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DANG 1 Mé dau ve khoi da dién

Céu 1:

Céu 2:

Céu 3:

Céu 4:

Cau 5:

Céau 6;

Cau7;

Cau 8:

Cau 9:

Khéi tr dién ABCD c6 thé tich V, AB=a, CD =b, goc giita hai duong thing AB va CD la
a khoang cach giira chung bang ¢ . Ménh d& nao dudi diy dung?

A,V:abcs%, B,Vzﬂbcs%, C_V:abcs% D. V = abesing

Khdi tir dién ABCD c6 thé tich V, AB=a goc giira hai mit phang (CAB) va (DAB) bing o
. Cé4c tam gidc CAB, DAB c6 dién tich 1an luot 1a S, va S,. Ménh dé nao dudi day dung?

B. V c. v=BSsina 5y,

3 2SS, sina
- a ' 3a ' a 3a

3 4SS, sina 3 2SS, sina

AV
Cho hinh chép S.ABCD c¢6 day la mét hinh vuéng canha. Canh bén SA vudng goc vai mat
phang day, con canh bén SC tao véi mat phang (SAB) mot goc 30° . Thé tich cua hinh chop do
bang

3 3 3 3
A.“;/g. B.”f. c.”f. D.“;/E.

Cho hinh chép S.ABCD c6 day 1a mét hinh vudng canh 4. Cac mat phang (SAB) va (SAD)
cling vudng goc véi mat phang day, con canh bén SC tao véi mit phang day mot géc 30°. Thé
tich caa khdi chop da cho bang

3 3 3 3
A TY6 g Vo c. w6 p, ©V3.

9 3 4 9

Cho mdt hinh chép tir giac déu co canh day bang a va dién tich xung quanh gap doi dién tich
day. Khi do thé tich ctia hinh chop bang

a3 a3
. -

B.
6

Casx/g Da3\/§
B DI

A

Néu mét hinh chop déu co chiéu cao va canh day cung tang 1én 7 lan thi thé tich cua né ting 1én
A. 1’ lan. B. 21* lan. C. n’ lan. D. 21’ lan.

Cho hinh lang try ABC.A'B'C' ¢6 AA'=2,khoang cach tir A dén cic duong thang BB',CC',
lan luot bang1 va 2 ; khoang cach C dén duong thang BB' bang \/g . Thé tich khéi ling tru
ABC.A'B'C' bang

A 2. B.%. C. 4 D.

w |

Cho khéi tir dién O.ABC ¢6 OA,O0B,OC d6i mdt vudng goc thoéa man OA? +OB? +OC? =12.
Thé tich 16n nhét ciia khoi tir dién O.ABC bang

A. 8. B.%. C. 4 D.

W |

Thé tich ctia khdi chép cut co dién tich hai day 1an luot 1a 5,,S, ¢o chiéu cao bang h 1a

IS, +5, +4/5, IS, +5, —+/.S
A. 1(S,+S,~[55,). B (1+23+ ) ¢ (1+23 ) b s, 45, +455,).
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Cau 10:

Céu 11:

Cau 12:

Céu 13:

Cau 14:

Céau 15;

Cau 16:

Cau 17:

Cho hinh hép ABCD.A'B'C'D'c¢6 day 1a hinh thoi canh a,BAD =60° va c6 chiéu cao bang

261\/5 Goi M,N lan luot 1a trung diém cac canh A'B',A'D'. Tinh thé tich khdi da dién
ABDA'MN

