Chuyén dé 26

TAI LIEU DANH CHO POI TUQNG HOQC SINH KHA MUC 7-8 PIEM

TiCH PHAN- PHUONG PHAP TiNH TiCH PHAN

phan co ban co dieu kién

1.Pinh nghia: Cho ham s y = f(x) lién tyc trén K ; a,b 14 hai phan tir bat ki thude K, F(x)

1a mot nguyén ham cua f(x) trén K. Higusd F(b)—F(a) goi la tich phan cua cua f(x) tira

b
dén b va duge ki higu: [ £ (x)dx=F(x)

'=F(b)-F(a).

a

2. Cac tinh chit ciia tich phén:

a

+ If(x)dx=0

a

b

+ jj[f(x)ig(x)]dx=If(x)dxifg(x)dx

a

+ If(xﬂx=if(xﬂx+jf(x)dx

a

+ Néu f(x)=g(x) Vxe[a;b] thi J-f(x)dxz'b[g(x)dx.

Bang nguyén ham ciia mt s6 ham thwong gip

a+l a+l
a 3. X o 1 (ax+b
jx .dx_a+l+c I(ax+b) dxz;.((x—+l)+C
J‘ldlen|x|+C I ! dx:l.ln|ax+b|+C
X ax+b a
1 1 1 1 1
e dx=——. C
sz dx x+C J.(ax+b)2 g a ax+b+
Isinx.dx:—cosx+C Isin(ax+b).dx:—l.cos(ax+b)+C
a
Icosx.dxzsinx+C Icos(ax+b).dx:l.sin(ax+b)+C
a
I L dx=—cotx+C I;.dxz—l.cot(ax+b)+c
sin’ x sin” (ax+b) a
1 1
dx = —  —dx=—. b
-[coszxdx tanx+C Icosz(ax+b) X y tan (ax+b)+C
.[ o=l J.e“”b.dle.e"”b+C
a
Ia".dx: & +C I 2dx 5 :Lln x4 +C
Ina X —a 2a |x+a

. . . : 1
w Nhin xét. Khi thay x bang (ax+b) thi lay nguyén ham nhan két qua thém —.

a
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Caul. (Kinh Mén - Hai Duong 2019) Cho F(x) 1a mdt nguyén ham cua f'(x)= 2.Biét
X+

F(-1)=0.Tinh F(2) két qua la.

A. In8+1. B. 4In2+1. C.2In3+2. D. 2In4.

Loi giai
Chon D
2 2
Ta co: jlf(x)dx:F(z)—F(—l) @jlxizzzln|x+2”:=21n4—21n1=21n4

& F(2)-F(-1)=2In4 < F(2)=2In4 (do F(-1)=0).

Cau2. (Ma103-2019) Cho hamsé f(x).Biét f(0)=4 va f'(x)=2sin’x+1, Vxe R, khi do

O i [N

f(x)dx bang
2 2 2 2
A - +16x 4. B. i 4. C. i +157z. D. n°+16x 16‘
16 16 16 16
Loi gidi
Chon A

Ta co f(x):j(2sin2x+1)dx:'[(2—cos2x)dszx—%sin2x+C.
Vi f(0)=4=C=4
Hay f(x)=2x—%sin2x+4.

/4

i i
Suy ra jf(x)dx:j(2x—%sin2x+4jdx
0 0

s 1 7°+167-4
— =

1 z
=x>+—cos2x+4x|4 =
4 0 4 16

Cau3. (Mi 104 -2019) Cho ham sé f(x).Biét f(0)=4 va f'(x)=2sin’x+3, Vxe R, khi d6

O |y

f(x)dx bang
7t =2 7t +87 -8 7t +81r-2 377 +27-3
A. . B. ———. c.——~—. D.——— -
8 8 8 8
Loi giai
Chon C

[ £/(x)dx = (2sin’ x+3) dr = [ (1-cos2x+3) dx = [(4—cos2x) dx=4x—%sin2x+C.
Tacod f(0)=4 nén 4.0—%sinO+C=4<:>C:4.

Nén f(x)=4x—%sin2x+4.
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: 4 T
If(x)dx=I(4x—lsin2x+4jdx:(2x2+lcoszx+4xj 4 = 7T 48T -2
0 0 2 4 0 8

aud4. (Ma - ohamsé f(x).Biét =4 va f'(x)=2cos” x+3, VxR, khi d6
Caud. (Mi 102 - 2019) Cho ham sé f(x) .Biét £(0)=4 va f'(x)=2cos’ x+3, VxR, khi d

f(x)dx bang?

O e |y

7t +87r+8 7t +87+2 7t +6r+8 742
. B.——. cC.——. D. .
8 8 8 8

Loi giai

Chon B

Taco f(x)=[f (x)dx = [(2c08’ x+3)dx = (2.%%)&

=J.(cos2x+4)dx=%sin2x+4x+C dof(0)=4=C=4.

4
Viay f(x):%sin2x+4x+4 nén f(x)dx:j(%sin2x+4x+4)dx
0

SR Y R

v
i 7 +87+2

= (—lcos 2x+2x" +4x)
4 0 8

1 2
Caus. Biétringham s f (x)=mx+n thoaman [ f(x)dx=3, [ f(x)dx=8. Khang dinh nao duoi day
0 0
la dung?
A.m+n=4. B. m+n=-4. C.m+n=2. D. m+n=-2.
Loi giai

2

Ta cé: J.f(x)dx=j(mx+n)dx = —x"+nx+C.

|3

1

— m
Lai co: _!f(x)dx:3:(5x2+nxj0

=3 @%m+n=3(1).

=8 ©2m+2n=3. (2)

jf(x)dx=8:(%x2+nxj§

0

1
— = :2
Tir (1) va (2) ta co h¢ phuong trinh: 2m+n 3 < {m

om+am=g 172
=>m+n=4.
1 7 2
Cau 6. Biétring ham s f(x)=ax’ +bx+c théa min J.f(x)dx:—z, [f(x)dx==2 va
0 0
A2 B. 2. c.t D.>.
4 3 3 4
Loi giai

Ta co: If(x)dxzj(ax2+bx+c)dx = x3+§x2+cx+C.

a
3
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2
If(x)dxz—z :>(§x3+—x2+cxj =—2 ©—a+2b+2c=-2(2)
0
3
3
If(x)dx:£:(£x3+éx2+cx) _B <:>9a+2b+3c:E (3).
) 2 (37 "2 0 2 2 2
la+lb+c=—Z
372 2 |,
Tu (1), (2) va (3) ta co h¢ phuong trinh: §a+2b+2c:—2 &b=3 .
16
Oa+2b+3c =12 =73
2 2
:>P:a+b+c:1+3+(—?j:—§.

Cau7. (Chuyén Lé Quy Pén Pién Bién 2019) C6 hai gia tri ciia s thuc a 1a a,, a, (0< q, <a,) thoa
man I(2x—3)dx =0. Hay tinh 7=3“ +3“ +log, [ﬁj
1 a,
A. T =26. B.T=12. C.T=13. D. T =28.
Loi giai
Chon C

Ta co: j(2x—3)dx =(x2 —3x)‘? =a*-3a+2.
1

Vi J-(2x—3)dx:0 nén a’-3a+2=0,suy ra {a

1

Laic6é O0<a <a, nén a,=1; a,=2.

2
Nhu vy 7 =3% +3% +log, [ﬁj =3'+3% +log, (Tj =13

a

CAu8. (Chuyén Nguyén Trai Hai Dwong 2019) Cho j (3x” —2x+1)dx =6 Gia trj ctia tham s6 m
0
thudc khoang nao sau day?

A. (-1;2). B. (—;0). C. (0;4). D. (-3;1).
Loi giai
Cho

=

O ey I IO

m

Ta co: (3x2—2x+1)dx=(x3—x2+x)0 =m’—m*+m.

T(3x2—2x+1)dx:6 oSm-m+m-6=0m=2¢c(0;4).

0

Vay m:26(0;4).
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1
Cau9. (Thi thir Loméndxop - Ha N§i 2019) Cho 7 = J' (4 x—2m? )dx . C6 bao nhiéu gia tri nguyén cua
0

mdé I+6>07
A. 1. B. 5. C.2. D. 3.
Loi giai
Chon D

Theo dinh nghia tich phantaco 7 = j'(4x —2m’ )dx = (2x2 - 2m2x)‘; =-2m’+2.
0

Khids I+6>0< 2m*+246>0 —-m* +4>0< 2<m<2

Ma m 14 s6 nguyén nén m € {-1;0;1}. Vay c6 3 gia tri nguyén ctia m thoa man yéu cau.

Cau 10. (S6 GD Kon Tum - 2019) C6 bao nhiéu gia tri nguyén duong cua a dé joa(zx ~3)dr<4?

A5, B. 6. C. 4. D.3.
Loi giai

Chon C

Ta co: Ioa(2x—3)dx = (x2 —3x)‘z =a’-3a.

Khidé: ['(2x-3)dx<4 &’ -3a<d o -1<a<4
Ma a e N*néna e {1;2;3;4} .
Vay c6 4 gia tri cia a thoa dé bai.
Céau 11. (THPT Lwong Thé Vinh - HN 2018).C6 bao nhiéu s6 thyc b thudc khoang (7;37) sao cho

b
J.40052xdx=1?

A. 8. B.2. C. 4. D. 6.
Loi giai
) Lo|b S
Tacé:I4costdx:1©2sin2xi:1c>sin2b:—<:> 12
2 hY/4
z b=—+krx
12
Do d6, ¢6 4 sb thuc b thoa man yéu cAu bai toan.
S . 4
Ciu 12. (Can Tho - 2018) Cho ham s0 £ (x) xac dinh trén R\{-2;2} thoa man f'(x)=— .
x —

£(=3)+f(3)=f(-1)+f(1)=2. Gia tri bieu thirc f(-4)+ f(0)+ f(4) béng

A. 4. B. 1. C. 2. D. 3.
Loi giai
4 dx = ! ! dx =1 2|1 2[+C
Ta co: J-X2—4 _'[ Xx-2 x+2 - n|x— |_ n|x+ |+ .
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mn*"24+C khix<—2
x+2
F)=1nZE1c, khi-2<x<2
Do do: x+2
mX"24C khix>2
x+2

f(-3)=In5+C; f(3)=1n%+C3;f(0):C2; f(—l):ln3+C2;f(l)zln%+C2;

f(_3)+f(3)=f(_1)+f(1)=2@C1+C3 =2C2 =2 :{gl t(lj3 =2

Vay f(—4)+f(0)+f(4) =ln3+C1+C2+ln%+C3 =C +C,+C, =3.

f+e
\/;62)6

Céu 13. (Chuyén Lwong Thé Vinh - Pong Nai - 2018) Biét .[ ~———dr=a+e"—e Vvéia,b,c

1a cc s nguyén. Tinh T =a+b+c
A. T=-3. B.T=3. C.T=-4. D.T=-5.
Loi giai

Tacd —

e ol nén
J 4x j_;i dx Zj(ﬁ+§)dx:(\/;_ex)

1

Vay a=1,b=-1,c=-4.Suyra T =-4.

1\/_+e (1 1)2A

4 1 4
=1+e —¢”

1

Ciu 14. (S& Bac Liéu - 2018) Cho ham s6 f'(x) xéc dinh trén R\{0} théa man f'(x):x—tl,
X

f(—2):% va f(2):21n2—%. Gid tri cua bieu thue f(~1)+ f(4) bing

A 6In2-3 g 6In2+3 c, 8in2+3 p, 8In2-3

4 4 4 4
Loi giai
Co f(x)=[r"(x) ALYV LI,
X
1n|x|—l+c1 khi x <0
= f(x)= .

1n|x|—l+c2 khix >0
X

Do f(—2)=%:>1n2+%+€1 =%:> C =1-In2

Do f(2):21n2—§:>1n2—l+C :2ln2—i:C =In2-1
2 2 2
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1n|x|—l+1—1n2 khi x <0
Nhu vay, f(x) = X

1n|x|—l+1n2—1 khi x >0
X

Vay f(—l)+f(4):(2—1n2)+(1n4—%+1n2—1j: Slnj”

Cau 15. (Chuyén Lwong Viin Chanh - Phi Yén - 2020) Cho ham sé f(x) ¢6 f(0)=4 va

T

4
F(x)=2cos?x+1,¥x € R Khi do f f(x)dx bing.
0

A 7z2+167z+16. B. 71'2+4. C. 7r2+147z. D. 7z'2+167r+4.
16 16 16 - 16
Loi giai
Chon D
Ta co

f= [(@eosx+hdr= [ [2[#]“

dx:f(cos2x+2)dx

in2
:fc0s2xdx—|—f2dxzsm Y oxrc
Laico f(0)=deCmdo f)=12% 10 1y
: p sin2x 1 ; : :
= | f(x)dx = { —|—2x—|—4]dx:— sin2xd(2x)+ | 2xdx+ | 4dx
Jrom] s for |
2= L 2 416n+4
_ —cos x4+(x2+4x)4:%.
4 0 16

Cau 16. (S& Ha Tinh - 2020) Cho ham s6 f(x) ¢6 f(0)=0 va f'(x)=sin*x, VxeR. Tich phan

O o |y

f(x)dx bang
AT 6 B 73 C. 37° 16 p. 37 -6
18 32 64 112
Loi giai
Chon C
Ta co:

2
sin x = 1= cos2x :l(l—2cos2x+cos2 2x) :l(l—2cos2x+—l+COS4xj

=%(cos4x—4cos2x+3).

, 1 1. 1. 3
Suy ra f(x):If (x)dx—gj(cos4x—4cos2x+3)dx—3—251n4x—zsm2x+§x+c.

Vi f(0)=0 nén C=0 hay f(x):3%sin4x—isin2x+%x.
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z
2

b
Do d6 If(x)dx:j isin4x—lsin2x+§x dx = —Lcos4x+lcos2x+ix2
(32 4 8 128 8 16

1 1 372° ( 1 1] 37716
= —-———+ — ——t— | = .
128 8 64 128 8 64

0

Cau 17. (S& Lang Son 2023) Cho ham so f'(x) c6 dao ham f'(x)= ! = v6i moi
(sinx+2cosx)
3
xe[O;%} va f(0)=0. Tich phan Jf(x)dx bang
0
A 37r+21n2. B. 7r—ln2. C. —7r+ln2. D, 7Z'+411’12.
10 5 5 20
Loi gidi
Chon D
1
cosa =—
dx 1 dx : J5 1
Taco: f(x)= =—|— , vOi =cota=—.
() J‘(sin)hLZCosx)2 5'[Sln2(x+a) 2 2
sina =—
J5

Tu dé suy ra: f(x):—%cot(x+a)+C,mé f(O)zO:C:%.

% T
'([f(x)dx=(—%ln‘sin(x+a)‘+%j|02:_éln(cota)_’_z_?i): 41n220+7r .

phan ham sb hiru ty]
P(x)
()

[] Néu bac cua tir P(x) = bac mdu Q(x) —=— chia da thirc.

b
Tmhzzj

dx? véi P(x) va Q(x) la cac da thirc khong chira can.

[1 Néu béc ctia tir P(x) < bac miu O(x) ma mu so phén tich dwgc thanh tich s6 —*— dong
nhéat thirc dé dua thanh tong ctia cac phén sd.
Mot s6 truong hgp dong nhat thie thudng gip:

N _ 1 ( a b J(l)
(ax+m)(bx+n) an—bm\ ax+m bx+n

;\mxf __4 B :(A+B)x—(Ab+Ba):> A+B=m
(x—a)(x—b) x—a x-b (x—a)(x—b) Ab+Ba=-n
1 A Bx+C
+ - 5i A=b"—4ac<0.
(x—m)(ax2+bx+c) x—m+(ax2+bx+c) vl aes
| A B C D
+

+ . = i . + ~.
(x—a) (x—b) xX—a (x—a) x—b (x—b)
[1 Néu béc tir P(x) < bac miu O(x) ma mhu khong phén tich dwgc thanh tich b, ta xét mot sb

truong hop thuong gap sau:
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dx

+ [ =|—,(neN* J';nc:a.tant.
1 J' n ( )
(x2+a2)
dx dx o ae b A
+]2:Im,(A<O):I 5 5 A .Tasedat——)X'FZ: —Etant.
R “

+I—j pxrq dx véi A=b>—4ac<0. Ta s& phan tich:
ax’ +bx+c

2ax+b)dx b. d . 5 2
=2 Q_{q__p]l—x va giai A bang cach dat ¢ = mau so.

> 247 ax*+bx+c 2a ax* +bx+c
_ _
A 1

2
Céau 18. (THPT Quynh Luu 3 Nghé An 2019) Biét '[ =aln2+bIn3+cIn5. Khi do gia tri

1()c+1)(2x+1)
a+b+c bing
A. 3. B. 2. C.1. D.O.
Loi giai
Ta co:

0 dx 2 i 1
j(x+1)(2x+1)_(2x+1 x+1j sz+1 I i

1

=2. —ln|2x+1| —ln|x+1|

2 2
2x+1)‘1 —ln(erl)‘1 :ln5—ln3—(ln3—ln2)

=In2-2In3+In5.
Dodé: a=1,b=-2,c=1.Vay a+b+c=1+(-2)+1=0.

