Bai 5. PUONG TRON TRONG MAT PHANG
TQA PO

|FanPage: Nguyén Bao Vuong

PHAN A. LY THUYET

1. Phuong trinh duwong tron

',

Phuong trinh duong tron tam £(%0) pan kinh R 1a (x-a) +(y-b) =R".

Phuong trinh duong tron ¢ dang trén thuong duoc goi 1a phwong trinh chinh tac ctia duong tron.
Vidu 1. Lap phuong trinh dudng tron trong moi truong hop sau:

a) Puong tron tam O ban kinh R ;

b) Duong tron tam £ 53) ban kinh 7 .

Giai

a) Phuong trinh dudng tron tim O ban kinh R 1a

(x-0)V +(y-0)y =R" = x" +y =R".

b) Phuong trinh dudng tron tam £ 53) ban kinh 7 1a

[x- (-] +(p-3)7 =7 = (x+1) +(p- 3) =49

Vi du 2. Tim tam va ban kinh cia dudng tron c6 phuong trinh la
(x+2)F +(y-5) =9

Gidi

Ta c6: (x+2) +(y-5) =9 [x- (-2)] +(y- 57 =3

Vay duong tron da cho ¢6 tm 1a I(-2:5) pan kinh R =3

Nhdn xét: Ta co thé viét phuong trinh (x-af +(y-b) =R 4, duong tron tim 1(a:5) pan kinh R vé

phuong trinh ¢6 dang la © ¥V~ 2ax- 2by +c =0 Dang d6 thudng duoc goi la phuong trinh tong quat cta
duong tron.

Vidu 3

Lt A4
a) Phuong trinh * 4x+2y-4 =0
d6 tam va ban kinh cta duong tron do.

¢6 phai 12 phuong trinh duong tron khong? Néu phai, xac dinh toa

b) X4c dinh didu kién caa %5¢ dé phuong trinh * ¥V~ 2ax- 2by +c =0 4, phuong trinh dudng tron.
Khi do, xdc dinh toa do tim va ban kinh theo @€

Gidi

a) Ta co:

T - 4x42y-4 =0 - 4x+44+ 0 424129 (x- 2) +(p+1) =3

Phuong trinh trén la phuong trinh dudng tron tam I(Z= 1) pan kinh R =3,

b) Ta co:
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X0+ - 2ax- 2by +c =0
= (.".': - Qax+a’ )+ (_1': - 2by + hz)za: +b - ¢

= (x-a) +(y-b) =a +b -
Do d6, phuong trinh trén la phuong trinh duong tron khi va chi khi a’+b’ >c Lyc nay duong tron da cho
c6 tam £ (%0) ban kinh

R=va +F - ¢

2. Phuong trinh dudng tron di qua ba diém khong thing hang
Do c¢6 duy nhat mot duong tron di qua ba diérn khong thang hang cho trudc nén ta c6 thé 1ap duoc phuong
trinh duong tron do6 khi bi€t toa do cua ba diém ndi trén.

Vi du 4. Lap phuong trinh dudng tron di qua ba diém A(- L1), B(0;- 2), €(0; 2).

Gidi
Gia sir taim ctia duong tron 1a diém Ha:b) 7,4 14 =IB =IC & 147 =IB* =IC* v 4" =IB".IB" =IC"
nén
(- 1- a)* +(1- )" =(0- a)* +(-2- b)°
(0-ayf +(-2-b)* =(0- a)" +(2- b)
(@ +b +2a- 2b+2 =a’ +b° +4b+4
@ +b +4b+4 =a’ +b7 - 4b+4
2a-2b=4b+2  [a =l
—

b =0 b =0

Puong tron tam 10) ban kinh & =IC =Va* +b° - 4b+4 =5
(x- 17 +(y- 07 =(5)°

Phuong trinh duong tron la

Viy phuong trinh dudng tron 1a (¥~ 1"+ =3

II. Phwong trinh tiép tuyén ciia dwong tron

-y

o

M, (xg: )

- Puong thing Mt di qua diém va ¢ vecto phap tuyén

IM, Z(.T,., - a,y, - b).

- Phuong trinh tiép tuyén Mt la

G, - @)l x, )+ (- B)(p- 3,)=0.

Vi du 5. Lap phuong trinh tiép tuyén tai diém Mo (21) thudc duong tr(‘)nf-'T 1)+ (p-3) =5
Gidi

Puong tron c6 tam 1(1;3) . Phuong trinh tiép tuyén tai diém Mo (Z1) thudc duong tron
la

(x-1)° +(y- 3y =5
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(2-1)(x-2)+(1- 3)(y-1)=0

e I(x-2)- 2(y- 1) =0 x- 2y =0.

Vi du 6. Trong mat phang toa do Oxy , mot vat chuyén dong tron déu nguoc chiéu kim dong ho trén duong

tron tam £ 2) ban kinh 5 dudi tac dung cua lyc cang ddy. Khi vat chuyén dong t6i diém M(6:6) day

cang bi dut.

a) Viét phuong trinh quy dao chuyén dong cua vat sau khi day bi dit, biét rang vat chi chiu tac dong cua duy
nhat lyc cang day trong bai toan nay. i

b) Mot vat khac chuyén dong thang déu trén duong thang cé phuong trinh

A:3x+4y+23=0.

Chimg minh hai vat nay khong gip nhau tai bat ki thoi diém nao.

Gidi

C)

a) Quy dao chuyén dong ctia vat thir nhat truéc khi day bi dut 1a dudng tron (©) ¢o phuong trinh:

(k-3 +(y-2F =57 (x- 3] +(y- 2)° =25.

Khi day bi dut, do vat thir nhét chi chiu tac dong cua duy nhét lyc cang day nén vat do tiép tuc chuyén dong
theo tiép tuyén M? tai diém M (6:6)
(0-3)(x-0)+({0- 2)(y-0)=0

= 3x-0)+4y-0)=0= 3x+4yp-42 =0.

thudgc duong tron (), Phuong trinh tiép tuyén M 1a:

Viy quy dao chuyén dong cua vat thir nhit sau khi day bi dut 1a tia M? | quong thing Mt ¢6 phuong trinh 1a:
Jx+4y-42 =0
b) Khoang cach tir tim duong tron (©) ¢én duong thang A:3x+dy+23=0 la:
344242
=332+ g5
.J?’E +;1_2

Vi khoang céch tir tam duong tron (©) ¢én duong thang A 16n hon ban kinh cia dudng tron (

©) nén
duong tron (©) va duong thing A khong co didm chung, tirc 13 vat thir hai khong gip vat thir nhat khi day
chua duat. Mat khac, vi A/IMt nen vat thir hai khong gap vat thu nhét sau khi day bi dut. Vay hai vat khong
bao gid gap nhau.

PHAN B. BAI TAP TU LUAN

Dang 1. Nhan dang phwong trinh duwong tron

(- a) +(y- Y =P(*)

Pua phuong trinh vé dang:
, * .

-Néu P>0 thi ) la phuong trinh dudng tron c6 tam 1€a:b) va ban kinh R =JP
B *

-Néu P =0 thi ) khong phai 1a phuong trinh duong tron.

Caul. Trong cac phuong trinh sau, phuong trinh ndo biéu dién duong tron? Tim tdm va ban kinh néu co.
Oy #2x-4yp+9=001) | x4+ - ox+4y+13=0(2)
a) b)
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T eI e Bre dp-1 = o Ty I =0
0 2xT + 2y - bx- 4y I—D(E)d) 23T + 7 +2x- 3y +9 =0(4)
Loi giai.
2 2 . , . — —_ 1 =" —
a) Phuong trinh ) ¢6 dang +y° = 2ax- 2by+c =0 vei 4= l:b=2;c =9

Vay phuong trinh O khong phai 1a phuong trinh duong tron.
b) Ta c6 a +b - c=9+4-13=0

Suy ra phuong trinh @) khong phai la phuong trinh duong tron.

i v 2 ) z
() x4y - 3x- 2p- L0 o ‘ R I )
, 7 7 g
c) Tacod = ' = =
3
Vay phuong trinh la phuong trinh duong tron tdm 2 , ban kinh 2

, 2
d) Phuong trinh ) khong phai la phuong trinh dudng tron vi hé so cua ¥ va V" khac nhau.

Cau2.  Cho phuong trinh x4 y" - 2mx- 40m- 2)y+6-m =0(1)

a) Tim diéu kién coa m dé O la phuong trinh dudng tron.

)

b) Néu la phuong trinh dudng tron, hay tim tdm va ban kinh theo m.

Loi giai.
2) Phurong trinh " 12 phurong trinh dudng tron khi va chi khi @ + b= ¢>0
Vi @ =m:b=2(m-2):c =6-m
. 5 . m=2
m +4(m-2Y - 6+m>0= 5w - 15m+10>0=

Hay m <1

A 1t A feBin 41T Ao tedon A 4B 2Um-2)) o m=5m -
b) Vi di€u kién trén thi dudng tron c6 tam 1Gn:2(m- 2)) va ban kinh & =Smr* - 15m +10

oy 2 Yy - AV v —n(?
Cau3. Cho phuong trinh dudng cong (C):x+y +m+2)x- (m+4)y+m+1=0(2)
a) Chung minh rang @) la phuong trinh mot dudng tron.
b) Tim tip hop tdm cac dudng tron khi m thay doi.

