BAI 3. HAM SO LUONG GIAC

CHUONG 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG

GIAC

PHAN C. BAI TAP TRAC NGHIEM (PHAN MUC P0Q)
1. Céu héi danh cho ddi twong hoc sinh trung binh — kha

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Tap xac dinh ctia ham s§ ¥ =tanx .

T
R"\{_+k,T,REZ} | ]
A RO B 12 C. R p. R\kzkez]
Loi giai
Chon B
. cosx 20 < x 22 4k
Diéu kién xac dinh: 2
D :m{gmmkez}
Vay tap xac dinh: <
Tap xéc dinh cta ham sé » =250 |3
a 02 g 51 C.R. p. %2
Loi giai
Ham sé ¥ =2510X ¢4 tap xac dinh 1a R .
Tim tap x4c dinh D ciia ham s » = COtx +sin Sx +cosx
D:HH{;+EJ,REZ} D:m{ngmkez}
A. = B. =
c. D =R\|kT,kEZ| . D =R\|k271,kE Z|
Loi gidi
Chon C A
Ham s xéc dinh khi: sinx* 0U x* kp
—p e 1
Chon khang dinh sai?
, RH{EH:,TJ:EZ}
A. Tap x4c dinh ciia ham s& ¥ =t 1a 2 .
B. Tap xéc dinh cia ham s6 ¥ =¥ 13 R,
C. Tap xac dinh cia ham s6 ¥ =¥ 1a R
R\ {Emmez}
D. Tép xac dinh ctia ham s6 ¥ =10X |3 <
Loi gidi
_ - Tk R\| k1.k e
V=LY he dinh khi MY TS FETKEL o 6 tap xac dinhla | z
Ham s6
Hamss o xdc dinh voi moi ¥ nén tip xc dinh 1a R.
y =cosx R

Ham so

x4c dinh v&i moi * nén tip xac dinh la



Cau 5.

Cau 6.

Cau 8.

r'T
cosy =20 = x=—+kr ke L
y =tanx 3

Ham sb
T |
R\ {_mr._a-ez
2 |

Tap xac dinh cia ham s§ ¥ =COLX .
NE |

. R\|_+k7 keZ
o R\k2mkeZ o 7|2 |

o | R Zsr2rrez
C. R\ kr,keZ . D. 2 ' .

Loi giai

Chon C

siny #0 = y2kr kel

+)bicu kién: , suy ra tap xac dinh cua ham soO

D=R\|k1.kEZ

Tap xac dinh ctia ham s6 ¥ =tan 2x la

D :|R"-.F+k,r._a-e Zlf D :|R"-.F+a—§._k ez}
A. 4 B. 4 2

(x '| (. x ]

D =R -.{_4-!;,?._!;62 D=R -.{ﬁ:_._kez

C. L2 [. D. 2 |
Loi giai

Chon B

T N
. ccos2yxF e xF_+hkreo xF—+k— kel
Piéu kién xac dinh ctia ham sb: 2 4 2
N S ]
D =R { _+ﬁ:T,kEZ|[
Vay tap x4c dinh cta him s 1a 402
. s 1 £ 1 =cot 2x- F s
Tap x4c dinh ctia ham s6 y =cot Zx- tanx la:

xac dinh khi = nén tap xac dinh la

y =cotx |4

T ‘mom ] [om )
R _+A-z._ﬁ-ez‘[ , |Fz-.{_+k_._;fez‘[ IR‘-.{J!:_._,#E%
A 12 . Rlkmkez o l4 72 p. |2
Loi giai
Chon D
T
. x £k —
sin 2x =0 ©ERS 7
= s x#kl(ked
cosx =0 ] 2
- .‘r:.ﬁ?hff?[

Ham s6 xéac dinh khi L2
Tap xéc dinh ciia ham s6 ¥ =~ tanx 5.

D =R\
A.

i

T |
—+kr, kel T
2 [ g D=R\[k1.keZ
NE; |
i D =R -.{_mz,v._kez
c. P=R\[R27keZ 2 |

Loi giai

-;T
x#—+kr
Hamsd ¥ =" "¥0¥ x4c dinh khi: 2 kEZ

T rkrkeZ
2 |

D =R\
Vay tap xéc dinh cua ham s6 1a:




Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Tap xéac dinh ctia ham s =fanx+cotx 1y

D =R\ {’{”} ) D_|R'-.{E+ 7! D =R\ lh}
A. 4], B D=RVkT ¢ 4 ) p, 2],
Loi giai
sinx #0 -
A cosx#ﬂﬁrik%"kez
biéu kién: ' &
| ke
D=R '-.{TTF;E z}
Tap L= 1a tap xéac dinh ctia ham s6 nao sau day?
A, Y =cotx B. ¥ =cot2x c. vy =tanx p. v =tan2x
Loi giai
kJT
—— = X F
Ham sé ¥ ~°'<X x4c dinh khi 2x #k7
% :tan‘ ;:Ds.r
Tap xac dinh ctia ham ) L= ' a:
N
\ |R"\{k—} R
A RO . R\0:7] C 2 p. R\lkz]
) Loi giai
Ham s6 xac dinh:
| T | X T
CDS‘ —cosx | #0  “cosx 2 +kT
= 2 < 2 2 o cosx =1+ 2k © cosx #4H < sinx #0
o x#zkr(keZ)
¥ :I;an| 3.‘r+£‘
Tim tap x4c dinh ctia ham sé 3
:|R"-.{i+,¢-£|kez] :|R"-.{£+A-,r kez
A iz 2" B. 0 |
p =R\ +r|kezZ! :|R"-.i-£+¢£|;fez|
C. |12 | D. .02 |
Loi giai
( bl
¥ :tan‘ 3.‘r+_‘
Ham sb 3] x4c dinh khi va chi khi
cos 3.‘r+£‘ Z0 = 2.‘r+£:.t£+k,Tﬂ x :.ti-l-ﬁ:i(ﬁsz)
\ 3) 3 2 12 2
y=tan| 2x- —‘
Tim tap xac dinh D cta ham s \ 4
D =R\ {3_T+"‘_TAez “R\ i_ﬂmez]
A | I |
D =R\ {3_T+"‘_T kez :IF{"-.{£+J!;,T._E:EZ|
C. - I D. 2 |

Loi giai



y =tan| 2x- i‘ cos| 2x- i‘ 20 e 2y- Ll S s
Ham sé 4] xac dinh khi va chi khi - + 2
3r kw
XF—+—
Suy ra 8 2
_R\ 131 kT AEZ'
Vay tap xéc dinh cua ham ) la ] .
§ _ 2sinx +1
Cau14. Hamsé  1-c0sX xac dinh khi
T J
x#=—+ k27T x #1+k:r
A. 2 B. x #kx C. x #k2m D. 2
Loi gidi
Chgn C
Ham s6 xac dinh khi va chi khi 1- cosx #0 = cosx #1 & x #k27 y4i kEZ,
1= 3cosx
Cau 15. Tim diéu kién xéac dinh cua ham s6 sin.x
k}T AT
X # x#—+kr
A. X #k21 B. 2. c. 2 D. X #k7
Loi gidi
siny 20 xzkr(keZ)
sinx +1
V=
Cau 16. Tap xac dinh cia ham s6 sinx - 2 [3
. . |
A B+) g, (2:+=) c. R2 D. R,
Loi gidi
Chgon D
-1 <giny < ' ny - 2 .
Ta cb | =sinx =1, Yx=R. Do do Sinx -2 =0, xR . Vay tap xéc dinh D =R
. _ cotx
Cau 17. Tap xac dinh cia ham s6  cosx-1 13
Tl | _ .
N R\ ,ﬁ?ﬁEZJ . R\ :m,ﬂiez] CRknkeZ] | R\knkeZ
Loi giai
Chgn C
sin x #0
{ ﬂ{ s T (kieZ) kT keZ
Pidu kién x4c dinh cia ham s 1a (€0S* 71 [x #127 = x#kr kel
_ cotx [ ,
F = - - |
Vay, tap xac dinh ctia ham sb cosx-1 13 R\ kT.kEZ) i
Ciau 18. Ham sb nao co tap xac dinh 1a R:
- _cos'x 42
A > "~ cot®x +1 B. V= 2+2cosx c.V =cot 3x - tanx D. Y =sin+fx +2
Loi gidi
Chon B

= T2 - , . - - ~ , 7
N2+ 2cosx duge xac dinh © 2+ 2cosx =0 & cosx =- 1 (1ysn dung v6i V¥ € R),

=2+ 2C0sx 13 R

Vay tap xac dinh ctia ham s6 -



Cau 19.

Cau 20.

Cau 21.

Cau 22.

|
\ YT
bicu kién xac dinh ctia ham so SInx-COSx 3

T T
e x 2= +kr(keZ). (L xz_+kr(keZ).

x #k lT(JEL = Z) B. 2 C. x iﬁ“T(J'!l = ZJ D. 4

A.
Loi giai

. sinx- cosx #0 & tanx #1 & x £+ k7

Diéu kién 4
b= - cosx

Tap xéc dinh ctia ham sb sinx- 1 3.

R\
A.

R\ {kr) o R\{k2r} :‘*-"l

£+.¢:a‘r
2

ﬂ’ﬁj

Ml-q

B.
Loi giai
Chon D

1- cosx
}‘!:,—
S Lo sinx- |
bicu kién xac dinh ctia ham s6 la

T
. _ o xy2_+k2x(keZ)
sinx-1+#0 < sinx #l 2

ey
b2 N
+
ol
(]
~
——

Vay tap xac dinh ctia ham sd 1a

Tim tap xac dinh D cua ham so 5N x-COsx

e |
T D:IR'-.{_H:,T keZ
A D=R\kT|keZ o 2 | |

B T . |
C.D_IF{.{Z-#LTHEZ[' p. D=R\[k27|k€Z
Loi giai
Ham s6 d3 cho xac dinh khi va chi khi

. | T T
sinx- cosx #0 = 51n| x- T 0 = x iZH:,T._ (keZ)

_tan2x

i J,‘ _—
Tap xac dinh ctia ham so COSX ]a tap nao sau day?

p=R\|Z 4z,
2 [,kez-

A. D =R, B.

aTT ‘»AEE R\ F kTT_

7 _ D. 7 2
Loi giai

t~J|:-4

ﬂT‘» ked

T T T
2y E_+ kT T E—+k—
) )

= - had 4 ke
T T
X i?+-|£l--'-l-r X Et?"".lif;l.r
Ham s6 xac dinh khi \ = 2

(cos2x #0

| cOSx =0



Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

p=RUZ+iT- T szl kez
272

)

Vay tap xac dinh la:
1- sinx
1 r -}! =
bicu kién xac dinh ctia ham so CosX Ja
St St T
X £ +kir x4k

A. 12 ,keZ B, 12 2 kel

T T
X F—+k— x#E—+kr
C. 6 2 keZ p, 2 kel

Loi giai

HT
=y E—+ kT

Ham s xac dinh khi cosx #0 2  keZ,
5
Sy =
Tim tap xac dinh cia ham so cosx +1
e e D=R) T iRTkeZ)
A D=R\[R271,keZ o 2 |

c. D=R\[7+k21,keZ D=R\|7+kr1,kEZ

D.
Loi giai
Pk: c0sx+1#0 = cosx #-1 =y 27+k271.(keZ)
. D=R\|7+k21,kEZ

TXD:
1:_1-2,1:
Tim tap xac dinh cia ham s6 = sin2x
N D =R\ £+ﬁ:,r._ kEzl
A P=R\kT. keZ o | 2 J
N | .o '
D=R\{_+k2m, k21, ke Z; D=R\ik—, keZ}
C. (2 | D. 2 .

