PE ON TAP SO 22
- 2 -
2./3sin x—ﬁcosx—Zsmx:COSX
(1-2cosx)tanx

(2x2y—7)(J3x—2 —Jx+3xy) =5
Cau 2.  Giai h¢ phuong trinh

Céaul. Giai phuong trinh

X*(4+y?) —1=+1+4x" —xy

2X+1

X+1
y =—2x+m ludn cit do thi tai hai diém phan biét A, B. Goi k,k, lan luot 1a hé s6 goc

Cau3. Chohamsé y= c6 dd thi (C). Chitng minh ring véi moi m duong thang

cua cac

tiép tuyén véi (C) tai A B. Tim m dé biéu thiac P=(k,)" +(k,)" dat gid tri nho

nhat

n+?2 _. Tim ¢ong thc s6 hang tong quét
—,VneN
n°+n

Cau 4. Choday s6 (u ) thdaman:

cua day sé (u,).
Cau5.  Co hai chiéc hop chira bi, mdi vién bi chi mang mau xanh hogc do. Lay ngau nhién tir moi
hop dung 1 vién bi. Biét tong so bi trong hai hop la 20 va xac suat dé lay dugc hai vién bi mau

\ 55 - z A A 1A . A . \ 9
xanh la i Tinh xac suat d¢ lay dugc hai vién bi mau do.

Cau 6.  Cho hinhchdép S.ABC c6 day ABC la tam giac vudng tai A.
Tam Qia&cSAB déu va nam trong mat phang vuong goc véi day. Biét

AB =7a,BC =7a+/3. E 1a diém trén canh SC sao cho CE = 2ES.
a) Tinh thé tich khéi chop E.ABC .
b) Tinh khoang cach gitta hai duong thang AC va BE.

Cau 7. Cho cac sé thuc khéng am a,b,c thoa c<a,c<b. Tim gia trj nho nhat cua biéu thuc

P(a—b){( 2a+cj2+( 2b+cj2 64 +8(a2+1)

b? +c? a?+c? ab+bc+ca a(a—b)2 '




Cau 1. Giai phuong trinh

Cau 2. Giai hé phuong trinh

PAP AN PE ON SO 22
24/3sin? x—+/3cos x—2sinx _
(1-2cos x)tan x

Léi gidi
1

COS X # —
2

biéu kién: {cosx =0
tanx =0

Khi d6
2/3sin? x — /3 cos x — 2sin x
(1-2cos x)tan x

=COS X < 2\/§sin2 X —+/3C0S X—2Sin X =Sin X—2Sin Xc0S X
c>2\/§sin2 x—\/§cosx—3sin X+2sinxcosx=0

<> +/3sin x(ZSinx—\/§)+cosx(25in x—\/§)=0

<:>(2$in x—\/§)(\/§sin x+cosx):0

J3sinx+cosx =0 (1)
=
2sinx-+3=0 (2

J3

+) (1)<:>—sinx+1cosx:0<:>sin X+ 2|20 x=—L+kr, keZ
2 2 6 6

x=24 k2
+) (2)<:>sinx:£<:> 3 keZ
2 27
X=—+k27
3
X=——+krz
Két hop didu Kién ta suy ra nghiém ctia phuong trinh 1a: < 6 kez

(2°y=7)(v3x=2 - fx+3xy ) =5

x2(4+ yz) —1=+1+4x* —xy

Loi giai
2x*y -7 J3x—2 - X+3xy)=5 1
Xét hé phurong trinh ( )< v ) (1)
X2(4+y2)—1: 1+4x% —xy (2)

Hpidukien: 1*°3 =) 2 )

+) Vo didu kien (), tir (2)= [y +4) +y = /%+4+§. (3)



+) Xétham so: f (t)=,/(t* +4) +t, tz-%.

f'(t):;+1>o,wz—1.
J(t2+4) 3
H
CSuy ra, ham sb f (t)=/(t*+4)+t ddng bién trén [—%H—ooj.
1

Mit khac f (t) lién tuc trén [—%;+00j. Do do, tr (3) < f(y)= f(l)c y=
X X

+) Thay yzi vao (1), ta duoc: (2x—7)(\/3x—2—\/x+3):5. (4)
“INhan thiy, x:% khong Ia nghiém cua (4), nén (4)c6 thé viét lai:

\V3x—2—/x+3 :%Q\/3X—2—\/x+ —L:O.