¢) Chirg minh rang khi m thay d6i, ho cac dudng tron ) ludn di qua hai diém cé dinh.
Loi giai.
a) Ta co

Wyt e lm+2)x- Gm+4)y +m+1=0

) (m+2Y . (m+4)Y (m+2)Y (m+4)
= tlm+2)xds———+ 37 - (m+4)p+ = o -m-1=0
: 4 4
m+2]° m+4]° (m+2): (m +4)
T+ +| v+ = + - m- |
2 ) 2 4
(m+2)° (m+4)| (m+2) +4
_} + mmel=——— =0
Do = “ <
S ) . ‘ e
uy ra la phuong trinh dudng tron véi moi m.
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m+2

(1) R >

_m+4

by : L1 —
b) Buong tron c6 tdm - 2 suy ra x +y - 1=0
Vay tap hop tdm cac duong tron 1a dudng thang Arx+y-1=0

C) G(_)l JIM (Iu : 1:3 )

1a diém cb dinh ma ho (C’") ludn di qua.
x P+ y i +(m+2)x - (n+4)y +m+1=0,¥m

= (x -y - Dm+x " +y " +2x -4y +1=0,%m

x =-1
x -y +1=0 vy, =0

c:: ] ] ‘Z: :
x +y +2x -4y +1=0 { x =l

Khi d6 ta co: -
Vay c¢o hai diém cb dinh ma ho (C”’) ludén di qua véi moi m 1a M, (- 1;0) va M, (1;2)
Dang 2. Thiét 1ap phwong trinh duong tron

Cach 1:
I(a;b) ©)

cua dudng tron

- Tim bén kinh R cta duong tron (C)
©) (x- a) +(y- Y =R

- Viét phuong trinh dudng tron theo dang

© la: x4y - 2ax- 2by+e =

- Tim toa do tam

Cach 2: Gia st phuong trinh duong tron I:]( Hoac

X+ +2ax+2by+c :U)

- Tir didu kién ciia d& Cau thanh lap hé phuong trinh voi ba in 13 @€

(C)_

Giai hé dé tim a,b,c tor d6 tim dugc phuong trinh duong tron

Cau4. Viét phuong trinh duong tron trong mdi truong hop sau:

1(1;-5) i . 0(0;0).

a) Co tam adiqu

- -5
b) Nhan AB lam duomg kinh vei 4 ED:8(7:5),
Loi gidi.
a) Puong tron can tim c6 ban kinh 1a &7 =V I +5° =726 pep co phuong trinh la:
(x-1) + (_1'+5): =20

1(43) 41 =J(4- 1Y +(-1) =13

b) Goi I 1a trung diém cta doan thang 4B suy ra

Puong tron can tim ¢6 duong kinh 14 4B suy ra n6 nhan 1(4:3) lam tam va ban kinh

R=dAI ={13 nén co6 phuong trinh la Ge- 4 +(y-3) =13 .
A - N 7t 1A A <A \ \ \ (C) : < A
Cau 5. Trong mat phang vdi hé toa d§ Oxy, viét phuong trinh dudng tron di qua ba diém
AG3-1),B(1:3),c(-2:2)
Loi giai.

x+ . +2ax+2by+c = N T R
Cich 1. Phuong trinh duong tron c6 dang (C):x® +)7 + 2ax+2by +c —U, voi @ +b7 -0
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i 4.8,C thudc (©) nén ta c6 hé phuong trinh

[6a+2b-c =10 (g =-2
2a-06b-c=10e= b=l
\da- 4b- c =8 c=-20

+3 - 4x+2y-20=0

\%

-

Vay phuong trinh dudng tron can tim o

Cach 2. Goi 1€a;b) la tm cua (C).
Vi 4,B,C thudc (©) nén
{M:fﬂ (-3-aY+(1-8)Y =(-1-a) +(3-b)
—
A=IC |(-3-a) +(-1-b) =(-2-a) +(2- b)
4a +8b =0 (a =2
—
2a+06b=-2 |b=-1
11 i kinh 14 =5

Suy ra

. A= 2F (v +1) =75
Vay phuong trinh dudng tron can tim (©): G- 27 +(y+D) .

Céu6. Cho haj diém 4 (8:0).8(0:0)

a) Viét phuong trinh dudng tron ngoai tiép tam giac O4B
b) Viét phuong trinh dudng tron ndi tiép tam giac O4B .
Loi giai.
a) Ta c6 tam giac O4B vuong & O nén tam / cua dudng tron ngoai tiép tam gic 1a trung diém
cua

1(4:3) R =14 =\[8- 4 +(0- 3) =5

canh huyén 4B suy ra va ban kinh

. - 4Y +(v-13) =25
Vay phuong trinh dudng tron ngoai tiép tam giac O4B 1a: (r-a) +(y-3) =28 .

b) Ta c6 =8;0B =06; AB =/§" +6° =10
I— O4.08 =pr
Mit khac 2 ( vi cing bang dién tich tam giac 4BC),
_ 0AOB
Suy ra " T 0A+0B + 4B
D& thay dudng tron can tim c6 tAm thudc goc phan tu thir nhat va tiép xac véi hai truc toa d6 nén
1(2:2)

2

tam cua duong tron cé toa do 1a

, - 2Y +(v- 2F =:
Vay phuong trinh dudng tron noi tiép tam giac 048 1a (-2) +(-2) 4.

< o P
Cau7. Trong mat phang véi h¢ toa do Oxy d:2x-y-5=0

AQ1:2),B(4:1)

va hai diém
A,B

, cho duong thang

. Viét phuong trinh duong tron (© ¢6 tam thuoc @ va di qua hai diém
Loi giai.

Ciach 1. Goi / 1a tm cta (C), Do I €d nén I(t;2t- 5)'

4,B cung thude ©) né

A=1B= (1-t) +(7-2) =(4- ) +(6- %) = ¢ =l

Hai diém n
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Cau 8.

va diém

7(1;-3)

va ban kinh R =14 =5

) (x- 1) ? ; =75
Vay phuong trinh dudng tron can tim (C):Ce-1) +(y+3) 25

53

M| ——
Cach2.Goi '2 2/ 1 trung diém 4B . Puong

Suy ra

trung truc cia doan 4B di qua M va nhan

AB =(3-1) lam vecto phap tuyén nén c6 phuong trinh
A:3x-y-06=0

Toa do tam { cua ©) la nghiém cta hé

2x- p-5=0

= 7(1-3)

3x- y-0=0

Ban kinh cua dudng tron bang R =14 =5
Vay phuong trinh dudng tron can tim

(©):Ge- 1) + (y +3) =25

Oxy d x+3y+8 =0,d,:3x- 4y +10 =0

, cho hai dudng thang !

(©)

Trong mat phéng vo61 hé toa do

A(-2:1)

. Viét phuong trinh duong tron c6 tam thude d, , di qua

, , o
diém 4 va tiép xic véi % P 2
Loi gidi.
Goi I 1a tam cua (C). Do 1€d, nén I(-3t-8; t). Theo gia thiét ta co
d(1.d,)=IA
B(-3¢- 8)- 4r+10| _ — -
o S =J(-3t- 8420 +(r- 1)

Cau 9.

= t==3
Suy ra I(1; -3) va R=5

Vay phuong trinh (C) 1a X~ 1" #{(y+3)" =25

Trong mit phing oxy cho 2 diém A (-1; 1), B(3; 3) va dudng thing d:3x- 4y +8 =0 . Viét

phuong trinh duong tron (C) qua A, B va tiép xtc d.

Loi giai.
Puong trung truc A ciia AB di qua M(1; 2) 1a trung diém AB c6 phuong trinh 13
A:2x+y-4=0

Goi tam I ctia (C) thuoc A 1a 1 (t; 4-2t)

_|3t-4(4- 21) +8|

d(Ld)=IA & (- 1- ) +(2- 3)’

Ta c6 J9+16
t=3
= 31
=—
2
t =3

s Voi , suy ra tam I(3; -2). Ban kinh R=IA=5

Phuong trinh (C): (X7 3)" *(y+2)" =25
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Cau 10.

Cau 11.

dong toi tiép xuc véi

;=31 iCloary =9
2 2 2
® Voi , suy ra tam va
775
(x- ﬂ}: +(y+27) 24““
Phuong trinh (C): 2 4

2 Tyae pa= d = e < \ \ <A /. reor
Trong mit phang oxy cho d: <~ =0 vig phuong trinh duong tron (C) tiép xic voi cac
truc toa do va c6 tam thudc d.

Loi gidi.

Goi I(m; 2m-4) thudc d 1a tdm ctia duong tron (C ).

. Y — . s _ _ m =—

Ta c6 d(0x) =d{I.0v) = |2m - 4| —|m| = m =4 hodic 3

3 3 3 3
s Véi thi ta co

(- 3y (e Dy =L
(©): 9
m =4 I(4:4). R =4
s Vi thi ta co
(C) f_."." 4}_ + f_}'+4}_ =160,
: :2x- = 4 =0, 4i& phuong trinh dudng tron (C ) ¢6 tam thudc d

Trong mdt phang oxy cho - vietp g g :

A 3x+4y+5=0_, A, :dx-3y-5=0

va "2
Loi giai.
Goi Hor+l0t)ed ta cb
22t +35| (21t +35 -70
d[f,&,}:df_f,aﬂ}ﬁ| (+35] _[pue+3s| ¢ =
) 5 5 hoic 43
t =0 1(10:0), R =7
® Voi suy ra
Phuong trinh (€):(x- 10) +)7 =49
00T 7

43 43 43 43

® Voi suy ra
10, 0., 49
(C):(x- —=) +(y+—) =——.

Phuong trinh 43 43 1849
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Céau 12. Trong mit phing oxy cho dix+2y-3=0 ,; Aix+3y-5=0 i phuong trinh (C ) ¢6 ban

210

R=——
kinh 5, c6 tam thudc d va tiép xtc vai A.
Loi giai.

Goi 1(-2a*+3a)€d 13 (am cita (C). Ta co

-2 2 =0
d(1,8) =R = [ 2] 210
Jﬁ 5 a=-2
8
(C):(x+9) +(y- o)y =—.
a =6 5
s Voi suy ra I( -9; 6). Phuong trinh
(C):(x=T7) +(y+2) —§
a =-2 5
s Voi suy ra I( 7; -2). Phuong trinh

Céu 13. Trong mit phang oxy cho (C): XTHy 4+ 4\;@1— -4 =0

¢6 ban kinh R’=2 va tiép xtc ngoai véi (C ) tai A.
Loi giai.

tia oy cat (C ) tai A. Viét phuong trinh (C”)

Puong tron (C) 6 tam 1 2V3:0) pan kinh R=4.

