Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Cau 6:

Cau 7:

PE ON TAP KIEM TRA CUOI HQOC KY II
MON: TOAN 12 - BE SO: 37 (100TN)
2 2
[fdx=3  [g(x)dx=-5
va -1

Cho -! . Tinh .
A. I =26 B. I =-26 c.l=8, p. =12,

I :]’[Zx— 3f ()+4g(x)] dx

y=f&)

Goi 5 1a dién tich hinh phing gi6i han bdi d6 thi ham s , truc hoanh, duwong thang

X =a,X =b Hpj cach tinh 5 nao dudi day ding?

by v = f(x)

S :bff (x)dx S = (J'f (x)dx+i|‘f (x)dx

A. B.
© b c -
S=(f (x)dx + [f (x)dx S= |f () dx - If (x)dx
C. a e . D. a b .
3 2 _
J{ 2X " 1| 4 —a +bIn3
Cho ! x ,véi b 13 cacsp nguyén. Gia tri cua 9 +b bang
A. 9. B. 7. C.8. D. 10,
1
J'Zx(xz +1)mzldx
Tinh tich phan sau *
1 22022 _ 1 22021 1 22022 _ 1
A, 2022 B. 2022 c. 2021 . D. 4044
g
cos 2 xdx
Gia tri caa tich phan ° bang
s 5 2 5
A 2. B. 2. c. 4. D. 4.
.;
2x+1)cosxdx =aT+b
Biét ¢ .Tinh P =a”+b’
A1, B. 4. c. 0. D. 2,
—? —
Tinh dién tich hinh phing gi¢i han béi céc duwomg 7 =% 3 va 7 2l
12 10 > 10
A. 3 B. 3 C.3 D. 6



Cau 8:

Cau 9:

Cau 10:

Cau 11:

Cau 12:

Cau 13:

Cau 14:

Cau 15:

Cau 16:

Cau 17:

-
Tinh thé tich cia khéi tron xoay khi quay hinh phing gi6i han bdi cic duomg ¥ =X = 4%,

y =0 x=-1 x=1 quanh tryc Ox.

4071 8147 20487 4777
A. 105 B. 105 c. 105 D. 105
3 1
I'= [f (x)dx =2020 J = [f Qx+1)dx
Cho ! . Tinh tich phan i .
A. 2021 B. 4040 c. 1010 D. 2020

x- 2)e*dx =a +be’

Tich phan ¢ ,v6i 9P 13 cac 6 hitu ti. Biéu thic 9 +P bing:
1 1
A. -2 B. 2 c. 2 D. 2

3
I :J'::.fln(;sr2 +1Hx =aln10+bln2+c

Biét ' trong d6 4, b, € 1a cac s6 nguyén. Tinh gia tri cta
biéu the T =a+b+c,
A. T =5 B. I =2, c.T=0 p. T =10

s

I.l‘f (x)dx =2021 I :]c05x.f (sin x)dx

Cho 7 1aham s6 lién tuc thoa _Tinh :
A. 2020. B. 2019. C. 2022. D. 2021.

b o

J‘ldx :2 de
Biét & * , trong d6 %P 13 cac s6 thuc dwong. Tinh tich phan & X0 X
A.I=In2 B. [ =2, C. In2, D. 2

P 3x% +5x+
I :dex =aln2+bln3+c
Cho tichphan T X *¥ .vei b €€Q Tinh gig tri cta biéu thitc
T =3a°+3a-c
A.-L B. 0. c. 1. D. 2.
7 =(1+42i) +(1- J2i :
Cho s6 phttc z thoa man: ( T ( T . Tinh modun ctia s6 phitc W =iz~ 4
A =5 B. 2V5, c.2. D. 5.
L o e o 42024z =i
. Cho s0 phtrc z thoa man diéu kién: (1+20)z +2 =i . Tim s0 phurc z.
Z =—- 1]_ z :14.1!
A, Z=1+20 B. 2 2. C.z=2-1, D.
X e o (- i)z =240 NP

. Cho so phtic z thoa man diéu kién: (1-i)z+z=2+i . Tim module cua so6 phuc
w =2z- 3i

A, W[=2419. B [¥[=V10. c. W =229. p, [W=429



Cau 18:

Cau 19:

Cau 20:

Cau 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Tim s6 phitc lién hop Z ctia s6 phitc Z =3~ 20)(2 +3i).

A, Z =-5i. B. Z =6 +6i. C. 7 =12-5i D. Z =6- 6i.

Y g @x+3y+D+Cx+2y)i =Gx- 2y +2)+(4x- y-3)i

Tim céc so thuc %

a 4 9 4 9 4
X=—, V=— == —, ¥y = X =—, == — X=-—,y=—
A 1177 11 B. 1’1 o n 11 . 1 1
|z-3+i‘ =5

Cho s6 phttc zthoa man hé thic
tron c6 ban kinh la
A.R=3 B. R=1, c. R=5 D. R=9,

. Tap hgp cac diém biéu dién ctia zla mot duwong

Cho s6 phtc zthoa man hé thic (z-3)(1+1) =2i . Phan do cta s6 phic zbang

A. 3. B. 1. C. 0. D. 9.

Biét nghich dao cua so phitic Z bang so6 phttc lién hgp cia nd. Khi do:

z\ =1. B, \z‘ =2.

A. ‘ C. Z 136 thuc. D. Z 13 s6 thuan éo.

A A in . s N — p AP . .
Goi “! va “? 1a hai nghiém phitc ctia phuong trinh 2° +62+12 =0 Tinh gi4 trj cta biéu thitc
P =l |+z,)

A P=43 B. P =243 c. P=6 p. P=3

Cho s8 phitc zthda man 32 - iz =15- 13i. Tim médun cia Z-

A. 5 B. 25- C. V5. D. V7.

Trong mit phing phic, cho 3 diém B C lan lwot 1a diém biu dién cua cic s6 phic

=-1+1i =1+3i o en ., ~ ~ . Ly, .
Z 1+i, Z, 1+3i, Z, Biét tam giac ABC vuong can tai A va 73 ¢6 phan thyc duong. Khi

do, toa do diem C 1a:

A 2i-2) . (3;-3). c (\/é-l;l). . (1;- ).

i u=\0;-3:1) .
Trong khong gian , goc gitta hai vecto J va ( “r ) la
A. 120", B. 60°, C. 1507, D. 30°,

Oxyz

, viét phwong trinh mat phang (P) di qua diém
ﬁ_.'-‘f—].__].-’—?_z—3

Trong khong gian véi hé toa do OXZ

MU23) (. vuong goc véi duong thang 2 L 4
A 2x+y+4z-16 =0 p 2x- y+4z-16=0

C. 2x+y+4z+16 =0 5 -2x+y+4z-16=0

Trong khong gian véi hé toa 6 @XYZ | cho mit phing (P):x+y-22+3=0 va diém 1(;1,0)

< . A A son oo \P)
. Phurong trinh mat cau tam ! va tiép xiic véi la

(- 1F +(y- 1) +2° 22 (- 1Y +(y- 1) +2° :%

A B



Cau 29:

Cau 30:

Cau 31:

Cau 32:

Cau 33:

Cau 34:

Cau 35:

Cau 36:

, 5
(x- 1)Z+(Jr" 1)1 +Z :E_ . (x+1Y +(y+1) + 2° :%.

C. D

d:x+1:y-2:z+3

Trong khong gian Oxy Z, cho duong thing -2 3 1 v3 diém AQ;4;- 5).