8 3x>+5x—1

Cau 19. (THPT An Lio Hai Phong 2019) Biét / = | dx=a ln§+b,(a,b eR). Khi do gia tri

x—
cliia a+4bbang
A. 50 B. 60 C. 59 D. 40
Loi giai
Chon C

0

3x% +5x— leJ- 21

x—2

3, 0
Taco = j 3x+11+ de=| Za%+ 1+ 2Lnfx =2 ||

-1

:21.ln§+%. Suy ra azZl,bz%. Vay a+4b=59

Cau 20. Biét IO —a’x ——1+n1n2 v6i m,n 1 cac sb nguyén. Tinh m+n.

m

A.Szl. B.S=4. C.S=-5. D.S=-1.
Loi giai

Chon A
1

1x* - Lde o (x=1)° -1

—dx=| (x-1 —In|x+1[=—-1In2

ij+1 I( Jax Ix+1 2 | o 2

0
>m=2,n=—-1=>m+n=1
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1 2
Cau 21. (Chuyén Lé Quy Don Quang Tri 2019) Tich phan 7 = j ) dx=a—Inb trongdd a, b 1a

0 x> +1
cac s6 nguyén. Tinh gid tri cia biéu thirc a+b .
A. 1. B. 0. C. 1. D. 3.
Loi giai
1)2 b Zx h b 1 2 1 2 1
Taco I = j de={|1- dr=[dr— [——d(x* +1) = x|, ~In(x* +1)| =1-In2
0 x> +1 0 x> +1 0 o X~ +1 0 0
a=1
= =a+b=3.
b=2
3 Xt x+1 b .
Cau 22. (Chuyén Tran Phu Hai Phong 2019) Biét J.—ldx :a+ln§ v6i @, b 1a cac s6 nguyén.
s X+
Tinh S =a—2b,
A . S=2. B. S=-2. C. S=5. D. §=10.
Loi giai

3 a=28
=8+In—= =S=a-2b=2.
2 b=3

5.2 5 2 5
jwdx=j(x+Ljdx=[x—+ln|x+l|)
x+1 3 x+1 2

3 3

2
Cau 23. (THPT Gang Thép Thai Nguyén 2019) Cho J(x2+ al de=%0+ln% voi a,b e Q. Tinh
1 X+
P=a+b?
A. P=1. B. P=5. C. P=T7. D. P=2.

Loi giai

2 2
Taco || 2 +— |ar= [+ 2 e j bl —— dr
x+1 1 x+1 x+1

1

3 2
:(x—+x—ln|x+l|J
3

1

Suyraa=2;b=3.Vay a+b=5.

L SIS S LU L
3 33 b b

3
Cau 24. (Chuyén Son La 2019) Cho J‘#dx =aln2+bIn3+cln5, vdia, b, ¢ 1a cac s6 nguyén.
X" +3x+2
Gid tri ctia a+b+c bang
A. 0. B.2. C.3. D. 1.

3 3 3
_[ 2x+3 J- x+3 x:_[ 2 dx—I 1 e
X +3x+2 x+1 x+2 1 x+1 x+2

1
3
=(2In|x+1|-In|x+2]) [ =2In2+In3-In5
Suyraa=2, b=1,c=-1.
Nén a+b+c=2+1-1=2.

4
Céu 25. (S¢ Phu The 2019) Cho Iidx =aln3+bIn2+cln5, véi a, b, ¢ 1a cac s hitu ti. Gia

x —=3x+2
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tri ctia 2°7"*° bang

Cau 26.

Cau 27.

A. 12 B. 6 C.1 D. 64
Loi giai
Chon D
- t 43 2 +2 1 t
Taco: 1= st—gdx=jsx—8dx=j x2)+2(x dx:I(
x =3x+2 3(x 1) 3 S\ X— 1
4
:(3ln|x—l|+2ln|x—2|)3:31n3+21n2—3ln2=3ln3—ln2+0.ln5
a=3
Suyra <bh=—-1 = 27" =20=64.
c=0

L rxix+] b ;

I dx:a+1n5 v6i @, b 1a cac s nguyén. Tinh S =a—2b,

3
A. S=2. B. S=-2. C. §=5. D. §=10.

Loi giai
Chon A
X’ 2 2 ’ a=38
jo”dx:j(HLjdx: X infr+1]] =843 = —~S=a-2h=2.
> Xx+1 3 x+1 2 ; 2 b=3
Bletrangj dxzﬂ\/; (a,beZ,a<10).Khid(') a+b co gia tri bang
X +x+1 b

A. 14. B. 15. C. 13. D. 12.

Loi gii
) | 0 1
Xetlzfz—dxzj—zdx.
o X+ x+1 0( )
X+ +

bat X+l=£tant,véite 1 z
2 2 272

N | —
[oS)

.Khi d6 dx = \/2§(I+tan2 t)dt.

~ N N

Voi x=0, tacot—Z
6
Véi x=1 tacot-%
7[’\/5 2 V4
3—(l+tan" ¢ 3 z _3
Khi do [:J.Mdtzjidtzi ’ :i . Tir d6 suy ra {a
%Z(Htanzt) Z‘/g V3 = -

cua abc bang

=a+b=12.

=L

2
Ciu 28. (Pé Thi Cong Bang KHTN 2019) Biét I%dx =a+bIn3+cIn5, (a,b,c €Q). Gia tri
X t+ax+
A. -8. B. -10. C. -12. D. 16.
Loi giai

Ta co:
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2 2 2 2
depj{l —] =j( L jdx=(x—1n|x+1|+21n|x+3|)‘2
0 X +4x+3 0 (x+l x+3 0 x+1 x+3 0

=2-3In3+2In5.
Vay a=2,b=-3,c=2,do dé abc=-12.

Céiu 29. (THPT Nguyén Trii - Da Niing - 2018) Gia st rang I3)C+—5;CId =a ln§+b . Khi @6, gia tri
cua a+2b la
A. 30. B. 60. C. 50. D. 40.

Loi giai

21 jdx
x—=2

=21.ln2+%—21.ln3

Ta co:

= jMd I(3x+11+

X

0

:>I={%+llx+2l.ln|x—2|}

-1
219|472

=/=2lln—+—= 19 =>a+2b=40.
3 2 b:?

X+xt+Tx+3
X —x+3

4
Ciu 30. (Chuyén Lé Hong Phong Nam Pinh -2019) Biét I

dx:%+cln5 véia, b cia
1

cac s6 nguyén duong va E la phan s6 tbi gian. Tinh P=a-b*-¢’ )

A. -5. B. 4. C.5s. D. 0.
Loi giai
4 3, 2 4
Tx+3 3(2x -1
Tacd [ dv= | T RO R
1 X" —x+3 1 x*—x+3

4d x2 x+3
3j - 2277+31n‘x2

—x+3H14:277+31n5.
1 1

_[_x +zxj

X HEXT+Tx43
Ma'f >
x —x+3

dx=%+cln5,suyra a=27,b=2,c=3.

1

Viy P=a-b*-c’ =—4.

1 2
Cau 31. Cho jw

- dx=a+bIn2+cln3 véi a, b, ¢ 1a cac s6 hitu ty. Bicu thic 7 =a.c—b
o 2x"+5x+2

béng

-1 1

A. 4. B. 6. C. —. D. —.
2 2

Loi giai

Ta co

1 2 1 2 1

J4x 2+15x+11dx:j(4x +10;c+4)+(5x+7)dx:m2+ 25x+7 )dx

0 2x"+5x+2 2x"+5x+2 0 2x"+5x+2

Trang 12



1 1
=j(2+ 3 jdx:(2x+ln|x+2]+§1n|2x+1|j —2-1n2+>1n3
0 x+2 2x+1 2 0 2

Véya=2,b:—1,c=§nénT=6.

Cau 32. (SGD Bén Tre 2019) Biét I—ldx —+nln2 v6i m, n 1a cac sd nguyén. Tinh S=m+n.
0

m
A. S=-1. B. S=-5. C. S=1. D. S=4.
Loi giai
Chon C
12 1 2 ! —
Ta co: Ix—zdxzj(x—l—L = X——x—ln|x+1| :—l—an.
7 x+1 7 x+1 2 . 2

Suyram=2; n=-1.Vay §=1.

1
Cau 33. (THPT Cam Binh 2019) Choj > ! dx=aln2+5bIn3, véi a,b 1a cac sb hiru ty. Khi d6
0 X +3x+2

a+b bing

A. 0. B. 2. C. 1. D. —1.

Loi giai
Chon C
1 1 1 1
Xét [———dv= 1 dx:j(L— : jdx:In(Hlj =2In2-1In3.
o X +3x+2 (x+l)(x+2) o\x+1 x+2 x+2)0
Vaya=2,b=-1=a+b=1.
2x° +3x
Cau 34. (Sé Ha Nam - 2019) Cho j?dx a+bIn2+cln3 véi a, b, ¢ 1a cac s6 nguyén. Tong
X +3x+

a+b+c bang

A. 3. B. 2. C. 1. D. 1.

Loi giai
Chon C
1 2 1
2 4
Ta c6 J- 2x +3x ZJ-( B 23x+ )dx
) X" +3x+2 0 X +3x+2

1
=j(2—%— iz)d.x :(2x—ln|x+l|—2ln|x+2|)‘; =2+In2-2In3.
0 X X

Suyraa=2;b=1;c=-2.

Vay a+b+c=1.

Cau 35. (Chu Van An - Ha Ngi - 2019) Cho biét f—dx =aln5+bIn3, voi a,be Q. Tinh
x +4x+3
T =a’ +b* bang
A. 13. B. 10. C. 25. D. 5.
Loi giai
Trang 13



Chon A
-1 x-1 4 B

Ta co: — = = +
x +4x+3 (x+l>(x+3) x+1 x+3

x—1
x+3

A= ——1,B=

x=-—1 x+1

=2
x=-3

’ ra S ) 2
[t [ =
0x—|—4x—i—3 x+1 x+3 0
=2In5-3In3=aln5+bIn3
=a=2,b=-3=T=13.

+21n|x—|—3|

2
O:—ln3—|—2ln5—21n3

CAu 36. (Chuyén - KHTN - Ha Noi - 2019) Bi tjﬂdx:ajtbln%rcln&(a,b,ceQ).Giétri
X +4x+3
clia abc bang
A. -8. B. —10. C. -12. D. 16.
Loi giai
Chon C
Ta co:

jx +5x+2dx j( de j(l—i— N jdx
x“ +4x+3 0 x> +4x+3 x+1 x+3

0

=(x=Injr+1|+2n[x+3)[ =2+2n5-3m3=a+bm3+clns.

a=2
=>ib=-3=abc=-12.
c=2
4
Céu 37. (Chuyén Lé Hong Phong Nam Pinh 2019) Biét Jx X +7};+3dx:%+cln5 voi a, b, c 1a
X' —x+

1

cac sO nguyén duong va E 12 phan s6 t6i gian. Tinh gid trictia P=a—-b>—c’.

A. 5. B. 3. C.6. D. —4
Loi gidi
Chon D
4 .3 2 4 2x 1 2 4
Taco S g [ ks 3=l X 2x43in(x —x+3) | =2L+3ms.
. X —x+3 1 x —x+3 2 . 2
Vidy P=a—-b>—c’ =—4.
3 dc )
Cau 38. (Binh Phwérc - 2019) Cho I—:aln2+bln3+cln5 voi a, b, ¢ 1a cac so hiru ti. Gia
) (x+1)(x+2)
tri ciia a +b* —¢® bang
A3 B. 6. C.5. D. 4.

Loi giai
Chon B

3 3
4
Tacoj I( jdlen
2 x+1 x+2 S\X+ x+2

3
x+l :ln——lnE =4In2-In3-In5.
5 4

x+2|,

Trang 14



Suyra a=4,b=-1,c=-1.Vay a+b’—c’ =6.

2x+3
2 43x

Ciau 39. (SGD Pa Ning 2019) Cho I dx=aln2+bIn3+cIn7 véi a, b, c e Z. Gia tri cua

2a+3b+7c¢ bing

A. 9. B.6. C.15. D. 3
Loi gidi
thnD
2x+3 x+ x+3 1 4
Ta co: Ix e _!. (x+3) J.(x )H_de:(ln‘x(x—i-?a)‘)3 =In28-1n18

ln% In14—-1n9=n2-2In3+In7.

=a=1,b=-2,c=1.
Vay 2a+3b+7c=3.

2
Cau 40. (SGD Dié¢n Bién - 2019) Cho I sdx=a+b.In2+c.In3,v61 a,b,clacac s0 hiru ty. Gia tri

1 (x+1)
6a+b+c bang:
A. 2. B. 1. C.2. D. -1
Loi giai

Chon D
2 2 2

Tac()j al 2dx:j L— ! 5 dx—(ln|x+1|+Lj‘ :—l—ln2+ln3.
L (x+1) D (x+1) x+ Il 6

:a:—%,b:—l,c:l,nén 6a+b+c=-1.

Cau 41. (SP Dong Nai - 2019) Biét J-5x+126dx aln2+bInS5+cIn6. Tinh S=3a+2b+c.
X +ox+
A. —-11. B. -14. C. 2. D. 3.

Loi giai
Chon A

3 3
Ta co Izsx;lzdxzj‘( 2 + 3 jd.w:(21n|x+2|+31n|x+3|)3
5 X +5x+6 S x+2 x+3 2
=(2In5+3In6)—(2In4+3In5)=—4In2-In5+31n6.

=a=-4,b=-1,c=3.
Doddé = S=3a+2b+c=-12-2+3=—-11.

2x* +3x+3

Céu 42. (Lién trwong huyén Nam Trwc-Nam Dinh 2023) Biét J.—dx =a—Inb véia, b la
o X +2x+1
cac s6 nguyén duong. Tinh P=a’ +b*.
A. 13, B.5. C. 4. D. 10.

Loi giai
Chon D

Trang 15



1

=2+(1-In2)=3-In2.

_2+(—i—ln|x+l|j
x+1

Doddb a=3vahb=2nén P=a*+b*=3*+2*=13.

0

Cau 43.

a,b,c 1a cac s6 hiru ty. Gia tri ctia biéu thuc P =a’ —4bc béng

A. 0. B. 6. C. 4.
Loi giai

4
(THPT Lwong Thé Vinh- Kién Giang-2023) Biét rang j -
X +Xx

¢ o1 4 dx I 1 1
J‘x4erdxz'l[x()mrl)(xz—x+1) =!£;+x+l+x2—x+1

1 2x
4 g—? 4 1 d 41dx
_!xz—erl _-!-3(x+1) x+.!‘;
1% 2x—=1 ln| +1||4
=—— 2x dx — i +ln|x”4
39x7 —x+1 30| 1
4d(x* —x+1
=_ljw—l(m5—mz)+zmz
39 x"—x+1 3
:—lln‘xz—x+1‘ +Zln2—lln5
13 3
=——1n13+%ln2——1n5
. 7 1 2
Viya=—,b=——,c=——=>P=a" —4bc=
3 3
Cach 2:

dx=aln2+bIn5+cInl3 véi

=
9,

) :—lln13+zln2—lln5
1 3 3 3

@ Tich phéin d6i bién:

_[[f(x)].u'(x).dsz[u(x

Co san Tach tor ham

Cic budc tinh tich phan ddi bién s6
[ Buée 1. Bién doi dé chon phép dat 1 =u(x) = dt =u

, Ra 2 {x=b t:u(b)
[] Bwde 2. D61 can: =
xX=a t:u(a)

Trang 16

Nhan

F[u

)]-Fu(a)].

'(x).dx (quan trong)

(nhd: d6i bién phai ddi can)



N u(b ~
] Buée 3. Dua vé dang [ = I (( )) £ (¢).dt don gian hon va d€ tinh toan.

Mot s6 phwong phap doi bién sé thwong gip

Poi bién dang 1. I:If x).dx:Ih(x).dx+_[f(g(x)).g'(x).dx voi

(
glx) 4

I I

Doi bién dang 2.
Nghia 12 néu gdp tich phan chira cin thire thi c6 khoang 80% s& dat = can trir mot s6 truong
hop ngoai 1€ sau:

1/ 1, :J‘f(\/a2 —xz).xChgln dx ——> @it x = a.sint hoic x =a.cost.

2 o2
. cos"x=1-sin"x
(xuat phat tir cong thuc sin® x +cos’x=1= [ ]

sinx=1—cos’x

2/ I, = If(\/xz +a’ ).x"hg‘“.dx —> dat x=a.tant hodc x =a.cot?.

p . . 1
(mau chot xuat phat tir cong thire tan” x+1=— j
cos’ x

3/ 1L :If(\/xz —az).xchan dx ——> dat xzi hoac sz

sin ¢ cost
_I_
4/ 14:If( /Z;i]dx > dat x=a.cos2t.
A dx , dat x=—.
(a+bx”)4/a+bx" t

6/ I, =J-R[S\‘/ax+b, ...... ,S\*/ax+b].dx ——> datt"=ax+b.

(trong d6 n 12 boi s6 chung nho nhat cta {s,;s,;...;5, })

dx

‘[\/(ax+b)(cx+d)

7/ 1, = > dit £ =ax+b +Jex+d .

