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) ‘ A.PHAN MO PAU
l. LY DO CHQN DE TAI

1.Co s¢ ly luan:




Bai toan tim gia tri nho nhat (GTNN), gia trj 16n nhit (GTLN) ctia mot biéu thuc 1a
mot bai todn bat dang thirc va day 1a mot trong nhiing dang toan khé & chuong trinh phé
thong. Trong dé thi hoc sinh giéi THPT hay tuyén sinh Pai hoc, Cao dang hang nim(nay
1a Thi t6t nghiép THPT Quéc Gia), ndi dung ndy thuong xuat hién ¢ dang cau kho nhat.

Qua qué trinh giang day trén 16p:Bo6i dudng nang cao kién thirc cho HS kha
gi0i,boi dudng thi HSG cac cap,luyén thi Pai Hoc(Thi tot nghiép THPT Qudc Gia) toi da
tich liiy dugc mot sd kinh nghiém cho néi dung nay. Cac van dé trinh bay trong sang kién
kinh nghiém 13 chuyén dé duoc tng dung trong giang day 16p boi dudng nang cao kién
thitc cho hoc sinh kha gioi 16p 10,luyén thi hoc sinh gioi va t6t nghiép THPT Québc Gia
cho hoc sinh 16p 12 da duoc duc két trong qua trinh giang day nhiéu nam cung voi s gop

¥y sau sic cua cac thay co gido trong té Toan truong THPT Lé Loi.

2.Thuc trang cua van dé nghién ciuru:

Khi day hoc sinh phan bat dang thirc hay bai toan tim GTLN,GTNN thuc té da s6 hoc

sinh rat bé tic & cach dung k¥ thuat nay.
Mot 1a: khong dinh huéng duoc cach dung bat dang thirc Cauchy trong truong hop nao.
Hai 1a: biét can dung bat dang thirc Cauchy cho bai toan ,xong khong biét van dung cho
mAy s6 va nhitng s6 nao thi hop 1y,théa man yéu cau bai toan.

Trong khi d6,hién nay trén thi truong sach tham khao c6 rat nhiéu ching loai sach cing
v6i hang trim tac gia va da phan sach viét & dang trinh bay 10 giai khong c6 su phan

tich,giai thich cdn k€ lam cho hoc sinh khi doc sach bi go bo,ap dat,khong tu nhién.

11 .POI TUONG NGHIEN CUU

Rén luyén cho hoc sinh biét cach khai thac k¥ thuat chon diém roi trong bat ding thirc
Cauchy qua cac bai toan tim cuc tri hay chimg minh bat dang thirc. Phan loai bai tip

thuong gip va cach giai cho mdi dang.



I1I. NHIEM VU CUA NGHIEN CcUU :

Trinh bay k¥ thuat chon diém roi thong qua hé théng bai tap. Huéng dan hoc sinh giai
quyét cac bai toan trong mot sd tinh hudng cu thé. Tir d6 bdi dudng cho hoc sinh k¥ ning
giai toan va kha nang tu duy sang tao .
1V. PHUONG PHAP NGHIEN CUU

1. Phuwong phap nghién ctru 1y ludn: Nghién ctru séch gido khoa bai tap ,sach tai liu va

cac dé thi HSG,thi Dai hoc,mang internet.

2. Phuwong phap diéu tra thue tién : Du gid ,quan sat viéc day va hoc phan bai tap nay.

3. Phuong phap thuc nghiém sw pham

4 .Phwong phap théng ké

B . PHAN NOI DUNG
I. Cac giai phap thuc hién.
Khi tiép cén cac bai toan, gido vién phai giup hoc sinh biét nhan dang duoc bai toan dé
dua ra cac du doan hop 1y. Sau d6 huéng dan hoc sinh phan tich ,xay dung phuong phap
giai phu hop.



I1. Bién phap t6 chirc thuc hién.

Pé gitip hoc sinh sir dung k§y thuat chon diém roi trong bat dang thirc Cauchy khi giai
quyét cac bai toan tim Gia tri 16n nhat (GTLN) ,gia tri nho nhat(GTNN) hay ching minh
bat ding thuc, trude hét gido vién can yéu cau hoc sinh on tap cac kién thic ¢ ban vé bat
dang thuc . Sau d6 gido vién phan dang phu hop,chon mot sd bai toan dién hinh phu hop
cho cac dang giap HS hiéu va nim ky ky thuat chon diém roi trong bat dang thirc
Cauchy.