. P .
Viét phuong trinh mat phang (P) di qua A song song dwong thing d vatryc Ox,
A, Yy+3z-19 =0 B, Y- 3z-19=0 c. y-3z+19=0 p. y+3z+19=0

Oxyz (P}:H+F+z_3:0,BiémM(LZ;-B)

Trong khong gian vdi hé toa do , cho mat phang

6 hinh chicu 1en P 12 digm M (05036, Téng a+b+C bing bao nhidu?
A. 3. B. -3. c. 0. D. 6.
Trong khong gian ©XZ, cho mit phing (P):2x- y+z-4=0 va mit phang

X+ aY- +.2 = \ < N ~ s < < P) . <
@):x 3y~ 22+2=0 . buong thang d 13 giao tuyén cia mdt phang (P) va mdt phang Q)
c6 phuong trinh la

x-1 y-1_ z+3 x-1 y-1_ z-3
A. -1 -5 7 B 1 5 7

¥x-1 y-1_ z-3 x-1 y+1 z-3
c. -1 5 7 .D. -1 5 7

A . Oxvz . A(- 13034) N N o d , N
Trong khong gian Y2 cho diém va duong thang c6 phuong trinh
x+l_y _z-1
1 1 2  Tim phuong trinh duwong thing A di qua A, vudng géc va cit d .

x-1_y _z-2 x-1_y _z-2 x-1_y _z-2 x+l _y _z-4

A, 2 2 1 B 1 -3 1 ¢ 1 1 1  p. 1 1 -1
A-XC 2 y+1 z-5

Trong khéng gian OXZ | cho dwong thing 3 4 5 va mit phing

oX+aY +oI- = L e N <
(a):3x+dy +52- 202120 (oo A s (a) bing
A. 307 B. 60" c.0". D. 90"

5 A(2;3 1)’ B(4;1; - 2), c; 3;7), Dién tich

Trong khong gian ©XZ | cho tam giac ABC ¢
tam giac ABC bing
A 14, B. 24, C.8. D. 24,

A(6:-2:3), B(0:1:6), C(2:0:-1), D(41;0).

Trong khéng gian ©X% cho 4 diém Tinh thé

tich t& dien ABCD |

A. V&BC‘D :96' B. V-—\.BCD =24 . C. V-—\.BCD =72 . D. VABC,‘D :12_
2 5 x S Y
T +3"+ex'3 a 1 be
— - =+ In| 1+ ,
ed +r 3 eln3 T+e

Biét ¢
T =a+b”

v6i @b 13 hai s6 nguyén dwong. Tinh



Cau 37:

Cau 38:

Cau 39:

Cau 40:

A. 84, B. 41, C. 9, D. 25,
Hinh phang dugc t6 dam trong hinh dudi day dugc gidi han bdi dwong tron, dwong parabol,

truc hoanh va c6 dién tich S=ay2+b- cm ,véi ©D.CE€Q Tih gng 3a+3b- 2¢

A3, B. 7. c.9. D. 11,
o an v s o~ .~ vikm/h Ao o th)
Mot vat chuyén dong trong 3 gio vGi van toc v( ) phu thudc vao thoi gian c6 do
s A pa . ... BL26) | . s -
thi ham s6 la mot phan cua parabol c6 dinh (2:6) va truc doi xitng song song va4i truc tung
nhu hinh vé. Tinh quing dudng S ma vat di chuyén dugc trong 3 gid do.
A. 15km. B. 33km. C. 16km. D. 30km.
Cho ham s6 7 f () c6 dao ham trén R, ham s6 y=f ) la ham béac hai c¢6 d6 thi nhw
s llg 9
hinh vé duéi va c6 dién tich 6 2,

dung ?

Meénh dé nao sau day

L Flo)< fl)<f(4) f%-"‘f‘*}{f }
. fggﬂf{ﬂlﬁf{ﬂn F)<f(4 {fg

Trén tap hop s6 phiic, cho phuong trinh 2° +bz +¢ =0 y6i b.¢ €R Bijgt riing hai nghiém cia
phuong trinh c6 dang 2W - 143 v iw+2+3i i W 13 mat s6 phitc. Tinh gié tri ctia biéu
thitc S =2b° - ¢,



Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

Cau 46:

Cau 47:

A. 294, B. 409 c. 27, p. 37,

= T4 Y
Cho s6 phttc z théda méan (z-2)(z+3i) la mot s6 thudn do. Tap hop diém biéu dién so6 phitc 2

la mot dwong tron c6 chu vi bang.
13 137

A, T3 B, 213 c. 2 | D. 4 .

Cho s6 phttc Z thoa min hé thic |E_ 2+3]‘| :|E+i|.

p :|22+1‘(1— 2:‘)| bing

7
A, 2 B. 2. c. 3 . D. 3

Gia tri nhé nhat ctia biéu thitc

Oxyz AGL0; 0), B(0;0,2) va mit ciu

Trong khong gian vGi hé toa do , cho hai diém

X ey 4z 2x-2y+1 = , , :
(5):x y +z - 2x-2y+l D.Sé mat phing chita hai diém A, B va tiép xidc voi mit

. (S) ..
cau la
A. 1 mjt phing. B. 2 mit phing. C. 0 mit phing. D. V6 s6 mdt phang.

A(:10) B(;-12) c(-1:6,7)

Trong khong gian @*Z cho ba diém . Tim toa d6 diém M

. . Oxz A
trén mat phang (Ox2) sao cho MA® + MB® + MC” ppg nhat.

A M(30;- 1). B M(L0; 0). . M (1 0; 3). D, MQ1 3).

x y _z

d: ==L ="
Trong khong gian véi hé toa d0 ©OX%, cho hai duong thing 1 1 -2
Lx+l vy 2+l

T2 1 1w mit phang (P):x- y- z =0.

Phuong trinh nao sau day la phuwong

NI . o~ \P) d : X X
trinh cua duong thang A song song vGi ( ), c&t d vad lan lwottai M va N ma MN =/2.

A TX- 4 _Ty+d 7148 N TX-4 _Ty-4 7248
A, 3 8 -5 B. 3 8 -5

A.TXL_Ty-4 7243 A TX71_Ty+d _Tz+8
c. 3 8 -5 D. 3 8 -5
Cho ham so y=f0) c6 dao ham lién tuc trén IR va théa man dieu kién:

1

i 37 (x)dx

RESUMIRE 1 F@=22 Jrx
X[ FO) 64 fC-1]" 0. vxeR 64 . Tinh tich phan ¢

229 -229 256 256
A, 256 B. 256 C. 229 D. 229

3 2 2
= = - + = = = - +

Cho ham 7 = [ ()= - 27 +bx-1  y=g()=ax - dx+d 4 thi nhw hinh vé. Biét

y=f& , y=g()

- . s ~ o . . ~ ca Xy Xy, X , -
d6 thi ham so cit nhau tai ba diém phan biét “1’"2°"3 thoa man



+ X +X =4, y =
X X4 =9 b dien tich hinh phang S gii han boi do thi ham s5 ¥ =1 O va duomg
thing ¥ = L
Y
9 27
S = R
A, 4, B. 4. C. 3. D. 9.
| __ _ 2 _ _ .2
Cau 48: Cho so phitc z théa man |z 3 ?;| =2 va biéu thirc P _|E+2| |z 21| dat gia tri 16n nhat.
= AJ2 = J2i
Gié tri [2- V2- V2| béing
A 5B, . AT c. V38, p. (6L,
B[' 8.4 a‘
Cau 49: Trong khong gian (Oxy 2 cho diém AQ21) va diém 333/ Goi A 1a duong phan
M (a:b:c)

gidc trong ctia géc A ciia tam giac OAB | Piém trén A sao cho MO +OB g4t gia

tri nho nhat. Hoi T =7a+8b +2021¢ ¢4 gia trj bing

A. 2019 B. 2020 Cc. 2017 D. 2018

A A . soe A~ ~ Oxvz . d N < o . .~ M(z;'l;l)
Cau 50: Trong khéng gian vdi hé truc toa do “*Y%, goi la dwong thang di qua diém ,
(P):x- 2y- z+2021 =0

song song vGi mat phang sao cho tong khodng cach tit cac diém

AQ-20), B1LO3) dwong thing d6 dat gid tri nho nhat. Vecto chi phwong cia d 1a

U :(a;b;C).Tﬁng a’ +b* +c* pang:

A. 2020 B. 30 c. 100 D. 120



HUONG DAN GIAI CHI TIET

[(Cdx=3  [g0odv=-5 = [[2x-3{(0)+4g ()] dx
va -! -1

Caul: Cho -! . Tinh .
A =26 B, I =-26] c =8 p. [=12
Léi giai
2
I :J’[Ex— 3f (x)+4g(x)] dx
Ta co: -1
2 2
X[ -3 [ (dx+4 g (x)dx
= -1 -1
_(4-1)-33+4(-5)=-26
Cau2: Goi S Ia dién tich hinh phing gidi han béi db thi ham s3 7 | () e hoanh, dwomng thing

X =a,X =b (nhy hinh v& bén). Hoi cach tinh S nao duwéi day ding?

$ v y= f(x)

(2

S = If (x)dx S = il'f (x)dx+i|‘f (x)dx
A, a . B. s : .

S = [f(Wdx+ [f(dx S = [f Cdx- [ Gdx
c. : . D. ; ; |

Loi giai
5 = {1 Cldx = (| G+ (|f e == [f (D + [f ()i
Ta c6: a a £ a .
= [f (Wdx- [f (dx
]{ 2X -1 4y = +bIn3
Cau3: Cho ! X ,v6i P 13 cacss nguyén. Gia tri ctia 4 +b bang

A. 9. B. | c.8. D. 10

Léi giai

3 2 _ 3
Pt o L
X X

_ 1
dx _(xz -In |X|)L =8-1In3 = a=8b=-1=a+b=7



1
J'Zx(xz +1)MI dx
Cau 4: Tinh tich phan sau *
1 22[]22 _ 1 22021 1 22022 _ 1
A. 2022 B. 2022 | C. 2021 D. 4044

Loi giai
Pat { =x" +1= 2xdx =dt . pgj can X =0 =  =Lx =1= =2

2
J‘Zx(x‘! +1)M dx = J'fm'dt =
1

2
Emu| _Zmu_l

Khi dé: § 2022 2022
:
Jcos 2 xdx
Cau 5:  [Mirc do 2] Gia tri caa tich phan °© bang
1 W3 V2 W3
A. 2, B. 2. c. 4. D. 4|
Loi giai
.J‘CDE 2xdx :%Ein '2;1r|-'1i :%[Ein%— sin 0) :TB
Tacé @ !
.;
2x+1)cosxdx =aT +b
Cau6:  [Mitc dd 2] Biét ¢ .Tinh P =a* +b*
AL B. 4. c. 0. D. 2}
Lai giai
{u =2x+1 {du =2dx
=]
Pit dv =cos xdx v =sinx
2 . .
J'(Zx +1) cos xdx =(2x +1)sin x| - J'Zs.in xdx =7 +1+2cos x|’
Taco: ¢ !
T
_Jr+1+2{c053— cos0) = - 1. Vay P —a® b =1 (-1 =2
. e , . o y=X=3 L y=-2[x|
Cau 7: [Mitc do 2] Tinh dién tich hinh phang gi¢i han bdi cac duong va
12 10 5 10
A. 3 B. 3 C.3 D. 6

. Lai giai
2 ~ — 2 ) _ _ _
Phurong trinh hoanh do giao diem © ~ 3 = 27| = I +2[x-3=0 [ =le x =21
1

a 1
S=lx"-3+2|x[dx = {]x*- 3- 2x|dx ‘- 3+ 2x|dx
_ﬂx + |x|| __Iﬂx x| +U_ﬂx + x|

Dién tich hinh phang la: -1
X -3-2x<0 wxel-10) , x*-3+2x<0 wxe(0;1)
Ma va nén
a 1
S = _|‘(.sf2 - 3- 2x )dx|+ J(xz - 3+2x)dx‘

-1 a



i 1

+

3
X
Z - 3x+x’
3

‘5510

Cau8: [Mirc d¢ 2] Tinh thé tich cua khoi tron xoay khi quay hinh phang giéi han bdi cac duong

— _ _ _
y=EX-AX y=0 x=-1 x=1 quanh truc Ox.

4077 814z 20487 4777
A. 105 B. 105 | c. 105 D. 105
Loi giai
1
Bl4r
V =n x‘—4x}zdx:
J,( 105
3 1
I = [f (x)dx =2020 I=f (2x +1)dx
Cau9: [Mirc do 2] Cho ' . Tinh tich phan 0 .
A, 2021 B. 4040 C. 1010 D. 2020
Loi giai
= =g
1 3
1
J :J'f (2x+1)dx = J‘f(t]dt _1;_1 5000 =1010
Khids 9 l 2 2 .
1
x-2)e*dx =a +be’
Cau 10: [Muiec do 2] Tich phan , vOi a,b 1a céc s6 hitu ti. Bidu thiec @ +b bang:
1 i 1
A. -2 B. 2 c. 2 D. 2
Loi giai
(u=x-2 du =dx ! 1
= ]. = 2x 1 2x 1 2x
dv =e**dx |v=—g"" Jlx- 2)e*dx =(x- 2]58 - IEE dx
Dit 2 Suyra: d o d
! _ 2
_—lE"Z +1 le‘“ — Le‘z+]_- le‘z +l_ EEE+E_5 3e
2 4|, 4 4 4
a:E,r';:-:-E a+b==
4 4 suyra
Suy ra
3
I=(xln(x*+1Hx =aln10+bIn2+c
Caull: [Mdc dé 2] Biét | trong d6 @, b, C 1a cic s6 nguyén.
Tinh gia tri ctia biéu thiee T =a+b+c
A. T =5, B. T =2, c. T =0] p. I' =10,

Lai giai



2x

Cxt 1
u=In(x*+1) 241
_ V=
pit | = o 2
X+l YOt el 2x X+l toe
I= ln(xz+1* - J‘x —dx = In(x* +1)| - J'xdx
. 2 2 X+l 2
Do d6: Lol Lol
3 3
X' +1 x*
= In(x +1* - [— :Elnlﬂ— Eln 2- [ 9. l‘ =5In10- In2- 4.
2 L2 T2 2 |2 2
a=5
b=-1=a+b+c=0.
c=-4
Suy ra

. 7
[f (x)dx =2021 I = feosx.f (sin x)dx
Cau 12: [Mitc do 2] Cho f la ham s6 lién tuc théa * . Tinh o
A. 2020. B. 2019. C. 2022. D. 2021
Loi giai
¥x=_=1t=1
pjt t =sinx = dt =cosxdx Pgj cgn X =0= =0 2
: 1 1
I = fcosx.f (sin x)dx :_[f(r)dr = [f (x)dx =2021
Ta co 0 o o
b1 o 1
—dx =2 _[l—dx
Cau 13: [Mifc do 2] Biét ¢ , trong d6 %P 13 cac s6 thuc dwong. Tinh tich phan < X~
A. T=In2, B. I =2| c. In2 D. 2.
Loi giai

t=lnx= dt :ldx

bat X

| . . h _
.DP6ican: khi ¥ =¢ 7 t=a; x=e"=t=b

h h 1
I=[rdt = [-dx=2

A t X
Vay @ @ .

