TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TRQ GIAI BE THI MON TOAN 2017.
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PHU'O'NG PHAP CASIO - VINACAL

BAI 21. TINH NHANH THE TiCH TRON XO0AY.

1) KIEN THUC NEN TANG

1. Dang 1 : Thé tich vat thé co dién tich thiét dién S(x) tao béi mat phang vudng goc véi Ox tai
diém c6 hoanh d6 x (a<x<b) . Gia s S(x) la ham lién tuc thi thé tich vat thé tich theo cong
thac :

V:is(x)dx

2. Dang 2 : Cho hinh phang (H) tao béi cac duong y = f (x) , y=g(X) va céc dudng thang
x=a , x=b . Khi quay hinh phang (H) quanh truc Ox thi duoc vat thé tron xoay cd thé tich tinh
theo cong thuc :

Y, :ni‘fz(x)—gz(x)‘dx

3. Dang 3 : Cho hinh phang (H) tao béi cac duong x= f (y) , x=g(y) va céc duong thang
y=a , y=b.Khiquay hinh phiang (H) quanh truc Oy thi duoc vat thé tron xoay c6 thé tich tinh

theo cbng thuc :
b

\Y; =7zﬂf2(y)—g2(y)‘dy

a

2) VI DU MINH HOA

VD1-[Pé minh hga mén Toan B GD-PT lan 1nim 2017]
Ki hiéu (H) Ia hinh phang gii han bsi do thi ham sb y=2(x—1)e* , truc tung va truc hoanh.
Tinh thé tich V  ctia khdi tron xoay thu dugc khi hinh (H) quay xung quanh truc Ox
B. v —(4-2¢)n C.V=e-5 D. v =(e-5)x
GlAl
» Hinh phang dugc gigi han bai truc tung = can thirnhatla: x=0 q
Truc hoanh c6 phuong trinh y =0 . Xét phuwong trinh hoanh d6 giao diém cua duong cong

y=2(x—1)e* vatryc hoanh = 2(x-1)e*=0<x=1 Vaycantht2la: x=1

A.
V=4-2¢

» Thétich vV :z.l[ (2(x—l)ex)2 —0%(dx
0

Str dung may tinh Casio vai Iénh tinh tich phéan
(sHiFT) (x10%) (=) (sHiFT) (2] (=) (] OJ (e (x109 (™) (aee) OJ &
B |

at

m[il(20-12%%
T h05441039
=V =7.5054...= (e’ -5)

» Vay tachon dap an D
% Céch tham khao : Tw luan

(2(x-1)e*) ~0°

1 1
= ThétichV =z dx =47 [ (x—1)" edx
0 0
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= Vi biéu thirc dusi dau tich phan c6 dang u(x).v'(x) nén ta st dung tich phan ting phan.
Tuy nhién lam dang nay rat mat thoi gian. Tac gia khuyén khich ban doc 1am theo casio,
danh thai gian cho viée tu duy xay dung cong thie dé bAm may.

< Binhluan :

e Qua vi dy dau tién ta ciing da thiy ngay sic manh cua Casio khi xt ly cac bai tich phan, céc
bai g dung tich phan so vai cach 1am ty luan truyén théng.

VD2-[Thi thir Group Nhém toan lan 3 nim 2017] ‘ ,
Tinh thé tich khoi tron xoay sinh ra khi quay hinh phang duoc gigi han boi cac @6 thi ham so
y =+/1-x%;y =0 quanh truc Ox

3
A3 B. C.4" D. 4,

4

W |

GlAl
> Hamtht nhit: y=+1-x% ,hamtha hai: y=0
. X=-1
Giai phuong trinh hoanh d6 giao diém v1-x* =0 < 1-x° :OQ{ 1
X =

— Can tha nhat: x=-1, can tht hai ; x=1
1 2
> ThétichV =z (\/1—x2) _0?
-1

Str dung may tinh Casio vai 1énh tinh tich phan

(sFT) (x10°) ISHIFTlE A= @OEHO®@IE

Math &

w1152 Lo

dx

=
=V = ﬂ;r
» Vay ta chon dap an D
VD3-[Thi thir chuyén Lam Son — Thanh Héa lan 2 nim 2017]
Cho D la mién hinh phing gi6i han béi y =~/sinx;y =0;x = 0;X=% . Khi D quay quanh Ox tao
thanh mot khéi tron xoay. Thé tich cua khéi tron xoay thu duoc 13 :

A. B. C. 2n D.
1 b 2

GIlAl
> Ham tha nhat: y=+/sinx , ham tha hai: y=0

Can thir nhat : x =0, can tha hai : x=%

» ThétichV = ﬂﬂ(\/sin x)2 —0%[dx
0

Str dung may tinh Casio vai 1énh tinh tich phan

(sT) (o) (@) () (x10) (7=) (swFT) (yp) (sin) @®O@ ®2

[P Math &

B

n
n[ﬁlsintxnldx ;
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=>V=r
» Vay ta chon dap an B

VD4-[Sach bai tap giai tich nang cao I6p 12 T.154] 7 ‘
Tinh thé tich khoi tron xoay tao thanh khi quay quanh truc tung hinh phang gigi han boi d6 thi ham

. «/2
SO X = y va cac duong thang y=0;y =1
y’+1
1
A. B. c.2” D. 2x
21 3n 2

GIAl

> Ham tht nht x = szl ham the hai © x =0
y +
Canthirnhat y=0, canththai y=1

[ o

y® +1

> Thétich V = 7Z'I dy

Str dung may tinh Casio vai Iénh tinh tich phéan

(stF) (x10Y) (/=) (stFr) ) (O (B (vam) (2] () O) @ (et O] (23 (1) (D & O (&3

@@@@@E o
Hallzze] |87
EI[
:>V:17z
2

» Vaytachon dap an C

VD5-[Sach bai tap giai tich nang cao I6p 12 T.154] 7 ‘
Tinh thé tich khoi tron xoay tao thanh khi quay quanh truc tung hinh phang gigi han bai d6 thi ham
s6 y =2x—x? va cac duong thang y=0,y=2 :

A 2 B. 21 C.5" D. 3,
3 3

GIAl
> Xét y=2x-x* & (x-1)" =1-y
Vi (x-1)"20&1-y>0< y<1Khido x-1=+/1-y < x=1+,1-y ham thi nhit
c6 dang x:1+\/1—_y, ham th hai : x:l—\/l—_y
> Phuong trinh hoanh d6 giao diém 1+\/]j =1—\/ﬂ = \/]j =0coy=1

Vi y<1 = céan thia nhat x=0 va can thir hai y=1

1

> Thétich V :nj‘(lh/l— y)2 —(2—4/1— y)z‘dy
0

Str dung may tinh Casio vai 1énh tinh tich phan

(stirr) (x107) (=) (stFr) fye) (3 (1) () (va) (1] (=) () ) & O (3 (2 (D (1] (&) (vl
LEEINEHNP®LD®IE
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Math &

JIJ | (1T 51
8.3770a041

=V =8,3775...= §7r2

» Vay ta chon dap an B

VD6-[Sach bai tap giai tich nang cao I6p 12 T.154] 7
Tinh thé tich khoi tron xoay tao thanh khi quay quanh truc tung hinh phang gigi han bai hinh tron
tron tam 1(2;0) bankinh R=1:
A. B. , C. 5n D. ,
4n 4n 5T
GlAl
> Ham thir nhét 1a ding tron tm 1(2;0) ban kinh R=1 c6 phuong trinh
(x—2)2 +(y—0)2 :1c>(x—2)2 =1-y?
Vi (x-1) 201-y? >0 1<y <1 Khido x—2=+1-y? <> x=2+./1-y* ham

thir nhat c6 dang x =2++/1—y?, hamthirhai : x=2—1—y?

. =-1
» Phuong trinh hoanh d¢ giao diém 2+/1— y’ = 2—\/1— Yy o \/1— y' =0 [y 1
y =

— Can thr nhat y =—1 cantha hai y=1

o7 (o5

> ThétichV = nj

Str dung maytlnh Casio véi Iénh tinh tich p é

(shiFT) (x107) (/=) (sF7) fye) (O (2] () (va) (] (=) (ALeha OO]XEM@E=)

FuEEhEChEREROBE
nft, [ (2ef1=2) %
39. 4784176

=V =39.4784...= 4x?
» Vay ta chon dap an A
VD7-[Thi thir b4do Toan hoc tudi tré lan 3 nim 2017]
Tinh thé tich V caa vat thé nam gitta hai mat phang x=0 , x=1, biét rang thiét dién cua vat thé
cat boi mat phing vudng goc véi truc OX tai diém c6 hoanh @6 x (0<x<1) la mot tam gidc déu

c6 canh la 4, /In(1+ X)

8v3(2In2-1
A. 43(2In2-1) B. 43(2In2+1) C. 83(2In2-1) D. 16n(21n2-1)
GIAI
» Thiét dién cua vat thé va mat phang vudng goc vai truc Ox 1a tam giac déu co dién tich

Jg(41/In(l+ x))2 a3

S=5(x)= 2 = (1+x)

> Diéntich S =S(x) lamot ham lién tuc trén [0;1] nén thé tich vat thé can tim duoc tinh theo

1
cong thuc V = [4{/3In(1+x)dx =2.7673...=44/3(2In 2-1)
0

FHA@EEEMNODHEkEUN@®OU®OE
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[F| Math &

|LaFInc1+xon
2, 676325041

= Tachon dap an A
BAI TAP TU LUYEN

Bai 1-[Pé cwong chuyén KHTN Ha Ni nim 2017]
Goi (S) 1a mién gi¢i han béi duong cong y =x* , truc Ox va hai duong thang x=1x=2 . Tinh

thé tich vat thé tron xoay khi (S) quay quanh tryc OX :

A1 g 3m, 1 c. 3r p. 3% 4
5 3 5 3 5 5

Bai 2-[Thi thir THPT Nguyén Pinh Chiéu — Binh Dinh lan 1 niim 2017] ‘ ,
Thé tich khoi tron xoay tao thanh khi quay quanh truc Ox duoc giGgi han boi do thi ham so

y =(2-x)e? va hai truc toa do
n(2e* —10
A 210 B 510 c. ) D- n(2¢ +10)
Bai 3-[Thi thir chuyén Vi Thanh — Hau Giang nam 2017]
Cho hinh phang (H ) gi6i han bai cac duong y =sinx;x=0;x = . Thé tich v4t thé tron xoay sinh

bai mat phang (H) quay quanh truc Ox béng :

) L
. B. L C. 4 D. X
21 2 2
Bai 4-[Thi thir Trung tam Diéu hién — Can Tho ldn 1 nim 2017]
Cho hinh phang (H) gi6i han béi y=2x—x*, y=0 . Tinh thé tich cta khdi tron xoay thu dugc
khi quay (H) xuong quanh truc Ox ta dugc V = ﬂ[%ﬂJ . Khi @6
A a—1b=15 B 7b=15 C.a=24Lb=15 D i —166-15
Bai 5-[Cau 54b Sach bai tap giai tich nang cao 12]
Tinh thé tich V cua khdi tron xoay tao thanh khi quay hinh phang (H) gi¢i han béi cdc duong
y = x*, truc tung va hai duong thang y =1, y =2 quanh tryc Oy . Khang dinh nao dung ?

A. B. C.vVv>4 D.
V>5 V<2 V<3

Bai 6-Cho hinh phang (S) gi¢i han bai cac duong y =2x—x* (C) , truc tung . Khi quay hinh (S)
quanh truc Oy s& tao thanh vat thé tron xoay c6 thé tich 1a bao nhiéu ?
11x
A v=2" B.v=2" c.' % D. v=5"
2 4 3
Bai 7-Tinh thé tich khdi tron xoay tao nén khi cho hinh tron tam | (2;1) ban kinh R =1 quay quanh
truc Oy
11n?
V =
A B. v-1l, c.' 2 D. 2
V =4rn 2 V=4n
Bai 8-[Bai 29 trang 172 Sach giao khoa giai tich nang cao 12]
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Tinh thé tich caa vat thé nam giita hai mat phang x=-1, x=1 . Biét rang thiét dién cua vat thé bj
cat boi mat phang vudng goc véi truc Ox tai diém c6 hoanh d§ x (—1<x<1) la mét hinh vudng

c6 canh 13 24/1— x?

