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Ly thuyét

1. Pinh ly ham cos

(=7
{‘/;“
j.;/ » Trong DA.BC Vé’j. -H:‘ :ﬂ;m :b;AB :c:ta Cé;
o @ =D +C - 2bc.cosA A
o bF =a +c - 2ac.cosB
o ¢ =b +a - 2bacosC b
»  Hé qua
bF+c-a
00sA=———
o 2hc
T+Cc-b
owsB=————
= 2o
b+a-c

cosC =
2. Pinh ly ham sin

(=

Vie—{ s
v_w.“

VIS e

25 Trong DABC ta cé:
| b C
sind4 sinB sSnC 4

»  Hé qua

B

d=2RHsinA — —sinA =5

o i

=)
o

. . b

b=2RsinB- — smB=—
sin sin B

c

[

[m}

c=2HsinC — — sinC =———
R
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3. Puong trung tuyén

275 ChoDABC M3 trung diém canh BC,
AB +AC* =2AM* +B(C".

»  Goi M, My, Meyap luot 1a d6 dai cac duong
trung tuyén tw A,BC

b+ «a
= ¢ 2 4
. _@+C b
I Y
m}:bh"g-i

4. Dién tich tam giac
[

Vi
0 e

1 1 1
S=—ah =—bh =—c.
1H 2 ° 2 h, 2 h‘.

oS = bosinA =_ axsinB = dbsinC

_axc
@~ 4R (Rla ban kinh dudng tron ngoai tiép DABC),
) S=pr ("la ban kinh duong tron noi tiép DABC),

b
~ S=.In(p- a)(p- bXp- 0 . P=a+ te

- o n_.

5. Giai tam giac

-@6
»  (Giai tam gidc la tim s6 do céc canh con lai va cac géc con lai cia tam
gidc khi biét mét s6 yéu té cho trudec.
2 o2 . . 7 2 n 7 7 7 N \ . 7
»  DE giai tam giac ta si* dung mot cach hop ly cac cong cu la: Pinh ly

cosin, dinh ly sin va cong thic vé dién tich tam giac.
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egCéc dang bai tap

0 Dang 1. Gidai tam giac

2 \"Ph uwong )

> Dinh ly cos: > Hé qua
b+c-a
s 1 s omosA=——— —
q) @ =b' +C - 2bc.oosA @) 2he
aT+c-b
. - s 0sB=———
(o) b’ =a +c - 2ac.cosB (5) 2ac
b+a-c
s e s oosC=——— —
@) C =b' +a - 2ba.cosC ®) 2ac
a _ b _ € _,
> Pinh Iy sin: SnA sinB snC ~ > Hé qua
a=2RsnA - — sinA =——
(1) 2R
b=2RsinB - — sinB :,}E
) 2R
¢ =2RsinC - — sinC :;
3 2R
A :ABL +AC - BC-
> Puong trung tuyén: 2
Goi My, My, Man luot la d6 dai cac duong trung tuyén tir A,BC
. _b+c «a e _@+C b . _b+a@ ¢
\_
4 Vidu 1.1.
r | Chn tam aide ABC 4 @=7;b=8;c=5 Tinh H‘S’ha’R
o Loi giai

b+c-a &+5-7 1
2bc 285 2 = M=60"

o0sA =

S:éhasinﬂ :I £.5.5in60° :It}ﬁ

;
3 % 3
S:lﬂ,hﬂz‘r hﬂ :lg :‘-”ID.J?T :“Dﬁ
Ta co6: 2 " S da 7 T
abc_ o_abc_ 785 1\

8=—"—"=R= = =
Ta co: 4R 45 4"&“-‘6 3
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{ Vi du 1.2.
Cho tam gidc ABCcé d6 dai ba canh 1a AB=2, BC=5 CA=6_Tinh d6 dai
duong trung tuyén MA | v6i M 13 trung diém caa BC.
, o Loi giadi
Ap dung coOng thic tinh d6 dai trung tuyén ta co:
Ma— [AB+ACC BC' _ [2+60 5 58

2 4 Y 2 4 2

{ Vi du 1.3.
Tam giacABC ¢6 canh @ =23,b=2,C =30
(1) Tinh canh €, géc A va dién tich S cta AABC.
(2) Tinh chiéu cao h va do dai M clia duong trung tuyén ké tr A cuaa
o Loi gidi
(1) Tinh canh €, géc A va dién tich S cta AABC.
oo G =+ 2aboosC = € =(243) +2°- 22y3200830° =4 = c=2
acé €= -2 .
Xét tam gidc ABC ¢4 b=c=2= tam gidc ABC can tai
A= C=B=30"> i"!.—I"’Ci

——1135111A— 2.2sni120° —J?_a

Ta co w2 2 .
(2) Tinh chiéu cao h va d6 dai M cta dudng trung tuyén ké tir A cua AABC.
lan=n _ 25 _ "’J_
, ABC - a a2 (1 ,}J_
Ta co -
2 +c)-a 207 +27)- (EJ:?)'
m:- = = =] = IT,!T =1
Ta co 4 4
4 Vidu 1.4,
Tinh géc 16n nhat clia tam giacABC ¢6 canh @=3.b=4,c=0.
Tinh duwong cao ing véi canh 16n nhat cua tam gidc.

o Loi giai

Vi €=6 13 canh 16n nhét nén géc lén nhat 1a géc C.

e TP -C _F4d -6 1A e SmC:J455
Ta c6 2ab 234 24 24

Vi €=6 13 canh lén nhé{t nén duwong cao ing voi canh 1ém nhat la h.

(A S

4mé

Sapc =

—absmlf:‘ =
Ta co 2
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| 455
S _h:lh c= h :H.Sqﬂ: :“' 4 = 455
B2 c 0 12
..ﬂ’
4 Vi du 1.5.

" Tam gidc ABC vuéng tai A c6 AC=6m, BC=10an Tinh ban kinh duong
tron ndi tiép tam giac ABC

o Loi giai
Do tam gidc ABC vudng tai A c6 AC=6cm BC =10an pgp
AB=yBC*- AC’ =\10°- 6 =8

1
S .- =——ABAC
Dién tich tam giac ABC 1a % 2 =24,
r= 2'5.-‘..-13:-" - 2.24
Béan kinh duong tron ndi tiép tam giac ABC 13 AB+BC+CA  6+8+10 =2,

4 Vidu1.6.

C0SA =—
r Cho tam giac ABC ¢4 b:7, c=5, 5. Tinh @6 dai duong cao h, cua

o Loi gidi
b
C
B - a C
. .. =49+ 25- 3,?,5.3
Theo dinh 1i ham cos ta c6 @ =D +C - 2bccosA 5 =32= a=4y2
0sA :E = SinA =4

Ta lai c6: 5 5

S, =~bosmA =L 752
Dién tich tam giac ABC 13 % 2 2 5 =14

3 28
:la.ha h = 2%ame =2 :—7‘/5
2 nén “ a 4\/5 2

e

vay = 2

S,
i oo
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0 Dang 2. Chiitng minh hé thuc trong tam giac

g Phong )
> Ap dungbinh 1y cos - sin, céng thitc duong trung tuyén.

biét.
> Dung mot hé thic da biét bién déi thanh hé thitc phai chimg minh.

S... AB AC
> Van dung ti s6 dién tich hai tam giac Sz AD AE
A
C
B
D E

> Bién doi tir vé nay sang vé kia hoac bién d6i twong duwong dén mot hé thirc da

4 Vidu 2.1.

Chimg minh rang trong tam giac ABC. ta c6
(1) sinA =sinBoosC +sinCcos B.

) h =2RsinBsinC.
S=Rr(sinA +sinB+sinC)

@

3
o Loi giadi
(1) sinA =sinBcosC+sinCcos B.
Ta cé SinBoosC +sinC ocosB
:ira:+lf—c3+£ra*+cf—lf _a+b-c+a+c-b _2a _ A _gna
2R 2ab 2R 2ac 4aR 4aR 2R
©) h =2RsinBsinC.

L+

, abc
2§ “4r _bc 2RsnB2RsnC ___ . __
Ta o6 h, == TIR- R =2RsinBsinC.