1. Kién thirc toan c6 lién quan

e Tinh chit ciia bit ding thirc:

+A>B ©® B< 4
+A>BvaB>C =< 4>C
+A>B = A+C>B+C
+A>Bva C>D = A+C>B+D
+A>BvaC>0 = AC>B.C
+A>BvaC<0 = AC<B.C
+0<A<Bva0<C<D = 0<A.C<B.D
+A>B>0 = A">B" n
+A>B = A">B" voinlé
+’A|>|B‘ = A" >B" voéinchin
+m>n>0vaA>1 = A"> A"
+m>n>0va0<A<1l = A" < A"’

1 1

7>7
+tA<BvaAB>0 = 4 B

* Bat dang thuc Cauchy va dang twong dwong:

Bit ding thirc Cauchy cho 2 sé6:

a+bh
=+Jab

Cho 2 s6 khéng am a,b thi ta luén c6: 2 .Ddu bang xdy ra khi a=b.

Bit dang thire dang tuong duong:

GE?E{G+E}

}2

(a+b)

a’ +b’ =

- (atb)*=4ab



Bit ding thirc cauchy cho 3 sé:

, ﬁ =Jabe
Cho 3 50 khong am a,b,c thi ta luon co: 2 .Dadu bang xay ra khi

a=b=c.
Bit dang thuc dang twong duong.

abe <(AF0 <)

- s

a +b +c
———=abc
- 2

Bit ding thirc cachy cho 4 so:

M Eﬁ;f‘ﬂhfd

Cho 4 56 khéng am a,b,c,d thi ta luén co: 4 .Ddu bang xdy ra
khi a=b=c.
Bit dang thirc dang tuong tu:
+h+c+d .
abed <(@F2*erd.

Tdng quat:Cho n sé thuwe khong am 4%+ % N€EZ,N22 14 [yon cé:

n
a1+a2+...+an2n.\/al.az...a

n
Ddéu “=" xdy ra khi va chi khi @ =0=..-=0a,
e Gia tri l6n nhat, gia tri nhé nhat cia bi€u thire:

* Pinh nghia. Gia st ham s F xac dinh trén tap hop D i

a) Néu ton tai mot diém X ' D a0 cho f(x) £ fx,)

M :f(xu)

v6i moi X! D thi sb

. . M = maxf(x
dugc goi la gid tri [on nhat cia ham so f trén D, ki hiéu 1a xlD { }

b) Néu ton tai mot diém X1 D sao cho f(x)> f(x) = f(x,)

véimoi X1 D thisé ™
can s I SN A f A N ‘m:mnf{x}

dwoc goi 1a gid tri nhé nhat chia ham so ' trén D | ki hiéu 1a x1D .

* Nhén xét. Nhu vay, mudn ching t6 ring s6 M (hodc ™M) 1a gié tri 16n nhit (hodc gia

tri nho nhat) ctia ham 6 T trén tap hop D cin chi 16 :

2) fix)EM . f(x)3

m. .. .vi
(hoac Yyvéimoi X1 D



-~

b) Ton tai it nhat mot diém X | D sao cho f{x[")

- f(x,)=m

M (hoac ).

2. Mt s6 bai toan thwong gip va phwong phap tiép cin van dé:

Mot vai khai niém:

€69

Piém roi trong cac bat dang thirc 1a gia tri dat duoc cua bién khi dau trong bat dang

thirc xay ra.