Loi giai

' F'T
=sn2y #Fle IxFhr = x Fh— (
\ £ gn L kez)
Ham s6 da cho xac dinh 2 .

D =R\ A?T kezl
Vay tap xac dinh ctia ham sé di cho 1a Lo< J

COLX (4 bao nhidu ham sé tudn hoan vai

Cham GA. YV =Sin2x y =cosx y =tanx y =
Cho cac ham s6: - , 7 , Y ,

chuky T =7,
Al B.2 C.3 D. 4
Loi giai

Chon C
Ham sé ¥ 10X VY =COLX 13 ham sé tudn hoan véi chu ky I' =7,

7-’

r=""-x
)

Ham s ' =510 2x 12 ham s6 tuan hoan voi chu ky =
Ham s6 ¥ =°5¥ 13 ham s6 tudn hoan véi chu ky T =27,
.oX
Yy =3sin— )
Chu ky cta ham sb 2 1a sb nao sau day?
A. 0. B. 27 C. 41 D. 7.



Loi giai

s

Chu ki cta ham so

Cau 28. Chu ky ciia ham s6  =S10X 3

T
A. k2 B. 7. C. 27, D. 2.
Loi giai
Ham s ¥ =5 inx tudn hoan c¢6 chu ky 1a 27
Ciu29. Trong cdc ham s§ ¥ =@nx. =sin 2"“; y =sinx . Y =COLX 5 bao nhiéu ham s6 thoa man tinh
chét Fx+kr) 2_}‘”(.1')’ VxeR keZ
A. 3. B. 2. c. L. D. 4.
Loi giai
R\ T +kz, kezl
5 Tacodham sé ¥ ~B0Y ¢4 tap x4c dinh 1a 2 J va ham s6 ¥ =Y ¢¢ tap xéc
R\ k7, ke Z

dinh 1a ' nén cd hai ham s6 nay déu khong thoa yéu cau.

N s £ v =sin?2 , Sin2 (e 4+ k) =sin(2x+k27) =sin 2x
% Xétham sd ¥ 754X T4 ¢6 ( ) ( ) , WeR keZ

£V =81 \1s A LA \ r N R A f A A
* Hams6 ¥ ™Y 13 ham s6 tun hoan véi chu ky 27 nén khong thoa yéu cau.

R A ) o 3 JR— A 4 r, y —_— A ’ y
(1) y =cos2x (2) y =sin x. (3) y=tan2x. (4) v =cotdx méy ham s

Ciu 30. Trong bén ham sé:
tudn hoan vé6i chu ky 72
AL B. 0. C.2. D. 3.
Loi giai
(1) y =cos2x

Do ham s ¥ =93 tuin hoan vé6i chu ky 27 nén ham sb tudn hoan chu ky 7.

2) v =sinx

Ham s6 (%) . tuan hoan voi chu ky 27 .

oy

L e PP
(3) y =tanlx ¢ 31 hoan chu ky 2.

Ja

Do ham s6 ¥ =B1Y t33n hoan véi chu ky7 nén ham so

L V= A \ e ) A \ A
Do ham s6 ¥ =¥ tyin hoan véi chu ky /7 nén ham s6

Cau 31. Trong cac ham so sau day, ham s6 nao khong tuan hoan?

(4) y =cot 4x tuan hoan chu ky 4

1
A, Y =cosx B. Y =cos 2x c.V =x"cosx D Y ~ sin2x
Loi gidi
Nhan xét: Ham s6 ¥ =5 ¥ tuln hoan véi chu ki 27
V= 1
\ £y =CoS2Xx .x © < Y N \
Ham s ¥ =05 =¥ v3 sIn 2X tyan hoan véi chu ki 77
Theo phuong phép loai trir ta ¢6 ham sé =X cosx khéng tuan hoan.
. |
¥ :51n‘ Sx- _‘.
Cau32. Timchuki 7 cuaham so6 4
2 S5m T T
T =—— T = T =— T =—
A. 5. B. 2, c. 2. p. 8



Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Loi giai

in(ax +b) e
Ham s6 ¥ > TP 4040 hoan véi chu ki la|
¥ :sin‘ S5x- 1| T :E.
Ap dung: Ham so 4 tudn hoan véi chu ki 5.
¥ :cns,‘ %+ 2021
Tim chu ki 7' ctia ham so L <
AT =41 B. T =27 c.T=-21
Loi giai
(ax+b) r=m
Ham s6 ¥ ~ 05 * 20 14n hoan véi chu ki ‘a‘ .
¥ :cns‘ %+ 2021
Ap dung: Ham so \ < " tuan hoan véi chu ki 7 =47
|
v =- —sin (1007x +507).
Tim chu ki 7 cua ham sé 2
=t r= 1 =7
A. 50, B. 100, c. 50,
Loi giai
in(ax +5) T
Ham sé ¥ — T80 4030 hoan vai chu ki ‘a‘ .
1 .
] vy =-—sin(1007x+507)
Ap dung: Ham so 2 tuan hoan véi chu ki
Tim chu ki 7 ciia ham s ¥ =@n37x.
4
== =2 r=~
A. 3. B. 3. C. 3.
Loi gidi
=tan (ax +b) =g
Ham s6 * — Aniax tudn hoan véi chu ki a‘
1
i L 3 . T =.
Ap dung: Ham s6 ¥ =80 TY tyan hoan véichuki 3 .

i i o opa Ay =2c0s” x +2020.
Tim chu ki 7 cta ham sé * cos” x + 2020

AT =37, B. I =27, c.T=x
Loi gidi
Ta co ¥ =2c0s’ x+2020 =cos 2x +2021.

P2
[

 v=coslax+h) + . . . .
tuan hoan véi chu ki .

Ham so -
Ap dung: Ham s6 tun hoan véi chu ki 7 =7 .
Ham s0 nao sau day c6 chu ki khac7 ?

' | !’T
¥ ZSII]‘ —- 2x
| 3

' T
¥ :cnaﬁ‘ _1'+_‘
. B. 40
y =tan (- 2x +1) ' =COSXSinX

C. - . p. Y =cosxsinx

Loi giai

D. 7T =x
p. T =20071"
r _1
1007 50

T =
D. 3
p. I =47



Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

' ' 2

N _ _
¥ :51n‘ —-2x r —| ] =
Xét: Ham so L3 ' tuan hoan véi chu ki -
. . _ . -
T T _ =T
y :EDEE‘ _r+_| :l:05| 2.1-+?| T _W =1
Xét: Ham sb L4 " 2 tudn hoan véi chu ki -
T T
T a e SR e v R S
Xét: Ham s6 - tuan hoan vai chu ki chon
)
. 1 . =T _
. ¥ =cosxsinx =—sin2x Ir= 2 =T
Xét. Ham so o tuan hoan véi chu ki -
Khang dinh nao duoi day la sai?
£ Y =si C1s £ 1, . Ay = £ 1,
A. Ham s67 =5 13 ham s6 1é. B. Ham s6 =95 ¥4 ham s6 18.
\ AV = B \ A 12 \ AY = \ \ A 12
C. Ham s6Y ~180X 13 ham s6 16 D. Ham 6 =¥ [3 ham s6 1é.
Loi giai
B sai vi ham s6 ¥ =% X [3 ham sb chén.
Trong cac ham so sau, ham s0 nao la ham chan?
' |
" :cus‘ T+ y —‘sin . I~ si .
=|sin. y =]~ . y =SINx+COsx
A. 3 B. - c, y=l-smx D. -
Loi giai
Chon B

TXP: D =R "reR= -xeR
Va ¥ —_1'}=|€.|r1{—1* =|— Sll‘l_x‘l = |51I1.!.'| = _1‘(_r]

Vay ham s0 trén la ham so6 chan

Chon phat biéu dung:

A. Cac ham sb V =SINX |V =C0SX ) =COLY 43y, 13 ham s6 chin,
y =sinx y =cosx y =cot

B. Céac ham s6 - X d@u 1a ham sb 18.

, \ A J = i g = )= " A \ \ A <
C. Cac ham s Y ~S10Y "y =cotx y =tanx 4&, 13 ham sb chin

;1N £ Y =Ssin. ) =cot — X ar 1s s £ 1s
D. Cac ham s§ ¥ =S¥ Y =COUX "y =tanx 43, 13 ham sb 1é.

Loi giai
\ A ] —= (" \ \ A < \ A g = i ) = ) = s ~ , \ A 9
Ham s6 ¥ =05 X 13 ham s6 chin, ham s6 Y ~SIMX Y =COLX "y =tanx ps c40 ham s6 1¢.
Khéng dinh nao dudi day la sai?
\ A ) = C N \ A 9 \ A ] = \ \ A 5
A. Ham sb ' =95 13 ham sd 1é. B. Ham s6 ¥ =Y 13 ham sé 1é.
\ £V =8i C1s £ 14 . Ly = C 1y s £ 1,
C.Ham s6 ¥ 75X 13 ham s6 18. D. Ham sé ¥ =80X 13 ham sb 1¢.
Loi giai

Ta co6 cac két qua sau:
+ Ham s§ ¥ =608

\ A J — \ \ A 19
+ Ham s6 * cotx 1a ham so 1é.

X 1a ham sb chan.

+Ham s6 ¥ ~5MY 13 ham s lé.

+Ham s6 ¥ =81 13 ham s 16.

Ham s6 nao sau day 13 ham s6 chin?

A,V =cotdx g,V =tan6x c. v =sin2x p. ¥ =cosx
Loi gidi

Xét ham ¥ =COS X,

TXD: D =R.

Khids "xE D= -x€D



Cau 43.

Cau 44.

Cau 45.

Cau 46.

Ta 6 £ (- x)=cos(- x) =cosx = f (.r)_

Vay ¥ =95 X 13 ham s6 chin.
V

Ham s6 ¥ =S ddng bién trén mdi khoang nao dudi day.
‘—£+ﬁ:l?'.j£+f{l?" £+ﬁ;2,r.j3i+kl?

Al 2 2 | kez. B |2 2 | kez,

c 7 +ﬁ:lT.kaT)’ keZ D. (kE,T;,T+k2,T)’ keZ

Loi giai
T iT '
_+le.f—+le‘
| 2 2 . keZ

Khang dinh nao sau day sai?

0. .71’] T Ol
A. Y =@0X pohich bién trong | 2 ) B. Y =95 X #ing bién trong
T T
—c i 01 _ 0; ]
C. Y 73X 4dng bién trong 2 p. V =cotx nghich bién trong ' 2,
Loi giai
0; ”]
Trén khoang | 2/ thi ham sé ¥ =% ddng bién.
Tim ménh dé dung trong cac ménh dé sau?
A. Ham sé ¥ =cotx ddng bién trén khoang (©; ﬂ).
B. Ham s6 » —51* nghich bién trén khoang (7 23).
T ﬂ']
C. Ham s6 ¥ =€95X yohich bién trén khoang | 2 2/
(3t Sx
D. Ham s6 ¥ ~S10X ddng bién trén khoang ' 2 2]
Loi giai
T sinx
7w | o
T 2m
COSxI °
3
2
(3 5w
y 27 2|

Quan sat dudng tron luong giac, ta thiy ham sé —simx ddng bién trén khoang '

Ménh dé nao sau day dung?