S=Rr(sinA +sinB+sinC)

/ VP =Rr. %+%+% :r,| a+b+c =r.p=5S
Ta coé L < = . v < ( dpcm).
P
& fvidu2.2.
r snA =2cosC
Cho tam aidc ABC théa SB _Tam aiac ABC 13 tam aidc ai?

o Loi giadi
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a+b-c
2ab = a=a+b-c = b=c
Vay tam gidc ABC can tai A.

= a=2hoosC = a=2h

4 Vi du 2.3.

' Cho tam giac ABC ¢6 b+C¢=2a Ching minh ring
2 1 1

L
h, h

(1) 2SinA =sin B+sinC (> I,
o Loi gidi

(1) 2sinA =sinB+sinC.

Ta c6 b+c=2a= 2RsinB+2RsinC =2.2RsinA < snB+sinC =2sin A.

11

v
h, &

2
h,

2)
b+c=2a< %+% :E,Eh—ﬂs

Ta co a h, h R
&

{ Vi du 2.4.

" Cho tam giac ABC ¢¢ bc=a@. Ching minh ring
(1) sin® A =sinB.sinC (o) hh =,
o Loi gidi

(1) sin" A =sinB.sinC

. be=d = 2RsinB2RsinC =(2RsinA)’
Ta co
<= 4R'sinBsinC =4R*sin” A < sinB.sinC =sin’ A.

(2) hb‘hc =h§.

= — ﬁh:: h
I;Ihhc ‘;E"' a }Ihf

'zs": 45 48
b

3 2
bo=d = LSLS =
Ta co hoh
&

{ Vi du 2.5.

' Chung minh réng trong tam giac ABC, ta cé
1) b - ¢ =alb.cosC- c.oosB)

- (B - ¢)cosA =a(coosC- h.oosB)

(a sinC =sin AcosB+sin BoosA
s Loi giai
1) b - ¢ =alb.cosC- ccosB)

b =a+c - 2ac.cosB

Ap dung dinh Ii cosin cho tam gidc ABC . Ta cé: | =7 +b - 2dacosC
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= - =c¢- b - 2alc.cosB- b.cosC)
= 2(bF - ¢)=2a(bh.cosC- c.cosB)

= - ¢ =a(b.cosC- c.cosB) (Piéu phai ching minh)

o (F - ¢ )oosA =alcoosC- b.cosB)

F+c-a
cosd = She
SB::T +c-F
2ac
b+ad-a
cosC = i

Ta co: !
= (b - ¢)cosA =alccosC- b.cosB)

m(Ef-c:).E+cz_ﬂ:: 'Crﬁ+cf—ﬂ3_crcf+c*—if'
2hc | 2ba 2ac
., yb+c-a b+a-c ,a+c-b
= (b-¢2). e - h. —
_b-c-ab+ac _dr+ar-c¢ br+bc-b
ho - b c
b-c-ab+ac _cb+ca-c ba+bc-b
bc - bc be

= b-c-ab+ac =cb+ca-c-ba-bc+b < 0=0 (pjéu phai ching minh).
(3) sinC =sin A cosB+sin BcosA
VP =sin A cosB+sinBcos A

a4 @+¢-B b B+c-a@ (@+c-BRF+c-a) 20 ¢

=, +—, = = =— =sinC =VT (dpcm).
2R 2ac 2R 2bc 4Rc 4Rc 2R (
o 4
4 Vi du 2.6.
b+c-a
b+c- a
Cho tam aiac ABC thaéa Iﬂ:Eb.CDSC

_Chirna minh DABC 13 tam aidc déun.
o Loi giai
b+c-a .
——
b+c- a
a=2b.cosC

Ta co: !
b+c-a=ab+adc-a
T+b-C
, 2ab
(b+c)(b - be+ G- @) =0

a+b-c
q=—

a

a=2b.

_ (A =60
b=c

(- be+ 2bc.cosA =0
— . . —
b =c¢

cosA =

b=c

b | =
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Vi tam gidc ABC can cé 1 géc bang 60 nén tam gidc ABCla tam gidc déu.

{ Vi du 2.7.
Chimg minh rang trong tam giéc dién tich hinh binh hanh bang tich hai I

canh bén lién tiép véi Silcla géc xen gitta ching.
s Loi giai
Gia str v6i hinh hinh hanh: ABCD,
Suscp =25, =2.~BABC.SINABC =BABC.sinABC

P ABCD
Ta co:
Do vai tro cac goc cac canh trong hinh binh hanh nhw nhau nén suy ra diéu

phai chimg minh.
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0 Dang 3. Ung dung thuc té
ZPhuons )

> Ap dungBinh 1y cos - sin, céng thitc duong trung tuyén, hé thirc lwong trong tam
giac...

> Thuwong gap: van téc - thoi gian, tinh do dai duong di, tinh khoang céach gitra céc
g

Vi du 3.1.

Hai chiéc tau thuy cing xuat phat tlr vi tri 4, di thang
theo hai huwéng tao véi nhau mét géc 60°. Tau th nhat

chay véi toc do 30km/ h
40km/ h

, tau thr hai chay véi toc do
. Héi sau 2 gio hai tau cach nhau bao nhiéu KMy -_ 4

o Loi giai
Ta c6: Sau 2N quang duong tau tht nhat chay duoc la: § =302 =00km
Sau 2h quang duong tau tht hai chay duoc la: S, =40.2 =80km

Vay: sau 2h hai tau cach nhau la: SZJS'_ +5, - 25,5,.00560 =2013.
2

Vi du 3.2.

T mot dinh thép chiéu cao CD =80 M hgudi ta nhin hai diém A va B trén mat dat

& 7 e \ N 0 1 N O ! 7 . > .
dudi cac goc nhin la 72127 ya 34726 50 véi phuong nam ngang. Ba diém A,B,D
thAna hana Tinh khaidne cach AB (chinh vaec d8n hana don wil?

o Loi giadi

C

80m

D
7212 =2~ ap=_ D8 555
Trong tam gidc vuéng CDA . AD tan72"12' tan72°12
tan34'26" :E = BD = CDI = SDI |; 116,7.
Trong tam giac vuéng CDB. ED tan34'26" tan34'20

Suy ra: khoang céach AB=l10,7- 25,7 =91m.
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{ Vi du 3.3.

Trén néc mot toa nha cé mot cét ang-ten cao S m. Tl
mot vi tri quan sat A cao ’m so v6i mat dat cé thé
nhin thdy dinh B va chan C cta c6t ang-ten, véi cac
g6c twong tng 1a 50" va 40° so véi phwong ndm ngang

(1) Tinh céc géc cta tam gidc ABC.
(2) Tinh chiéu cao cua toa nha.

o Loi giai
(1) Tinh céc géc cta tam giac ABC.
Ta c6 BAC=50"- 40° =10°  ABC =90°- BAD =40° g
= ACB=180" - ABC- BAC =130° 5m
(2) Tinh chiéu cao cua toa nha. C
Ap dung dinh 1y sin trong tam giac ABC ta cé
?BC‘ _ Jliu:‘ . AC:BCI.SLHBZE.IsmerD ~18,51.
sinA snB sinA sinlo 50°
. . A . . 40
Xét tam gidc ACD vuéng tai D c6
CD =AC.sin40° ~11,9 D 4

Vay chiéu cao clia toa nha la; 11.9+7 =18,9m

Vi du 3.4.

DE€ tranh nui, duwong giao théng hién tai phai di vong
nhw mo6 hinh trong.Pé rit ngan khodng céch va trdnh
sat 1&' nidi, nguoi ta dy dinh lam duong ham xuyén nui,
noéi thdng tir A téi D. Hdi do dai duong méi sé giam
bao nhiéu kilomét so véi duong ci?

o Loi giai
Dung CE,BF

vubng gbc véi AD,
Xét tam gidc CPEvuédng tai E c6 B=8=45

= DE=CD.sin45" =62 km.

Xét DABF. B=15°
—~ AF=ABsin15’ =(246 - 242 )ian.

Mat khac EF =BC =okm

= AD =DE+EF + FA =6 +4+J2 + 2Jo ~16,56 km.