16
A 17 B.2 C.3 D.
4 2 5
Bai 9-[Bai 30 trang 172 Sach giao khoa giai tich nang cao 12] ’
Tinh thé tich cuaa vat thé nam gitra hai mat phang x=0, x = . Biét rang thict dién cua vat thé bi

cat boi mat phang vudng goc véi truc Ox tai diém c6 hoanh d6 x (0<X<7) la mt tam gidc déu
cd canh la 2+/sin x
) ) . N3 )
A B B. .3 C.\3 D., 5

Bai 1-[Pé cwong chuyén KHTN Ha Ngi nim 2017]
Goi (S) 1a mién gi¢i han béi duong cong y =x* , truc Ox va hai duong thang x=1x=2 . Tinh
thé tich vat thé tron xoay khi (S) quay quanh tryc Ox :

3lr 1 3in 1 3ln 31irn

A ——= B. —+= C. — D. —+1
5 3 5 3 5 5

GIAI
Duong cong thir nhat y = f (x)=x* , duong thir hai Ia truc hoanh c6 phuong trinh y =g (x)=0
Hinh phang gigi han bai duong cong thir nhat y = x* |, truc hoanh y =0 va hai dudng thang
. 2 ar N 2 2 2
x=1x=2cothétichlaV :ﬂ_[l ‘fz(x)—gz(x)‘dx:ﬁjl ‘(xz) —0?|dx
(sner) (x10 (=) str) foye) (O (i) O] (23 ) (23 B @) (I @ I @ (2] (3
o} Math &
i I
RIS R
Sl
= I
= Pap s chinh xac 1a C
Chu y: Chdi y cong thiic tinh thé tich c6 7 va c6 binh phuong cua f2(x) , g®(x) . Rat nhiéu hoc
sinh thuong quén nhitng yeu t6 nay so véi cdng thic tinh dign tich.
Bai 2-[Thi thit THPT Nguyén Binh Chiéu - Binh Binh lan 1 nim 2017] ‘ ’
Thé tich khoi tron xoay tao thanh khi quay quanh truc Ox duoc gidi han boi do thi ham s6

X

y =(2-x)e? va hai truc toa do

2
A. B. ) mt(2e” —10 D.
2¢* ~10 2¢* +10 c. ) n(2¢* +10)
GIAI
Hinh phang dugc gisi han boi duong thir nhat c6 phuong trinh y = f (x) =(2—-x)e? va duong tha
hai 1a truc hoanh c¢6 phuong trinh y =g (X) =0 .Hinh phing duoc gi6i han boi tryc tung nén c6 can

tht nhat x=0. Xét phuong trinh hoanh 6 giao diém dudng cong y = f (X) va truc hoanh :

(2-x)e2 =0< x=2 = Can thit hai la x=2
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= Thétichcantimla Vv :njlz‘fZ(X)—gz(x)‘dx:ﬂjoz

=15.0108... =7z(2e2 —10)

(stF) (x109) (=) (stF) fye) (O (3 (2] (=) (aew) O] O (aei) (x109) () () (e O] @ 2 &> &
®@E©@Mthl

R TN
15. 01038218

— Pap s chinh xac 1a C
Bai 3-[Thi thi chuyén Vi Thanh — Hau Giang nam 2017]
Cho hinh phang (H ) gi6i han béi cac duong y =sinx;x=0;x = . Thé tich v4t thé tron xoay sinh

bsi mat phang (H) quay quanh truc Ox béng :

2 Tcz
A. B. = C. 4 D. -
2n 2 2
GIAI
= Ham thtr nhat y = f (x) =sinx , ham tha hai (cia truc Ox) 1a y =0 . Can thir nhat x=0 , can thtt
hai x=7 .

2
= Thétichcantim V = ﬂj.oﬁ‘ f?(x)-g? (x)‘ dx = 7Z'J.0”‘(Sin x)* —0?|dx = 4.9348...= %

(stF7) (wong) (4] (stFr) (x109) (/=) (sFT) (ryp) (sin) @®O@>® =)

Math &

m| 7 |sinio? |
4, 934802201

— Pap sb chinh xac 1a B

= Ch ¥: Pé tinh tich phan ham lwgng gidc ta can chuyén may tinh vé ché do Radian (4]
Bai 4-[Thi thir Trung tdm Diéu hién — Can Tho 1an 1 nim 2017]
Cho hinh phang (H) gisi han béi y=2x—x*, y=0 . Tinh thé tich cua khdi tron xoay thu duoc

khi quay (H ) xuong quanh truc Ox ta duoc V = ﬂ(%ﬂJ . Khi @6

A —1b=15 B. e 715 & m=a =l D c16b=15
GIAI

= Phuong trinh hoanh d¢ giao diém 2x—x* =0 < { = can tha nhat x=0 can thi hai x =2

X=2
Ta duoc can thtr nhat X =0 va can thtr hai x=a . Khi d6 dién tich hinh phang 13 :

S= ﬂz&-o\dx
0

16

= Tinh thé tich V =;zjo”\f2(x)—g2(x)\olx=7zj0”‘(2x—2)2 ~0%ldx=o7

(stiFT) (x109) (=) (e fye) (O (2] (i) O] (=) (e O BJ o) (3 OJ (2 @ (0 @ (2] (=)
Math &

m| S| (2x-52) = T
14
gl
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MaV=7r(E+1j a,, 16 3 1 o 1p-1s
b b = 15 b 15

— Pap s chinh xac 1a A

Bai 5-[Cau 54b Sach bai tap giai tich nang cao 12]

Tinh thé tich V cua khdi tron xoay tao thanh khi quay hinh phang (H) gisi han béi céc duong
y = x® , truc tung va hai duong thang y =1, y =2 quanh truc Oy . Khing dinh nao ding ?

A. B. C.Vv>4 D.
V>5 V<2 V<3

GIAI
Hinh phing (H) gi6i han boi duong thir nhit x = f (y)=3fy va duong thir hai (truc tung) : x=0
.Canthanhit y=1vacanththai y=2 .

2
Theo cdng thic tinh thé tich vat thé tron xoay khi quay quanh truc Oy : V = nf[ f2(y)-9° (x)]dy

:ﬂj[(é/?)z —Oz}dy:4.099...>4
ISHIFT][x10x].[8H|FT]-.EMEI@--@-.E]@@@@@E}

nﬁ |(3m)*
4. 099405555

= Dap sé chinh xac laC » ﬂ

Chu y: Bé tinh thé tich hinh phang xoay quanh truc Oy thi phai chuyén phuong trinh duong cong
védang x=f(y) va x=g(y)

Bai 6-Cho hinh phang (S) gi¢i han béi cac duong y =2x—x* (C) , truc tung . Khi quay hinh (S)

quanh truc Oy s& tao thanh vat thé tron xoay c6 thé tich 1a bao nhiéu ?

11n
A v=2" B.V=2" c' % D. v=5"
2 4 7 3
GlAI
x=1+1-y (AO
Xét y=2x-x* = (x-1)' =1l-y = y (A0) véi y <1 . Buong cong (C) chia lam 2
x=1-\1-y (AB)

nhanh.
Phuong trinh tung d6 giao diém hai nhanh : 1+ \/1— y =1—\/1— y < \/l— y=0coy=1

Theo cong thirc tinh thé tich vat thé tron xoay khi quay quanh truc Oy :

v - ﬂj[(w—) ~(1-E=y) Jy-s3775.. -5

(stirr) (x107) (=) (stFr) fye) (3 (1) () (va) (] (=) () ) & O (3 (5 (A (D) (H) (va) (1D
SIENNICINEIOIUIOIEIE
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Math &

mf L1+ 2=k
9. 3775041

— Pap s chinh xac 1a D
Bai 7-Tinh thé tich khdi tron xoay tao nén khi cho hinh tron tam | (2;1) béan kinh R =1 quay quanh
truc Oy

1 v 117
A. B.V=—=n cC. 2 D. )
V =4n 2 ., V =4n
GIAI

» Phuong trinh duong tron (I;R):(x—2)2+y2=1<:>(x—2)2=1—y2 & x=2+,/1-y* . Duong
x=2+1-y* (CB)
x=2-41-y* (CA)

':,I'J

tron (C) chia Iam 2 nhéanh. {

= Theo cong thuc tinh thé tich vat thé tron xoay khi quay quanh truc Oy :

V= 2;;}[(241-7)2 —(2—\/1—7)2}@ —30.4784...= 47
0

(2] (sar) (x109) (&) e oy (O ) (B (e D e DI & D @A = ([ (2 (=)
E]E]@@@@E]E]

Math &

on |2 | (24172 )%
39. 4784176

— Pap s6 chinh xac 1a A

Bai 8-[Bai 29 trang 172 Sach gido khoa giai tich nang cao 12]

Tinh thé tich caa vat thé nam gitta hai mat phang x=-1, x=1 . Biét rang thiét dién cua vat thé bj
cat boi mat phang vudng goc véi truc OX tai diém c6 hoanh d§ x (—1<x<1) la mét hinh vudng

c6 canh 13 24/1- X2

A B.
1

16

C. D.
3 q 5
GIAI
= Thiét dién cua vat thé tao bai mat phang vudng géc vai truc Ox la hinh vudng . = Dién tich thiét
dign S =S(x)=4(1-x*) .

N[O

1
= Viham S =S (x) lién tuctrén [~1:1] nén vat thé co thé tich 14 : V. :j4(1—x2)dx:%
O
@@@@E]E]@E]@

1 Math &
|l a2

=
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— Piép s6 chinh x4c la C
Bai 9-[Bai 30 trang 172 Sach giao khoa giai tich nang cao 12] ‘
Tinh thé tich cua vat thé nam gitra hai mat phang x=0, x = . Biét rang thiét dién cua vat thé bi

cat boi mat phang vudng goc véi truc OX tai diém c6 hoanh d x (0<x<7) la mot tam gidc déu

c6 canh 12 2+/sin x

3
AR B. .3 C.f D., 5
» GIAI
= Thiét dién cua vat thé tao bai mat phang vudng goc vai truc Ox 1a tam giac déu = Dién tich thiét
2
\/§ 2+/sin x
dién S :S(x):¥:\/§sinx .

= Viham S =S(x) lién tuc trén [0; 7] nén vat thé co thé tich 1a : V =J.\/§sin xdx=%

(er) ooe) (4] (=) () (3) @ ein) @) 0 0] @ (0] @ () o) (E)

Math &

|2 Esincoy
3, 464101615

— Pap s chinh xac 1a D
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PHU'O'NG PHAP CASIO - VINACAL

BAI 22. TINH NHANH QUANG PUO'NG VAT CHUYEN PONG.

1) KIEN THUC NEN TANG

Quing dwong di dwoc ciia mat vat : Mot vat chuyén dong cé van tdc thay ddi theo thoi gian
4

v = f (t) trong khoang thoi gian tir t, dén t, thi quang duong vat di duoc a: S :_[ f(t)dt

)

2) CACH TINH NGUYEN HAM

VD1-[Cau 24 Pé minh hoa BGD-PT lin 1 nim 2017]

Mot 6 t6 dang chay vai van to 10m/s thi nguoi lai dap phanh, tir thoi diém d6, 6 t6 chuyén dong
cham dan déu véi van toc v(t)=-5t+10(m/s) trong dé t 1a khoang thoi gian tinh bang gidy, ké
tir 10 bat dau dap phanh. Hoi tir lac dap phanh t6i khi ding han, 6 t6 con di chuyén duoc bao nhiéu

A. 0,2m B. 2m C. 10m D. 20m
GIAl

s Céach1:CASIO

> Tac6 quang duong S(t)=v(t)t . Viphan 2 vé the t ta dugc

S'(t).dt=v(t)dt =S'(t)=v(t)

tl
= S(t) 1a1 nguyén ham cua v(t) = S(t) :Iv(t)dt
tO
> Khi xe dirng han thi van tdc tai diém ding =0<0=-5t+10 <t =2
Chon gdc thoi gian t, =0 thi t, =2

2
Quéng dudng 14 S = [ (-5t +10)dt
0

Str dung may tinh Casio vagi chic nang tinh tich phan

EOEEEHNBHNOOICDN®EE

|2 (-me 1000
10

Quang duong S =10m . Vay dap an chinh x4ac1la C

< Binh luan :

e Nhéc lai kién thic quan trong nhét cia Tich phan : Néu ham F(x) 1a mot nguyén ham cia
f(x) thi F'(x)=f(x)

e Chinh ap dung kién thuc trén tathdy S'=v(t) = S lamot nguyén ham cua v(t)

:S(t):tjv(t)dt

VD2-[Pé cwong chuyén KHTN Ha Néi nim 2017]

Ldc 9h sang, mot 6 td bat dau xuat phat tir Nha hat Lon thanh phd Ha Noi di thanh phd H6 Chi
Minh. Trong 1 gio dau tién, vi xe di trong noi thanh nén téc do di chuyén chua nhanh, xe 6 t6 di voi
van toc v(t)=0,5+0,2.coszt (km/phat), trong d6 t 1a thoi gian ké tir lic xe 6 6 xuat phat duoc

tinh bang don vi phat. Hoi Iic 9h10" x 6 t6 di dugc quing dudong bao nhiéu km ?
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GIAI
% Cach1:CASIO
> Tacd quang duong S(t)=v(t)t . Viphan 2 vé the t taduoc

S'(t).dt=v(t)dt<S'(t)=v(t)
= S(t) 1a 1 nguyén ham cua v(t) = S(t Iv

> Chon gdc thoi gian 1Gc 9h 1a t, =0 thi ldc 9h10 lat =10
Quing duong la S :T(0.5+0.2c037zt)dt

0
Str dung may tinh Casio va4i chic nang tinh tich phan
(snrr) woog) (4] (=) (J (0] (=] (8] () (0] (=] (2] (eed) (ster) (10 (i) O] ) B @
oms | |
at

|22 ¢0.5+0. 2080
:

Quang duong S =5m . Vay dép an chinh xac 1a B

% Binh luén :

e Bai toan rat chuan muc vé phép tinh toan, con sé ra ciing phan anh tinh trang tic xe toi té &

Ha Noi khi 10s chi di duwoc c6 5m .
VD3-[Thi thir chuyén Ha Long — Quang Ninh lan 1 nam 2017]
Mot vat chuyén dong véi van toc thay doi theo thoi gian dugc tinh bai cong thirc v(t)=3t+2 , thoi
gian duoc tinh theo don vi gidy, quing duong vat d6 di chuyén dugc tinh theo don vi m . Biét tai
thoi diém t=2(s) thi vat di chuyén duoc quang duong la 10(m) . Hai tai thoi diém t=30(s) thi
vat di chuyén duoc quing duong dai 1a bao nhiéu ?
A. 1410m B. 1140m . C. 300m D. 240m
GIAI
% Céach 1: CASIO
> Tac6 quang duong S(t)=v(t)t . Viphan 2 vé the t ta dugc

S'(t).dt=v(t)dt<S'(t)=v(t)
= S(t) la 1 nguyén ham cua v(t) = S(t Iv

> Chon thoi gian luc dau 1a t, sau 2 gidy thi t, _t0 +2
th+2
Quangduong la S = [ (3t+2)dt
ty
t+2