Poi bién dang 3. J.f(ln x).l.dx—n =lnx=>dt= l.dx
X X

Déi bién dang 4. jf(sin x).cos x.dx——> t =sinx = dt = cos x.dx

Trang 17



Poi bién dang 5. If(cos x).sinx.dx—— t = cosx = dt = —sin x.dx
Re p.s &k 1 dx
Doi bién dang 6. jf(tanx). —dx——>t=tanx = dt =—
cos’ x cos’ x
Re 10K dx
Doi bién dang 7. If(cotx). ——dx——t=cotx => dt =——
sin® x sin® x

If(sinx+cosx).(sinx—cosx)dx i o (a0

Poi bién dang 8. —> )
t=sinx—cosx

If(sinx—cos x).(sinx +cosx)dx

L, If(ax2+b)n Xxdx——t =ax’ +b = dt = 2axdx
Doi bien dang 9.
If(ax+b)" Xdx——>t=ax+b= dt = adx

1
Cau 44. (D& Tham Khio -2019) Cho | ( xdx ——a+bIn2+cln3 v6i a,b,c 1 céc s6 hitu ty. Gid trj ciia
o (x+2
3a+b+c bang
A.2 B. 1 C. 2 D. -1

Loi giai
Chon D
bat t=x+2=dt=dx
Doicin: x=0=¢=2; x=1=¢=3

e e CUe)

0

3

:1n3+§—(ln2+1) :—é—ln2+ln3

2

3
Cau45. Tinh K =

A. K=In2. B.K:%Ing C. K=2In2. D. K=In—.

Loi giai
Détt=x2—1:>dt=2xdx:>xdx:%
Voi x=2=t=3;x=3=>1=8
1 }dt 8 1, 8

1
Tacd K =— —:—ln|t| =—In—.
29t 2 3 2 3

1 7
Cau 46. (Chuyén Long An - 2018) Cho tich phan [ = J.ﬁdx , gia sir dat £ =1+ x*. Tim ménh d¢
o(l+x

dang.

Trang 18



Cau 47.

Cau 48.

/'(x)=2019.2020.x(x-1)

2(1=1) 2 (t=1)
A.J:lj( 5) d. B I:J‘( 5) dt
24t ¢
2(1=1)’ L(r-1)
C.Izlj( 4) dt. D Izéj( 4) d
24 ¢ 24 ¢
Loi giai
Tacod: t=1+x" = dr =2xdx.
Poican: x=0 = ¢=1.
x=1=¢r=2.
1 1 2 t—13
=I=[———dr=| X dx:lj( S)dt
0(1+x o 1+x 29 ¢
1
(KTNL Gia Binh Niim 2019) C6 bao nhiéu sb thuc a« dé j —dx =1,
L a+x’
A2 B. 1 C.0 D. 3
Loi giai
Chon B
A 1Al A Ao s 2 a<-l
biéu kién tich phan ton tai la a +x ;tO,Vxe[O;l]z 0
a>
Dit t = a+x” = dt = 2xdx . Khi d6
1
[ x 1¢dt 1. |l+a l+a=é'a T
[—=dx=—[==-In =1
pa+x 2u t 2 a 1—|—a:—e2a a= -1
e +1
So sanh diéu kién ta dugc a = ok
e pa—

(Nguyén Hug - Phii Yén - 2020) Cho ham s f(x) c6 f(1)=0 va

2018

1
,VxeR.Khidé [ f(x)dx bing
0

A2 B. . [oR—— D

2021 1011 2021 1011

Loi gidi
Chon C
1 (ax+b)a+1

Cannhé: [ f7(x)dx= : b) dx=————" 1 C (az-1).
an nhg If (x)dx=f(x)+C va I(ax+ ) p—— +C (a=-1)
Taco f(x)=[f'(x)dr=[2019.2020.x (x~1)"" dx =2019.2020 x (x~1)"" dx.

bat t=x-1=dr=dx va x=¢+1.
Suy ra f (x)=2019.2020 (¢+1)"* dt = 2019.2020[ (£ +£™* )t

2020 2019

t t
+
2020 2019

= 2019.2020( J+c =2019#"° +2020:*" + C.

2020 2019

+2020(x-1)" +C.

2020

T dé f(x)=2019(x-1)

2019

Ma f(1)=0<2019(1-1)" +2020(1-1)" +C=0<C=0.

Trang 19



Suyra f(x)=2019(x~1

)2020

+2020(x -1

)2019

. 1 2020 2019 (x - 1)2021 (x - 1)2020
Vay [/ (x)dx =[] 2019 (x=1)" +2020(x—1)"" |dr = 201947 242020
0 0

2020
2019 2
= T =,
( 2021 j 2021

0

1
Ciu 49. (D& Tham Khao 2019) Cho | L’“z —a+bIn2+cln3 véi a,b,c 1a cic sb hitu ty. Gia tri cia
o (x+2
3a+b+c bang
A. 2 B. -1 C.2 D. 1

Loi giai
Chon B

bat tr=x+2=dt=dx

Pdican: x=0=>¢=2; x=1=¢=3

12, (g

b=—1c=1

3

:ln3+§—(ln2+l) :—%—ln2+ln3

2

Suyra a=-

W | —

3a+b+c=—-1-1+1=-1.

Cau 50. (Chuyén Vinh Phiic 2019) Cho [2x(3x—2)"dv= 4(3x—-2) +B(3x-2) +C véi 4,B,CeR.

Tinh gia tri cta biéu thic 124+ 7B.
B . 241 c.2 D
252 252 9 =

Loi giai.

NN N

bat t =3x-2 :>dt:3dx:>dx:%.

Khi do.

jzx (3x-2)"dx = jﬂ "dt_gj.(t7+2t6)dt=§[§+%]+c

:%(3%2)8 +%(3x—2)7 +C.

Tur d6 ta co A:L, Bzi.Suyra 12A+7B:Z.
36 63 9

Ciu51. (Chuyén Ha Tinh - 2018) Biét | 2"+—2‘°”“+13dx —a—Inb v&i a,b 14 cic s6 nguyén duong. Tinh
. X7 +2x+

P=da*+b*.
A. 13. B. 5. C. 4. D. 10.
Loi giai

LA 2

Ta co ]’::IE%%%_jL§fij;§
o X +2x+1

dt =dx {sz(—)t:I
suy ra

x=1lt=2

Patr=x+1=
xX=t-

Trang 20



Khi d6
j- — +3t 1)+ 3dt:j-2t —2t+2dt:J2-
1 1

1

2

=3-In2.

ERIEATRPHNE)
t t t

1

Suyra P=3*+2°=13.

Céu 52. (Chuyén Lé Hong Phong Nam Pinh -2019) Cho f e dx = m(e” — eq) véim, p,qeQ va
i
1a céc phén sb t6i gian. Gia tri m + p + ¢ bang
A. 10. B. 6. g.23—2. D. 8.
Loi gii
Chon C
> >
Taco fehf] dx = fe“*ld(?,x—l) :%e“_' |12 :%(e5 —ez). Suy ra m :%, p=5vaqg=2.
1 i

A 1 22
Vay m+p+q=§+5+2:?.

Ciu 53. Biét rang Jxex H2dx = 2(eb —e ) v6i a,b,c € 7. Gia tri cua a+b+c bang

A. 4. B. 7. C.5. D. 6.
Loi giai
Ta c6: j.x 2y = j x+2d(x +2) ; ’Hzi) ;(e3—ez).

0
Néna=1,56=3,c=2.
Vay a+b+c=6.

Cau 54. (KTNL GV Ly Thai To6 2019) Biét I +; dx = ln(ae+b) v6i a,b 1a cac sb nguyén duong.
x*+xInx

Tinh gié tri cta biéu thac T =a’ —ab+b".

A. 3. B. 1. C.0. D. 8.

Loi giai
Chon B
1+l
I 2x+1 dsz‘ X —jd(x+lnx):1n(x+lnx)rzln(e+1)
X" +xInx x+lnx 1 x+Inx !

Vay a=1, b=1nén T=a"—ab+b* =1.

P

2
Cau 55. (Chuyén Lé Hong Phong Nam Pinh 2019) Biét I x+1 e xdx me? —n , trong d6 m,n, p,q 1a
1

cac s6 nguyén duong va Py phan s t6i gian. Tinh T =m+n+p+q .

A. T=11. B.T=10. C.T=7. D. T =8.
Loi giai
Chon B
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Taco: [ = j(x—i— 1)2 ex_idx :Jz'(x2 + 2x+1)ex_)l‘dx =j.(x2 + l)ex_ldx+j2xex_idx
1 1 1 1

Xét
2 1 2 NI | 2 1 2 L
]1=I(x2+1)e ‘dx—JxZe Y dxzsz.e "d[x——j:-[xzd(e *]
1 1 X 1 X 1
N o2 1
=x’e * —J-e xd(xz)zxze . —j2xe *dx
1 1 1 1
2 ik P
:>11+I2xe “dx=x’e * =I=x% *| =4e>-1
1 1 1
m=4
0 2 xt - , 2 S SR n=1
Do I(x+1) e *dx=me? —n,trong d6 m,n, p,q €Z" va — la phan so to1 gian = =3
1
q=2

Khido, T=m+n+p+q=4+1+3+2=10.

< 2tdt

CAu 56. S6 diém cyc trj cia ham s6 £ (x) = | =l
+
2x
A. 0 B. 1 C.2 D. 3
Loi giai
Chon D
2o pd(1+77) N 4 >
Ta c6 = = =In(1+1¢ =In(l+x" )=In(1+4x").
aco f(x) 2-[1+t2 e n( )zx n( x) n( x)
4x° 8x’ 4x° 8x =0
"(x)= -— f'(x)=0& — =0 )
/(%) 1+x* 1+4x° /(%) 1+x* 1+4x° Y=+ V17 -1
2
Truc xét dau:
_VV1T -1 V17T —1
2 0 2
Q Q Qo—»
- + — +

Tir d6 ta thay ham s6 c6 3 diém cuc tri.

Ciu 57. (Chuyén Bic Giang 2019) Cho ham s y = f (x) c6 dao ham trén R dong thoi thoa man

/(0)=£(1)=5. Tinh tich phan / = j f(x)e’Vdx.

A. =10 B./=-5 C.71=0 D. =5
Loi giai
Chon C
1 1
[ (Ve Pdy = [o/® O] O B O B S
I—.([f(x)e dx—je d(f(x))—e ,=€ e =e—-e =0
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Chu 58. (D& Minh Hoa 2020 Lan 1) Cho ham s6 f(x) ¢6 f(3)=3 va f'(x)=

8
Khi o [ f(x)dx bing
3

AT B 7.
6
Chon B
x
Xét | f'(x)dx=|——F7—
° If (x) J‘x-i—l—\/x+l

Khi do, [ f(x)dx= jx+1 T

=2 +21+C=(x+1)+2Vx+1+C.

2

Vx>0.

X
x+1—Vx+1’

2 p, 181
2 6
Loi giai

de. Pat t=vVx+1=>x+1=t =>x=¢ —1=dx =2tds.

ﬁltdtzj-(ZtJrZ)dt

1)

2td J'

Ma f(3)=3< (3+1)+2V3+1+C =3 C=-5.

= f(x)=(x+1)+2Vx+1-5=x+2vJx+1-4.

Si.f(x)dx:j(erZx/F 4) :(7+§ (x+1)3_4XJ

21
dx
Cau59. (Ma 102 2018) Cho
'!. xVx+4
sau day dang?
A.a-b=-2c B. a+b=-2c
Chon B

bat t =+x+4 = 2tdt = dx.
Voi x=5=t=3; x=21=1¢t=5

dt
Ta co '!.x\/x+4 = J.

55

19 197

=aln3+bIn5+cln7,véi a,b,c 1a cac s hitu ti. Ménh dé nao

C.a+b=c
Loi giai

D.a-b=-c

ln|t 2|—ln|t+2|)‘ =%ln2+%ln5—%ln7.

Cau 60. (M51012018)Choj dr —aln2+bIn5+clnll, véi a,b,c 1a cac s6 hitu ti. Ménh dé nao
S xJx+9

dudi day dang?

A.a+b=3¢c B.a-b=-3c C.a-b=-c D.a+b=c

Loi giai

Chon. A.

Dit t=/x+9 = =x+9= 2t =dx.

Déicénx—16:>t=5 x=55=1¢=8.

Dodoj I 2tdt ~ izdt :ls( 1 jdlelnx—3‘8

16x x+9 St -9 3¢\x-3 x+3 3 |x+3||5
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=llni—llnl=%ln2+lln5—llnll.

3 11 3 4 3 3 3

Vay a:g;b:l;c:—l =>a-b=—c.
3 3 3

2
Cau 61. (Pé Tham Khao 2017) Tinh tich phan 7 = j 2x+/x* —ldx bang cach dit u = x* —1, ménh d& nao
1

dudi day dang?
3 2 3 2
A.l:jﬁdu B.I=%I\/;du C.Jzzj\/Zdu D.1=j\/5du
0 1 0 1
Loi giai
Chon A

2
I = IZxxfxz —1dx
1

dit u=x"-1=du=2xdx.Pdicin x=1=u=0;x=2=u=3

3
Nén 1:j\/5du
0

5
< 1
Cau 62. (Nguyen Trai - Thai Binh - 2020) Gia st tich phan / = | ———=dx=a+bIn3+cIn5. Lic
st P '!.1+\/3x+1
do
A.a+b+c=§. E.a+b+c:§. C.a+b+c:g. D.a+b+c:§.

Loi giai
Chon B

bit t=+/3x+1.Taco ¢ =3x+1:dx:§tdt.

Poi can
x 1 5
¢ 2 4

1+3x+1 t3
4
35t+1
4
4
_2 (I—Ljdt :g(t—ln|l+t|)
39 t+1 3 2
:i+gln3—£ln5.
3 3
Do do a:i;b:g;c:—%.
3 3 3

Viay a+b+c:§.
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Chu 63. (Lién trudng Nghé An - 2020) Cho ham s6 f(x) c6 f(2)=

7 3 (s o
f1(x)=—2 ,Vxe(5;+00j.Biétréng jf(%jdng (a,beZ,b>0,% 1a phan sb t4i gian). Khi d6
4

2x-3
a+b bang
A. 250. B. 251. C. 133. D. 221.
Loi giai
Chon B
T , f( J‘f J‘ x+7 dx I;(2X_3)+127dx j(l 5 ]
acod = dx = de= [l =/2x=3
J2x-3 J2x-3 2\/2x
1 14(2x- 3) 1 [ 5 17
:EE E \/2)6 3+C_g (2X—3) +7.\/2x—3+C.
2

Ma‘lf( =0e=— \/22 3 17\/22 +C = O<:>é+%+C 0e=C=- 236

Suy ra f(x):é ,(Zx—3)3+177_ hr_3_2%

! ] \/(x—3)5 \/(x—?))3
![%1/(x—3) +177.\/xf—?}dx= é 3 +17. 3 236

— -——X
2

2 2 4

Do d6 ;[f(g]dx

4

_ —3)5+1?7../( = )3—?.7} i ) 1744 ——4
| LJa-ay + Y ——7 a3y + 2 a3 __4
AT - -2 e a2

_236
15

= \/ x 3 w/ x 3 _%XT
i 7-3
7-3

Suy ra a=236,b=15.Vay a+b=251.

In6 X

Ciu 64. (Nam Pinh - 2018) Biét tich phan je—dx=a+b1n2+c1n3,v@i a,b,c lacacsd
o 1+ve* +3
nguyén. Tinh T=a+b+c.
A.T=-1. B.T=0. C.T=2. D.T=1.
Loi giai

Piat t=ve ' +3 = =e* +3 = 2tdr =e"dx.
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. x=In6 t=3
D61 can = .
x=0 t=2

In6 x

e c2udt 2
Suy ra | \/mdlelﬂ :!(2—mjd =(2-2Infr+1) =(6-2In4)~(4-2In3)

01+

=2-4In2+2In3=b=-4.

Vay T =0.

1
Ciu 65. (Chuyén Vinh - 2018) Tich phan j

dr bang
o V3x+1

AL B. > c.l D. 2.
3 2 3 - 3
Loi giai
Détt:\/3x+l:t2:3x+1:2tdt=3dx:%dt=dx
Doicin: x=0=>r=1; x=1=¢=2
1 1 1 1
Khidéj' dr =zjl.tdt=3jdt=gt ==
v V3x+1 3¢t 39 30
x 2 £ ode 2 b2

Cach khac: Str dung cong thirc =—AJax+b+C thi =—~/3x+1] =—.