9,44 km

Vay d6 dai duong madi sé giam so voi duong cii.
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Luyén tap
AT

A. Céau hoi - Tra 1oi trac nghiém

» Cau1. Cho AMBC ¢4 B=00",a=8,c=5. p§ dai canh D bang:

A. 7. B. 129. C. 49. D. V129

o Loi giai

Chon A

Ta c6: I =@ +C - 2accos B=8" +5" - 2.8.5.00800" =49= b=7_

» Cau 2. Cho tam giac ABC ¢4 AB=2,AC=l y3 A =60". Tinh do6 dai canh BC.

A. BC=\2. B. BC =l c. BC=\s. D. BC=2.
o Loi gidi

Chon C

Theo dinh 1y cosin ta c6: B¢ =JAB' + AC’ - 2ABAC.cos60’

:J33+|3- E,E,I,l— _

4
» Cau3. Cho ¥PC 13 d6 dai 3 canh cia tam giac ABC  Bigt b=7, C:5;OOSA 5. Tinh d6
dai cua 4.
72 23
A W2 B. 2 . c. 8. D. 6.
o Loi giai
Chon A
Ap dung dinh li cosin cho tam giadc ABCta co:
4

a =b +c - 2bccosA =7 +5 - E.?.S,EZIS

Suy ra:4 =18 :3\5.

» Cau 4. Cho %PC 1y do6 dai 3 canh cia moét tam gidc. Ménh dé nao sau day khong ding?

A @ <ab+a B. @ +C <D +2ac
c. b+c>a +2bc p. ab+bc>b'

o Loi giai
Chon C

Do b +¢ - @ =2bccosM <2bc= b +¢ =@ +2bC ngn ménh dé C sai.
Ap dung bat ddng thic tam gidc ta c6 d<b+c= @ <db+ac,d4p an A dung.
Tuong ty @+C¢>b= ab+bc>b" .manh dé D dung.



» Cau 5.

» Cau 6.

» Cau7.

» Cau 8.

» Cau 9.
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Ta cé: @ +C - D =2accosB<lac= a +¢ <b +2ac;ménh dé B dung.

Cho tam gidc ABC thod man: P +¢-a@ :J’:Th:. Khi do:

A A =30". B. A =45". c. A=60". p. A=75"
o Loi giai
Chon A
00SA _b+c-a :ﬁh: :ﬁ: A =30
Ta ¢o: 2bc 2bc 2
Cho tam giac ABC, bigt @=13,b=14,c =I5. Tinh géc B?
A, 59°49". B. 53°7". c. 9’9" D, 62°22".
o Loi giai
Chon C
cosB =L *C - b _13°+15°- 147 33 B: 59°29".

Ta c6: 2ac 2.13.15 65

2 . blb-a)=cda-c s . A an

dang thuc o )=d ) Khi do goc BAC bang bao nhiéu do.

A. 30", B. 60", C. 90, D. 45
 Loi giai

Tam gia . Céc canh % b, ¢ jian hé véi nhau bdi

Chon B

.. i b(b?—cf):c(cf—r::“)mrH—cfb:cfc—c:":ﬂalfﬂ:‘—a:b—cfc:ﬂ
Theo bai ra, ta co:

= (b+c)(b - be+ ¢ )- @(b+c)=0= (b+c)(b - kc+c - @)=0= b - e+ - @ =0

o PF+d-ad =Ir= M—_J:lﬁ cosBAC L BAC =608
2bc 2 2 ,

Cho tam gidc ABC, chon cdng thic ding trong céc dép &n sau:

., b+c «a ., T+C I
nr = +— nr = - —,
A. 2 4 B. 2 4
a+b , 28 +2bF- &
= - = Mmoo
C. 2 4 D. 4
o Loi giai
Chon D
. _b+c a 2b+20-¢a
Tacé: 2 4 4
Cho tam giac ABC ¢4 AB=3,BC=5 4y 46 dai dudng trung tuyén BM =13 Tinh
do dai AC,
2
AT B. 4. C. 2. p. V10,

o Loi giai
Chon B
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» Cau 10.

» Cau 11.

» Cau 12.

» Cau 13.
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B C
5

Theo cong thic tinh dd dai duwong trung tuyén;ta co:
BM? _BA +BC" Af- o [JE) _¥ :5' ) %ﬁﬂc _4

-

Cho tam giac ABC, c6 d6 dai ba canh la BC =aAC =bAB=c_Goi ™ 1a d6 dai
duwong trung tuyén ké tir dinh A, R la ban kinh duwong tron ngoai ti€p tam giac
va S 1a dién tich tam gidc d6. Ménh dé nao sau day sai?

. _b+c @
A. ¢ 2 4, B. @ =b +¢ +2bcoosA
_abx a _b _c _,
C. 4R, p. SnA sinB sinC ~
o Loi gidi
Chon B

Theo dinh 1y ham s8 cosin trong tam gidc ta c6 @ =b +¢ - 2bccosA
Tam giac ABC ¢¢ @ =6,b=4y2,c=2. M 1a diém trén canh BC sao cho BM =3 pj
dai doan AM bang bao nhiéu?

1

—4/108.
AL VO B. 9 C. 3 D. 2

 Loi gidi
Chon C
Ta c6: Trong tam gidc ABCcg a=0= BC =0 ;3 BM =3 guy ra M 13 trung
diém BC.
B+ @ _

AM =m = - —=9= AM =3
Suy ra: 2 4 .
Cho tam giac ABC  Tim cong thtrc sai:

a . a . csinA

=2R. SnA =—. . sinC = .

A. sinA B. 2R c. bsnB=2R.p
o Loi gidi

Chon C

a b c

= = =2
Ta c6: SnA snB sinC
Cho tam giac ABC ¢6 géc BAC =60" v canh BC :‘/g. Tinh ban kinh ctia duong
tron ngoai tiép tam gidc ABC.

A. R=4, B. R=1, C. R=2, D. R=3,

 Loi gidi

Chon B
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SinA 2sinA )
Ta co: 2 )
» Cau 14.Cho MBC ¢4 AB=5;K=40";B=60" pg dai BC gan nhat véi két qua nao?
A. 37, B. 3.3, C. 35, D. 3.1,

o Loi giai
Chon B
& =150°- K- B=180" - 40° - 60° =80°
, BC _AB g8 gna=_3 sinao ~3,3
Ap dung dinh 1y sin: SinA  sinC snC Snso )
» Cau 15.Cho tam gidc ABC thod mén hé thic P+C¢=2a, Trong cdc ménh dé sau, ménh
dé nao dung?

A. 00sB+cosC =200sA. B. SinB+sinC =2sinA.
. . 1 .,

sinB+4€nC =—sinA

C. 2 , D. SinB+cosC =2sinA.
o Loi giai
Chon B
Ta co:
a _ b _c¢c _,

snA sinB snC

b+c
o _2 b ¢ b+c btc  _ snB+sinC=2sinA.

= pm — —r pml
sinA sinB sinC 2sinA sinB+sinC
» Cau 16.Tam giac ABC ¢6 a=16,8, B=56"13", &=71" Canh Cbang bao nhiéu?

A. 29,9. B. 14.1. c. 17.5. D. 19,9.
o Loi giai
Chon D
Ta c6: Trong tam giac ABC. M+B+&=180" = K =180"- 71’ - 56'13' =52°47"
a b c a c asinC 16,8.sin71"
. =— =— = — =— = C=— = i 19,9,
Mat khac sindA  sinB sinC  sinA  sinC sinA Sin52°47"
» Cau 17.Tam giac ABC c6 A =68"12' B=34"44' AB=117. Tjnh AC>
A. 68. B. 168. c. 118. D. 200.
o Loi gidi
Chon A

Ta c6: Trong tam giac ABC. K+B+&€=150"= € =180"- 08"12"- 34°44' =77'4",
a b c _ AC _AB ABsinB_117.sn34%44'

- = - =. - - - = AC: -
Mat khac sindA  sinB sinC  sinB  sinC

sinC sin 774"

» Cau 18.Cho tam gidc ABC cé BC=a;CA =b;AB =C 15t a=8,b=10 g6cC bang60’ . Po
dai canh € 1a?
A. c=3V21, B. C=T2, c. c=2\11, D. c=2V21,

o Loi giai
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Chon D
Ta c6: C =@ + b - 2ab.cosC =8 +10° - 2.8.10.00560° =84 = c=221_
3
» Cau 19.Cho tam gidc ABC ¢6 b=7; ¢=5 va 0054 5. Tinh Q.
A W2 B. 2. c. 2. D. 3.
o Loi giai
Chon A
Ap dung dinh li ham s6 Cosin vao tam gidc ABC ¢6
BC: =AB + AC* - 2ABAC.C0SA =25+49- 3.5.?.% =32
= BC =42
» Cau 20.Trong DABC ¢4 AB=C,AC =b,BC =a_ping thirc nao sau day ding?
A. @ =b +¢ +2bcoosA B. @ =b +c¢ - 2bccosA
C. @ =b' +C +bcoosA D. @ =b +c - bccosA
 Loi gidi
Chon B

Theo dinh 1f ham s6 cos, trong DABC ta lu6n cé: @ =b +¢ - 2bcoosA

» Cau 21.Cho tam gidc ABC ¢6 AB=4,AC=0 oy K=120". D6 dai canh BC 1a

A. \/E B. Z\E. C. 3\/@. D. 2\/5.
o Loi giai
Chon D

xét DABC ¢4 BC* =AB + AC* - 2ABAC.cos ¥
Hay BC=VAB +AC* - 2ABAC.cos =¥ +¢ - 2.4.6.005120° =24/[9.

