CONG HOA XA HOI CHU NGHIA VIET NAM
Poc lap - Ty do - Hanh phiic

Nghé An, ngay 10 thdng 10 nam 2020

BAO CAO
BIEN PHAPNANG CAO CHAT LUQONG CONG TAC GIANG DAY

Tén bién phap:

Giup hoc sinh dinh huéng cdch gidi mét s6 dang todn tim gid tri Ion nhat, gid
tri nho nhadt thuong gap.

Masodythi:. ... (Pé trong, GVghi ma so sau khi bat tham)

I-LY DO CHON BIEN PHAP
1. Thuc trang

Nguoi xwa ting néi “Hién tai 1 nguyén khi cia quoc gia” vi vay boi
dwdng hoc sinh gioi la bude di dau tién dé dao tao nhan tai cho dat nuwéc, cho dia
phuwong va la nhiém vu trong tam cua toan nghanh giao duc & nuwéc ta hién nay.
Nhiém vu d6 con dac biét hon déi vGi truong THCS Anh Son khi dwgc chon la
mot trong 9 truong THCS trong toan tinh Nghé An lam thi diém xady dung
treong trong diém chat lwgng cao giai doan 2019-2023 theo ké hoach 306/KH-
UBND ngay 23/5/2019 ctia UBND tinh Nghé An. Trong do ty 1é dau hoc sinh
gidi cdp tinh la 70% trd l1én trong tong s6 hoc sinh duy thi, trong s6 dau phai c6
80% trd lén cé giai. Trerong THCS Anh Son la trung tdm gido duc chat lwgng
cao cda huyén Anh Son, nhiém vu boi dudng hoc sinh giéi vira la nhiém vu
chuyén mon vira la nhiém vu chinh tri dac biét quan trong doi véi nha truong.
Cong viéc nay c6 tac dung rat manh mé va thiét thwc dé nang cao trinh do
chuyén mon nghiép vu cda gido vién, tao khi thé hang say vion lén trong hoc
tap cta hoc sinh tir d6 goép phan nang cao chat lwgng gido duc toan dién gop
phan khang dinh tén tudi cia nha treong. La mot gido vién gidng day mon Toan
tai truong trong diém chat lwgng cao truc tiép boi dudng déi tuyén hoc sinh gioi
cho nam hoc 2020-2021, t6i mudn gép mot phan cong sirc cung nha treong thyce
hién thanh cong cac tiéu chi dat ra.

Can c gidi han chwong trinh va cdu tric dé thi hoc sinh gi6i 16p 9 mon
Toéan cia S&@ GD&DPT Nghé An nam hoc 2020-2021. Can c vao ké hoach va
khung chwong trinh boi dudng hoc sinh gidi tinh mon Toan nam hoc 2020-2021
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cua trvong THCS Anh Son da dugc phong GD&DT Anh Son phé duyét trong
d6 c6 mang kién thirc vé tim gia tri 16n nhat, gia tri nhé nhit day la mot trong
nhitng kién thitc kho, nhiéu hoc sinh kha tham chi giéi con gap rat nhiéu khé
khan, Iing ting, khong dinh hwéng dwgce 16i di dan dén lo ngai tranh né. Hon
nita, thoi lwgng danh cho no rat it. Do do, t6i manh dan néu ra bién phap “Gitip
hoc sinh dinh hudéng cdch gidi mét s6 dang todn tim gid tri Ion nhdat, gid tri
nho nhdt thuong gap”. Vi thoi lwgng c6 han va nang lwc con han ché nén toi
chi dwa ra bon dang toan thwong gap cung véi phuong phap x@ ly vGi mong
muon la mot tai liéu nhé gitup hoc sinh d& kho khan khi gap mot s6 bai tim gia
tri 16n nhat, gia tri nhé nhat c6 dang trén.

Qua khao sat 33 em hoc sinh trong doi tuyén hoc sinh gidi 16p 9 nam
hoc 2020-2021 cua treong THCS Anh Son khi chwa st dung bién phap véi dé
bai nhu sau:

Bai 1. Tim gia tri 16n nhat va gia tri nho nhat cta biéu thic:
2x° +6x +6

X“+4x +5
C:

>
Bai 2. Cho hai s6 thuwc duong x, y thbamanx +y 4.
5 9
A =3x+4dy+ o v
Tim gia tri nhé nhét ctia biéu thitc:
Bai 3. Cho cac so thuc duwong x, y, z théa man x +y + z = 2020.
Tim gia tri nhé nhét ctia biéu thitc:

A =2 + Xy +2y° +.J2y° + Y2+ 27 +J2Z + 2X+ 2X°

Bai 4. Cho cac so thuc x, y thbaman x > 1, y > 2.

:Jx- 1, Jy- 2
X y

A

Tim gia tri 16n nhat ctia biéu thitc:

Thi két qua dat dugc nhw sau:

PIEM

Tong
sO Duw6i 3,5 | 3,5-dw6i 5| 5-duw6i6,5 | 6,5-dudi 8 8-10
HS

SL % SL % SL % SL % SL %

33 14 | 424 6 18,2 2 6,1 6 18,2 5) 15,2




2. Nguyén nhan

Qua két qua khéo sat trén cling nhu qua thyc té gidng day va qua trinh 6n thi
c6 thé riat ra dwgc mot s6 nguyén nhan dan dén mic do nam bat va van dung
chwa t6t kién thitc & hoc sinh vé dang toan nay nhuw sau:

- By la dang toan twong doi khé vaGi hoc sinh, hoc sinh chira dugc trang bi cac
phuong phap tim, nén suy luan con han ché va nhiéu khi khong c6 16i thoat dan dén
két qua rat thap va dac biét doi vGi hoc sinh tinh tw hoc chwa cao cac em cang kho
giai quyeét.

- Hoc sinh khong biét bai toan da cho thudc nhitng dang todn nao nén
khong dinh huéng cach giai dan dén sai 1am hoac bé tac.

- Thoi gian luyén tap tim gia tri 16n nhat va gia tri nhé nhat cta biéu thirc
thwong it hoac khong c6 thoi gian, la dang toan khoé nén viéc dwa vao day cho tat
ca hoc sinh trong gio hoc chinh khoa la khong kha thi vi vay hoc sinh chwa cé
thoi gian dé 6n tap, lam bai tap, giai dé thi nhiéu.

- Kinh nghiém gidi todn vé tim gia tri I6n nhat, gia tri nho nhét va tng dung
ctia dang toan nay con it, hoc sinh khong hirng thu khi gap bai toan phitc tap, cac
em thuong co tam ly “bé qua” khi gap dang toan nay.

- Do tac dong cua dai dich Co-vid 19 nén thoi lvgng hoc sinh tham gia hoc
tap tryc tiép tai 16p nam hoc vira qua bi gian doan, thu hep, chwong trinh phai
giam tai, nhap bai, cac ky thi hoc sinh gioi cling phai huy bé nén viéc di sau khai
thac cac dang toan veé tim gia tri 16n nhat, gia tri nho nhat & 16p 8 vira qua dé tao
tién dé cho nam nay la hau nhw khong trién khai dwoc.