Détim t, tathiét lap quan h¢ [ (3t+2)dt=10(m). Tady dodn t, cOthé 140 1;2... vata
ty

tién hanh thir vai t, =0

Str dung may tinh Casio véi chirc nang tinh tich phan

FHOBEOEHAMNOOU®E2E
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7| Math &
Z
|2 cane2yos
10
Ta thay két qua ra 10(m) vy du doan ctia ta ding va t, =0

ty+30 30

» Quing duong vat di duoc sau 30 gidy la: S, = j (3t+2)dt = [ (3t+2)dt
0
.-@--.@-C@@@@@@

|27 a2y
1410

Tathdy S, =1410(m) va A la dép an chinh xac
< Binh luén :
e Mdc thoi gian ban dau khdng nhat thiét phai bang 0 tuy nhién khi sir dung phép thir dé tim
t, thitaluoén vu tién t, =0
VD4-[Thi thir chuyén Ha Long — Quang Ninh lan 1 niim 2017]
Mot van dong vién dua F, dang chay véi van tot 10(m/s) thi anh ta tang toc Véi gia to
a(t)= 6(m/sz) trong d6 t 1a khoang thoi gian tinh bang gidy tir luc tang téc. Hoi quing dudng xe
cua anh ta di duoc trong thoi gian 10(s) ke tir I0c bét dau tang toc 1a bao nhiéu ?
A. 1100m B. 400m C. 1010m D. 1110m
GlAl
% Céch1:CASIO
> Tac6 quang duong S(t)=v(t)t . Viphan 2 vé the t ta dugc
S'(t).dt=v(t)dt < S'(t)=v(t)

= S(t) la1nguyén ham cua v(t) = S(t Iv

> Vantoc caaxe v(t)=v,+a(t)=v(t )=10+6t
Chon gdc thai gian Ic xe bat dau ting toc 1a t, =0 vay t, =t, +10 =10

10
Quéang duong la S = I(10+ 6t)dt

0
Str dung may tinh Casio vai chirc nang tinh tich phéan

EOHOBEEDDIOU@DOE

Math &

|2 c10+exya
400

Ta thay két qua ra 400(m) vay B la dép 4n chinh xéc
«» Binh luan:

2 2
e Taco thé giai theo cong thirc vat Iy : S =v,t +% =10.10+ 6.10

=400(m)

BAI TAP TU LUYEN

| Bai 1-[Thi thir THPT Lwong Thé Vinh — HN lin 2 nam 2017]
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Gia str mot vat tir trang thai nghi khi t=0 chuyén dong véi van toc v(t)=t(5-t) (m/s) . Tinh
quing duong vat di dugc cho dén khi nd ding han
125 125 125 125

A — B. — C. = D. —
Bai 2-[Thi thi Group nhém toan Facebook nam 2017] .7 ’
Hoc sinh lan dau thur nghiém tén lua ty che phong tir mat dat theo phuong thang ding vai van toc
15m/s Hoi sau 2.5s tén lura 1én dén @6 cao bao nhiéu ? Gia sir bo qua stirc can cua gid, tén lira chi
chiu tac dong cua trong luc g = 9.8(m/ 32)

A. 62.25m B. 6.875m C. 68.125m D. 30.625m
Bai 3-[Bai 15 trang 153 Sach gido khoa giai tich nang cao 12]
Mot vat dang chuyén dong véi van téc v=10(m/s) thi ting toc véi gia toc a(t) =23t +t> (m/sz) .

Tinh quang duong vat di duoc trong thoi gian 10(s) ke tir Itc bét du ting toc

A. 996m B. 1200 C. 1680m D. 3600m
Bai 4-[Pé cwong chuyén KHTN Ha Ngi nim 2017]
, . . sin (7t . :
Mot vat chuyén dong véi van toc v(t) = 2i+¥ (m/s) . Quang duong di chuyén cua vat d6
T T
trong khoang thoi gian 1,5 gidy chinh xac dén 0,01(m) la:
A. 0,32m B. 0,33m C. 0,34m D. 0,35m

Bai 5-[Thi thir nha sach Lovebook lan 1 nim 2017]
Mot bac thg xay bom nuéc vao bé chira nudc. Goi h(t) la thé tich nuée bom dugc sau t gidy. Cho
h'(t)=3at’+bt véi a,b la cac tham s6. Ban dau bé khong c6 nudc. Sau 5 gidy thi thé tich nuéc
trong bé 1a 150m™ , sau 10 gidy thi thé tich nuéc trong bé 1a 1100m* . Tinh thé tich nudc trong bé
sau khi bom dugc 20 giay.

A. 8400m° B. 2200m° C. 600m° D. 4200m°

Bai 1-[Thi thit THPT Luwong Thé Vinh — HN l4n 2 niim 2017

Gia stir mot vat tir trang thai nghi khi t=0 chuyén dong véi van toc v(t)=t(5-t) (m/s) . Tinh
quang duong vat di dugc cho dén khi né dung han

125( ) 125( ) 125( ) 125( )

A — B. — C. — D. —
12 9 3 6

GIAI
Thoi diém t, =0 V4t ¢ trang thai nghi. Tai thoi diém t, (t, >t,) vat dung lai han khi d6 v(t)=0
<t (5-1)=0<1=5
Van toc 1a mot ham bién thién theo thoi gian, dong thoi V( ) lién tuc trén mién [O' 5] = Quang
125

duong vat di chuyén tir trang thai nghi dén khi ding han 1a : Iv dt = _[t 5 t dt = s

F@OOEEmMONCU®EE

ID:-:EE—:-:MH Los

&
= D la d4p an chinh xac
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Chu y : Van tdc cua vat theo thoi diém néu biéu dién trén truc toa do Oxy s& 1a mét Parabol . Dya
vao d6 néu dé bai yéu cau tim thoi diém dé vat c6 van tdc 16n nhat thi ta dwa vao toa do dinh cua

5 . . L LR R 5 25
Parabol suy ra t = > va van toc 1on nhat vat cd thé dat duoc la V(E) = Z(m /s)

Bai 2-[Thi thi Group nhém toan Facebook nim 2017] i )
Hoc sinh lan dau thir nghiém tén Iia tu ché phong tir mat dat theo phuong thang ding vai van toc
15m/s Hoi sau 2.5s tén lua 1én dén d6 cao bao nhiéu ? Gia sir bo qua strc can cua gio, tén Itra chi
chiu téc dong cua trong luc g =9.8(m/s’)
A. 62.25m B. 6.875m C 68.125m D. 30.625m
GIAI
Phuong trinh van téc theo thoi gian v(t)=v, + gt =15-9.8t
Vi ham v(t) lién tuc trén mién [0;2.5] nén quang duong vat di chuyén tir thoi diém t, =0 dén thoi
25

b
diém t, =2.5(s) duoc tinh theo cong thirc : S = [v(t)dt = [ (15-9.8t)dt = 6.875(m)

E]@E]E@E]@O@@@E]@E]

Math &

|25 (15-9. 880
6. 875

= Néu Chc_)n thi chon dap an B 7 7
Chu y : Néu xét theo phan loai dang vat 1y thi day la dang bai chuyén dong thang dung
Bai 3-[Bai 15 trang 153 Sach gido khoa giai tich nang cao 12]
Mot vat dang chuyén dong véi van toc v=10(m/s) thi ting toc Vi gia toc a(t)=3t+t? (m/sz) :
Tinh quing duong vat di duoc trong thoi gian 10(s) ké tir Itc bt dau ting toc
A. 996m B. 1200 : C. 1680m D. 3600m
GIAI
Ta c6 van tdc V(t) =V, +at =10+ (3t +1? )t va V(t) 13 mot ham bién thién theo thoi gian va lién
tuc trén R = Quang duong vat di chuyén tir thoi diém t, =0 dén thoi diém t, =10 dwoc tinh

10

theo cong thie S =S(t)= tjv(t)dt = [ (20+(3t+t*)t)dt = 966 (m)

t 0
FEOONO0HOBEEDH e E @ 0O0@®E0]E
B

Math &
10 .
|22 010+ Canen) b
| 3600
= Pap s6 chinh xac 1a D
Chi y : Ta phai nhé 16 cong thirc v(t) =V, +at voi a=3t+t? tranh nham 1an at =3t +t?
=Vv(t)=10+3t+t*a sai
Bai 4-[Pé cwong chuyén KHTN Ha Ngi nim 2017]

. . . 1 sin(zxt ) ,
Mot vat chuyeén dong véi van toc v(t) = 2—+ﬂ (m/s) . Quang duong di chuyén cua vat do
/A
trong khoang thoi gian 1,5 gidy chinh xac dén 0,01(m) la:
A. 0,32m B. 0,33m ‘ C. 0,34m D. 0,35m
GIAI
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= Vantde v(t) 1a mot ham bién thién theo thoi gian = Quang dudng vat di chuyén tir luc bat dau

t6i thoi diém 1,5 gidy 1a Iv = J'L Smiﬂt j =0.34 (s) (sau khi lam tron)
m-@.-.E]@@ x109) > () () (sin] (suFT) (107 (el O O @
EWCB.@@QDE]E]@@
(e
0. 3400535953

= C la dap an chinh xac
Bai 5-[Thi thir nha s&dch Lovebook lan 1 nam 2017]
Mot bac the xay bom nuéc vao bé chira nuée. Goi h(t) l1a thé tich nuée bom duoc sau t gidy. Cho
h'(t)=3at’+bt véi a,b la cac tham sb. Ban dau bé khong c6 nudc. Sau 5 gidy thi thé tich nuéc
trong bé 1a 150m™ , sau 10 gidy thi thé tich nuéc trong bé 1a 1100m* . Tinh thé tich nudc trong bé
sau khi bom dugc 20 giay.
A. 8400m° B. 2200m° C. 600m’ D. 4200m°
GIAI
h (t) 13 mot ham bién thién theo thoi gian va lién tuc trén R = Thé tich nudec bom duoc tinh
4
theo cong thue V =h(t) = J.(Sat2 + bt)dt

)

5
Tai thoi diém t, =5 gidy thi V = [(3at’ +bt)dt =150(m?) (at3 b; Jo—lso
0

<125a+12.5b =150

10 2
Tai thoi diém t, =10 gidy thi V = j (3at” +bt)dt =1100(m°) <> (at +b%j
0

5
=1100
0

<1000a+50b =1100
125a+12.5b =150

1000a +50b =1100

g (5 HNRGEEOEUOLEENEOOEOHO0NOMOEE W]
E0dOEEE

Math¥ [F| Math &

A= =
1 2

20
Vay tai thoi diém t, = 20 thi thé tich V = j 3t + 2t)dt =8400 = A la dap an chinh xéc

-.@-...@-..6)@@@@@

Math &

|2 (w2 +2%)
54010

= Giai h¢ phuong trinh {
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PHU'O'NG PHAP CASIO - VINACAL

BAI 23. GIAI NHANH BAI TOAN TiCH PHAN CHONG LAI CASIO.

1) KIEN THUC NEN TANG

=

1.K§ thuat ép hé phwong trinh : Cho hé thuc I f (x)dx=f(a,b,c) , mudn tim a,b,c théa man

N}

hé thirc h(a,b,c)=m . Ta sé tinh gié tr tich phan J X)dx =réi luu vao A .

f(ab.c)=A
h(a,b,c)=m

nang do nghiém SHIFT SOLVE hoic chirc nang 1ap bang gia tri MODE 7 cua may tinh Casio
(Xem vi du minh hea 1, 2, 3, 4, 5, 6)

Vay ta sé ép dugc hé phuong trinh { . Dé giai hé phuong trinh nay ta sé& str dung chirc

2.Ky thuat ép can nguyén ham : Cho nguyén ham gocJ' dx va nguyén ham hé qua

j ( )dt qua phép ddi bién x=u (t) . Pé str dung duoc may tinh Casio ta ép hé sé cho nguyén

ham géc dé tro thanh tich phan xéac dinh j x)dx . Vi nguyén ham gdc va nguyén ham hé qua la

tuong duong nén f dx J dx (a',B'1a 2 can méi)

éXem vi du minh hoa 7,8,9)

VD1-[C4u 26 Pé minh hoa B GD-PT lin 2 nim 2017]

4
Bié't_[ de =aln2+bIn3+cIn5 vdi a,b,c la cac s6 nguyén. Tinh S=a+b+c
X2 + X

A.S=6 B.S=2 C.S=-2 D.S=0
GIAI
»  Tinh tich phan j va luu vao bién A
X + X
--m®-q5---®@®@m@ 6 6@
Jd ' ANS+A
I RE 4y
0. 06453852114 0. 06453852114
> Khidé A=aln2+bIn3+cIn5<> A=In(2°.3"5°) < 22.3°5° :eA:%
(areen) (x109) () [AlPHA] =)
Math &
Eﬁ
15
15
Dé& thly — 16 2222 _jugiga_pagege =a=4b=2c=41=5=
15 35

= Piép s6 chinh xac 1a B
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VD2-[Téng hep tich phan chéng Casio — Internet 2017]
2

Cho 1 :_[In(x+1)dx =aln3+bIn2+c (a,b,ceZ) . Tinh gia tri cua biéu thic A=a+b+c
1

A 0 B.1 C.2 D.3
GIAl

2
> Tinh gia tri tich phan | :Iln(x+1)dx roi luu gia tri ndy vao bién A
1
(E ) ) ) H OO @ 1 @ (2) &) ) e ()

[F| Math & Fi Math &

| % 1m0 ANS+A
0.9095425049  0.9095425049

> Khidé aln3+bIn2+c= A In(3°2°%) = Ine” <> 322%° —eh 3220 = &

Dé tinh dugc 3%.2° ta sir dung chirc ning MODE 7 véi ham f (X)=3%2"=—

c

e
() (x109 (=) (i) (@) @ (e (3109 () (e ) B B =1 @ B (1)

OEOE
g | EoE |
0 " -3|us. 86
gl -2
al -1

Quan sat man hinh xem gia tri ndo cua f (X) (ciing la cua 3%.2°) 4 s6 hiru ti thi nhan
Dé thay véi X =c=-1thi 3°.2° =6.75= 2747 =327 = a=3b=-2

Tém lai a+b+c=3-2-1=0

= Dap an A la dap an chinh xéc

VD3-[Téng hep tich phan chéng Casio — Internet 2017]

E i — 9
Cho | :j::'r”‘ﬂdx:(am)lnmmnz (a,b,c Q) . Tinh gid tri ctia biéu thic :
1

In X+ COS X
A=a+b+c
A. 0 B. 1 C. 1 D. 2
2 3
GIAI

F

> Tinh gié trj tich phan | :jwdx roi luu gia tri ndy vao bién A
J sin x+cos x
7

(=) &) (sin) () O OJ (=) feed (ap) B OJ  (sim) (rwt) O O () [eos) (e} O OJ
@ E) A 10 @ A @ @ (B ) 10 @ (2] (E) (A kel (©)