2xX—7

5 2 7

g(Xx)=+3x—2—-/x+3- , UX> 2 X #—
OPat 2X—17 3 2

3 1 10 _3/x+3-Yx-2 10
23x=2 2yx+3 (2x-7)°  2J/x+343x-2  (2x-7)
_ 6X +29 ,_ 10
2x+33x =2 (3Vx+3+3x-2) (2x-7)

g'(x)

> >0, VX>E,X¢Z.
3 2

Suy ra g(x) dong bién trén Egj va G;+oo).

Ma g(1)=g(6)=0, nén (4) c6 hai nghiém x =1,x =6.
+) Vay nghiém(x; y) cua h¢ phuong trinh 1a (1;1) va £6; %)

2x+1

X+1
y =—2x+m ludn cat d thi tai hai diém phan biét A, B. Goi k,k, lan luot 1a hé s6 goc

Cau 3. Chohamsé y= c6 dd thi (C). Chiing minh rang véi moi m dwong thing

cua Ccac

tiép tuyén véi (C) tai A B. Tim m dé biéu thac P=(k,)" +(k,)" dat gia tri nho

nhat
Loi giai
s \ A e A 2X+1
Phuong trinh hoanh d6 giao diém: 1 —2x+m (1)
_+_

biéu kién: x= -1

Tu (1) ©2x* +(4-m)x+1-m=0



Vi A(l)=(4—m)2—4.2.(1—m):m2+8>0,vXeR va x=-1 khong la nghiém (1) nén
phuong
trinh luén c6 hai nghiém phan biét vagi moi m.

Goi A(x,-2% +m);B(x,,~2x,+m) 1a hoanh d tiép diém voi x,x, lan luot Ia hai

nghiém
cua (1).
1

= +1)2
Hé sb géc & . =P = (k)7 4 (k)7 > 24 (KK, )

k =

© (% +1)

Ma k k, = 1 s =4=P22"" = p . =22

(X%, + % + X, +1)

. ) =X, (I
Dau =" xay ra khi k, =k, < % =% (1) =m=0
X, +X,=—2
u, =2
Cau 4. Choday s6 (u ) thdaman: , Nn+2 _. Tim ¢ong thtc s6 hang tong quét
un+1 2un + 2 ,Vn N
n°+n
cua day sé (u,).
Loi gidi

+) Dé thay (u_)la day s6 dwong. Khi dé:

n+2 n+2

2 2 2

un+1:,/2un+ > < U, =20, +—
n“+n n“+n

2 1 1 1
S =2+ -— o u +——= (uﬂ—j
n n+l n+1

o x4 . 1 . . s A x A
Xét ddy s6 (v,) v6i v. =u’+=,VneN'". Ta ching minh duoc (v,) la cap s6 nhan
n
6 sb
hang dau v, =5 va cong boi g =2 nén c6 s hang tong quat la v, =5.2""

T do, suyra u, =,[5.2"" 1
n



Cau 5. C6 hai chiéc hop chira bi, mdi vién bi chi mang mau xanh hodc d6. Liy ngau nhién tir mdi hop
dung 1 vién bi. Biét tong s bi trong hai hop 1a 20 va xac suat dé liy duoc hai vién bi mau xanh 1a ;

Tinh xac suit dé 1y duoc hai vién bi mau do.
Loi giai

Gia str hop thir nhat c6 x vién bi, trong d6 c6 a vién bi xanh, hop tha hai co y vién

bi, trong d6 ¢ b vién bi xanh (diéu kién x,y,a,b nguyén duong, x>y,x>a,y>b).

x+y=20 (1

Tur gia thiéttaco: {ab 55 .
—=— (2
xy 84

Tur (2) = 55xy =84ab = xy:84, mat khéc: Xyﬁ%(x-l- y)>=100=>xy =84 (3).

. x=14
Tu (1) va (3) suyra { :
y=6
Tu (2) va (3) suyra ab=55,ma a<x<l4b<y<6=a=11b=5.

