@ Dang 1 : Biét can tich phan

Cho mién D gi6i han béi d6 thi hai ham ¥ =H(X)Y =(X) \3 hai dudng thang
X =a,.x =b,(a<b)
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S:J[f{x)- g(x)|dx
@ Khi dé dién tich mién D la: a :

b
:J[f[x)- g{x}]dx

o TH1: Néu [(X)- 2%) =0 y5 nghigm tren (a;) thi
© TH2: Néu f(x)- E[K] =0 c6 nghiém a<Xx <X,<..<x_<b thi:

ﬂf{x}- g{x} g{x}]dx +...+ ﬂf{x]- g{x]]
b
8 = [f(x)|dx
@ Chud y: N u &(x) =0 (truc Ox) th| 3

@ Dang 2: Chua biét can tich phan
Cho mién D gi6i han béi dé thj hai ham ¥ =1(X),y =g(x)

Giai phuong trinh T ()~ 2X) =0 4 ngniam X <X < <X,

+ +..+

= jﬂf{x]- g{x]]dx

X,

:ﬂf{x]- g{x]]dx

:[[f(x;- g(x)]d}(‘
Tinh X,

@ Chu y: Néu biét mot can thi ta tim can con lai.
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Cau 44: Cho ham s6 ¥ =/ (%) ¢4 dao ham lién tuc trén R va théa man
Jla)+af (x) =dx +4x+ 2. V2ER pian vich hinh phang gisi han béi cac
duong ¥ =/(¥) va ¥ =/ () pang
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Cau 1: Cho ham sé c6 dob thi nam trén truc hoanh. Ham sé
y=f() : B ) - N (Y +y7y=-4 .
thda man cac diéu kién va
£(0) =1 ,-r[l" 5
' S S T N . @)
Dién tich hinh phang gi6i han badi va truc
hoanh gan nhat véi sé nao dudi day?
A. 0,95. B. 0,96. C. 0,98. D. 0,97.

(FOY + G f (D=4 (FG)fG)) =4

= [(f'G)AG)) dr = [Fddx = f/(2).f () =-4x+C
= J‘_f"(.‘r)._f‘(r)d‘r = Jt— 4x+C)dx T f_f(r)d (r () =- 4%+C..‘r +B

fG) ﬁ f{l— 5
= 5 YO8 o f()=-4x' +2cx+B £(0)=1" |Z] T
JB = P {E »
= 1 C 5°
- ¥ C =l -
£ R At £ F AT T e [ ()
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X, :T
< -4 +2x+1 =0
. _I+J§
V-4 +25+1 =0 ()
145
S = f C4x" + 25 + ldr ~0,98
1-off Ly :f(x)
4 Cau 2: Cho ham s6 c6 dao
=1
ham lién tuc trén R théa man f va
|
véi moi . Tinh
5 13 5 13
A. 0O, B. 12, c. 0. D. 12,




i (1- )+ f(x)=x"- 2x* +3x- 1
= xjf(l- .1:3)+ 9‘(1:) =x"-2x +3x - x

= Iﬂxjf(l- .‘.{3)+xj”(.‘.{)] dx = IJ(:{" - 2x° +3x°

- x)dx
= ;ﬂxjf(l -y )]:i‘s:+ I‘ﬂxj"(ﬂ]d‘.{ = i - 2%#‘{3 - ';] HG
& ;ﬂx?f(l- x?)]du ﬂxj (x)]dx = 13 @ :Iﬂx’_f(l- X’ )] dx
£ D ]'
. ot ‘ 1 0
t=1-x"= df =-3x"dx

I _ﬂx Q- ]] dx_ﬂ;(;)” _d;‘ p“(e‘)dr :%ij(x)dx
:J[_ng”(x)]dx [“ :_x . = {d“ =

s dv=f(x)dx |v=f(x)
:I‘ﬂ .{f”(x)]:i‘.c :(xj(x))[} - I‘J‘f(x)dx =1- I‘J‘f(x)dx

(*)a_‘[j(‘r{)d‘-{+l Jj( )m__a- p( )m_ =

= Jj (x)dx = _1—_)

2 =f() . R
Cau 3: Chohamso -~ c6 dao ham trén
R A €9
do thi ham sé

nhu hinh vé. Biét dién tich hinh phang phan
soc ké bang 3 Tinh gié tri cha biéu thic:

T = ]'j"(x +1)dx + ]'j"(_r - 1dx + ]‘;‘ (2x- 8)dx

=

r=2

r=2
A. 2, B. I' =6, i . .
S :_‘:ﬂf(.r)|dx () <0 vee|-20] 3 :_ﬂf‘(x)|dx :-.:ﬂ-f(x)] dx
= :I‘_f('r)dl( =-37 :J_l‘f(lr— S)dﬂ
2y 3 t=2x-8=dt=2dx x=3=t=-2
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x=4d=t=

T :Iﬁ,--(.wl)d“ :f_f--(x- I]dx+{|‘_p"(2r— 8)dx :_f'(.r+|]f ‘- |)| .