» Cau 22.Cho AMBC ¢4 B=001,a=8.C=5. 55 455 canh b bing:
A, 7. B. 129. C. 49. D. V129

o Loi gidi
Chon A
Ta cé: U =@ +C - 2accos B=8" +5" - 2.8.5.00s00" =49= b=7

» Cau 23.Cho tam giac ABC ¢§ BC=a; AC=b, AB=c, ¢4 @ =b’ +C +bal2 | 56 do cha goc

A la:

A. 150° B. 120" C. 45, D. 1357
o Loi giai

Chon D

B+c-ad -baf2 _-\2
C0sSA = = = =
Ta co: 2hc 2bc 2 = K-35
» Cau 24.Cho DABC ¢4 K =060", AB=3am, AC =4cm_Tqpp, canh BC.

A, BC=v10 B. BC=V13 c. BC=12 | b, BC={TT_

o Loi gidi

Chon B
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Ap dung dinh i cosin ta c6: BC" =37 +47 - 34.c0s60" = BC =13

» Cau 25.Cho tam giac ABC c6 AB=0emAC =8cmABC =60" Tinh d6 dai canh BC.

A.3+~/§. B. 10, c. 3-V37 D. 9.
s Loi giai

Chon A
Ta c4 AC* =AB + BC* - 2ABBC.cosABC
L . i BC =3+4J37
= 8 :f]'+BC"-E,G.BC,lm BC - 6BC-28 =0 = J_ .
2 BC =3- \37(])
» Cau 26.Tam giac ABC ¢§ AB=5 ¢m, BC=5 cm, AC =3 cm. Gi4 trj ©0sA 13
2 1 : -3
A. 3, B. 2. C. 10, D. 10,
& Loi giai
Chon C
AB +AC - BC° 5+3%-5 3
) ’ cosA = = -
Ap dung dinh 1 ham sé cosin ta cé: 2ABAC 253 10,
» Cau 27.Tam giac ABC ¢ AC =4, BAC =30", ACB=75" Tinh dién tich tam giac ABC.
Soasc =8 B. Soanc :4“-/5 C. Spanc =4 D. Sbasc :8"/3
A.
o Loi giai
Chon C
ABC=180°"- (BAC+ ACB)=75" = ACB
Ta co

Suy ra tam gidc ABC can tai A nén AB=AC =4,

1 .
=—ABACsinBAC =4.
Dién tich tam gidc ABC 13 a0 2

» Cau 28.Chon cong thirc dung trong cac dap an sau:

S=1prdnaA. 5=\ acsinA. 5=!psnB. 5=!psinB.
A. 2 B. 2 C. 2 D. 2
o Loi giai
Chon A
5='painaA =L acsinB=LabsinC
Ta co: 2 2 2 .

» Cau 29.Cho hinh thoi ABCD ¢4 canh b&ng 4. Géc BAD =30"  Dién tich hinh thoi

ABCD 13
@ ¢ s
A. 4 B. 2. c. 2 . D. @,
 Loi giai
Chon B

UV
3 . =aasn30’ =—a
Ta o6 Swm =ABAD.sinBAD 27
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» Cau 30.Cho AABC ¢ @=0,b=8,c=10. Dign tich S clia tam giac trén la:

A. 48. B. 24. Cc. 12. D. 30.
o Loi giai
Chon B
a+b+c

p:—
Ta c6: Ntra chu vi AABC . 2
Ap dung céng thirc Hé-rong:

S=\Jpp- a(p- B(p- ¢) =J12(12- 6)(12- §)(12- 10) =24

» Cau 31.Cho MBC ¢ a=4,¢=5,B=150". Dign tich clia tam giac la:

A, SV3. B. 5. c. 10. D, 10v3.
o Loi giadi

Chon B

S :éaasinB:l;.ﬂr,j.ﬂnlm" =5.
Ta co: = =
» Cau 32. Mot tam gidc c6 ba canh 1a 13.14.15 Dién tich tam gidc béng bao nhiéu?

A, 84 B V84, c. 42 D, V168,
o Loi gidi

Chon A

_a+b+c _13+14+15 91
Ta c6: 2 2 .
Suy ra: S=Jpp- a(p- B(p- ©) =21(21- 13)(21- 14)(21- 15) =84
» Cau 33.Cho tam giac ABC ¢ a=4,b=0,c=8 Khi d6 dién tich clia tam gidc la:
2
—+/15.

A, 9VIs. B. 3Is. c. 105. D. 3\/_
o Loi giai

Chon B

_a+b+c _4+06+8 _
, P= 3 - 3 =9.
Ta co: =

Suy ra: SZJP(ID— a)(p- b)(p- ) =3./15.

» Cau 34.Tam giacABC ¢6 cac trung tuyén ™ =13, ™ =12 M. =9 pian tich S clia tam gidc
ABC bing
A. 72, B. 144, C. 54, D. 108,
o Loi giai
Chon A
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=5
+
¥

K:?
+ b2
o

N LTRSS Y

[l
n
L)

OB +26¢-a =900 [a=10
—12 = |28 +2¢ - B =576 = {b=413

5

4B 2@ +26- ¢ =324 Ic:gﬁ
m=———-_=9
Theo bai todn ta cé -
R SN £

Ta co 2 , ap dung cong thirc He-rong ta cé

S.ac =JHp- a(p- b)(p- © =72

Cach 2:

pat BC =a,CA =bAB=c

Theo dinh ly trung tuyén cé:

| 5 -\.:,}'\- 3 ; e f (
4 +a@ =20 +c) -@ +2b +2¢ =900 @ =100 |4 =100 [a=I0

A+ =2(@+C) L g o ead =576 = 1B =208 = | B =208 = | b=ay13
ant+c =2 +a) |2@+2B-C =324 |G =201 |C=202 |c=2JT3

S.sc ={P(p- A(p- b)(p- ©) p=';(a+b+ c)

Co Suy ra Sasc =72
» Cau 35.Cho tam gidc ABC ¢6 AB= "*a AC=4a ;5 BAC=120" Tinh dién tich tam giac
ABC~
A.SZSGZ' 5.522{12\15‘ C.Sza?\/g. D.S:4az-
o Loi giai
Chon B
Sy = ABAC SnBAC =) 2q4asin120° =223

Dién tich ctia tam gidc ABC 1a w2

» Cau 36.Cho tam giac ABC ¢6 chu vi bang 12 va ban kinh duong tron noi ti€p bang 1.
Dién tich ctua tam gidc ABC bang

2

A. 12, B. 3. C. 6. D. 24,
 Loi giai
Chon C
12
Theo dé bai tam gidc ABC ¢6 chu vi bing 12 nén nira chu vi la 2 ; bén
kinh duong tron noi tiép bang 1, tic 1a ta cé: T=1,

Dién tich tam gidc ABC 1a: S=pr=o.l=

» Cau 37.Cho tam giac ABC ¢§ AB=3 AC=4, BC=s . Ban kinh duong tron noi tiép tam

gidc bang
8 4 3
Al B. 9. C. 5. D. 4.
o Loi giai
Chon A

Vi AB +AC =BC" pgn tam giac ABC vudng tai A.



