Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

m Cyc tri chira dau gia tri tuyét doi

Céu 1:

Céu 2:

Cau 3:

Céau 4:

Cau 5:

Cau 6:

Cho ham s6 f (X) lién tuc trén R 6 db thi dao ham y = f '(X) nhu hinh v&. Goi tap S la tap
chtra tit cd cc gia tri nguyén me[-21;21] déhamsé f (‘X2 +2mx —l‘) c6 dung 7 diém cuc tri.

S6 phan tir cua S 1a;

A 1. B. 0. C. 2. D. 3.

Cho ham s6 y = f (x) lién tuc va xé4c dinh trén R va ¢ do thj dao ham y = f '(x) = x(x~1). S6
diém cuc tri cia ham s y = f (|2X+Zq —1) la:

A 4. B. 5. C. 3. D. 1.

Cho ham sb y= f(x) c6 dao ham lién tuc va x4c dinh trén R va c6 biéu thirc dao ham
y=f '(x)= X(X—Z). Hoi c6 tat ca bao nhidu gia tri nguyén cia tham s m dé ham sb
y=f (|2X+ m|- m) c6 dung ba diém cuc tri

A. 3. B. 1. C. 2. D.0.

Cho ham sb fx ¢o6 dao ham lién tuc trén R va c6 biéu thoc dao ham
fla =z xz—m x—6+m ,véi m la tham sb. Hoi c6 tit ca bao nhiéu gia tri nguyén cua
tham s6 m € [~30;30| dé ham s6 f [3z—2+1 c6 ding 5 diém cyc tri?

A 1. B. 3. C. 4. D. 2

Cho ham sb6 fz ¢ dao ham lién tuc trén R va c6 biéu thoc dao ham
f'z =z 2° —2mz+12+m , voi m 1a tham sd. Hoi co tit ca bao nhiéu gia tri nguyén cta
tham s& m € |—30;30] dé ham s f \23; - mQ‘ +m codung 5 diém cyc tri?

A. 27. B. 26. C. 25. D. 29

Cho dd thi ham s6 y = f' 2 nhu hinh v&. Hoi c6 tat ca bao nhiéu gia tri nguyén cta tham sb

m € [~30;30] dé ham s6 f ‘x3 - 3m2x‘ c6 dung 11 diém cuc tri?
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Cau7:

Cau 8:

Cau 9:

Céau 10:

Cau 11;

Sx)

./
a\/ 0 4

A. 29. B. 23. C. 21. D. 22

-y

Cho ham sé y = f (x) nhu hinh v&. Hoi c6 tat cd bao nhiéu gid tri nguyén cia tham sb m dé

ham s6 g(x)= f (‘f (x)- m‘) ¢6 dung 11 diém cuc tri?

U I

A. 3. B. 4. C. 1. D. 0.

<1
x> —2(m-4)x-1 neu{x

Cho ham s6 y = f (x) = X>3 | voi a va b 1a nhitng sé thuc xac

4x* —2(m-a)x+bneul<x<3

dinh va ham s0 lién tuc trén toan R . Hoi ¢6 tat ca bao nhi€u gia tri nguyén cua tham s6 m dé
ham s6 c6 dung 3 diém cuec tri?

A 2. B. 1. C. 3. D. 4.
g mx+n neux<-1 . P . A
Cho ham so f(x)= ) , vO1 hai tham s6 thuc m va n. Hoi c¢o tat ca
X“+nXx+m-9 neux>-1

bao nhiéu gié tri nguyén ciia tham sb m €[-30;30] dé ham s6 f (X) c6 dung 2 diém cuc tri?
A. 6. B. 36. C.11. D.5

Cho ham s& f(X) co biéu thie dao ham f'(x)=2x*—3x+1. Hoi c6 tit ca bao nhiéu gia tri
nguyén cia tham sé m €[-30;30] dé ham s6 f (‘XZ —4x +3‘ + mx) ¢6 9 diém cyc tri?