Cau 47.

Cau 48.

Cau 49.

£ Y =S8] X \ . . —
A.Ham s6 ¥ =S"™X tydn hoan véi chu ky I' =7,

O;E]
2

B. Ham s6 -~ —51* ddng bién trén
C.Ham s6 ¥ =™ 13 ham s chén.
D. D4 thi ham s6 ¥ 51X ¢4 tiém can ngang.

Loi gidi
Ménh d& A sai vi ham s6 ¥ ~>™% tuln hoan véi chu ky T =2rm
Ménh dé C sai vi ham s Y =SIX 13 ham sd 1é.

.V

Ménh d& D sai vi ham s§ ¥ ~S10 % khong c6 tiém can ngang.

=T

T '
_ +hk2Tm—+k2T
. A , cia A V=SINX sx A A .2 2
Ménh dé B dting vi ham so6 - dong bién trén khoang

ISR
Ham so )

S . T

v}

474

—SIX #ng bién trén khoang nao sau day?
| (97 1l (T ]
—_— ;3;’7
44 C.

Loi giai

T . o

]

474

A. B. D.

Dua vio dinh nghia dudng tron lugng giac ta thdy ham sé luong giac co ban y =smx ddng bién
O goc phan tu thur nhat va géc phan tu th tu.
T . 9T |
D@ thiy khoang ' 4 phan thudc goc phan tu thir tu va thir nhat nén ham sé dong bién.
Chon khang dinh dang trong cac khang dinh sau:
A.Ham sé ¥ =1X (440 hoan véi chu ki 27 .
B. Ham s6 ¥ ~%* tuan hoan véi chu ki 7.

T

O;—]
2

Loi giai

\ £y =si A A ,
C. Ham s6 Y =31 ddng bién trén khoang
\ AV = . <K A
D. Ham s V' =C0t¥ nghich bién trén R

Ham sé ¥ =8 u3n hoan véi chuki 7 = dap an A sai.

=COs Xx

Ham so ¥ tudn hoan véi chu ki 27 = dap 4n B sai.

\ I . -4 A X . LT+ K L .
Ham sé » ~¢0t¥ nghich bién trén moi khoang (k.7 + T), keZ= dap an D sai.

r < A [N 5 N X  R— 2
Xét sy bién thién cia ham sb tan 2x

luan nao dung?

trén mot chu ki tuan hoan. Trong cac két ludn sau, ket

O;E

o | 2

nl
T
4

A. Ham s6 di cho dong bién trén khoang ' va'
T
0;—

T
B. Ham s6 d3 cho dong bién trén khoang va nghich bién trén khoang' 42

0: X
12 '

C. Ham s6 di cho ludn dong bién trén khoang '

0;E

13
o2

va dong bién trén khoang '
Loi giai

D. Ham s6 da cho nghich bién trén khoang

Chon#A.



T T e ]
D=; 1.1+k5|k5¢l~.

Tap xac dinh cia ham so6 da cho 1a

T

. v =tan? ) . ! < , . N iy
Ham s6 =tanZx tudn hoan véi chu ki 2 dua vao cac phuong an A; B; C; D thi ta s€ xét tinh

‘I 0;1. \ =]

4]

don diéu cta ham so trén '

Duya theo két qua khao sat sy bién thién ctia ham s6 y=tanx & phan 1y thuyét ta co thé suy ra voi

LT

4

3

T
2

n .

T

. Ly = 2 A A o , | 4
ham s§ ¥ ~tan2x dong bién trén khoang ' va'

y =l-sinx

Cau 50. Xét sy bién thién ctia ham so trén mot chu ki tuan hoan cua no6. Trong cac két luan

sau, két luan nao sai?

Tt
= 5;0 .
A. Ham sd da cho nghich bién trén khoang
T
0,—
B. Ham s6 di cho nghich bién trén khoang 2
B
E;T[ .
C. Ham so da cho dong bién trén khoang *
T 3m \
Ham s6 da cho nghich bién trén khoang 2 2,
D.
Loi giai
Chon D.
Ham sb d3 cho tudn hoan v6i chu ky 27 va két hop véi cac phuong an dé bai thi ta s& xét su bién
m 3
thién ctia ham s6 trén
Ta c6 ham s§ ¥ =3NX:
L
S 2'2
* Pong bién trén khoang * ’
'- T 3

o

* Nghich bién trén khoang ' 2

Tir ddy suy ra ham s6 ¥ =1- SNX:

o g
o a2

* Nghich bién trén khoang



Cau 51.

Cau 52.

Cau 53.

* Pong bién trén khoang | Tur day ta chon

Du6i day 14 db thi ciia ham s6 ¥ =1~ S y3 ham s6

Ay

-
xXEe O;J—

Vi

, ménh dé nao sau day la ding?

21 4 n £ Vv == sin?2 v =-1+ 21 ax . X
A. Céahai ham s6 ¥ =~ SIL2Y vy ) I +cos2x 43, nghich bién.
TR A v=-sn2x.. v=-1+ 2x a4 -4
B. Cé hai ham s ¥ =" SIn2¥y, y=-l1+cos2x 44, dong bién.
\ £ ¥ =- sin 2 . - X \ £ p=-1+ 2 ax . X
C.Hams6 SI2X hghich bién, ham s 1 +cos 2x dong bién.

\ AV == SIN2X 3A <A \ £ p==1+ 2x . . X
D. Ham s6 SIZX 46ng bién, ham sb | +cos 2x nghich bién.

Loi giai

[T [T
.TE‘D.'—‘—? 3.1-5‘0.-_
7| 2

Ta co \ =/ thudc goc phan tu thi I. Do d6

y =sin — — y =-5in2x

\ % 2 A X
Ham s6 X dong bién
\ A 1= 2 . 4 —
Ham s6 » ~95=X nghich bién
y =-sin2x _,

nghich bién.
— y=-1l+cos2x

y =sinx

nghich bién.

A R £y = r=-1+ 2x oo . <A .
Vay: Ca hai ham so6 - va ! | +cos 2x déu nghich bién, ding = chon.

b4
0; —]
Ham sd nao sau day nghich bién trén khoang 2)9

ALY =sin X B. V =cosx .y =tanx

Loi giai

0,2 ]
Do ham s ¥ =C°S¥ nohich bién trén | 2

g JT

ST
Ham sé ndo ddng bién trén khoang | 3 ©
A, Y =cosx B. v =cot2x C. y =sinx

Loi giai

4 |

p. )y =-cotx

p. » =cos2x



Quan sat trén dudng tron lugng giac,

LT
ta thdy trén khoang ' 3 6) pam V =Sy tang dan
IR
(tang tr 2 dén 2).
Cau 54. Xét sy bién thién cua ham s Y =siiLx- Cosx. Trong céac két luan sau, két luan nao dang?
" i T3t
A. Ham s6 di cho ddng bién trén khoang ' 44
nm 7nm '
B. Ham s6 da cho ddng bién trén khoang '
‘ T LR
C. Ham s6 da cho co tap gia tri la[ }
n.7n ‘
D. Ham s6 dé cho 1udn nghich bién trén khoang ' 44
Loi gidi

Chon B.
: o | T
¥ =sINx- COSX =2 sin| x- ik

Ta cé

{-JE:\E.

Tir day ta co thé loai dap an C, do tap gia tri cta ham s6 1a

Ham s6 da cho tuan hoan véi chu ky 21 do vay ta xét sy bién thién ctia ham so trén doan

_nn
4" 4|
Ta co:
X, 3m |
% T2 £ 3 A A , 4" 4 ]
Ham so dong bién trén khoang *
(31, 7n
* Ham s6 nghich bién trén khoang ' SRR day ta chon#A.

Cau 55. Chon cau dung?
A.Ham sé ¥ =10 1451 ludn ting.
B. Ham s6 ¥ =B0X 1y8n [uén tang trén tung khoang xac dinh.

;o — , Ry P . 3
C.Ham so ¥ =tan.x tang trong cac khoang (2 +k2m; 2+ k21), k € €.

P— . iy = 1
D. Ham s6 ¥ ~tanx tang trong cac khoang (k2m; 7+ k27), ke ¢

Loi giai

Chon B.
V6i A ta thiy ham s6 =tanx khong xac dinh tai moi diém X€ i nén ton tai cac diém lam



Cau 56.

cho ham s6 bi gian doan nén ham s6 khong thé ludn ting.

T T |
- _+hkm_+kn | ket
2 2

V6i B ta thay B diing vi ham s6 =tanx dong bién trén mdi khoang '

Tur day loai C va D.
Xét hai ménh d¢é sau:
| 3m
Wx € ‘ . T ‘ y = 1
D * < ).Hamsb SINX gigm.
3m |
Wx E‘ IL—‘ y = 1
(II) '~ /:Ham so COSX gidm.

Ménh & dung trong hai ménh dé trén 1a:

A. Chi (I) ding. B. Chi (II) ding. C. Ca 2 sai. D. Ca 2 dang.
Loi giai

Chon B.

[ 3m
X, -'-:xﬂE‘ m—
= )

Nhu bai toan xét xem ham s ting hay giam. Ta lay

. . 1 |  sinx, - sinx
flx,)- flx)=— - — il B
sinx. sinx.  sinx, sinx,

Luc nay ta c6

[ 3w
N {xEE‘IT sinx, >sinx, = sinx, - sinx, >0
Ta thay C = U thi T : ' :
| | . sinx, - sinx, S 1
0>sinx, >sinx,  sinx .sinx, = f(x,){f(x:).vay ¥ 5inx 13 ham ting.
1

y =
Tuong tu ta co COsX ]a ham giam. Vay I sai, II dung.




2 ¥ =f(x) =cos2x

g 3T

272

la:

Céu 57. Bang bién thién ciia ham s6 trén doan
A. .-z 0 L4 . 3z B.
2 2 2 X
1 1
_],’ / \A / \ y
-1 -1 -1
C. T T RY/4 D.
X |- - T — x
2 2 2
2 2
-2 -2 -2
Loi giai
Pap an#A.

£(0) =cos0 =1 va £ () =cos2z =1

Ta ¢ thé loai phwong an B ;C ;D luén do tai . Céc bang
bién thién B ;C ;D déu khong thoa man.
oy =cos ) ) [_ JT'JI]
Cau 58. Cho ham so 2 Bang bién thién ctia ham s6 trén doanl ™" J1a:
A. x | T - 0 T 7| B. x | 7T - 0 T T
2 2 B3 )
¥ 1 \‘ v |1 /, 1
0 0 T 0 0
. / \. X \ /
- - -1
C x | -7 - 0 T T D. x |7 - 0 r i
b3 ) 2 2
v 1 y |1 \‘ 1
R 5 &
) 2 N\ 2 T2
0 0 0
Loi giai
Pap an C.
7| _2
—| =cos| - — | =—.
Tuwong tu nhu cau 70 thi ta c6 thé loai A va B do 2 tiép theo xét gia tri
ham s6 tai hai dau mut thi ta loai duoc D.
Ciu 59. Gié tri 16n nhét ciia ham s6 7 =25 > *1 1
A. - L B. 1. c. 2 D. 3
Loi giai
Chon D

vi sinx I Vx€R pgp }

r=2sinx+1 <=3 yreR



Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

<X —£+A‘"T
Y =3 ppisinx=1 2 - , (kEZ).