3 3 3 3
N B 3% c. 2 D 24
8 4 8 8
Cho hinh hop dung ABCD.A'B'C'D' c¢6 AB=AD=aq, B c
, ﬂ\/g N , 0 . N A . N i
AA = va goc BAD=60°. Goi M va N lan lugt l1a trung a IO M D
diém cac canh A'D’ va A'B’.Thé tich khéi chop A.BDMN Ia: P
3 3 J' \ i
A V3 . B. 3%
16 16 VBN c
3 3 T
c. 3 D. L.
16 16 A D
Cho hinh lang tru tam giac déu ABC.A'B'C’ c0 tit ca cac canh béng a.Goi M,N lan luot la
trung diém céac canh AB va B'C'. Mit phrfmg (A’MN ) cit canh BC tai P, Thé tich khdi da
dién MBP.A'B'N bang:
3 3 3 3
A P30 g V3 c. T p, 73"
24 12 96 32
Cho khdi t&r dién OABC ¢ OA, OB, OC d6i mdt vudng géc v4i nhau va théa min
OA+OB+0C =6. Thé tich 16n nhat ctia khéi ttr dién OABC bang
A 8. B.é. C. 4. D.§.
3 3
Cho hinh hop ABCD.A'B'C'D’ c6 dién tich day bang S , chiéu cao bang . Thé tich khéi tir dién
A'ABD bing
A.%. B.%. C.&. D.%.
4 6 2 3
Cho hinh ling try déu c6 do dai canh day bang a. Chiéu cao cta hinh ling tru bang / , dién tich
mot mit day 1a S . Tong khoang cach tir mot diém trong hinh ling tru t6i tit ca cic mat cta hinh
lang tru bang
A.h+§. B.h+§. C.E. D.B—S.
a a a a
Cho ling try dimg ABC.A'B'C' ¢6 day 1a tam giac déu a, AA'=2a. Goi M,N lan luot 1a trung
diém ciia AA’,BB’ va G 1a trong tAm cua tam giac ABC . Mit phing (MNG) cit CA,CB lan
luot tai E,F. Thé tich khdi da dién c6 6 dinh1a A,B,M,N,E,F bang
3 3 3 3
A T3 g 230 c p, 23"
9 9 27 27
Cho hinh hop ding ABCD.A'B'C'D' ¢6 AB= AD :a,AA'=% va BAD =60°. GoiM va

N lan luogt 1a trung diém cac canh A'D' va A'B'. Tinh thé tich khdi chép A.BDMN .
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Cau 18:

Céu 19:

Céu 20:

B C’
Nl
!
1/ M D
AR
i||
1y
]
I/L _________ B C
I 7
/
A D
A N3 B. 30" c. 33 D.
C 16 16 16 16

Cho hinh lang truy tam giac déu ABC.A'B'C' ¢6 tt ca cic canh béng a.Goi M va N lan lugt
1a trung diém cac canh AB va B'C'. Mit phang (A'MN ) cit canh BC tai P. Thé tich khdi da
dién MBP.A'B'N bing

3
A 2 ‘/5. B.
24 1

23 c 73 D 733
2 96 Co32

a3

Cho hinh hép dung ABCD.A’B'C’'D’ ¢6 AB=AD =g AA':T va géc BAD =60°. Goi

M;N lan luot 13 trung diém cua A'D'; A'B'. Tinh thé tich khéi da dién BCD.MNB'C’D’.

A3_a3 B7_aS C% [)17"3
" 16 S 32 " 16 " 32

Cho lang try tam giac ABC.A’B’C’ ¢6 thé tich bang 72. Goi M la trung diém cta canh A’B’; cac
diém N,P théa mén B'N:%B'C';ﬁ =iﬁ. Puong thang NP cit BB’ tai E, dudng thing

ME cit ABtaiQ. tinh thé tich khdi da dién AQPC.C’A’MN .
A. 55. B. 59. C. 52. D. 56.
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BANG DAP AN
1.A 2.D 3.D 4.A 5.A 6.C 7.A 8.B 9.B 10.A
11.B 12.C 13.B 14.B 15.A 16.A 17.B 18.C 19.D 20.B

HUONG DAN GIAI CHI TIET
Caul: ChonA

Duyng diém E sao cho tir giac BDCE 1 hinh binh hanh. Khi d6
CD//BE = CD//(ABE) = d(AB,CD)=d(C,(ABE))=c; (AB,CD)=(AB,BE)=a.