37 +aBx-4=0
Toa do A 1a nghiém hé x =0
Ta dugc A(0; 2).
’ x =231

v =2f+2.

12362t +2)

Pudng thing IA di qua 2 diém I va A nén c6 phuong trinh

Puong tron (C) tiép xtic ngoai véi ( C) nén tam I’ thudc IA, nén

0 oo "*J_ 0 =2(0- 231) _

Al =2r'A= -2 =2(2-2¢-2 %
Hon nita, R =2R" nén 2=2(2-2t-2) =
1
== (- - 2 (- 3)F =
Voi 2, suyra ! (\/5’3). Phuong trinh duong tron (C ): (x- 3) +(y-3) =4

4y - 2x+dyp+2

Céu 14. Trong mit phang oxy cho (C): =0 . Viét phuong trinh dudng tron (C”) ¢6

tam M (53D ik (C”) cat (C ) tai 2 diém A, B sao cho 4B =\3 .
Loi gisi.
Puomg tron (C) ¢6 tam 1 (15-2), ban kinh R =¥3
Phuong trinh duong thing néi 2 tam IM; -~ ¥~ 11=0
Goi 1) 13 trung diém AB.




HeilM

IH =JR* - AH’ :%
Ix-4y-11=0
= : 9
(x=1) +{y+2) =—
Ta cé 4
-1 [ 11
¥ =— x=—
5 5
—r
1 .29 S11
y = y =
10 hoc 10
1 -29 1 -11
(—:==) (—:—)
Suy ra 5 10 hoge 5 10
-1 -29
H(—;—) ,
5 10 R'™ =43
® Véi ta co

Phuong trinh (C’):f.-‘*" 5 +(y-1) :43.

11‘-11)
5710 R"™ =13
s Voi ta co

H(

Phuong trinh (C7); (¥~ 3) +(»-1)" =13
Céu 15. Trong mit phing toa do hé oxy cho dudng thing d:ix=-y=-1=0

. . 2 , A% Q. . . q] ‘e 2 o] ,
(C):(x= 3 +(y+4) =8 (C,):(x+3) +(y- 4) _3“.Viétphuongtrinhdu’(‘mgtr(‘)n (C) c6 tam I thudc d

va hai duong tron
va ti€p xuc ngoai voi hai duong tron trén.
Loi gidi.

Goi [+1i+ I R R R,

1an luot 13 tAm va ban kinh cua 3 duong tron (C ), (Cl)vé (Cz).

Giasa /(1= DEA Tpeq gia thiét Cau toan: (C ) tiép xtic ngoai (Cl)va‘l () nén

[H, =R+R
|11, =R +R,
Suy ra

I1,- R =II,- R,
o J- 37 +(t43) - 2d2 =\J(e- 57 +(1+5) - 42

= t =0

voi 1 =0 suyra 1= D) y3 R =2,

Phuong trinh duong tron (C ): o+ (p+1) :3.

Dang 3. Vi tri twong d6i ciia dwong thing va dwdng tron
1. Vi tri twong ddi ciia dwong thang véi dwong tron
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1.1. Phuong phap 1
Cho duong thang @) va dudng tron () cotam / ban kinh R

d(1:0)<R (A o () i pai didm phan biet.
d(I;:A)=R .. @) . . .. (0)

- Néu thi ti€p xuc voi

- Néu d(1:0)>R thi ) va (© khong c6 diém chung.

1.2. Phuong phap 2

. A Ax - — x4y’ = 2ax- by +e =
Cho dudng thing (A): Ax+ By +C Dvédu(‘mgtrc‘)n (C):x" +3° - 2ax- 2by+¢ =0

Ax+By+C =0

- Néu

(7)
2 2 Ve s Vs L
Xét hé phuong trinh (* T T = 2by+ ¢ =0

¢ (©)

- Néu h¢ (1) c6 hai nghiém thi (4 ) tai hai diém phan biét.

W, ©

U)o n .
- Néu hé () c6 mot nghiém thi ti€p xuc

(©)

- Néu hé () v6 nghiém thi @) va khéng c6 diém chung.
2. Vi tri twong doi ciia hai dwong tron

(c):(c,)

- Cho hai duong tron 27 ¢6 tam lan luot 1a I:K ban kinh 2 . Taco

+) (Cl ) ( ) & ngoai nhau (khong c6 diém chung) khi va chi khi K>R+R

) . () IK <

va dung nhau (khong c6 diém chung) khi va chi khi

(&

(Cl) va (Cz) déng tam (khong c6 diém chung) khi va chi khi I'=K:.R #R,

©

) . () II, =R

va tiép xuc ngoai khi va chi khi

R:R

)

+)

)
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0 6D 55 D s e trong ki va chi khi %2 =R - &
M
+) ) va @) cat nhau khi va chi khi Ry~ Ro| <11, <R +R,

Ciu 16. Trong mat phing toa do oxy, cho duong thang Arx=-y+1=0

Ty - dx+2y-4=0

a) Chirng minh M(2;1) nam trong duong tron

va duong tron (C):

b) Xét vi tri twong dbi cua A va (C).

Loi giai.
a) Buong tron (C ) ¢6 tdm 1(2;-1) va ban kinh R=3. Ta c6
IM =2<3 =R Do d6 M nim trong (C).

by A8) =22 <3=R a0 A ke (C) tai 2 didm phan biét

Céu 17. Trong mat phing toa do oxy, cho 2 dudng tron (C) * T~ 2e-0py-15=0 o4 (C):

X" +y - 6x-2y-3=0 Ching minh 2 dudng tron cat nhau tai 2 diém phén biét A,B.
Loi giai:

Puong tron (C ) c¢6 tam I(1; 3) va ban kinh R=5.

Puong tron (C* ) ¢6 tam I’(3; 1) va ban kinh R=V13 .

Ma ' =22 do do 1B RIS <IR*R o5 guomg tron it nhau tai 2 diém phan biét A, B.

xT+y - 2x+4y-

Céu 18. Trong mit phing toa do oxy cho duong tron (C) =0 vy duong thing

A o o I , - iy Jp— 9 ’ 2
A:f2x+my+1- 42 =0 . Tim m dé (C) cit A tai 2 diém phan biét.
Loi giai:

Duong tron (C) c6 tam I(1; -2) va ban kinh R=3

Pé (C) cat A tai 2 diém phan biét
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e d(I:A) <R

|J§—Em+|—~ﬂ| ) )
s <3 Sm+5mm +17 =0

] 2 ’ 7. .
24+m . bing v&1 moi m.

xT 4y - 4x-2y =0

Ciau 19. Trong mit phing toa dd oxy cho dudng tron (C) va dudng thing

A CI =7 f— . A A . R 5 \
A:mx= y=3m-2 D.B1¢n luan theo m s6 giao diém cua A va (C).

Loi giai:

Puong tron (C) ¢6 tm I(2; 1) va ban kinh R =5

m +3|
h =d(I.A) =|—.
Ta c6 Mm® +1
1
f?iﬁﬁﬂl}z m<_5=>A
® Néu hoic cit (C ) tai 2 diém phan biét.
1
h :-».Eﬂm =2 m_-E:b A
s Néu hodc tiep xuc (C).
h }-.)'Em - l-{m-::ﬁ
2 = A
5 Néu khéng cit (C ).

Ciu 20. Trong mat phing toa dd oxy cho dudng tron (©):x+)7 =1 va:

X+ -2 c+dmy-5 = L ¥
(€, )2 +37 - 2m+D)x +4my - 5 =0 . Tim m dé hai duong tron ti€p xuc trong.
Loi giai.

DPuong tron (C) c6 thm O(0; 0) va ban kinh R =1,

_ 2 F 2 s
Pudng tron (Cu) ¢6 tim I(me-1: -2m) v bin kinh & =7 +1)7+4m™ +5.

Ma of zﬁll'f_m+ 1)y +4m” .

Pé 2 duong tron tiép xuc trong thi R'- R =01

= Jf_m+ 1P +4m” +5-1 =yf(m+ 1) +4m*

m==
Giai phuong trinh ta dugc” =~ | hodc S,

Oxy (C):ix* + 37 -2x- 4y =0 Va

Cau 21. Trong mit phing , cho hai duong tron: a

(C):(x+ 1) +(y- 1) =10 . Viét phuong trinh duong thang di qua giao diém cua hai duong tron do.

Loi giai

(€ o tam L1572 va ban kinh & =3
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(©) o tam 205D va ban kinh B2 =4
LI, =(-1- 17 +(142) =13
Ta thiy |R' " R | <L <R+R, suy ra hai dudng tron cit nhau.
Goi diém M(x;y) thudc duong thang can tim
(7 4 p7= 2x- 4y =0 (¥ 437 = 2x- 4y =0 (1)
—r
(x+1)7+(y-1) =lo x4y +2x- 2p- 14 =0(2)

Toadd M thoa méan hé -
Léy (N-(2)= -4x+0y+10=0<« 2x-3y-5=0(3)

Nhan thay M(X:3) 1y6n thoa min phuong trinh (3)

Suy ra dudng thiang qua giao diém cua hai duong tron la: 2x-3y-35=0

Oxy (C):x"+y" +2x-8y- 8 =0

Ciu 22. Trong mit phiang véi hé toa do , cho duong tron . Viét phuong

d:3v+dy-2=0

trinh dudng thang song song voi dudng thang va cat duong tron theo mot day cung co do

dai bang ©.