AL g1 A, o \ £y =2sinx \
Vay gia tri 16n nhat ctia ham s6 2sinx+lyy 3

Tap gié tri ctia ham s6 =sin2x la:

A 722] B. [0:2] c. s p. [o:1],
Loi giai

Taco - | =sin2x =1 VxeR,

Vay tap gia tri ciia ham s da cho 1a [- L 1] .

Tap gia tri ciia ham s6 ¥ TCOSX 139

AR g, C=:0), c. [0+, p. 1],

Loi giai

Vi Vxe IR, ta o6 cosxe[- 1;1].

Tap gid tri cua ham sé ¥ —COSX 13 [_ L 1] .
Goi M, ™ 1in luot 14 gid trj 16n nhit va gi trj nho nhét ciia ham sé ¥ =27 SINX Khine dinh
nao sau day dung?
AM=l.m=1 B.M =2, m=l1 c.M=3. m=0 p. M =3. m=1
Loi giai
-l=sinx=l, YxeR

Ta co:

Suy ra: | =2 sinx =3, reR hay | =¥ =3 WER

vay M =3 y3 m =1

Gi4 tri 16n nhit va gia tri nho nhét cua ham sb =3sin2x- 5 lan luot 1a:
INEFEES B.-2;-8, C.2.-5. D.5: 2.

Loi giai

o - - 1 - - SR T )
Tach - 1=sin2x <l = -8 <3sin2x- 5<-2= -8§<y=-2
Viy gid trj 16n nhét va gid tri nho nhit ciia ham sé 14n luot 12 ~ 25~ 8,
Ja T

y=3+2sinlx 6 2] Gia tri ' théa man hé

Goi ™ 1a gia tri 16n nhét cta ham sb trén doan
thirc nao dudi day?
A, 3<m<6. B. m* =16. C. 4<m<5s. D.m:3+ﬁ.

Loi giai

TE lil = 2re £.1,T = 0 =sin2x =l= 0=2sin2x=2= 3 =3+2sin2x =5
Ta co 6 2 3
m =maxy =5
T
vay 07
- Smo . T -

)

Khi X thay doi trong khoang ' 4 4

-E;O
2

thi ¥ SY 14y moi gi4 tri thude
J2

X2
2

c. -1 D.
Loi giai

B.

S . 3T

tl

2

v" Trong nira khoang ' 4



Cau 66.

Cau 67.

Cau 68.

T g
. y =sinx 51nT =sinx<sin—= -] <sinx=<-
Ham so - gidm nén <
3T . T |

?

4

.t~..3'|4_:’-|

v" Trong nira khoang

. 3T . 1T . 2
SIN— =SIN x <8I T= -l =sinx<- -

) =s1 g n
y =sinx tang nén 2

Ham so -

lS.rT_ T |

v/ Vay khi X thay d6i trong khoang ' 4 thi ¥ =Y 14y moi gi4 tri thudc
Puong cong trong hinh dudi day 1a do thi cia mot ham so6 trong bon ham s6 dugc 1iét ké ¢ bon
phuong an A B C D Hoi ham sb d6 1a ham sé nao?

AN u - /\ >

A,V =l-sinx B. V =cosx C. y =sinx p. v =l+sinx

Loi giai

Chon B

X=n . . .. y=-1 X=n . , , o
+ Chon nhin vao do thi ta dugc . Thay vao lan lugt cac phuong an ta loai C va
D

)23 M

- " y=0 2 =2

+ Chon nhin vao do6 thi ta dugc . Thay vao phuong an A ta nhan duoc
= loai Anéndap anla B.
Cho ham sb /() =sinx +cosx co dd thi (C). Trong céc ham sb6 sau, ham s6 nao c6 dd thi

(C)?

khong thé thu dugc b::ing céch tinh tién do thi

| T
- y =sin| x+ =
SR Y . SR O oty
A, Y =sinx-cosx g . y=-sinx-cosx A
Loi giai
max (sinx +cosx) =2 =M min(sin x+cosx) =-+2 =m M- m=2v7
Taco == m Vi phép tinh

tién khong 1am thay doi khoang cach giita gid tri 16n nhat va gia tr1 nho nhat nén chon dap an D
(chénh 1éch gitra gié tri 16n nhat va gia tri nho nhit bang 2). , ’ ’

DBuong cong trong hinh v& bén dudi la do6 thi cua mot trong bon ham s6 duoc liét ké ¢ bon phuong
an A, B, C, D dudi day. Héi ham s6 d6 1a ham so nao?

y
4
1 3
—T T 0 T T I
_E -14 =
_‘24




Cau 69.

Cau 70.

Cau 71.

A,V =cosx+] B. Y =2~ sinx. C. y=2cosx oy =cos” x+l
Loi giai
Do d0 thi di qua ba diém (-0 , (0;2), (:0) nén chon phuong an A

Duong cong trong hinh dudi 1a d6 thi cua ham s6 nao trong cac ham so sau day?
.1‘

A, Y =l+sin2x B. V =cosx C. V =-sinx p. Y =-cosx
Loi giai
Ta thiy tai * =0=y=l . Do d6 loai cac dap an C, D.
r'T
x=—= y=0

Tai 2 . Loaif#A.
L x ¢ v =F(x)=2sin2x?

Hinh ndo duéi ddy bidu didn d thj ham s§ ¥ =/ (¥) =2sin 2x"

A. YA B. YA

AN AN Y A A N T Ve

7\ \g_m\:/ \/ x n : lo =

AP A AN N

VARV AVAAVEERVARVARVERARY.

Loi gidi
Chon C.
Tathdy -2 =2sin2x =2 pentacoloaiAva  B.

Tiép theo voi C va D ta co:

-— =7.

Tur phan 1y thuyét & trén ta c6 ham s6 tuan hoan véi chu ki ‘ ‘
Ta théy véi X =0 thi V =0 nén dd thi ham sd di qua géc toa d¢. Tu day ta chon dap an

x
L Yy =cos :'?
Hinh v€ nao sau day biéu dien d6 thi ham s6 =



A. YA B. TY
1
A NN N I\ e N /N
/S \/ \:/_1 N/ /o« \j/ N __O v ¥
C. y D. ry
1
1
N n }/N . s B ATIUNE m
2n | g 0 T 2 N \_:_/ 14 0 \_L/ s
Loi giai
Chgon D
=1 =cos |
Ta thay 2 nén ta loai B.
72
T == —4x.
X 1
) Yy =cos— . -
Ti€p theo ta c6 ham so 2 ¢6 chu ki tun hoan 1a 2
x
) vy =cos —=cosl =l
Ta thiy v6i X =0 thi = nén ta chon D.

CAu 72. Db thj ham sd

A. Tinh tién

B. Tinh tién ()
C. Tinh tién (c

D. Tinh tién (©)

Chon B

Do thi ham s

)

' |

¥ :cus‘ x-—

= dugc suy ra tir do thi
JT

ctia ham s6 Y =95 bang cach:

qua trai mot doan c6 do dai la 2,
T

qua phai mot doan c6 do daila 2.
T

1én trén mot doan c6 do daila 2 .
Jr

xuéng dudi mot doan c6 do daila 2.
Loi gidi

' T
¥ :cus‘ x-_

dugc suy ra tir do thi ciia ham s6 ¥ =5 bang cach tinh

T

tién sang phai 1 doan c6 do daila 2.
Cau 73. Duong cong trong hinh dudi day 1a do thi cia ham s6 nao trong cac ham so sau day?



Cau 74.

Cau 75.

>

¥ zsin‘ x- i| y = cns‘ x- l‘ ¥ :stin‘ T+ 1‘ ¥ :ﬁcus‘ T+ E‘
A. L4 B. S S o} . 4l . L4l
Loi giai
Chon D
Ta thdy ham s6 c6 GTLN bang V2 , GTNN bang - V2 nén loai A,B

3T 3t
YT y=-2 1 : .
Tai 4 thi V= . Thay 4 vao hai d4p an con lai chi c6 D thoa man.
Cho d6 thi ham s6 ¥ =°°5* nhuy hinh v& :

)\y

/\ —'.I:r /2 //11.\11::’2 T //\‘;
\.L/ 1 “O ' x

X

3 ~ \ A \ A . N X P =0 . + 2 |?
Hinh v& nao sau day 1a d6 thi ham s ' =95 %

Chon A

=COos Xx

Ta thuc hién phép tinh tién d6 thi ham sé trén truc O 1én trén 2 don vi (xem lai so dd

bien doi do thi co ban ¢ bén trén).

2. Cau héi danh cho d6i twong hoc sinh kha-giéi
_ tanx

Tim tdp xac dinh cua ham s~ cosx-1,



Cau 76.

Cau 77.

Cau 78.

T |
. D=R"\{_+k21
e
4 D=R\[k27] B. 7 |
D =R\ §+m;ﬂ;} D =R\ ;hﬂﬂ;x ;em}
C. L= D. L=
Loi giai
‘cosx =0 =l kT
tanx = 2 Jghel
Y= |cosx-1#0 ey
Hamsé ~ ©€08x-1 xac dinh khi: ¥ FReT
D :|R"-.E+R,T.:ﬂs,kez}
Vay tap xéc dinh la: L
tanx- 1 B
V= +C0s .'r+—‘
Tim tap xac dinh D ctia ham so sinx 3) .
| ke |
. D=R\{__keZ
e\t :
A.D_IF{.lﬁ,T._ﬂEZ}. B 7 |
p=R\ T +irkezl
c. 2 J p.D =R,
Loi giai
tanx- 1 B
Y =— +C08 .'r+—‘
Ham sb sin.x 31 xac dinh khi:
[sin x 0 , kb
=sin2y #0= 2x kT x =—
‘cosx #0 2 (ked)
_ sinx
Tim tap x4c dinh D cta ham s - tanx- 1
D =R ."-{HLT;i-I-HfT; mne Z] . D =R { £+ﬁ:3:ﬂ k EZ] .
A. -4 | B. 4 |
N T N |
D =R" ?4‘”:5{;—4‘}?5{; JH._HEZ}. D=R\{_+kLm ﬁ:EZJ».
2 4 D. 4
C.

Loi giai

-'T
r X F—+mrT
cosx =0 ]

NN L=

—
tanx- 1 =0 T
: X F—+nT
4

Pidu kién

R T
D =R" {?+m3;—+nﬁ; mune £,
Vay Tap xac dinh = 4
; _ 2tanx- 1
Tap xac dinh D cta ham sb 3sinx 3

N |
P D:IR'-.i_Hc,THcEE
A.D_IR-.lﬁ,THEZ}.B. E J

o kT ]
D—IR.{THEZJ» -

|
D. O

—_——

C.

Loi giai



Cau 79.

Cau 80.

cosx =0 u
: e sin2y 20 e y 2k (ke F)
sinx =0 2

Diéu kién xac dinh: '

’I - sinx
V=
Tim tap x4c dinh D ctia ham so6 I +sinx

D =|R"-.{ T iiorkez
2 ¥ [

D=R\|-kT;keZ

A. L4 - B.
o '| N '|
D =R '-{-—-I-ﬁ'lT.ZFEEz D:IF{-.{_H:EI_#EZ
C. L2 | D. 2 |
Loi giai
(1-sinx =0
ﬁ .
Ta co: -1 <siny =1 I|+51I] X EU‘
) e x #E- EH:E,T
Ham sé xac dinh khi I+sinx #0 < sinx #- 1 2 , keZ
D =R\

- gﬂ-lr.jk (= Z'I
Vay tap xac dinh ctia ham s 1a: =

3 . | T
¥V :J5+2|:|:rt' x-s5lnx +|:|:rt‘ ?+_r

Tim tap x4c dinh D ctia ham so

Nk |k
D:Rh{ : J‘EZ'I D:IR'-{— - ,ﬁ:ez}
A. L= .B. L~
et e
c. D=R p. D=R\[k1.keZ
Loi giai
S . | T '
¥V :J5+2|:Dt' x-slnx +|:|:rt‘ ?+_~r
Ham sb T " xac dinh khi va chi khi cac diéu kién sau thoa man
dong thoi.
JT
. cot| —+x
+2cot" x- sinx = b \ (s
+ S+2cot x-sinx 0, xac dinh va cotx xac dinh.