Math &

[F| Fi Math &
-k 0 %00 T e " w11

mSihiRI+Cos (R, ANS*H

0. 3465735505 0. 3465735505
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> Khido (a+b)In3+cIn2=A« In(3".2°) =Ine” . Ma ta tinh dugc e* =+/2
(areen) (x109) () [AlPHA] =)

E|';‘| Math &
1.414213562
=320 =2 =322 :>a+b:0;c=%

11

Tom lai a+b+c:0+§:—
— Dép an B 1a dép an chinh xac

VD4-[Tong hep tich phan chéng Casio — Internet 2017]

1
Cho | :jsin4 xdx=7a+b (a,beQ) . Tinh gia tri cua biéu thic A=a+b

0
AL B. -~ C.4 D. 7
32 32 q
GIAI

2
> Tinh gié trj tich phan | :fln x+1)dx roi luu gia tri ndy vao bién A

-@---n@@)@@-mm@@@m--

Math & Math &

Saincnddy MR

0. 04452431127 0. 04452431127

ra+b=A
> Khido ra+b=A .Néudapsd A dung thi hé ' 11 €6 nghiém hitu ti (thudc Q)

a+b=3—2

@@@@@BEE}@@E}E} -

A= =
3 21
SF El

R rang a=i;b — -1 lacac sé hiwti
32 4
= B la dap an chinh xéc

D5-[Téng hep tich phan chdéng Casio — Internet 2017]

7’ +a

Cho I = | x(1+sin2x)dx =

Ot |y

— (a,b,ceZ) vei — : 413 phan sé tdi gian. Tinh biéu thic

A=a+b
A. 20 B. 40 ~ C.60 D. 10
GIAI

» Tinh gia tri tich phan 1 =

Ot~ [N

x(1+sin2x)dx réi luu gia tri ndy vao bién A
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() (o) ) ([ @ B 6 (21 ) ) ) ) @ @) @ (B ) (<109 @ (4] B

&) D) [©)
Syitesinezie A
0. 5584251375 0. 5584251375
> KMdé”2+a=A.N@daméAdmgﬂﬁa+b=zkzb=20—a:»A:Z;fz

Str dung chirc ning SHIFT SOLVE dé tim a (véi a 1a sé nguyén )

(AreHA) (&) (ALeHA) (cALC) (=) (shiFT) (x10Y) @ (2] (0] (=] (areea) O] (strFT) (cALC)
E00E

p
H— D 5334555554
L-R= 0

Két qua khdng ra mot s6 nguyén = Pap sd A sai

[F: Math

2

> Néudap sé B ding thi a+b=40=b=40-a = A= ZO”"
—a
SEE®O®EH MW E20E
at
A=ga—x
= g
L-F= 0

Vay a=8=b=32
= Dép an A la dap an chinh xéc

VD6-[Téng hep tich phan chéng Casio — Internet 2017]

2 4
Cho | =J‘x3 In2 xdx = 2 C+b (a,b,ceZ) voi %;% la céc phan sé toi gian. Tinh biéu thic
1
A=a+b
A. 15 B. —28 C 36 D. 46
GIAI

2
> Tinh gia tri tich phéan | :Ix3 In® xdx roi luu gid tri ndy vao bién A
1

(=) (ew) O] ([ @) (B i) (2 few) ) ) ) @ @ @ (B ] (10 @ (@) (B

&F) D) [©)
] Math & I|;|| _}I.;.l ] Math &
z
|53 ek 2 s
1. 004267695 1. 004267695
> Khidé aec+b:A . Néu dép sb A ding thi c=15—-a—b =15A—a.A-b.A=ae*+b
15A-a.A—-ae’
=b=
A+1

Str dung chirc ning MODE 7 dé tim a (véi a la sé nguyén)

fwong (7] (B) (1] (5] () () (=) (el () () O] (=) (et (x107) (=) (4] & (wewt) 0
QMOEBHOLEEELEENDE0E
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]
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& ath
Finl
| ﬁ-— g57. 18
g -B]|229. U5
3 -T11201.11
Két qua khong tim ra mot sé nguyén = Dap s6 A sai
4
> Tuong ty nhu vay Véi dap sé C ding thi =b = 36A :'Al ac
+
FOCCEBREEEEDE
at
n Fiil
5 -5
B ol | :
1 -3/ 101.26

1z9.0055741 ,
Ta tim duoc nghiém a =129 la mot s6 hiru ti
= Pap an C la dép an chinh xac

VD7-[Trich dé thi PH khoi B nim 2005]

sin x
(5]

Cho tich phan | = sin 2xdx . Néu doi bién sé t=sinx thi :

O [N

T

1 2
A. I=[e tdt B. I=(e' tdt C. I=2jef.t.dt D. Izzjef.t.dt
0 0

SR IS ]
&=

GIAI

T

2
> Tinh gia tri tich phan | = Ies"‘x sin 2xdx

0
(=) (acehr) (x10) (o) (sin) (e) ) O @ [sin) (2] (i) O] O @ (0] @ () stF] (x10]
@2
_ [F| Math &
Z : i .
J,:, €= ginl 2
, z , ‘
» Neéu dap an A ding thi gia tri tich phan ¢ cau A phai giong gia tri tich phan ¢ d¢ bai va cung
3
bang 2. Tinh 1= [e' t.dt

(ArehA) (x109 (") (&ew) OJ ® O @ ®@DE

JEEHHdH
3. 145al2519

Két qua ra mot s6 khac 2 = Pap s A sai

1
> Tuong ty nhu vay voi dap sé C thi 1= Zjet.t.dt =2

(2] (/&) () O] (arei) (x107) (™) (i) O] ™ (0] @ (1] (=)
1, %
2| L vetots

= Dép an C la dap an chinh xéac
Chu y : Doi can thi phai doi bién = Dé dang loai dugc dap an A va D
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VD8-[Trich dé thi PH khéi D nim 2011]

_ ¢ 4x-1 r :
Str dung phuong phap do6i bién dua tich phan | = | ———==——dx thanh tich phan | f (t)dt . Khi
ung phuong phap p £m+2 p !()
d6 f(t) 1aham nao trong cac ham s6 sau ?
22 —3 (26* -8t+3)(t+2)
)= f(t) t
22— 3 (26> -8t+3)(t+2)
C. f(t)= D. =
(t) 2(t+2) (t) 2t
GIAl
. 4x -1
» Tinh giatritich phan | =
gt P I\/2x+1+2
FHEAErNEO®W @Ak DFHDOeHR®O0® (@)
=
O] Math &
Id S
0 ZE+1 +2
b. &LB07 096
Lo S 203 \ t2t° -3 s
> Néu déap 4n A dung thi f(t)= - va gia tri tich phan I=j T dt =6.2250...diéu nay
+
3
5 2
lasaivi | =j2t 3 4t = 9.6923...
, L+2
..@...@@@...@@@@@@
Mat
= ERE =5
Ja SRz
9. 682361184

Két qua ra mot s6 khac 2 = Dép s0 A sai

» Tuong tu nhu vay vdi dap s6 B chinh xac
FEHEORAkIONEAEEIEOEHE00M OO ER O™
--®@@@@

Math 4
IE [ zxe —EGF-=:+5:' (),
5 %

b. 220077096
VD9-Néu str dung phwong phap ddi bién tim nguyén ham, ta dat t =3/1+Inx thi nguyén ham cua
I In x.3/1+ In x

X
A [3(t°-1)dt B. [t*(t°—1)dt C. [3°(t*+1)dt D. [t*(t°+1)dt
. GIAI |
» Deé co thé s dung may tinh Casio ta phai tien hanh chon can dé dua nguyén ham (tich phan

bat dinh) tré thanh tich phan (tich phan xac dinh) Ta chon hai can 1a 1 va e’ . Tinh gié tri
tich phéan

dx c6 dang :
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e.[ Inx\/1+ln X
1

-@----Eﬂ@@)@.@---@--@@
@ (et (o) (2 (7] B

Math &

£ 1mm}:34'1+1r-.

4. 1?55?1-'—13
x=1=t=31+Inl1=1

> Khi tién hanh d6i bién thi ta phai doi can : Néu dap an A ding
x=e¢' =>t=1+In3" =2

dx =43.1785...

2
thi gia tri tich phan & cau A phai gidng gia tri tich phan ¢ dé bai . Tinh I= j3t3 (£ -1)at
. (=) (pe) (xi07) () ) DI (i ) @ (0] @ (=) () x10) @ lZ] =

EHHdH
4. 745802819

Két qua ra mot s6 khac 2 = Pap s6 A sai

1
> Tuwong ty nhu vy véi dap sé C thi [ = 2J‘ef.t.dt =2
0

EFEEIe)DNEE®AENHEBeEHONOO®RAE

S4D)
|z 345 (451
43, 17857142,

= Daép an A 1a dap an chinh xac
Chua y : Ta cd thé chon can nao ciing dugc khéng nhat thiét phai 1a 1 va e’ (chi can thoa
man tap xac dinh cta ham soé la dugc)
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, . N —— 10x* —7x+2
Vi du 3:Néu f(x) =(ax’ +bx+c)2x—1 1a mdét nguyén ham cia ham s8 g(x) = %
2x—
/’1 h
trén khoang | 12 10 thl a+b+c cogiatrila
A3 B.0 C.4 D.2

Hwéng dan by bikiptheluc.com
Trau bo tw luan

-

I
[ 3]

1= a+b+c=2

a
e ——\' Sa‘ +(2a+3b)x— 2-7_2J
((ax‘+bx+c) 2x—-l] _ ax” +(—2a+3b)x b+c=10x x+ <::>‘b=
c=1

N2x—1 ~2x—1

Casio: Tw duyminh nghi nhw sau:

"1076 -7x+2 dx=F(b)—F(a)

a

Néu GlO’ ta sé chon x sao cho F(a) =0 — x=0.5 nhwng cic em nhin gia tri dao ham khong
xac dinh tai x=0.5 nén ta sé& 13y gia tri lan can 0.5

Chayla f() =(a+b+c)— Chonb=1

1 :_7 )
thy [ 20X TXH2 o aibie
0.5+ax 2x-1
F] Math A B Math A
J‘1 1 4 mxi-?mde
0. SO00000000 1 a0l JEX-1

19999965579
Chon dép anD.
Néu ma dé hoi 4a+2b+c thicic em tinh tich phin tir 0.5+Ax — 2

BAI TAP TU LUYEN

Bai 1-[Téng hop tich phan chdng Casio — Nguén Internet 2017]

n
Cho tich phan Itanz xdx =a+bz (a,beQ) . Tinh gia tri cua biéu thuc P=a+b
0

A p=> B.p=2 c.p-l D. p=i!
n 1 1

q;

Bai 2-[Téng hep tich phan chong Casio — Nguén Internet 2017]

Cho tich phan (a,be Q) Xexdx =ae? +be (a,beQ) . Tinh gid tri cua biéu thic P=a+b

1

A. P:o—l B. P’=0.5 . C. P=1 D. P=2
Bai 3-[Tong hop tich phan chong Casio — Nguon Internet 2017]
2
Cho tich phan f COS?’_X+ZCOSX dx=aln2+blIn3+c (a,b,ceZ). Tinh P=a+b+c
5 2+38in X —C0s 2X
A P=-3 B. P=-2 C. P=2 D. P=1

Bai 4-[Téng heop tich phan chdng Casio — Ngudn Internet 2017]

4
Cho tich phan J.zL=aln2+bln5+clnll (a,b,cez) . Tinh gi tri cia biéu thic
1 2X° +5X+3
P=a+b+c
A. P=1 B. P=-3 C.2 D.0
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Bai 5-[Téng hop tich phan chéng Casio — Nguén Internet 2017]

2 2
Cho tich phan J‘%dx:aln2+bln 3+c (ab,cez) . Tinh gid tri cua bieu thirc
L X+ X
P=a+b+c
A. P=3 B. P=-2 C. 4 D. -1
Bai 6-[Tong hep tich phan chong Casio — Nguon Internet 2017]
N
Néu str dung phuong phap doi bién véi 4n phu t =+/x* -1 dua tich phan | = J. dz( thanh tich
2 XNX° -1
NG
phan nao sau day ?
det Bjdt Cfdt Djdt
BRSNS BEREES| 2 (1 +1) IIGERY
B B 3 B

Bai 7-[Tong hop tich phan chdng Casio — Nguén Internet 2017]
Néu su dung phuong phap do6i bien véi an phu t=1+3cosx dua nguyén ham

1= [ 2X+SINX 4 thanh nguyén ham nao sau day ?

\J1+3cosx

—2t* -1 12t -1 2t-1 1,0-2t-1
A, | ——dt B. - | ———dt C. | —dt D. = | ——dt

=% oI I=F el

Bai 8-[Tong hop tich phan chdng Casio — Nguén Internet 2017]
Néu su dung phuong phap do6i bien véi an phu t=1+3cosx dua nguyén ham

sin 2x +sin x
I = J. dx thanh nguyén ham nao sau day ?