Loi giai

A
B

(C):x"+y" +2x-8y-8=0 1(-1;4)

va ban kinh R =3
3x+4y+m=00m =-2)

- Puong tron co tam

- Puong thang d’ song song v4i duong thang d nén phuong trinh cta d’ a:
- 3+4+m| _|m + I|

, o IH =
-K¢ IH Ld = HA=HB =3 y3 IH 1akhoang cach tir / dén ¢ : 3 3
- Xét tam giac vudng [HA : IH® =14 - HA" =25- 9 =10
(m+1) m=19= d":3x+y+19=0
= =|ﬁﬁ|m+l|=2[:|=- )
23 m==21= d":3x+y-21=

0 .(théa man BK)

Vay ¢o hai dlI()’l’lg théng la: 3.".'+4_1'+|g :D;?S'.T'f‘ 4_1" 21 =0 ]

¥ ¥ —as 9
Oxy,cho dudng tron (C): (- 1) +(-1 1y =25 va diém

(©)

Cau 23. Trong mat ph:fmg vo1 hé toa do

M(7:3) . Lap phuong trinh dudng thang d qua M cit
J'II{A :34'1{3

A, B

tai 2 diém phan biét sao cho

Loi giai
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M BN
(©)

Duong tron cé tam 1G:1) va ban kinh K =3,
Taco M =210>R = u nam ngoai dudng tron (©
Goi H 1a trung diém 4B ma MA =3MB = B |3 trung diém MH
IH" + MH® =40 - IH* +4BH" =40
2 2 —4 2 2 —75 2 _
oo \IH* +BH® =23 [H® +BH® =25 IH® =20= [H =25

suy ra
Pudng thing 4 qua (7:3) vaco VIPT " =(a;b),a* +5" #0
alx-7)+b(y-3)=0= ax+by- Ta- 3b =0

pr=a ()=l 73N Ba +b| =\5va +5°

'Jﬂ:'i“h:

Ta

c6 phuong trinh la:

[ 9
9a° +6ab+b* =5(a* +°) , 9.2 43p- 27 =0 |a =-2b

a== = d:x+2y-13=0

a=-2b =d:2x-y-11=0

5 - ’ [ : =75 ,
Cau 24. Trong mat phang voi hé toa do Oxy , cho duong tron (C): (x-1) +(-1 1) =23 va diém

] -1:2 ) , . y . .
M (- 1;2) . Lap phuong trinh duong thang d qua M cat (© tai 2 diém phan biét 4.8 536 cho do dai day

cung 4B nho nhit .

Loi giai

Duong tron (© c6 thm 1G;1) ban kinh R =3 Taco: M =5 = IM <R nén diém M nam trong duong
AB

©) HA =HB =2 e : ,

tron 7, ke IH Ld= IH <IM 2 . Taco AH® =IA4°- IH* =25- IH® | AB nho nhit

khi va chi khi 4 nho nhat © IH 1¢n nhat = IH =IM = H =M Khj 46 duong thing ¢ diqua M va

, o IM =(-2:
vudng goc voi IM nén dudng thing ¢ ¢ mot vecto phap tuyén 1a IM =(-2:1) . Vay phuong trinh duong
2 =7 r T | — =V 1= A =
thing 9 1a: 2+ 1) +1(y-2)=0= -2x+y- 4=0 _
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Oxy (€):Ge- 1) +(p-2) =5

Cau 25. Trong mit phang voi hé toa do . Viét phuong

c) , .. K(5-2)

trinh duong tron ( co tam

, cho dudng tron

va cit duong tron (© theo mot day cung 4B ¢6 d6 dai bang V2 .
Loi giai

(@) G- +(p-2Y =5 , .

co tam

, , Vol vo 2Y 2o ¥ =0
Goi @ v&i @ >0 13 ban kinh duong tron (c ), phuong trinh ) la: (€):Ge-5) +(y+2) =a
© , (€

- 10+ 470 4 — ,
10x+4y +29- a =0 . Toa dg giao di€m cua hai duong tron va
(x-1) +(y- 2) =5 x4y - 2x- 4y =0 (1)
—

trinh 4y - 10x+4y+29- a7 =0 I.‘l.': +17 - 10x+4y+29- g =0 (2)

1(1;2)

- Buong tron va ban kinh R :‘/g

o ¥ +)7 )lé nghiém hé phuong

Trir ting vé hai phuong trinh trén ta dugc phuong trinh 8x- 8y~ 29+a” =0 phuong trinh duong thang
A,B

di qua hai giao diém ctia hai duong tron , ké /H L AB suyra H 1a trung diém cia 4B va

| 2 - - 19
AH =HB == AB :i:« IH =\JI1£ - AH® = [5- = :\l; =d (1, 4B)
8.1-8.2- 29+a°| o i at-37 =24 a* =61
= _¢::r|g'—3?|:24¢::r i e
.J83+(- g) 2 a’-37=-24 |a =13

Nén ta cb

Vol o ¥ .-}3:. Vol oo ¥ .'}::
C6 hai dwomg tron Ia: (C):(x-5) +(p+2) =13:(c):(x- 5) +(y+2) =0l

(©): G- 1Y +(3-1) =1
(c)_

Ciu 26. Trong mat phiang véi hé toa do Oxy

(o)

trinh duong tron tiép xuc voi hai truc toa do va ti€p xuc ngoai
Loi giai

, cho duong tron , Lap phuong

Duong tron () co tam G va ban kinh R =1,
Goi K (a; b)vé R>0 13 tam va ban kinh duong tron (©) tiép xtic voi hai truc toa do nén ta co
a=b a=b
ja| =p| =R = ja| =pp| =
a=-b . a=-h
tu
+Néu “ =b>0= K(aa) phuong trinh (€2l a) +(y- a) =a’ hai duong tron tiép xtc ngoai khi va

7 3 . =3+242
IF{:R+R'-=J(G—|)'+(G—I)' =l+a= g - ba+l=0= “ J_
chi khi a=3-22

(©):(x-3- 242) +(3-3- 242) =17+1242

Co 2 duong tron la:
(©):(x-3+247) +(y-3+243) =17- 1242
(©):(G- a) +(y- a) =a°

a=b<0= K(a:a) p hai dudng tron tiép xtc ngoai khi va

+Néu huong trinh

K =R+R o J(a— ¥ +(a-1F =l-a = a’- 2a+1=0 = a =
(@): (G- aY +(y+a) =a

IK=R+R = J(ﬂ- 1) +(a+1) :|+|ﬂ|*=" Eﬂ:+22(|+|ﬂ|): (1)

chi khi
a=-b= K(a:-a)

(loai)

+Néu phuong trinh hai duong tron tiép xtc ngoai khi va

chi khi

Tal +72 = - 14 _ _
TH1 @>0 hige D= 20 +2=0+a) ® a*-2a+1=0 = a =l
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Phuong trinh dudng tron la:
TH2 : @ <0 khi do

Phuong trinh duong tron la:

(c):(x- I):+(_1-+I): :I.
(De 202 +2=(1-a) & @ +2a+1 =0 a =-1

(C©):Ge+1) +(p-1) =1

C6 4 duong tron théa man.

Dang 4: Tiép tuyén ciia dwong tron

Cau 27.

Cho duong tron (C) c6 tam I( a;b) va ban kinh R.

a) Néu biét tiép diém la M(%3¥0) i tiép tuyén d6 qua M va nhan vector IM(x, - 8:¥,- b) 50

(%= a)(x- X, ) +(y,- b)y-y,) =0

vector phap tuyén nén c6 phuong trinh 1a.

b) Néu khong bidt tiép diém thi dung didu kién tidp xac: A tiép xuc (C )T T8 =R 4& vac

dinh tiép tuyén.

Trong mit phang toa d6 oxy cho dudng tron (C) (x= 17 +(y+2)° =8 .

a) Viét phuong trinh tiép tuyén cua duong tron (C) tai diém A(3; -4).

b) Viét phuong trinh tiép tuyén cua duong tron (C) qua diém B(5; -2).

¢) Viét phuong trinh tiép tuyén cua duong tron (C) biét tiép tuyén vudng goc véi d:
x+ y+2014 =0

d) Viét phuong trinh tiép tuyén ctia duong tron (C ) biét tiép tuyén tao véi truc tung mot goc 45°
Loi giai.

a) Puong tron (C) ¢6 tam I(1; -2) va ban kinh & =242 .

Do A thudc (C) nén tiép tuyén A qua A va nhan 14 =(2:-2) 1am vector phap tuyén

Vay phuong trinh Aix-y-7=0

b) Goi =(@D) 13 vector phap tuyén cia A, Do d6
Ata(x-5)+b(y+2)=0

< ax+by- 3a+2bh =0

Do Atiép xtic vi (C ) nén

V6i @ =b chon @ =1= b= Phyong trinh tiép tuyén A 1a ¥+ 3 =0,

V6i @ ==b chon @ =1= b =-1 Pphyong trinh tiép tuyén A 1a ¥~ V'~ 7=0

¢) Tiép tuyén A vuéng goc dnén A c6 dang ¥~ V¥ € =0

d(I:A) =R & B+cl S| 7
Ma V2 c=-7

Vay ¢6 2 tiép tuyén thoa man: *~ +1=0 hodc *~ V'~ 7=0
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d) Goi A ¢6 dang ar+by+c=0 (a°
f a-2h+
[ d(54) =R %:E\E
- a +b
5
EDSI{H;{'}:£ |ﬂ| _JE

- 3 3 5
Theo Cau ra ta co L Na +b =

=g =h = g=4h

c =5h
a=b=|c- b|=4p|=| _
Vi c ==
+ TH1: chon b=l=c=5a=1, duoc Arx+y+5=0
+ TH2: chon b=1= ¢=-3a=l ta duoc A:x+y-3 :[}.
c=T7h
ﬂ:—h=a|g'—3,ﬁ|:4|h|¢:; .
Véi c=-
FTHI: chon P = 12 ¢ ="Tia =1 quqc Aix-y-7=0

+ TH2: chon b=-1= ¢=3a=l ta duoc Arx- y+l :[}.