8 cong '[\/ax+b a '([\/3x+1 3 o 3

dx . .
Cau 66. (Be Tham Khio 2018) Biét dx:\/g—\/Z—c VOl a,b,c la cac sO nguyén
J'(x+1)\/;+x\/x+1 s
duong. Tinh P=a+b+c
A. P=18 B. P=46 C. P=24 D. P=12
Loi giai
Chon B
Cach 1
j- dx dx—j. dx _J2~ \/;+\/x+1
L (x+ D+ xdx+1 1\/x(x+1)(\/x+1+x/;) 1«/x(x+1)(\/;+\/x+1>2
Béttzx/x+l+\/;:>dt=[ ! + ! ja’x<:>2a’t:L+\/;dx
2Wx+1 2Jx Jx(x+1)

V2443

=23+42-2=32-12-2

1+\/E
32+12+2=46.

t

V2443 _
Khido 7= | 24 :(—2]
t
142
+c=

=P=a+b+
Cach 2

.2[ J_ .2[( x+1+\/_)(\/: \/_)
1()C+1)\/;+X\/XT \/x(x+1)(x/x+1+\/_) 1 \/x(x+l)(\/x+1+\/—)

2 ol 2 (2 -2t =22 -2-245+ 22 =32 V12 -2

—dx:j

(L_;]dx_
L A X(x+1) 1 Jxo Jx+l -

'—;
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Ciu 67. (Chuyén Trin Phi Hii Phong 2019) Biét [————dx=a+bv2 véi a,b 1a cic s6 hiru ty.
 xvV1+1Inx

Tinh S=a+b.
A. S=1. B.S=1. c.s=2> D.s=2
2 4 3
Loi giai
Deit\/1+lnx=t:>1nx=t2—1:>@=2tdt
X
D1 o4 x=1->¢t=1
01 can
x:e—)t=\/§
c a( ¥ 2
In x (£ 1) 2edt . £ 4 2
Vay | ——dx=| ————=2| (" -1)dt=2| ——¢ =———\/§
yjl‘x\/1+lnx JI‘ t !( ) 3 X 3 3

4
Suyra a=—;
y 3’

b=—2=S=ath==
3 3

242
Cau 68. (Gang Thép Thai Nguyén 2019) Cho tich phan 7 = j V16— x?dx va x =4sin¢. Ménh dé nao
0

sau day dung?

% 7[
A I= 8j(l+cos2t)dt B. I-l6jsm rdt .

0

i f
C. /= 8'[(1—00521)dt. D. I:—16JAcos2 tdt .

0 0

Loi giai

bat x =4sint = dx =4costdz .
Pdican: x=0=¢=0; x=2\/§3t:%.

I=|16-16sin’t.4costdt = I4|cost| 4costdt = j4|cost| 4costdt = 16I |cost| cosrdt.

o'—.&\kx

ya

o'—.»m

4
Ma vi te(O; jthl cost>0 nénkhido I =16|cos’tdt =8 J‘ 1+cos2t
0

NGRS

5
Céu 69. Biét Iﬁdx:a+bln3+cln5 (a,b,c€ Q). Gia trj cia a+b+c bing
+/3x+

c.t D.
3

Loi giai

AL B.
3

W |
[SSHIN N

bit t=+3x+1 = =3x+1 = 2tdt =3dx :>dx:§tdt

Doicin: x=1=t=2; x=5=>t=4
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5 4 4

4
j;dx—% Ldtzgj(l—i)dt:g(t—1n|t+1|) A 215+ 2ms,
. I+ 3 2737373

Bx+1 391+t

Cau 70. Cho I

dx = —ln( ++Jd j ,VOi a, b, ¢, d 1a cac sb nguyén duong va b tbi gian. Gia tri
a c
2
ciia a+b+c+d bing
A. 12 B. 10 C. 18 D. 15

Chon B

Péi can: x=%:> t=2;x=1= t=1

Khidé-l:j ( j j rdr
VI L E A+

*Ditu=I+ = v’ =1+ = £ =u’-1= 3 ’dt=2udu = tzdtzzudu
DPoican: t=1= u:\/z;t:2:> u=3
2udu
27 1 1|13
Taco: I= J. ——J. ?u — u ( \/7)
u —1) 3ﬁu — u+1 \/_ 3 2

Suyraa=3,b=3,¢c=2,d=2.Vay a+b+c+d =10.

=— VOl — la mat phan sé tbi gian.

Cau 71. (Leé Quy Don - Quang Tri - 2018) Cho biét I \/_
I+ x

Tinh m—"Tn

A. 0. B. 1. C.2. D. 91.
Loi giai
2
it £ =12 = £ =1+ x° = 3dt = 2xdx = xdy = 2|
Doi can:
X 0 ﬁ
t 1 2

=>m-Tn=141-720=1.
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Céau 72. (Chuyén Pai Hoc Vinh 2019) Biét rang j dx =aln2+bIn3+cln5,véi a, b, c 1a

0 3x+5v3x+1+7
cac s6 hitu ti. Gia tri ciia a +b+c bang
A -0 B. -2 c. 0 .2
= 3 3 3 3
Loi giai

Chon A

A=I dx
03x+5V3x+1+7

Dit 1 =~3x+1 = ¢? =3x+1= 2¢tdt =3dx
Poican: x=0=r=1x=1=7=2

2 gtalt 2
3

2 2 2
4= t2+5t+6_§ (t+2 t+3 __I(t+2 t+3j E(_21n|t+2|+3ln|t+3|)‘l

1 1

zg(—2ln4+3ln5+2ln3—3ln4)zg(—101n2+2ln3+31n5):—?ln2+gln3+2ln5

Vay: a+b+c:—§+i+2:—m.
3 3 3
. ¢ Inx .
Cau73. Biét [——==——dx=a+bV2 v6i a,b lacacsd hituty. Tinh S=a+b.
L XV I+ 1Inx Y
A. S=1. B.S:l. C.S=§. Q.S=g.
2 4 3
Loi giai
Chon D
Pat \/1+lnx=t:>lnx=t2—1:>ﬁ=2tdt
X
D o4 x=1->t=1
0i can
xze—)t:\/i
e z2 J2 NS
In x 2 (¢ ~1)2edt ¢ 4 2
Viy | ————=dx = =2 | =222
y'!x\/1+lnx ! ! (3 jl 33
4
SuyraaZE;b:——:S:ch—
Céiu 74. (THPT Ngbé Si Lién Bic Giang 2019) Cho jgdx = —+bln2+cln3 voil a,b,c 1a cac
0 4+ 2/x+1
s6 nguyén. Gia tri a+b+c bang:
A. 9 B. 2 C. 1 D. 7
Loi giai

Chon C
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j;dx:
0 4+2Ux+1

t=4+2Jx+1=(t—4)° =4(x+1)
— (1 — 4)dt = 4dx

x=0=1¢=6
x=3=1=8
8 2 8 3 2 8 2
I-[ 8+16 4.(t—4)dt=jt 120 + 441 48dt=jt——2+5—§dt
) 8t ) 8t '§ 2 2 ¢
3 8
_(t——?’i W 6ml)| =L-12n2+6In3
4 2 6 3
=a+b+c=1
3
Cau 75. (THPT Ba Pinh 2019) Cho [ = J. =—+bln2+clnd v6i a,b,c,d 1a cac sb
04+2\/x+
nguyén Vé% 1a phén s6 ti gian. Gia tri cia a+b+c+d bang
A. 16. B. 4. C. 28. D. 2.
Loi giai
Pat t=vx+1=>x=1" -1
= dx =2«dt
Pdican: x=0—>t=1; x=3—>¢=2
2 0 2 3 2
o iy —j(ﬁ—zzw—ijdt: L +3-6mfi+2|| =L-12In2+6mn3.
' 4421 1 [+2 3 3

Suyra a=7,b=-12,c=6,d =3.Dod6 a+b+c+d =4.

Céu 76. Tinh /= j \7;_:“
A I=(a+1)Va? +1-1. E.I:%[(a2+1)\/a2+l—l]
C.Iz%[(a2+1)x/a2+l+l] D. I =(a* +1)Va* +1+1.
Loi giai

Ta ¢6 1=j x4 x dx jmdx=jxx/x2+ldx.
0 0

Détu=\/x2+1:>u2=x2+1:>udu=xdx.
Poican: x=0=u=1, x=a=u=+a*+1.

i o
Vay I= [ wdu=" =§[(a2 +1)Va 41 —1]
1 1
1
Cau 77. (THCS - THPT Nguyén Khuyén - 2018) Gia tri ctia tich phan j —~dx bang tich phan nao

—-X

dudi day?
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V4 1 4
4 2 .2 4 -2
A. stm ydy . B. J-sm  dx. C. J-sm ydy.
0 y COSX o COsy
Loi giai

Dit x =sin’ y tacod dx=d(sin2 y) &> dx = 2sin y.cos ydy

. 1 V4
Khi x=0=y=0vax=—=y=—.
Y > y 4
1 V4 K3
2 Xs' ny
Suy raI / dx I 2sm ycos ydy = j2s1n ydy .
0 0

242
Ciu 78. (Chuyén Thiing Long - Pa Lat - 2018) Biét

X

X +1+x7 -1
cac sb nguyén va phan sd % 1a téi gian. Tinh P=3a+2b+c.
A.11. B. 12. C. 14.
Loi giai
Détt=\/m:>t2=x2+1:>xdx=tdt

Pdican: x=3=1=2,x=2J2=¢=3.
232 3

Khi d6 e[ :(11n|z-1|+31n|t+2|j
A +1+x7 =1 S +1=2 3 3

= lln2+%1n5 — z1n4 :%1n5—1n2.
3 3 3 3

Vay a=3,b=2,c=1=3a+2b+c=14.

Cau 79. (Binh Giang - Hai Dwong - 2018) Cho tich phan

3

2

a

2sin’ ydy .

=)
O 0 [N

D. 13.

3

20

dx:éln5—01n2 v6i a,b,c la

4 2
J’&dx:a+b\/g+cln 5\/6—4_12 +d In2véi a,b,c,d 1a cac sb hitu ti. Tinhténg a+b+c+d.
I x 576 -12
1 3 3
A, ——. B. —. C. —.
3 25 2
Loi giai
Dit t=v25-x> =1t* =25—x" = xdx=—tdt
Khi do:
4 2 6 2 26 26
PO R Sy 2dt:j(—l+ 252jdt:j 1
Iy ) 25-1 ) 25—1 ) 2(
2
=(—t+§l ﬂj —3-2J6+ —1 Ne+12) gy
2 |5-1]), 5J6-12

Vay a=3,b=-2, c-% d:—5:>a+b+c+d:—%.

1
Cau 80. (S& Hung Yén - 2018) Cho tich phan /= | I éu déi bién sé x = 2sint.r e (—E;EJ thi ta
oV 4 — x2 2 2

duoc.
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Il
S 0 [N
o,
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Il
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o
~
=
~
Il
O N [N
~|e

x=2sint = dx=2costdt.

Véi X=0:>t=0;x:1:>t:2

=|dr.

S ey [N a

I_j- 2 costdt _Jﬁ- costdt
! . cost

1
X avb +c

Cau 81. (THPT Phi Luong - Thai Nguyén - 2018) Biét dx = V6i a, b, ¢ 1a cac sb

!x+\/l+x2 15

nguyénva b>0.Tinh P=a+b’—c.

A. P=3. B. P=7. C. P=-T7. D. P=5.
Loi giai.
1 1 1 1
1
1= x3(\/1+x —x)dx YAl+xde— | x*dx=A-=
'([x+\/1+x '([ '([ }[ 5
+ Tinh A: Pat t =+1+x> = tdt =xdx
V2 V2 5 3\[?
ot 2+242
A= !(rz—l).tzdtz !(t“—tz)dt:[g—?jl ==
I=% =>a=2;b=2;c=-1

P=a+b*-c=7

1
Ciu 82. Cho » 1a s6 nguyén duwong khac 0, hdy tinh tich phan / = I(l —x’ )n xdx theo n.
0

! ) B.Izi. C.I= ! . D. /= ! )
2n+2 2n 2n—1 2n+1

Loi giai

A=

Véi neN", khi do:

bat t=1—x2:>dt=—2xdx3xdx:—%dt
DPoican: x=0—>t=Lx=1->¢=0
L 1
0 2n+2

1 1 1
Khi d6 1=——jt"dt=—jt"dt -
24 21 2 n+1

Cach 2: Ta co d(l—x2)=—2xdx—>—ld(1—x2)=xdx
2

1 (1 -x’ )’Hl

p n 11 n 1 1
1=£(1—x2) xdx:—z.([(l—xz) d(l—x2)=—5. oy =

0 )
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64
Ciu 83. (Chuyén Lé Quy Dén Dién Bién 2019) Gia sir / = j\/_L

2 . ‘
T = aln§+b voi a, bla sO nguyén.

X +3/x

Khi d6 gid tri a—b 1a

A 17, B.S. C. 5.
Loi giai
Pitt=Yx > x=1t" = dx=6.dt .

DPéicin: x=1=rt=1; x=64=1=2.

2 5
Suy ra I=I%dt—6 —dt 6j(z —t+l——jdt

2
=6[(£*—t+1)dt -6 —d(t+1)
1 1 1+1
302 2
el L_L —6ln|t+1”2:6(§_§j_
3 2 1 ' 3 6

a=6
=a-b=-5.

Tur d6 suy ra
b=11

D. 17.

2

6(ln3—ln2) :11—6ln% :6ln§+11.

CAu 84. (Tién Du - Bic Ninh - 2020) Cho ham s6 f(x) c6 f(\/5)=—2 va
3
F(x) = ——2— Vxe(—/6;6).Khidé [ £(x).dx bing
(0= oz e s(foe) aies 17
RY/4 3r+6 T+2 3r+6
A - B. : c.—=. - .
4 4 4 = 4
Loi giai
Chon D
Ta cd Vxe(—V6;4/6 :>f f dx
()= 1(0)= [ ()= ]

e 1 1
:_EJ — .d(6—x2):—5.2 6-x>+C.
Ma f(\/z)=—2<:>—\/6—2+C=—2<:>C=0.
6-x" .

Suyra f(x)=-

B NG
Dodd I= [ f(x).dx=—[6—x"dx.
0 0

bat x=\/gsint,te[—% E}Ddx J6 cost.dt .
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z
4

1 .
cos’ t.dt = 3| (cos 2t +1).dr =3 (Esm 2t + tj

O i | Yy
O i | Yy

T
Suyra [ = —J.x/6—6sin2 tAJ6.cost.dt =—6
0

0

1. =7« 37+6
=-3| —sin—+— |=— .
2 2 4 4

Céu 85. (Chuyén Tran Phi - Hai Phong - 2018) Biét | ———dx = a+bJ2+cf35 véia, b, cla
!3x+\/9x -1
cac sd hitu ty, tinh P=a+2b+c—7.
A. —l. B.ﬁ. C. 2. D.ﬂ.
- 9 27 27
Loi giai
Taco
2 2 2 2
j—dx Ix(3x+\/9x2—1)dx=I(3x2—x\/9x2—l)dx:J.3x2dx—'[x\/9x2—ldx
13x+\/9x -1 1 1 |
2
:x3‘1 +J.x\/9x2 —1dx =7+'[x\/9x2 —1dx.
1 1
2
Tinh [ xy/9x" —1dx.
1
bat 9x2—1:t:>9x2—1:t2:>xdx=t%t.
Khi x=1 thi =22 ;khi x=2 thi 1=~/35.
V35 3 \/E
Khi d6 jx\/9x— = [ M) B pslop
N 9 27,5 27 27
16 35
Vay | ———dx = 7——\/7 f:> =17, b—— c=——.
!3x+\/9x -1 27
Vay P=a+2b+c-7= 7+2—£—7:—l.
27 27 9
CAu 86. (THPT Phan Chu Trinh - Pic Lic - 2018) Biét j dr =Ja—~Jb-c véi a,
xx/x+1+(x+1)x/_
b, ¢ 1a cac s6 nguyén duong. Tinh P=a+b+c.
A. P =44, B. P=42. C. P=46. D. P =48.

Loi giai

2
Bgu[:j
1

xﬁ+ X+1 J.«/ x+1 ( X +Vx+ )

Varlax e _dt
2Jx x+1 1/)c(erl)_ t

Khi x=1 thi £=+2+1,khi x=2 thi =3 ++2.

Pit t=Jx +/x+1 = dr =2
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Cau 87.

Cau 88.

B2

2 B 1 1 o2
=2 [ ===29 =-2 - =4J2-2/3-2
'!.1/ x+1 (x/_+\/x+ ) gﬂ r AN (\/§+\/§ \/§+1]
=V32-V12-V4 = a=32,b=12, c=4

Vay P=a+b+c=48

(Sﬁ’PhﬁThQ-ZOlS)Biét}z ;j;ld)i 3=a+bln2+cln§(a,b,ceZ).Tinh T=2a+b+c.
0 2x+32x+1+
A. T=4. B.T=2. C.T=1. D. T =3.
Loi giai

I:j V2x +1dx i 2x +1dx 42(\/2“1 )(\/ +1+2)

2 2x+3v2x +1+3 0(\/2x+1+1)(\/2x+1+2) 0 (Vaxl+ )(\/2x+1+2)
_4 2dx 4
_'([(\/2x+1+2)_'([(\/2x+1+1).

bat u=v2x+1=udu=dx. Véi x=0=u=1,v6i x=4=u=3.
2udu udu r 1
Suyra [ = 1——— ldu
Y J.u+2 J.u+1 J( u+2j -!.( u+1jd

=(u—4ln|u+2|+ln|u+l|)‘1 :2—4ln§+ln2

=a=2,b=1,c=1=>T=21+1-4=1.

(P& Tham Khio 2020 Léan 2) Cho ham s6 f(x) ¢6 f(0)=0 va f'(x)=cosxcos’2x,V eR.

Khi d6 J f(x)dx bang

1042 208 242 149
A ——. B. —. C.—. D. —.
225 225 - 225 225
Loi giai
Chon C

Taco f(x If )dx = Icosxcos 2xdx = Icosx 1 2sin’ x) dx.

bat t =sinx = df = cos xdx .
3f(x):j(l—2t2)2 dt :j‘(l—4t2 +4t4)dt :t—if +it5 +C=sinx—£sin3x+isinsx+c.
3 5 3 5
Ma f(O):O:>C:0.
Do do f(x):sinx—isin3x+isin5x:sinx(l—isin2x+isin4x)
3 5 3 5
4 4 2

=sinx|1——(1-cos’x)+—=(1—-cos’x) |.