J1+3cosx

2t -1 1,.-2t7-1 2t-1 1,-2t-1
A, | ———dt B. - dt C. dt D. = dt

=% I j Jt I Jt

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Téng hop tich phan chéng Casio — Nguén Internet 2017]

n
Cho tich phan Itan2 xdx=a+br (a,beQ) . Tinh gia tri cua biu thic P=a+b
0

A p=> B.p=3 c.p=t D p-
4 4 4 4

GIAI

s

4
Tinh gia tri tich phan Itanzxdx roi luu vao bién A
0
(ster) fuong) (4] (/&) (tan) (et) O] O] (=3 @ (0] @ (B) () xi0¥) @ (4] (] (st e (&)
]

|Ftancozgy AR

0. 2146015366 0. 2146015366

at+bzr=A
Néu dap s6 A dung ta c6 hé phuong trinh ,_5 =a =1.7334... khong phai 1a s6 hitu ti =
a+b=—
Dap sb A sai

foog (5] D (D EI#AxIEMOEOE0NEEE G EE
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& Math¥
W=
1. 73471105
a+bzr=A _
» Tuong tu nhu vay véi dap an B ta c6 hé phuong trinh b 3 = {b .= B la dap sb chinh
a+b=- =
Xac
EEOEEHEEEE
[} Math¥ [} Math &
A= =
1
7 L ‘ 4
Bai 2-[Tong hop tich phan chong Casio — Nguon Internet 2017]
2
Cho tich phan (a,b Q) Il;zx e*dx=ae’+be (a,beQ) . Tinh gia tri cia biéu thic P=a+b
1
A P=-1 B. P=0.5 VC. P=1 D. P=2
GIAL

1-x

XZ

(3 E 03 W 0@ i O] (3 & @ 109 (@ (H 0] @ (0 @ (2] &) (6

e*dx roi luu vao bién A

2
= Tinh gia tri tich phén I

J‘Eﬁ Hd F] Math & |';'||-'|S-:|.|';'| F] Math &
1 5z £ 0R
-0, 976246221 -0, 97e246221

‘ . ae’ +he=A a=-05
= V6i dap so A ta co hé phuong trinh =
a+b=05 b=1

fwong (5) (1)) (i) (x109) (23 (B) i) (x10) B (e @ E D E O E 0O EEE

[P MathW¥ [P Math &

A= =

“E 1

= Dép s6 A chinh xac ] ‘
Bai 3-[Tong hep tich phan chong Casio — Nguon Internet 2017]

2
Cho tich phan I COS?fXJrZCOSX dx=aln2+bIn3+c (a,b,ceZ). Tinh P=a+b+c
5 2+3SIN X—C0S 2X
A. P=-3 B. P=-2 C; P=2 D. P=1
GIAI

N

COS3X + 2C0S X
2 +3sin x—c0s 2x

(=) & g (3] () O O] () (2] [eod () O] ) @ (2] (F) (3] (sin) () ) O (=] (e
21 (ew) ) ) @ (0 @ (B @) 10y @ (2] (E) () el (©)

dx rdi luu vao bién A

2
= Tinh gia tri tich phan _[
0
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F] Math & F] Math &

E cosi3K)+zcos  ANSHA
0O Z+3=inixl—Co=

0. 8305717579 0. E‘EIDE?I?ET"E'

= Vay aln2+bin3+c=A<In (223%° )= (e*) <223 = = . Tim 223" bang chic nang 1ap

bang gi4 tri MODE 7 Vi bién X =c
(i) (x109) (o) (iped) () @ (el (<109 () (e ) B B = @ E @ @ =
BIs

[F| Math
n Frnl
-3
-2
=1

1
|
g

Ta dugc 2°.3° =18 véi X =c=—-2 .Vay 18=2.3°=223" = a=1;b=2
= P=a-+b+c=1+2-2=1 = Dép s chinh x4c |2 D
Bai 4-[Tong hegp tich phén chong Casio — Nguon Internet 2017]

4
Cho tich phan J' =aln2+bIn5+clInll (ab,ceZ) . Tinh gia trj cua biéu thuc

" 2X° +5x+3

P=a+b+c

A. P=1 B. P=-3 C.2 D. 0

GIAI
Tinh gia tri tich phan J‘L_ roi luu vao bién A
2X* +5x+3
..E]@@-H..-@---@@@@@@m.-
Id { e ANS+A
1 ZHZ4E5+5
0. 1278333715 0. 1278333715
Vay aln2+bIn5+cinll = A<n (2 a5 ?11°):|n (eA) o225 —eh =22 90 _gpaggn
22 211

R6rang a=-1b=2;c=-1 =P=a+b+c=1+2-2=1
= Pap sv(i) chinh x&c 1a D ) .
Bai 5-[Tong hop tich phan chong Casio — Nguon Internet 2017]

Ax% 42X +2

Cho tich phan _[ dx=aln2+bIn3+c (ab,cez) . Tinh gid tri cia biéu thuc
1

X2 + X
REASELEEE
A P=3 B. P=—2 C. 4 D. -1
GIAl
¢ dx : ,
Tinh gia trj tich phan [ —————— = rdi luu vao bién A
1 2X° +5X+3

(EE )@ FH 2w D 2@ Mew O] Hiew @ D@® @)
BEGE )

J‘E :H:E +EH+E Math & ﬁnS-}ﬁ Fi| Math &
1 T i
1.980829:253 1. 980329253

A
Vay aln2+bin3+c=A<In (233%°)=In (e*) < 2°.3%e° =" = 2°.3" = 2—0 . Tim 2°.3° bang
chirc ning 1ap bang gi tri MODE 7 véi bién X =c
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fong (7) (=) (i) %109 (=) (i) (@) @ (i) i) (29 (e D BB E @ E O 0 &
BIs

F] Math
Finl

1]

| [P
gl O0.981
F . BEEEEEEET

Ta dugc 223 =2.66(6)=§= 2°3'=a=3b=-1vsi X=c=1.

"

=P =a+b+c=3-1+1=3 = Dép s0 chinh xéc la A
Bai 6-[Tong hep tich phan chong Casio — Nguon Internet 2017]

N
Néu sir dung phuong phép ddi bién véi an phu t =+/x* —1 dua tich phan | = j di( thanh tich
2 XVx° -1
N
phan nao sau day ?
¥ 1 5 1
. I zdt B. J. Zdt C. J' dt D. J- dt
o t +1 a +1 > t(tz-l—l) ] t(t2+1)
# = N i
GlAl
NA
= Tinh gi4 trj tich phan | = J' x _7
2 xx?-1 12
B
EFEICmMIEmMIBENCEHICREO®ORDE
F: Math &
== Hdne—-1
J 5 .
izh
1
Tich phan ndo co gia trj bing = thi d6 1a dap 4n ding. Ta c6 dap 4n B c6 gia tri : | at__m
12 P+l 12

Ng
MECIEHDOmIPRDCENICRE®®DE

1 1
LHEHHH 1

= 1z
= DPap so chinh xac l1a A
Chl y : Gia tri tich phan khong thay d6i theo phép doi bién (dat an phy)
Bai 7-[Tong hep tich phan chdng Casio — Nguén Internet 2017]
Néu st dung phuong phap dbi bién véi an phu t=1+3cosx dua nguyén ham
sin 2X +sin x
=

dx thanh nguyén ham nao sau day ?

J1+3cosx

=1 1.2t -1 —2t-1 1.-2t-1
A | ———dt B. - | ———dt C. dt D. = dt

J N 5! Vi I Jt 5! J

GIAl
Vs . sin 2x+sin x
= Choncéan Ova —. Tinh gia tri tich phan | = | ———
2 o V1+3cos x

(=) () in) (2] frw) ) O] (#) (sin) i) O ) @ (=) (D) () (3] o () O] ) @ (@]
@ B oA x10) @ (2] B

dx

— [y
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_ B Math A
JEEiniEH]+sini.‘E}

0 J1+3C0s(x)
1. 259259259

= Tién hanh ddi bién thi phai d6i can

X=0=>t=1+cos3x=4

X=£:>t=l
2

2t+1
N
B0 EEEHEAErkDEHD @M ED®ME® A= 60

oD

dt

1
= Véi dép s6 D ta co —%j
4

1 1 _E::{_i F:] Math &
af 4T U
|, #EO059259

— Pap s chinh xac 1a D
Chu y : Chon cén thé nao ciing dugc tuy nhién nén chon can x sao cho t dep.
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PHU'O'NG PHAP CASIO - VINACAL

BAI 24. TINH NHANH VI TRi TWONG POI GIT’A PUONG - MAT.

1) KIEN THUC NEN TANG

1. Vi tri twong ddi ciia 2 dwong thiang
*  Cho hai duong thdng d va d' cé hai vecto chi phuwong q va uT.vé c6 hai diém M, M ' thudc hai
duong thang trén.
= d|/d' néu u, = kU va cé khéng cé diém chung

*» d=d'néuu, =ku, vacémdtdiém chung

» d c4td' néuu, khéng songsong U,. va MM [E,E] =0
» d chéod' néu U, khéngsongsong U, va MM [E,E] #0

2. Vi tri twong d6i caa dwong thang va mit phang
* Cho duong thang d va méit phing (P) c6 vecto chi phuwong U, va vecto phap tuyén n,
= d ||(P) néu E 1 E va khoéng c6 diém chung
» d=(P)néu E 1 E va c6 diém chung
= dL(P)néuu,=kn,
3. Lénh Caso
= Lénh dang nhap moi trwong vecto MODE 8
Nhép thdng s6 vecto MODE 81 1
Tinh tich vé hudng clia 2 vecto : vectoA SHIFT 5 7 vectoB
Tinh tich c6 hudng cda hai vecto : vectoA x vectoB
Lénh gia trj tuyét d6i SHIFT HYP
Lénh tinh do I&n mot vecto SHIFT HYP
Lénh do nghiém cla bat phwong trinh MODE 7
= Lénh do nghiém cla phuong trinh SHIFT SOLVE

1) VI DU MINH HQA .

VD1-[Thi thir chuyén Khoa hec tw nhién lan 3 nam 2017]

x+1 y-1 z+1
1 -3

Trong khéng gian véi hé toa @6 Oxyz duong thang d, : va duong thang

X+3 y+2 z7+2
2 7 -
A.Catnhau  B.Songsong C.Chéo nhauD. Vudng goc
GIAI
Ta thay @(2;1; —3) khong ti Ié@(Z; 2;—1) = (dl),(dz)khéng song song hodc trung nhau
> ldy M (=LL-1) thudc d,, 1dy M, (-3;,—2;-2) thuéc d, ta dugc MM, (-2;-3;-1)

d,: . Vi tr tuong déi cua d,,d, 1a

Xét tich hén tap MM, [Q, I} bEng may tinh Casio theo cac buédrc :

=2

hdp thon vecto M a0 cac vecto A, vecto B, vecto C

M d
@E]E]@E]E]E]E]@E]@@E]
BHAEAEEH0E

©
O>

ngs

0E
@2
l[D

E]
(=) woog) (8]
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. Yol @ ; W @
[ -2 -3 ] [ g | Y ]
-1 -5
: YOI @
[ B 2 ]
-1

Tinh MM, [ ug;u,, |
@@m@@@gl@@@
WotA- CVctBR=MCtl)

Ta thdy MM, [E,@] =0 = hai dwong thing (dl),(dz) dong phang nén ching cit nhau
= Dap s6 chinh xac la A

VD2-[Thi thir bao Toan hoc tuoi tré lan 4 nam 2017]

Trong khdng gian vaéi hé toa @ Oxyz , vi tri twong doi cua hai duong thang

X=1+2r X=7+3m
d:qy=-2-3tvad':cy=-2+2m
Z=5+4t z=1-2m
A.Chéo nhau B.Cit nhau C.Song song D.Trung nhau

GIAI
>  Ta c6 haivecto chi phuong E(Z;—3;4) va u—d.(3; 2;-2) khéng ti 1& véi nhau = Khéng song song
hoac trung nhau = Dap an Cva D la sai
»  Chon hai diém M (1; —2;5) thuoc d va M '(7;—2;1) thudc d ' .

Xét tich hdn tap MlMZ[@;@] biing méy tinh Casio theo cac budr :

Nhép thong s6 cac vecto M;M,, U, ,U, vao céc vecto A, vecto B, vecto C
fuone) (&) [I].E]E]E]E]@E]-E]@-E][I]E]@@
B20EEEEEEmERINEEREERE
I:I[ B 0 ] I?:[ g -3 ]
YCTE ~4 4
I:[ E 2 ]
-Z

> Tinh MM, [ug;u, |

(o) @) (5] (3] ) (5] (7] (4 (o) (5] (4) () (er) (5] (B) ) (B

WotAs- CMoEB=YCtl)
-bd
Ta thdy M,M, [g,@] =—64 # 0 = hai duong thang (d),(d ') khong dong phang nén ching
chéo nhau
= Pép s6 chinh xdcla A
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VD3-[Pé minh hoa bd GD-PT lan 2 nim 2017]

Trong khdng gian véi hé toa dd Oxyz cho dudng thang (d): XTH = l3 = Z—_15 va mit phang
(P):3x—3y+2z+6=0. Ménh dé nao duéi day ding ?