Vay c6 4 tiép tuyén can tim la Aix+y+5 :U; Atx+yp-3 :D; A:x-y-7 :E}; Aix-y+l :D'

. - 2p-3=

Cau 28. Trong mat phing toa d§ oxy cho duong tron (C):x" 4y = 2y-3=0 va
cl ) o Bl @R — ) ’ )

(C,):x +y" - 8x- 8y+28 =0 . Viét phuong trinh ti€p tuyén chung cia 2 dudng tron.

Loi giai:
I,(0:1) R =2

() co tam va ban kinh 1 T

I,(4:4) =2

(€) ¢4 tam va ban kinh &2

co i [, =3>R+R, nén 2 dudng tron & ngoai nhau, nhu vay c6 4 tiép tuyén chung.

THI1: Néu tiép tuyén song song oy thi A ¢6 dang ¥ +¢ =0

Ta cé d(f:A) =d(I;A) = |c-|:|4+.:-|¢. o ==

Viy tiép tuyén A:x- 2 =0

TH2: Néu A khong song song v6i oy thi phuong trinh cta A:y=ax+b,

d(f:a) =2 a® +1
|d(1:A) =d(I,:7) |- 1+ 5|

Ta co Na +1 Ja® +1
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R
o =— 0 =— qa ==
= 4 24 1
]b :;—I lb :% lb :%
< hodc 12" hoge 2

Suy ra A3x-4p+14 =0 A:3x-4y-0=0, A:Tx+24y-74 =0

Viy ¢6 4 tibp tuyén A:x-2=0 A:3x-4y+14 :U; A:3x-4y-06 :U;Vé A:7x+24y-74 =0

, e Y - 13 =2
Cau 29. Trong mat phang toa do oxy cho duong tron (C):(x-2) +(y-3) =2 va

i e 132 e ME — , , ,
(C,):(x-1)" +(y-2)" =8 . Viét phuong trinh ti€p tuyeén chung ctuia 2 dudng tron.

Loi giai:

(€ ¢61am 123 ya ban kinh & V2.
(C2) co tam L(12) va ban kinh X :2\/3'
—. 7 = - r I r
Ta co ik =2 = R, - &, do d6 2 duong tron ti€p xuc trong. Nhu vay co6 1 tiép tuyén chung.

Toa d6 tiép diém cia 2 duong tron 12 nghiém hé

(2 - 1 =7
(x-2)" +(y-3) T = M(3:4).

[ (x- 1y +(y-2)* =8

Tiép tuyén chung A 1a dudng thiang qua MG:4) va nha

7=0

n 1L =(C1-1) lam vecto phap tuyén

nén ¢6 phuong trinh Alx+y-

(Oxy)’ cho (€):(x-2) +(y- 1) =5

Céu 30. Trong mit phing . Viét phuong trinh tiép tuyén cua

biét tiép tuyén cit Ox: 0% 1an luot tai £ B sao cho 04 =208

Loi giai
©) co tam 1(2;1), ban kinh & :‘E

+
Ox; Oy A B sa0 cho O4 =208 = Tiép tuyén c6 hé sb goc OA

lan luot tai

k 1. Ay :lx+b
YT

Truong hop 1: Voi 2 Phuong trinh tiép tuyén c6 dang <

Tiép tuyén cat

5
bh==
|3"L’| J‘ 2
=l =5
5 -

Ala tiép tuyén cua (€)= d(10)=R

b2 | o]

Suy ra phuong trinh tiép tuyén can tim 13
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k=-l=> diy=-—x+m

Truong hop 2: Voi 2 Phuong trinh tiép tuyén c6 dang 2

d 13 tiép tuyén cua (€)ed(r:d) =k

b | = b3 | D

Suy ra phuong trinh tiép tuyén can tim 1a
Vay c6 4 tiép tuyén thoa man diéu kién.

e ¥ 1Y —5 A v _
(Oxy),ch0 (€):(x-2) +(y-1) =5 Ty MEA:x+y+2=0

Cau 31. Trong mit phing sao cho qua

MA, MB

M k¢ dugc toi (© hai tiép tuyén thoa man dién tich tir giac MAIB bang 10, véi 1 1 tim dudng

tron.
Léi giai
©) 6 tam 73D b kinh & =J5 =41

I Slr-- - -
Suus =28,y =2.— AM.AI = AM =228 =25 = pp =AM + 41" =5
g =23 T

MeEA:x+y =2=0= M(a;2- a)

s s . a=>5
MI=5< (2-a) +(1-a) =252 a*- 3a-10=0=
a == 4
M (5;-3)
s x| M(-2:4
Vay c6 2 diém thoa man dicu ki¢n (-2 ).

A(:-1);B(1:3)

Cau 32. Cho dudng tron (C) ¢6 phuong trinh ¥ ¥~ 0¥+ 20 +0 =0 05 4idm hai didm

a) Chirng minh rang diém A thugc dudng tron, diém B nam ngoai dudng tron
b) Viét phuong trinh tiép tuyén cua (C) tai diém 4 .
¢) Viét phuong trinh tiép tuyén cua (C) ké tir B .
Loi gii
Duong tron (C) ¢6 tam 1(-1) ban kinh £ =V3" +1- 0 =2

I4=2=R:B =25 >R

a) Ta co: suy ra diém A thudc duong tron va diem B nam ngoai duong tron

14 =(2;0)

b) Tiép tuyén ciia (C) tai diém A nhan lam vecto phap tuyén nén c¢6 phwong trinh 13

ol , —

20x- D+0(y+1)=0 hay * =1

¢) Phuong trinh duong thang A di qua B ¢6 dang:
alx-1)+b(y-3)=0 (Vi a’ +b? #0) hay ¥ * by-a- 3b =0

Dll'b’l’lg théng A la tlép tuyén cua duc‘rng tron - (?r(.lr .-ﬁ) =R

3a- b- a- 3b| . ) b =0
= =2 (g- 2b) =a* +b = 3 - dab =0 =
1.J’ﬂ:_h.lf 3b =4a

Trang 20



+Néu b =0 chon @ =1 suy ra phuong trinh tiép tuyén la ¥ =1,
3x+4y-15=0

3r+4y- 15 =0

+Néu 3b=4a chon @ =3P =4 guy ra phuong trinh tiép tuyén 1a
Vay qua A ké dugc hai tiép tuyén véi (C) ¢6 phuong trinh 1a X =1 va

Ciu 33. Viét phuong trinh tiép tuyén A cta duong tron (©):x” +)7 - dx+dy-1=0 trong trudng

a) Puong thing A vudng goc véi dudng thing & - 2% +3r+4 =0

b) Puong thing A hop véi truc hoanh mét goc 45
Loi gidi
a) Puong tron (C) c6 tam | (2:- 2), ban kinh R =3

Vi A LA nén A nhan “ (-3:2) lam VTPT do d6 phuong trinh c6 dang ~ 3% * 2V +¢ =0

Puong thang A 1a tiép tuyén voi duong tron (C) khi va chi khi

- 10 +¢|
d(:A) =3 |—:3a c =10 +3.13
' J13

Vay ¢6 hai tiép tuyén g Ai-3x+2y+10 +3/13 =0

b) Gia st phuong trinh duong théng Azax+by+ec =0,a° +b* 20

Puong thang A 1a tiép tuyén voi duong tron (C) khi va chi khi

2a-2b
W—M—Bﬁ("ﬂ— b +c) ':J(a +H )f )

a +h°

d(I:A)=3=

Puong thang A hop véi truc hoanh mot goc 45° suy ra

cos(A:Ox) =—LL i = cos45" = |h| e a=h

Na' +b Va +b hogc @ ==b
TH1: Néu @ =b thay vao (*) ta c6 18a” =c* & +r :3"~Eﬂ, chon “ =b=1=c =232 suy ra
Azx+y 232 =0

€ :(3J2_— 4)::?

. c=-(3J2+4)a
TH2: Néu @ =-b thay vao (*) ta co

e =(347 - 4)a a=1b=1c=(3J2- 4)= A:x- y+3J2- 4=0

Vi , chon

¢ =- (342 +4)a a=1b=-1lc=-(342+4)= A:x- y- 34J2- 4 =0
, chon

&I.l X+ _lli?"‘j: :[:]-_l"l_"i.-\ . _1-+3J5_ 4 :[:]

18a” =(da + c'): =

Véi

Vay c6 bon dudng thang thdéa mén 1a va

A ix-y-3W2-4=0

Cau 34. Lap phuong trinh tiép tuyén chung ctia hai duong tron sau:
(CI): x4y - 4y-5=0 va (C:): x 4y - 6x+8y+16 =0

Loi gidi
Puong tron ) c6 tim 1,(0:2) ban kinh & =3
pusng tron 2 co tam 2 G4 ban kinh &> =3

Goi tiép tuyén chung cua hai duong tron c¢6 phuong trinh Arax+by+c =0 45 a® +5° #0
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- ( 3 | = z 2 (%
{a’ff a}: _ |PEre[=Na 0 ()
A 1a tiép tuyén chung ctia (c ) (C ) ld(r.8) = [Ba- db+c| =3a” +b*
a =2b
26 +c| =Pa- 4b+c|= -3a+2b
=
Suy ra 2
THI: Néu @ =2b chon @ =22 =1 thay vio (*) ta dugc € = 2435 nén ta c6 2 tiép tuyén la
2x+y-2+3J5 =0
-3a+2b
, C=——— o TN =7 2 2 _ _
TH2: Néu 2 thay vao (*) ta dugc 2b-a|=2Na"+b" = ;= hoic 3a +4b =0

+veia=0=c :b, chon b =c =1 ta duogc A:y+1=0
+ Vi da+db =0= ¢ =3b chon @ =4,b=-3,c= tadu:oc‘:t':zh-_?’1'_":’1:[:I

Vay c6 4 tiép tuyén chung cta hai duong tron 1a: 2x+y- 2235 =0,y +1=0,4x- 3y- 9 =0

(€):Ce- 1) +(y-2) =2 (C:):(r— 4 +(y-5) =8

Cau 35. Trong hé truc Oxy, cho hai dudong tron

va dudng thang dixty+m=0 Ty m pibt duong thang d tiép xtic voi ca hai duong tron @) va (CQ) .
Loi giai
€D g am 102 i B V235 O g iam L&) o R =242
1 \ M < A /. I . \ \ (Cl ) \ (C2 ) A 7
Vi duong thang d ti€p xuc véi ca hai duong tron va nén ta co
? |m + 3| J—
) i Y
d(f'!d):R' = ﬁ = m=25

d(1,,d) =R, R}_:ﬂ =22

Ciu 36. Trong mit phang Oxy , cho hinh thoi ABCD ngoai tiép duong tron (C) c6 phuong trinh
G-2Y +(+1) =8, . g s dixe

va diém A thudc duong thang
biét rang BD =2AC 3 hoanh d6 diém A khong nhé hon 2.