1510 1)+ H{1-cos' )|

Va

Ta co Tf dx = Ismx[l—%(l oS x) %(I—COSZX)Z}dx.
0

bat t =cosx = df = —sin xdx
Doicin x=0=t=l;, x=r=1¢=—1.

Khi do, If(x)dx=Hl—§(1—’2)+§(1‘ﬂ)z}d’ :jl
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_242

7 4, 4,
—t—— =t :
15 45 5 225

-1

Cau 89. (S Binh Phuéc - 2020) Cho cos

S 0 | N

4 .
— , dx=aln—. Gia trj cia a+b bang
sin“ x—5sinx+6 b

A. 0. B. 1. C. 4. D. 3.
Loi giai
Chon C

cos
Taco [ = al dx =

) .
sin” x—5sinx+6

v
sm x J2~ sm x
0

O 10 | N
S =[N

sin’ x—5sinx+6 (sinx—2)(sinx—3)"

bat 1 =sinx = d¢ =d(sinx).

Pdican: Khi x=0=¢=0; x=%:>t=1.

Khi d6
1 1
I:I dr =I( - + ! jd [1n|t 3| 1n|t ZH —lnt 3| 1n2—1n§=lni.
2 (1-2)(1=3) \r=2 -3 . 2 3
Taco a=1, b=3.
Vay giatricia a+b=1+3=4.
Céu 90. (Pé Minh Hoa 2017) Tinh tich phan/ = '[ cos’ x.sin xdx.
0
1 1 4 4
A I=— B.I=—nx C.l=-rx D. /=0
4 4

Loi giai
Chon D

Taco: 1l = Icos3 x.sin xdx . Pat t = cos x = dt = —sin xdx < —dt = sin xdx
0

Doican: Véi x=0=¢=1;v6i x=nr=t=—1.
-1 1 L 4 4
1 (-1
VéyI:—J'ﬁdt:J'ﬁdt:t— =_—u=o
1 4 4 4 4

-1

Céach khac : BAm may tinh.

3
Cau91. (THPT Kinh Mén - 2018) Cho [—; cosx dr=aln2+b, tinhtong S = a+b+c
o SIn" x—5sinx+6 c
A.S=1. B.S=4. C.S=3. D. S=0.
Loi gidi

. Va
bat t=sinx=dr=cosxdx. x=0=¢=0, x=5:>t=l.

1 1
— COS)F dx:j%dt:I(L_LJdt:]n
sin“ x—5sinx+6 o[- —=5t+6 -3 -2

=a=1b=0,c=3=S=a+b+c=4.

S 0 [Ny
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Cau 92. (Binh Dwong 2018) Cho tich phan 7 = J.\/2 +cos x.sin xdx . Néu dit =2 +cosx thi két qua nao
0

sau day dang?

2 3 2 3
A. 1= [ B. /=it C. 1=2[dt. D. /= [dr.
3 2 3 0
Loi giai

V2 +cosxd(cos x)

oty

H
Ta co I=I\/2+cosx.sinxdx =—
0

O 0 [N

2 3
V2+cosxd(cosx+2) :—J.\ﬁdt :J.\/;dt.
3 2

T
Cau 93. (Dbng Thip - 2018) Tinh tich phan / = [ == dx bing cach djt u =tanx, m¢nh dé nao duoi
0 COS X
day dung?
% 2 1 1
A. I=Iu2du. B. Izj—zdu. C. Iz—juzdu. D. I:Juzdu.
0 0 u 0 0
Loi gidi
2 b
I:j81n4xdx:'[tan2x —dx
y, COS™ X 0 cos” x
bat u=tanx = du = ——dx.
COS X
T

Poican:x=0=u=0, x:Z:uzl

1
Suyra: [ = qudu.
0

Cau 94. (THTP Lé Quy Dén - Ha N¢i - 2018) Tinh tich phan cos X
A T=2 B.I=> cr=%+2 D.I=2.
2 2 320 4
Loi giai
Pat t =cosx = df =—sinxdx.
Déicén:x=0:>t=1;x=§:>t=—.
1
2 1 1!
Khidé:l:j—}dt:j%dt:—i P
V. ! ¢ 261 2 2
= 2
2
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Cau 95. (THPT Ly Thai Té - Bic Ninh - 2018) Cho tich phan | szwc —aln5+bIn2 véi a, beZ.
COS X +

3
Ménh dé nao duéi day ding?
A. 2a+b=0. B. a—2b=0. C.2a-b=0. D. a+2b=0.
Loi gii
bat t =cosx+2 = dt = —sin xdx

Doi can x=£:>t=§, x=£:>t=2
3 2 2

V4 5

¢ sinx tl rl 2 5

j—dx :_Iﬂjt folt =In/f =In>-In2 =In5-2In2
Jcosx+2 it ot 2

3 2

Vay ta dugoc a=1;b=-2.

Ciu 96. (THPT Déng Son Thanh Héa 2019) C6 bao nhiéu sé a € (0;207) sao cho |sin’® xsin 2xdx = %

S ey

A. 10. B. 9. C. 20. D. 19.
Loi giai

a a
1= Isins xsin2xdx = 2| sin® x.cosxdx
0 0

) sina=b; be|-11
bat t =sinx = df = cosxdx va { ¢ [ ]

sin0=0
b 71 7
1=2frar=21 =22
) 7|, 7
a 7
Theo gia thiét: IsinSxsin2xdx=%:>%z%@bzlcsinazlca=%+k27r; k eZ.
0

a6(0;207[)<:>O<%+k27z<207z<:>—%<k27r<397”@—i<k<37r9.

Ma k € Z nénsuy ra k € {0;1;2;...;9}.

sin 2x +cos x

V1+sinx

Ciu 97. (HSG Bic Ninh 2019) Biét F(x) nguyén ham cta ham sé f(x) = va F(0)=2.

Tinh F(fj
2
A F z :2\/5—8 B. F T :2\/§+8 C. F T :4\/5—8 D. F T :4\/§+8
2 3 2 3 2 3 2 3
Li giai
Ta co:

3 5sin2x+cosx s
dx=|——dx=F| = |-F(0
;[f(X) * l. 1+sinx g [2j ( )

bat t =+/1+sinx = 2tdt = cos xdx
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2 Esm2x+cosx 2 2sinx+1
f(x)dx = cos xdx
! ‘([ 1+sinx '([ 1+s1nx
R PG 24242

2 2w\
t 2tdt=2.!(2t _l)dtzz(T_tJ

1 1

) 2422 2422 8+242
Fl—|= +2= .

F(0)=
2 3 w1 (0) 3 3

_av3+b

l+smx c

z
6 r r
Cau 98. Biét I ,VOi a,beZ,ceZ" va a,b,c 1a cac so nguyén to cung nhau. Gia tri cta
0

tong a+b+c bang

AS. B. 12. C.7. D. —1.
Loi giai
1
V4 V4 T x
j‘ & j’ dx j_ cos’ g J6' [1 +tan’ 2)
]: = = |—: =
1+ : ? g
o TSI oo sin Y | 1+ tan> ol 1+ tan >
2 2 2 2

Pit t:1+tan§: 2dt:(1+tan2§de

Pbi can: x=0:>t=1;x=%:>t=3—x/§.

343

. 3

_Ta__z
1 2 t

Suyra a=-1,b=3,c=3 nén a+b+c=35.

T
Cau 99. Cho tich phan sb j ﬂzdx=a1n5+b1n2 Vv6i a,b e Z . Ménh dé nao dudi day ding?
< COSXx+
3
A. 2a+b=0. B. a-2b=0. C. 2a-b=0.. D. a+2b=0..
Loi giai
3
+ Xét: [ = jﬂdx
cosx+2

3
+ Dat u = cosx + 2 = du = —sin xdx = sin xdx = —du

T 5
X=—=Du=—
+ Pbi can 3 2
xX=—>u=2
-1 2 5 a=1
= I =[—du=-Inful|5=- n2-In>|=In5-2n2 =
s U — =_
2 2
2
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4 . L,
dx=aln—+b,v6i a, b 1a cac so

Cau 100. (THPT Nghen - Ha Tinh - 2018) Cho 5
(cosx) —5cosx+6 c

z
j- sin x
0

hitu ti, ¢>0. Tinh téng S=a+b+c.
A. §=3. B. §=0. C. S=1. D. §=4.
Loi giai
bat t =cosx = dr = —sin xdx.

Xe A T
Péican: x=0=1=1; x:5:>t:0

Ta co:

3 sin x ° 1 o1 1
I dx:—J.Z—dtz.f —————|dt=In
d 17 =5t+6 \1=3 -2

Cosx —5c0sx+6

:alni+b.
c

a=1
Do do: <c=3.
b=0
Vay S=a+b+c =4.
Céu 101. (Thanh Chwong 1 - Nghé An - 2020) Cho ham s6 y = f(x) ¢6 f(0)=1 va

4
f(x) = tan’ x+ tan x, Vx € R. Biét [ f(x)dx = T.a,beQ,khido b—a bing
0

A. 4. B. 12. C.0. D. 4.
Loi giai
Chon A

Tir gia thiét f'(x) =tan® x+tanx,Vx e R ta c6

f(x)= _[f’(x)dx = I(tan3 X+tanx)dx = Itan x(1+tan” x)dx = Itan x.d(tan x) = %tan2 x+C,

Tacéd f(0)=1suyra C=1 vay f(x)=%tan2x+l.

i 3
Tich phén | f(x)dx=% [ (tan® x+ 2)dx
0 0
4 z
lj(tanzx+1+1)dx=l(tanx+x)4 =—(1 ”) 4tz
2 2 . 8

. a=4
Tur day ta duoc {b =>b—-a=4.

Vay b—a=4.
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Cau 102. (Tién Lang - Hii Phong - 2020) Cho ham s6 y = f'(x) c¢6 f(0)=0 va

f'(x)=sin® x—cos" x—4sin’ x, Vxe R . Tinh [ = j|£16f(x)dx
0

A. 1=107". B. I =160r. C.I=167". D. I =-107".
Loi giai

Chon D

Ta co:

sin® x —cos® x—4sin® x = (sin4 x—cos’ x)(sin4 x+cos’ x) —4sin® x
= (sin2 X —cos? x)(sin4 x + cos* x) —4sin® x = cos® xsin? x —sin* xcos? x —cos® x —3sin® x
=cos* xsin’? x —sin* xcos® x —2sin® x—(cos6 X +sin® x)
=sin? x(cos4 x—sin* x)—sin4 x(cos2 X +sin? x)—(l —3cos? x.sin? x) =4cos’ x.sin’ x—2sin* x—1

3 5
=——cos4x+cos2x——.

4 4
Suy ra:

3 5
jf dx J. sin® x —cos® x —4sin® x dx I —Zcos4x+cos2x—z dx

:—isin4x+lsin2x—§x+C.
16 2 4
Vif(O):O:CzO.
3 1 5
Va =——sin4x+—sin2x——x.
() = jgsindr g sin2rm gy
Suy ra:
T T 3 . 1. 5 T : .
1:j16f(x)dx:jl6 ——sin4x+—sin2x——x dx:j(—3s1n4x+851n2x—20x)dx
0 0 16 2 4 0

T

= [%cos4x—4c052x—10x2) =—107".

0

1
3 dx 1+ .
Céu 103. (Pé Tham Khio 2017) Cho JAY—I =a +blnTe ,v6i a, b 1acac s6 hitu ti. Tinh S=a’ +5°.
0 e +

A. S=-2. B. S=0. C.S=1. D. S=2.
Loi gii

Chon B

Cach1.Dit r=¢* = dr=edx. Dbicin: x=0=r=Lx=1=rt=e¢

poede fodr f(11
J‘e +1 I (er+1) It(t+l):j(;_m}h_(ln|t|_ln|t+1|)‘ =(1-In(1+¢))-(-In2)

0¢€ 1

a=1
_1+1ni_1 1n1+73:»{ —S=d*+b=0.

I+e b=-1
! Lle +1 ! Ld(e +1
Cich 2. [-& =j( dxzjdx [— —x|:)—lnex+1H —1-mite
e +1 ¢ e+l 7 , e +1 2
Suyraa=1vab=-1.Vay S=a’+b’=0.
t3Inx+1

dx . Néu dit  =Inx thi

CAu 104. (Chn Tho - 2018) Cho tich phan / = j

1 X
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A= j3t+l

0

Blj—dt C.l=

1

3 [(3r+1)de.
1

e
Loi giai
1 ;.
Patt=Inx =dt=—dx.DPdicin x=e=¢t=1; x=1=¢t=0.
X

dxzj'(3t+1)dt.

0

Khi dé I:J-3lnx+l

1

X

Inx

Céu 105. (Chuyén Lé Hong Phong Nam Pinh 2019) Cho = J.;dx aln3+bIn2 +§ voi

f x(lnx+2)

a,b,c € 7. Khang dinh nao sau dau dung.

A. a*+b*+ct=1. B. o’ +b*+c*=11. C.a*+b*+c*=9.
Loi giai
Chon D
Tacod [ = 14a’x dat lnx+2—t:>d—=dt
lx(lnx+2) x

3 3 3 3 3
Izjt Ild Ild:n +g =ln3—ln2+g—z=ln3—ln2—l

0 ot 2t s 3 2 3

Suyraa=1;b=-1;c=-1,vay a +b2 +¢>=3.Chon D.

4
Cau 106. (Viét Pic Ha N§i 2019) Biét / = jxln(x2 +9)dx=aln5+bIn3+c trong d6 a,b,c la cic sb
0

thuc. Gia tri cua biéu thitc T=a+b+c la:
A. T =11. B. T =9. C.T=10.
Loi giai

Datx2+9=t:>2xdx=dt<:>xdx=%dt.

D.

1:}(3”1)(1

D. a*+b” +c* =3.

25
Khi d6 I=%.!lnt.dt=%(t.lnt—t) ;5 =%[(251n25—25)—(9ln9—9)]:251n5—9ln3—8.

SuyraT=a+b+c=25-9-8=8.

I ¢ Inx
= —zdx
Cau 107. Cho 1 x(Inx+2) co két qua dang / =Ina+b y4i a>0 beR Khing dinh nao sau day
dang?
A. 2ab=-1. B. 2ab=1. C.—b+ln—>=—1
2a
Loi giai

bit nx+2=t<Inx=r-2 :ldx=dt.
X

Do6i can: khi x=1 thi £=2;khi x=e¢ thi =3.

3 3
Khi do 1=jt;—zzd j(———jdt—(ln|t|+2j
2 2

Vay 2ab=-1.
Trang 42
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Cau 108. (THPT Gia Ljc Hii Duong 2019) Cho [ 2ln—x+12 —mn& S vsia, b, clacacsh
i x(Inx+2) b d
nguyén duong, biét Z E 13 cac phan s t6i gian. Tinh gia trj ¢ +b+c+d 9
A. 18. B. 15. C. 16. D.17.
Loi giai

Béttzlnxjdt:%.
X

Pbican: x=1=¢=0; x=e=1¢=1. Khi do:

e 1
]:J- 2lnx+1 _dr = ,[2t+1 _J' 2 dt:(i+21n|t+2|j n__l,
X lnx+2 (t+2) t+2 t+2 o 2
Vidy a+b+c+d=9+4+1+2=16.
1 3 x 3 Ax
Céu 109. (Kim Lién - Ha Ngi - 2018) Biét [~ A2 gt 4 ln(p+ Jvéim n, p
T+e2" m elnn e+
1a cac s6 nguyén duong. Tinh téng S=m+n+ p.
A. §=6. B. §=5. C.S=7. D. §=8.
Loi giai
1 3 X 3 Ax 1 2x 1 x
Tacéjﬂx 2 +e;x'2dx jx+ . :l+j 2 - :—+J
0 r+e2 0 T+e2 4 om+el
Tinh J = j 2 4. Dt el == e2 In2dv=df & 2 dx = ——dr.
T+e2" e.In2

Béican- Khi x=0 thi t=7+e;khi x=1 thi r=7+2e.
T+2e
7r+62" eln2 ﬂet eln2 mte eln2 e+

x 3 Ax
Khidéj”x 24w L1 ln(1+
0

j:>m:4, n=2, p=1.Vay §=7.

T+e2" 4 eln2 e+

e <3x3 —l)lnx+3x2 -1
Cau 110. (THPT - Yén Dinh Thanh Héa 2019) Cho J

dx=ae’+b+c.In(e+1) véi

1 l+xInx
a,b,c 1a cac sb nguyén va Ine=1. Tinh P=a>+b*+c>.
A. P=9. B. P=14. C. P=10. D. P=3.
Loi giai
Ta co
¢ (3x —1 Inx+3x* -1 $3x*(1+xIlnx)—(1+1 < 1+1
I= j de=| X (L xinx) = nx)dxzjsxzdx U)oy
] 1+xlnx 1 l+xInx ] I+ xInx
l+lnx)
Tinh A= I—dx Datt=1+xlnx=dr= (1+lnx)dx.
I+xlnx
xZI:tZI 1+e l+e

Béicén:{ .Khido 4= I——lt =In(e+1).

x=e=>t=e+l
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a=1
Viay I =¢’—1-In(e+1) ——<b=-1=>P=a"+b"+c’ =3.

c=-1
. In2 dx 1 ) ,
Cau 111. Biet [ = —_z—(lna—lnb-l—lnc) voi @, b ¢ 1a cac sb nguyén duong.
0 e'+3e+4 ¢
Tinh P=2a-b+c.
A. P=-3. B. P=-1. C. P=4. D. P=3
Loi giai
In2 dx In2 e'dx

Taco [ =

0 e 43¢ +4 Y0 P4t +3
Bét:tzex:dtzexdx.Déicén:x=0:>t=l,x=ln2:>t—2.