A.d cit va khong vudng goc véi (P) B.d L(P)

C. d song song véi(P) D.d nim trong (P)

GIAI
>  Taco U, (l; -3 —l) va n, (3; -3 2) . Nhap hai vecto nay vao may tinh Casio
@@@@B@@B@@@@@@B@@

I:I[ I -3 ] B[ 3 -3 -]

-1 z
»  Xéttich vé hudng Ent, =10 = E khong vuéng gbc vai E =d ,(P) khoéng thé song song hodc
trung nhau = Ddap s ding chi cé thé 1a A hodc B

(o) (rer) (5] (3] (eer) (8] () Gtr) (5] (4] (2
VCTA-YCLE

10

> Laithdy Uy, N, khong song song véinhau = d khéng thé vudng géc véi (P) = Dap 6 B sai
Vay dap an chinh xac [aA
VD4-[Céu 63 Sach bai tap hinh hec nang cao trang 132]

Xx-9 y-1 z=3

Xeét vi tri tuong ddi cua duong thang d : va duong thang

2
(a):x+2y—4z+1=0
A.d cit va khong vudng goc véi (P) B.dL(P)
C. d song song véi(P) D. d nam trong (P)
GIAI

»  Tacd U, (8; 2;3) va n, (1; 2;—4) . Nhap hai vecto nay vao mdy tinh Casio

g (3] (DT (8 FREEEEMEEHDNERAEEHEE

I:I[ : 2 ] B[ I o ]

S -4
»  Xéttich vo hudng u,.n, =0 = U, vudng géc voi E =d ,(P) chi cé thé song song hodc trung
nhau = Dép s6 ding chi cé thé 13 C hodc D

(on) ) (5] (3] (suer) (5] () (r) (5] (8] ()
VCTA-YCLE

0

>  Lay mot diém M bat ki thudc d vi du nhu M (9;1;3) tathdy M ciing thudc (a) =d va (Oc)
c6 diém chung = d thuéc (a)

Vay ddp an chinh xac laD
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VD5-[Thi Hoc sinh giéi tinh Phd The nam 2017]
Tim m dé mat phang (P): 2x—my +3z—6+m=0song song véi mét phang

(Q):(m+3)x—2y+(5m+1)z-10=0

A.m=1 B.m=1 C.m=—% D.Khéng ton tai m
GIAI
»>  Ta co haivecto phap tuyén E(Z;—m,?,)vé E(m+3;—2;5m +1)
. — — 2 —-m 3
pé (P)|I(Q) = n, =k.n, < =—— =k (1)

m+3 -2 5m+1l

> Véim=1tacd k=2 thoa (1)
] ! (P):2x—y+3z-5=0
Thir lai ta thay hai mat phang cé dang
(Q):2x—-2y+6z-10=0

Nhan thay (P) = (Q) — Dap an A sai

» Voim= —3 tacod k= @ khong théaman (1) => m= —3 khong nhan = C va B déu sai
10 21 10
= D4p 4n D la chinh xac
VD6-[Thi thir bao Toan hoc tuoi tré lan 3 nam 2017]
Xx=1+2t
Trong khong gian véi hé truc toa do Oxyz cho dudng thang d i<y =1 va mit phang
z=-2-3t
(P):2x+y+2z-2=0 . Giao diém M cua d va P c0 toad¢:
A.M(3,1,-5) B.M(2;1,-7) C.M(4;3,5)D.M(10;0)
GIAI
>  Dim M thudc d néncédtoadd M (1+ 2t;1;—2—2t).Diém M ciing thudc mat phang (P) nén
toa do diém M phai thda man phuong trinh mat phang (P)
< 2(1+2t)+1+(-2-3t)-2=0
>  Codngviéc trén 1a ta s& nhdm & trong dau, dé giai bai toan ta dung may tinh Casio luén :

ONEHAkONEOHOEEEEEN D EHE

EHeOE
§E1+EHJ+1+E—E—ET
L-R= 0

Ta tim dugc ludn t=1vay Xx=1+2t=3
= Dap an chinh xac IaA
VD7-[Pe minh hea bg GD-PT lan 1 nam 2017]

Trong khong gian véi hé toa d6 Oxyz , cho diém A(1;0;2) va dudng thang d :XT_l = % = ZTH
Viét phuong trinh duong thang A di qua A vudng goc va cat d
A.x—lzizz—Z B_X_1=X=Z_2
1 1 1 1 1 -1
C.x—lzzzz—Z D.x—1=l=2—2
2 2 1 1 -3 1
GIAI

>  Duongthing A cit d tai diém B.Vi B thudc d nén cé toa do B(1+t;t;—1+2t)
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» Tacé:ALd :QLE@Q.@:OQE.@:O
V6i AB(1+t-Lt—0;-1+2t—2)va u, (L12) taco: ABU, =0
<1 (1+t-1)+1(t-0)+2(-1+2t-2)=0
D6 13 viéc nhdm & trong dau hodc viét ra nhap, nhung néu dung may tinh Casio ta s& bam luén :

WX O0E M O] =00 H 0 X A wew) O] (= @ O (# (2]
XOEOE R O] E (2B 6 ) (1] &

Math

Lf [4%—1 1+ Kb

A= 1
[-R= b
Ta duocludn t=1=>B(2;1,1)=u, = AB(1;1;,-1)

= D4p an chinh xac 1aB
VD8-[Cau 74 S&ch bai tap hinh hgoc ning cao 12 nam 2017]
Cho hai diém A(3;1;0), B(-9;4;-9) vamat phang (a):2x—y+z+1=0 . Timtoa dj cia M trén
(a) sao cho [MA—MB| dat gia tri Ion nht.

A.M[l;l;—§) B.M (2;&—2}
2 2
C.M(l;g;—éj D.M(E;E;Bj
2 2 4 4
GIAl

>  Né&u A B,M khong thdng hang sé& thi ba diém trén sé& lap thanh mét tam giac. Theo bat ddng thirc
trong tam giac ta cé |MA— MB| < AB
Né&u ba diém trén thang hang thi ta cé |MA— MB| = AB néu A, B nam khéac phia véi (a) (diédu
nay ding) . Theo yéu cau cla d@é baithi rd rang A,B,M thdng hang hay M 13 giao diém cla
duong thang AB va (a)
X =3-12t
>  Tacd:AB:qy=1+3t = M(3-12t;1+3t;-9t)
z=-0t

Tim t bang may tinh Casio :

RORAEH0REDNEOOBEE EN DO H E (@] bew
DI O @ o (1) &)

Math

AL 12R)-(1+58 0k
A= [, 16bbEEEEE T
L-R= 0

2 2
= Dap an chinh xacla C

Ta du‘ofct=%:> M (1;§;—§j

111) BAl TAP TU LUYEN

Bai 1-[Thi thir b4o Toan heoc tudi tré lan 3 nim 2017]

Trong khong gian véi hé truc toa d6 Oxyz cho dudng thang d : x—1= y-2_ 2;34 va mit phang

2
(a):2x+4y+6z+2017 =0 . Trong cac ménh dé sau, ménh d¢ nao dang ?
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A.d|l(a) B.d cit nhung khong vudng goc véi ()

C.d L(a)D. d nimtrén (a)

Bai 2-[Thi thit THPT Nguyén Pinh Chiéu — Binh Pinh lan 1 nim 2017]
X=1+t X=2+t'

Trong khong gian véi hé toa dd Oxyz cho d:qy=2-t vad':<y=1-t' . Vitri twong ddi cua
1=-2-2t z=1

hai duong thang I : ,

A.Chéo nhau B.Cat nhau C.Song song D.Trung nhau

Bai 3-[Pé minh hga By GD-DPT lan 1 nam 2017]

x-10 y-2 z+2

1 1
Xét mat phang (P):10x+2y+mz+11=0 véi m la tham so thuc . Tim tat ca cac gia tri cia m dé

Trong khong gian vai hé toa d6 Oxyz cho duong thang A c6 phuong trinh :

mét phang (P) vudng goc véi duong thang A

A.m=-2 B.m=2 C.m=-52D.m=52 .
Bai 4-[Thi thit THPT Phan Chu Trinh — Phu Yén lan 1 nim 2017]

X=1+2t

Cho mat phang (P):x—3y+z=0 vaduong thang A:qy=2-t . (P) va A cat nhau tai diém c6
z=-1+t

toa do

A.(L2,-1) B.(0;-13) C.(-13-2) D. (310)

Bai 5-[Thi thit THPT Nguyén Pinh Chiéu — Binh Pinh lan 1 nim 2017]
Trong khdng gian véi hé toa dd Oxyz cho ba diém A(L0;0) , B(0;2;0) , C(0;0;3) va duong

X=—

thang d 1<y =2+t . Cao d giao diém cua d va mat phang (ABC) la:
z=3+t

A.3 B.6 C.9 D. 6

Bai 6-[Thi thit THPT Vinh Chéan — Ph( Tho lan 1 nim 2017]
Trong khéng gian véi hé toa 4o Oxyz cho hai mat phang (P):nx+7y—6z+4=0,
(Q) :3x+my—2z—7 =0 song song v4i nhau. Khi d6 gia tri m,n thoamén la:

A.m:Z,nzl B.m=9,n:ZC.m=§,n=9 D.m=z,n:9
3 3 7 3

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thir b4o Toan hec tudi tré lan 3 nim 2017]

Trong khong gian vai hé truc toa dd Oxyz cho duodng thang d : x—1= y=2_ 2;34 va mit phang

2
(a):2x+4y+62+2017=0 . Trong cac ménh d sau, ménh d& nao dung ?
A.d|(«) B.d catnhung khong vudng géc véi ()
C.d L(a)D. d naimtrén (a)
GIAIﬁ
Nhap vecto chi phuong Uy (1; 2;3) va vecto phap tuyén n, (2; 4; 6) vao may tinh Casio

g )M HERREGEEEAMHERZEEEEE
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Tinh tich vé huéng EE =28#0= Q khong vudng géc E =d va (a) khong thé song song va khdng

thé trung nhau

(on) (swer) (5] (3] swir) (8] () etirr) (5] (4] (2
VLA-YCtE

2

=%:>@||E =d L (a)

SN

. 1
Lai thay tilé —=
i thay ti 1€ >
Vay dép sé chinh xacla C
Bai 2-[Thi thit THPT Nguyén Dinh Chiéu — Binh Dinh lin 1 niim 2017]
X=1+t X=2+t'
Trong khong gian voi hé toa dd Oxyz cho d:<y=2-t vad':<y=1-t' . Vi tri twong d6i cua

1=-2-2t z=1

hai duong thang 14 : ,

A.Chéo nhau B.Cat nhau C.Song song D.Trung nhau
GIAI

Vi Xét hai vecto chi phuong E(l;—l; —2) va u—d.(l;—l;o) khong ti [& v&i nhau = Hai dwong thing d va
d ' khdng thé song song hodc trung nhau => Pap 4n C va D loai
L&y hai diém thudc hai dudng thing 1a M (1,2;-2) va M '(2;1;1) . Nhap ba vecto vao casio

®EODRE0EDNEEE0HE0EE0NEMEE D
NOEENEEDEmERDOEE0E0E

wom
H E C
[ I -1 HF] [ I -1 Y] [ I -1 ]
= -Z o
Xét tich hén tap MM '[Q,Q} =0

o 6 (5) (3) ) () 00 ) () () (O 6 ) () (X0 ) (5) (8) D)
Yeth- (VCEBRVCEL)

I
=d,d"' dong phang (nam trén cing mot mat phang) =d cat d*
= Dap an chinh xac 1a B .
Bai 3-[Pe minh hga B GD-PT lan 1 nam 2017]
x-10 y-2 z+2
11
Xét mit phang (P):10x+2y+mz+11=0 véi m |a tham s6 thuc . Tim tat c4 cac gid tri cia m dé

Trong khong gian vai hé toa d6 Oxyz cho duong thang A c¢6 phuong trinh :

mét phang (P) vudng goc véi duong thang A
A m=-2 B.m=2 C.m=-52D.m=52
GIAI
Ta c6 vecto chi phuong U, (5;1;1) va vecto phap tuyén n, (10; 2; m)
Dé mat phang (P) LA thi E ti 1é vai E (song song hodc trung nhau)
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> —=—=—=m=2
5 1 1

Vay ddp sé chinh xac 1a B
Bai 4-[Thi thit THPT Phan Chu Trinh —Phu Yén lan 1 nim 2017]

Xx=1+2t

Cho mit phing (P):x—3y+z=0 vaduongthang A:{y=2-t . (P) va A cit nhau tai diém c¢
==l

toa do

A.(2,-1) B.(0;-13) C.(-13-2) D. (310)

GIAI
Goigiao diémla M ,vi M thudéc A nén M (l+2t;2—t;—l+t)

Toadd M thda man phuwong trinh mat phang (P) nén ta co thé sir dung may tinh Casio tim ludn ra t

oo D O FHE Eew O EHEOREHEs O BOEHOE
i) 5] (3] (eur) ) (1) (Z)

Math

1 C1+28 -3 02—n0+1
A= 1
L-F= I
=t=1=>M(310)
— Dap s6 chinh xaclaD
Bai 5-[Thi thir THPT Nguyén Pinh Chiéu — Binh Pinh lan 1 nim 2017]
Trong khong gian véi hé toa do Oxyz cho ba diem A(L0;0) , B(0;2;0) , C(0;0;3) va duong
X =t
thang d :{y =2+t . Cao d¢ giao diém cua d va mat phang (ABC) la:
z=3+t
A.3 B.6 C.9 D. 6
GIAI
Mét phéng (ABC) di qua 3 diém thudc 3 truc toa d6 vay s& cé phuong trinh I3 :
1+X+E:1<:> 6x+3y+2z-1=0.
1 2 3
Goi giao diémla M (—t; 2+t;3+t) . S& dung may tinh Casio tim t

()X Ok )0 EX O EH @) ®H (2) A E]) & A 0]
] &) (6] ) foaie) (1) (E
m

Math

B —p )+ 3 (20 )+

A= b

L-F= I
Vay z=3+1t=9
= Dap s6 chinh xacla C
Bai 6-[Thi thit THPT Vinh Chéan — Ph(i Tho lan 1 nim 2017]
Trong khong gian véi hé toa dd Oxyz cho hai mét phang (P):nx+7y-6z+4=0,
(Q):3x+my—2z-7=0 song song v6i nhau. Khi d6 gia tri m,n thoa mén la :

3 7

A.m:Z,nzl B.m=9,n=ZC.m=—,n=9 D.m=—,n=9
3 3 7 3

GIAI
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* DE 2 mit phang song song véi nhau thi 2 vecto chi phuong ctia ching song séng hodc trung nhau

- T n 7 -6
< n, (n;7;,-6) tile voi nQ(3,m,—2)<:>§:E:__3:

7
* Tathuduocti 186 K=3tlrdé suyra n:9;m:§

= Pép s6 chinh xdcla D
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PHU'O'NG PHAP CASIO - VINACAL

BAI 25. TINH NHANH KHOANG CACH TRONG KHONG GIAN.