5+2cot” x- sinx =0 , .
, , = 542cot” x-sinx =0, ™ve R
l-sm2x =0= 5-sinx =0

Tacod
T | ' T T
cot| —+x = 51n‘?+.~r =0 = ?+.‘r #=hT = x #- ?4-1!:,7._!:52
+ " x4c dinh T - -
cotx , . . =snxz0e x2kr keZ
xac dinh .
T
X F- —+kT kx
2 e xF N =il
o L x =k -
Do d6 ham so xac dinh
kT ]
D:lﬂ'-.i kez
2 |

Vay tap xac dinh



Cau 81.

Cau 82.

Cau 83.

COS3x

_}':

COSX.COS| x- .cns[ﬂr#r
Tap xac dinh cua ham s6 ' : IERR N P
R i+£ 5_T+kr +k,TﬁEZ} R EHI +ﬁrﬁez}
A. 0 30 0 . B. 0 0 .
R\ g+kr5?+ﬁ;,r_ +Lﬂ;ez} R TTHL o ’{‘T }
C. < 6 D. = = .
Loi giai
bép an#A.
cos3x.cos| x- i‘.cns r+£‘ =
Ham sb da cho xéac dinh khi ' 3 ' 3
T okm [ m knm
X F—

cosdy =0= r#=—+
B 3

' T i S S
= | cOs .r—§‘¢ﬂﬁ.r—§a&;+ﬁ':tﬁ .r;tF+ﬁ':[._ﬁcEZ

a

It
Il Il 3
#0e —+x #F—+kn x F—+km
3 2 | 0

s

)
cos| —+x
L3 )

- ;
j.(ﬂ:551nux+3+ cos“x +5

A , . ) \ J< Fay \
Tép xac dinh cua ham so 12s1nx Cos.x la:

D =R\
B.

(kx|
THEZJ»

i

D =R\ k27

keZz|

o7
D =R "-{- —+kT
2

-
D=R\|kz|kez| » KE‘Z[

Loi gidi
Pap an B.
e )_551n r+3 cos x+3

Ham sO 12sin x COS X X4c dinh

. bl
sinx =0 xFE—+ kT km

- 2 heEfFfoxrxr—ke?
cosxy =0 2
\ | x #=Em

5- 3cos2xy

| |
l+smn| 2x- ‘
-

Tap xac dinh cia ham so la:

[ ]

A. D =R '-|.Iﬁ.'.-'_|.r|.lﬁ.'EZ| B.D:R
D:R"'.{EMEZ]
277

—m : |
C. | £ D—R'-|ﬁlT|ﬁEZ|.

D.
Loi giai
Dap an#A.

Taco - | =cos2y =] nén 5-3cos2xy }Cl'._ "G'JT'ER

1 +sin =0

7
2x- —
2

Mat khac



Cau 84.

Cau 85.

Cau 86.

| T
= [+sln _
5

2x- ‘ £0
Ham s6 da cho xac dinh \ “

= sin

' T |
#£-]e 2x- ?;t- ?4‘1{[2:{ = x Fkmke Z.

|
2x- —
5

_p -t 1
Tap xdc dinh 2 =R FLKEZ]

) l+cosx
y=cot| x+ |+ |——
Tap xé4c dinh ctia ham so \ 0 I- cosx 5.

N (7T
D:R“.{—_.hfcl’r rezl D:R'-.{ chTk2T ke Z|
A. Lo J B. L O J
| o7
Wl 1 D:R".{—__+k,T|kEZ]
c. D=R\|k27|kez] D. p |
Loi gidi
Pap an B.
l +cos:
- cosx =0 = —r::D
Vi -1 =cosx =l g I+cosx =0 3 I - cosx
r I - :[ e 1
51N _r+—_‘ =0 .r+1_;tﬁf,7[
= | o = ] =y
. . - x =k2n
Ham s0 xac dinh 1- cosx #0 -
N
R ——_+ﬁ::t._ﬁ:2:|:|kez}

Tap xéc dinh cia ham so 1a

. I
y=y2+sinyr- ——

Tap xac dinh ctia ham sb tan” x -1 13
p=r\ T e irT skrkez p=r\ [ ezl
A. 4 2 J B. | 2 J.
N N
D=R\{_+krx ﬁcEz] D =R "-{i—+ﬁffr REZ]
C. 4 I D. 4 J
Loi gidi
Dap an#A.
Vi -]_ Esin_r i]_ neen 3+Sill‘{' ED’. I?ITE R.
(2 +sinx =0 ’ T
. ‘tanx =+l x #3 -tk
= fan"x-1=#0 < = KEZ
cosxy =0 T
. cosx =0 ' x #F_+km
Ham so6 xac dinh ' <
D :R"-.{ i£+ﬁf:[._£+ﬂ':[._ﬂ' EZ]
Vay L4 2 J
I+tanl T 4o
) L3 )
Ham sb cot” x+1 6 tap xac dinh la:
% l'l-r I'T % I'T I'T
D=R'\{_+k—_ kur ﬁ:Ez] D =R\ +ﬂ';T._|{—|ﬁ:EZ]
A 6 2 J B 12 2 J




. o f r-l.r r-l.r
D:R'-.{ '}+ka;ka kEZlf D =R\ j+ﬁ:?;kfr kEZ'I
C. 12 . D. 22
Loi giai
Pap an D.
[cot? x+1#0
- .
cns‘ —+2x| =0
| 3 )
. sinx =0
Ham s6 xac dinh khi *
£+2.‘r i£+k:[ X :.ti-l-ki
= 43 2 = 12 2. keZ
| x #knt | x #FAT
la o= ]
D =R" 5 +ff;._ﬁf:[._ﬁfEZ}>
Vay tap xéac dinh cua ham so la 12 < .
5 ;oo — s 11
Cau87. Tim ™ déhamsd ¥ =V~ 2SI w40 dinh trén R .
Loi giai
Chon A
L ~ m-2sinx 20, Vx€R = m =2sinx, ¥x€R < m =max(2sinx) =2
bicu kién xac dinh: el
y -
CaAu88. Tim ™ déhamsd  SINX- M xac dinh trén R
me (- DUl +x) m e (- ;- |] U[I.f+7-')
A. . B. .
C m #1 D mE[-l;l]
Loi giai
Chgn A
Dléu klén XéC dll’lh' Si” X=m i':" — SiI] xFm
'E[ | I] m=-1
m -1, —
. sinre[-l;l] . ' m > |
n

Ma én

v =3m+sinx- B cosx

Cau 89. Tim ™ dé ham s xac dinh trén R .

\E+1 \;"3_;-1

m=— m = m =
A 3 B 3 C 3 p. "€R
Loi giai
Chgn A
biéu kién X4cC dinh:

3m +sinx- -.,-"?Tl:crs,r =0, Y%weR = 3m ::J?:ccrsr— sinx, Wwwe€R = 3m 3_‘I‘I"13.;K (wﬁcnsr— sin .‘r)

. o
-2 =3 cosx- sinx =2sin ‘ 37
Ma ' :

=2




-
Im=2eoem==

Nén
Lo 2 sin2x

Cau90. Hamsbé  Vmeosx+1l ¢4 a0 ac dinh R khi

A, m>0 B. 0<m<l c.m#-1 p. -l<m<l

Loi gidi
\ o I . meosx+1>0, vr (*)

Ham s6 c6 tap xac dinh R khi : » V- .
Khi 7 =0 thi ) uon dng nén nhan gia trj 7 =0.
Khi >0 th mcns.r+IE[— m+|.jm+|] nén (*) dang khi ~m+1>0= 0<m<l,

HIEDS.‘L‘+|E[H: +1:=m+1

Khi M <0 thj
Vay gid tri ™ thoa ~1<m<1,

~ \ 21 Ly = ' ;- c+ 2 - . s L. .
Cau91. Tim ” dé hamsd ! V3sindx- 6cosdx+2m Ixac dinh v&i moi X .

}Jﬁ-l

]nén ) ding khi m+l=0= -lem=<0

A mz=l B. 2
J61+1 J6l+1
m < m =
C. 2 D. 2

Loi giai

. z — 1 - - c 4+ 2 - , . L. . . \ , .
Ham s6 VfSsin4x - 6cosdx +2m- | xac dinh voi moi X khi va chi khi

S5sindx- 6cosdx+2m-1=0,VxER Ssindx- 6cosdx+2m-1=0,YreR

_Jol =5sindx- 6cosdr =1 = min(Ssindx- 6cosdx+2m- 1)=2m- 1- /61

b

Ta co:

0l +1
2

. = m=
Yéu cau bai toan

¥ :JS— msinx- (m+1)cos x

Ciau 92. C6 bao nhiéu gia trj nguyén ctia tham s6 7 dé ham sd xac dinh
trén R 2
A. 0. B. 8. c.’. D. 5.

Loi gigi
Ham s6 xéc dinh trén R
= 5-msinx- (m+1cosx =0¥reR = msinx+(m+1cosx =5%x€R

= lex (msin x +Gm +1)cosx) <5
xR

e m +(m+l) =25 m+m-12<0<= mE[—4.j3]

Vay co 8 gia tri nguyén cua ” thoa man.

. 4 4 \
" \ < h(x) =+fsin® x +cos” x- 2msin x.cos x
Cau 93. Cho ham so J

xac dinh v&di moi so thuc X (trén toan truc so) la

1 1
=m =

.Tat ca cac gia tr1 ciia tham s6 7* d€ ham so

0<m Sl - —=m =0 m <—

|
2. B. 2, c. 2 . D. 2,
Loi giai

A 2

Chon#A.



X6t ha £ g(x):(sin]rf +(CDSJ .1')] - msin2x
¢t ham SO

.
=(sin? x +cos” x) - 2sin® xcos® x- msin 2x

1 . .
=1- ;sm] 2x- msin2x

pat f =sin2x 7 te[- 1]

Ham s6 hx) xéc dinh voimoi YER T & (x

& £ +2mt- 2 =0, Vee[- 11

» |
)20,vreR < * 5f - mt+120,¥€[- L]

()=t +2me-2 . |-L1
at ()=t mt tren[ ]

b
Ay ¥ ¥
1
\ fO-- b =W
-1 i t v \fo s t S VAN
TP ! |
ey S\
P2 Loy

Db thi ham sb c6 thé 1a mot trong ba do thi trén.

max F)=r max f)=rC1

Ta thay hoac
F()=0
()=t +2mt - 2 -1 : =1 .
Vet F)=t" +2mt- 2 <0, WE[ I._I]ﬁ ?_1%.1_{ () =0 F1)=0
=1+ 2m =0 1 |
= = - —=m=E—
=1-2m =0 2 2
3x
-:ll = ' el N
CAu94. Tim ™ déham sb V2sin® x- msinx +1 xac dinh trén R

A HIE[—E 2.{2-.45]. B. mE(—E E;Ewﬁ)'
C. *'”E(‘ - 3\5)[—" (3\54 +7—'). D. mE-I - 22 E\ﬁl .