Viy xdc suit Iy duge hai vién bi do la: p=X=2 Y=P _ %
x 'y

Cau 6. Cho hinh chép S.ABC c6 day ABC 1a tam gidc vudng tai A.
Tam Qia&cSAB déu va nam trong mat phang vudng goéc véi day. Biét

AB =7a,BC =7a+/3. E 1a diém trén canh SC sao cho CE =2ES.
a) Tinh thé tich khéi chop E.ABC .

b) Tinh khoang cach giira hai duong thang AC va BE.

S

a) Tam giac ABC vudng tai A nén AC :\/ 7a/3 S 7a° =7a\2

Goi H 1a trung diém cua AB



SAB L ABC
SAB N ABC =AB =SH L ABC ,
SH C SAB ,SH L AB

Tam gi4c SAB déu nén SH = 7af
Cach1: Tacovsse - SE 1 Vewe 2
sac SC 3 Vo ppe 3
2 21 217ay3 1, 343a3f
VE.ABC :§VS.ABC :g'g'SH'SABC _5 g 5 E \/_ 8

Céch 2: Dung EJ //SH cit HC tai J.Khid6 = EJ L ABC ,

2 7a3  7a3 1
—=—=FEJ :E.T:TVE'ABC :é'E‘]'SABC =

17a
3'3

3
Ta.7a\2 = 343&8['

I\.)IH

b) Dung D sao cho BCAD Ia hinh binh hanh. Khi d6 AC // BED .

d AC,BE =d AC, BED =d A BED =2d H, BED
Vi BD L SAB = BDE L SAB .Goi | =SHNDE= SAB N BDE =BI .
TuHké HK L BI tai K.Khido HK L BDE =-d AC,BE =2HK

Taco HI = LsH — 73
2 4
Trong tam giac vuéng BIH :
2 2
1 1 1 4 2 4 av21
s =Tzt 2 [_ =iz HK =
HK? HI? HB* (7aJ3) (7a) 2la 2

—d AC,BE =2HK = a+/21.

Cau 7. Trong mat phang véi hé toa dd Oxy , cho hinh vuéng ABCD va diém E thudc canh BC . Buong
thang qua A va vudng goc véi AE cit CD tai F.Goi M 1a trung diém EF,
duong thing AM cét CD tai K. Tim toa d6 diém D biét A(-6;6), M (-4;2), K(-3;0)

va E
co tung d¢ duong.

Léi giai
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Ta co AABE =AADF Vi AB=AD va BAE = DAF (cung phu vdi DAE).
Suy ra AAEF vudng can

Do M la trung diém EF = AM L EF vd ME = MA=MF.

Tacod AM =(2;-4) va AM =+/20.

Puong thang EF di qua M va vudng goc véi MA nén cé phuong trinh x—2y+8=0.
Phuong trinh duong tron ngoai tiép tam giac AFE: (x+4)2 +(y—2)2 =20

(x+4) +(y-2)" =20
X+2y—-8=0

Toa do diém E,F thoa h¢ {
Giai hé ta dugc toa do E(0;4), F(-8,0), (ye >0).
V6i E(0;4), F(-80)
Puong thang cD qua F(-8;0)va K (-3;0) nén cé phuong trinh y =0.
Puong thang AD qua A(-6;6) va vudng goc véi FK nén c6 phuong trinh x+6=0.
D=CDnAD= D(-6,0).

Cau 8. Cho cac sé thuc khong am a,b,c thoa c<a,c<b. Tim gi4 tri nho nhét cua biéu thic

2
oo (e o (2 e |

Léi giai

Tacé: c<a,c<b=b?+c? g(b+%)2;a2+c2 s(a+%)2;ab+bc+ca2(a+%)(b+%)

1 S 1 1 S 1 -1 S -1

T o T g el

2




2 2
4(a+gj 4(b+;] 64
Suy ra P>(a-b)’ +

FACIG IR

bat a+%:x;b+%:y; (x>0;y>0).Taco

P>(x- y){x—4+4y— 64} ST N
vt xy

3
Hay P>4(§+X—ZJKE+XJ —3(5 Xj 16]+16
y x ly x) Ty x

Datt=5+i,(t22) Xétham so f (t)=4(t-2)(t’
y X

Tacé f’(t):4(4t3—6t2—6t—10),f'(t):0<:>t:g

Lap bang bién thién suy ra f (t)> _%

a=
a=1
1

Suy ra P>%va P—Zc> b=2 hoac {b=
c=0

- Vay

OI\)|H -

CcC=

—3t —16)

min

p =2
4