3. Yéu cau can giai quyeét

Trong cac nguyén nhan thi ngoai nguyén nhan khach quan la hoc sinh mat
can ban hodc khong thich hoc thi nguyén nhan chti quan la hoc sinh khéng nam
bat dugc phuwong phap giai toan, khong dinh hwéng duwgc cach gidi. Vi thé viéc
day cho hoc sinh nam dwgc phwong phap, hoc sinh nhin thay bai toan biét st
dung cach nao dé gidi la diéu quan trong nhat ctia ngwoi gido vién day toan.

bé gitp cho hoc sinh nam dwgc phwong phap gidi va dinh hwéng duoc
cach lam ctia titng dang, t6i da tham khao cdc tai liéu boi dudng hoc sinh gioi,
cac dé thi hoc sinh gidi qua nhiéu nam va qua mang internet va bang kinh
nghiém cda ban than da nghién cttu, tim hiéu, phan dang tir d6 t6i da tong
hop, xay dung dugc hé thong bai tap phong phi. Vi hé thong bai tap sap xép
theo dang, thong qua cac dang toan nay gidp hoc sinh ty rut kinh nghiém va
hinh thanh phwong phap, rén luyén ky ndng giai, gitip cac em dé dang ghi
nh@, dé dang phan biét va ap dung vao giai quyét cac bai toan dang nay dat
két qua cao hon.



II - MUC TIEU

- Giup hoc sinh nam duwgc cac kién thitc, ki nang, phwong phap tim gia tri 16n
nhat, gia tri nhé nhat ctia 4 dang biéu thirc thuong gap.

- Giup hoc sinh c6 céi nhin sau rong hon vé dang toan tim gia tri 16n nhat, gia tri
nhé nhét cda biéu thitc, d& moéi hoc sinh sau khi hoc xong chuyén dé déu phai
nam chac loai toan nay va biét cach giai chung.

- Ren luyén cho hoc sinh kha nang dinh hvéng, phan tich, xem xét bai toan duéi
dang dac thu riéng 1é. Mat khac can khuyén khich hoc sinh tim hiéu cach giai dé
hoc sinh phat huy dugc kha nang tw duy linh hoat, nhay bén khi tim 10i giai bai
toan, tao dugc long say mé, sang tao, ngay cang tu tin, khong con tam ly ngai
ngung doi v4i viéc giai dang toan tim gia tri 16n nhat, gia tri nhé nhat caa biéu
thirc.

- Ren luyén cho hoc sinh kha nang tw duy, phan tich bai toan, tranh nhitng sai
lam, ngd nhan trong suy luan logic, phat hién va b6i dudng nhitng hoc sinh c6
nang khiéu vé toan khoi ddy niém dam mé va yéu thich mon toan.



III - NOI DUNG, CACH THUC THUC HIEN

1. Nhac lai cho hgc sinh cac kién thitc co ban vé gia tri nhé nhat, gia tri
16n nhat

Cho biéu thic f(x,y...)

Ta n6i M la gia tri 16n nhat cta f(x,y...) ki hiéu maxf(x,y...) = M, néu hai
diéu kién sau duoc thoa man:

Vi moi x,y... dé f(x,y...) xac dinh thi f(x,y...) ~ M

TOn tai Xo, Yo... sao cho f(Xo,yo...) =M

Ta ndi m la gia tri nhé nhat cua f(x,y...) ki hiéu minf(x,y...) = m, néu hai
diéu kién sau duoc thoa man:

Vi moi x,y... dé f(x,y...) xac dinh thi f(x,y...) = m

Ton tai X, yo... sao cho f(Xo,yo...) =m

2. Nhac lai cho hoc sinh m¢t s6 bat dang thitc co ban thwong sit dung khi
tim gia tri nhé nhat, gia tri 16n nhat lién quan dén 4 dang toan

a) Mot so bat dang thirc phu quan trong:

1 1_ 4 1 1,1 1
Yy xey A’y
* Vi 2 s6 duwong X, y: hay
= X=Y

Dau “=” xay ra

l l 1 9 1 11 11
—+—+—= =—(=+=+2)
x y Z X+Yy+2Z X+y+zZ 9XxX y Z
* Vi 3 s6 duwong X, v, z: hay
=Yy =
Dau “=” xay ra
b) Bat dang thirc Co-si cho 2 s6 khong am x, y:
X+Y =2,/Xy (x+Yy)? =4
* Dang tong sang tich: V/_ hay Y xy. Dau “=” xay ra <
X=y
X+ X+
R e .
* Dang tich sang tong: hay -Dau”="xdyra  x=y
{){2 +y?
X+yr=2xy VI3 o

* Dang liiy thtra: hay

.Dau “=" xdyra = x=y



X +1
5 X=1=

= =
* Pdc biét: X" +1=z2x hay 2 .Dau “="xdyra x=1

c¢) Bdt dang thirc Bu-nhi-a-cop-ski :

135, X X5

Y Xy
Cho b0 n s6 ( ) va ( ) bat ki:

3%+, X, + 48, X, <4[(@ + @+ + Q)X X + .+ X

. (@.x X+ X P <@+@B+.+@)E+xX+..+X)
ay

Dau “=” xay ra
* bac biét:

X, B+ X, S ALY, + LXK, <[+ T 4+ PO HE + )

(X, B + B ) =n0EHE +..40E)
hay
X

X, X
1

TS Xy TN = =X

n

.
g [} 2 1
Dau “=” xay ra
d) Bat dang thirc cong mau so:

(con goi la BDPT Svac-Xo hay BDT Bunhiacopski-Cauchy-Schwarz viét tat
B.C.S)

* Dang bo 2 s6 (a; b) bat ky va (x; y) la cac s6 dwong
a’ b*_(a+b)? a b
+ = = —=

X Yy X+y Xy

. Dau “=” xdy ra
* Dang bo 3 s0 (a; b; c) bat ky va (x; y; z) la cac s6 duong

a b & _ (a+b+c) a
— = ©_=

X Vv Z X+y+2Z . )
. Dau “=” xay ra

13y XiXgredX
* Dang tong quat bcf)nsﬁ(ala2 ) va ( vz ) 1a cac s6 duong
%%, & _@+a+.+aF La_a_ _a
X, X, X X FX, Fa X, X, X, X

. Dau “=” xay ra



3. Gido vién cho hoc sinh tiép cdn de bai lan 1 ve 4 dang todn tim gid tri Ion
nhat gid tri nho nhat thuwong gap ma cdc em hay mdc sai lam va liing tiing
tham chi bé tac khi gidi quyeét:

ax’ +bx+c

A=
dx’ +ex +g

Dang 1: Biéu thitc 1a phan thitc dang
3x° - 8x +6

2
P X“-2x +1
Bai 1: Tim gia tri nhé nhat ctia biéu thitc: A =

3x* +14x +15
X +4x+4

Bai 2: Tim gia tri 16n nhat cda biéu thitc: B =
2x° +6x +6

X +4X +5

Bai 3: Tim gia tri 16n nhat va gia tri nhé nhat cua biéu thic: C =

A:a{+by+§+g

-~ 7, y 7e® N 7 ~
Dang 2: Biéu thitc dang (vGi a, b, ¢, d 1a cac s6 thuc cho
tredc va X, y la bién théa man hé thitc cho trudc)

>
Bai 1: Cho hai s6 thyc dwong x, y thdoaman x +y 4. Tim GTNN cua biéu thirc:

A :555)-{+-’-1},,f+§+E
Xy

7
xX+y 25
Bai 2: Cho hai so6 thyc dwong x, y théa man . Tim GTNN cua biéu thirc:
BZISK +l[]j,f+i E
3 32Xy
3
X4 v+ 2 55
Bai 3: Cho a, b, c la cac s6 duong théa man . Tim GTNN cua biéu

thie:

3 9 1
C=x+y+z+—+—+—
4x 8y =z




A =M +nxy + My +,my* + nyz + mz + g’ + rex+ mx?
Dang 3:
(v6i m, n la cac s6 thuc cho truwdc va x, y, z la bién théda man hé thitc cho
trueée)
Bai 1: Cho cac so thyc duong x, y, z théa man x + y + z = 2020. Tim GTNN cta
biéu thitc:

A =\,!2}{2+}{y+2y2 +\/2y2+ yZ +27° +~J2Z + 2¢+ 2%

Bai 2: Cho cac so thyc duong x, y, z théa man x + y + z = 2020. Tim GTNN ctia
biéu thtc:

B =\/5%° +4Xy + 5y + /5y + dyz+ 52° + /52 + 42X + 5¢°

- . . _ Na+l+y/b+1+\Jc+1=6
Bai 3: Cho cac so thyc duong a, b, ¢ thda man . Tim

GTNN cua biéu thirc:
C=va+ab+b +b?+bc+ @+ +ca+a

Dang 4:

Bai 1: Cho cac so thuc x, y thoa man x > 1, y > 2. Tim gia tri 16n nhat caa biéu
thirc:

Z-Jx- 1+\/y- 2
X y

A

Bai 2: Cho cac so thyc x, y théa man x > 1, y > 1. Tim gia tri nho nhat cia biéu
thire:

2
g=X .Y

+

y-1 x-1

x=l; y=9;,z=25
Bai 3: Cho cac s6 thuc x, y, z théa man . Tim gia tri 16n nhat
cua biéu thitc:
_ _9 _
_Vx-1 . JY N JZ- 25
X y Z

C

Cac hinh thivrc ma ban than da sit dung dé hoc sinh tiép can deé bai la:
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a. Giao bai qua mang Zalo: Pdng trén nhém Zalo

(Do bdn than lam qudan tri vién)
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06:25 Gd

£ Toan 9 - Nang cao
33 thanh vién

Bui Xuan Tr_l.rcrﬂg _ _ g3 -
4 Dang toan tim GTLN, GTHNM thuong gap. Cac em dan i
F o
™ ™
L R
MR P Cho cie s fhiss 5 3 (hdas paiic A . % §. Then g trj shi slelit cos bl S
="
=" W 1
M F: Cho cie 2 fhiss &, % (b sl A . % 1. Tie ghh in) s ol ol hifu Briic
C = -
T =1 =
A el
e o
e -

4 Dang toan timm GTLN, GTNN thudng
gap. Cac em danh thdi gian nghién cdu
gidi. Nhirng khé khan vudng mac thay
sé hudng dan sau.

Xem thém
5:?' Ban ghim mét tin nhdn. Xem tin nhan gbec

25) Tin nhan, @ coo ,Q; -

b. Giao bdi qua mang xd hoi Facebook: Pang trén nhom Facebook

(Do bdn than lam qudan tri vién)
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TOAN THCS ASNA -

NHOM CONG KHAI - 884 THANH VIEN

a1 T 2 PRD

Phong hop mat Anh Su kién File Album

Ban viét gi di...
Bt Phat tryuc tiép 1Ed Anh Ex Phong hop mat
Chi dé bai viét pho bién >
PE THI VAO LOP 10
BAT PANG THUC VA CUC TRI

PE HSG TOAN 9 PHUONG TRINH VO TY

PE HSG TOAN 8

Xem tat ca

I ) <
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17:05 Ld

« 3 TOAN THCS ASNA

el all 47% =

Q ©

Bui Xuan Truong cung vdi Diéu Linhh  °°°

*.% va 3 nguvoi khac.

@ Quan tri vién + 5 ngay - Cong khai

4 Dang toan tim GTLN, GTNN thudong
gap. Cac em danh thoi gian nghien
curu dua ra 1oi giai. Nhirng khoé khan
vuéng mac cliing nhu 16i giai hay dé lai
& phan comment thay sé hudéng dan

giai dap, nhan xét nhé!

Ngoai ra ciing xin su doéng gop y tuong tir cac

thay cé giao. Xin cam on!

TRUONG THOS ANH SON BAL KEEAM TRA KELAO SAT CHU DE TIM GLA T LON
—p NULAT. GIA TR NHO NHAT CUA BIEU THLUC DANG
PILAN THILCC
[ TLAN | (DANG 1) e
Mg va ten HS: Lo
—
DE RA:
LT s
Bl 1: Thn gid ) oled ahdt et biew thine: A =
N
3 14w
PAd 22 e gih tr) b nlalhe ol it thiiee: Y T 2
Vel e
Wl 4: Tim gid ) lom nluit va gia tn) nho nhdt caa biew thise: € -
AN GEAN: P —

I O
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c. Giao bai va té chirc day hoc qua hé thong VNPT E-Learning - nén tding hoc
va thi tryc tuyén — vnEdu véi su ho trg’ cia phan mém Zoom

08:28 N =l 27% 82

LLL]

) A c2anhson-as.Ims.vnedu.vn/r ()

CONG HOC LIEU & THI TRUC TUYEN
VNPT E-LEARNING

> @
# Trang chu
= Quan tri khoa hoc
(= Quan ly thi v2

i Kho hoc liéu

Xin chao, Bui Xuan Truong 08:28:12 29/09/2020

Bui Xuan Truong

Thona tin tai khoan mid: 3

I O <
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08:29 Ld

O A c?anhson-as.Ims.vnedu.vn/r @

CHUYEN
PE TiMm
GIA TRI
LON
NHAT,
GIA TRI
NHO
NHAT
cUA
MOT sO
DANG
BIEU
THUC
THUON
G GAP

Danh

Cau

mu&hdohinh

J L0 4T QI

Q 3Qg " A T o

(o B o R M

00 I3 00

i35
Bat
dau:
00:00:
00
20/08
/2020

B
Két
thiuc:

23:509:

00
20/05
[2021

16

i

e all all 27% 2

Thong
Pe tin Thao
cucokiwac tac
& Ngay D
S tao:
6 22115
c 31
h  28/0
Y g9/20
9 20
n .
Nguo
fn i tao:
u Bui
e Xuan
: Trudn
B g
S
O
h
o
c
|
i
e
u
<



08:30 &4 Nt =gl 27% 8B

{0 A cZanhson-as.Ims.vnedu.vn/r ()

CONG HOC LIEU & THI TRUC TUYEN
VNPT E-LEARNING

> @
# Trang chu
= Quan tri khéa hoc

> Danh sach khéa hoc

» Danh muc khoa hoc

& KHOA HOC » CHUYEN BE TIM GIA TRI LON
NHAT, GIA TRI NHO NHAT cUA MOT SO DANG
BIEU THUC THUONG GAP

Hoc vién Tai lieu

Thoéng ké/ bao cao

Tén khéa hoc (*)

CHUYEN BPE TIM GIA TRI LON NHAT, GIA TR| NHO P

I O <
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08:31 & & el all 27% B
) A c2anhson-as.lms.vneduwvn/r (O) :

CONG HOC LIEU & THI TRUC TUYEN
VNPT E-LEARNING

>0 @
# Trang chu
™= Quan tri khéa hoc <

> Danh sach khoéa hoc

 Danh muc khoa hoc

£ KHOA HOC » CHUYEN PE TiM GIA TRI LON
NHAT, GIA TRl NHO NHAT cuA MOT SO DANG
BIEU THUC THUONG GAP

Hoc vien Tai lieu
Thong ké&/ bao cao

Cac chuong muc

Tim kiem chuong muc Q

1_l|_lld: 3

I O <
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08:37 R & N =l 27% B

> A c2anhson-as.lms.vneduwvn/r (O) 2

PE KIEM TRA KHAO SAT LAN 1

Tim kigm hoo lieu.. x

# Tham mdai hoco liéu ~

Hoc Thong
# lieu Loai tin Thao tac
1 ot - =
Kl piray
E tao
M .
TR ov:
A o8
K a4
H 28
x J0
aQ/
D_ 20
SA 20
T~... Ng
LA i
N tao
1 :
Kh Tru
a0 on
g gb
x.a
s.N
an
2 Lo 9 o B
> ¥
TO tao
A :
N 08: mid: 3
I O <
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4. To chirc khdo sdt truc tiép 1 buoi tai I6p hoc: Pho t6 dé bai cho hoc sinh