A. 3. B. 1. C.2 D.31

Cho ham s6 y =|x =1+ |x+1|+|x —2| - 2x+1. Ham s dat cyc ticu tai

A x=2 B. x=1 C.x=-1 D. x=0
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Céu 12:

Céu 13:

Céu 14:

Céu 15:

Céu 16:

Céau 17:

Cau 18:

Cho ham s6 y=|x—1|+|x—2|+|x—3|+|x—4|+|x—5|—m2x+1. Hoi co tat ca bao nhiéu gia tr
nguyén cua tham sé m dé ham sé ¢6 cuc tri?

A.4 B.1 C.3 D.5

Cho ham s f(x) = |x—1| + 3|x—2| + 5|x —3| +mx ; v6i m 1a tham s6. Hoi ¢6 tit ca bao nhiéu gia
tri nguyén ciia tham s m dé ham sé ¢ cuc tri?

A 17. B. 15. C.16. D. v6 sb.

Cho ham s6 f(x)=|x—1|+|x=2|+|x=3|+...+|x—n|. v6i n 1a s nguyén duong khong 16n hon

2021. Héi co6 tat ca bao nhiéu gia tri cua tham s6 n dé ham so c6 cuc tri?

A. 1010. B. 1011. C. 1009. D. 2020.

86 diém cyc trj ciia ham s6 f(x) = ‘xz —4x+ 3‘ + |x + 1| la;

A 0. B. 3. C.2. D. 1.

Goi S 1a tap chua tat ca cac gi tri thuc cta tham s6 m dé ham sd y= f(x) = ‘xz —2mx+1|+4x

¢ diém cuc dai voi gia tri cyc dai twong tng nam trong khoang (3;4) va dong thoi thoa man

10m 1a sb nguyén. S6 phan tir ctia tap S 1a
A. 5. B. 4. C. 2. D. 3.

Cho ham s6 y = f(x) c6 d6 thi dao ham y = f'(x) nhu hinh v&. Ham s6 y = f(6|x|—x2) c6 sO

diém cuec tri la.

f'(@)

T

\

A 9. B.7. C.13. D. 11
Cho ham sb y = f(x) lién tuc trén R . Biét d6 thi ham s6 y = f(x2 —x) nhu hinh v€. Hé1 ham

SO Y= f(x2 —2mx — |x - m| + mz) co tat ca bao nhiéu diém cyec tri.

y

O

A 7. B.3. C.5. D.9
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Cau 19: Chohamsb y= f(x) lién tyc trén R . Biét d6 thi ham s6 y = f(x2 - 4x) dugc cho nhu hinh vé.
Hoi ham s6 y = f(x2 - 8|x| + 12) c6 tat ca bao nhiéu diém cuc trj?

¥

y=f(_r3 —4x)

A. 3. B.5. C.9. D.7.
Cau20: Chohamsé f(x) lién tuc va xac dinh trén R va c6 dd thi dao ham y = f '(x) nhu hinh v&. Hoi

ham s f(|x|+|x—1]) co tat ca bao nhiéu diem cyc tri?
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Phan Nhat Uinh
BANG DAP AN
1A 2B 3.C 4D 5B 6.A 7.C 8.D 9D 10B
nA 12C 13B 14B 158 16.C 17D 18.C 19D 20B
HUONG DAN GIAI CHI TIET
Caul: ChonA
Ham s6 f(x) cobadiém cyctrila: x=a<0;x=Lx=b>1
Xétham sb f (‘X2 + 2mx—1‘) = f (u). Ta c6 bang bién thién cia u=|x*+ 2mx—1‘ nhu sau:
1 —0 T —m T2 +0oo
_____________ u=b e — - -
' AL
=r-\ 0
u=a
Do SDCT{U} =3 nén dé ham s6 f (u) c6 7 diém cuc tri thi SNBL<|u=b}=4 =1>1+m?
u=1
= m=0.Vayco 1 gia tri cia tham sé m.
Cau2: ChonB
Hamsd y=f (X) dat cuc tri tai 2 diém x=0;x=1.
Xéthamsd y = f (|2X +]1 —1) = f(u). Bang bién thién ctia u = |2x+1]-1 nhu sau:
X - -1/2 +
u u=1
\ u=0
-1
u=0
Ta c6 SDCT f (u)=SPCT{u} + SNBL {u _1}=4+1=5.
Cau3: ChonC

Ham so y = f (x) dat cyc tri tai 2 diém x=0;x = 2.