S i = %AB.BE.sin(AB, BE) - %ab sina.
N 1 11, . abcsina
Vay Vo = Ve i = g.SAABE.d(C,(ABE)) = g.zabsma.c ==
Céu2: ChonD
C
A D
E
B
Goi H 1a hinh chiéu vudng goc cta C trén (ABD) va E 1a hinh chiéu vudng goc cia H trén
AB . Khi do
((CAB),(DAB)) ~(HE,CE)=CEH =a,
CH 1 AB 2
— CELAB. Dodo S,,,. = EAB — cp =22 _ 25
HE 1 AB 2 AB  a
o 28, si
ACEH vuéng tai H ¢6 ((:;_I; — sinCEH =sina = CH = CE.sing = ~ 2%
a
R 1 1 ., 25 sina 2SS sina
Vay Vuen = Ve amp ZE'SADAB'CH 25'52' ' B =—1 ;a .
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Cau 3:

Cau 4:

Cau 5:

Cau 6:

Chon D

., CB1 AB
Taco —CB L (SAB).
CB1SA

Suy ra goc gitta SC v6i mit phing (SAB) la CSB=30°.

Do 46, SB=CB.cot30°=ay3 . Suy ra
SA =SB~ AB* =a\2.
Vivy Ve = %SA.SABCD = ﬁw”.
Chon A
(SAB) L (ABCD)
Do = SA L(ABCD).
(SAD) L (ABCD)

Suy ra goc giita SC voi mat phang day 1a SCA =30° .

Suy ra SA = AC.tan30° = a\/E.% - % .
3
, 1 J6
Do dO VS.ABCD = ESA'SABCD = ?ﬂs .
Chon A

Gia sir hinh chop déu S.ABCD c6 day ABCD la
hinh vuong canh a tdm O. bat SO =h.
Goi M 1a trung diém BC .

2
Tacé SM =+SO? + OM? =1/h2+”z.

1 a
S,, =455 = 4.~ .SM.BC = 2.,/112 +2 4
2 4
2
CéS, =25, c:>21fhz+a—a=2a2 @hzﬁ.
i Y 4 2

1 1al3 , @3
VS.ABCngso'SABCD=§' 5 A= 6
Chon C

Ta chi xét hai hinh chop déu tam giac, tir giac
Truong hop 1: Hinh chop déu tam giac co canh day bang a va chiéu cao & .

2
Thé tich khéi chép tam gidc déu ban dau: V1=%.“ f.h.
Thé tich khéi chop sau khi ting chiéu cao va canh day cung ting 1én n lan:
2
na) \3
Vv, zl.L.nh =n’V,.
3 4

Két luan: mot hinh chop tam giac déu co chiéu cao va canh day cung ting 1én  1an thi thé tich

ctia no ting 1én n° lan.
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Trwong hep 2: Hinh chép déu tur giac c6 canh ddy bang a va chiéu cao h .

1

Thé tich khi chép tir giac déu ban dau: V, = %.az h.

Thé tich khdi chop ti gidc déu sau khi ting chiéu cao va canh ddy cing ting 1én n lan:
1 2

V,= 5.(7111) nh=n’V,.

Két luan: mot hinh chop tir giac déu c6 chiéu cao va canh day cung ting 1én » 1an thi thé tich
ctia nd tang 1én n° 1an.
Két luan: Néu mot hinh chop déu co chiéu cao va canh day cing ting 1én 7 1an thi thé tich cua
né6 ting 1én #° lan.
Nhén xét: Ta c6 thé dung mot két qua quen thude
= Néu ta ting céc kich thude ciia da giac 1én k 1an thi dién tich da giac sé& tang 1én k* lan.
= Néu tang dién tich day ctia khdi chop 1én k? 14n va chiéu cao k 1an thi thé tich khdi chop s&
tang 1én k° lan.
Cau7: Chon A
Goi H,K lan luot 1a hinh chiéu vudng goc cua A Ién
BB',CC' tacdé AH =d(A,BB")=1,AK=d(A,CC")=2
va AH’* + AK* = HK* =5= AAHK vudng tai

1

A=S5 ZEAH-AK =1.Vay V oo =S - AA'=2.