3 2
I= %:aln2+bln3+ﬂ
[ Mitc dé 2] Cho tich phan T % *%

Cau 14:

.vei a,b ¢EQ Tinh gig
tri ciia biéu thic T =3a"+3%-c
A- -]-. E. OI C. 1.

D. 2,
Lai giai



- ng +5x+1 13(x +x}+2x+1 !

2x+1 3 1d(x* +x)
X +x _, X' +x _-de -I‘x + X J‘3d)( -l‘ X+ x

a=1
=3x] +In|x“’+x||::6+In6:ln2+ln3+6=:- b=1= T =3.1" +3.1- 6 =0
c =06
Z=\1+42i) +\1- J2i
Cau 15: [ Mirc do 2] Cho s6 phitc Z théa man: g ( ,j_;f ( J_i)z.Tmh modun ctia s6 phirc
w =iz- 4
A Wl =5 B. 2V5] C. 2. D. 5.
Loi giai

7 =(1+421) +(1- V2I) =142420- 241- 2J2i-2=-25 7 =-2
Ta co:
Do dg. ™ =2 4= W] = J(-4Y +(-2) =20 =245

Cau 16: . [ Mikc dd 2]. Cho s5 phitc Z théa mén diu kien: O 20242 =1 o s ohie 7.
11, 11,
. z=—- —ij _ Z=—+ i
A, Z=1+2i B. 2 2 C.Z=2-1, D. 2 2
Loi giai

Gid sit 2 =x+yilx;ye IH).

Ta cé: (1+2i)z+z =(1+2i)(x + yi)+x- yi

=(2x - 2y) + 2xi
?x_l
X =
_],.? = 7 :14-11'
Theo gia thiét ta suy ra 2 Vay 2
Cau 17: [ Mikc d¢ 2]. Cho s6 phttc Z théa man diéu kién: (- Dz+z=2+i . Tim module ctia s6 phtic
w =2z-3i
A, W|=219, B, [*[=V19, c. W =229, p, [W=V29
Lai giai
Giasy 2 =X+ yilcyeR)
Ta c6: (1-i)z+2z =(1- i)x+ yi)+2x- 2yi =Bx+ y)- (x+y)i
ZJH-J.-’ =2 ¥x=-=1
(x+y)=3 { 4
-1 X = = .
Theo gia thiét ta suy ra y y = z=-1+4i
= W =2(-1+40)- 3 =-2450 oo [w| =29
Cau 18: [ Mitc dé 2] Tim s6 phic lién hop Z cua s6 phic “ =(3- 20)(2 +3i).
A. Z =-Di. B. Z =6+6i. C. z =12-5i D. Z =6- 6i.

Loi giai



z =(3- 2i)(2 +3i) =6+9i- 4i+6 =12 +5i= 7 =12- 5i,

Ta cé:
Cau19: [ Mic do 2] Tim cic s§ thge XY b (x#3y+D+Exe2y)
=(3x-2y+2)+(4x- y- 3)i
L9 F_4 yo 9 F_4 L9 F__4 w9 J?__4
A, 1177 11 B. 1" 11 ¢ 1 11 p. 11’ 11
Loi giai
Ta cé
(2x+3y+1=3x- 2y+2 (- x+5y =1
Y y+e y :x:i y:i
-x+2y =4x- y- 3 -ox+3y=-3 11 11
|z- 3+i[ =5

Cau 20: [ Miic d¢ 2] Cho so6 phitc Z thod man hé thitc 7. Tap hgp cac diém biéu dién cta z
la mot duong tron c6 ban kinh la
A.R=3, B. R =1, c.R= D. R=9,

Loi giai

. M , Zye ~ o2 o o X > ~ Ve - = i
Goi Goy) véi %Y € R 13 diém biéu dién cta s6 phitc z. Ta c6 2 X+y

Theo gid thiét ta 6 |f'3+"|:5‘i'|-‘f+ﬂ-3+i‘|:5¢J(x—3)2+(y+1)2:5

o= (x-3) +(y+1) =25

Viy tap hop céc diém biéu dién cia 1 dudng tron tam £ ™ ban kinh R =5,
Cau 21: [ Miec do 2] Cho s6 phitc Z thoa man hé thic (z- 3}(1+ ) =2i . Phan ao cta s6 phic Z bang
A. 3. B. 1l C.>. D. 9.
Loi giai

i
. L= Fo 3=
Tacg (&~ DA+ =2i 141 & z-3 =141 & z =4 +i

Vay phan 4o ctia s6 phirc Z1a 1.

Cau 22: [ Mitc dé 2] Biét nghich dao ctia s6 phic Z bing s6 phitc lién hop ctia nd. Khi dé:

A 7=t B, l7=2 C. Z 136 thyc. D. Z 1a s6 thuan ao.
Loi giai
Z_l:iz E-I:E.:. iz:Ec:;E(]_-|z|2):[]¢=:r|2|:1
Pidu kién 2 *9 . co [ : g (do 279)

Cau23: [ Mic dé 2] Goi % va * 1a hai nghiém phtc ctia phuong trinh 2 +62+12 =0 Tiph gid tri
cda biéu thirc P =jz,[+|z,]
A P=43 . P =23 c. P =6 . P=3

Lai giai



Cau 24:

Cau 25:

Cau 26:

z, =-3+f3i

—
A=36-4.12 =12 = 72 +6z+12 =0 L =-3- f3i

P =|z|+|z,| :J(- 3) +(-.,1"5,_')‘Z +\('[-3]lZ +(\;l’3._')‘2 :4J3_'.

Suy ra
[Mitc do 2] Cho so phitc Z thoa man 3z - iz =15- 13i. Tim médun cta Z-
A. 5. B. 25. c. 5. p. V7.
Léi giai
(3a- b =15 (a =4
3la+bi)-ila- bi)=15-13i .
z =a+bi (a,b€R). . (a-+bi)- 1(a- bi) ' —a+3b:—13ﬁ =-3
Ta co

Goi
yay £ =432 |z| =5.

[Mittc dé 2] Trong mit phing phitc, cho 3 diém A, B, C 1an lugt 1a diém biéu dién cia cAc s6
phitc &1 = L+i,z, =143i 2. gigi tam giac ABC vudng can tai A va %3 ¢6 phan thyc duong.
Khi d6, toa do diém C la:

. - 8-1;1 - 1),
A (2552 g Gi-3) c (V8 )_ p. @D
Loi giai
Gia sit % =a+bi voi ®bERa>0 suy ra C(a;b).
, A(-1;1),B(1;3) o, AB=(2;2), AC=(a+1;b-1)

Ta co .

Tam giac ABC vuéng tai A nén
ABAC =0« 2(a+1)+2(b-1)=0= a+b=0<=b=-a (1)

_ 2 _ an? _ _
Tam giéc ABC can tai A nén AC =AB < AC* =AB’ & (a+1) +(b-1) =8 (2)
Thé () vao ) ta duogc:
2 2 a :1
(@+1) +(-a-1) =8 = ¢’ +2a+1=4= a*+2a-3=0= ;
a=-
Vi €>0 jana=1= b =1 yaydiém C coroadola L~ D,
. u=l0;-.3:1
[ Mi¥c do 2] Trong khong gian Oxyz , goc giita hai vecto J va ( J_ ) la

A. 120°, B. 60° c. 150°] D. 30",

Loi giai



Cau 27:

Cau 28:

Cau 29:

j;1;0) “Z(U;'ﬁ;l)

Goi ® la gb6c gilta hai vecto va , ta co:
CoSer = fr'u* :ﬂn cr =150"
k]2

[ Mitc d 2] Trong khong gian véi hé toa do @¥YZ | viét phwong trinh mit phing (P) di qua
&_x—l_y—?_z—E
dié va vudng goc vé6i duwong thing 2 1 4
A. 2x+y+4z-16 =0 p 2x- y+4z-16=0

M (1:2:3)
m

c. x+y+dz+lo =0  -2x+y+4z-16=0
Loi giai

+) Mat phang (P) di qua diém M 2;3).
- = (P) A s by ~ A A (P) A > > ~
+) Mat phang vuong goc duong thang A nén nhan vec to chi phvong cua duwong

thang A 1am vec to phap tuyén. Suy ra (P) c6 vec to phap tuyén la n(21; 4).