Keét qua bai kiém tra khao sat lan 1:

PIEM
Tong
6 Duw6i3,5 |3,5-du6i 5| 5-dugi6,5 | 6,5-dudi8 8-10
HS
SL | % | SL | % | SL | % | SL | % | SL | %
33 0 0 0 0 8 | 242 | 10 | 30,3 | 15 | 455

Do truéc khi lam bai khao sat truc tiép tai 16p hoc cac em da dugc tiép
can, trao doi, hoi dap twong tac hwdng dan qua Zalo, Facebok, dac biét la day
hoc tryc tuyén nén két qua c6 cao hon so véi bai khao sat lan dau tién. Tuy
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nhién dé giup cac em hiéu r0 hon, sdu hon, nam chac hon gitip cac em dinh
huwéng cach gidi cia cac dang toan nay ban than t6i dya trén lich phan cong cta
nha truong da tién hanh day hoc truc tiép tai 16p hoc. Cu thé tirng dang nhw sau:

5. Bang hinh thitc day hoc truc tiép tai I6p hoc t6i co gang truyeén tdi dén hoc
sinh nhitng noi dung duéi dady.

DANG 1
TiM GIA TRI LON NHAT VA NHO NHAT CUA PHAN THUC

_ax’+hx+c

A 2
dx” +ex+g

Trong dé x la bién; a, b, ¢, d, e, f 1a cac s6 da cho va gia tri cia A dugc xac
dinh

I - Truong hgp mau thitc viét dugc dudi dang dx*+ ex + g = (ux + v)?

3x’ - 8x +6

2 -
Bai 1: Tim GTNN cua biéu thic; A = X"- 2x+1

Gido vién cho hoc sinh nghién cita o1 gidi
Gidi: DKXD ctia phan thitc 13 X 71

3T -8x+6 _2(x7- 2x+D)+x7- 4x +4

Ta b A X’ - 2x +1 X* - 2x+1
SR
(x- v X #l
V01 Mol

¢ = (=t
Dau “="xayra x-2=0 x=2(TM bK)
Vay GTNN cua biéu thitc A bang 2 dat dwoc khi x = 2.

Phan Ién HS khi doc loi gidi khéng hiéu dugc dwa vao co s nao ma lgi tdch
nhw vdy. Sau ddy la mét s6 cdch gitp HS nhanh chéng tim ra 10i gidi.

Cach 1:
_3x°-8x+6

A 2
X - 2x+1

Ta co:
o AxX - 3x"- 2AxX +8x+A-6=0
o (A-3)x?- 2A-4)x+A-6=0 (1)

o A(x’- 2x+1)=3x"-8x +6

N AT3T0S A3
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* Néu A-3#0= A#3 khi dé chia ca 2 vé cua (1) cho A-3 ta cé:

2 A4 A-6_
A-3 A-3

'A-4]+ A-4]2_'A-4]2 A-6
A-3) [A-3 A-3] A-3

o X - 2X.

] (A- 3)2
- = =
Vi VT Z0nén VP 20 = Z—Dﬁﬁ—z(**)

So sanh (*) va (**) ta c6 A = 2 la gia tri nhé nhat cia A

Cach 2:

2-
A:wamf- 2x +1) =3x* - 8x +6
. X" - 2x+1

Ta co:
o Ax’ - 3x°- 2Ax +8x+A- 6=0
o (A-3)x2- 2A-4)x+A-6=0 (1)
N A3 ASS
gy A 370 A#3

=[-(A- 4)]"- (A- 3)(A- 6) =A- 2
Xét

"> - = =

DE pt (1) c6 nghiem thi & =0 © A7 2=V A=Z
So sanh (*) va (**) ta c6 A = 2 1a gia tri nhé nhat cia A

Nhuv v@y hoc sinh cé thé dung mét trong 2 cdch trén dé lam co sé phdn tich ti
cua phdn thitc da cho tir dé nhanh chéng gidi quyét dugc bai todn ddt ra.
Ngodi ra doéi véi dang nday gido vién co thé hwéng dan hoc sinh bién doi nhu
sau:

_ax’+bx+c

, (ux + v)* o
Dé tim GTLN hodc GTNN cua phan thirc dang ta bién doi nhv

sau:

- Viét tir thitc dudi dang a(ux +v )’ + p(ux +v ) + q (p, qld hdng s6 )
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1
ux +v

ax’ +bx +c 1
————=a+p. +

) i dx” +ex+g ux +v
Dovaytaco: A=

1

e ux+v ., " A .
- Néuddtt = , bai todn dua vé dang quen thudc tim GTLN, GTNN cta gx’
+ px + a, néu khong ddt thi bién doi truc tiép nhu trén.

Ap dung déi véi vi du trén ta cé:

PKXD ciia phan thic 13 X *1

- 8x+6 X7 -2x+1)- 2(x- D41 _3(x-1)? - 2(x - 1) +1

z_ X - 1) x - 1)
Ta co: A X" - 2x+1 ( ) ( )
2 ( 2
—3. L, 1t |1 ]-z_i.1+12+2=—-1 +222
x-1 (x-1) x-1 x-1 X -
Ll-l:o
Déu “=” xdyra “ x =2 (TM PK)

Vay GTNN cua biéu thitc A bang 2 dat dugc khi x = 2.

3x* +14x +15

‘+4x+4
Bai 2: Tim GTLN cua biéu thitc sau: B = X X

Duw doan curc tri
Cach 1:

Ix* +14x +15
= —

T Bx”- 3x” +4Bx - 14x+4B- 15 =0
X"+4X +

B

Ta co:

o (B- 3)x* +(4B- 14)x +4B- 15 =0 (1)

neg BT3=0= B3,

B-3#0< B #3
* Néu “ khi do chia ca 2 vé cta (1) cho B-3 ta c6:
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, 4B-14  4B-15
+ + =

= X X 0
B-3 B- 3
, 2B- 7 '213-?]2 '213-?]2 4B- 15
o X+ 22X + — -
B-3 | B-3 B- 3 B-3
l’ 23-?]2 -B+4
= | X - =
B-3) (B-3)
- = =
ViVT Z0nenvp Zo = "B A0S B,
So sanh (*) va (**) ta c6 B = 4 la gia tri 16n nhat ctia B
Cach 2:
2
=X *1X*LS B 3x?44Bx- 14x+4B- 15 =0
. X" +4x +4
Ta co:

o (B- 3)x? +(4B- 14)x+4B-15=0 (1)

B-3=0< B=3

* Néu *)
«Ngy BT 370 B#3

A'=(2B- 7) - (B- 3)(4B- 15) =-B+4
Xét

"= - = =
D& pt (1) 6 nghiém thi & =0 "Br4=0=B=4

So sanh (*) va (**) ta c6 B = 4 1a gia tri 16n nhat ctia B

Qua cdc cdach du dodn cuyc tri trén thi ta cé dé dang dwa ra loi gidi nhu sau:

Gidi: DKXD cta phan thitc1a X7~ 2
3x° +14x +15 A Ax+ ) - (X +2x+])
) X +4x+4 (x° +4x+4)°
Taco: B =
_4(x +2)°- Ex+l}2 4. (x+1 2£4
(x+2) X+2

~ . +1=0 =1 . .
Dau “=” xay ra =X =X (thoa man BKXD)

Vay GTNN cua biéu thitc B bang 4 dat dugc khi x = -1.