=£(3)- £+ £(2)- £Q)- % —2-(-1)-
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Cau 4: Cho ham sé

X
bac ba ~ c6 do thi la duong cong trong hinh bén. Biét

Xi5 X, X, =x +2

g x " . . v 2 ~ Y
ham s6 / dat cuc tri tai hai diém thoa man - va
() + fx,) =0 N , N 2
S )+ x) .Goi ' va ’ ladién tich cda hai hinh phang
Sl

dugc gach trong hinh bén. Ti s6 5 bang:
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f(x)_rl =-Lx =l
Fx)=3x"-3= f(x)=x"-3x

5, = J'(.'r'-” - 3x )dx ZE; §5+S5,=2= § 35 izé
A 4 45 3 caus: Cho
A . \ ~ N N \ 2 f(x) 7
d6 thi ham s6 la nguyén ham cua co6 dang:
F(x)=ax +bx* +5x+d _, o . f(x) . .
. Tinh dién tich tao bdi va truc hoanh



X
% &) 0 0
A. B. 3 c. 3. D. 3.

F(x)=ax’ +bx" +5x+c= F'(x)=3ax’ +2x+5 F'(0) =5= f(0)=5

x =-4:x =4 F() F() =me’ +nx+5 —-4:x =4

i lom - 4n+5 =0
o }
lom+4n+5 =0

m ==

5
= 5 .
|rj=rj(x):-Ex-+5

' n=0
o 5 L 80
Flxddx = [| - =—x* +5|dv =— '
-! -ﬂ 16 ' 3 caue: Cho d6 thi ham s )
nhu hinh vé. Dién tich 2 hinh tao béi f) va truc hoanh la
%__%__}‘(1) =3 [£ G f Geddx
. Tinh gia tri cta tich phan '
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9
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A 7. B. 5. c. 128, D. 29,
(767 W = [£(af () =2 (jII AV AEASC NG
M1 3 9 . -
' (x)dx == - 1) =2 .=l

If gz’f(l)j(l)gz’j(l)s

4 . . 5 . 7

J}(:’);‘h’ :—% _,ir (4)‘ _f (l):‘ Z _,i‘ (4) :z

f@y-fE1 _ 29
2 128 Cau 7: Cho ham s6 =/ &) lién tuc
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trén doan [ ] va c6 do thi nhu hinh vé dugi. Biét dién tich cac hinh

I :.J.(.‘l."-\ +_1')_f"(.r: - 3)(11‘

AB,C
777 lan luot la 27, 2 va 3. Tinh tich phan
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f=x - 3:' 3.".'[1".' :df

-

X 1 . e
F=[(x+x)f(x*-3)dx =5 [2(x - 3+4) f (" - 3) d

u=x+4 du =dx
dv = f'(x)dx v =f(x)

21 = [ (e +2)f () de =(x+ ()]s - [ f)dve=- [ f(x)de

= [ f(dx- [ fx)de- [f()dy Z _ g 453 —ogs g 4.ca

1 .
:E fﬁ“ +Of (Ot = 27 = fﬁ(-"+4}_f'-r(.1'} dx

H . 2 . C
u 8: Goi () la phan hinh phang giéi han béi do thi © cla
. . P .
ham s6 da thic bac ba véi do thi () cla ham s6 bac hai nhu
hinh vé bén. Dién tich cGa hinh phang ) bang
Y
5 (C)
-1 -
: 0 xr
|
I
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37 X 11 5
A. 12, B. 12, c. 12, D. 12,

©) fx)=ax +h” +cx +2 (a.b.ceR.a =0) (P)
g(x)=di’ +ex (deeRd #0)(C)(P) y=- | x=1:x =2

f)- glx)=ale +D0x- 1x-2) 9

£(0)- glo)=alo+1)(0-1)0-2)=2= a=I (H)
37
12cau 9: Cho hai ham s6

5= :_ﬂ_f'(r]- E(.r]|tlr::ﬂ(r+ DG - D - 3]|clr:

(x)=ax’- 3x" +bx+1- 2d x) =cx’ - 2x+d ,
fx) =ax'- 32 +bx vy SR =er - Tekd o bign thién

nhu sau:

X —0 a B +ot
g(\) +oo B ¥+

B ﬁO__q____ __r_'Of-‘”'