Loi giai

Chon B

N A oa A c oy e 28It x- msinx+1> ;
Ham s6 xac dinh trén IR khi va chi khi 2sin” x - msin x +1>0, v"ElF{.

Pit { =sinx = ‘EE[' 1:1]

e A iAo 2 f =2t* - +1 =1 - I
Luc nay ta di tim di€u ki¢n cua 7 dé S=20 - mi+] D'VEE[ I'I]

Tace 2 =m -8

TH1: <02 m-8<0 0 2D <m<2V2 knids /D% (thoa man)



m=- 3'-.-@

—
(A, =0 m?=8=0 [m =22 (i1 i ca hai trromg hop déu khong thoa man).
me<-22

TH 2:
—
2.2 () =24 -
m>22 i a6 tam thae [ O T2 ML G nohiem

A >0=m -8>0

TH 3:
. . 5] < a1
phan biét hity (1 I;).
= w =le ym -8 =m-4(VN)

t, =l
4

+ym’ - 8 ;
= %E— = Jm* - 8 <-m- 4(¥W)

pa >0 vee[-11]
mE(— E\E.j Ewﬁ) . X )
thoa man yéu cau bai toan.

a
Cau 95. Ham sd nao sau day c6 chu ki khac 27 9
. X X
¥ =5lNl—C05 —
7 2 C

A, VTS X B. 2
Loi giai

Jlx

s v =Ccos | =41

) — = _.+2 o ‘ ‘
¥ =sin (x )_ D. 2

y =cos’ x :l(c053.1-+3|:05.r)
4 c6 chu ki la 27

Xeét: Ham so
A X .
¥ =5IN—CO8 —=—S8Inx
2 2 c6 chu ki 1a 27

Xét: Ham s
1
- —cos(2x+4)
2 cochukila 7- = Chon

bd | = | =

y=sin®(x+2) =

Xét: Ham so
dx ) 1 1
¥ :|:|:|5'| ;+I :;+;|:05(.r+ 2)
e c6 chu ki la 27

Xet: Ham so
Hai ham s06 nao sau day c6 chu ki khac nhau?

Cau 96.
V =(:0ti .
A, Y =cosx s ° 2 B, V =sinx s y =tanlx
X X
C. y=sny va ! _COS_- p. v =tan2x s y =cot2x
Loi giai
y :mti
Xét: Hai ham s6 ¥ =¢0S¥ va 2 ¢6 cung chu ki la 27.
4
Xét: Hai ham s6 Y =510 ¢6 chu ki 1a 27, ham sé ' =@12% ¢4 chukila 2 = Chen
. X X
y=sin— y =cos—
Xét: Hai ham so va c6 cing chu ki 1a 47.
T
Xét: Hai ham s§ ¥ =1an2x y; v =cotlx 4 cung chu ki 1a 2 '
£ (x) =sin =+ 2cos 2=
Cau 97. Tim chu ki cia ham s6 2 2,
T
2, C. 47 D. 27

A. 57,
Loi giai



27 27 4s
T = =4x T,="r =27

CcOS —
vaChukycoa 2 1a

sin il
Chukycia 2 la

1
2

T . T

Chu ki ctia ham ban dau 1a bgi chung nho nhat cua hai chu ki “'va "2 vura tim dugc & trén.

Chu ki ctia ham ban dau 7' =47

. X
.y =cos2x+sin—.
Cau98. Timchuki 7 cua ham sb 2

T T
A T =41 B.T =7, c.T=r p. 2
Loi giai
2T
\ LV =C0S2x . X \ L. . - b =
Ham so - —-"°“" tuan hoan vdéi chu ki <
2T
T, =— =471.
X - |
o y=sin— 5
Ham so 2 tuan hoan v&i chu ki <
X
¥y =cos2x+sin—
Suy ra ham s 2 tuan hoan vé6i chu ki 7 =47.
Nhén xét. 7 13 bdi chung nho nhét ciia 1t va 12|
A \ \ , \ L= - 5r
Cau99. Timchuki 7 cua ham sé ¥ =¢083x +cosdx.
AT =7 B. I =37 c. T =27 p. I =57
Loi giai
2T
oy — 3 \ Tl =
Ham s6 Y ~°952% t4an hoan véi chu ki 3
2
—eosse T,=—".
Ham s6 ¥ ~°95°% tyan hoan véi chu ki 5
L — - S+ 3 ) T —
Suy ra ham s6 ¢ =C083x+C0S3X (30 hoan voi chu ki T =27
| x '
v =3cos(2x+1)- EEII]‘ 5 3‘.
Cau 100. Tim chu ki 7 cia ham so |~
AT =21 B. I =41 c. T =6x p. T =x.
Loi giai
2T
T=""=xnx
LV = 2.'+ A N , . 0
Ham s6 * 3cos(2x+1) tuan hoan véi chu ki 2
2T
() T, =T =4.
¥ :—Esin‘ —- 3|.
2

Ham so L < ' tuan hoan véi chu ki

o x L
y=3cos(2x+1)- Esm‘ —- 3‘
Suy ra ham s6 \ < tuan hoan véi chu ki 7 =47-

' HT
¥ :51n‘ 2a+
\ 3]

_ 7
+2c05‘ Jr- — ‘
Cau 101. Tim chu ki 7 ctia ham s \ 4

AT =27 B.T =n c. T =37 p. I =41
Loi giai
¥ :sin‘ Er+£‘ T, _27 =
3 2

Ham so ' tuan hoan v6i chu ki <



Cau 102.

Cau 103.

Cau 104.

Cau 105.

' r
¥ zﬁcus‘ 3x- —‘ T, =
\ ' tuan hoan véi chu ki 3

Ham so

. !’T
¥ :51n‘ L
| 3

[ a
+2 cns‘ 3x- —

Suy ra ham so

“ ‘ 5 N A V= C 4+ -
Tim chuki 7 cita ham sé ¥ =tan3x +cotx

A T =4r, B. I =7, c.T =37,
Loi giai
T

Ham s& =cot (ax+5b) _;‘

tun hoan véi chu ki
b4
7 7 . _t 3 N Tl =
Ap dung: Ham s6 Y ~'412% tyan hoan véi chu ki 3

) =cot x I, =m.

Ham sb Y tudn hoan véi chu ki

\ A = o+ [ A \ r.e 1 =
Suy ra ham s6 * tan 3x +CoLx 430 hoan véi chu ki T =7-

Nhan xét. 7 12 boi chung nhé nhat cia 1t va L2
X .
¥ =cot —+sin2x.
Tim chu ki 7" cta ham so6 3

AT =47, B. T =7, c.T =3,
Loi giai

X
y =cot—
\ £ A \ iy . T =3m1.
Ham so 3 tuan hoan véi chu ki !

. £ 1 =s] A . . Y A— 4
Ham s6 ¥ =S 2x tuan hoan véi chu ki 2
x .
o y=cot—+smnl2x _
Suy ra ham so 3 tudn hoan véi chu ki 7 =37

¥ zsin;- I;an‘ 3_1'+£
Tim chuki 7' ctia ham so = \ 4
A T =41 B.T =7 c. T =37

Loi giai

. X

y =sin— T =4
N A A \ /. \ =4Jr.
Ham so 2 tuln hoan v&i chu ki !
' I
y=- tan| 2x+—

Ham so ' 4 tudn hoan véi chu ki 2

. X ( a
1 =s1n —- tan ‘ 2r+— ‘
) 3 1

Suy ra ham so = \ " tuan hoan véi chu ki T =47-

\ \ , \ £ v =250 v+ 3y,
Tim chu ki 7 cta ham sb - SIn” x+3cos” 3x

AT =7 B. [ =27 c. T =3,
Loi giai

1- cos2x l+cosoxr 1
yE2——— 43— :;(BEDSGI- 2c0s2x +5).
Ta co 4 < L
T 2T
4 )= A \ , . \ L T
Ham s * 3cos6x tuan hoan véi chu ki 0 3
=-2 =I.

. £y co0s2x L A \ - o=
Ham s6 COS <X tyan hoan vé6i chu ki *2

" tun hoan véi chu ki T =27.

7 ==
D. 3
="
D. 3
D. T =2m1
T="
D. 3



Cau 106.

Cau 107.

Cau 108.

Cau 109.

Cau 110.

Suy ra ham sb d cho tudn hoan véi chu ki T =7-.

;o — . 2
Tim chu ki 7 cua ham sé » =tan3x- cos 2x.

T

T == T ==

AT =7, B. 3. C. 2
Loi giai

p. I =2

l+cosdx 1
v =tan 3x - % :;(2 tan 3x - cos4x- 1).

Ta co <

T
\ A v=2tan3x .. \ ‘e \ Tl _g'
Ham so - tuan hoan véi chu ki

-

T

h —_—— =

tudn hoan véichuki =~ 4

b | S

Ham s6 ¥ =~ cos4x

Suy ra ham s6 d cho tuan hoan véi chu ki T =x.
Trong cac ham s6 sau, ham s6 nao 1a ham s6 chan?
ALY =sin|2016x|+cos2017x . ¥ =2016cos x+2017sinx
c. v =cot 2015x- 2016sinx p. Y =tan2016x +cot2017x
Loi giai
. v =F{x)=sin|2 X 2 : . _
<&t ham & ¥ =/ () =sin |2016x|+ cos 2017 x Tap xéc dinh, D =R
Véimoi ¥X€D taco ~¥ED,
f (- x) =sin|- 2016x]+ cos (- 2017x) =sin [2016x| + cos 2017x = £ (x)

Ta co
vay / () 13 ham s6 chin,
Do thi ham s6 nao sau day khong c6 truc ddi xing?
N 1 khi x =0
y=f)= . ) .
A (cosx khi x>0 B V=1 (x) =tan 3x

v =f(x)=cos3x y=f(x)=x"+5x-2

C. D. _
Loi giai
Cac ham Sé y=t (‘l.) —tan" 3x o y=1 l:w,) =Cc0os 3y théa man diéu kién f (_ _T) = { (_T)_. YreR

M
nén nod la cac ham so chan trén céc tap so thuc. Do do6, do thi nhan truc tung lam truc doi xung.

5
c v =f(x)=x"+5x-2 .. r=-=
Ham s6 =/ (r) =" +5x- 2 c6 truc doi xang la 2,
) 1 khi x =0
y=1 (x)= - khi x>0
Vay do6 thi ham s6 (cosx KL x = khong c6 truc doi xung.

Ham sd nao sau day 1a ham sé chin?

A, V=-2cosx B. Y =-2sinx c.’ =2sin(-x) p, ¥ =sinx- cosx
Loi giai

Chon#A.

Vi céc kién thuce vé tinh chan 1€ cua hso lugng giac co ban ta ¢6 thé chon luon#A.

Xét A: Do tap xac dinh D =R nén WER= -x€R,

o F-x)=-2cos(-x)=-2cosx =f(x) C p=-2

Ta . Vay ham s - =CO5% 13 ham s6 chan.
Trong cac ham s6 sau, ham s6 nao 1a ham s6 chan?
tan x
. V=
A. J,’ =Ssin 2.‘( . B. v =XCO0S .\','. C. ¥ =Cos .ot x ) D. SN X

Loi giai

= () =i
® Xét ham sé y=1 (x) =sin2x.