1
ux +v

ax’ +bx +c

—————=a+p. +
o . dx” +ex+g Ux +v
Cach 3: Bién doi B ve dang B =
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Gidi: DKXD ctia phan thitc1a X7~ 2

3x* +14x+15 X +HAx+ A +2x+2)-1
2 B x+2)
Tace:p = X tax+d (x+2)
2
3+ 2. L N —+ 2. L d-1+4
B (x+2) |x+2 (x+1) x+2
2
- L -1 +4 <4
o lx+2
1
2-120«‘:: 221«::-:{:-1
Dau “=” xay ra o ox X+ (thoa man BKXD)

Vay GTNN cua biéu thitc B bang 4 dat dugce khi x = -1.

II - Truong hgp mau thirc viét dugc dudi dang dx*+ ex + g = (ux + v)> + m
(v6i m la hang s6 dwong)

2x° +6x +6

x*+4x+5

Bai 3: Tim GTNN va GTLN cua biéu thirc: C =

Duv dodn cuic tri:

_2x"+6x+6

C= 4x+5
+4x +
Cach 1: Ta co: X X

& (C- 2)x* +#2(2C- 3)x+5C- 6 =0 (1)

o Cx* - 2x* +4Cx - 6x+5C- 6 =0

C-2=0=C=2

* Néu (*)
*NéuC-Ziﬂmciz khi dé chia ca 2 vé cua (1) cho C-2 ta c6:
;2. 2A20-3) 5C-6_,
C-2 C-2
, 2C- 3 ['2(:-3]2 '2(:-3]2 5C- 6
= X - 2.X. + = -
c-2 | C-2 C-2 C-2
2c-3]2 -C? +4C- 3
= | X- =
C-2 (C- 2)

25



> ~ =2-C'+4C-3=20= (C-D(B3-C)=0=1=C =3
ViVT O0nén VP 0

2x° +6x +6
—— -

- Cx” - 2x" +4Cx- 6x+5C- 6 =0
X +4x+5

C
Cach 2: Ta co:

o (C- 2)x* +2(2C- 3)x +5C- 6=0 (1)

C-2=0=C=2

* Néu *)
«Ngy C7 270 C#2

A'=(2C- 3)’ - (C- 2)(5C- 6) =-C*+4C- 3
Xét

bé pt (1) c6 nghiém thi
A'z20= -C°+4C-3=20< (C-D(B3-C)=0=1=C <3

Qua cdc cdach du dodn cuyc tri trén thi ta cé dé dang dwa ra loi gidgi nhu sau:

X* +4x+5=(x+2)"+1>0
Gidi: Vi vOi moi X nén phan thitc B xac dinh vaéi
moi X.
22X +6x 46 L(xP+4Ax +5)+ (X7 +2x +1) _ N (x+1)°
X° +4x+5 X° +4x+5 (x+2)°+1

C
+)
Dau “=” xdy ra
Vay GTNN cua C = 1 dat dugc khi x =-1

C2X7+6x+6  3(x7+4x+5)- (x" +6x +9) _3. (x +3)°
X* +4x+5 X° +4x+5 (x+2)" +1

o x+l=0s=x=-1

+)
Dau “=” xay ra
Vay GTLN cuaa C = 3 dat dugc khi x =-3

o Xx+3=0<=x=-3

z
ax- +bx +c
A=

. o ] o T dxX’ +ex+g
Nhan xét: bé tim GTLN hodc GTNN cua phan thirc dang

(ux+v) +m
Trong dé madu thirc viét dugc dudi dang (V&i m la hdng s6 duong)
GV nén hudng dan HS diing cdch 1 hodc cdch 2 dé du dodn cuc tri dé cé cdn cir
trinh bay loi gidi va can luu y HS phdi nam vitng cdch viét mét biéu thifc thanh
binh phuong ctia mét tong hodc binh phuong ctia mét hiéu; cdch quy dong phan
thitc; cdch phan tich da thitc thanh nhdn tir bang phuong phdp tdch cdc hang ti.
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DANG 2

TiM GIA TRI LON NHAT, GIA TRI NHO NHAT CUA BIEU THUC
A=ax+by+ §+ d
DANG y (véi a, b, ¢, d la cac s6 thuc cho trwdc vax, y la
bién théa man hé thirc cho truéc)

Bai 1: Cho hai s6 thuc dwong x, y théa man x +y =4,

A=3x+4y+ ; + E
Tim GTNN cua biéu thirc: y

* Phan tich: Nhiéu HS mac sai lam nhu sau:
Ap dung BT Cb6-si ta c6:

3}(+E

| 9
v+ >
}{+ y +

y

A 3){+4y+5+§_

32\[3;:; +2 \/43;.? =2./15+12

=2
X

= -4}{:E<::a

y
X,y=>0

=
Il
wluw

N W

y

Dau “=” xdy ra

N A~ ~ > N Z'J]'_5+12 . 3 y EN ~
Va két luan GTNN cua A la dat duoc khi ma quén

diéu kién ctia GT cho 1a x + v —4
Giao viéen cho hoc sinh nghién ctu 10i gidi:
Gidi: V&i x,y > 0 ta co:

5 9

A 3x+4y+ += =
y

5 5X

_+_
X

=2 E5_X+2 E%-’r
d Jy 4
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4
2524224 % Solixty 24

Bl

Dau “=” xay ra
Vay GTNN cua A la 21 dat dugc khix =y =2

Phan 16n HS khi doc loi gidi khong hiéu duwoc dva vao co sé nao ma lai tdach
nhu vdy. Sau ddy la mét s6 cdch gitp HS nhanh chéng tim ra 10i gidi.

Lap bang dy doan diém roi:

(X y) (1;3) (2;2) (3;1)
A 23 21 ~23,67
Phdn tich
Duwa vao bang trén ta du doan duwgc GTNN cta A la21 khix =y =2
>
Tt d6é can ghép X v6i mx dé khi ap dung BDT Co-si thi dau “=" xay ra khi x=2
5 5 5 5X
2-mEE My X 4
Tirc . Nhu vay ta c6 nhom thit nhat = +
9
9 =Nn2<n :g y %
Twong tw , ta c6 nhom thit hai = +
5X x 7y 7
G 4. 44 gy
Nhom conlaiséla3x+4y—-( + )= ~+ = nhom con lai xuat

hién thira s6 x + y nhw gia thiét nén tir do ta c6 10i gidi ding nhu trén.

e Nhan xét: Dé tim cuc tri ctia nhitng biéu thitc dang nay GV can nhan
manh cho HS tranh sai lam nhw cach phan tich trong vi du 1. Dya vao hé
thirc lién hé gitra x va y dé 1ap bang dw doan diém roi va luwu y hoc sinh
diém roi khong phai bao gio ciing 1a cac s6 nguyén ma c6 thé la s6 thap
phan; phan s6; so vo ti; ...
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x+y2Z
Bai 2: Cho hai s0 thuc dwong x, y théa man 2 .
po13, 10y 10
] 3 3 2x y
Tim GTNN cua biéeu thirc:
Ldp bdang dv dodn diém roi:

5 3 1 1 3 5
wn (s3] (=) () |5 (139 |3
B ~16,77 | ~19,92 32,83 | "16,17 |18 723,37