Xétham s§ y = f (|2x+m|—m)= f (u). Bang bién thién ctia u =|2x+m|—m nhu sau:
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X -7 -m/2 +
u u=2
i =10
u=0
Ta co SDCT f(u)= SDCT fu} + SNBL {L j 2}

u=1 u=1
< 3=1+SNBL < SNBL =2
u=2 u=2

Suyra 0<-m<2 hay 2<m<0-—>me{-10}.
Céu4: ChonD
Nhan xét: Choham sé y = f = liéntuc trén R khido y = f ‘ax + b‘ + ¢ ludn c6 cuc tri tai

.2 b
diém z = ——.
a

f 3z—1 k:hi:13>z 9 i )
y=1f ‘3x—2‘+1 = 3 2,te_1i r = — la mot di€m cuc tri ciia ham so.
f-3w+3 khiv <> 3

| —

3f' 3z —1 khix>z
y' = 3

—3f' —3x+3 khix<§
33x—1 3z—1—-m 3x—7+m khix>§

Sy'= 5
-3 -3z+3 -3r+3—m -3x—3+m khz’x<§

; .2 e 4 , n A i1y 2
Ham s6 ¢6 dting 5 diém cuec tri khi va chi khi y' = 0 ¢6 4 nghiém phan biét khac 3

Khi:
1 2

2 .1y %:%>§ l<m<ps |1<m<5 l<m<5

$>§=>y— <:>x_7—m>g:> T, =T, ~ 1+m¢7—m:> m = 3
3—m 2

_ 2 Ty = 3 <§ l<m<5 l<m<5

Khiz<==y'=0¢& = &
3 x_m—3 2 T, =1, m = 3

4

Vay m€ 1;5 \ 3 va m € Z nén c6 2 gia tri nguyén thoa yéu cau.
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Cau 5:

Cau 6:

Xétham sb f ‘Qx—mz +m =f u

Bang bicn thién ctia ham so u = ‘2:5 - mQ‘ + m nhu sau

¥ - /2 T
+ao +0
y u=m+~m —m-12
u=0
\‘ m 3
u=m—~nm —m-12 1

Ta c6 s0 diém cuc tri cua ham s6 « 1a 1 diém.

Nhén xét, néu ham sé f = c6 ding 1 diém cyec tri thi ciing 1am ham s6 f v ¢6 3 diém cuec tri.
Do d6, xét truong hop m> —m —12>0 < m < -3V m >4 thiham sé f = ¢6 3 diém cuc
trild z =0z =m=E\Nm’ —m—12

Ap dung cong thuc:

S6 diém cyc tri f u = s0 di€m cuc tri u + sO nghiém bdi 1€ cua phuong trinh

u=20
u=m—m’—m—12 suy ra

u=m-+~Nm> —m —12

két hop véi didu kién m < —3V m > 4suy ra
m = —12

m <=3 |me[-30;30]

va suy ra cO 26 gia tri nguyén.
m =12 m € 7 Y g Hnsy

Ham sb dat cuc tritai z = a < —lLr=—-Lz=4

Xétham sb f ‘x3 —Sma:‘ =fu

Bang bién thién cia ham s6 u= ‘x3 — 3mx‘ >0 suy ra chi c6 phuong trinh
U = ‘x?’ — Smx‘ = 4 cho ta nghiém bdi 1¢.

Néu m < 0 suy ra s diém cuc tri u 13 1, suy ra s6 nghiém bdi 1¢ cta phuong trinh u = 4 tdi
da 2 nghiém boi 1¢. Khong thoa yéu cau.
Khi m > 0 sb diém cuc tri u 13 5, ta c6 bang bién thién ctia ham sé u = ‘xi‘ — 3mx‘

X - —3m —Jm 0 i N3m 0

i +on

2?”'\/; 21.11\/; /
| \/f\\iy/\
0 0

Ap dung cong thic:
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CauT:

Cau 8:

S6 diém cuyc tri cua ham s6 f u = SO nghi¢m bgi 1€ cia phuong trinh v = 4 + 0 diém cuc tri

clua u.
S m=0 Y1 kéthop | < 5 29 gid tri nguyén thoa yé
uy ra S 4(:) m > cthopy E[—30;30] suy ra c6 29 gia tri nguyén thoa yéu
cau.
Chon C
Taco f (x):OQDiss.
f(x)-m , ,