Khi dg: 2= D+(y- 2)+4(z- 3) =0 2x+y +4z-16 =0.

Vay phuong trinh mét phang (P):2x+y+4z-16 =0.

[ Mitc do 2 ] Trong khong gian vGi hé toa do Oxyz , cho mat phang (P):x+ y-2z+3=0 va
diém 161 U). Phuwong trinh mét cau tam [ va tiép xic véi P la
(- 1) +(y- 1) +2° =2 (- 1) +(y-1) +2° -5
A. 6. B. 6 |
2 _ 0 25
(x- 1) +(y- 1) +2° == (x+1Y +(y+1) + 22 ===
C. V6 | D. 6
Loi giai

_ i#1-2043 5

r =d(1,(P)) o JE_

Mt cau tiép xic mat phang nén ban kinh mat cau la

(- 1) +(y- 1) +2° :%

Vay phuong trinh mat cau la
d_x+1_y- 2 z+3

[Mitc d9 2] Trong khong gian OXYZ | cho duomg thang - 2 3 1 va diém
A\l;4;-5 . p .
(4, ) Viét phwrong trinh mat phang (P) di qua A song song dudng thing 9 va truc OX.
A, y+3z-19=0 B. ¥-3z-19=0 c. y-3z+19=0 p. Y +3z+19 =0
Lai giai

LR ]
., =(-2;3;1) i =(1;0;0)

Ta cé la vecto chi phwong cia duong thang d va

[¥ ¥ LE ¥
=, :[ud;i’] =(0;1;-3) , ()
la vecto phap tuyén ctiia mat phang



Cau 30:

Cau 31:

) p .
Phuong trinh mét phing (P) di qua A song song dudng thing d va truc OX1a

0.(x-1)+1.(y-4)-3(z+5)=0e y-3z-19 =0

[Mirc do 2] Trong khong gian vai hé toa do Oxyz , cho mdt phang (P)ix+y+z-3=0 . biém
M(E2-3) oih chicuten P 1a diem M (@55¢) Téng @+b+C bing bao nhiéu?
A. 3| B. - 3. c. 0, D. 6.
Loi giai
Pudng thing A qua M (1;2;-3) vuong géc véi (P) nhan véc-to phap tuyén n=(L51) cta
x =1+t

Arqy =2+t

(p) Z=-3+t

lam véc-to chi phvong nén cé phuong trinh

Xét phirong trinh (+e)+@+)+(-3+1)-3=0 o =1

(r) I M'(2;3;-2) (P).

Suy ra giao diém caa A va 14 hinh chiéu caa M 1én mét phing

Do d6 @+b+¢ =3 111Equation Chapter 1 Section 1

[Mic do 2] Trong khong gian Oxyz (P):2x- y+z-4=0

(Q):x+3y-2z+2=0

va mat phang

Q)

, cho mat phang

. Puong thing 9 1 giao tuyén ctia mit phing (P) va mat phang
c6 phuong trinh la
x-1 y-1_ z+3 x-1 y-1_ z-3
A1 -5 7 B 1 5 7
x-1 y-1 z-3 x-1 y+1 z-3
c. -1 5 7 p -1 5 7

Loi giai
Mit phing (¥) c6 véc to phép tuyén "™ =(2-1; 1)_

Mit phang (?) ¢6 véc to phap tuyen " =(1;3;- 2)'

uln,

—

. = 1
Goi U 1a 1 véc to chi phuong cta duong thing 9 . Do d =(P)n@Q) nén h Mo

Chon “ :[nf”nﬂl =(- 1;5;?).

Me(pP)

M@ y;z)ed= Me@)

Lay diém

Foa dd M 1a nghiém ctia hé phwong trinh:
(2- y+z-4= (v =
{ 2-y+z-4=0 { y=1

143y-2z+2=0 |z=3 . M;1;3)

Suyr



Cau 32:

Cau 33:

x-1 y-1 z-3

d:
Phuong trinh duong thing -1 5 7
[ Mitc do 3 ] Trong khong gian Oxy. Z  cho diém AG-1;0,4) va duong thing 9 6 phuong
x+1l vy z-1

inh 1 1 2 Tim phuong trinh dudng thing A di qua A, vudng géc va cit 9 .

x-1 y z-2 x-1 _y z-2 x-1 _y z-2 x+l y z-4
A, 2 2 1 1 -3 1 ¢ 1 1 1 p 1 1 -1]

Loi giai
Cach 1:
X+l y _z-1

. o d: 1 _T_ 2 , R u=(];1;2)
buong thang c6 véc ta chi phuong .
Goi (P) 12 mit phing qua diém A va vudng goc véi duong thing 9, nén nhan véc to chi
phuong cua
d 13 vecto phip tuyén (P):1(x+1)+y+2(z- 4)=0= x+y+2z- 7=0
Goi B 1a giao diém ctia mit phéang (P) va duong thing d=B(-1+6 61+ EE).
vi BEP)= C1+0)+e+20+2)-7=0 t=1= B(0; 1; 3)
Ta c6 duong thing A di qua A va nhan vecto AB =(1;3;- 1) la véc to chi phuwong c6 dang
A x+1 _y_z- 4

1 1 -1

Cach 2:

.dNA=B= B(-1+;1;1+21)
Goi
AB =(t;t;-3+2t) u, =(1;12)

. Puong thing d ¢6 VICP la

vid LA pap ABLu, = ABu, =0 f+t+2(-3+21) =0 1 =1.

Suy ra AB =(11;- 1) .Ta c6 dwong thing A di qua AG10;4) va nhan véc to AB =(11;-1) la
véc to

A X +1 y z-4
chi phuong c6 dang 1 1 -1

&_x-z :y+1:z-5

[Mitc do 2] Trong khong gian Oxyz , cho dwong thang 3 4 D va mit phing

(cr):3x+4y +52- 2021=0 0 i A 1y (a) bing

A. 30° B. 60° c. 07, D. 90°|
Léi giai



Cau 34:

Cau 35:

Cau 36:

u, =(3;4;5) (a)

Ta c6 mot véc to chi phuong cia A 13 ; mOt véc to phap tuyén cua la

n{r:] :(3; 4 5)

1(a) “u . () =90’
yra .

u, =n ,
Cach 1: Nhan thdy * ) nén duong thing A
u-""- 'n'.rf] ‘

u.-"'. n[.-.-]

—+

sing =

Cach 2: Ap dung cong thiic ' @ —t4; (a)))

B.3+4.4+55 4
3 44745 P 44745 = @=90"