1) KIEN THUC NEN TANG

1. Khoing cé&ch tir mdt diém dén mat mit phiang
= Chodiém M (XO; Yo Zo) va mat phang (P)Z Ax+ By +Cz + D = 0thi khoang cach tir diém M

. Ax, + By, +Cz, + D
dén mat phang (P) duoc tinh theo cdng thirc d(M;(P)):| o T =% 0 |
JA? +B2+C?
2. Khoang cach tir mgt diem dén mot dwong thang
. . X—X — z-12 .
»  Cho diém M (X,; Yo;Z,) va dudng thing d : v byN = N thi khoang céch tlr diém
a C
o[

M dén duong thang d duoc tinh theo cong thire d (M .d ) = ‘f
u
Trong dé ﬁ(a; b;c) 1a vecto chi phuong clia d va N (Xy;Yy;Zy ) 1a mdt diém thuoc d
3. Khoing céch giira 2 dwong thiang chéo nhau

, X — X = z-1
* Cho hai duwdng thang chéo nhau d : w_ Y= Ym _ M va
a b c
X=X, Y=Yy Z—1Zy
d': M = y b)'/M = M- thi khodng céch giita 2 dudng chéo nhau nay dugc tinh theo cong
a C
i |
thire d (d;d") = ———=—

[osin]

Trong d6 ﬁ(a;b;c) |a vecto chi phwong ctia d va M (XM ' Yu 2 ) I3 mot diém thuoce d

u(a‘b’c') la vecto chi phuong clia d va M '(Xy.; Yyi Zy:) 12 mét diém thuoc d

4. Lénh Caso

= Lénh dang nhap moi trwong vecto MODE 8

= Nhéip théng sé vecto MODE 811

=  Tinh tich vd hudng clia 2 vecto : vectoA SHIFT 5 7 vectoB

= Tinh tich cé huéng cla hai vecto : vectoA x vectoB
Lénh gia trj tuyét d6i SHIFT HYP
Lénh tinh do I&n mot vecto SHIFT HYP
Lénh do nghiém cla bat phwong trinh MODE 7
Lénh do nghiém cta phuong trinh SHIFT SOLVE

1) VI DU MINH HOA ‘
VD1-[Pe minh hoa Bo GD-DT lan 1 nam 2017]
Trong khdng gian véi hé toa dd Oxyz cho mat phang (P):3x+4y+2z+4=0 vadiém A(L-2;3) .

Tinh khoang cach tir diém A dén mat phang (P)

A.o|=§ B.ol:i c.d=iD.d:§
9 29 J29 3
GIAI

>  Tanh& cong thirc tinh khoang cach tir diém M dé&n mat phang (P)Z
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| A, + By, +Cz, + D|
d(M;(P))=
M) e

>  Apdungcho diém A(l; —2;3) va (P) :3X+4y+22+4=0 ta sl dung may tinh d€ bam luén :

BenwEXOFEOXOEA0EEXEHE®W
BERPEHEHRDEE
[Zrazsze
EJZ5
Z0

= Dap s6 chinh xacla C
VD2-[Thi Hoc sinh giéi tinh Phd The nam 2017]
Tim m dé khoang céch tir A(%2;3) dén mat phang (P): x+3y+4z+m=0 bing 26

A.m=7 B.m=18 C.m=20 7 D.m=-45
GIAI
1.1+3.2+4.4+m
>  Thiét lap phvong trinh khoang cach : d (A;(P)) = | Mkl | = \/%
1 +22 43

- [1.1+3.2+4.4+m| 36 -0
V12 +22 432
(viéc nay ta chilam & trong dau)
>  DEtinh khodng cach trén bang Casio dau tién ta nhap vé trai clia phuong trinh vao roi st dung chirc
nang SHIFT SOLVE.

feoog) (1] (55 () fye) (1] (X) (1) (1) (3] (X) (2] () (4) (X (3] () (i) ) @ ()
HHBEEEEE®® Sk (26 6 ) (1 E

Math
J1Z+5E 448
A= I
L-F= I
Ta thu dugc két qud m=7

—> Dap s6 chinh xacla A
VD3-[Thi thir S GD-DT tinh Ha Tinh nam 2017]

Trong khong gian véi hé toa dd Oxyz , cho duong thang d :% = yT+l = isz va miat phang
(P):x+2y—2z+3=0. M ladiém c6 hoanh do am thuoc d sao cho khoang cach tr M dén (P)
bang 2. Toa do diém M 14 :
A-M(-2;31)B.M (-15,-7) C.M(-2,-5,-8) D.M (-1,-3;,-5)
GIAI
»  Tabiétdiém M thudc (d) nén cé toa do M (1+t;—1+ 2t;—2+3t)
x=t
(biét dwoc didu nay sau khi chuyén d vé dang thamsé d :qy=-1+2t
z2=-2+3t

t+2(-1+2t)-2(-2+3t)+3
»  Thiét |ap phuwong trinh khodng cach : d (I\/I ;(P)) =2& ‘ i ( i ) ( _: )+ ‘ =2
17 +2°+(-2)

Nght dwoc téi day thi ta cé thé sir dung Casio dé tinh roi. Ta bAm ngan gon nhu sau
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A e () O] FH @D [IE D H RO ERO0EHR B E]
) ) ) H B @ B (= 2 @A g (B (B &)

Math
e

= i
= -1
0

T ke ™ e 1 kel 0"

[-R=
Khidét=—1=x=-1y=-3
= Pdp s6 chinh xacla D
VD4-[Pé minh heoa B$ GD-PT nim 2017]
Trong khong gian véi hé toa dd Oxyz , cho mat cau (S) c6 tam 1(2;1;1;) va mét phing
(P):2x+y+2z+2=0. Biét mat phang (P) cit mat cau (S) theo giao tuyén la mot dudng tron
ban kinh bang 1 . Viét phuong trinh mét cau (S).
A.(x+2)2 +(y+1)2 +(z +1)2 =8
B.(x+2)2 +(y+1)2 +(z +1)2 =10
C.(x=2)" +(y-1) +(z-1)° =8
D.(x—2)2 +(y—1)2 +(z—1)2 =10
GIAI
> M3t cau (X—a)2 +(y—b)2 +(Z—C)2 =R? sg co tam | (&;b;c) . vimat cau (S) c6 tam
1 (2;1;1) nén né chi cé thé 1a dap an C ho3c D
>  Tahiéu: Mit phang (P) cit mat cau (S) theo mdt giao tuyén |a dwdng tron ban kinh r =1 s&

thda man tinh chat R> =h? +r? véi h 13 khodng cach tir tdm | t&i mit phing.

Tinh tdm R? bing Casio.
AEEIwMRAXRQFHOXOBR XM EH R ® M (2] ()
FIZEDBRCCOIBEDDE

Math

[I2x2+1x1+2x1+fé
2241 E 428
— R?=10

—> Dap s6 chinh xaclaD
VD5-[Thi thir chuyén Khoa hec tw nhién lan 3 nam 2017]

Trong khong gian vai hé toa d6 Oxyz , cho dudng thang d : i O W

. Tinh khoang cach

2 -2
tir diem M (-2;1;-1) t6i d
A2 B.ﬂ c.ﬁ D.&
3 2 3 g
GIAI

>  Nhéc lai: Duong thang d cé vecto chi phuong q(l; 2;—2) va di qua diém N (1; 2;—2) c6 khoang

cachtir M dén d tinh theo cong thirc : d(M;d)zT
u

»  DEtinh khoang céch trén bang Casio dau tién ta nhap haivecto MN, U, vao mdy tinh.
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B NHONEHOEHER00EH0EEHEAEHEME

-.@@mg@@@B@@ .
o 3 1 Do | 2 ]
-1 -z
52

> Tinh d(M;d)=2.357022604 = ==

(o) ) fye) ) (5 (3) () () (3] (4 O () ) fyd (i) (3 (4] D) B
B Vot ieictE

2. 307022604

= Dap s6 chinh xaclaD
VD6-[Thi thir b4o Toan hec tudi tré lan 3 nim 2017]
X=2+t
Trong khong gian vai hé truc toa d6 Oxyz cho duong thang d :{y =1+mt va mat cau
7=-2t
(S):x*+y*+2°—2x+6y—4z+13=0 . C6 bao nhiéu gia tri nguyén ciia m dé d cét (S) tai hai
diém phan biét?
A5 B.3 C.2D.1
GIAI
>  Matcau (S):(x—l)2 +(y+3)2 +(z—2)2 =1 c6tam 1(1;-3;2) bankinh R=1
Puong thang d diqua M (Z;ZL' 0) va cé vecto chi phuong 6(1; m;—2)
Ta hiéu : Duong thang d cat mét cau (S) tai 2 diém phan biét néu khoang cach tir tam | (cla

mat cau (S)) dén duong thang d nhoé hon ban kinh R (clia mét cau (S))

‘W;G‘ J(8-2m) +0? +(4-2mY’
M) J(B-2m) 0 (4-2m)
‘U‘ \/12 +m? +(—2)2
J(8=2m) +0? +(4-2mY’
\/12 +m? +(—2)2
>  DE giai bai todn ta dung may tinh Casio v&i tinh ndng MODE 7 do nghiém cuta bat phuong trinh :

og) (7] (5 =) (A (8] (=) (2] (e ) O] (23 (1) (I (4] (=) (aew) O] O (2 @
@B BHEEEEDNEERE0NDE0E

= <1

= -1<0

F L " FIIH:I
il "l
I 7] B o o | 52 276

Ta dé dang tim dwoc tap nghiém clia m 13 {—3; —4,-5; —6;—7}
= Ddp an chinh xacla A

VD7-[Thi thir b4o Toan hec tudi tré lan 3 nim 2017]
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X=2+t
Trong khong gian vai hé truc toa d6 Oxyz cho duong thang d :{y =1+mt va mat cau
z=-2t
(S):x*+y?+2°—2x+6y—4z+13=0 . C6 bao nhiéu gia tri nguyén cia m dé d cét (S) tai hai
diém phan biét?
A5 B.3 C.2D.1
GIAI
> Matcau (S):(x-1)"+(y+3)° +(z-2)° =1cotam 1(1-3;2) bankinh R =1
Puong thang d diqua M (2;1; 0) va cd vecto chi phuong l](l; m;—2)
Ta hiéu : Buong thang d cat mat cau (S) tai 2 diém phan biét néu khoang cach tir tdm | (cla
mat cau (S)) dén duong thang d nhoé hon ban kinh R (cia mét cau (S))
[™:d] J(8=2m) +0? +(4-2mY’
—<ls =
‘U‘ \/12 +m? +(-2)
J(8=2m) +0? +(4-2mY’
\/12 +m? +(—2)2
>  DEé gidi bai toan ta dung may tinh Casio v&i tinh ndng MODE 7 do nghiém cla bat phuong trinh :

i DEECESEE00EEOEE0NE @
EmIPEECCEDNEEEEEDNUEDE

= <1

= -1<0

= o] Mat
i FH r F X
S| o doe I
I gl - |’ | 057 EA

Ta dé dang tim dwoc tap nghiém cla m 1a {—3; —4;-5; —6;—7}
—> Ddp an chinh xac laA
VD8-[Cau 68 Sach bai tap hinh hoc nang cao 12]
Cho duong thang d di qua diém M (0;0;1), c6 vecto chi phuong u(11;3) va mat phing (e) c6
phuong trinh 2x+y—z+5=0 . Tinh khoang céch giira d va («)
2 4 3 6

A- B.- C.—- D.—
5 3 2 5

GIAI
Tathay: GE =1.2+1.1+ 3.(—1) =0 = d chi cé thé song song hodc trung véi (a)

Khi d6 khoang cach gitta d va (@) Ia khoang cach tir bat ki 1 diém M thudc d dén (o)

Tabam:
PAERIFOEIHECEDIEEIDHDBE
| O+0-1+51
AZE 412422 d
S

=> D4p an chinh xac l1aB
VD9-[Cau 92 Sach bai tap hinh hec nang cao 12]
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X=3+t
Trong khong gian Oxyz cho duong thang A:{y=-1+2t . Goi A" la giao tuyén cua 2 mit phang
z=4
:(P):x—3y+z=0 va (Q):x+y-z+4=0 . Tinh khoang cach giira A,A"
2 g’ 2 b 16
J15 J21 J21 15
GIAI
>  DPuongthang A' cé vecto chi phuong u'= [nT,; E} = (2; 2; 4)
g (3) NN EEHBIEM0EW EROOEOEEA
(=) v (e (5] (3] (X (0] (B (4] (B
WETE

A — a ul

Z
Va A' diquadiém M '(0;2;6)

A

Puong thang A cé vecto chi phwong 6(1; 2;0) va diqua diém M (3; -1 4)
>  Tahiéu : khoang cach gitta hai dwong thang chi ton tai khi ching song song hodc chéo nhau
Ki€m tra sy dong phang clia 2 duong thang trén bang tich hdn tap MM [l], J}

Nhap ba vecto MM ', G, u' vao may tinh Casio

g 8] HEEEGEEEAEmEAMNHNEAE0E

MEEDDEREEE
I:'[ -3 ma-ﬂ B[ | me‘]
Z III
I:[ 2 mE_I]
d

Xét tich hén tap MM '[G,J‘} =-40#0 = A,A' chéonhau

»  Tinh d6 dai hai dudng thang chéo nhau = A, A" ta cé cdng thirc :

MM [ *] 20
d= -—[Eijr— — 4.3640.. = o

(o) @)yl (=) (4] (0) O (=) ) e () (5] (4) () (ter) (8] (B3] D) (B
fhs(-4001Abs Ve

4. 364357305

= Ddp an chinh xacla C
VD9-[Cau 25 Sach bai tap hinh hec nang cao 12]
X-2 y+1 z+3 . ., x-1 y-1 z+1
= = vad': = =
2 2 1 2

Cho hai dudng thang d :

. Khoang céch gitra hai
duong thang d,d" 1a:
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A.42 B.M c.2 D.2/3
GIAl
>  Duongthang d cé vecto chi phwong U = (1; 2 2)vé di qua diém M (2;—1; —3)
Puong thang d 'di qua diém M '(1;1;—1)

Dé thay hai duwong thang d, d ' song song vdi nhau nén khodng cach tir d ' dén d chinh 13 khoang
cach tir diém M ' (thudéc d ') dén d .
Goi khoang cach cantim la h tacé

]

- mw4f--mmam@@@@@--

RHOHEREREE N 6 e wm (5] (3] X b (5 (@) 0] () 6
by (1) (3] (4) D) &)

Bt Vot ielictE
1.8685618053

= Ddp an chinh xacla B
VD10-[Cau 26 Sach bai tap hinh hoc nang cao 12]

X=2+t X=2-2t'
Cho hai duong thang d:{y=1-t vad':{y=3 . Mat phang cach déu hai duong thang d va
2=2t z=t'
d' c¢6 phuong trinh :
A . x+5y+2z+12=0 B.x+5y-2z+12=0
C.x-5y+2z-12=0 D.x+5y+2z-12=0
GIAl

>  DPuongthiang d cé vecto chi phuong u= (1; -1 2) va di qua diém M (2;1; O)
Puong thang d' ¢ vecto chi phuong u'= (—2;0;1) va di qua diém M '(2;3; 0)
D& thay hai dudng thing d,d ' cheo nhau nén mt phang (P) cach deu hai duong thing trén khi
mat phang dé di qua trung diém MM ' va song song vé&i ca 2 duwong thang dé. .

