*-OM? =2, |24 —% = Zf“ @
> AN

/ A 2 B’
Vay S Yovpap=l 42 2N2a 422"
2 2 J3 3 3

AABC —

Chon A
Goi A' lahinh chiéu cia A trén (O');B' lahinh chiéu cia B trén (O).

Khi d6 OO'//AA" nén (AB,00')=(AB,AA')=BAA'=30" (do AABA'
vuong tai B).

Goi I la trung diem A'B. Do 0OO'//(AA'BB') nén

Tacd A'B=2BI=2{O'B*-0'I* =2, |a

00'= AA'= A'B.cot30" = a3 .
Dién tich toan phan: S, =2zrh+ 277> = 2.3 +27a* = 27a° (JE + 1) .

Chon B
Xét tam giac IOF vubng tai O ta co:
EF =20F =2.5in30°.3 =3(cm).

Mt khac thiét dién di qua diém K va vuéng goc véi 10
nén MN // EF .

MN _ IK

Taxettilg: — _IK.EEF 2
EF

© MN="—""—=23=2(cm).
10 0 3

Vay bén kinh cia thiét dign la: KN =2 = 1(cm).
Suyra: S=r.
Chon C

Goi O latdm ciua day. Pat Ol =a= Al =12-a

Dé I 13 tam mit cAu ngoai tiép hinh nén thi JA=1B = V6> +a*> =12—a=>a=4,5
M thudc mat day cach I mot khoang bang 6 = IM =6
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Xét AIOM vubng tai O: OM =+ IM?* —10* =/15,75

Suy ratap hop M 1a duong tron tdm O ban kinh OM . Chu vi la 274/15,75 = 3747.
Céu 33: Chon C

A

Dit OA =R. Goi C 1a trung diém cua AB.Tam gidc OAB céan tai O = OC L AB= OC =2a.
2R

Ta tinh dugc: SA=SB = T.vé AB=2AC =2R*-44>.
3
. ” . |SA=5B 3 4R
Xét tam giac SAB c6 = ASAB déu = SA = AB < —— =4(R* —4a)
SAB=60° 3

:>R:\/ga:>SA:2\/§a.
Dién tich xung quanh ctia hinh nén da cho 1a: S = 7R.SA = 4xa’ J3.
Céu 34: Chon A

- |

Trong (O) k¢ OI L MN tai I. Khi d6 ta c6 MN L(OO'I)=(00'I)L(O'MN). Trong
(OO'I) k¢ OH LO'I tai H = OH L(O'MN) tai H nén H 1a hinh chiéu vuéng géc cua O
lén (O'MN).

3

Tam gidc OMN déu canh r, ¢6 OI la duong trung tuyén nén Of = ——

Tam gidc O'OI vudng tai O, dudng cao OH nén ta co
! 2 vl 2 + 12 _i2+i2=1_62 :>OH=2.
OH" O'O°~ OoI" 9 3r Or 4
0'1=40'0*+0I* =13
' 12

O'OQ=O'H.O'I:>%=%=E.

Ol O 4
Ké HK L O'O tai K tacd KH la ban kinh day cua mat non.
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Céu 35:

Céau 36:

Céau 37;

Tace HK_O'H _3_ 0 3., 33
o O 4 8
2
Dién tich S cin tinh Ia sz;z.HK.OHzﬂ.?’*/grﬁ:gﬁ’ .
8 4 32
Chon A
C
B B
D

Goi D la hinh chiéu vudng goc cia B 1én duong thang AC .

V, lathé tich khdi non tron xoay sinh béi tam giac vudng CDB khi quay quanh truc CD .
v, la thé tich khéi non tron xoay sinh boi tam giac vudng ADB khi quay quanh truc AD .
Khi d6 thé tich khéi tron xoay cantinh 1a V =V, -V, .

Tam gidc ABC cantai A va AB=2a=AC, ABC=30°= CAB=120° va DAB=60°.
Do d6 DB = AB.sin60° =a+/3.

Vay ta co
1 o 1 1 1 1 2
V=-mDB DC-_nDB.DA =-mDB(DC-DA) =-mDB.AC =_m(a3) 24
3 3 3 3 3
=214’
6 cm
Chon B

Dién tich xung quanh phan than hop la: S, =2r5.6= 607r(cm2)

Dién tich xung quanh nira hinh cau la: S, = %.4% 5% = 507z(cm )
Dién tich can son 1a: S =S, +S, = 1107 (cm’).
Chon A
B
A m
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Goi S la dién tich thiét dién, S’ 1a dién tich hinh chiéu cua thiét dién Ién mat phang
day. Khi d6 S’ =S.cos60°.

2 2 ap2
Taco AB=443 = cos AOB=2A *OB —AB _ 1 0B-120°
2.0A.0B 2
5., = ~OAOB.sin120° = 44/3 4(4ﬂ_3@)
= 2 =5 =S0ums ~Soas=—————
1 , 16z " 3
SOAmB Zgﬂ'OA ZT
. 8(ar—33
= 5= > _ ( )
cos60° 3

Céu 38: Chon A

Goi V V lan luot 12 thé tich cta luong nudc trong dd choi va thé tich khdi d6 choi.

Goi h, r lan luot 1a chiéu cao va ban kinh day caa khéi d6. V = %72'7’2}1 .

Xét khéi db choi dat theo hinh H, .

Goi h,, r, lan luot I chiéu cao va ban kinh day ciia khéi non chira lugng nuéc.

Khi d6 ta co: ﬂ:r—1=2:>hl=2h, rlzgr.
h r 3 3 3

Vnuoc 25 1’1 1 :5 °
Xét khéi db choi dit theo hinh H, .

Goi h lan luot 14 chiéu cao va ban kinh day ctia khéi nén khong chira nude trong khdi do

2’r2

choi. Suy ra thé tich cua khdi non khong chira nuéc: V, | = %m’zzhz.

Chy 1

bat: fz—zk:hz =kh, r,=kr.
T
Vy =V =V, =22 h=rlh, =~ wrth == (ke | kb= ~2h(1-K). (+%)
nuoc non 3 3 3 3 3
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. ‘% 8 a1 o s 38 _ 419
Tir (%), (**) suy ra: 817rrh_37rrh(1 k)c>1 k —27<:>k brR

Vay chiéu cao lugng nuoc ¢ hinh H,: i =h—h, =h-kh=h(1-k)= 20.{1_ 3/%J ~2,21(cm)
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