» Cau 38.

» Cau 39.

» Céu 40..
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1
EABAC 34

S
r=—=-
P (AB+AC‘+BC‘

T3+4+45
)

Do dé ban kinh duong tron noi tiép

Cho AABC ¢4 S=84,a=13,b=14,c =15. pg dai ban kinh duong tron ngoai t1ep R ¢

ua tam giac trén la:
A, 8,125, B. 130. C. 8 D. 8.5

o Loi gidi
Chon A
g _abc R:Gb,c:IS.Iit.IS:E
Tacé: “* 4R 45 484 8
Tam gidc v6i ba canh 1a 21213 ¢4 ban kinh duwong tron ngoai tiép 1a?
13 11

A. 6. B. 8. C. 2. D. 2.
o Loi giadi

Chon C
5 +12° =13 = R:g,

Ta co:

cosAMB :ﬂ
20 ya AM >3 Tinh d6 dai canh AC.

A. AC=\13. B. AC=7 c. AC=13, D. AC
o Loi giadi

7 .

Chon D

N , == W :% :4.-
Ta c6: M 1a trung diém ctia BC 2

AM +BM - AB
c0sAMB =
Trong tam gidc ABM ta cé: 2AM.BM
= AM® - 2AM.BM.00sAMB+ BM - AB* =0.
.,D\‘,r— AM = J_B:»B (thoalraa)
AM = 3

= AM -

-::3 (loai)

= AM =13,

Ta c6: AMB vy AMC 13 hai géc ké bu.

= 00SAMC =- cosAMB =- Ef

Trong tam gidc AAMC ta (;é: B
AC* =AM? +CM* - 2AM.CM.cosAMC

5“{_‘ - AC=17.

==
==
a

=13+10- 24134,

Tam gidc ABC ¢6 AB=3,BC=8 o M 13 trung diém cta BC. Biét
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» Cau 41.Cho tam giac ABC ¢6 AB=4, AC=7 y3 BC=9 Goi M 13 diém trén canh BC sao
cho MC =2MB_ Goj H 1a trung diém ctia doan thing BC . Puong trung truc cia
doan thang BC cit AM tai I. Tinh d6 dai doan thang AI.

33 27 32

A 2. B. 2. D. 3.

Chon A

AB +BC'- AC® 4 49°-7 2

. %
cosABC = ~ = cosABM =cosABC ==
2ABEC 2.4.9 3
o
—4 +37-243.2 =9
AM? =AF +BM* - 2ABBM.cos ABM 3 = AM =3
cos AMB _AM +BM -AB ¥ +3 -4 1 cos HMT =cosAMB ="
2AM.EM 2.3.3 9 9
9 3 _ MH _31_27
MH =BH - BM'—E- 3_E=7 M—F—E.a_T
o
AT =AM+MI =3+2 =33
» Cau 42.Tam gidc ABC c6 A =6812°) B=3444" AB=I17. Tjnh AC?
A. 68, B. 168, C. 118, D. 200
o Loi gidi
Chon A

Ta c6 trong tam giac ABC; K+B+E€=180" = £=180"- 08°12'- 34°44' =77°4",
a b c AC _AB ABsinB _117.sin34°44"

= = = AC= ; 08,
Mt khac SnA _snB snC  smB_snC

sinC sin77°4"

» Cau 43.Tam giac ABC ¢4 @6 dai canh AB=3cm, AC=6cm » B=60" Bap kinh R caa
dudng tron ngoai tiép tam gidc ABC bang
A. R=3, B. R=3J3 c. R=3, D. R=6
o Loi giai
Chon C
Xét tam giac ABC ta cé:
BC* =AB +AC® - 2ABAC.cos ¥
= BC® =3 40’ - 2.3.0.cos00" =27 = BC* +AB =AC"
Do d6 tam giac ABC vuong tai B.
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R _AC

N o X , . - =§ =3(cm)
Vay ban kinh R clia duong tron ngoai tiép tam giac ABC, s < .

» Cau 44.Cho tam giac ABC ¢6 B=o0, &'=7s va AC =10 Khi d6, d6 dai canh BC bing

106 5.6
A. 3 . B. V6 c. 3. D. 10,
 Loi gidi
Chon A
Ta cé B =180°- 60° - 75° =45°
Ap dung dinh li Sin cho tam gidc ABC, ta co6:
BC _AC _ p~_ACsinA _10.sin4s’ :mJE
sind snB sinB sino0’ 3

» Cau 45.Tinh dién tich hinh binh hanh ABCD pigt AB=a;BC =ay3;ABC =00’

3@ @ @3
A @, B. 2 . C. 2. D. 2
o Loi giadi
Chon B

S —ABBC.sinB =amf3 sin60° _3a
Ta co 7

» Cau 46.Khoang cach tir A dén B khong thé do truc ti€p duoc vi phai qua mot dam lay.

Ngudi ta xac dinh duoc mot diém € ma tir dé c6 thé nhin duwoc A va B duéi

mot goc 78724 Biét CA =250mCB=120m Khoang ciach AB bang bao nhiéu?

A. 266m. B. 255m C. 166m. D. 298m
o Loi giai

Chon B

Ta co:

AFB =CA® +CB - 2CBCA.cosC =250° +120° - 2.250.120.c0s78°24"; 04835= AB; 255

» Cau 47.Hai chiéc tau thuy cung xuét phat tir vi tri A, di thang theo hai huéng tao véi

nhau mét géc 60, Tau tht nhat chay véi tc do 30km/h

a6 40km/ h

, tau thir hai chay véi téc
. Héi sau 2 gi® hai tau cach nhau bao nhiéu km?
A. 13, B. 20713 c. 10413. D. 15.
o Loi giai
Chon B
Ta c6: Sau 2N quing duong tau thi nhat chay duoc la: § =30.2 =60km
Sau 2h quang duong tau tht hai chay duoc la: S, =40.2 =80km
S=yS +5} - 255,.0c0s60" =2013.

Vay: sau 2N hai tau céch nhau la:

» Cau 48.Khoang cach tir A dén B khong thé do truc ti€p duoc vi phai qua mot dam 1ay.

Nguoi ta x4c dinh duoc mot diém € ma tir d6 cé thé nhin duoc A va Bduéi mét

goc 36'16' Bist CA =200m CB=180m Khodng cach AB bang bao nhiéu?
A 180m. B 224m C 112m D 168 m
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o Loi gidi
Chon A
Ta co:
AF =CA* +CF’ - 2CBCA.cosC =200 +180° - 2.200.180.cos56"16"; 32416 = AB; 180.

» Cau 49.Trong khi khai quat mot ngdi mo cé, cac nha khao cé hoc da tim duwoc mot
chiéc dia c6 hinh tron bi v&, cdc nha khdo c¢6 muén khéi phuc lai hinh dang
chiéc dia nay. Pé xac dinh bén kinh cua chiéc dia, cdc nha khao c6 1ay 3 diém
trén chiéc dia va tién hanh do dac thu duoc két qua nhw hinh vé (AB=4.3cm;
BC=3,7 ¢cm; CA=7.5 cm). Ban kinh cla chiéc dia nay bing.

A. 5,73 cm. B. 6,01cm. C. 5,85cm. D. 4,57cm.
o Loi giai
Chon A
Ban kinh R cta chiéc dia bang ban kinh dudng tron ngoai tiép tam giac ABC .
_AB+BC+CA 4,3+3,7+7,5 31

Ntra chu vi cta tam gidc ABC 1a: 2 2 4 cm.

5= - AB)\p- BC)\p- CA) =5,2
Dién tich tam gidc ABC 1a: J,D(,D )p )p ) cm?.