Ta lai c6: 9'(X)= f(‘f(x)—m‘) ‘f(x) m‘.f (x).f (f(x)—m‘)

f/(x)=0 [x =43
oon1EM=0_Jtem @
TETE N (x)-m| =3 f(x)=m+3 (2)°

‘f(x) m| = -3 (ptvn) | f(x)=m-3 (3)

Dé ham sb g(x): f(‘f(x —m\) c¢6 diing 11 diém cuec tri thi cac phuong trinh (1);(2);(3) moi
phuong trinh phai ¢6 3 nghiém phan bict

-2<m<6 -2<m<6
&<{-2<m+3<6 ©1-5<m<3<=1l<m<3,

-2<m-3<6 l<m<9

Vi m nguyénnén m=2.
Chon D

Tap xéac dinh ctia ham s6 dd chola D=R.
Khi dé6:
+)lim f (x) = f (1)=-2m+8;lim f (x) = f (3) =—6m+32

x—1"
x—>3"

+)lim f (x)=2a+b—-2m+4;lim f (x) =6a+b—6m+36

x—1" x—3"

Ham sb lién tuc trén R thi ham sd phai  lién tuc tai x=1;x=3

{!ij}lf(x)‘“m f(x)=1(1) {2a+b—2m+4=—2m+8

X—1 =
lim f(x)=Ilim f (x)= 3 6a+b—6m+36=—-6m+32

x—3" x—3
2a+b=4 a=-2
= = )
6a+b=-4 bh=8
x<1
x2—2(m—4)x—1 neu{
Xx>3

Trds y=f(x)=
4x* —=2(m+2)x+8 neul<x<3
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Pé ham sd ¢6 ding 3 diém cuc tri thi hoanh do dinh cua cac parabol phai théa man diéu kién:

m-4<1
m<5
m—4>3 2<m<5
Sqm>7 e 7<m<10°
1<™*2 3 l2cm<10
Vi m nguyén nén m e {3;4;8;9}.
. . m neu x <-1
Cau9: Daoham: f'(x)= .
2X+n neux>-1
Khi d6, ta c6 bang bién thién ctia f (X) nhu sau:
x —on -1 —n/2 40
f .T) m - 0 +

ad =1 /

m>0
Ham so f(X) phai lién tuc va xdc dinh tai x=-1.Suyra{ f(-1)=-m+n=-n+m-8.
—E>—1
m>0
<in=m-4 =0<m<6—%51<m<5.
N Mo
2 2
Viy co tat ca 5 gia tri ty nhién M thoa man bai toan.
SDCT{U}=1 u=1
Céau 10: Taco: u=4 :>SDCT{U}+SNBL 1 ¢+ <5 {Khong thoa man}
SNBL 5 <4 UZE
U=

Nhu vay, bit budc U phai c6 3 diém cuc tri. Khi d6 phai c6: —2<m<+/4*-4.3=2 (*)

Khi d6, ta c6 bang bién thién cua u = ‘xz —4x+ 3| nhu sau:
x | —on 1 (HI+4)/2 3 +o0
E
+o0

n +8m+4
4

u

m 3m
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u=1
Suy ra SDCT {u} =3= SNBL 1;=6
u==
2
1
=>m
2
l>3m
<1 A A 2 -4+14 <m<0
Tu bang bién thién, suy ra: 1 2 g 4@ (**)
1_m+8m+ m < —4-+/14
2 4
2
12m +im+4

Ké&t hop (*) va (**), suy ra: —4+/14 <m < 0— "= 2050,y = {0}.
Vay c6 ding 1 gia tri m nguyén thoa man bai toan.
Céau 11: Chon A
Véi x<—1<:>y:|x—1|+|x+l|+|x—2|—2x+1=1—x—x—1+2—x—2x+1:—5x+3

Tuong ty, ta c6 bang bién thién:

R —a0 -1 1 2 + w0
f(x) —5x+43 —3x+5 —x+3 x-1
(%) -5 -3 -1 1

/() - - - *

Vay ham sb dat cuc tiéu tai x=2.