(trong do

= sing =

[Mitc do 2] Trong khong gian O, cho tam gide ABC g AZ3D BliL-2)
(63 7). Dién tich tam giac ABC bing
A. 14] B. 24, c.8. D. 24,
Léi giai
Fb tdc gia: Tran Minh
-
AB =(2;-2;-3), AC =(4;0;6) [AB,A(:] =(-12;- 24;8) = Sianc :EHAB’ACH:H
[ Mitc do 3] Trong khong gian OXYZ cho 4 diém A6;-2;3), B(0;1.6), C(20:-1),
D(£50). o1 & tich o dign ABCD
A, Vasco =96 B. Vasco =24 c. Vasco =72 D. Visen =12|
L&i giai
Tacs AB=(-633), AC =(-4;2;-4), AD =(-23;-3)
[AB,AC] —(- 18;- 36:0)
AB, AC|.AD =-72 20
| | = A B, € D 13 4 dinh cta mot t dién.
, ABCD .. Vamo :l‘fﬂﬂ,ﬂc] .AD‘ =12
Thé tich ti dién 1a 6 .
2 7.+ L Srypx
[ = (X 33x+ex3 dx:%+ 1131" 14 bf ,
[ Mic d 3] Biee © & 7 eins b TrED U6 @b 13 hai s8 nguyén
duong. Tinh T =a+b”
A. 84, B. 41, C. 96 D. 25,
L&i giai
2 5 X Smx 2 X 2
I :JJ”lr t3rens dx :J{x_‘+ 3 :lxr':i +K :E+K.
. el +mw | e3 +.r| ] 3
Taco o o a




Cau 37:

2 3;.-

Tinh Jedt+om

{=e3' +1 = & =e.In3.3"ck = 3'dv =— .
Dit eln3
Péi can: X =0=t=7r+e; x=2=1=0¢+x

Qeex Qekx +
- l1 3’ J‘ﬁ: 11 i = 113["9+3+ - 1131"[“' B-f '
Khi d6 eln3 J t eln ax o eln e+1 eln T+e |
(a =32

I :E+Lln[1+ Be ‘:r {b—ﬁ = T =a+b’ =96.
Vay 3 eln3 T +e ) =
[Mitc do 3] Hinh phang dugc t6 dam trong hinh dwgi day dwoc gidi han bai duwong tron,
duong parabol, truc hoanh va c6 dién tich § =av2+b- Ot véi a,b,cetD' Tinh tong
3a+3b- 2c
A. 5| B. 7. c.9. D. 11,

Lai giai

_ 2
Phuwong trinh cta parabol 1a ¥ =~ % +2x+1

(x-1) +(y-1) =1=

Phwong trinh duwong tron la: phan dwong tron nam phia dwdi duong

— —_ 2
thing ¥ =1 c6 phuong trinh Ia ¥ =17 ¥2X= x*

Parabol cit truc hoanh tai hai diém c6 hoanh do 1a X =1 =2 va cat duwong tron tai cac diém c6
hoanh d§1a %12 (trong d6 tiép xtic tai didm c6 hoanh db bang 1).
Do tinh doi xitng nén dién tich caa hai phan t6 dam la bang nhau, do do:

5 :ZI_]\'E(- X +2x+1)+ 2;'(1— J2x- x° )dx :B"ET_NHE;'(I— Jl— (x-1) )dx
8J2- 4

(1]
_ _ z
= 2 Jc05 tdt

3 (V(ﬁx—lzsmt)



:g.J__i- E::r.ﬂ :g,b =- i,r_‘,‘ == l::.- 3a+3b- 2c =5
37 3 2 3 3 2 ,

v(km/h)

Cau 38: [Mirc do 3] Mot vat chuyén dong trong 3 gio v4i van toc phu thudc vao thai gian

t(h) c6 do thi ham s6 la mét phan ctda parabol c6 dinh B(2;6) va truc do6i xitng song song va&i
truc tung nhu hinh vé. Tinh quing dwdng S ma vat di chuyén dwogc trong 3 gior do.

A-ISka B.33km. C.16km. D.BOkm.

Lai giai

M@= == === == == mmmmmm—eo
R e T

1 oT 1

2
crs mrim e oan o~ VIE)=at +bt+c
Goi ham s6 biéu thi van toc cua vat la ©) .

(¢ =2

b C
__ =2 = Jh =
2a

Theo dé bai, ta c6 : da+2b+c=6

3 3
5 = (v(t)de = {(- 2 +4c +2)dt =15
fr(eyde= f

v(t) =-t* "‘4”‘2’ 0 <t 53_\/3}, i (km)

Suy ra

Cau39: [ Mitcdd 3] Chohamss ” | ) dao ham trén R, hamsg ¥ =/ () 13 ham béc hai c6

S =2,8, =2

1 2
d6 thi nhu hinh vé duéi va cé dién tich 6 2,



Cau 40:

ding ?

Meénh dé nao sau day

&
A. f(o)< f{ﬂ{f{‘i].B. fé&{ f{f—t]c:f{l]

Q g
. f%;:f{ﬂl{f{llln r<rl<rig
Loi giai
i = = —11: >
o ujf (x)dx =f - f(0)=S, = fQ> f(0) o
d CO
, _>
Do ¥ = ® 14 ham bac hai theo hinh vé& trén thi 2 1 truc d6i xing cia do thi ham s6
- - - : . -
. Fdx=f|2]- FO)= [ Gdx+ [f(Ddx =S - =8, = 2 <0
Y= 4 46 ta co: ﬂf 2] cTr J 2 12
5 5
fl=|<f(0) fl=|<f(0)<f(1)
suy ra 2 (2).Ti1’ @ va @) tac6 2 .
b,ceER

[Mitc d§ 3] Trén tap hgp sd phitc, cho phwong trinh ' +bz+c =0 g
nghiém cia phwong trinh c6 dang 2W=- 1+3i v3 iw+2+3i ygi W ]a mét s6 phic. Tinh gia

. Biét rang hai

tri ctia biéu thitc S =2b*-c
A. 294| B. -409 c. 27 D. 37
Loi giai

s Z) =2w=1+3i . z, =iw+ 2+ 3i
1 va

\Y% la hai nghiém ctia phwong trinh bac hai hé s6 thyc nén

z, :Z_l.Bat W=X+yi (x,yER).



Cau 41:

Cau 42:

Ta g 2 =2(x+yi)- 1+3i =Q2x- 1)+ 2y +3)i

z, =i(x+yi)+2+3i =(2- y)+(x+3)i

— [z-yzzx-l ¢[2x+}-’:3 a[x:d

z, =z, B B B
Vi x+3=-2y-3 x+2y =-6 _-5'
Suyra 4 =77 7i. 2, =T+7i.
Z+Z =- b
TR T (h=-14
e
. C ¢ =98
, nz =7 b
Ap dung dinh ly Vi-et ta c6 .Suyra S =2b"-c =294
[Mitc d6 3] Cho s5 phitc z théa man (z-2)F+30) ), mdt s6 thuan do. Tap hop diém bidu
dién so phitc Z la mot dwong tron c6 chu vi bang.
713 137

INESE] B, 2713 c. 2 . D. 4 .

Loi giai

_ 1 : _ . =y _ 2 _2_ _ _ 1
Batz_x+ya(x,yelﬁ)’tacé: e+ yi- 2)(x- yi+3i) =x"+y* - 2x- 3y +Bx +2y- 6)i.

, (2-2)(z+30) - 2x-3y =0

< - . . ; R . 0 H'Z + },z
la mot s6 thuan do nén c6 phan thyc bang Y hay

I

D

Vay tap hop diém biéu dién s6 phitc z la dwong tron 4 c6bénkinh 2

27R :ER.JE :RJI_B

Vay chu vi dwéng tron 1a 2 .
[Mitc dd 3] Cho s5 phitc 2 théa man h thite 127 231 =+ _Gis ti nho nhat cia biu thic
P=z+i(1- 2i) .