TXP: D=R Dogs ™xeD=-xD.
F(-x)=sin(-2x)=-sin2x = f () — — f(x)

Ta co 1a ham so 1é.

® Xét ham s6 = f(x) =xcosx

TXP: D=R Do do "*€D= -xD.
a co _f(' x) =(- x).cos(- x)=- xcosx Z-_f'(.‘r) - — f(w()

T 1a ham sb 1é.

® Xétham sé = f (x) =cos xcot x.
v [

TXD: D =R\ k1 (keZ). Do ds "xED= -xeD.

Ta cé (- x)=cos(- x).cot (- x)=- cosxcotx =- f(x) — — f(x)
y=f(x)= tEIm *

@ Xét ham so sin x

D =R A—é kel
_— J Do ds "xeD= -xeD.

1a ham so 1é.

TXD:

£(x) _fan (-x) -tanx tanx = (x) )

Ta cé sin(-x) -sinx sinx — f(x) 12 ham sé chin = Chon.
- sin 2x
Céu 111. Xét tinh chin I¢ cia ham s§ © 20055~ 3 i ¥ =/ () 3
A. Ham s6 chin. B. Ham s0 1é.
C. Khong chan khong 1¢. D. Vira chan vira 18.
Loi giai
Chon B.

Tap xac dinh D =R
Taco ED= -x€D

)= sin(-2x) - sin2x )

7 )N 3 2 - ) )
2cos(-x)-3 2cosx-3 . Viy ham s6 da cho 1a ham sb I¢,

Cau 112. Trong cac ham s6 sau, ham s6 nao c6 do thi doi xting qua tryc tung?

- ' T
¥ =sin’ .1'.!205‘ - —
2]

' —gIN T o
A, Y =sinxcos2x B.
o fanx
C. tan‘x+l p. ¥ =cosxsin’x

Loi giai
Nhén xét: Ham so6 chan c6 d6 thi doi ximg qua tryuc tung
tan x

. P=— . s

Ie \ A ' = [ 2 [ - 2 . \ ' = C "X \ Ie \ A roar 5 A A .

Xét ham s » TS EOS 2 , tan”x +1yy J ZCOSISIT X 43 c4¢ ham s ¢6 tinh 1é. Nén dd thi
khong doi xing qua truc tung

!’T

v=f(x) zsin"‘.r.cns,‘ x- _‘ =sin’ x.sinx =sin” x
Xét ham s6 \ 2
Tap xac dinh D =R Do dp W€D = -x€D.
Ta ¢6 Fx)=Gin(-x)) =sin‘x=fG) — — f(x) I3 ham sé chin= Chon.
Cau 113. Trong cac ham s sau, ham sé ndo c6 dd thi ddi xung qua gbc toa do?
§ _sinx+1

A. y =cot4x ) B. . COSX C. y :tanz.r ) D. Yy :‘COt I‘

Loi gidi
Nhan xét: Ham s6 1¢ c6 do thi doi1 xirng qua goc toa do



Xét: Ham sb V' =cot4x.

=R\ { KT ke z}
Tép xéc dinh 1a tap dbi xtmg. Do @6 *€D = -xeD.
F(-x)=cot(-47)=- cotdr =- f(x) — — f(x)

Ta cb 1a ham s6 16 Chon
_sinx+1
Xét: Ham sb cosx
D=R\Z +km ke Z}
Téap x4c dinh L < 1 tap dbi xing. Do do "*E€D = -x&D.
i sin(-x)+1 _ - sinx+1
flx) == T ), )
Ta co costa cosx Ham s6 khong c6 tinh chén, 1é

,
y \ A Y = -
Xét: Ham s6 ' =tan" x.

~ D=R! §+k,T._ﬁcEZ|[ ) | |
Tap xac dinh - 1a tap dbi xtmg. Do d6 €D = -x€D.
Ta co fEx)=tan’ () =tan’x =f () = — [(x) 12 ham s6 chan
Xét: Ham s6 © =[eot .
Tépxécdinh =R\ ATAEZlatapdmxung Dods "reD= -xeD.

Tacs | C et Cx)=feotx| =/ () = = ()

Cau 114. Trong cic ham so0 sau, ham s6 nao la ham s6 1&?
y =[cotx|.sin” x

Ia ham so chan.

AV =1- sin’ X B.
C ¥ =+ tan2x- cotx D ¥ =1 +|l:Dt x+tan x

Loi giai
Xét: Ham s6 ¥ =1- sin’ x =cos” x
Tap xac dinh D =R Do d6 YxeD=-xeD,
f(-x)=cos’ (-x) =cos" x = f(x) — — f(x)

£ ¥ =[cotx sin” x.
Xét: ham so - | |

Taco - la ham soO chan

Tap xée dinh 2 =RUATAEC] b 4¢ vreD= -xeD.
. f(-x) =||:|:rt (- .r)|.5i|f (- x) =fotx|.sin* x = f (x) — — f(x)

Taco 1a ham s6 chin
Xét: ham s6 ¥ = * tan 2x - cotx

~R\ P ‘*TT kT k ez} ’
Tap xac diﬂh 4 2 1a tap doi xang. Do do VxeD= -xeD.

f( x) =C x¥ tan(- 2x)- cot(- x) =- ¥ tan2x +cotx = £ (x) — — f(x)

Ta c la ham sb 1é
= Ch(_)n
X6t ham s6 ¥ =1+ [cot x + tan x].
D =R\ {‘*_T rez)
Tap xéac dinh 2 [ Dodo TxeD=-xeD.
Ta e f( 1)_|+|CDI( v )+ tan (- 1)|—|+| cot x - tﬂ|n|—l+||:|:rh+tam|—f( x) — — f(x’)

ham s chin ham sb



Cau 115.

Cau 116.

Cau 117.

Cau 118.

. ' Tl .| T
v =f(x)=cos| 2x+_|+sin| 2x- —‘ ()
Xét tinh chén 1é ciia ham s \ 4 \ 4 ta duoc’ =fx la:
A. Ham sb chén. B. Ham s 1¢.
C. Khong chin khong 1¢. D. Vira chén vira 18.
Loi gii
Chon D

i o | 1 . |
¥ :cns‘ Ix+_ +51n‘ 2x- _‘ = (cos2x-sin2x)+_——(sin2x- cos2x) =0
Ta cod \ g \ 4l 2 2 .
Ta c6 tap xac dinh D =R

Ham so ¥ =0 vura thoa man tinh chat ciia ham so chan, vira théa man tinh chat ciia ham so 1€, nén
day 1a ham s6 vira chan vira 1¢€.

- 1 . 5
Cf(x)=——+3sin* x N i ‘
Cho hai ham s6 x=-3 va () =sin- . Két ludn nao sau day ding vé tinh
chan 1¢ cua hai ham s0 nay?

f():g(x)

A. Hai ham so

f(x)

1a hai ham so 1é.

7(x)

B. Ham s6 12 ham s6 chin; ham s6 12 ham s 1é.
C. Ham s S 1a ham s 1&; ham s6 g(x) 12 ham s6 khong chin khong 1é.

D. Ca hai ham s6 < 7€) 43 1a ham s6 khong chin khong Ié.
Loi giai
Chon D.

flx)=

a, Xét ham s x-3 c6 tap xac dinh 1a

+3sin” x =R\[3]

Taco X =-3€D nhung ~ ¥ =3€D ngn D khong co tinh d6i xtmg. Do d6 ta c6 két luan ham sb

S khong chin khong 1é.

X g(.r)zsilw'l— x D, :[];+;,¢.)

b, Xét ham so cotap xdc dinh la - . D@ thay D, khong phai 13 tap ddi

xtng nén ta két luan ham s6 g(x) khong chan khong 1é.

Vay chon D.
Xét tinh chin 1é cua ham sd £ () =sin rrcos m-, v6i "E€Z Ham sd y=f) la:
A. Ham s6 chén. B. Ham s 1é.
C. Khong chén khong 1. D. Vira chin vira 1é.
Loi gidi
Chogn C

Ham s6 co tap xac dinh D =R

. F - x)=sin™™ (- x)+cos(- nx) =- sin™™ x4+ cosnx =/ (x)
Ta co .

Vay ham s da cho khong chén khong 1¢é.
. sin™™" x +2004
fl)=

Cho ham so COS x ,voi M€ Z_Xét cac bidu thuc sau:

1, Ham sd d3 cho xé4c dinh trén P =R

2, D thi ham s6 da cho ¢o truc dbi xung.

3, Ham s6 d3 cho 13 ham s chan.

4, Pd thi ham s6 da cho ¢ tam ddi xung.

5, Ham s6 d3 cho 1a ham sb 1é.

6, Ham s dé cho 14 ham s6 khong chin khong 1é.

S6 phat biéu ding trong sau phét biéu trén 1a

Al B. 2. C. 3. D. 4.




Loi giai
Chon B.

T
) cosX#0= x #F—+im, kel )
Ham sb da xac dinh khi 2 Vay phat biéu | sai.

O day ta can chu ¥ : cac phat biéu 2; 3; 4; 5; 6 dé xé4c dinh tinh dlng sai ta chi can di xét tinh chin
1é cuia ham sb da cho.
- |
D=;\ ;+k.‘t|kE¢ -
Ta c6 tap xac dinh cia ham sb trén 1a L J 1a tap dbi ximg.
) sin®®" (- x)+2004  sin®™" x 42004
fx)= = - =f(x).

cos(- x) cosx

Vay ham sé di cho 1a ham s chin. Suy ra d6 thi ham s d6i xing qua truc Oy. Vay chi c6 phat
biéu 2 va 3 1a phat biéu ding. Tir ddy tachon  B.

¢ [ () =|xfsinx.

Cau 119. Cho ham so Phat biéu nao sau day la dung vé ham s dé cho?

; .. D=j\l0.
A. Ham s6 da cho c6 tap xac dinh ! \'- )
B. D0 thi ham s0 dé cho c6 tam do1 xtng.
C. D6 thi ham s6 da cho c6 truc xtng.

‘ e - 1.
D. Ham s0 c6 tap gia tri la [ ]

Loi gidi

Chon B.
Ham s6 da cho xac dinh trén tap D =i nén ta loaittA.

Tiép theo dé xét tinh dbi xtmg ctia d6 thi ham s ta xét tinh chin 1é ciia ham sb da cho.

T (-x) :|_ .r|51n (-x) = |.r|51n x=-1 (). Vay do thi ham s dbi xung qua géc toa do O. Vay ta

chon dap an B.

Cau 120. Nhan xét nao sau day la sai?
sin x - tan x
y=————

A. D6 thi ham sb jcolx  phan truc OY lam truc d6i xtng.
b= X
B. D6 thi ham sé sin x +tan x nhén goc toa do 1am tam dbi xung.
sin™"™" x +2009
. oy = ! (ne z) ) )
C. D6 thi ham so Cos x nhan truc Y lam truc doi xing.
D. Pd thi ham s6 y =sin™ x +cosnx,(ne ) nhat goc toa do lam tdm ddi xung.
Loi giai
_sinx-tanx
Xét: 3cotx tap xac dinh cia ham s6 d3 cho 1a tap ddi xtmg. Ta co
o2 sin(-x)- tan(-x) -sinx+tanx sinx- tanx f()
-x)= = = =flx
' 3cot (- x) - 3cotx 3cotx '

. Vay ham s6 da cho 1a ham s
chan c6 do thi nhan truc oy lam truc doi xung.