Cau 12: Chon C
Véi x<—1c>y:1—x+2—x+3—x+4—x+5—x—m2x+1:(—5—m2)x+16

Twong tu, ta c6 bang bién thién:

X —n 1 2 3 4 5 +
f(x) | (-5-m*)x+16 | (=3-m")x+14 | (-1-m*)x+10 | (1-m*)x+4 | (3—-m*)x—4 | (5-m*)x-14
f(x) —S—n —3-m’ —1-m’ 1-nr" 3-m’ S5—m’

Dé ham sb co cuc tri thi it nhat phai c6 1 doan f '(x) phai d6i ddu tir sm sang duong:
o5-mt e 5<m< 5" e {O;il;Z}
Thit lai m =+1 thi f(x) 1a ham hing (Loai)

Vay c6 3 gia tri cia m théa man
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Cau 13: Chon B
Ta c6 bang xét ham va bang bién thién ghép lam mét nhu sau:

X —o 1 2 3 +
flx) (9+m)x+22 | (-T+m)x+20 (—14+m)x+8 (94+m)x—22
Sx) —9+m —T+m —1+m 9+m
e _ 20 -0 R

Dé ham s6 ¢6 cyc tri thi dao ham phai d6i d4u it nhit mot 1an. Ma ta lai c6 :
—9+m<—7+m<—-1+m<9+m. Suy ra sé nho nhat phai am va sd 16n nhat phai duong, dong
thoi trén cac khoang (1 ;2), (2 ;3) dao ham phai khac 0. Tuc 1a :

9+m<0
—9<m<9
9+m>0 mel. A 7oA 5 .7 . A 5 ~
= Sam#E7 —"==— vay co tat ca 15 gia tri m nguyén thda man.
~-7+m=#0
m=#1
—1+m=0

Cau 14: Chon B
Dang bai toan nay chiing ta xét mot sd gia tri cu thé cia s6 nguyén duong n 16i rat ra quy luat
vé nhitng gia trj ciia tham s6 n dé ham sd ¢o cuc tri nhu sau:
Trwong hep 1:
Xétn=2,taco y:f(x):|x—1|+|x—2|

x —& 1 2 +ao
Flx) —2x+3 1 2x-3
fx) -2 0 2

f(x) \ 1 1 /

Ham s6 khong c6 cuc tri.
Trwong hop 2:
Xét n=3,taco y=f(x)=|x—1|+|x—2|+|x—3|

x - 1 2 3 +x
flx) —3x+6 —x+4 X 3x—6
S(x) -3 -1 1 3

f'[l-] \

[ =]

Ham s6 ¢6 cuec tri.
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Nhén xét thiy khi 7 1a s nguyén duong 1¢ thi ham sb y =|x—1|+|x—2|+|x=3|+...+[x—n| b

diém cyc tri. Khi » 13 s6 nguyén dwong chin thi khong ton tai diém cuec tri.

Suy ra 1<n <2021 va n 1€ nén c6 1011 gia tri n nguyén duong thoéa man.

Céu 15: Chon B
Nhitng ham tri tuyét dbi cu thé ludn duoc toi wu bang bang xét ham nhu sau :

X —0 —115/2 3 +oo
lx+1 —x-1 x+1 x+1 x+1
‘x2+2x—3‘ x> —4x+3 x> —4x+3 —x* +4x-3 x> —4x+3
£(x) x* —5x+2 x* —3x+4 x> +5x-2 x* —3x+4
f’(x) 2x -5 2x -3 —2x+5 2x -3
9 — : -

\ £ oAl 4R AL o a iR L. 5
Suy ra ham s6 c6 mgt diém cuyc ti€u tai x =1 ; x =3 va mot diém cyc dai tai x=§.

Céu 16: Chon C
Xét phuong trinh x* —2mx+1=0(*), c6 A'=m*-1.
Néu A'=m*-1<0 thi ham s6 y = f(x)=x> —2mx+1+4x=x>-2(m—2)x+1 khong c6 diém

cuc dai.