1020

72 7 72 743
A. 2 | B. 2. c. 3 . D. 3

Lo giai

Cach 1:
Gia sip £ =9 +bi,(a;beR)

Tir gid thict ta cg [0 2+ @+ =[a+ 1]

= J@-2¥ +(b+3) =\a* +(b+1) = -da+4b+12=0 = a =b+3

i o P =Paail- 20| =Pa+2bi+i+2)=\[(2a+2) +(2b+1)



Cau 43:

= P :J(2b+6+2)2 +(2b +1Y =+/4b* +32b +64 + 4b* + 4b +1 =/Bb* +36b +65

\ Y 2
~p= 2[4&'+135+E + 52 _ z[zbﬁ LA 2
| 4] 2 | 2] 2 7 2
72 9 3
min o b =- — =
Vay 2 dat dugc khi 4 4,

Cach 2:
Giasp 2 =9 bi,(a;be IR)_

T gia thiét ta c6 ja- 2+(b+3)i| =|a+ (b +D)i

= J(a— 2Y +(b+3) :Ja2+(b+1)2 e -4a+4b+12 =0« -a+bh+3 =0

= Tap hop cc diém biéu dién s3 phitc Z 1a duong thing & X+y+3=0
i W 2
P =P2z+i(1- 2i)| =]2a + 2bi +i +2| =2|a +1+ E}+£‘i :2J(a+1f+ b+l‘
Biéu thitc 2 L2
0
M(a;b),ﬂ[-n-—\
Gia stt L 2] > MEA 3 P=2AM
1
1- =+3
=rP:_=2d(M;&):2.‘ 2 |_n2
J2 2

A 0;0) B(0:0:2) .
s va

Oxyz mit

[Mitc do 3] Trong khong gian vGi hé toa do , cho hai diém

L2 2 2 _ ) —
cau (S):x’ 4y ez~ 2x- 2y +1 D. S6 mat phang chita hai diém A, B va tiép xtc v6i mat

cau () la

A. | mit phing. B. 2 mit phing. C. 0 mit phang. D. V6 s6 mit phang.
Loi giai

Goi  phwong trinh mda phang théa man yéu cau bai toan la

(P): Ax+By+Cz+D =0(A* +B* +C* >0)

Theo dé bai, mdt phang (P) di qua 2 diém AB 1en ta co:

A+D=0 [A=2C
—
{zcm:n {D:—EC

Khi do, phuong trinh it phing © 6 dang: 2C¥*+ By +Cz- 2C =0

s) ... 1(1,1,0)
CO tam

Mit cau ta vabankinh R =1,



Cau 44:

Cau 45:

.. [2c+B-2C]
Vi (P) tiép xtc véi (s) nén : d(r;(P)) =R V5C* +B*
© B*=5C*+B’ = C=0_

B

J5Cc + B

:]_c::-

Suy ra: A=D =0= phyong trinh mt phéng (P)cé dang" Y =0
(s)

Vay: C6 duy nhat mot mét phing chita hai diém A, B va tiép xic v6i mat cau

[Mitc do 3] Trong khong gian OXYZ (ho ba diém ALY 0), B -1 2), C-16 7). Tim toa

d6 diém M trén mit phang (Ox2) sao cho MA" +MB* + MC" 1 nhat.

A M(30:-1) M (1;0;0) M (1;0;3) M (1 13)

B C

Loi giai

D

Cach 1
Me(0xz)= M(x;0;z)

MA? =(x-1) +1+72° MB* =(x-3) +1+(z- 2 MC? =(x+1) +36+(z- 7Y

MA® + MB? + MC? =3 - 6x +3z° - 187 +102 =3(x- 1) +3(z- 3)" +72 272

Dau bing xay ra khi * =Lz=3 Vay M (1; 0; 3).

Cach 2
(G (1;2;3)

==
Goi G la trong tam tam giac ABC ~‘GA +GB+GC =0

MA? + MB* + MC* =(MG +GA) +(MG +GB) + (MG +GB)’
Ta co:

=3MG? +(GA* +GB* +GC?)+ 2MG(GA+GB+ GC)
=3MG* +(GA* +GB? +GC?)

MA® + MB* + MC® 114 nhét khi MG nhé nhat
(Oxz)

= M la hinh chiéu vudng goc cua G 1én mat phang . Vay M (0. 3).

d:
, cho hai duong thang

-2

=] ==

y_2.
[Mitc do 3] Trong khong gian véi hé toa do Oxyz 1

d x+1 _y :z+1

(P):x- y- z=0. Phuong trinh nao sau day 13 phuong trinh

-2 1 -1 vamitphing
cta duong thang A song song vai (P), cit d va d lan lwgttai M va N ma MN =\/§-
fil._Tf’::uf-n1-_?-"y+4 Tz +8 &_?x-d-_?y-ﬁl_?z-hﬁ
A. 3 8 -5 B. 3 8 -5




7x-1_Ty-4 7z+43 Tx-1_Ty+4 Tz+8

A A
C. 3 8 o D. 3 8 -3
Loi giai
Goi M(GG-20 o NCG1-2000-1- 1) Suy ra MN =(-1- 2~ ;- ;- 1- ¢ +2r}.
Mat phang (P) nhan n=(-1-1) lam vecto phap tuyén.
Do duong thing A song song vGi () nén MN.n =0

= -1-2t-t-t'+t+l+i"- 2t =0t =-t"

., MN =(-14t:-26-1+3t) = MN =14t - 8t + 2
Khi do )
I =

MN =2 = 146 - Bt +2 =2 =
I =

=1 = =

MN =(- 1;0;-1)

vei t =0 thi (loai do khéng c6 phuang én chon).

=t w255 = Laees) w342
Véi 7 thi S v LTTT)
4 4
A ﬁ_?x—4_?y—4_?2+8
Vay phuong trinh dudng thing A: 3 8 -5 hay 3 8 -5

Cau46: [Mitc d 4] Cho ham s6 ¥ | () dao ham lién tuc trén R va théa mén diéu kién:

& . 3 e ()=£ f(X)dX

X FOO +64[ f()-1]" =0, ¥xeR fa 64.Tinhtichphan5[

& -229 E ) @
A. 26| B. 256 C. 229 D. 229

Loi giai

Ta ci: x'“.[ f'(x]]?+|54.[ f(x)- 1]d =0, ¥x€R
:ﬁ:-ﬁa f(x) :_i

[f(o-1" * Yf-1[f-1] ¥
= [ f(}f} dx:j'izdx (*)

X

LF-1] f(0- 1]
t=yf0)-1= ¢ =f(x)- 1= 3%dr = f '(x)dx

Bang phép doi bién,
-3 4 -3 4
1

=+ =
i fO)-1 , thay X =1 ta duoc ?"-‘ f)-1

(*)=

+C



Cau 47:

3

1= o= 2
f(1)__=-c =0 i ds f(Jf)-l—T f(x)_[ n ‘ +1'

27x7 229
X ‘dx B

f(x)dx ﬂ =ee

Suy ra "