Céau8: ChonB

Taco V, e = %OA.OB.OC .

Sur dung bat dang thic AM — GM ¢6

O.ABC —

12=0A* +0OB* +OC* > 3/OA*.OB>.0C* = OA.0OBOC<8=V < % zg

Cau9: ChonB
A h(S, +S, +4/S,S
Thé tich hinh chop cut 1a (5, +5, \/j )

Cau 10: Chon A
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Cha y: ABDA'MN la mot hinh chop cut ¢6 hai tam

gidc ddy AABD,AA'MN . T s
o ds v S +S, +5.5,) b \J//
3 ' |
Trong do, h=2a3 va
@3 1 3 -
5, =5, =T'52 =S4y :ZSA'B'D' = 16 R Ve [/
2 2 2 2 2 TR Ve B
Vayvz2ax/§(ax/§+ax/§+ a 3_”\/5):7L_ A
3 4 16 4 16 8
Caull: ChonB
; 1 1(1 a a N
Taco: Vv, , ==S,. -AA ==| = —.— sin60° |- —— = —
AAMN gAY 3(2 22 j 2 32
w3 23 a’~3

Khéi chop cut ABD.A'MN ¢6 h = 5= Sap =S = S =

, h a3[ 23 23 (344 74°
Do do VABD.A’MN25(51+52+ 5152): 6 [ 1 + + —J

16 64 | 32

v 7a° 4 3da° s

I)O d() L’ A.A'MN ::755--325 ———iz;

A.BDMN —

VABD,A’MN -
Céu 12: Chon C

MP _BP _BM _1_ AMBP~AABN theotisé -
AN BN AB 2 2
Khéi da dién MBP.A'B'N 1a khdi chop cut co chidu cao
h=BB' =a.

Dién tich hai day 1a :

1 3 1 a3

8, =S g == Sume = S, =Syup =S
2 8

1 A'B'N A'B'C’' MBP 4 A'B'N 32

a[a2\/§+a2\/§+ a*\/3 azx/gJ%/gcf
2 . = .

Taco

N h
Vay VMBP-A’B’N = 5(51 +Sz + Slsz ) = 5 32 3 32 9%

Céu 13: Chon B
Ap dung bt dang thirc Cauchy cho ba s khong am, ta
co:
6=0A+0B+0C > 3JJOA.OB.OC < OA.OBOC<8

1OA.OB.OC < 1.8 _2 .
6 6 3

A

Taco V

0ABC —

Déau "=" xay rakhi OA=0OB=0C=2. ¢

OABC

Vay V.. 16n nhat 13 %.
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Cau 14:

Céu 15:

Céu 16:

Chon B

, 1 1 11 , Sh
Ta e S, =2 Sunco = Viwso =5 Vianco = 55 Sanco A(A";(ABCD)) = -
Chon A

Xét hinh lang try déu (H) da cho co ddy la da giac déu n dinh. Xét S )
diém I bat ky trong hinh lang try déu (H ) da cho. Khi d6 néi I véi

cac dinh cua (H ) ta duoc n+2 khoi chop c6 dinh 1a I, trong do co

hai khéi chép c6 day 1a hai mét ddy cua (H), va n khéi chop c6 day B b

la cac mat bén cua (H ) Dién tich cia mdi mit day cla (H ) la S,

dién tich coa mdi mat bén cia (H ) béng ah . Goi

hyhy,.ihy b 180 Tuot 1a khoang cach tir 1 dén cac mat bén va cdc mit ddy cua (H). Vay

theo cong thirc tinh thé tich ctia khéi lang tru va khdi chép ta co:

Vi =Vit Vet VotV 4V, & Sh= %hl .ah+...+%hn.ah+%hn+l .S+%hn+2.5
= %(h1 +h, +---+hn)‘1+%(hn+1 +hn+2)%
h
<:>S=%(hl+h2+...+hn)a+§<:>%(h1+h2+...+hn)a=5—§
<h +h,+..+h =2—S<:>hl+hz+...+hn+hn+l+hn+2 :2—5+h.
a a
Chon D c g
Ta co
1 1ay3 J3a* X

Vi=Veaenm = §CH'SABNM =§ 5 = 6

MN < (GMN)

AB < (ABC)

AB//MN

= (GMN)(ABC)=EF//AB//MN

CF CG CE 2
Suyra —=—=—=—.
CB CH CA 3
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3 3
—+—+1+1
Suy ra VC.EFNM=2 2 =§:>V —V -V =évzé\/§a3:2\/§a3
Vl 4 é é 1 1 9 BFN.AEM 1 C.EFNM 9 1 9 6 27
2°2
Caul7: ChonB B '
. N
Dé thay A'MN.ADB 1a hinh chop cut va hai ddy la hai A/ M D
N . T \
tam giac déu dong dang theo ti sO 1a 1 . I \I N
2 'y \
AN
‘. a3 1 a3 B 2c--|C
Ta co: SAADB:T:SAAMszsAADBzT :II \\"'“‘.\ \\
1 a’ / R
=V oy ==AA'S A D
1. ., 7a° 3a°
V nan.aps = gAA (SAA’MN +5,ap8 F\Saaniv-Saans ) = 3_2 =V sonn = Vaswaos = Varuw = E
Céau 18: ChonC A cC
Ta co A’N//(ABC). Goi K 1a trung diém cia doan thang M K
BC.Suyra AK//A'N . \ B
Mat khac (A’MN) ABC =P nén P la trung diém cua doan '
thang BK. /] _\_\ . -
D& thdy MBP.A'B'N 1a hinh chép cut va hai dy 1a hai tam 4~~~ -1 — o
N
giac dong dang theo ti s6 1a 1 . j
2 B
. 1 , NG 1 23
Taco SAABN ZAB A'N.sin60° = :SAMBP:ZSAA’B’N:T'
A 1 ' 7613'\/_
Vay VMBP A'B' N 3 AA (SAMBP + SAA'B'N + SAMBP SAA 'B'N ) 96
Céu19: ChonD ,
Pat: V, 1a thé tich cia khéi hop ding b
ABCD.A’B’'C'D’.
V, 1a thé tich cua khéi chép cut A’MN.ABD. N p ;-

V 1a thé tich cua da dién BCD.MNB'C’D".

0 a\/_ 3a>

Ta co: V,=Bh=a.a.sin60".

4 E
1 NEY 3 |
Saamn = ZSAA'B'D' = Y' AABD — T ;

h P —
= VZ = E(SAA'MN + SAABD + SAA'MN 'SAABD ) ',
B
:ax/g{aZx/g+a2\/§+ a*~/3 aZ\/_J
6 32

16 4 16 4
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70 170

Dodo: V=V, -V, = 1 R

Cau 20: Chon B
bat: V 1la  thé tich khéi

ABC.A'B'C’. =V=72.
V, 1a thé tich khdi da dién AQPC.C’A’MN .

lang  tru

V, 1a thé tich khéi chép cut BQP.B'MN .
_BQ _1_BQ_1
BA 6
1 1
= 7= SABQP = QSABAC

(SABQP + SAB'MN + SABQP 'SAB'MN )

n( 1 3 1 3
= E{QSABAC +§SABAC + \/QSABAC'gsABAC } -

Vay: V, =V -V, =72-13=59..

_ h'SABAC l + é 1 = ﬂ = 13,
3 24 8 8 72
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