SZABHZ',CZ% -~ R _ABBCCA _

5,73

Ma 4R 45 cm.
» Cau 50.Gid st CD = h la chiéu cao cua thép trong do C la chan thap. Chon hai diém A
, B trén mat dat sao cho ba diém A, B, C thang hang. Ta do duoc AB = 24m,
CAD =63";, CBD =48" Chiéu cao h clia khéi thap gan véi gia tri ndo sau day?
A. 61,4 m. B. 18,5 m. C. 60 m. D. 18 m.
o Loi giai

Chon A

, CAD =63" = BAD =117° = ADB=180"- (117° +48°) =15"

Ta co
Ap dung dinh ly sin trong tam gidc ABD ta c6:
AB BD AB.sinBAD
=RBD="T"""""

SnADB sinBAD sin ADB
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sin¢BD =L - cD =BD.sinCED
Tam gidc BCD vuong tai C nén co: BD

D :AB.sian.ﬂnCBD _24.sinl 17°.sin 48"
Vay sin ADB sinl 5"
B. Cau hoi - Tra loi Pung/sai
» Cau 51.Cho tam giac ABC ¢ céc canh @=0mb=8mc=10m_ gp; g6,

=0l,4m

Ménh de q Sai
(a| p=16(cm)
)
()b S=\/p(p- a)(p- b)(p- 0
()C S=24(an)
(d | r=4(cm)
)
o Loi giai
(@) p=16(cm)
Ta c6 p=(6+8+10):2 :IE(UH].
» Chon SAI

(b) S=/pp- a(p- b(p- 0

Ap dung cong thtcc Heron trong tam giac 5 :‘/Hp' a)(p- b)(p- ©)
» Chon DUNG.

S=24(ar)
(o)
Ta co:
S=y12(12- 6) (12- 8) {12- 10) =24(am)
» Chon DUNG.
(d) r=4(cm)
Ma S=PT pap T=S:p=24:12 :E{mﬂ.
» Chon SAI.
» Cau 52.Cho tam gidc ABC bigt a=3cmb=4cmC =30 Khi dé:
Ménh dé D;m Sai
(@| ¢ =@ +b - 2aboosC
)
()b € =3,05(aM) k6t qud lam tron dén hang phdn tram
()C coSA ~0,68 kgt qud lam tron dén hang phdn tram
()d € =3,05(aM) ket qud lam tron dén hang phdn chuc

o Loi giai
(a) C =a +b - 2abcosC
» Chon DUNG.
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(b) €=3,05(aN) kst qué lam tron dén hang phdn tram
Ap dung dinh I cosin trong tam gidc, ta c6: € =@ +b' - 2abcosC
hay C =3 +47- 234 00830 =25- 1243 pg gg, €~2,05(am)

» Chon SAI
(c) ©SA ~0,68 k6t qud lam tron dén hang phdn trdm
5ac.a 4+(25-1245)-7

@ =b +c¢ - 2bccosA = cosA = =
2bc 24425123

Ta cé ]
» Chon DUNG.

(d) A~71.2 két qué lam tron dén hang phédn chuc

Suy ra A “*46'9‘.
» Chon SAI

» Cau 53.Cho tam giac ABC ¢6 c4c canh @=3mb=4anc=5an_gh;j d¢.
Ménh dé bun | gai

=0, 08

(a| p=12(an)
)

()b S.ac ={Hp- @(p- b(p- )

(c

| S, =6 (cnt).

()d R=3,5(am)

o Loi giai
(a) p=12(an)
_a+b+c 34445

p= =6(cm)

Ta co 2 2

» Chon SAI.
(b) Sizc =VAP- A(p- H(p-

Ap dung céng thirc Heron ta c6: S.5c =JHP- d(p- B(p- 0
» Chon DUNG.

© S,z =6(cnt).

= S§=,/6 (6-3) (6- 4) {6- 5) =6(am ).
» Chon PUNG.

R=3,5(an)
(d)
Ap dung cong thtc tinh dién tich 4R, suy ra 45 40 .
» Chon SAI

» Cau 54.Cho tam giac ABC biét cac canh @=32,1anb=85an,c=54an_gnj d¢.
Ménh dé ‘ D;“ ‘ Sai
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Theo hé qua dinh li 2bc
» Chon DUNG.
(b) A~32

-

2 2 _ 2 12 .
85 +54° - 52,1 ~0,81= A ~3¢";

2.85.54
» Chon SAL
(c) B~126

= 00sA =

_a+c-b 52,17 +54° -85
2ac 252,154
» Chon SAI
(d) C ~38.
C =180 - (A+B) ~35.
» Chon DUNG.

~-0,28= B=~106

» Cau 55.Cho tam gidc ABC vgi @=49,4amb=20,4an vy C=4720  Khi dé:

Ménh de D;n Sai
()5‘ C =a +b - 2abcosC
(b | c=47cm
)
()C K137
()d B ~31°40"

o Loi giai
(a) € =@ +b - 2abcosC
Theo dinh li cosin, ta cé: € =@ +I - 2abcosC

» Chon DUNG.
(b) C=~47an

=(49,4)° +(26,4) - 2.49,4.26,4 cos(47°20) =1369, 66.

= € =41369,00 =37

Suy ra: ¢~37an,
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» Chon SAI
(c) B~137
Pec-a (26,4) +1369,66- (49,4) )
msA:b:U a (204) - (49,4) ~-0,191= M =101
Ta c6. 2he 226,437
» Chon SAI.
(d) B~31°40'
 B=1s0°- (M+8) ~31°20°
Ta co:

» Chon PUNG.
» Cau 56.Cho tam giac ABC biét canh @=137,5cmB=83",C =57 _ Khi dé:

Ménh dé D;“ Sai
()a A =40°
b| a b ¢ _
) | inA sinB snC
()C R ~100,96am kgt qud 1am tron dén hang phdn tram
()d b=~179,4aM k6t qud lam tron dén hang phdn chuc
o Loi giai
(a) A =40°
. A =180 - (B+C) =180°- (83" +57°) =40°
Ta co: )
» Chon DUNG.
a b ¢ _
(b) SINA ~sinB sinC
. a b c
sin:— =~ _ =~ =2
Theo dinh li sinA sinB snC
» Chon SAI.
(c) R=100,90am kst qua lam tron dén hang phdn tram
=4 _B75 _106,96em
Suy ra: 2sinA  2sin40 ;
» Chon DUNG.
(d) P=179,4aM kst qué 1am tron dén hang phdn chuc
b:alsmB =|3?‘.5 -511}83 ~212,3am:
sinA sin40
» Chon SAI.
» Cau 57.Cho tam gidc ABC ¢6 s6 do céc canh 1an luot 1a 7,9 va 12. Khi dé:
Ménh dé D;“ Sai
(a| p=14
)
()b S=135




Chuong 04
HE THUC LUONG TRONG TAM Gl

|, 75
) | B0

()(1 r :\/5

o Loi gidi
(a) p=I14
Gia st: 4=7,b=9,c=12
:a+b+c:?+9+|3 _14
bat 2 2 (ntra chu vi tam giac).
» Chon DUNG.

(b) 5213\6
Theo cong thirc Hé-réng, ta cé:
S=\pp- A(p- BY(p- 0) =f14(14- 7)(14- 9)(14 - 12) =1445;
» Chon SAI
RT3
(c) 10

g_dc_ o _dr_7912 ZE?JE;
Ta c6: 4R 4S5 41445 10
» Chon SAL
@ =\,

S 145
g= = =— T —=.f5
or=r "R Js5
» Chon SAL

» Cau 58.Cho DABC ¢ A=135,C=15 vy b=12 Khi d¢:
Ménh dée

Sai

(@a| B=30.
)

()b a=122;

(c | c~8,25;
)

(d| R=15
)

o Loi giadi
(a) B=30.
B=180 - (A+C)=180 - (135 +15 ) =30.
» Chon DUNG.
(b) a:12\/5;
a b c _, a 12 c
= = =< — = - = -
snA s&§nB sinC sinl35 s€sin30 sinl3
S .
ﬂ:—l“ ,Sml,}ﬁ :IE\E;
sin30

=2R
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» Chon DPUNG.
(c) c~=8,21;
12 sinl5
C:f
Sin3o
» Chon SAI.
(d) R=15

~6,21;

— = :2

- 2sin30
» Chon SAI

b=7,c=5,c08A =
» Cau 59.Cho tam gidc ABC, biét

| e

. Khi dé:
Ménh deé

Sai

(a

)

sinA =i
5

(b | S=14
)

()C a=32

()d r=4- \E

o Loi giai

sinA :i
5

(a)

sin" A =1- cos” A :I—G: sind =
Ta co: , 25
» Chon DUNG.