69

Trong céac bat dang thirc dau thuong xay ra & cac truong hop sau:
e Khi céc bién co gia tri tai bién. Khi d6 ta goi bai toan c6 cwe tri dat dwoc tai bién
e Khi cac bién c6 gia tri bang nhau(thudng xay ra véi biéu thirc ddi xang ). Khi do ta
go1 bai toan co cwc tri dat dwoc tai tam.
Can ctr vao diéu kién xay ra cua ddu “=" trong bat dang thirc ta xét cac k¥ thuat chon
diém roi trong céc trudng hop trén.
Dang 1:K¥ thuit chon diém roi trong bai toan cwe tri xiy ra & bién

BAI TOAN MO DAU:

) ) A=3a+ 1
Bai toan 1: Cho s thuc @ =1, Tim gia tri nho nhat (GTNN) cta 2a

Sai 1am thwong gip 1a: Khi gip bai toan nay hoc sinh thuong 4p dung ngay bat dang
A=3a+t 22 et =6

thirc Cauchy: 2a 2a . Vay GTNN cua 4 1a V6 :

Nguyén nhin sai lAm: Chua xét diéu kién ddu bang xay ra

< 3g=— o a=|—
A 9 N ] A 4 1 * 9 A b}

Ta thay:GTNN cua 4 1a 2 ~a 6<1vo Iy vi theo gia thuyét thi @ =1

ﬁ 1 a 1 3Sa a 1 Sa 5.1 7

A=3a+— =—+—+—2=22 |——+—=l+"—=—

Loi giai dang: 2a 2 2a 2 2 2a 2 2 2

a 1
, & - == haya = )
Dau “="xayra <« <d thoa man gia thiét.

Vay GTNN cua41a 2.



Vi sao chiing ta lai biét phan tich dugc nhu 101 giai trén. Pay chinh 1a k§ thuat chon diém
roi trong bat dang thirc.

Quay lai bai toan trén, dé thiy a cang ting thi 4 cang ting. Ta dy doan A dat GTNN khi
a =1 Khi d6 ta n6i 4 dat GTNN tai “Piém roi @ =17 . Ta khong thé 4p dung bat dang

1
thitc Cauchy cho hai s6 3ava 2@ vikhong thoa quy tic dau “=". Vi vy ta phai tach 3a
1
hoic 2¢ @é khi ap dung bt ding thirc Cauchy thi thoa quy tic dau “=". Gia sur ta st
(3a 1
dung bat dang thirc Cauchy cho cip s ' ¢ 20 ) sa0 cho tai “Piém roi 2 =1” thi
3a 1
a 2a , ta ¢6 so do sau:
3a 3
a3 1
a=l=1% “=52="54=6
1 1 a 2
2a 2
3a 1 a 1
Nhu vay phai ap dung BDT Cauchy cho 2 s6 6 2a hay 2 2a Vay thi phai 1am xuét
q
) a A:3Q+L:E+£+L
hién s6 hang 2 Khi dé: 2a 2 2 24 vatacoloi giai nhu trén.
al
Lwu v: Dé gidi bai todn trén, ngoai cach chon cdp so \ "al g6 thé chon cdc cdp sé
o4 1
aa,— T T
sau: al hogc\ 9) hoac\ 94,
, . A=a+—
Bai toan 2: Cho s6 thuc =2, Tim gi tri nho nhat cia a

So' d6 diém roi:Kinh nghiém tir bai todn 1 gido vién co thé hoi hoc sinh GTNN dat duoc
9
khi ndo va hoc sinh tra 101 ngay duoc khi a=2.Khi §6 GTNN 1a A=4

Gido vién hudng dan hoc sinh 1ap so d6 diém roi sau:



dla 2 ...
A=2=>61—=—1{ 606
a o

a 1 7a 1 7 7a 7 2_9
. A= +—+ >2 —2
Sai lam thwong gip la: a 2“ 4 . Dau

€69

xdyra ©a=2,
9
Vay GTNN cia 4 1a 4
£l
Nguyén nhan sai lam: Mic do GTNN cia 4 1a 4 1a dap s6 ding nhung cach giai trén

i . N i a Z 2 = i Z L
mac sai lam trong ddnh gid mau so: “ '2a V2.2 [3sai”.

Vay lam thé nao dé khic phuc dugc sai 1am trén?nhan dinh théy bac clia a & mau béng

2,vay phai ghép cap v6i 2 s6 hang bac 1 cua a.