— 4 _—
S1x) v — +a0
P ’/_/ T — ///'
—0 " '“-—-.______%__* L -

Biét rang doé thi cla hai ham s6 d& cho cat nhau tai ba di€m phan biét
Rl B :3&_ Dién tich hinh phang

c6 hoanh d@d ™ *2> % théa man
x), x=-3 x =6 bang

giéi han béi cac dudng ¥ =f(x), y =g(

1321 1123 1231 2113
A. 12 B. 12 | C. 12 pD. 12
2
a+p=—
a
_b
£1(x) =3ax’ - 6x+b a, B f(x) =daxr’ - 6x+b =0 |P T35 . p
2(2 2
+f==" | —=— .
a+p cla ¢ a =c
wpod |bood le=3d 1
gx)=ex’ - 2x+d =0 | " "¢ |32 ¢ 2(x) (E’ )c>0
1 1 1
) =- - - d=—-4 .
g(c} 4=d c 4= a fix)- g(x) =0x, x,, X
( I+a
i ta, +x, =
a

. . 3d+2
3 > X, +X,x, by =
@ ar-(3+a) +(3d+2)x+1-3d =0x, x,, x, |77 7 a

x 4x 4 x” =30 (x4, +x, ) - 2xx, o, + .y ) =30

1
J—-4)+2
n
‘='f3+a}:-2f3d+“}:3ﬂﬁ(3+ﬂ}:-3. a _30
a a e a

a =1

= 3
a:-_

< 29g° - 20a- 3 =0 29a:c>0a:1f‘:|,{i‘r:'3,:‘?:-g



flx)- glx)=x"- 45" - Tx+10 y = f(x), y =g(x), x =-3, x =

S= iﬂ_f'f_.‘r]" ._ff_.'f]l|a'.1' :iﬂ.'r'-” - 4y - Tx+10|dx :| 321

: Cau 10: Cho
ham s6 =/(x) lién tuc trén R va théa man /-4 =4

. DO thi ham
56 =/'(x) nhu hinh vé bén dudi. D€ gia tri I6n nhat cia ham so
. .'l.':
hix)=f(x)- P +3m A [_ 4;3]
= trén doan

khéng vugt qua 2022

thi tap
giac tricua " 13

A, (-:2022] g (674+) @ (-1674] g (2022;4%)

h'(x) =fx)- (x+1) (-4;1) h'(x)<0
(1:3),h'(6) > 0 h'(1) =0 h(x) |- %3] x =1 @ =h(-4) =3m

b =h(3) =f(3)- —+3u:5 = [lte- 1) £ (s, =][f'|:.r}-(.r- )]s

X NE

‘ ‘f["-}'?'.'
| 1 i i i . 15
S )4+ £(-4)> f(3)- = f() = f(-4)>f3)- == )<=

5
maxhi(x) =a = 3Im <2022 = m <674
b<a g1 m, (- o0;674] Cau 11:

y=/(x)
la ham da thic bac 4. Biét ham so

5 =>5= %+.T- Sl

i

=

Cho
o y=rk o
ham so6 c6 do
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©) \
thi nhu hinh vé va dién tich cta hinh phang gidi han béi dé thi

©) M

va truc hoanh bang 9. Goi va ™ 1an luot 13 gid tri 16n nhat va

e v=fR) -32]
gia tri nhd nhat cua ham sé trén doan . Khi dé6 gia tri
M= m bang

y y = f'(x)

/\\ T

/—2 o] 1
16 2 27 5
A. 3. B. 3 c. 3 D. 3.
() x==2
fx)=0e x=l F(x)=alx+2)(x- 1) =a (.T'-‘ - 3x+ 2)
. y |t 3x° |
i (.1)—]}‘ (x)dx =a 7 T+ 2x | +C ©)

I_,-f"(.r)du- =9 = _f'(.x-]'_: =9« f(1)- f(-2)=9
= ”‘ %' (- t')‘ =9 =a :%f(.‘r) 2%- 2x° +§.‘r +C

Fx)=0e= x=-2,x=1 f(x)<0 ¥x<-2 f(x)=0 Yx=-2

-8+C M :§+C
3 m=-8+C

32
M-m== y=1(x)

3 cau 12: Cho ham s6 ~ c6 dao ham trén | .

o Ly =7'(x) . L hG) =27 Ge)- R

PO thi ham sbé nhu hinh vé. bat . Ménh dé
nao dudi day dung?