N )
2y 43 =01 toa do cac dinh cua hinh thoi,

Loi gidi
A
H
B I
D
C
11 s ) o M=
- " E e am s 1B=2410
Trong tam giac [AB ¢ /4~ 1B~ IH™  4i4" 8§ . <
I4 :Jﬁj P
AQa-3%a) . |x, 22 A1;2) C(3:-4)
Gia st hay . Suy ra
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Phuong trinh duong thing BD: x-3y-5=0. Két hop véi 8 =D =2V10= 145 46 c4c diém B, D 1a
[x-3y-5=0 ¥ =8y =l
i i N 4 3
) ) =, x=-4p=-
nghiém cua hé phuong trinh (x-2) +(y+1) =40 -

-y . . ==
Viy toa do cac dinh cia hinh thoi ABCD 1a A 1:2):BED.CG-).0C4-3)

A(1:2),8(-4:-3),c(3:-4),D(8:1) .

Oxy d:x-y+1=0

Cau 37. Trong mit phang voi hé toa do cho dudng thang

(C):x 417 - 2x+4y-4 =0

va duong tron

. Tim toa d6 diém Med gochotr M ké duoc hai tiép tuyén MA, MB

2) dén duong thang 4B 14 16n nhét.

Loi giai

théa man khoang céach tur

i- 2 M(a;a+1
Puong tron () c6 tam 1G; 2).Ta c6diém M thuoc ¢ nén (a;a ).
K. ﬂ:'jﬂ; 1]
Goi K trung diémcia Ml thi ' = <
1
KA =KB =—MT
Vi tam gidc VAL MBI vuong tai 4B hen 2
Duong tron @) tam K duong kinh MI nén c6 phuong trinh
[ a+1)" [ a-1)7 _a*+2a+5 .
.. . — 2 4l e (a-Dv-a-2 =
|.1 5 +‘1 5 ‘ = 5 = x4y -(a+Dx-(a-1)y-a-2=0
(c)n(cn) A,B

Puong thang 4B 1 giao cla nén toa do diém thda man hé

T+ - 2x+4y-4=0

. . = (-a)x-(@+3)y-a+2=0
I."."+_1"-(ﬂ+|).".'-(ﬂ-|:|_1'-ﬁ‘-2:|:| )

, oy o=

Suy ra duong thing 48 ¢6 phuong trinh (- a)x- (a+3)y- a+2=0 _

Khoang cach tt vV dén 4B 1a
7- 4|

| |a®-14a+49 |
d‘.\':ﬂ.] = v ¥ :; 2 2 :; 4
3\/(|_ﬂ)-+(ﬂ+3)- 2V2a" +4a+10 2

B,
4

34 (a+3)

16 2a° +4a+10

-{.J?E

4

b | tes

Maxf (a)

M‘ -

bod| tad
.-
bd | —

Vay

Dang 5: Tim diém théa man diéu ki¢n cho truée

()

Phuong phéap tim tap hop cac tim / cua dudng tron

-l Budc 1. Tim gia tri cia m dé ton tai tim I

x=f(m)

] ) ¥y :g(r_r;)
-l Budc 2. Timtoadd tim * . Giasu: 1 - )
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Fl(x;y) =0
a” .

-l Budc 3. Tim mdi lién hé giira *y theo ™ ta dugc phuong trinh

-l Budc 4. Duya vao diéu kién cua m & buge 1 dé gidi han mién cia hoac Y )
7, Flay)=0 s
-l Budc 5. Tap hop diém * 1a cung va&i phan gidi han ¢ budc 4.

. R = ORI SO g
Cau 38. Trong mat phang véi h¢ toa do Oxy  Cho dudng tron (C):x"+y" - dx-2y-1=0

d:

va duong

©) hai

thang & -V *1=0 1im nhitng diém M thudc duong thing @ sao cho tir diém M ké duge dén

tiép tuyén hop véi nhau goc 90°.

Loi giai

M thude @ suy ra M (5120 Néu 2 tiép tuyén vudng goc véi nhau thi MAIB 13 hinh vuong (4 ,B 1a2
tiép didm). Do d6 4B =MI =IAN2 = r2 =62 =23
MI =\((2- () +(2+1)" =J21* +8 =243

;:—ﬁ—r Ml(—ﬁ:ﬁ— I)
¢ =2 — M, (V2-42- 1)

Taco :

-Dodo: 2t +8 =12 & ¢* =2

Oxy (C), ¥4y 4x-2p-4=0

Cau 39. Trong mat ph:fmg vo1 hé truc toa do .Goi {
la tAm va R 13 ban kinh cuia ()

MA,MB 32,

, cho duong tron

dix+y+2=0

. Tim toa d6 diém M thudc duong thang sao cho tut M k¢

duoc hai tiép tuyén © (A’B 1a cac tiép diém) thoa man

,43:13“(3_4

a) 17

b) T giac MAIB ¢¢ dién tich bang 62

2(3+242)

¢) Tt gisc MAIB ¢4 chu vi bing
d) Tt giac MAIB 13 hinh vudng.
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A
M
B
a) Duong tron © cd tam 1(2;1), ban kinh R =3
B 634
GOI H=MIn ‘IB’ suy ra AH 1 MI va 2 17 .
MI :AI' = - -
Xét tam giac MAI vuéng tai 4 c6 AH 1a dudong cao nén HI AP - AH*
) .9 -
Do Med nan M (m;-2 m). Ta co
MT =Jﬁﬁ J(E— m): +(m+3f :Jﬁ
= 2m +2m-4=0
m =1
—
m=-2
Viy M (1;-3) hodc M (-2:0)
| | 632
Suasr == Suun =32 = ~AM Al =32 = AM = " =22

b) Ta cod -

Suy ra M! =NAM" + A :Jﬁ. Do M €d nen M (m;-2- m)- Ta co

MT :Jﬁﬂ .J(E— m): +(}JI+3T :Jﬁ

= 2w +2m-4=0
m =1

[ —]
m==2

M(1;-3) M (- 2-,0)_

Vay hoac

Cop =MA+ AL +IB+BM =2(MA+ A1) =2(3+242)
c)Taco )

Suyra MA+AI =3+22 & MA=3+2{2- a1 =22
Do ds MI =NAM* + 4" =17

1 ey I
Do M €d pen M Gm3-2 m).Taco

MT =Jﬁﬁ J(E— m): +(m+3:" :Jﬁ

= 2m +2m-4=0

m =1
—

m=-2

Vay M(1;-3) hodic M (- 2;0).
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d) Ta giac MAIB 13 hinh vuéng nén M/ =142 :3\’6.
] ...

Do M€d nen M G2 m). Ta cod

MT :3\5 = J(E— m): +(m + BT 23-.,1@

= 2m +2m-5=0

12411

i

= m=

w"-nJﬁ,&-Jﬁ" w"-l-Jﬁ.-hJﬁ'
! 5 . 5 = 2 L -

Vay " hoac

Oxy (C):ix" +y7 - 4x-2y- 4=0

Céiu 40. Trong mit phang voi hé truc toa do , cho duong tron .Goi 1 1a

. N
dix+y+2=0 sao chotr M ké

tam va R 13 ban kinh cua (C) Tim toa d6 diém M thudc dudng thing
duoc hai tiép tuyén MA | MB dén (© (4B 13 cac tip didm) thoa man -
a) Tam giac MAB vuéng,
b) Tam giac MAB déu,

MA, MB

Y £ f: Ay g 1% 0
c) Hai tiép tuyén tao vo1 nhau mot goc bang 60",

d) Tam giac 148 déu.
Loi gidi

M

B
©)

a) Ta c6 dudng tron c6 tam 11

va ban kinh & =3,
Theo gia thiét Cau toan tam giac MAB vuong can tai M suy ra tir gidc MAIB 13 hinh vudng nén
M =142 =32

; o9
Do M€d nen M G2 m). Ta cod
MT :3\5 = J(E— m): +(m + BT :3\5

= 2m +2m-5=0

12411

e m=
i’f._l+m'_3_m. ;‘r’f._l_ml_?"""\'!ﬁ-
Vay " hodc .
5 —apn?
b) Tam gide MAB déu, suy ra AMI =30"
Mmr=—__ =214=6
Xét tam gidc MAI vuong tai 4, taco sin A7
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, I
Do Med nén M (m._ 2 m). Ta cb
MI =h = J(E - m): +(m+3f =0
< 2m* +2m- 23 =0

= m :ﬂ

'-|+JE,-3-JE" w"-l-ﬁ,-hﬁ'
9 ’ 3 ‘ " ’ "

M ‘

i i

Vay B " hoic

¢) Theo gia thiét ta chia Ciu toan thanh 2 trudng hop

 Trwdmg hop 1. AMB =60" = AMAB 43y suy ra AMI =30"
14

M=

=274 =6
sin Ynsr

Xét tam giac MAI vudng tai 4, tacod
Do M € d nén M (m.j— 2- m:'. Ta c6
MI =06 J(E - m): +(m+3f =0

= 2m +2m-23=0

— M :ﬁ

'-|+JE,-3-JE" w"-l-ﬁ,-mﬁ'
9 ’ 5 ’ 9 ’ 9

M ‘

Vay " hodc
° Trlr(‘)'ng hqp 2. E.‘l{ﬂ :] 200, Suy ra Qﬂ;{f :600 )
-
mi=—42_ o5
sin4yr 3

Xét tam giac MAI vuongtai 4, taco

) 9
Do M€d nen M G2 m). Ta cod
MI =23 = JQ2- m) +(m+3) =23

= 2m” +2m+1=0 (v6 nghiém)

Vay khong ton tai diém M thoa man yéu cau Cau toan.
. —_apn?

d) Tam giac /4B déu, suy ra v =30 .