A= a+a+i+6a >3. g g i 6_Cl>§+g:2
Loi giai ding: 8 8 & 8 88 ¢ 8 4 8 4y thuat tach nghich
dao)
Déu “=" xay ra <> a=2
El
Vay GTNN cua 4 1a 4
BAI TAP REN LUYEN:
A:ab+i
Bai 1: Cho 2 sb thuc duong g, b thoéa a+b=<1_Tim GTNN cua ab
Phén tich:
2
Cle ﬂ Sl
Ta co: 2 4
So d6 diém roi:
1 .Jab_1 ...
ab==={{—=—{({/(




Ta co:

(a+b| 1 ]
ab £| ‘ < = -gh=-—
| 4 4

1 1 1 17
A=16ab+——15ab>2416ab——-15ab>8—-15.—=—
g ab g g ab a 4 4

, = ab:l«:»a:b:l
Dau “=" xay ra 4 2

17
Vay GTNN cua 4 1a 4

Bai 2: Cho s thuc @=6_ Tim GTNN cua a

Phan tich:
Ta co

A=+ 8 22,2
a a a

D@ thay @ cang ting thi A cang ting. Ta du doan A4 dat GTNN khi a=6_ Ta ¢6 so d6

diém roi:
2
— [ ] a _36 L] [ ] [ ]
Aa=6=>6{\—=—0666
a a
Giai: C1:
2 2 [ 2 2
A:a—+g+9—+230 2330_'9_&_'_23(1
24 a a 24 24 a a 24
9 23.36 39
Ta co: 2 24
2
a_:_®a26

Dau “="xayra 24 a
Vay GTNN cua 4 1a 39
18
C2 :chon « sao cho 0a’= a khia=6suyraa= 1/12.

a 1B Ua , 8, Ha ¢,1136 54
A=12 a 12 V2" " 12 12

10




Bai 3 (Pé thi HSG HA Ni-2013) :cho x,y duong thda man :x= 2y.Tim GTNN cia :

X+
§=""-
xy
i S U
S = I" = —
Phén tich : Dua S vé dang Y V' X Dau bang xdy ra khi x=2y
X e
V - 1
= { - o 2a=—o a = .. 1 , -
y_1 2 4 gFry x .y _x . y,3x.5
Khi x=2y x 2 nén X) v x 4y x 4y 2
X
xz2y=> —=2
(Do gia thiét Yo
Bai4: Cho 3 s6 thuc duong a, b, ¢ thoa a+2b+3¢=20 _ Tim GTNN cua
3 9 4
A=a+b+c+—+—+—
a 2b c
Phan tich:

Du doan GTNN cuia 4 dat dugc khi a+2b+3¢=20 tai diém roi a=2,b=3,c=4
So d6 diém roi:
A=2=6{—=—{066

b=3=(

c=4=

B
Jc_4,
y

Gidi: Ta phan tich nhu sau:

11




3| a
+—+
4

3 a+2b+3c . - n
— 2\, J +——— >3+3+2+5=I3
4 a 2 ”b 4 ¢ 4

Déu “=" xay ra © 0=2,b=3,c=4

Vay GTNN cua 4 1a 13

Hii" b3
T 2" 4

m|

(]

| o
y ; 23
Bai 5: Cho3 so thuc duong a, b, ¢ thoa ' . Chlrng minh rang:
1 1 1 8 _ 121
oy 4 = >
la+bc+2 ab+bc+ca +abc_12
Phan tich:
‘ ll!\!
, | 5 N
Du doan GTNN cua 4 dat duoc khi | ,2tal diém ro1 4=9, ,C=2,
Giai:
Ap dung bat dang thirc Cauchy ta co:
a,b 2 _a3a b 2 _1
18 24 ab 18 24 'ab 2
CI_+C_+2_Z BG_C_Z__l
9 6 ca 9 6 ca
b_+C_+2_233b_C_2_:3_
16 8 bc /16 8 'bc 4
a_+C .|.b_.|.8_>44a_ C_ b_ 8_ i
9 6 12 abc /97612 "abc 3
13a+13b22\/130.13b Zz\/ﬁ 13,13
18 24 18 24 18 24 3
13b , 13¢ 2\/13b.13c22\/§§8 13
48 24 48 24 48 24 4
Cong theo vé cac bat dang thire trén ta dugc:
la+b+c|+2 L 8.1
ab bc ca) abc 12 (dpcm)