<-1 . . .
" thi phuong trinh (*) c6 hai nghiém phan biét la
m>1

x,=m—-m’ -1 va x, =m+m’-1.

lx<x N N 4R .
V('n[ y ' thi y = f(x)=x —2mx+1+4x = x> —2(m—2)x+1 khong c6 diém cyc dai.
x> x

2

Néu A’=m2—1>0<:{

V6i x, <x<x, thi y=—x"+2mx—1+4x=—x"+2(m+2)x-1.
Ham s nay dat cyc dai tai x=m+2 va gia tri cuc dai 1a v, =m’ +4m+3.

Vay diéu kién dé€ ham so co cuc dai la

{xl <x=m+2<x, <3{111—\/1712—1<m+2<m+\lmz—1

3<m*+4m+3<4 0<m?+4m<1

—m<—\/g
Jm?-1>2 _m>Vg

o lm+4m-1<0e-2-5<m<-2+5<2-5<m<—4.

m® +4m >0 ‘m<-4
|m>0

. Z N o1y 42 41

Do 10m la s6 nguyén nén c6 hai gia tri théa man la m =—-— va mz—ﬁ.

Cau l7: ChonD
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Tir d thi f'(x) , ta suy ra ham s6 y = f(x) c6 4 diém cuc tri.
Dat g(x) = f(6x—x2). Tasuyra y= g(|x|) Do d6 s6 diém cuc tri cia ham y s& bang s6 diém
cuc tri dwong cia ham $6 g(x) cong thém 1.
[x=3
6x—x>=a<0
Taco g'(x) :(6—2x)f’(6x—x2), cho g'(x) =0 | 6x-x"=b<0
6x—x*=c (0<c<9)
|6x—x*=d>9

Duya vao hinh v&, ta nhan thdy phuong trinh g'(x) =0 co tit ca 1a 5 nghiém duong phan biét.

9

y ' NE:
/ . \
/ \

Suy ra s6 diém cyc tri cia g(x) 1a 5. Do d6 sb diém cuc tri cua y= g(|x|) la 11.

Céu 18: Chon C
Taco y=f(|x—m|2—|x—m|)

Pat g(x)= f(x* ~x). Suy ra g([x]) = £(x* ~|x]). Suy ra g(|x—n) = f (b "~}
Ta biét s6 diém cuc tri ctia ham g(|x]) va g(|x—m]) 1a nhu nhau.

Ham s g(x) ¢6 2 diém cyc tri dwong nén ham g([x|) c6 5 diém cyc tri.

Suy ra ham g(|x —m|) c6 tht ca 1a 5 diém cuyc tri.

Céu19: ChonD

Tac y= f(x* ~8ft|+12) = £(x* ~afuf+ 44} +8)= (x| -2) ~4(|-2)) = (11 -2).

Ta thy ham s0 y = g(x) c6 cac diém cyc tri x=-1,x=2,x=c>2. Suyraham s y = g(x-2)
cocacdiémeuctrila x=1,x=4,x=c+2 (3 diém cuec tri duong).

Vay ham s6 y = g(|x|—2) = f(x2 —8|x|+12) c6 7 diém cuyc tri.

Li giai: y = f(x2 —4x) - g(|x|—2), véi (|x| +05)2 —4(|x| +a) =x-8x+12=>a=-2.

Céau 20: ChonB
Ham sb f(x)dat cuc tritai 3 diém1a x=a<0;x=be(0;1);x=c>1

Xétham sd f(u)= f(X/+[x=1) véi u=|x+[x-1
Ta c6 bang khao sat ham s6 U = |X|+|X—1|
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Chd 38 02: Cuc tri cia ham sb

X —a0 0 1 +0
|x| —X 0 X X
|x—1‘ —x+1 —x+1 0 x—1
u —2x+1 1 2x-1
u' -2 0 2
u' - 0 +
u
1 1

Ta c6: (f(u))'=u".f'(u) nén sé diém cuc tri cia ham sb f (u) 1a: s6 diém cuc tri cua U cong
u=a

v6i s6 nghiém boi 1é ctia phuong trinh f '(u)=0 hay |u=b
u==cC

Ham u khéng c6 diém cuec tri

uU=a vo nghiém; U=Db v6 nghiém; U=C c6 2 nghiém; Vay: f(u) co hai diém cuc tri.
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