1

Ay =—(In3-In5+In2).

Khido [ = =—j ——— dt=—In——
U2 4443 t+1 t+3 2 t+3)

Suyraa=3, b=5,c=2.Vady P=2a—-b+c=3.

2
Cau 112. (Chuyén Ha Long - 2018)Betj x+: dx=In(Ina+b) véi a, b 1 céc s6 nguyén duong.
' x* +xInx
Tinh P=a’ +b* +ab.
A. 10. B. 8. C.12. D. 6.
Loi gidi
2 2
Tacéj 2x+1 dx = X+l dx.
X" +xInx x(x+lnx)
Bétt:x+lnx:>dt:( de—x—de
x x
Khi x=1=t=1; x=2=t=2+In2.
2+In2 o =2
Khido /= | 9 ™ =in(In2+2). Suyra { ¢ 7.
- ! b=2

Vay P=8.

1 (x2 +x)ex
Céu 113. (Chuyén Thi Binh 2018) Cho [*— 2 dv=ac+bln(e+c) véi 4, b, ¢€Z Tinh

, X+e
P=a+2b-c
A. P=1. B. P=-1. C. P=0. D. P=-2
Loi giai
Tact: J»x+x jx+lexe
, X+te o xe +1

Trang 44

Pbat t =xe* +1 :dt—(l+x)

Dowan:x—0:>t:1' x=1=t=e+1.

e+l e+l

Khi d6: I = j—dz - j(l—%}dr :(t—1n|t|)eJrl

1

=e—In(e+1).

Suyra: a=1, b=-1, c=1.
Vay: P=a+2b—-c=-2.



Céu 114. (Chuyén KHTN - 2020) Cho ham s y = f(x) biét f(0) =% va f'(x)=xe" vdimoi xeR.

1
Khi do [xf (x)dx bing
0

A S B. L. c. &L p. ¢!
4 - 4 2 2
Loi giai
Chon B
1 -
Ta co dx xe"dx = =—e" +C.
7(0)=[ 1) = ax=3 e a(') =3
Mi f(0)=t e iic=tac=0= r(x)=te
2 2 2 2
1 1 1 1
1 2 1 2 1 - e—1
= | xf(x)dx==|xe"dx==|e"d(x’)==¢"| =—.
S R R
2Inx+1 b
Cau 115. (Chuyén Nguyén Binh Khiém - Quing Nam - 2020) Biét rang —dx:aan——
\ x(Inx+1) c
V6i a,b,c 1a cac sb nguyén duong Vééléphén s6 toi gian. Tinh S=a+b+c.
C
A. S=3. B. S=7. C. §=10. D. §=5.
Loi giai
Chon D
bat Inx+1=¢. Taco: ldx:dl.
X
Pdican: x=1=t=1; x=e=>t=2.
e 2 2
2t—1
Ta c6: fﬂL“zdx:f _f[———] [21n|z|+1J —2m2— 1
L x(Inx+1) | £, 2

Suyra: a=2; b=1;c=2.Khido: S=a+b+c=5.
Céu 116. (P& Minh Hoa 2023) Cho ham s6 f'(x) lién tyc trén R. Goi F(x),G(x) 1a hai nguyén ham cia

2
f(x) trén R théa man F(4)+G(4)=4 va F(0)+G(0)=1.Khid6 [ f(2x)dr bing
0

B. 3. g.i. C.6. D.>.
4 2
Loi giai
Chon B
Ta co: G(x) = F(x)+ C
{F(4) +G(4)=4 - {217(4) +C=4 o F(d)— F(0) = 3 |
F(0)+G(0)=1 2F(0)+C =1 2
Vﬁy
jf(zx)dx_—jf( e = ZO=FO) %.
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Céu 117. (THPT Yén Khanh A - 2023) Cho ham s6 y = f(x) c6 dao ham lién tuc trén doan [0;1] va thoa

man f(zj 0. BletJ- f dx V4 Va_[ f sm3xdx—% Tich phan_[ f dx bang.

A. _—2. B. 3. C. l. D. _—5.
=3 3 3 7
Loi giai

Xét tich phan [ = I f sm 3xdx

bat u =sin3x = du = 3cos3xdx
dv=f'(x)dx=v=f(x)

I =sin3x.f(x )‘2 —I23f( )cos3xdx——37ﬂ

= E?ﬁf(x) cos3xdx = 37” =S J-Ozf(x)cos3xdx = %

Xét j.[f(x)}z dx—j-4cos3x.f(x) (2cos3x) dx=7-27+7=0

o'—.wm

& [f(x) — 2cos3x]2dx =0 < f(x)=2cos3x

S —
=)

/2

sin3x/|2 2

Vay J.Ozf(x)dx = .[05 2cos3xdx =2 3

0

Chu 118. (THPT-Thj Xa Quéng Tri-2023) Cho ham s6 £ (x) lién tuc trén R théa f(x)=3/(2x). Goi

2
F(x) languyén ham cua f(x) trén R thoamin F(4)=3 va F(2)+4F(8)=0.Khido Jf(3x+2)dx

bang
A. 9. B. 9. C. 15. D. -5.
Loi giai
Chon D
Ta co: _([f(3x+2)dx=§.([f(3x+2)d(3x+2)=%.!f(t)dt=%F(t)i ; F(8)-F(2)]
Mat khac ta co:
f(x):3f(2x):'!f(x)dx:_£3f(2x)dx:%'2[f(2x)d(2x)zglf(t)d(t)
e F(),=2F (1), = F(4)-F(2)=2[F($)- F(4)]

<:>F(2)+%F(8)=175

Két hop voéi gia thiét ta c6 hé phuong trinh:
F(2)+4F(8)=0 {F(Z):IZ

F(2)+%F(8):1—5® F(8)=-3
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1

Vay jf (3x+2)d :—[F F(2)]:§(—3—12):—5.

Céu 119. (THPT-Lién Trudng Ngh¢ An-2023) Cho ham s6 /'(x) lién tuc trén R va thoa man

( ) ( e (\/4lnx+ )
37(3)=—6+ .Biétrang I = dx=3.Khidd I =|x dx ban
/ / A v rreevn ff e
-15
A. —12. B. -9. C.T. D. 0.
Loi giai
Chon A
o f \/4lnx+1)
Xét [ = | ———"dx =3,
L xV4lnx+1
Détt=\/4lnx+13t2=4lnx+132tdt:@:>ﬁ:%.
X X

Véi x=1=t=lx=e"=1=3.

Do d6 I = jf 2_3:>jf

3

Xét zzjxf'(x)dx:jxd(f(x)):xf(x)\j_jf(x)dx:sf(s)_f(1)-6:_12.

1
Céu 120. THPT HAI BA TRUNG-HUE-2023) Cho ham sé £ (x) lién tuc trén R . Goi xF (x),G(x) 1a
hai nguyén ham cua f (x) trén R théa man 3F (1)+G(0)=6 va F(1)-G(1)=6. Tinh

3
Jsin 2x.f(cos2 x)dx.
0
A 2. B. 4 C.2. D. 4.
Loi gidi
Chon B

Dit ¢ =cos’ x = df =—sin 2xdx .

{x—O:t—l
Doi can T .
x=—=1t=0

2
I=[f(t)(=dt)= [ f(t)de=1F ()], = F (1).
Ta co: G(x)z xF(x)+C

{3F(1)+G(O):6 {3F(1)+C=6 {F(l):4
= =
F()-G(1)=6 F()-F(1)-C=6

Vay I =4.

" . e +1 khix>0
Cau 121. (THPT Cum 3 - Bac Liéu - 2023) Cho ham s6 y = f(x) = . Tich phan
x*—2x+2khix<0
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/o I f(Inx-1)
X

a e . a .., ,
x:Z+ce biét a,b,ce Z va 3 toi gian. Tinh a+b+c?
/e

A. 35. B. 29. C. 36. D. 27.
Loi giai
Chon C
lnx 1
e,
/e X
1 .. X=—>u=-2
Pat u=Inx—-1= du =—dx . Do6i can e .
X

x=e=>u=1
Khi do I=j[f(u)du=jf(x)dx=If(x)dx+j[f(x)dx
:T(x2—2x+2)dx+j(ex+l)dx

(l X =xt+ 2xj
3 =)

Dodé a=32,b=3,c=1=a+b+c=36.

0

1
+(ex+x)‘ =—+e.
o 3

Cau 122. (S¢ Thanh Héa - 2023) Cho ham s f( ) lién tuc trén R . Goi F(x),G ) la hai nguyén ham

cua f(x) trén R théaman F(2)+G(2)=4 va F(1)+G(1)=1.Khi do sm;C (cos—+1)dx bang
D.

A. 6. B2 C.3.
2

-lklua

Loi giai

Chon A

Détt:cos§+1:>dt:—%sin§dx.Khi x=0=¢=2x=7=1=1 nén:
. 2

I:_([singf(congrljdx:Z.!.f(t)dt

Vay 1=2(F(2)-F(1)) hogc I=2(G(2)-G(1)) nén:

21=2(F(2)+G(2)-F(1)-G(1))=2(4-1)=6.

Cau 123. (Sé Thanh Hoa - 2023) Biét j _ L dx—a+bin3+chns (a,b,c€Q). Gié tri cia

1 1+~/3x+1
a+2b+3c bing:
A. 2 B. > C. § D. 7
3 3 3 3
Loi giai
Chon A

Pat t =+3x+1 =+ :3x+1:>§tdt:dx.

x=1=>t=2

Pdi can
x=5=t=4.
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Cau 124.

cia f(x) trén R théa man F(10)+G(1)=-11 va F(0)+G(10)=1. Khi d6,

Cau 125.

p 1 24 ¢ 24 1 2 s 4 2 2
Dodd | ———dx=2|—dt=2||1-——— |dt=2(t-=In(1+¢))| =—+ZIn3-=In5.
00!1+\/3x+1 3£1+t 3!( 1+zj 3( n( ))‘z 373 0T
Suyraa—i,bzg;c:—z.

3 3 3
2

Vay a+2b+3c=§.

(S¢ Quang Binh - 2023) Cho ham s6 f'(X) lién tuc trén R . Goi F(x), G(x) 1 hai nguyén ham

cos 2x. f(sin 2x)dx bang

St— |y

A 5. B. 10. C.-12. D. 6.
Loi giai

Chon D

Vi F(x),G(x) 1a hai nguyén ham ciia f(x) nén ta co F(x)=G(x)+C

Theo 42 {F(10)+ G()=-11 - {G(10)+ C+G()=-11

G(1)-G(0)=-12
F(0)+G(10) =1 G(0)+C+G(10) =1

Xét [ =|cos2x.f(sin2x)dx .

O'—.-P\N

x=0=>r=0

- ) 1 2. A
bat ¢ =sin 2x = —dr = cos2xdx, doi can P .
2 x=—=1t=1

Khi do 7 = %If(t)dt —[6(], -5 [6()-G(0)]=-6.

2x+1)e +2ax* +a

(Sé Nam Pinh Nam 2023) bat [ = J dx . Co6 bao nhiéu gia tri nguyén cua a

e +ax
thudc khoang (0;2023) dé 1>62
A. 2023. B. 2024 . C. 1877. D. 189.
Loi giai
12x e +ax +ex+a 1 x Loox Ld(e* +ax
- PN PR PV AR MY L Gl
0 e +ax 0 e +ax 0 Je +ax e +ax

Cau 126.

=1+1n

e"+axH0 :1+ln(e+a).
Taco [ >6<1+In(e+a)>6<In(e+a)>5<e+ra>e <a>e’ —e~145,69.

Vi a €(0;2023), a €Z nén a e{146;147;...;2022} : c6 1877 gia tri nguyén.

(Sé Ha Tinh-2023) Cho jol f(2x+1)dx =12 va joz / (sin” x)sin 2xdx =3 va. Tinh j; £ ()
A. 26. B. 2. C. 27. D. 15.

Loi giai
pgt I =] f(2x+1)dr.

bat t =2x+1=dr =2dx.
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Poi can
X 0
t 1 3

Ta dugc =%J}3f(t)dt =122 [ f(x)dr=24,

bat J = J‘O;Tf(sin2 x) sin 2xdx .

bit ¢ =sin® x = df =sin 2xdx .

Pdi can
X 0 V4
2
t 0 1

Taduoe J = [ f(r)dt=3= [ f(x)dx=3
Dodo [ f(x)de={ f(x)dv+ [ f(x)de=3+24=27.

Céu 127. (SO GIAO DUC HA TINH-2023) Cho ham s f(x) lién tuc trén R va

If(tanx)dx=j%=2.

Tinh 7 = jf(x)dx

A. I=-4. B./=2. C.1=4. D./=6.
Loi giai
Chon C
< 1 5 du
bat u=tanx = du =— dx=(l+tan x)dx:> —=dx
Ccos” x u - +1
Doi can:
X 0 i
4
u 0 1

S =N

Ta co: f tanx Iu ) J.x ) Ix +1dx:2.
N (7 +1)/ N AC) e
1=] /e { e

, . 4 f(1
CAu 128. (S6 Bic-Ninh-2023) Cho ham s6 f'(x) lién tuc trén R . Biét j f(Inx) dx=7,
X

S =[N

3
f(cosx)sinxdx=3. Gid tri ctia I[f(x)+2x]dx bang
1

A. 10. B. -10. C. 15.
Loi giai

IS

12.

Chon D
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Tacé:ff(ljx)dx=]j Inx)d(Inx) Ef j x)dr=7.
Tacod if(cosx)sinxdx if(cosx)d(cosx = j‘lf du:jf(x)dx:?v.

Khi do j[f(x)+2x]dx=jf(x)dx—jf(x)dx+j2xdx=7—3+8:12.

Céu 129. (SGD Bic Giang - 2023) Biét rang ton tai cac sd hiru ty a, b, ¢ sao cho
e (x3 +1)lnx+x2 +1

J- dx=ae’+b+cIn(e+1), (véi e=2,71828... 1a co sd cua logarit ty nhién). Gia trj cua
1 xlnx+1
biéu thirc 7 =a’ +8b* +¢* bang
AL B.2 c.l. D.5..
9 4
Loi giai
Chon B
e(x*+1)Inx+x* +1 ; 3 ¢
j( ) dx:j(x2+ Inx+] ]dx= x—+ln|xlnx+l| =le3—l+ln(e+l).
1 xInx+1 1 xlnx+1 3 1 3 3
:azl;bz—l;c:
3 3

Vay T=a’> +8b° +c* =2.
Céu 130. Chuyén Thai Binh-Thai Binh-2023) Cho f(x) 14 ham s6 lién tuc trén tap sb thuc khong am va

5
thoa man f(x* +3x+1)=x+2 Vx20. Tinh [ f(x)d
1

AL B. 227 c o p. 204
6 3 = 6 3
Loi giai
Chon C

Ta c6: I:jf(xz +3x+1)(2x+3)dx:j.(x+2)(2x+3)dx:ﬂ

bt 1 =x’ +3x+1= dr = (2x+3)dx,

Poican: x=0=¢=1
x=1=¢t=5

1
Suy ra — j £(x+3x+1)(2x+3)dx j F(t)dt _j F(x)dx.
0
Céu 131. (Chuyén Quang Trung - Binh Phuéc - 2023) Cho ham s6 £ (x) lién tuc trén R. Goi
3
F(x).G(x) 1a hai nguyén ham ctia f(x) trén R thoa man F(8)+G(8)=4. Cho biét [ f(2x+6)dr=2,
1

gid trj cua F(12)+G(12) bing
A. 10.

=

12. C.6. D. 8.
Loi giai
Chon B
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3 3

ff(2x+6)dx :%F(2x+6)

1

:%[F(m)—F(s)} = F(12)- F(8) = 4.

1

3
1

Tuong tu jf(2x+6)dx :%G(2x+6) :5[6*(12)—0(8)} = G(12)-G(8)=4.

1
Suyra F(12)+G(12)- F(8) - G(8) = 8 = F(12)+ G(12) = 12.
Céu 132. (Chuyén L& Khiét - Quang Ngii - 2023) Cho ham s6 f(x) lién tuc trén R va c6 mdt nguyén
1
ham 13 F(x).Néu [ f(2x)dx=6 thi gié tri F(0)-F(2) béng
0
A —12. B.3. C.12. D. -3.
Loi giai
Chon A
1 1 2
Taco [ f(2x)dx = 6z>%jf(2x)d2x= 6= [ f(x)dx=12= F(0)-F(2)=-12
0 0 0

Céu 133. (Chuyén KHTN - Ha Ni - 2023) Cho ham sb f (x) lién tuc trén R va thoa man
3 2

J.f(\/x + l)dx =8. Tich phan fo(x)dx bang
0

1

A. 2. B. 16. C.8. D. 4.
Loi giai

Chon D
Diat t=vx+1=¢ =x+1= 2tdt =dx
Poican: x=0thi r=1; x=3thi r=2.