Phdn tich
1o,
B, =1667 *T¥V7
Duva vao béng ta thay khi
1
— =mx X :E =>m=2
+) Can c6 ma
2i +2x % =2x+ ??x
~ Ta ghép duoc cap X . Do d6 can tach va
9 =
y —ny y =3=n=1
+) ma
9
~ Ta ghép dugc cap Y tach duoc
Tt d6 ta co 10i gidi nhu sau :
Loi giai
:&+m_y+i+g: i+2x + _+}: +?_x+?_y
3 3 2x y |2 3 3
i i— 2x +2 / V¥ — (x+y)
>21+23+2.2 =Y 667  x4y>’
32 6 . 2
(v )
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L =2x
2x
9
y & 2
X+y =7 I
: x,y>0
Dau “=” xdy ra khi
13
B_=1667 *~p¥7
Vay khi

Tuy nhién cé nhitng bai diém roi la cdc s6 thdp phan v6 han tuan hodn
hay la nhitng s6 vo ti tham chi c6 nhitng bai ta khong thé dy dodn duogc thi ta
gidi quyét nhu thé nao?

Ta dung phuong phdp hé s6 bat dinh nhw sau:

Badi todn tong qudt: Cho x, y la cac s6 thuc dwong thoa man mx + ny = k.

fﬂl=r::m+&:ry+5+i
Xy

Tim gia tri nho nhét ctia

Ta viét A duwé6i dang

A =ax +by +£+£+q(mx+ny}- q(mx +ny)
X ¥

A= + - glmx+ny) (1)

(a +qm)x+<
X

’;b+qm)y+i
Y

oo |

22\/(5 + qm)x.E + 2\](&: + qn)y.E - g(mx +ny)
X Y

= X = ¥ =
a+qm b +qgn

Dau “=” xdy ra

mx +ny =k = mJ ¢ +n\] 4 ()
a+qgm b+ gn
Ma

Giai phurong trinh (*) tim dugc q (vi a, b, ¢, d, m, n, k da cho truéc)

Viéc giai phuong trinh (*) chi can nhdm nghiém hodc bdm mady tinh bo tdi
CASIO-FX-570
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Thay q tim dugc vao (1) ta c6 ngay cach giai bai toan.

Quay Igi bai todn 1

Cho hai s6 thue duong x, y thdaman x +y =4,

A =3x+4dy+ ; + 9
Tim GTNN cua biéu thirc: Y

Phdn tich
Obditodnnady: m=1;n=1;k=4
a=3;b=4;c=5;d=9

A:3x+4y+E+E+q(x+y)- qg(x+y)
Xy

Ta cod

= (3+q)x+% * -qlx+y) (D

9
4+q)y+—
y

co- 51

> 2‘J(3+q)x.E +2\]l’}4+q)y.E - glx+y)
X Y

v = 5 . (9
3+q,y 4+4q

Dau “=” xay ra:

x+y:4:>\/ 0 +\/ I 4 (*)
3+q \4+q
Ma

Giai phuong trinh (*) bang ciach nham nghiém hodc bam mady tinh bo tdi

7
q=-175=- Z: x=2;y=2«
CASIO-FX-570 ta duogc Dieém roi
Khi cé diém roi roi thi phan con lai ta lam hoan toan twong ty nhw phan treée dé
7
q=- 1
€6 co s6 tach A. Hodc thay vao (1) & trén ta co ngay loi giai:

p )

Loi gidi
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A:lS'EJ{ﬁ'E"F 4-3 +E-l-3(x+_};)
X 4 Vv 4
5x 5) [9y
= —+— o+ 4+ (x+
4 x [4 (x+)
co- si 5x5 9_}"
= - = S T a0
=2 2% ZJd. +—(x+y)
R
2. 20+ =21(Vix+y24)
2 _X
X 4
9_%
c:a-g—d = X y_2
X+y=4
Xy=>0

Dau “=” xdy ra
Vay GTNN cua A la 21 dat dwgc khix =y =2
MO¢ réng vdi biéu thirc 3 bién:

X 3z

—+y+725
Badi 3: Cho a, b, c 1a cac s6 dwong théa man
3 9 1
C=x+y+z2+—+—+—
dx 8y =z

Tim GTNN cua biéu thirc:

Phan tich

RO rang véi biéu thitc 3 bién viéc dy doan diém roi bang cach lap bang la qua
kho khan. Vay ta hdy thir dung phwong phap hé s6 bat dinh dé gidi quyét bai
toan nay xem sao !

= x+2y+3z=10

Tw gia  thiét Ta viet C dwsi dang:

C:x+y+z+i+i+l+q(x+2y+32)- g(x+2y+3z)
4x 8y z

:i+(1+q)x +i+(1+2q)y N (A+3q)z- glx+2y+3z) (1)
4x By z
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3

Cao- i
> 2J1.0+q)x +2. |2 (4 2q)y +2 P.(HBq)z -q(x+2y+3z)
4x 8y z
—=(l+q)x

.x: >
Ix ‘\‘4(l+q)
9 9
8y e 8(1+2q)

F =

! _q+39)z 1
z 1+3q

Dau “=” xdy ra

x+2y+3z=10= 3 42 ) 431 o0 ™
4+q) "\8(+2q) "\1+3q

Ma
Giai phuwong trinh (*) bang cach bam may tinh bo tii CASIO-FX-570 ta dugc ta
q:-0’25:-% q:-%
dugc . Thay vao (1) ta co 10i giai nhu sau :
Loi gidi
3 [, 1 9 1 1| 1 1
C=—+|1- —|x+—+|1+2.(- ) |y+—+|1+3.(- ) |z- (- )(x+2y+3z
i 1 (4}y2 (4} (4}(y)
C= 2 L + 9.y + l+E +l(z+2y+32)
4x 4 8y 2 z 4] 4

3 3
ri;x 4 x =1
l :E Z :2
z 4
, x+2y+3z=10; x,y,z>0
Dau “=” xay ra:
MinC:12—3 x =Ly :%;Z =2
Vay dat duoc khi
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DANG 3
TiM GIA TRI LON NHAT, GIA TRI NHO NHAT CUA BIEU THUC

A =M + rxy + my? +,/my? + nyz + Mz’ + Vg’ + nex+ mx?
DANG (véi

m, n la cac so thyc cho truwdc va x, y, z la bién théa man hé thivc cho truwdc)

Bai 1: Cho céc s6 thyc duong x, y, z thoa man x + y + z = 2020. Tim GTNN cua

A =2 + Xy +2y° + |2y’ + Y2+ 27 +J27 + 2+ 2X°
biéu thic:

Phan tich:

bay la biéu thitc cac bién déi xing nhau diém roi thuwong xdy ra tai x=y=z.
Nhung cho du dy doan dwoc diém roi r6i ta cling khé st dung diéu d6 dé dinh
hwéng cach gidi. Vay c6 cach nao gitp ching ta gidi quyét duwgc moi bai toan
thudc dang nay mot cach nhanh gon? Ta viét biéu thitc dwdi dau can dudi dang:

22X+ Xy + 2y =u(X+y) +v(x- y)?
=u(X® +2xy + V') + V(X* - 2xy + V)
U)X + (2u- 2v)xy + (uH)y?

u+v=2
—
2u- 2v=1

Can bang hé s6 ta co:
Tw day ta co6 10i giai bai toan:

Giai:

J 2 + Xy + 2y :\F[I’H y) + > (- y)? E\IE[}{ +y) =E[X+ y)
) 4 4 4 2

Ta co:
Dau “=” xayrakhix =y

Tuong ty ta co:

A 2?[}( +Y) +§[y+ Z)+ §[2+ X) =/5(x +y + z) =2020\/5

2020
x :3.’ =7 :T
Dau “=” xdy ra khi

34



2020

2020V5
05 khix=y=z= 3
Vay GTNN cua A la
v théa man dong thoi 2 hé thirc

Quay lai bai todn tong quat, ta chi can tim u,
2m+n

u+Vv=m u+2v=2m |45
= =
2u-2v=n [2u- 2v=n 1hJ_2m- n
4
Khi do:

A =M + rxy + my? +/my? + nyz+ M2 +/mz? + nzx+ m¢
;ju[x+y}2+v[x- y) +Ju{y+z}2+v[y- Z)? +\/u[2+}{)2+v[2- X)?
2JL.{}{+y}2+.Ju(y+z}2+\/L.(z+x}2

2m+n

=2(x+y+2Wu =2(x+y+2) =(x+y+2)y2m+n

Nhu vay nhin vao dé bai hoc sinh c6 thé doan ngay duwgc GTNN cua biéu thic
da cho dé lam can ct dé doi chiéu két qua tim dugc.

J2.2+1 J5

Ching han ¢ bai 1 trén 1a (x+y+z) = =2020

: Cho céc s6 thyc duong x, y, z thoa man x + y + z = 2020. Tim GTNN cua

Bai 2

B =57 + 4xy + 5y’ + /5y + dyz+ 52° + /52 + 42X + 5%’
biéu thic:

Phan tich:

J25+4 J14

Hoc sinh dy doan duwgc GTNN cia B la (x+y+z) =2020 khi
¢ =y =7 =2020
3
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Can tim u, v thoa man
Tw day ta co 10i gidi bai toan:

Giadi:

/5% + dxy + 5y° =\Ei><+yf+§’b<- yy a\/%fxw)z =@ix+y)

Ta co:
Dau “=” xdy ra khi x =y
Twong tu ta co:

A 2@[}{+ y}+g[y+ Z) +@[2+}{} =14(x + y +2) =2020,/14

2020
X =y =L :T
Dau “=” xay ra khi
2020
202014
Vay GTNN cua A la 0\/_l(hixzy:z: 3

Doi khi ta cling can bién doi gia thiét, chang han:

Vva+l+b+1+yc+1=6 T

m

~

Bai 3: Cho céc s6 thyc duong a, b, ¢ thoa man
C=val+ab+b +Jb’+bc+ @+ +ca+a’

GTNN caa biéu thire:

Phan tich:

V2.1+1 3
Hoc sinh dy doan dwgc GTNN cua B la (a+b+c) = (a+b+c)

u+v=1
—
2u- 2v=l

Can tim u, v thda man:
Giai:
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6 :(-J'a+1+-Jb+l+Jc+l}2 <(P+2+2¥)(@a+1+b+1+c+1)
T gid thiét

= a+b+c+323;36ca a+b+c=9

Lai co:

Bl o B 1 o B o 1,
C_JE[EHb} +E[a b) +\/E[b+C} +E[b c) +\/4[c+a} +4[C a)

EJ%[EH by +\E[b+ O + J%[ua}z

3 V3 V3
_T[EH b) +T[b+ C}+7[c+ a)
=J3(@+b+c)=9/3

X =y =% =3
Dau “=” xay ra khi

3
VélyGTNNcﬁaClég\/_khix=y=Z:3

DANG 4

Badi 1: Cho céc so thuc x, y théaman x > 1, y > 2.

A VX 1, \y-2
X y

Tim gia tri 16n nhat cta biéu thirc:

Phan tich:

Hoc sinh da quen thudc vGi cac bai toan tim GTLN, GTNN khi cho cac bién
nhan cac gia tri la cadc s6 duwong hoac khong am, nén khi gap bai nay cac em
khong khéi bd ngd va khong dinh hwéng dwoc cach giai quyét. Mot trong nhitng
cach gitp hoc sinh dwa bai toan “quy la vé quen” la doi bién.

Giai:
WX-1=a [x=a+1

vix>1;y>2néna>0;b>0
bat

Bai toan trd thanh: Cho cacsé a> 0 ;b > 0. Tim GTLN cua biéu thitc:
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__a . b
T at+l bP+2

a+1=2a : B> +2=>2/2b

Ta co:

1

A::E+L__+i
"2a 2+/2b 2 22

a2 =1
_
b’ =2

Dau bang xay ra: -

Suy ra:
X =2
y=4

1 1

S
2 22

Vay GTLN cua A la khix=2;y=4

Bai 2: Cho cac s thye x, y thbamanx > 1, y > 1.

2
B=_" +—yz
o s s y-1 x-1
Tim gia tri nho nhat cua biéu thuc:
Giai:
Xx-1l=a [x=a+l
=
y-1=b |y=b+1
' vix>1;y>1néna>0;b>0
bat

Bai toan trd thanh: Cho cacsé a > 0; b > 0. Tim GTNN cua biéu thirc:
g_(@+ 1, (b+1p

1

b a
Ta co:
B—[a+l}2 (b+1)* & +2a+1l b2+2b+1_{a2 b? [ 2a Zb] 1
+ + = [l i ) B S PN RS
b a b a b a b a b
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(a+ b)y ,2a 2b 4 4
> 2. ]=.—= =a+b 2.2
}a+b ¥ b a+a+b a* +a+b+

=2 ’[a+ b). 4 +4=22+4=8
a+b

a=b _
a+b=2

x=2
y=2

a=1
—
b=1

Dau bang xay ra:
Vay GTLN ciaBla8 khix=2;y =2
Mo rong voi 3 bien:

x=l; y=9;2=25
Bai 3: Cho céc s6 thue x, y, z théa man )

_Vx-1 Jy-9 +Vz-25

C
- . X y Z
Tim gia tri 16n nhat cta biéu thuc:
Giai:
Wx-1=a [x=a+1
JY-9=b = {y=p*+9
_‘*"2'25:': _Z:C2+25 xzLy=92z225  a=0;b=0;c=0
vi nén
Dit
a=0;b=0;c=0
Bai toan trd thanh: Cho cac so . Tim GTLN cua biéu thirc:
a b C
= + +
a‘+1l b’+9 c?+25
a+1=z2a: b*+9=6b: c+25=10c
Ta co:
a b ¢ 1 1 1 15+5+3 23
As—+—+——=—+_+_=""__— " ="
2a 6b 1 2 6 10 30 30
Suy ra:
=1 (x=2
b’=9 = {y=18
c? =25 .2:50

Dau bang xdy ra:
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23

Vay GTLN cua C la 30 khix=2;y=18;z=50

6. To chitc lam bai kiém tra khao sat lan 2 tai 16p hoc vé 4 dang toan trén:

A= ax’ +bx +c
. Cdx’+ex +g
Dang 1: Bieu thirc la phan thitic dang
6x” - 26x + 29
2
o s -dx+4
Bai 1: Tim gia tri nho nhat cua biéu thirc: A = X X
2x* - 10x - 1
2
! x - 2x+1
Bai 2: Tim gid tri 16n nhat caa biéu thitc: B =
2
X +1
C=—"——
X" +x+1

Bai 3: Tim gia tri 16n nhat va gia tri nhé nhat cua biéu thic:

c d
A=ax+by+—+—
s y .. C
Dang 2: Biéu thitc dang (vGi a, b, ¢, d la cac s6 thuc cho
tredc va x, y la bién théa man hé thiéc cho truéc)