I 214
MI = =—— =23
cos s 3

Xét tam gidc MAI vuong tai 4, taco
I i I

Do Med nén M (m._ 2 m). Ta c6

MI =23 = |- m) +(m+3) =23

= 2m” +2m+1=0 (v nghiém)
Vay khong ton tai diém M thoéa mén yéu cau Cau toan.
, Ax+2) +(v-3) =5
Cau 41. Trong mat phang voi hé truc toa do Oxy , cho duong tron (©):Ge+2) +(p-3) =5 va duong
el Eal oA — 2
dix-35y-4=0 . Tim trén (©) vatrén 4 diém N sao cho

thang
A(-7;-1)

a) Hai diém M.N- 44 xtmg nhau qua diém
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Cau 42.

thang

d:2x+yp+4=0

b) Hai diém M.N 46 xting nhau qua Ox
Loi gii
N (5t +4; . . M(-18- 5t;-2-
a)Do NVE€d nen N (st 4't).DiémM d6i xang v6i NV qua 4, suy ra M (- 18- 5t;-2 {).Mét

khac M E(C), nén

(-18-5t+2Y +(-2-¢-3) =5
= 2667 +170t +276 =0
__46
< =3 hojc 13,
C 4 A .
M“ -i_:“_ﬂ _.,.".,."-E_:-q-_ﬁ
13 13 . 13 |3_‘
o M5t+4:-t)
én .

Vay c6 hai cap diém can tim 1a CASEDRUCITE) hoac

b) Do N€d nen ™ (5t +4;1)

Me(C) .
nen

.Pidm M @i ximg v6i NV qua Ox n
Mat khac,
(5t+4+2) +(-1-3) =5
= 201" +006t +40 =0
20
= 1 =-lhoic - E

.1,;‘_45-30" M_"_%,_zo"
.-w(—l.:l)._.-x-(-|.:-|)hoac 13713l 137 13

Vay c6 hai cap diém can tim la :

Oxy (€):Ge- 2 +(3-2) =5

Trong mat phéng vo1 hé truc toa do , cho duong tron va duong

. Tim trén (©) diém M vatrén 4 diém N sao cho
a) MN o d6 dai nho nhét.
b) MN ¢ d6 dai 16n nhét.
Loi giai
(©)

Duong tron coO tam

2+4+ﬂ
da) =P s Ea g

4+1

12:2) o vinn B =5 Tacs

Do do @ khong cét (C)

.MM
o1

G 2 1a duong kinh cia duong tron (c va vudng goc voi d Ta thdy voi M 1a mot diém

©)

bat ky thudc thi
min|d (M,.d):d (M,,d) =d(M,d) =max|d (M,.d):d (M,.d),

Dau bang xay ra khi M =M, hodc M EM?.
Puong thang MM, di qua tim £ va vudng goc véi d nén co phuong trinh *~ 2y+2 :D.
[x-2y+2=0 (v = _
ea2Y 2y 2 5 Lot {x -
. c=2) +(y-2F =5 y = )=
Toa 3o diém M,, M, théa man hé g T . hoiac J 3.

) 1). ] - ) =5 ) =3.J5
Suy ra MO0, M, &3) o cd (v d) =S5 d G, d) =35
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Toa d6 diém M cén tim 14 hinh chiéu vuéng goc cua tam I trén @ .

2x+y+4=0 [x=-2
. - Ty 42 =0 = =0
Do d6 toa d6 diem N 1a nghiém cua hé phuong trinh (X eyre= =
. - " . ‘
a) Voi M, (0;1) va N(-2,0) thoa man yéu cau Cau toan 1a nhé nhat.
. 5\ . NL-2; , ~ A A ~ , 1x 12 Je
b) Véi M, 4:3) va ' (-2:0) thoa man yéu cau Cau toan 1a 16n nhat.

Oxy d:x-5y-2=0

Cau 43. Trong mat phfmg v61 hé truc toa do , cho duong thfmg

(C):x*+y" +2x- 4y-8 =0

va duong tron
. Xac dinh toa do cic giao diém 4B ja dudng tron © va duong thang d
biét 4 c6 hoanh do duong. Tim toa do diém C thudc (©) sao cho tam giac ABC vuong & B

Loi giai

d
¢ B

A
Puodng tron © cO thm 16 1;2), ban kinh R =\E.

Toa do giao di€ém cua Ava B 1a nghi¢m cua hé

¥+ +2x- 4y-8=0
] ] o |
| x- 5y-2=0 {r =

- T
Do 4 ¢6 hoanh do duong nén ta chon 4(2:0), 53 I).

. —op" .2 ‘. .
Theo gia thiét, ta co HBc =90 nén 4C 1a duong kinh cia duong tron, tirc diém C ddi xtmg voi

diém 4 quatam !, suyra c(- 4;4).
Céu 44. Trong mit phang voi hé truc toa do Oxy , cho duong thing d:3x-y-T7=0 va duong tron
M 1Y LAY —
(©):G- 1Y +(y-2) =10 . Chtirng minh (d ) ( ) tai hai diém phan biét 4B Tim toa do diém €
thudc (©) sao cho tam giac ABC can tai C
Loi giai
d
B
C
C.r‘
A

Duong tron © cd tam 10, 2), ban kinh & =10 .Taco
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_B-2-7_ 6 _,

Jo+1 (o

Piéu d6 chung t6 4 cét () tai hai diém phan biét

d(r.d)

A,B

Vi 4B 1a day cung cia (© nén duong trung truc A cia doan thang 48 qua tam / va vudng

gbe voi 4 nén A:x+3y-T7=0

Tam giac ABC can tai C nén € thuoc A . Hon nita C thudc (€

-

x==2
[x+3y-7=0 J y =3

(- 1) +(p-2F =10 r =4

=

h¢

Cc(4:1)

Vay C(-2:3) hoac thoa man yéu cau Cau toan.

) nén toa do diém C thoa man

Cau 45. Trong mat phang vdi hé truc toa do Oxy , cho duodng tron (C):x® +y7 +4x+4y+6 =0 va duong
, ‘x R - , , ,

thang dix+my-2m+3=0 .Goi 1 1am tam cua (C) Tim M @& d cét (c tai hai di€ém phan biét 4,B

théa man :

a) 4B 16n nhit.
b) 4B =2

¢) Dién tich AZAB 16n nhat.

NE)
d) Dién tich AAB bang 2 va 4B 16n nhét.
Loi giai

-2;-2)

a) Puong tron (© c6 tAm 1(¢-2; , ban kinh R =2,

Day cung 4B 16n nhat khi va chi khi 4B 13 dudng kinh cia (c

1
“2-2m-2m+i=0e= m=—

tam / nén
|
m = 1 1
Vay 4 1a gia tri can tim théa yéu cau Cau toan.

d

) nghia 1a duong thang d g qua
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d(1,d)=d(i,AB)=IH = |R° - ? =1

|—2— 2m- Em+3|
= =
JI +m°
= || = 4m| =l +m"
b) Goi H 1a trung diém 4B . Khi do [H L AB ngn = 15m” - 8m =0
8
m=—
= m =0 hozc 15,
8

m o —
Vay M =0 hoge 1513 cac gia trj can tim thoa man yéu cau Cau toan.

d A~ H B

(©) (i hai diém phan bigt khi ¢ 4V <R

2-2m-2
- 2- 2m “"”+3|{me |I- 4;;;|:m
J|+m:
4-430 44430
2 14

= |4m -8m-1<l= | 1=

Goi H 1a trung diém 4B, suyra IH L AB

C) d cht

1 . 1 . . .
S. . =—IAJB.sin 4B =R’ sin 4B =sin 1B

AlA8 -
. 9
Taco < <

Do d6 Saus 16n nhét khi Sin QIIB 16n nhit = sin ,GIB =]l= Q.FB =a0"°

14 m =0
H="=ledld)=le 8
32- m=—
Khi d6 tam giac /4B vuong cantai [ nén 15
- -
) . (0) i d(f,d){ﬁﬁ4 Jﬁ{m{4 Jﬁ
d)Pé d cit tai hai diém phan biét khi 14 14

Goi H 1atrung diém 4B, suy ra IH L AB  Theo gia thiét Cau toan, ta c6
| | . | 418 =60
\/g _ S :;M.fﬂ.sm Yy :;.R'.Em U1p =sinBis = _
N 2 2 Q1B =120°
. . —170° 11 —
Mit khac, theo gia thiét 4B 16n nhat nén 4B =120° Suy ra Bl =30,

)

IH =IAsin g =2. =¥~
Trong tam giac vuong [4H | taco V22 nén
- d(f._d):ﬁﬁ |—2— 2m- 2m+3| :£
2 JI +m’ 2

= JE |I— 4m| =fl+m = 3lm -lom+l=0= m=

8§ +33
31
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& e Y A 2 z C . . 2.2 N A
Poi chiéu dieu kién dé d it (©) tai hai diém phan biét ta dugc 31