>  Mat phang (P) song song vai ca 2 dudng thang nén nhan vecto chi phuong cla 2 duwdng thang 1a
cap vecto chi phuong.

=n, =[U;u"]=(-1-5;-2)

e BN HONEEOHERAEHmEAMNEHRE0E0)
=) v @) (8] (3) (X () (5] (&) (B

VCTE

" 5 -al

-1
(P) lai di qua trung diém | (2; 2;0) cla MM ' nén (P) 'X+5y+2z-12=0
= Pap an chinh xac 1a D
Bai 1-[Pé minh hoa B GD-PT lan 1 niim 2017] ‘
Trong khong gian véi h¢ truc toa do Oxyz , phuong trinh nao dudi day 1a phuong trinh cua mat cau
co tam 1(1;2;-1) va tiép xtic véi mat phang (P):x—2y—-2z-8=0 ?

Trang 231 Tai liéu Iwu hanh noi bo




TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

A. (x+1)2+(y+2)2+(z—1)2 =3 B. (x—1)2+(y—2)2+(z+1)2 =3
C. (x+1)2+(y+2)2+(z—1)2 =9D. (x—1)2+(y—2)2+(z+1)2 =9
Bai 2-[Thi thir b4o Toan hec tudi tré lan 5 nim 2017]

X=1+t
Tim diém M trén duong thing d ;1 y=1-t sao cho AM =+/6 véi A(0;2,-2):
z=2t
1,10 110 -1,3,-4
A. ( ) B. ( ) C. ( ) D.Khéng c6 M thoa
(25-1) | (-13-4) (2,1-1)

Bai 3-[Thi thir THPT Phan Chu Trinh — Pha Yén lin 1 nim 2017]

Cho (P):2x—y+z-m=0 va A(LL3) . Tim m dé d(A;(P))=+/6

A.{m=—2 B{m=3 C{mz—ZD_[mz—S
m=4 m=-9 m =10 m=12

Bai 4-[Pé minh hoa B GD-PT lin 2 nim 2017]

Trong khéng gian véi hé toa do Oxyz cho hai diem A(-2;3;1) va B(5;-6;-2). Buong thang AB

cat mat phang (Oxz) tai diem M . Tinh ti s6 %

aAMA_1 o MA_ L o, MA_
MB 2 MB MB 3 MB
Bai 5-[Cau 67 Sach bai tap hinh hec nang cao lop 12]

Tinh khoang cach tir diém M (2;3;—1) dén duong thang d 1a giao tuyén cta hai mét phang

3

(a):x+y—-2z-1=0va (a'):x+3y+2z+2=0 .

A /ﬁ B 205 c 205 D 215
24 15 J15 J24

Bai 6-[Cau 9 S&ch bai tap hinh hoc nang cao lép 12]
Cho A(LL3), B(-13;2), C(-12;3) . Khoang cach tir goc toa dd O dén mit phang (ABC) la:
A3 B.3 C.? D. %
Bai 7-[Cau 69b Sach bai tap hinh hgc nang cao lop 12]

x-1 y+3 z-4 va

Tinh khoang céch giira cap duong thang d : d
ing cAch giita cp duong thing 5 5
A. E B.—lz7 C. ,@ D. —386
4 4 3 3
Bai 8-[Cau 69c¢ Sach bai tap hinh hec nang cao lép 12]
X=2-t
Tinh khoang céch giira cap duong thang d : x=1_ y;Z = 2;3 vad'Jy=—1+t
7=
A7 gz v Ve
7 3 13 11

LO1 GIAI BAl TAP TU LUYEN
Bai 1-[Pe minh hga B¢ GD-PT lan 1 nam 2017]
Trong khéng gian vai hé truc toa d6 Oxyz , phuong trinh nao duédi day la phuong trinh ciia mat cau

co tam 1(1;2;-1) va tiép xtic véi mat phang (P):x—2y—-2z-8=0 ?
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A (x+1)2+(y+2)2+(z—1)2 =3 B. (x—1)2+(y—2)2+(z+1)2:
C. (x+1)2+(y+2)2+(z—1)2 =9D. (x—l)2+(y—2)2+(z+1)2 =
GIAI
Mt cau tiép xdc véi mét phang (P) khi d (I;(P)) =R
glnlraslolEbEliCHbEEbEEbEE
l1-d+Z2-51
J1Z 472428

£
d(1;(P))=3=R*=9=Dip s6 chi c6 thé la C hogc D
Ma ta lai c6 tAm mat caula | (1;2;—1) :>(S):(X—1)2 +(y—2)2 +(Z+1)2 =9
Vay dap s6 chinh xac la D
Bai 2-[Thi thir b4o Toan hec tudi tré lan 5 nim 2017]

X=1+t
Tim diém M trén duong thang d:{y =1-t sao cho AM =+/6 véi A(0;2;-2):
2=2t
;1,0 11,0 -1,3,-4
A. (L ) B. ( x ) C. ( ) D.Khéng c6 M thoa
(25-1) |(-13-4) (23-1)

GIAI
Goi diém M thudc d cétoa ddtheo t Ia M (1+t;1-t;2t)
Taco AM :\/EQ‘W‘:\/EQ‘W‘Z—G:O
S dung may tinh Casio tim t
MHOHEFIDEHOOOEBH OO SN O =2 0] H A 2] ke
IIIIC]IIIIEJEJJMIJ!HZ]E]ﬁﬂﬂﬂﬂ[][][j

Math Ex

C1+%-0IZ 40 1%tk ( 1+%=01Z 40 1=HoCb
3= 0 = £
[ —p= 0 L-R= n

Ta tim dworc hai gia tricta t
Voit=0=>M(LL0) , v6i t=—2=M(-13;-4)
= Dép an chinh xac 1a B

Bai 3-[Thi thir THPT Phan Chu Trinh — Phdi Yén lAn 1 nim 2017]
Cho (P):2x—y+z—m=0 va A(LL3) . Tim m dé d(A;(P))=+6

m=-2 = —_ -
A. g|M=3 c|M="%p|m=73

m=4 m=-9 m =10 m=12

GIAI

21-1+3-m|

22 417 4717
D6 13 khi ta nhdm, néu vira nhadm vira dién ludn vao may tinh thi lam nhu sau (dé tiét kiém thai gian)
B & b (2 F 0 HE) F @ 0 @ (a) (2) (3 (B [0 @ 3B 0 &

Mat
| Z—1+35-#1

JZE 1241 E

Thiét 1ap phuwong trinh khoang cach d (A; ( F’)) =6 = =6
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Tim nghiém ta str dung chtrc ning CALC xem gia tri ndo ctia m lam vé trai = J6 thila dung
) (51 (2] (=
c
|2—1+3-¥

JZEH1ZHE I

= Chi c¢6 A hoac C la dung

Math &

o @E
o} Math &
| 2—14+5—#]|
JZEH1ZHE .

Gia tri m=4 khong théa man vay dap an A sai = DPép an chinh x4ac 1a C
Bai 4-[Pé minh hoa B GD-PT lin 2 nim 2017]
Trong khong gian véi hé toa do Oxyz cho hai diém A(-2;3;1) va B(5;-6;-2). Duong thang AB

cat mat phang (Oxz) tai diém M . Tinh ti s %

) g ik D p. VA _4
MB 3 MB

GIAI

AR G WA
MB 2 MB

Mét phang (OXZ) c6 phuong trinh y =0

. . .~ MA ) R s > . x w3 n e s R .
Dé tinh ti s W ta str dung cong thirc ti s6 khoang cach (da gap & chuyén dé hinh hoc khéng gian )

MA _ d(A;(Oxz))
MB d(B;(Oxz))
Ta c6 thé dung may tinh Casio tinh ngay ti s6 nay

o DB O HEHOOEMOEBEHEHDE

Math A&
| O+5+0 |
| O+—5&4+0 | 1

Z
Ta hiéu ca hai mau s8 cla hai phép tinh khoang cach déu nhu nhau nén ta triét tiéu ludbn ma khéng can cho
vao phép tinh cta Casio
—> Déap s6 chinh xac la A
Bai 5-[Cau 67 Sach bai tap hinh hgc néng cao lop 12]
Tinh khoang cach tir diém M (2;3;-1) dén duong thang d la giao tuyén cua hai mat phing

Taco:

bat ké hai diém A, B cuing phia hay khac phia so véi (Oxz)

(a):x+y-2z-1=0va (a'):x+3y+2z+2=0 .

A 22 . ,[2% c.2> p. 222
24 15 J15 J24
GIAI
d 13 giao tuyén clia hai mit phang (a) va (a ') nén cung thudc 2 mit phang ndy = vecto chi phuong u
clia duong thang d vudng géc véi ca 2 vecto phdp tuyén clia 2 mit phang trén.
=u=[n;n,|=(8-42)
org (8) D D D E M EEH @ E e (8] (2) 1) (0] E B & (@) & @ (s
(5] (8] (X] fsurr) (5] (4] (]
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e S T )
Z
Goi diém N (X; y;O) thudc duong thang d = N (g;—g;Oj
[N ] 205

=3.8265...=,[—
N z
E][I]@E]@E]@E]E]@E]@E]@@@E]E]@@

(826 E = (@) E (2 =) o b fyd G (5] (3] (X) e (5] (4] O (=) (sner
bya () (5] (4) DI (&)

AbsVCtR=VCtE <k
3. 8265593635

— Dap s6 chinh xacla B
Bai 6-[Cau 9 Sach bai tap hinh hec nang cao lop 12]
Cho A(LL3), B(-13;2) , C(~12;3) . Khoang cach tir goc toa do O dén mit phang (ABC) la:

A3 B.3 c.? D.g

Khodng cach tir diém M dén duongthang d 1a: h=

c

GIAI
Vecto phap tuyén ctia (ABC) la n=| AB; AC |=(12;2)

@@B@@@@B@@@@B@@@@@@
(on) @) (5] (3] (X) r) (5] (4] (B

YCTE

A a a]

1
= (ABC):1(x-1)+2(y-1)+2(z2-3)=0 < x+2y+32-9=0
b Ak s s .. |o+0+0-9
Khodng cach tir O dén matphang (ABC) 13 h="———==
( ) V12422 422

—> Dap s6 chinh xacla B
Bai 7-[Céu 69b Sach bai tap hinh hgc néng cao lép 12]
x-1 y+3 2—4\/{3l LX+2 y-1 z+1

Tinh khoang céch gitra cip duong thang d : = d = =
ang céch giira cap dusng thang —== —=—= =
A. E B.—:I'Z7 C. ﬁ D. —386
4 4 3 3
GIAI

Puong thing d diqua diém M (1; -3, 4) va cé vecto chi phuong (2;1; —2)
Puong thing d ' di qua diém M '(—2;1;—1) va cé vecto chi phuong (—4; —2;4)
Dé thay 2 dudng thang trén song song véi nhau => Khoang cach can tim 1a khoang cach tr M ' dén d

:‘[M|EA;G]‘ 6.5489... - Y386
u ?

g 3D HEEAWEEHEEWERAMNEENEEHEE
(on) (stiFT) (ryp) (shiFT) (5] (3] (X (stFT) (5] (4] OJ (=) [stFr) (ryp) (shiFT) (5] (4] OJ (=)
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Ahs Vet Aot b
6. 549960901

=> Dap s6 chinh xac la D
Bai 7-[Céau 69b Sach bai tap hinh hec nang cao lop 12]

x-1 y+3 z-4 LX+2 y-1 741

Tinh khoang céch giita cip duong thang d : vad
ing céch giiia cip dudng thing = SRty
A. g B.—:LZ7 C. ﬁ D. —386
4 4 3 3
GIAI

* Puong thang d diqua diém M (1; -3, 4) va cé vecto chi phuong (2;1; —2)
Puong thang d ' di qua diém M '(—2;1;—1) va cd vecto chi phuong (—4; —2;4)

Dé thay 2 duong thang trén song song véi nhau = Khoang cach can tim |1a khoang cacht¢ M ' dén d

[M™:] 3%

- --65480.= Y2
u ?

oo (3) () (1) (=2 B) (B (4) (B (5 (5] (Z] wong) (8] (2] (1] (2
(on] 4] (v () (5 (3] (X (e (3] (4) ) (D (5]

AbsVCtR=VCTE -~k
b. 5459603901

= Dap s6 chinh xac la D
Bai 8-[Cau 69c Sach bai tap hinh hgc néng cao lép 12]

=
=
—
=
<
=]
[7)
=
=
—

x=2-t
vad':iy=-1+t
=

x-1 y-2 z-3
2 3

Tinh khoang céch gitra cap duong thang d :

13 Sl
GIAI

» puong thing d di qua diém M (1;2;3) va c6 vecto chi phuong 5(1;2;3)

A.¥ B.g C V26 D V24

Puong thang d ' di qua diém M '(2;—1; 0) va cé vecto chi phuong J’(—l;l;l)
D& thay 2 dudng thang trén chéo nhau => Khoang cach can tim 1a =

oo (8) (1) (1) (1) (B (51 (3] (B (=) (3] (=) (wone] (8]
BEMHEOEOE O] E) O () fy 6
(X e (5] (8] O] O (=) e () (1) (8] (4] (X] (suer) (8 (5] O (B

AbscVeth- CYotB«k
0. 3922322703

= Dap s6 chinh xacla C

]
—
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