> .
Bai 1: Cho hai s6 thyc duwong x, y théa man x + y 6. Tim gia tri nhé nhét cta
biéu thitc:

A :3}(+2y+E+E
Xy

xX+y <6
Bai 2: Cho hai so thuc dwong x, y théa man . Tim gia tri nho nhat cua

biéu thirc:
B ZE}( +3y+ E+ 2L
3 X y

X+2y+3z =20
Bai 3: Cho cac s6 thuc dwong X, y, z théa man . Tim gia tri nho
3 9 4
C=2x+3y+4dz+—+—+—
X 2y z

nhat caa biéu thic:

40



A =M +nxy + My +,my* + nyz + mz + g’ + rex+ mx?
Dang 3:
(v6i m, n la cac s6 thuc cho truwdc va x, y, z la bién théda man hé thitc cho
trueée)
Bai 1: Cho cac so thyc duong x, y, z théa man x + y + z = 2020. Tim GTNN cta
biéu thitc:

A =3% +5xy + 3y? +4/3y” +5yz+32° + /32" + 5zx + 3¢

Bai 2: Cho céc s6 thuc duong x, y, z thda man x + y + z = 2021. Tim GTNN cta
biéu thitc:

B =\2X +3xy+2y° + /2y + 3yz+27° +/2Z° +32x+ 2¢°
Ja+b+c=3

Bai 3: Cho cac so thuc duong a, b, c thoa man . Tim GTNN cua
biéu thitc:

C =+/332 + 23b+ 3B +/3b% + 2bc+ 32 ++/3% + 2ca+ 332

Dang 4:

Bai 1: Cho cac s6 thuc x, y thoa man x > 1, y > 2. Tim gia tri 16n nhat caa biéu
thire:

_Vx-1 Jy-2
X y

A

Bai 2: Cho cac so thyc x, y théa man x > 1, y > 1. Tim gia tri nho nhat caa biéu
thire:

X2
B= y2

+

y-1 x-1

x =l y=9;,z=25
Bai 3: Cho cac so thyc x, y, z théa man . Tim gi4 tri 16n nhat
cta biéu thic:
_ _9 _
_Jx-1 . JY N Jz- 25
X y Z

C

IV - HIEU QUA

V6i cach lam trén t6i da chia sé trong t6 chuyén mon va ap dung vao
gidng day cho céac hoc sinh trong truwong, t6i da thu dwgc nhitng két qua kha
quan.
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Hoc sinh da biét dinh huwéng cach giai tirng dang todn nay mot cach
nhanh hon, xac dinh ngay dwgc huwéng lam va lwa chon cach trinh bay don
gian nhat. Hoc sinh trdnh dwgc nhitng sai sot co ban, biét lwa chon 1oi giai
ngan gon va c6 ki nang van dung thanh thao ciing nhw phat huy dwoc tinh tich
cure cua hoc sinh.

Hoc sinh c6 duwgc cai nhin tong quat hon vé dang toan da dugc hoc va
tw hinh thanh cho minh mot phwong phap mai.

Tao dugc hirng thua hoc tap, tam 1i vitng vang tu tin cho hoc sinh treéc
yéu cau cua bai todn ddc biét 1a cac dang toan phiic tap.

Boi duong kha nang tim toi, sang tao ap dung cac kién thirc da hoc vao
mot sO bai toan s6 hoc va cac bai toan khac.

Sau khi day xong chuyén dé nay t6i cling da cho cac em lam bai khao sat
lan 2 dé c6 so liéu doi chitng (dé khao sat da néu trén)

Két qua bai kiém tra khdo sdt lan 2:

PIEM

Tong
sO Duéi 3,5 3,5-dudi 5| 5-du6i 6,5 | 6,5-dudi 8 8-10
HS

SL % SL % SL % SL % SL %

33 0 0 0 0 4 12,1 | 10 | 30,3 | 19 | 57,6

Sau khi trao doi vGi dong nghiép vé noi dung cua giai phap déu dugc
cac dong nghiép ung hd, van dung vao day o6n thi hoc sinh gioi 1a rat hop ly,
tuy theo yéu cau tirng doi twong hoc sinh ma gido vién lya chon nodi dung
gidng day cho phu hgp, hodc can cit vao cac dang trong dé tai ma gido vién c6
thé phat trién thanh nhiéu dang phu hgp vdi yéu cau tirng 16p, nhung van dya
trén co so st dung cac phvong phap va cach thic khai thac nhu cac bai tap
trong dé tai da trinh bay nhitng két qua rat kha quan, da s6 cac em hoc sinh
trong 16p déu van dung lam t6t cac dang toan nay va ap dung dugc phuong
phéap cho nhiéu dang c6 lién quan, nhiéu em da biét tw tim toi khai thac dwgc
bai toan bang nhiéu cach giai khac nhau, phat trién dwgc dang toan, dap wng
dwgc yéu cau cua thay co.

Trén day la bién phap “Gitp hec sinh dinh hwéng cach giai mét s6 dang
toan tim gia tri 1én nhat, gia tri nhé nhat thwong gap” da dwoc nha treong va
dong nghiép ghi nhan. Viéc van dung bién phap nay la cé tinh kha thi va cé ttng
dung vao thyc tién, da mang lai hiéu qua cho cong tac boi dudng hoc sinh gioi.
100% céc em hoc sinh sau khi dwgc tiép thu bién phap ma téi truyén tai déu dinh
huwdng tot va xt¥ Iy mot cach nhanh chéng cach giai cac bai toan thudc dang nay
va gidi cac bai toan co6 lien quan. Hon nita bién phap da gay dugc hing tha va
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gop phan tang thém kha nang sang tao cho hoc sinh, qua d6 phat trién tu duy
Toan hoc, giup cac em yéu Toan hoc hon va ngay cang say mé v&i mon hoc.
Giup cho hoc sinh c6 thém phuwong phap dé gidi quyét cac bai toan kho vé tim
gia tri 16n nhat, nho nhat trong cac ky thi.

Khd ndng phadt trién, mo rong, vdn dung cua bién phdp

Bién phap nay c6 tinh kha thi rat cao, c6 thé nhan rong trong cac trueong
trung hoc co s@, gido vién, hoc sinh déu c6 thé ap dung trong gidng day bo mon
toan cap THCS.

V - MINH CHUNG
- Bai khado sat vé su tién bo cua hoc sinh
- Hinh anh gidng day trién khai tai 16p hoc

- Puong link truy cap vao cac trang mang ma ban than dung dé giao bai, huéng
dan, trao doi, twong tac véi hoc sinh:

+ Zalo: Nhom “Toan 9 — Nang cao”
+ Facebook:

https://www.facebook.com/groups/723219835103287
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https://www.facebook.com/groups/723219835103287

+ VNPT E-Learning - nén tang hoc va thi try'c tuyén — vnEdu:

http://c2anhson-as.Ims.vnedu.vn/course/detail/5f71fe133a830d7u01/chuyen-de-
tim-gia-tri-lon-nhat-gia-tri-nho-nhat-cua-mot-so-dang-bieu-thuc-thuong-gap
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http://c2anhson-as.lms.vnedu.vn/course/detail/5f71fe134a830d7u01/chuyen-de-tim-gia-tri-lon-nhat-gia-tri-nho-nhat-cua-mot-so-dang-bieu-thuc-thuong-gap
http://c2anhson-as.lms.vnedu.vn/course/detail/5f71fe134a830d7u01/chuyen-de-tim-gia-tri-lon-nhat-gia-tri-nho-nhat-cua-mot-so-dang-bieu-thuc-thuong-gap