Oxy (€):CGe- 1) +(p +2) =9

Cau 46. Trong mat ph:fmg v61 hé truc toa do
d:3x-4y+m =0

, cho duodng tron va duong
. Tim " @ trén duong thang d co duy nhat mot diém P ma tir d6 6 thé ké duoc

PA,PB ; (C)(

thang
hai tiép tuyén A.B 13 cac tiép diém) sao cho :
a) Tam giac PAB déu.

b) Tam giac PAB vuong.

r r s 0
c¢) Goc gitra hai tiép tuyen PA, PB bang 60"
Loi giai

d
A
P I
B
a) Puong tron (© c6 tam 10:- 2), ban kinh R =3,

\ 0 _
Tam gidc PAB d&u nén 4P =60 , suy ra AP =30",
Xét tam giac AP vuong tai 4, ta co:
I4

=274 =6
sin 3 pr

IP =

Do d6 P thudc duong tron () 6 tam ! , ban kinh R'=IP =6

Mit khac, dé trén d c6 duy nhéat mot diém P thoa yéu cAu Cau toan thi ¢ tiép xuc voi ¢ nén
|3 + 8+ m|

| il Y

= m =19
O+10 hodc M =-41

di.d)=R'=

Vay M =~ 19 hoge m =-41 13 gié tri can tim thoa yéu cau Cau toan.
0
b) Tam giac PAB vuong, suy ra ApB =90 . Do @6, ttr giac PAIB 1 hinh vuodng, suy ra
IP =142 =RJ2 =342
o))

Do dé P thuoe dudng tron C 2 ¢6 tam I, bén kinh R' =77 =342

- ’ A A r A A A 5 A A re ’ 3 <A I e C A
Mat khac, d¢é trén d c6 duy nhat mot diém P thoa yéu cau bai toan thi d tiép xtc voi nén

3+S+m|
d(I,d)=R'= |—:3~Eﬁ m=-11+15J2
WJo9+16

A — T s e c A 1 9 A A A ’
Vay m =- 11+l 5V2 la gia tri can tim thoa yéu cau Cau toan.

¢) Truong hop 1: 4PB =60" (da lam ¢ trén)
Trub‘ng hO’p 2: Q‘D‘B :] 201] 5 Suy ra QPII :600
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.,
IP =— 4 _-H =23
Xét tam giac AP vuong tai 4, ta co sinApr B _

Do d6 P thudc duong tron () c6 tam 1, ban kinh &' =1F =243
Mit khac, dé trén d c6 duy nhéat mot diém P thoa yéu cAu Cau toan thi ¢ tiép xuc voi ¢ nén

3+S+m|
d(I,d)=R'= |—:3J§¢- m = 11+103
J9+16

vay M =19 hoge m =-41 hoge M =" 111043 1a gia tri cAn tim thoa yéu cau Cau toan.

Dang 6. Tim quy tich tim dwong tron
Phwong phap:
©)

Phuong phap tim tap hop cac tim / cta duong tron

-l Budc 1. Tim gi tri ciia m dé ton tai tim I

x=f(m)
[ . ¥y :g(i}'?)
-l Budc 2. Timtoaddtdm * . Giasu: 1 )

, F(x;y) =0
I Bude 3. Tim méi lién hé gitta ¥ va * theo " ta duoc phuong trinh .

. o aA 1A , . 2 g A L X )
-l Budc 4. Dua vao diéu kién ctia m & budce 1 d€ gidi han mién ctia = hoac = .

o 1. Flsy)=0 o
=l Budc 5. Téap hgp diém * 1a cung v6i1 phan gidi han ¢ bude 4.
Cau 47. Trong mit phing Oxy , cho phuong trinh dudng cong ©) c6 phuong trinh:

x4y - 2mx- 40m +1)y+3m +14 =0.

om (O
a) Tim thams6  dé la dudng tron.
o e (C)
b) Tim quy tich diém * 1a tdm ctia duong tron .
Loi giai
om (O
a) Timthams6  dé la duong tron.
s 2 s m > 1
©) m>+40m+1) - 3m- 14302 5m* +5m- 1050 = ,
Diéu kién dé "~ ’1a dudng tron : M=
b) Tim quy tich diém / 13 tim cua dudng tron (C)
(x, =m
Im:2m+2)= ' =y, =2x,+2

— ) ~
Ta | ¥, =2m +2
()

Theo diéu kién (1) (cdu a), ta dugc quy tich tdm I cua 1a mot phan duong thing c6 phuong
s =2x +2 L x<-2x
trinh : Y ==+ < g vei - <-Zx>l

(©) ()

Ciu 48. Trong mit phing Oxy , tim quy tich diém / 1a tAm cua dudng tron , biét tiép xtc voi
Ox-8y+15=0 . ., .. -
d:0x-8y+15=0 va c6 ban kinh R =3,

Loi giai

duong thing

1(x;;,) (C)‘

Goi tam cua duong tron
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) d:6x-8y+15=0

va ¢ ban kinh & =3 nén:
|ox, - 8y, +15| Ox -8y - 15=0
L — ! !

10 6x, - 8y, +45 =0

tiép xtic v6i duong thang
d(I,d)=R <

Quy tich tim / ctia duong tron ©) 1a hai duong thang song song c6 phuong trinh :

6x- 8y-15=0 _. 6x- 8y +45 =0
va - .

Ciu 49. Trong mit phang Oxy , tim quy tich diém / 13 tAm cta dudng tron (©) 6 ban kinh R =2, biét
(C)tiép xuc tiép xtic véi dudng tron (C):x* +)7 - dx+6y- 3 =0 _

Loi giai

Goi tam 1Gesy,) cua duong tron (C).
1'(2:-3)
(c")
(©) |R'=4

tiép xuc véi va c6 ban kinh R =2, nén:

II'=R+R'= (x, - 2) +(y, +3Y =36

Vay quy tich tim / ctia duong tron (© la duong tron c6 phuong trinh :
(x-2) + (y+ 3) =36

Céu 50. Trong mit phang Oxy , tim quy tich diém / 13 tdm ctia dudng tron (C), biét (© tiép xtic v6i hai

. e N - - T, T =
dubngthéng(f"“'1+3-1 0 =0, d,:3x 2_1+'?J—D.

Loi giai

1(x;;,) (C).

Goi tdm cua duong tron

d 2x+3y-06=0, d,:3x-2y+9=0 _,.
: : , nén:

|2x, - 3y, +6| |3x,- 2y, +9| |x, +y,+3=0
= =

NE NE - 4320

)tié’p xuc v6i hai duong thang

d(1,d)=d(1,d,)=

Quy tich tim / ctia duong tron (© 1a hai duong thang vudng goc cé phuong trinh :
x+y+3=0 va X" v+3=0

(©) (©)

Cau 51. Trong mit phing Oxy , tim quy tich diém / 1a tim cuia duong tron , biét tiép xuc voi Ox

va cit Oy tai diém A(O;l).

Loi giai

1(x;;y,) (C)'

Goi tdm cua duong tron

N e ez AW1)
)tlep xiic voi OX va ct OY tai diém (©:1) nén:
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d(1,0x)=Al = |y,|=yx

Quy tich tim / ctia duong tron (© la duong Parabol c6 phuong trinh : -2

i) g i)
C)ix™+y - 2mx- 2m y- 1=0

Cau 52. Cho ( . Tim quy tich tim / cta dudng tron

Loi giai
(C) ¢6 dang .1'3 +_1'3 - 2ax- 2by+e =0 voi @ =m.b =;r:3;L'=— 1
A 2 U f::2+frr'?;+|.‘2-0
1a phuong trinh duong tron U @™ +57- ¢ >0 {

O m* +m?+1>0 (Ld'm)

Xp=m
I

Khi do, oo tam Trr=m"P vy =x()

()

.Toa @ tam I thoa man

5 , = 2
Vay I nam trén Parabol ¢6 phuong trinh ¥ =~ *

(C) 4 (€)

Dy:x+2y- 3=0

Ciu 53. Tim tap hop tim / cua duong tron ' 7 biét */ tiép xtc v6i 2 dudng thiang

Dyix+2y+06=0
va = .
Loi gidi
() co tam 1(xp3vr) . Theo gia thiét d(£;D,)=d(r:D,)
U |.".'I|" 2_1';' 3|_|'T||'_ 2_1'; +t||
NN
.".'Il" 2_1';‘ 3|=|.'|.-||" E_II'I,I' +tl|

':J 2""-!' - 4_1'; - ':J:D{*}

-

10a31) thoa man *)
Vay tam / ndm trén duong thing >*~ 4 9 =0,

. Toa do tam

. 2 Al L , -
(C)ix=+y=- 2(m- )x- 4my+3m+11=0 Tim qu§ tich tam / cita dwong

Cau 54. Cho duong tron
tron.
Loi giai

(C) ¢6 dang x? +_1"j - 2ax- 2byte =0 o a=m- Lb=2mic=3m+1l

1a phuong trinh duong tron Ua?+b*- c>0 U (m- 1)7+(2m)"- Bm+11)>0

U 5m*- Sm- 10>0 & <-1

Khi d6 (C)C(,) am 1Vr=2m P 2x- oy +2=0(*) (*).
& >2 @>1
& b ¢

Véi didukign 8 <1 8<-2

N N L P . A — .
Vay / nam trén duong thang <*~ T2=0 (6 x>1 hodc * <- 2

.Toado tam / théa man
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Cau 55. Tim tap hop tAm/ cua dudng tron () biét (C) tiép xtc ngoai véi duong tron

(CO:x+y7- dxd0y- 3=0, (4o R=1

Loi gidi
(cd ¢ thm 2-3) va ban kinh R¢=4
(€ )cotam ("’}")VébénkinhR=1

Toa dd tam I vr) thda man

Vay quy tich tim / duong tron
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