Ta c6: jf(ﬁ)dx:?; =S 2jf(t)tdt -8 jf(t)tdt =4 jxf(x)dx=4.

Chu 134. (Chuyén Bién Hoa - Ha Nam 2023) Cho ham s6 /(x) lién tuc trén R . Goi F(x),G(x) 1a hai

16
nguyén ham cua f(x) trén R thoa man F(2)+G(2)=8 va F(O)+G(O)=—2. Khi d6 J‘f(gjdx bang
0
A. -40. B. 40. C.5. D. -5.
Loi giai
Chon B
G(2)=F(2)+C
Taco: Gx)= F(x)+Cm O =F )T
G(0)=F(0)+C

{F(z)+G(2)=8 @{2F(2)+C:8 & FQ)-F(0)=5.

F(0)+G(0)=-2  |2F(0)+C=-2

Vay: [ f(%)dx=8j f(0)dt =8(F(2)—F(0))=40.
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3x+1 khi x>2
ax—2a+b khi x<2

Ciu 135. (Chuyén Bién Hoa Ha Nam - 2023) Cho ham s6 f'(x) :{ . Biét

2
[ /(x> +1)xdx =S5 Tinh gi4 trj cia biéu thirc 7 =2a—b"+1
0
A. 77. B. 79. C. 78. D. 80.
Loi giai
Chon C
Ham s6 lién tuc tai x=2=3.2+1=2a-2a+b<b=7
Pit t = x> +1=dt = 2xdx
oo |x=0=>1=1
D61 can
x=2=t=5
15 5 2 5
Suy ra Ejf(t)dt:5<:>If(x)dleO<:>J.(ax—2a+7)dx+J.(3x+1)dx=lO
1 1 1 2
2

@a%—2ax+7x 49 ! 49

=——S -——a+T=——a=63
2 2

Vay T =2.63-7"+1.
Céu 136. (S& Pik Nong 2023) Cho ham s6 £ (x) lién tuc trén R. Goi F(x), G(x) 1a hai nguyén ham cuia
0
f(x) trén R thoaman F(8)+G(8)=8 va F(0)+G(0)=—2.Khido ff(—4x)dx bang
22

5

A. B. 5. C. 5. D. -

NG NV

Loi giai
Chon A

0
1 ,
it = [ f(~4x)x. Bat —4x=1=dr= — dr. Ddi cin:
2

X -2 0
t 8 0

e 1 1 1
Khi do: I:—Z[f(tﬁt—z[f(tﬁt—z[f(xhx.
Do F(x), G(x) 1a hai nguyén ham ciia f(x) trén R nén co:

- l[G(g) —G(0)|= G(8)—G(0)=41. Tuong ty ciing co:

F(8)—F(0)=4I.

Suy ra: 8I=F(8)+G(8)—F(O)—G(O)=8—(—2):10:I:%..

, ] b 5 b
Néu u,v ¢6 dao ham lién tyc trén (a;b) thi |/ =I u.dv=u.v|a —J. v.du|.

Ch U= oeeeeeaaaaens m)du: ........... dx
on Nguyén ham
dv=..... dxgy——> V=i,

Nhéan dang: tich hai ham khac loai nhan nhau (vi du: mii nhan lugng giéc,...)
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Thi tw vu tién chon u 1a: "log — da — lwgng — mi" va dv 1a phin con lai.

Nghia 1a néu c6 In hay log, x thi chon u =1In hay u =log, x:%.lnx va dv= con lai. Néu
na

khong c6 In; log thi chon u = da thuc va dv = con lai,...

CHUY.:. fab(hém mil).(lwgng gidc).dx —— tich phan tung phan luan hoi.
Nghia 14 sau khi dit u, dv dé tinh tich phan timg phan va tiép tuc tinh [ udv s& xudt hién lai tich
phan ban dau. Gia sir tich phan dugc tinh ban dau 1a I va néu 1ap lai, ta s€ khong giai tiép ma xem
day 1 phuong trinh bac nhat 4n 1a [ £
2 2
Ciu 137. (P& Tham Khio 2020 Lin 2) Xét j xe* dx, néu dit u=x> thi j xe" dx bing
0

0

2 4 2 4
1 1
A.2fe"du. B. 2[c"du. C. —[e"du. D. —fc'du.
0 0 2O 20
Loi giai
Chon D
< 2 du
bat u=x :du=2xdx©xdx=7.
Khi x=0=u=0,khi x=2=>u=4.
2 4
2 1
Do do J.xex dx=—Ie“du.
0 20
Céu 138. (P& Minh Hoa 2017) Tinh tich phan / = len xdx
1
2 2 2
A 1=t B.[-L c. =42 p. =4
4 2 2 4
Loi giai
Chon D
. du:ldx
u=Inx X
I:lenxdx. bat { = X
t v = xdx X
v="—
2
2 € °1 y? 2 e 2 2 1€ 2 2 241
—I=""Inx —J-—.x—dxze——— D 0 S L
2 o 0X 2 2 2y , 2 4 4 4

Cau 139. (Mi 103 2018) Cho j (I1+xlnx)dr=ae’ +be+c véi a, b, ¢ 1a cée sd hitu ty. Ménh d& nao dudi
1
day dung?
A.a+b=c B.a+b=——c C.a-b=c D.a-b=—c
Loi giai
Chon

C
Ta co j(1+xlnx)dx :j.l.dx+jixlnxdx :e—1+jxlnxdx.
1 1 1 1
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uzlnx:du:ldx

Dt *
x2
dv=xdx=>v=—
2
c 2 e 16 2 1 e 2 2 2
Khi d6 lenxdxzx—lnx ——dex _C e :e__e_+l :e_+l
1 2 1 21 2 4 1 2 4 4
€ 2 2
Suy ra j(1+xlnx)dx =e—1+e—+l =e—+e—z nén azl, b=1, c=—§.
4 4 4 4 4

1
Vay a-b=c.

e

Céu 140. (M 104 2018) Cho j (2+xInx)dx = ae’ + be+c v6i a,b,cla cac sb hitu ti. Ménh dé nao sau day
1

dang?

A.a+b=c B.a-b=c C.a-b=— D.a+b=-—c

Loi giai
Chon B
Tacod j(2+xlnx)dx:.|.2dx+_|.xlnxdx:2x
1 1

1

e e
1+I:2e—2+IV(')ri lzjxlnxdx

1

du:ldx
_ |lu=Inx X
bat
{dv:xdx x*
y=—
2
2 e 2 2 2 2
:]:—lnxe— fdx:x—lnxe—x—e:e——l(ez—l):e tl
1 42 2 1 411 2 4 4
e 2
:>I(2+xlnx)d.x=2e—2+e4+1:l 24 2e——
1
1
a=—
4
=<:b=2 =a-b=c
7
c=——
4

1
Cau 141. (THPT Nguyén Viét Xuén - 2020) Biét j xIn(x* +1)dx=aln2 b (véi a,b,c eN" va L
0 C C

phan s6 t6i gian). Tinh P =13a+10b+84c.

A. 193, B. 191. C. 190. D. 189.
Loi giai
Chon B
2x
du=——dx
=In(x*+1 2
pat: 1" n( ): j‘”
dv = xdx _x 1
V="—+t—
2 2

1 1 1
—-[de :ln2—§

0 0

= a=Lb=1,c=2.Vay P=13a+10b+84c =191.

Khi d6: [xn (s +1dx =| ==L (o 41
IO.J.XII(.X-F)d.X— 2 n(x+)

0
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Cau 142.

béng:

Cau 143.

/(%)

Trang 56

(Nguyén Trii - Thai Binh - 2020) Cho «a 14 s6 thuc duong. Tinh [ = I sin®"® x.cos (2018x) dx

0

2017 . - 2017
AT = cos” ' a.sin2017a . B. [ sin® ' a.cos2017a
2016 - 2017
- 2017 2017
C. [:sm a.cos2017a. D. ] cos a.cosZOl7a‘
2016 2017
Loi giai
Chon B

a

Taco [ = jsinzmﬁ X. cos(2017x + x)dx = J.sin2016 x.[cos (2017x).cos X —sin (2017x).sin x] dx

0 0

a

I n*"'® xcos(2017x).cos xdx _[sin2°17xsin(2017x)dx.

0 0

Xét J = Isinzm x¢0s(2017x).cos xdx .

0
du =-2017sin (2017x)dx

_|u=cos(2017x)
bat = Lo

du = sin®®'® x.cos xdx y=——sin" 'Xx
2017

a

Khi d6 J =cos(2017x).—— 501 in?" x

+J‘s1n2°17 x.sin (2017x )dx .
0

a

Suy ra I =cos(2017x).—— 501 n*" x

+ J.smzo17 x.sin 2017x)dx jsinzw x.sin(2017x)dx .
0

0

a

= cos(2017x).Lsin2017 x| =——sin*" a.cos(2017a).
2017 o 2017

(Chuyén Lwong Vin Ty, - Ninh Binh - 2020) Cho ham s6 £ (x) c6 f(0)=-1va

=x(6+12x+¢™),VxeR. Khi do j;f(x)dxbéng

A. 3e. B. 3¢7'. C.4-3¢". D. 3e'.
Loi giai
Chon B

Ta co: f'(x)zx(6+12x+e’x),‘v’xeR nén f(x)lém(f)t nguyén ham cta f’(x),
jf,(x)dx:J‘x(6+12x+€1)dx=J‘(6X+12x2)dx+_|‘xef"dx
Ma [(6x+12x")dx =3x" +4x° +C

~ u=x du =dx
Xét j xe*dx: it

=
dv=e"dx

—X

V=—-€

Ixefxdx =—xe " +J‘efxdx =—xe " —e" +C= —(x+1) e +C



Suy ra f(x):3x2+4x3—(x+1)e”‘+C,‘v’xeR.
Ma f(O):—1:>C:0 nén f(x)=3x2+4x3—(x+1)e’x,VxeR.

Ta co

1 1

If(x)dx=.[(3x2 +4x3—(x+1)e”‘)dx=(x3+x4)l

0
0 0

(x+1)e“dr=2~ jx+1 “dx

o!_._

_ —X j _ —X
dv=e"dx y=—e

! u=x+1 du =dx
Xét J.(x+1)exdx:Dait{ {
0

1
[(x+1)ede=—(x+1)e™ +j Tdv=-2e! +1-¢7| =2 41-¢" +1=2-3¢"
0

Vay [ f(x)dr=3e".

4
Cau 144. (Chuyén Bic Ninh - 2020) Biét 7 = jxln(x2 +9)x=aln5+bIn3+c trongdd a, b, ¢ la cac sb
0

thuc. Tinh gia tri cua biéuthitc T=a+b+c.

A. T=9. B. T=11. C. T=8. D. T =10.
Loi giai
Chon C
Cach 1
2x
du = dx
u=In(x*+9 2
Pat ( ),tacé x2+9
dv = xdx v:x +9
2
Do d6
2 44 o 2 4 4
sz Jr9ln(xz+9) —Ix +9.22—xdx=x +91n(x2+9) —jxdx
o o x°+9 o o
X’ +9 25 9

= 5 ln(x2 +9)

=71 25—Eln9 8=25In5-9In3-8 =aln5+bIn3+c.

[ J
0 0

Suyra sb=-9=a+b+c=8.
c=-8
Cach 2

4
Ta co ]:len(x2+9)dx
0
bat t:x2+9:>dt:2xdx:>xdx=%dt

Poican: x=0=¢=9, x=4=¢=25

Suyra I = .[xln X +9)dx Ilntdt

0

Trang 57



Cau 145.

ta co

_ |u=Int , duzldt
Dit , ta t .
dv=dr

v=t

:]:l].stlntdt:l t.lnt|25—2_|.5t.1dt 1 t.lnt|25—2fdt :l(t.lnt|25—t|25)
2! > o I B > 5 9 'lo

:glnzs_glng_g =25In5-9In3-8 =aln5+bhIn3+c.

a=25
Suyra b=-9=a+b+c=8.
c=-8

1
(Chuyén Hiing Vuong - Phit Tho - 2020) Xét ham s6 f(x) =e* + jxf (x)dx . Gia tri cia
0

f(In(5620)) bang

Cau 146.

Trang 58

A. 5622. B. 5620. C. 5618. D. 5621.
Loigiai
ChonA

Tr f(x)=¢" +Ixf(x)dx. (1)

LAy dao ham hai vé, suyra f'(x) =e".

Khi do, f(x)= .[f'(x)dx = je"dx =e'+C.(2)

1 1 1 1
Tu (1) va (2) suyra: C:J.xf(x)dx<:> C:Ix(ex +C)dx < Czjxexdx+Idex
0 0

0 0

L

<:>C=1+£<:>C=2.
o 2

SC=1+

Vay f(x)=e" +2= f(In(5620)) = "% +2=5620+2=5622.

1

Tich phan j(x— 2)e2xdx bang
0
& 2 _ 2 _ 2 2

A.53e. B.S 3e. C.S 3e. D.5+3e.

4 - 4 2 4

Loi giai
S y=x_2 du =dx
at =
dv=cdx  |v=ic®
2

Suy ra



1 1
[(x-2)edr = (x=2)2c| ~[Le ax
0 0 O2
! 2
:—lez+1—lez" =—le2+1—le2+l=—iez+§=5_3e :
4 |, 2 4 4 4 4 4

Cau 147. (THPT Cim Giang 2 2019) Biét rang tich phan j (2x+1)e’'dx=a+b.e, tich a.b bing
0
A. -15. B. 1. C.1. D. 20.
Loi giai
Chon C.
biéu kién: a, beZ.
5 {u:2x+1 {du:de
bat = .

X

dv=e'dx v=e
1
= [(2x+1)edx =(2x+1)e =(2x-1)e
0
a=1
:{b_ . Vay tich a.b=1.
2
Inx b L g
Céu 148. (THPT Hung Vwong Binh Phuéc 2019) Cho tich phan /= J. —dx=—+aln2 véi a 1a s6 thuc,
X c

1

\ \ 4 A A e b \ A A LR eo ’ sz : <A ’
b va c la cac s6 duong, dong thoi — 1a phan so to1 gian. Tinh gia tri cia bi€u thic P=2a+3b+c.
C

A. P=6. B. P=5. C. P=-6. D. P=4.
Loi giai

dx

=1 du =—=
A Clnx]2 31 “tnx -1)2 1 In2
bat dx = =/ = +I—2dx: — - __ =
v=— v—_l x |1 1x X x )1 2 2

X -

:>b=1,c:2,a:_71:>P=2a+3b+c:4.

7
Cau 149. (THPT Lé Xoay Vinh Phiic 2019) Cho tich phan 7 = J x—1)sin 2xdx. Tim dang thirc ding?
0

3 =g
A. 1:—(x—1)c0s2x—J.cos2xdx. B. I:—%(x—l)cos2x ) —jcostdx.
0 0 0
1 AR T4
C. [Z—E(X—I)COSZX +§jcos2xdx. D. [ =—(x—1)cos2x +Jcos2xdx.
0 0 0
Loi gidi
u= (x—l) du =dx
bat ,taco 1 . Do do:
dv =sin 2xdx V= _ECOS 2x
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/4

z 4
(x—1)sin 2xdx = — ;(x—l)cos2x4+%-[cos2xdx.

0

1=

o'-—.-MN

Céu 150. (Chuyén KHTN 2019) Biét rang ton tai duy nhét cac bd sb nguyén a,b,c sao cho
3

[(4x+2)Inxdx=a+bIn2+cln3. Gid tri cia a+b+c bing

2

A 19. B. -19. C.s. D. -5.
Loi giai
Inx=u :>ldx=du
bat X
(4x+2)dx=dv:>2x2 +2x=v
Khi d6

7

3 3 3
[(4x+2)Inxdx = Inx.(2x +2x) 2—2I(x+l)dx:24ln3—12ln2—2.§:—7—12ln2+24ln3.
2

2

Vidya=-7,b=-12; c=24=a+b+c=5

dx=aln2+bln3,véri a,b 1a cac sb hitu ti. Tinh

A . . o In( 1+x
Ciu 151. (HSG Béc Ninh 2019) Cho j
1

P=a+4b.
A. P=0 B. P=1 C. P=3 D. P=-3
L(‘)’igiﬁi

2
jde—jln 1+x)( )dx—ln (1+x).
1

.2[
. 1x+1 X

1
:—ln3+ln2+_[ dx— _[—dx ——1n3+1n2—1n(1+x)|2+lnx|2

2 x+1 : !
=71n3+1n2—1n3+21n2=731n3+31n2:>a=3,b=_73.
Vay a+4b=-3.

21000

In x
CAu 152. Tinh tich phan [ = 40136 ta dugc

1 (x+1)
In2'* 2 1000In2 1000
A. ]:_1+21000 10011111 21000 * B. [= 132100 + 1301000 *
In2'*® 2 1000In2 21000
C.[= —1001In———— D. /= — )
142'% [+2'%%0° 1420 1421
Loi giai
Chon A
u=Inx du :ﬁ
Paty, __dx = xl
_ _ 1
(x+1) Y= x+1
ln x 21(]()(] 2]000 1 d 21000 21000 1 1 1000 ln 2 | x | 2]4]()0
x|, j +1 x 21°°° 1 (x x+1j 290 41 |x =1
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1000 1001 1000
10001n2 2 1 1000In2 2 _ In2 10011 2 .