12




Dang 2:K¥ thuit chon diém roi trong bai toan cure tri dat duoc tai tim
BAI TOAN MO DAU:

5:“+b+ J@

Bai toan 1:Cho a,b>0.Tim min cta Jab  a+b

a+b sab a+b ~Jab ,
= + =2 =2= minS =2

Sai 1Am thwong gap la: ab a+b  NJab a+b

Nguyén nhin sai 1am :chua xét diéu kién dau = xay ra.

a+bh _-JE

—Jabh =a+bh =2Jab - 1 =2

minS=2 khi Vab a+b v 1y.

Phan tich:

Do S 1a biéu thire dbi xtng vo1 a, b nén ta du dodn GTNN cua 4 dat tai
5

@ =b khi 46 GTNN clia A=2

a+b @

Ta khong thé ap dung bt dang thirc Cauchy cho hai sd ‘/E a+b khong thda man

a+b @

quy tic ddu “=". Vi vy ta phai tach vab hoic @+b  @é khi ap dung bat dang thirc

Cauchy thi thoa quy tic ddu “=". Gia st ta st dung bat dang thirc Cauchy cho cip sb

a+b J_ a+b m

ab”a +b sao cho tai “Piém roi @ =b” thi ¥Va a+b , ta ¢ so do sau:

i

So dd diém roi:

a+bh 2

a;r] ab a 2 1

a=bh= - =" == g=4

1
a+ f) 2a 2

a+h JE (a+b) _ a+h m f?+b} Jl{f?+f)}

5
§= > =
4 m’; a+ J; ;}m’; ;Em’; a +!J 4;?f?:’;' P b 2

Giai dung: 2

"-'

13



Dau = xay ra khi a=b

Bai todn 2: Cho 2 s6 thyc duong a, b thoa a+b=<1_ Tim GTNN cua

A:a+b+l+l
a b

. A:a+b+l+lz441/a.b.l.l:4
Sai lam thwong gap la: a b ab

Vay GTNN cua 4 1a 4.
1_1

. sSa=b=—==—<ag=b=1 .
Nguyén nhén sai 1am: GTNN cia 4 13 4 a b .Khi ¢ a+b=2=1
trai gia thiét .
Phan tich:
Do A4 1 biéu thtrc d6i xtmg v6i a, b nén ta du doan GTNN cua 4 dat tai
_p=1
a—b—2
So do diém roi:
.1 Ja_b_1 ..
Ad=0===2({—=—"=—"(060(
2 a a 2«
A= 4a+4b+l+l —3a—3b2441/4a..4b.l.l— \a+b|=8-3=5
Loi giai dang: a b ab
<:>a:b:l

Dau “=" xay ra

Vay GTNN cua 4 1a 5

BAI TAP REN LUYEN:
, a+b+c< 3
Bai 1: Cho 3 s6 thuc duong a, b, ¢ thoa 2 Tim GTNN cua
A:a+b+c+l+l+l
a b c
Phéan tich:

Do A 13 biéu thire dbi xung voi a, b, ¢ nén ta du doan GTNN cua 4 dat tai

14




So d6 diém roi:

1_.la

a:b:c:—:(, =——=—=—{06(
2 a o o 2a
Gii: Ta phan tich biéu thirc nhu sau:
A=|aa+absacsielil| 34-3p-3c
a b c
z,6§/4a.4b.4c.1—.1—.1—3(a+b+c)
abec
j12-2=13
2 2
, c>a:b:(j:l
Dau “=" xay ra 2
13
Vay GTNN cua 4 1a 2
, a+b+c$§
Bai 2: Cho 3 s6 thuc duong «, b, ¢ thda 2 Tim GTNN cua
A=d?+b*+c?+ et L
a b c

Phan tich:

Do A4 1a biéu thtrc d6i xtmg v6i a, b, ¢ nén ta du doan GTNN cua 4 dat tai
a=b=c :l
2

So dd diém roi:
1 . 1...
a=b=c==>{la*=b’=c*=={i{
2 4

Giai:

(L, ., . 1 1 1 1 1 1] 3 3
Az‘a +h+c+—+—+—+—+—+— |+ —+—+ —
8a 8 8¢ 8a 8 8c) 4a 4b 4c

-
2

Ta c6 thé phan tich




... 1111 1 1 3[1 1 1]
39-\-/.::'.&'.0'.——————+— —+—+—‘
i

Sa 8b'8¢ ' 8a 8h '8¢ 4la b ¢
s249 1 S92 1 .9,9,.27
4 fabe 4 4 atbtc 4 4 4
3
, @a:b:c:l
Dau “=" xay ra 2
27

Vay GTNN cua 4 1a 4

Bai3: Cho 3 sb thuc duong a, b, c. Tim GTNN cua

a b c b+c c+a a+b
= + + +
b+c c+a a+b a b c

Phan tich:
Do 4 14 biéu thirc d6i xtmg voi a, b, ¢ nén ta dy doan GTNN cuia 4 dat tai
a=b=c
So d6 diém roi:
b ¢ 1.,

oa .
a=b=c={ =—=——==(
b+tc c+a a+b 2

Giai:
A= +b e +b+c Lcta +a+b .,.?L b+c Lcta +a+b
b+c c+a a+b 4a 4b 4c 4 \a b c
&66\3/0 b c b+c c+a a+b .,.?L Q+C_+c_+a_+a_+g
b+c ‘c+a a+b 4a 4b 4c 4la a b b ¢ c
(',3+§.6.?/2.5.5.2.2.2:3+g:§
4 aabbcec 2 2
Dau “=” xay ra <=a=b=c

15
Vay GTNN ctia 4 1a 2

Bai4: Cho 2 s6 thuc duong g, b thoa min a+b=<1_ Tim GTNN cua :

16




1 1
A= —_—
(12+b2 2ab

Phén tich:
Do 4 14 biéu thirc d6i xtmg voi a, b nén ta dy doan GTNN cua A dat tai

a:b:l
2

So do diém roi:

1 ] 1 L
a=b==>({—=——==2((
a*+b’

1 1 1 1 4
A= +——2>2 >2. = >4
a?+b? 2ab” " |a®+b%|2ab a’*+b*+2ab  |a+b)?

2

o eldHb=2abiil
au “=" xay ra

Vay GTNN cua 4 1a 4

Bai 5: Cho 2 s6 thuc duong «, b théa a+b=1_Tim GTNN cua

_ 1 1
1+a’+b* 2ab

Phan tich:

Do 4 14 biéu thirc d6i xtmg voi a, b nén ta dy doan GTNN cua A4 dat tai

a:b:l
2
So dd diém roi:
. 1 2 .
a=b===/ =={ 66

17




A_l +1 +1
1+a+b%> 6ab 3ab

.\/1 1

-2 +

[1+a*+b%/6ab 3ab

c',21 +1 =4 +1
‘1+a’+b’+6ab 3ab (q+bP+1+4ab 3ab

N

Do ab<

8 +
2la+bf+1 3la+bf?

4 4 8
+—=—
3

6
2.1+1 3.1

@é(l+a2+b2:60bé.'a:b

8
Vay GTNN cua 4 1a 3

i

Dau “=" xay ra

=1

Bai 6: Cho 2 sb thuc duong g, b thoéa a+b=<1_Tim GTNN cua

Phan tich:
Do A 14 biéu thuc ddi xung voi a, b nén ta du dodn GTNN cua A4 dat tai

a:b:l
2
So' d6 diém roi:
1 .| 1 .
a=b==={ ﬁZZ(’,CG
a+b

a:b:%:ﬂ,Mab:lZ,Z,é,

Giai:
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1 1 1 1

A= e T T T aap
. 1 1 1
62\/(—a2+b2)zab+2\/4ab°4ab+4ab
| 1 4 1
62'a2+b2+20b +2+4ab _(a+b)2 +2+4ab
2
> 4 ,+2+;ﬁ ‘DG abi‘lg+b -
(a+b) ;"aﬂh ' 2
4
2
RPN PPy
= —+.l=—4+ .=
(a+b) 1
TR INY R
@ca+b-2abo+40b-ma-b !
, | (I
Dau “=" x4y ra Vay GTNN cua 4 1a 7

1

Bai 7: Cho 2 s6 thuc duong g, b thoa a+b=<1_Tim GTNN cuia

1 1 1
A=
a+b®> a’b ab?