(b) S=14
S=_besinA =14
» Chon PUNG.
(c) a=32

@ =b' +C - 2bccosA =77 +5-2.7 5 % =32= a=42

4
5 (vi SINA >0

» Chon SAI
(@) r=4-2

a
Iﬂ =2R= R= ﬂ :5\!:: :ﬂ+b+czﬁ+2ﬁ
sinA 2.8inA 2 2

S 14
S: = F=—= :3_\”5
- P 6+242

» Chon SAI
» Cau 60.Cho DABC ¢ BC=v0,CA=2,AB=1+3 gphj dé:

Ménh deé
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o Loi gidi
(a) B=30
b+c-a 1 -

» Chon SAI.
(b) B=35

=45

d+c-F 2 -
osB=2""7 ¥ B
']‘a‘_‘: 7

» Chon S;AI.
S :3+\E
(c) 2

S:%bcsinfl:3+ﬁ;

5
» Chon DUNG.
(@ R=V2.
I 25 ahc

» Chon DUNG.
C. Cau héi - Tra loi ngan

&

abc
45

» Cau 61.Cho tam giac ABC ¢§ AB=2,AC=3,4 =00 Tinh do6 dai duong phan giac trong
g6c A cla tam gidc ABC . Két qud lam tron dén hang phdn chuc.
o Loi gidi
v'Tra loi: 0,3
Gia st duong phan gidc trong géc A ctia PABC cit canh BC tai diém D.
V6i S 1a ki hiéu dién tich tam giadc ta co

| . ] A ] A
Siac =Sipp *Sipe = EAB AC sinA :EAD -ABsm?+EAD AC -sm?,

LA ABAC 23 . 23 8
= AD =05y ABrac 2w 0 0 T3 Ty
54 3
» Cau 62.Cho tam gidc ABC ¢6 sinA smB sinC vy a=10 Tinh chu vi tam gidc do.
o Loi giai
v'Tra loi: 24
5 4 3 10 8 0O a 8 0

SnA snB sinC snA snB snC snA snB sinC,

Theo dinh 1y sin trong tam giéc ta tinh dugc P=8,€=6
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Chu vi tam gidc la a+b+c=24

» Cau 63.Dé kéo day dién tlr cOt dién vao nha phai qua mét céi ao, anh Nam khong thé

do d6 dai day dién can mua truc tiép duoc nén da lam nhw sau: Lay mot diém
B nhu trong hinh, ngudi ta do dwoc d6 dai tir B dén A (nha) 1a 15M, tir B dén

C (cot dién) 1a 18M va ABC =120 _ pg dai day dién néi tir nha ra dén cot dién la
bao nhiéu mét? Két qua lam tron dén hang phdn chuc.
s Loi giai

v"Tra loi: 28,6

B
Ap dung dinh i cosin cho tam gidc ABC ta c6:
AC =JAB +BC* - 2AB-BC c0sB =+f15* +18° - 215 18 -c0s120 ~28,62(m).
Vay d6 dai day dién noi tir nha ra cot dién dai 28,62 m.

» Cau 64.Dé do chiéu cao cia mot cot co trén dinh mot toa nha anh Bac da lam nhu sau:

Anh dung trén mot dai quan sat cé tdm quan st cao ™M so véi mat dat, khi
quan sat anh do duoc géc quan sat chan cot 1a 40 va géc quan sat dinh cot 1a

50, khodng céch tir chan toa nha dén vi tri quan sét 1a 18M, Chiéu cao cot corva
chiéu cao cua toa nha bao nhiéu mét? Két qud lam tron dén hang phdn chuc.

4 E F
I

A
o Loi giai
v Tra loi: 6,3
Trong tam gidc PAC, ta cé:
cosAcp =2¢ ac=LC __ 18 13 5m)
AC  suyra cosA  cos40

AD

taIL%CD =tan40 =—_
DC | suy ra AD =DC tan40 =18 tan40 =15,10(m).

Vay chiéu cao cua toa nha la: AE=AD+DE=AD+CF =15,10+5 =20,1(m)

cos BoD = 2€ Be=PC __ 18 _am

Trong tam giac DBC ta ¢é: BC  suyra 0SB cos50

Lai c6 géc ACB =50 - 40 =10  4p dung dinh li cosin trong tam giac ABC, ta
cO:
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AB=yCA* +CB - 2CA CB coSACB ~4/23,5* +28° - 2 23,5 28 -c0s10° =~6,34(m).
Vay chiéu cao cua c6t co khoang 6,34 m.
» Cau 65.Cho tam giac ABC ¢6 AB=5,AC=8,A =60  Tinh ban kinh R cla duong tron
ngoai ti€p tam gidc. Két qud lam tron dén hang phdn tram
o Loi gidi
v Trd 1oi: 4,04
Ap dung dinh 1i c6sin, ta co:
BC* =AB + AC" - 2AB -AC -00sA =5 +8°-2 5 § cos60 =49= BC =7.
BC _,popoBC _ 7 T3
sinA 2sinA  2sin60 3
» Cau 66.Dé do khodng céch tlrvi tri A trén bo séng dén vi tri B cta con tau bi mac can
gan mot cu lao gitta séng, ban Minh di doc b& song tir vi tri A dén vi tri € cach
A mot khodng bang 50M va do cac géc BAC =70 ,BCA =50 _ (Hinh). Tinh

khoang cach AB theo don vi mét (lam tron két qua dén hang don vi)
o Loi gidi

v ' Tra loi: 44
Xét tam giac ABC, ta c6: ABC =180 - 70 - 50 =60
' 50sin s
’ ‘.le _ ‘Ifuf,‘ - AB :ACI‘smC‘ zuﬂlsmulj ~44(m)
Ap dung dinh 1i sin, ta cé: sSnC sinB sinB sin 60
» Cau 67.Hai tdu ddnh c4 cing xuat phat tirbén A va di thdng déu vé hai ving bién khéc

nhau, theo hai huéng tao véi nhau géc 120 (Hinh). Tau thi nhat di véi téc do6 8
hai li mot gio va tau thir hai di véi toc do 10 hai li mot gio. Héi sau bao nhiéu gio
thi khoang céch gitra hai tau la 60 hai li (lam tron két qua dén hang phan muoi
theo don vi gio)?

o Loi giai
v'Tra loi: 3,8
Gia strsau X (gio) (x>0) tau thir nhat & vi tri B, tau thit hai &vi tri C va khoang
cach BC =60 (nai 1).
Ta c6: AB=8X (hai 1f); AC =10X (hai Ii).
Ap dung dlnh ]_]/_ Césin’ ta Cé: H:: :;%B: + ;%C: -2ABAC IIISB(%C

= 007 =(8x) +(10x)" - 2 8x 10x ‘ - _I}—‘ e 244x° =3600= x=3,8

Vay sau 3,8 gio thi khoang céach gitta hai tau la 60 hai li.
» Cau 68.Cho tam giac ABC ¢6 AB=4,AC=10 vy duong trung tuyén AM =6 Tinh do6 dai
canh BC? Két qud lam tron dén hang phdn chuc.
 Loi gidi
v'Tra loi: 9,4

A _AB :AC- _BC

Ta co: 2 4
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(4 +10°

AB+AC ‘ :4‘

= BC" =4|:

- 6 ‘ =88 = BC =222 ~9,4
» Cau 69.Cho hinh binh hanh ABCD ¢4 AB=4,BC =5,BD =7 Tinh AC . Két qud lam tron
dén hang phan chuc.
o Loi giai
v Tré 10i: 5,7
Do ABCD 13 hinh binh hanh nén AD =BC =5,

A 3 n
4 7
0
B i

Goi O 1a giao diém hai duong chéo hinh binh hanh, suy ra © 1a trung diém
BD

DARD :OA" _AB +AD" BD
Xét 2 4
:4- +5 = 1 :E:-'P DA. :E.