- 21000 +1 + 21000 +1_ 2 - 21000 +1 + 21000 +1 = 1+21000 1+21000

2
Céu 153. Biét J.len(x+1)dx =alnb, voi a.p e N°, b 1 s6 nguyén tb. Tinh 6a+7b.
0
A. 6a+7b=33. B. 6a+7bh=25. C. 6a+7b=42. D. 6a+7bh=39.
Loi giai

2
Xét [ = I2xln(x+1)dx.
0

Pt u=1n(x+1) du:—dx.
dv =2xdx _ 2

2

=3In3.

, 2x2—1 2 xz
Taco 1=(x2—1)1n(X+1)\3 —! - dx=31n3—£(x—1)dx=31n3—(7—x]

0
Vay a=3,b=3= 6a+7b=39.

Céu 154. (Chuyén Hung Yén 2019) Biét rang j Inxdx =1+2a, (a>1). Khing dinh nao duéi day la khang
1

dinh dung?
A. ae(1821). B. ac(L;4). C.ae(11;14). D. a€(6;9).
Loi gidi

biat u=lnx = du =ldx
X

dv=dx =V=X

Ta co J.lnxdx:a.lna—jdx:alna—a+1:1+2a
1 1

=alnha=3a=oha=3<a=¢".

Vay a 6(18;21).

1
Cau 155. (KTNL GV Bic Giang 2019) Cho tich phan j (x—2)e'dx =a+be,voi a;b e Z . Tong a+b
0

bang
l. B. 3. C.5. D. 1.

1
dv=e"dx v=e 0

VOl a;beZ =>a=3,b=-2=a+b=1

 (u=x=-2 du=dx ! 1 _
Dat = i jj‘(x—2)exdxz(x—2)exO—Jexdx=—e+2—e* =3-2e=a+be
0

0

2
Cau 156. (KTNL GV Thuin Thanh 2 Bic Ninh -2019) Tinh tich phan [ = jxe"a’x .
1

A.I=¢. B. 1 =-¢". C.l=e. D. I =3¢’ - 2e.
Loi giai
Chon A
_ |u=x du = dx
Dit =
dv=ce"dx y=e¢e"

Trang 61



2 2
2 b 2 x |2 2 2 2
]:Ixexdxzxex , —J.e*dx=2e —e—e'|| =2e —e—(e —e):e .
1 1

3
Céu 157. (THPT Yén Phong S6 1 Bic Ninh 2019) Biét rang _[xlnxdx =mIn3+nln2+ p trong do
2

m,n,peQ.Tinh m+n+2p

A2 B. 2. C. 0. D. 2.
4 2 4
Loi giai
Chon C
u=Inx du:ldx
pat | X
{dv=xdx x’
V=—
2
t X ’ 1t X el
= [xnxde="-Inx - [xdr="-nx == ~21n3-2m2-2.
) 2 7|, 23 2 7], 4|, 2 4

Suyram+n+2p=0.

2
Cau 158. (Chuyén Lam Son Thanh Héa 2019) Biét j 2xIn(1+x)dy =a.Inb, v6i a, b N°, b 12 s6 nguyén
0

td. Tinh 3a+4b.

A 42, B. 21. C. 12. D. 32
Loi gidi
0 _ 1
Xétlzjlen(1+x)dx.Dét u=1In(1+x) _ du_1+x
0 dv = 2xdx b1

2
2 2 2 2
Ta co: 1=(x2—1)1n(x+1)2—jx 1dx=31n3—j(x—1)dx=31n3— Z x| =3m3.
0 & x+1 o 2 .
Vay a=3,b=3 =3a+4b=21.
2
Céu 159. (Chuyén Qudc Hoc Hué 2019) Cho tich phan / :jln—fdx :é+aln2 v6i o 1asd thue, bva . 1a
X c

cac s6 nguyén duong, dong thoi b 1a phan s6 t6i gian. Tinh gid tri cta biéu thic P=2a+3b+c.
C

A. P=6 B. P=-6 C. P=5 D. P=4
Loi giai
u=Inx du =—dx
bat 1. = x
v=—.dx
X V=——
X
-1 B -1 1 11 1
Taco Iz(—.lnx] +j—2dx=—ln2—— =———In2=>b=1c=2,a=-—.Khido
X L1 x 2 xl, 2 2 2
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x V3

:—7[ Inb . Khi d6, gia trj cia a* + b bang

3
Cau 160. Biét I = j
0 COS X

A 11 B. 7. C. 13. D. 9.
Loi giai

sin xdx m/_ J- d(cos x)

Sl R

I= xtanx|3 —Itanxdx—gx/g—

COSX 3 5 cosx
3 z 3
=%+1n|cosx”g =% lnz—lnl—i—hﬂ —a=3b=2.Vay a*+b=11.
R 5 F(x)+2x+ln( 1) N
Cau 161. Cho [In(x* —x)dx = F(x),F(2)=2In2-4.Khido / = j dx bing
X
A. 3In3-3. B.3In3-2. C.3In3-1. D. 3In3-4
Loi giai
_ 2 , 2x-—1
Pt u-ln(x x):> u R
vi=1 v=x
2x -1

Suy ra F(x)zj.ln(x2 —x)dxz xln(x2 —x)—.[

dx =xln(x2 —x)—2x—ln|x—1|+C

x—1

F(2)=21n2—43C=0 suy ra F(x):xln(x2 —x)—2x—ln|x—l|

3
Khi d6: 1 = j{ X)+ 2 In (- 1)} = [In(x* -x)dx = F(3) - F(2) =3In3-2.
X 2
.3 NG
Cau 162. (Chuyén Lé Quy Pon Pién Bién 2019) Bict 7 = I :—ﬂ—lnb V6i a, b 1a cac sd
0 cos” x
nguyén duong. Tinh gia tri ctia biéu thirc T = > + b.
A.T=9. B. T=13. C.T=T. D.T=I11.
Loi giai
: :
Xét [ =[——dv=x. L v
5 COS™ X ¢ COs” X
u=x
Pat | - du—dx.
dv=—>—dx v=tanx
cos” x
T3 T3 4 NE)
I = x.tan x 3 .[ tan xdx = x.tan x| 3 +J d(cosx)=[xtanx+ln(cosx)] 3=—"—r-1In2.
7 o 008X 0 3

a=3 5
Suy ra =T=a +b=11.
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Ciu 163. [1(Thpt L& Quy Pén DPa Ning 2019) Cho

cac s6 nguyén. Gi4 tri cia a+2(b+c) la

jln(1+2x)

dx=§ln5+bln3+cln2,véi a, b, Cla

A. 0. B.9. C.3. D. 5.
Loi giai
Ap dung phuong phap tich phan timg phan:
2
=In(1+2x) |du=
< 2x+1
bat ! I (2x+1)
- —(2x
dv xzdx chiny=——-2=——-—-
X X
tIn(1+2 —(2x+1) t2
:jn( 29 4= 25 1425 j
1 X X 1
5 2
:(——ln5+3ln3j+2ln|x”
2 1
=5
:71n5+31n3+2ln2.
=a=-5,b=3,c=2.
Vay a+2(b+c):
tIn(1+ .
Céu 164. Cho jn(—zx)dxzaln2+b1n3,véi @, b 13 cac s6 hiru ti. Tinh P=ab
X
1
3 -9
A P=> B. P=0. C. P=—2. D. P=-3.
2 2
Loi giai
tIn(1+
Ta c6 Izjn—x)dx:aln2+b1n3.
1
1
=In(1+ x) du=——dx
Pit ) 1+ x
dv=—2dx 1
X vV=——.
X
1 1
Khi do I———ln(1+x)| +j =——1n3+1n2+j (———jdw
(1+x) 2 x l+x

2
—%ln3+ln2+(lni)

x+1 X

3 -9
Suyra a =3, bz—E.Véy P=ab=7.

Cau 165.

bang

Al B. C.5.

Loi giai

-3.

Chon

Trang 64

:—%ln3+ln2+2ln2—ln3:3ln2—%ln3.

1
(KTNL GV Bic Giang 2019) Cho tich phan I(x ~2)e"dx =a+be,voi a;beZ.Tong a+ b
0

D. -1.



_lu=x-2 du=dx | i I
Dit = : :>J.(x—2)ede:(x—2)ex‘ —Iexdx=—e+2—ex0=3—Ze=a+be
0

1
dv =e'dx 0

voiabeZ=a=3b=-2=a+b=1

Vv=e 0

In(sinx+2
Ciu 166. (S& Phii Tho 2019) Cho n(sinx+2cosx)

= T

cos® x

Gié tri cia abc bang

AL B2 c. 2 p. Y
8 8 4
Loi giai
Chon A
. —2si
u=1n(s1nx+200sx):>du=wdx
D3 sinx+2cosx
at
dv= —=>v=tanx+2
cos” x
4 In(sin x + 2 cos L —25i
:>I (sinx - x)dx :(tanx+2)ln(sinx+2cosx)‘g —dex
0 cos” x o CoS X

32

2 : 7 i
:311{7}21112 —-([(1—2tanx)d.x =3In3-—In2 —(x+21ncos )

7 J2 5 5 ]

—3In3-——In2 -L2mXE —3m3-2m2-F=a=3, p=-2, c=—1.
2 4 2 2 4 2 4
Vay abc=18.

dx=aln3+bIn2+cn voi a, b, ¢ 1a cac sb hitu ti.

12 1 c
Céu 167. (Chuyén Thai Binh 2019) Biét I (1 + X —l)ex Ydx = %ed trong d6 a,b, c,d 1a cac sb nguyén
1

X
1
duong va cac phan sé %’5 14 téi gian. Tinh bc —ad .
A. 12. B. 1. C.24. D. 64.
Loi giai
12 1 e 12 1 x+t 12 L
Taco: I = J[x(l——zj+l}e' dx = Ix(l——zje *dx + je *dx .
1 * 1 x 1
12 12 12
u=x du = dx
bat: J (1 1 ) x+ld — 1.
v=|1-—|e *dx _ =
2 v=e
2 YETL I
Khido: I = Ix[l——zje xdx+Ie *dx=xe * —Ie xdx+_[e *dx
1 X 1 1 1
12 12 2 12
1 1 145
_ 12612+E _LelﬂE _ Eeﬁ.
12 12

Vay: a =143;b=12;c =145;d =12. D6 d6: bc—ad =12.145-143.12 =24.
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R n : 2x+ln(x+l) a c .. «ac ..,
Cau 168. (THPT Yén Khanh A 2018) Cho I—z =—+—In3 (v&i a,ce Z;b,d e N ;—— la cac
0 (x+2) b d bd
phan sd t6i gian). Tinh P = (a+b)(c+d).

A 7. B. -7. C.3. D. -3.

2 2
acéjx-l-hl X+1 dx:j dx J- 2dx+j :
0 (x+2 0 X+ 0 x+2) o (x+2)

! f2 1
[——dx—| 2dx:(ln|x+2|+ j =In2-—.
o X+2 0 (x+2) x+2), 2
2
I:J.ln(x_'_lz)dx
o (x+2)
1
u=In(x+1) dy = ——
Dat | _ x+1
? dv= dx y -1 le_)c+l
(x+2) _(x+2) Cx+2
2 2
Suy ra 7 =| DI+ -| L gv=3m3-m2
(x+2) 0(x+2) 4
2
Do dé jL(xtl)dxz—lﬁm = P=(-1+2)(3+4)=7.
0 (x+2) 2 4
Céu 169. (Ping Thiic Hira - Nghé An - 2020) Cho ham s6 y = f(x) ¢6 f(l):% va f’(x):( x1)2 voi
X+

2
x>-1.Biét If(x)dx:alné—d voi a,b,c,d 1a cac so nguyén duong, b <3 va — toi gian. Khi do
c c

a+b+c+d bing
A. 8. B. 5. C.6. D. 10.
Loi giai
Chon D

Ta co_[

—j( dezln(x+1)+L+C,véic1ahéngsétuyy.
x+1 x+1) x+1

Do f(l):%:ﬂn2+%+C:%®C:—ln2.

Khi do, ta co

jf(x)dx=W1n(x+1)+——1n2}dx=f1 (x+1) dx+j—1—1n2 dx .

1 1
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: u=In(x+1) du:i
Xét I=[In(x+1)dv. it = x+1,khido taco
V= V=X
2
[=xIn(x+1) - (2 5n3—mn2- j—_21n3 n2- jdx+j—_21n3—1n2—1+ A
bodx+l X +1
Khi do,
h 3
[f(x)dx=2In3-In2- 1+2j——1n2 dx=2In3-In2-1+2In3-2In2-In2=4In"-1.
1 1
a=4
b=3
Suy ra =a+b+c+d=10.
c=2
d=1

1 1
Cau 170. (THPT Ngé Si Lién - Bic Giang 2023) Biét [xf'(x)dx=5 va f(1)=—1. Tinh I = [ f(x)dx.
0 0

A. =4 B./1=-4 C.1=6 D. I=-6
Loi giai

Chon B
= [ Code=5. Pat "~ =

—E[xf(x) reoe e a’\/zf'(x)dx:> v:f(x)'
I=xf(x)]s jf(x)dx:jf(x)dx x.f (x)[} -5=-6.

. £1- f(Inx)
Cau 171. (Sé Nghé An 2023) Cho ham s6 y =f( ) c6 dao ham lién tuc trén R . Biét I—dx =2
X

1

va f(1 ):— Tich phan J.xf’(x)dx bang

2
A, ——. B.é. C.i. D.g.
3 3 -3 3
Loi giai
Chon C
e1__ e e e 1
Ta c6 J‘de='[ldx—jf(lnx)dx=lnx|f—Jf(lnx)d(lnx)=l—jf(x)dx.
1 X lx 1 X 1

0

o
o
o
o
—_—
=
\‘\
—_
~
—_—
=
[N
—_
~
—_—
o)
~
~—
Il
&
—_
=
S
—
\
—_~
~
~
—_—
~
|

0 0
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Céu 172. (S6 Hung Yén 22-23) Cho ham s6 y = f(x) lién tyc trén R va f( =2023, If )dx =4. Tich

2
phan Ixf'(2x)dx bang

0

A. 2022. B. 2021. C. 2019. D. 4044 .
Loi giai

Chon A

Ta co

2

[ (2x)dr = ij;tf'(t)dt :%jxf’(x)dx :ﬂxf(x) ; -ff(x)dx}

0 0 0

_2{4,f(4)—1f(x)dx} =i[4.2023—4] =2022.

5
Cau 173. (Sé Hai Phong - 2023) Biét I 2x+1 ln x —l)dx aln3+bIn2-c véi a,b,c 1a cac s6 nguyén.
2

Khi d6 a” +2b—c* bang

A. 8. B. 19. C.6. D. 5.
Loi giai
Chon B
u=1n(x2—1):>du: 22x dx
bat x -1

dv=(2x+1)dx:>v:x2+x
Khi o [(2x+1)in (7 ~1)de = (+* + )i (7 ~1)f = [ (" + )2

2 2

2x

dx

x

i

=90In2+24In3-27-4In2=24In3+86In2-27=a=24, b=86, c=27=a’ +2b—c’ =19.

5 2 5
=301n24—6ln3—2jx—1dx=901n2+241n3—2j(
x_

Céu 174. (SGD Binh Thuén — 2023) Cho ham s6 £ (x)lién tuc trén khoang (0;+00). Biét e 1a mot

2
. x .
nguyén ham ciia ham s6 /'(x)In x lién tuc trén khoang (0;+o0) va f(2)= L Gia tri cua f de bang
x

In2
A 1+ +e B.1-¢ —e. C.l+e —e.. D.1-¢ +e
Loi giai

Chon D

u=f(x) du= f'(x)dx
bat: 1 <

dv=—dx v=Inx

X

Ta cod

lz_ff'(x)lnxdx:f(2)ln2—ex f:ﬁ-lﬂ—(ez—e):l—ewe,

1

xsin xdx

3

az+b3 Voi a,b 1a cac s6 hitu ty. Gia tri
y 2€0s” x

'—awm

Cau 175. (S¢ Ba Ria-Viing Tau-Nam 2023) Cho

cia a+b bang
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A L. B. .. c. 2. p. -1
12 12 6 6
Loi giai
Chon A
1
z z u=2 du = dx
Ta ¢6 J-2x51n3x dx:jzxtanzx dx. Pit 2t — i
0 £C08 X 0 £C0S X dv = anzx dx = tan xd(tan x) po X
cos” x 2
Suy ra
: : 5
t 301
I X0 g =X tan?x ——.[tanzxdx
) 2C08” x 4 0 49

Do do a:%vé b:-i.Véygiétricﬁa asb=_L.

1
Céu 176. (Chuyén Lam Son - Thanh Héa - 2023) Biét j (2x+3)e'dx=a.e+b v6i a,b 1a céc sO nguyeén.
0

Khang dinh nao sau ddy ding?

A.a+b=-1. B.ab=2. C.2a+b=5. D.a-b=-1.
Loi giai
Chon C
I u=2x+3 du =2dx )
Xét tich phan [(2x+3)e'dx=ae+b; dat = . Khi do:
0 dv=e'dx v=e"
! 1 : 1
[(2x+3)erdr =(2x+3)e"| - [2e"dx=5e—-3-2¢"| =3e-1.
0 ‘ 0 0

Dodd a=3,b=-1nén 2a+b=5.
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