Phan tich:

Do 4 14 biéu thirc d6i xmg voi a, b nén ta dy doan GTNN cua A dat tai

amb=L
2
So dd diém roi:
1 .
a=b=—= T3 =2(606
a’+b

Giai: Ta co
A:_l ., 1ﬁ+ 1ﬂ+ 1ﬂ+ 1&5{]_1 N 1“ 1“ 1“ 1ﬂ

a+b 2ab 2ab 2ab 2ab a +b 2abh 2ab” 2ab 2ab
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]
a +b +2a’b+2ab’ +2a’bh+2ab’ (.’25

=5

5 la+bP+ab(a+b)
Az | I 2 g
> -Jmm) ‘DG ab <| ﬂ'_}i‘ == =20
b)Y - Lo 1+
(a+b) + h 4

[} 1 1 1 LI )
Bl =" 1l L0=bii

. 04 Mbe

Dau xay ra

Vay GTNN cua 4 1a 20

l+1+l 4

Bai8: Cho ba sd thuc duong x.v,z2 théa X ¥ Z . Tim GTLN cua
1 1 1
= + +
2x+y+z x+2y+z x+y+2z

Dé thi Pai hoc khoi A ndm 2005

3
Phan tich:Biéu thirc P 12 biéu t thirc ddi xtng nén dau bang xay ra khi x=y=z=4 nén

l+1+l 4

GTLN cua P=1.Do gia thiét cho diéukién X Y Z  nén ta can dénh gia P xuét hién
1 1 1
R
tong * VYV <
Gidi:

That vay 4p dung bat dang thirc Cauchy cho 4 s x,x,y,z ta co

1 11 1@??ii111¢
2x+y+z Xtx+y+z gixx.yz AVx xyz 16\x x y z) 44, o xay ra khi
X=y=27
Tuong tu:
1<1111%
x+2y+z 16\x y y z
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1 _tj1.1.1.1
x+y+2z 16\x y z z
Cong theo vé 3 bat dang thire trén, ta co:
= 1 + 1 + 1 si i+i+i =1
2x+y+z x+2y+z x+y+2z 16\x y z
1 _1_1_4
, (:)—:—:—:—(:}x:y:z:—
Dau“="xayra X Y Zz 3 4

Vay GTLN cua Pla 1
PHAN C :KET LUAN
ILKET QUA PAT PUQC :
Sang kién nay di dat dugc mot sé két qua sau
+ Nhéc lai cach tim GTNN, GTLN ctia ham s6 .
+ Hé thong mot s tinh chat ciia bat dang thic.
+ Hudng dan hoc sinh biét cach sir sung k¥ thuat chon diém roi trong bat dang thuc
Cauchy thong qua hé thong bai tap.
+ Sau khi van dung chuyén dé vao giang day toi thdy hoc sinh khong con lang tang khi
van dung bt dang thirc Cauchy. Ty tin xir 1y ,van dung t6t k¥ thuat chon diém roi,tranh
dugc nhirng sai lam thudong gap trudc day.
IL.LBAI HOC KINH NGHIEM
Qua thyc té giang day chung toi thdy rang van dé nao du kho ma gido vién quan tim va
truyén thu cho hoc sinh bang 1ong say mé va nhiét tinh cia minh thi s& cudn hut cac em
vao con dudng nghién ctru. St dung k¥ thudt chon diém roi dé tim GTNN, GTLN cua
mot biéu thire khong phai 13 mot van dé mdi, xong lai 14 van d& “Khé ¢ mudn thud dbi
v6i hoc sinh ma d6i khi con nhiéu gido vién ngai quan tim va dao sau no.
IIL.TAI LIEU THAM KHAO :
1. Cac phuong phap chimg minh bat ding thirc cua tac gia V6 Qubc Ba Can
2. Mot sd sai lam thuong gip khi giai toan cua tac gia Tran Phuong

3. Mot s6 trang mang Internet:Vnmath.com,....
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