A

_a(4)}ﬁ(-z)>h(z)_ _ﬁ(z)mu)m(-z)_

_ﬁa(-z)}m)}h(z)_ _h(z)m(-z)}h@)_

D
() =2F"(x)- 2x,y' =0= f'(x)=x(1) y=7"(x) y =x

Ya
y=x
) SR
I
I
I
I
2" I
| |
| I
| I
I | _
_25 9 4 - x=-2
fx)=xe |x=2
2 x=
x — 2 2 4 +a0

h' - 0 4+ 0 _
h(2)
h \ h(-2) 7 \;;(4) —

iﬂh "(x ] dr = iﬂh ' (1)| dx

]‘h'(.r)dr}—]?v'(x)drﬂ Q)= h(-2)> h(2)- h(@)= h(-2)<h(@)

Cau

L y=re) R s ki e

13: Cho ham sé lién tuc trén va c6 dob thi ham sb
y=7"(x)

nhu hinh bén
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v [y=r(x)

:‘
i
\" - : .‘"
\ e
\\ |
a o 1 3 |
—2 T‘ v‘ Iu
- ! f
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a3 ______ J |
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S

gx)=27(x)+x"

Xét ham so . H3i ménh dé nao sau day la ding?

A g(l)cg(-z)cgu)_ B. g(—E)}gG):g(l)_
C. z(-2)<g(3)< g(”' D. g(l){g(?r){g(—g:l.

g (x)=2f"(x)+2x :3[1”(-‘()‘ (- ﬂ] y=1'(x) y=-x

v y=F'(z)
,,,,, 2
‘: 01 3 e
i |
gl ______ :
y=—= S,
y :f'(x) y=Xxx=-2x=1
5= [/ - ) de= %_Jg’(.r)dr = 2¢ 0, = 2[e®- ¢(-2)

S, y="() y=-xx=1x=3

s :iﬂj"(x)— (- _r]] dx :i— ]‘g'(x)dw ZI;g(ﬂr Zi—[g(?')' S(l )I

(1)- g(-2)] =0
|£0- £(-2) g(-2)>2(1)

g)- ¢()] >0 = 1g@B)>2(1) = g()<gBB)<g(-2)
2(-2)>¢0)

'S =0

1
5,20 = ;
5, >5,

bd | =
— [ ]

(2()- ¢(-2)) >2[2G)- g(1)

2

b | =

fG)=2 ra bxde Ly

Cau 14: Cho ham s6 vai la cac so6
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@) =G+ G+ ()

thuc. Biét ham so6 c6 hai gia tri cuc tri la
f)

yp=—

T ogly)+12

“4 va 4. Dién tich hinh phang giGi han béi cac dudng
va =1 bang

A. 2In3 B. In3 . c. In18 D. In2

() =D+ G+ () g () =G+ 7 ()+ £7(x)

g(m)=-4 &)
=f )+ ()+12 g () =0 ,, , lg)=4 g()+12

m

X

= g()+12- () =0 F )+ ()+12=0°"
'y flx) B "rg G)+12- £ (x) I S+ F(x)+12
N _Hl s _‘J 2()+12 dw‘ _‘,ﬂr 2()+12 dr‘

| g'(x)

xX=n

;o

e@e2 ™| =fnje)+12]2] =fn |G +12]- Infe (m)+12]

:||1|18|— |1|1(lf:'r]| =In2 ca

u 15: Cho ham da thirc bac bon
=/ (x) =1'(x)
y=/ c6 do thi ham so y=1 nhu hinh sau.
] 1
i 0 4 :
2
rl
1
7(0)=— o8
Biét 21 ya dién tich phan t6 mau bang 2! . Tim s6 gia tri

g . Lelx)=|df(x)+x +m
nguyén duong cla tham s6 " dé ham so6 g(x) | fx) | co it

nhat 5 diém cuc tri.

A. 12, B. 11, c. 10, D. V0 s6.
148 o =2 Ly @)= e = 1
21 & 21 21 21
147 | o
ﬁ?(.r)zﬂrf(.r)'l'x:h(ﬂr)_ﬁf[_ 71 |+4 =-12

R () =4 (x)+2x =4| f'(x)-

- —H W) =0 £(x)=

| =
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x=-2
N ,
o h (x)=0e |x=0
diy=-= )
2 X =
v =f'(x) J ﬂ _3’"(-1']'+? dx < j - 'E- frl[.r}_ dx
A dl—ri!‘:‘r?'(.‘r)a’:r <- IZ;P’(‘L)GH
= h(0)- h(-D<-h@+h(0)= 1 (-2)>h(4) A (x)
X —on 72 0 4

H(x) oo _ 0 N 0 - ; N

g(r):|ﬁa(.‘r)+m| g () +m h()+m =0 h(x) h(x)+m h(x)+m =0

s -m=-12=m<l2m
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