2 44 2

Do d6: AC =20A =33 =5,7

» Cau 70.Cho DABC ¢4 AB=9,BC =10,AC :\l”ﬁ. Kéo dai BC mot doan ¢ =5, Tinh d6 dai
Al
o Loi giai
v Tra loi: 12
s T tC D _10°+9°- WMy 3
- Xét DABC ta cé: - 2ac 2109 5

- Xét DABI | ta cé:
Al —AB +BI- 2 -AB -BI -00SB=9" +(10+5) - 2 -9 (10+5) % 144

= Al =12
-Vi B =AF +AI' nén DABI vuong tai A hay IA | AB,

» Cau 71.Cho hinh thoi ABCD ¢¢ canh béng !. Géc BAD =30 | Tinh dién tich hinh thoi
ABCD

o Loi giai
v'Tra loi: 0,5

| . |
Siscp =2 Sipp =25 ABAD sinBAD =11 -sin30 =3

Ta co: .

» Cau 72.Trén ngon doéi c6 mot cai thap cao 100M (hinh v&). Pinh thap B va chan théap
C 1an luwot nhin diém A & chan d6i dudi cac géc tuwong ing bang 30 va 60 so
v6i phuong thang ding. Tinh chiéu cao AH clia ngon dbi.
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c e

/\ i

>\
o Loi gidi

v'Tra loi: 50

ACB =120 ;ABC =30 = BAC =30 Nap DABC can tai C= AC =BC =100
AHC:sinACH =22 o AH =AC sin30 =s0m
Trong tam giac vudng AC

» Cau 73.Hai chiéc tau thiy cing xuédt phat tir vi tri A, di thdng theo hai huo*ng tao véi
nhau mot goc 60  Tau thir nhat chay véi toc do 20 km/h t3u thi hai chay véi toc

d6 30km/h Hei sau 3 gidr hai tau cach nhau bao nhiéu km? Két qud lam tron
dén hang phan chuc.

o Loi giai
v Tra loi: 79,3
Ta c6 quang duong tau th nhat di duoc 1a =V, =20.3 =00(km)

Quang duong tau thir hai di duoc la S, =Vt =30.3 EJO{km]

DABC véi B 13 vi tri tau thir nhat chay dén sau 3 gio, nghla la

AB=s, =00km,C 5 vi tri tau thit hai chay dén sau 3 gi®, nghia la AC=s, =90km
BC® =AB +AC’ - 2AB-AC cos BAC = BC* =60° +90° - 2 60 -90 -00s60
= BC® =6300  vay khodng céch hai tau sau 3 gio chay 1a BC =307

» Cau 74.Thanh phé Hai Pong du dinh xdy dung moét tram nudc sach dé€ cung cap cho hai
khu dan ce A va B. Tram nuéc sach dat tai vi tri C trén bo song. Biét
AB=317 KM khodng cach tr A va B dén bo soéng lan luot la

AM =3km,BN =0Kkm (hinh v&). Goi T 1a tong do dai duong 6ng tir tram nuéc dén

A va B. Tim gia tri nhé nhat cta T'. Két qua lam tron dén hang phdn chuc.
B

v Trad 16i: 20,1
k& AK LBN;AH LBN
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337 km_~7|B
6km
A gK
3 /
(¢ N
M
A gH

Goi A" d6i xtmg v6i A qua MN.D 13 trung ctia NB.
T =CA+CB=CA +CB=AB (khong d6i).

Pang thitc xay ra khi Cl=MNNnAB

MN =AK =AH =JAB'- KB ={3\37)'- 3* =18km
vay AB=VAH +HB' =\1§"+9" =0J5; 20,12km
» Cau 75.Hai chiéc tau thuyén cliing xuat phat tir mot vi tri A, di thdng theo hai huéng

tao véi nhau géc 60 . Tau B chay véi téc d6 20 haili mét gior. Tau C chay véi toc
do 15 hai li mot gio. Sau hai gio, hai tau cdch nhau bao nhiéu hai 1i?

v'Tra loi: 36
Sau 2 gi¢ tau B di dwoc 40 hai li, tau € di dwoc 30 hai li.

_;_
B

Vay tam gidc ABC 6 AB=40,AC=30 3 A =60
Ap dung dinh i c6-sin vao tam giac ABC ta c6:
a =b +c - 2hc cosA

=30° +40° - 2 -30 40 -c0s60 =1300= a~=30.

Vay sau 2 gio hai tau cdch nhau khoang 36 hai li.

» Cau 76.D& do khodng cach tir mot diém A trén bor séng dén goc cay C trén cu lao giita
séng, nguoi ta chon moét diém B cung & trén bo vdi A sao cho tir A va B c6 thé
nhin thay diém C. Ta do duoc khodng cach AB=40m CAB=45 ,CBA=70 vy
sau khi do dac va tinh toan khodng cach AC bing bao nhiéu mét? Két qud lam
tron dén hang phan chuc.
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v"Tra loi: 41,5

Ta co. E=180 - A - B=os5
Ap dung dinh li sin vao tam gidc ABC ta c6
AC _AB ABsinB _ 40 sin70
— :—. =] A[:' = - = : .
sinB sinC sinC sin o5
Vay khoang cach gitta A va € khoang 41,.47m,

»Cau77.Tt vi trfi A nguoi ta quan sat mét cdy cao (hinh vé). Bist AH=4m

~41,47m

HB=20mBAC =45 Tinh chiéu cao ctia cay? Két qud lam tron dén hang phdn

chuc.
C

v Tra loi: 17,3

Trong tam giac AHB, ta cé
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tan ABH _AH 4 1 ABH =1119.

BH 20 5

AB=JAH’ + HB =42.

Suy ra ABC =90 - 1119 =7841
ACB =180 - (BAC+ABC)=5019

Suy ra

Ap dung dinh li sin trong tam giac ABC, ta duoc:
AB __ B _ g ABSnBAC ...,

SnACB sinBAC sinACB

» Cau 78.Gid st CD =h 13 chiéu cao cla thap trong dé € 1a chan thap. Chon hai diém
A, B trén mat dat sao cho ba diém AB va C thing hang. Ta do duoc
AB=24m CAD =063 ,CBD =48 Tinh chiéu cao N ctia thap? Két qud Iam tron
dén hang phan chuc.

D

v"Tra loi: 68,9

Taos @=D +b= Db =a-b=03-45 =15
a Co

Ap dung dinh 1i sin vao tam gidc ABD, ta c6
AD iLE&‘ sinb _24 sin48

sinb 51 B B sinls

Trong tam gidc vuong ACD , €O
h=CD =AD sina ~68,91m

Vay chiéu cao clia cai thap khodng ©08.91m,

=08,91m
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¥y /)

» Cau 79.Trén néc mot tdoa nha c6 mot cot angten cao 3™, Tirvi tri quan sat A cao "M so

véi mat dat, c6 thé nhin thay dinh B va chan € cla cot dng-ten dudi géc 50 va

40 50 véi phuong nam ngang. Tinh chiéu cao cua toa nha? Két qud lam tron
dén hang phan chuc.

v"Tra loi: 18,9

Tir hinh vé, suy ra BAC =10

A ABD =180 - (BAD +ADB) =180 - (50 +90 ) =40

Ap dung dinh li sin trong tam giac ABC ta c6
. 5 ..
BC _ AC . ;‘LC‘:BC a.n}'LBC‘:H gn40 ~18,5m
sinBAC sinABC sinBAC sinl0

sinCCAD :%: CD =AC sinCAD =11,9m

Trong tam giac vuéng ADC | ta cé y
Suy ra, CH :CD+DH :II_,':J-FT :|S.rl;_]m.

Vay chiéu cao clia toa nha khoang 8.9,

» Cau 80.X4ac dinh chiéu cao ciia mot thap ma khéng can lén dinh cta thap. Dat ké giac

thdng ding cach chan thap moét khoang €L =60M,bigt chiéu cao cla gidc ké 1a
OC =Im_ Quay thanh giac ké sao cho khi ngdm theo thanh ta nhin thay dinh

A clia thap. Doc trén giac ké s6 do ctia goc AOB=60" Tinh chiéu cao clia ngon
thap? Két qua lam tron dén hang don vi.
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B 50
/-
o Loi giai
v Tra loi: 105
2 .
/ \

tanAOB="—= AB=tan60.0OB=60+/3m
OAB vu6ng tai B, c6 OB ¥
Tam giac
) h=AB+0C =(6043 +1); 105m
Vay chiéu cao cua ngon thap la
- Hét
Tai liéu duwoc chia sé boi Website VnTeach.Com
https://www.vnteach.com
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