=f(x)=ax' - 2x" +bx-1 vV =9 (x) =cx’ - 4x+d

[Mitc d§ 4] Cho ham s67 c6 @ thi nhu

hinh vé. Biét do thi ham so y=f (X) ar =9 (x) cat nhau tai ba diém phan biét X %23%3 théa

y=f&)

man % *% *% =9 pi5h dien tich hinh phing S gidi han béi db thi ham s va
dudng thang ¥ =1
Y
69 z
A. 4 B. 4. c. 3. D. 9.
Loi giai
| e
Tace ['CO=30 - dx+b s bac hai, cing bac véi 9.
Ma tir do thi ta c6 ham so f () dat cyc tri tai hai diém la nghiém pt g(x)=0 nén
f'(x)=kg(x), ¥xeR (k #0).
& 3ax’ - dx+b =k(cx’ - 4x+d), ¥xeR
(3a =kc 'k =1
= -4 =4k < {3a =c.
b =kd b =d
)
2
g(X) gl|— =1 i_g-}-d_-]_c::-d__
Do thi ham s6 c6 tung do dinh bang -1 nén '€ cc c
(2)
Phwong trinh hoanh do giao diém ctia do thi hai ham s6 f (x) va 9 (X):

ax' - 2x" +bx-1=cx’ - dx+d = ax'- Q+c)x’+(b+4)x-1-d =0 (¥



Cau 48:

X

X X s
17223 thdéa man

Theo gia thiét, phuwong trinh (*) c6 3 nghiém

2+cC
—— =9« 2+c=9a
li Viet cho phuong trinh bac ba, tacé ¢ .(3)
(3a =c (3a =c g=t
b =d b =d 3
J = = A E} :3
=21 T a2
c c c=l1
2+c=Y9a 2+4c=3c d

[l
L

Tw (1), (2) va (3) ta c6 hpt:

X +x, +x, =9

nén theo dinh

Vi cac gia tri trén thay vao (*) thi théa man phuong trinh ¢6 3 nghiém phan biét c6 tong bang

9.

- f(x):%x“— 2x" +3x-1

1 x =0
fO)=-1e —x- 2¢+3x-1=-19| __
Xét phuong trinh 3 :
y=f&)
, , |y =-1
Dién tich hinh phang gidi han bdi do thi ham so la:

3 1 W
J{Ex? - 2x° +3x‘dx

‘1
5 :ﬂ—x*- 2x‘2+3x}dx:
L] 3

Jl 12 37 2
[Mite d 4] Cho s6 phitc 2 thea man 2~ 3™ 711 =2 3 bisu thitc
z- 2- 2
tri 16n nhat. Gia tri ‘ J_ J_‘ bang
A. V58] B. V41, c. V38,
Loi giai
Goi M(xy) la diém biéu dién cta s6 phitc Z- Goi

diém ctia AB)
Phuong trinh dwémg thing A8 X~ ¥ +2 =0

|z- 3- 7i| =2 = (x- 3) +(y- 7) =4 (C)

1(3:7)

Ta co

Suy ra diém M thudc vao duong tron tam

¥t 2 ¥+3 o |

3

L

P=|z+2

,ban kinh R =2,

p. V61,

9

1

AG-2:0),B(0;:2) . J(-11)
va

.2
- 2] 4 gia

(J 1a trung

Goi H 1a hinh chiu cia ! trén duong thing AB, phwong trinh dwong thing

IH:x+y-
rf+_],’:1[] - r:nl

H(4:6
x-y=-2 y:Eﬂ (4:6)

10=0 = 794 d5 ctia diém H 12 nghiém ciia hé phuong trinh:



2 2 _ 2 _ 2 _ )
Tur gia thige: £ =242 - 2= 2 =pae - ppe =MA - MB =(MA- MB)(MA + MB)

—=2BAM]J =2-BA(MI +IH +HJ) —2BAMI +2BA.HJ + 2BA.IH

cs. BA =(-2;-2); HJ =(-5;-5)= BA.HJ =(-2).(- 5)+(- 2).(-5) =20

BA.IH =0(Vi IH | AB)
Suy ra: P =2BAMI.cosa +40 <2.BAMI +40 pzy " =" xdy ra < COsd =1.

Suy ra diém M 1a giao ctia duong thing A qua I song song v6i BA cét duong tron ©
g.
B_
T_
E.
5_
4.
3_
N
14

3 2 1o 1 2 3 1 5 5

_1.

Phwong trinh duong thang 2%~ ¥ *+4=0

Toa do diém M la nghiém cua hé phuong trinh:

X- y+4 =0 ' x =342y =742 = |- V2 - 2i| =58
=]
(x-3Y +(y-7Y =4 |y 3. 2,y =7-2= 2= V2- JE:‘|:J?4- 4042
= ‘|z - 2if Z-+2- +f2i| =+/08
vay: Khi £ =12+ 2 =127 2 g0t gia tri 16n nhit thi [2- V2 Vi V58
B[_ 8 4 8‘
Cau 49: [Mic do 4] Trong khong gian (Oxyz) cho diém A2.2.1) va diém 333) Goi A 1a
M (a:b:c)

dwong phan gidc trong cia goc A cua tam giac OAB | pigm trén A sao cho
MO +OB gt gi4 tri nho nhat. Hoi T =7a +8b+2021¢ 4 gi4 trj bing

A, 2019 B. 2020 C. 2017 D. 2018]

Lai giai



Cau 50:

Goi C 1a chan dudng phan gidc trong tai géc A.

8.

o
0A =2 +2° +1° =3. \] 3

Co _A0 _3 co:-icsm5co+3c5:n:c:[-1;%;1‘

Tac6 CB AB 5 Vay

2 W 2
+[%- 2| +@-1y =5

AC :[—3;— E;D

' nén chon vtcp caa A 1a u(2;1;0)

Co

(x =2 +2t
y =2+t (teR)

Vay phuwong trinh dwong phan gidc trong xudt phat tir dinh A 1a: z=1

D& thay @B ném khac phia so véi A nén T =OM +OB phg nhit khi ©*M>B thang hang
hay M =OBNA

Suyra M =C vay 2 ) qan T =7a+8b+2021c =-7+4+2021=2018

OXYZ  o0i d 13 dwomg thing di qua diém

(P):x- 2y- z+2021 =0

[Mitc do 4] Trong khong gian vGi hé truc toa do

M(2;:-1;1)

, song song v6i mat phang sao cho tong khoang cach tw

céc digm A@720). BL0:3) dwomg thang d6 dat gia tri nho nhat. Vecto chi phuong cta

d it =(a;b;c) (trong d6 ¢ b, ¢ 13 cac 56 thuc théa man 9+b+c =4y Tgng a* +b* +c*

bang:
A. 2020 B. 30 c. 100 D. 120]
Loi giai
Goi @ la mdt phéang di qua M(2;-1;1) va song song voi (P), ta co (@):x-2y-2-3 :D.
khi do ¢ <@

AB ()

Goi H,K 13n lwot 1a hinh chiéu caa trén mat phang

Tacsd (A;d)+d(B;d)=d (A;(Q) +d (B;(Q)) =AH + BK

Péng thitc xay ra khi va chi khi dudng thing d di qua hai diém H> K khi do % =KHK

k ?EO)_

(voi

Goi d, la duong thang di qua A va vudng goc v6i mit phing (Q), khi d6 phuwong trinh cia
X =2+t
y=-2-2t
d z=-t

dwong thang "' la *



H=d n(Q)= 2+t- 2(-2- 2)- (-0- 3 u=f__1=H[ -1_\
Vi 2

Goi d, la dwong thing di qua B va vudng goc véi mit phing (Q), khi d6 phwong trinh cta
X =1+t
y=-2t

duomg thang 92 1a (2737 €,

K=d,n(Q)= 1+t- 2(-2t)- (3-t)-3=0= E:E: K{H;'ID;E‘
Vi 6 |6 6 6
HE [1 -2 5‘::- =kHK [_ikﬁ ﬂ:ﬁi;b:_zk;g:%
Vay 3 ) 3 3 3
a+h+c=4= E+iﬁ'{+ﬁ =4=k =6
Ma 3 3 3 .
Vay @ =2:b=-4c=10= a’ +b* +¢* =120
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