Cau 121.

5in x - tan x
e —

Suy ra: Do thi ham sb ) 3eotx  phan truc Oy lam truc ddi xung, ding = loai
L= x
Xét:  sinx+tanx , tap xac dinh cua ham sb da cho la tap ddi xung.
: (-x) x :
F-x)= ! = f(x)

, sin(- x)+tan(-x) - sinx- tanx PN o x|,
Ta co . Vay ham s6 da cho 1a ham s6 1€ c6
do6 thi nhan gbc toa d lam tam doi xung.
.‘l.':
1 r "ll = ' r
Suy ra : D6 thi ham so $Inx +1anx phan goc toa do 1am tim doi xing, dang = loai

sin”"™" x +2009
y= (ne z) . )
Xeét : Co5.x o tap xac dinh cua ham so da cho 1a tap doi1 ximg
_ sin®™ (- x)+2009  sin® 42009
f-x)= = =1 ()
cos(-x) Cos x

Ta co Vay ham sé da cho 1a ham sé chin
c6 do thi nhan tryc Oy 1am truc doi xung.

_sin™"™ x 42009

. , ¥ = Ang 7) 0 )
Suy ra : D6 thi ham so Cos.x nhan truc %Y lam truc ddi xung, dang =
loai
et - Y =sin™™" x + cosnx,(ne Z)cé t4p x4c dinh 1a R
. - x)=sin®™ (- x )+ cos (n(- x)) =- sin®™ x + cosnx

Taco:

N=-x)=flx N=-x)#- flx
Nhén xét : fl-x)=f (ﬂvz‘a fFlx)=-(x)

sin™™™" x + 2009
oy = ! (ne z) N
Vay ham s6 Cos x khong c6 tinh chan, 1é
Suy ra : do thi ham s y =sin™ x +cosnx,(nez) nhat goc toa d6 lam tam ddi xung. Sai =
chon.
Do thi ctia ham s6 nao dudi day cé truc doi xing.
cos™ ™ x +2003
_-1 : ' g — - -
Al 2012sinx B, v =lanx+cotx
b COS x - 1
C. o +4x 427415 D.  2sinx-1
Loi giai
Bai toan tr¢ thanh tim ham s6 chan trong bon ham s6 da cho phan phuong an.
20080 20080 ¥ MN8n
) _':DS_ B g 2003 f'(_ .T) :CDS ( .".)+ ._.[:ID?’ :CDE I+ 2':”:'3 —. f-(‘ll-)
Y= ; - 2012=in(- v =M sin v -
Xét: 2012sinx  ta o6 2012sin(- x) 2012sinx Viy
ham s6 da cho 1a ham s6 1&, = loai
Xét: ¥ =tan x +cot x taco f (- x)=tan (- x)+cot (- x)=- tanx - cotx =~ f (.r)' Vay ham 6 di
cho 1a ham so 1& = loai
cos(-x

. COS X fl-x)= (. *) -

yE ' -3 )+4(-x) +2(-x) +15
Xot: ax' +4-"-_+2-T-+|5Ta b ':j( X )+4( .".)_'1“._.( .".)—‘f‘l._,

COS x .
= — < - :_; (1)
Or +4x +2x +15 = chon
1

V=5 p \ P
Xét:  2sinx-1c6 tap xac dinh khong déi xting nén khong théa méan db thi déi xtmg = loai.



¢ n_ Coslx lsin 2x|- cos3x
, f (.‘L)—.—: g(.‘l.'): — .
Cau 122. Cho ham s [+sin” 3x v 2+tan”x  Meénh dé nao sau day 1a ding?
A. ACY 1€ va g(x) chan. B. ACY va g(x) chan.

c./ ) chin, & (x) ../ () va & (x) 1é.
Loi giai

. cos2x

! (x) :ﬁ

- Xét ham s6 s o .
D=R YxeD=-xeD

TXD . Do do

flx)= cos(-2x) COS2X () - — £ ()

l+sin’ (- 3x) 1+sin’3x

Ta co: 1a ham sb chén.
() |5,in 2.1-| - cos3x
T)= .
-Xétg 2 +tan” x
n=R" g+ﬂ}T._ﬁfE Z} v
TXD: Dodo WEPT-xED
(1) |5in (- 2.1')|- cos(-3x) |sin 2.1-|— cos3x () (+)
-x)= . = . =olx)— — olx
g 2 +tan’ (- x) 2+tan’ x g g o
Ta cé [a ham so chan.

v =f(x) =3msindx + cos2x

Cau 123. Xac dinh tat ca cac gia tri ciia tham s6 ™M @& ham sb - 12 ham chan.

A, Mm>0. B. m<-1. c. m=0. D. M=2.
Loi gidgi

Chon C.

Cach 1:

TXD: D:I . Suyra YxeD= -xeD.

£ x)=3msand(- x)+cos2(- x) =- 3msindx +cos2x.

Ta co

Dé ham sd di cho 12 ham chén thi

Fl-x)=Ff(x).YreD = -3msndx +cos2x =3msinds +cos2x, YxED
= 4msindx =0, Yxe D= m =0.

. bl
¥ :451n‘ T+ —
| ]

' Tl .
cus‘ x-_ ‘ -sin2x
Cau 124. Cho ham so \
cua ham so0 da cho?

. K&t luan nao sau day la dung vé su bién thién

T 3z
0;— T
A. Ham s0 da cho dong bién trén cac khoang 4 va
B. Ham s6 d3 cho dong bién trén (O;E).
0;3£
4

C. Ham s6 di cho nghich bién trén khoang '



Cau 125.

Cau 126.

g J
0;— — T
4 va nghich bién trén khoang

Loi giai

D. Ham s6 di cho dong bién trén khoang

o

¥ :451n| X+ _‘ cns‘ x- — | -sm2x 2
SR N N _ |

. LT .
sin2x + 8N — ‘ - 5N 2y =sin2x + ﬁ
Ta co 3)

Ca o 1s £ v =sinlx+
thién ctia ham s6 » ~>11 =1 ‘E,

. Xét su bién

T 3z
0;— T
Xét: Ham s6 da cho dong bién trén céc khoang 4 va , dung = chon
[T | T | 31| | 3T |
.TE‘U;—‘:' 3.1'E||:];?‘;.1'E T =93.1-E‘T.12,T , J_
viip 4 V< L4 \ < ! nén ham s6¥ =SIMF*N3 43no bibn
(0;7)

Xét: Ham so da cho dong bien trén ,sai = loai

ve(0oa)= 2xe(0:27)

Vi: ham s6 khong thiao man luon dong bién
037
Xét: Ham s6 da cho nghich bién trén khoang | 4 ,sai = loai

.‘I.'E‘ D;?’i‘z 2.1-5‘ D.j?;i
Vi: L4 + = ' khong thdo man ham so6 luon nghich bién

0;E
4

Xét: Ham s6 di cho ddng bién trén khoang
b4

—.T
Va ham s6 nghich bién trén khoang' ¥ /| sai

Nén ménh d¢ trén sai = loai

, dung

T
.‘I.'E‘ “ix|= 2xe(m2T)
Vi: 4 khoéng thoa man ham sé luén nghich bién
Tim tap gia trj ciia ham s =3sinx- cosx- =,
A l72) g, [ V3 3B-1) - [-40], p, 2]

Loi giai

=2

. T . T | r
\E , , =2/ sIn x.c05—- COS X.5IN — | - 2 :251n‘ x- —|-2
Xot ¥ = sinx-cosx- 2 0 0 | 0|
. T | T
- *_:51n‘ x- _‘ =l = —4*_:251n‘ x- —‘ - 2=0
r SN -l T ;. .
Tacod . 0 L 0] = -4 =y =0 44 moi ¥€R

Vay tap gia tri ciia ham s6 1a [_ % O] .

' 218
. 2 . y=13-5 X
Gia tri 1on nhét, gia tri nho nhét cua ham sé (3-Ssin) ™y . M Khi do gia tri M +m
Ia
A Er.llj(l +3_ﬂ3{') B 22 C. 243 D, 20

Loi giai

- ] JO1E o 6054
R 0 =(3- Ssinx) =8 2
vi-2=3-3sinx =8 pensuyra _

Do do ™M =0 vy M =27
Vay M+m :EMH.



Cau 127.

Cau 128.

Cau 129.

Cau 130.

Cau 131.

¥ :351n:‘ .r+i‘ +4

Gia tri 16n nhét ciia ham s6 121 bing.

A7, B. L. C.3. D. 4.

Loi giai

sin:‘ .r+i‘ =l= BSiI]:‘ .r+i‘ =3 = BSiI]:‘ .r+i‘+4 =7

. 12 12 12

Ta co : ' : ' :

Vay gié trj 1on nhit ciia ham sb bang 7 .

Tap gia tri cia ham s6 * =sin2x ++/3cos2x +1 1a doan [a; b]' Tinh téng T =a +b.

AT =1 B. T =2. c. T =0. p. T =-1.
Loi gii

y =sin 2x ++f3cos 2x +1 =2sin

T
3.~r+_|+|
3

sin

3.~r+%:‘5[—l;l] 2sin

3.‘r+£.‘ +1 E[— I.;3]
nén 3

Do

. sin
khi
' =2c05" x-sin2x+5

|
3.‘r+—‘:|
3

3.‘r+£‘ =-1 sin
30 V=3 ki

Vay ~ I=y=3 .( Ta thay ¥ ).sss

Gia trj nho nhét cua ham s6 -

ANV2. B.-V2. C.6-2. D. 6+2.
Loi giai

:ch05| 2_1-+%‘ +0

Ta o ¥ =2c08" x- SN 2x+5 =cos2x- sin2x +6

—ﬁﬂﬁcns‘h+%‘£ﬁ -2 +6 =Y 2cos

nén

3.‘r+£‘+ﬂ =J2+6
Do \ 4 .

A s 1o A oo 4 p=2C08 x-8N2x+5 L 6-
Vay gia tri nhé nhat cua ham so6 - la 6 ‘/E

A . I3 A ‘ .y . 9 A 9 N A ] — 1 " '}- . y
Goi M,m lan lugt 1a gia tri 16n nhat va giad tri nho nhat ciia ham so YESINXFCOSZX phi do
M+m bﬁng
7 8 7 8
A. 8, B. 7. C. 8. D. 7.
Loi giai
; . I-Z
o e o maid s i :—2‘51nr——‘+_
Ta co ¥ =Sinx +cos2x =-2sm” x+sinx +1 | 4 | 8_
' | 25 25 . 1)
-1 =sinx =1 = _Eggim-_ I_giﬁ Dﬂ‘ sin x - —‘ =—e - —=-2|slnx- —‘ =0
Do 4 4 4 | 4 16 8 4

= —2*_:—2‘ sinx - H +§£§«= -2<y Eg

9
M=—m=-2= M+m=-
Vay

sinx- 2cosxy

Ham so 5N x +c0sx+3 ¢4 bao nhiéu gia tri nguyén?



Cau 132.

Cau 133.

Cau 134.

Cau 135.

Al S. B. L. C. 6. D. 2.
Loi gii
sinx- 2cosx

¥ =— e (y-Dsinx+(y+2)cosx =-3y
Ta cod SINx+cosx+3
. . . . -5
= (-1 +(+2) 2(-3y) = 77 -2y-5=0= — =y =I
Phuong trinh ¢6 nghiém 7
—Z yel o],
Vay ham sb da cho c6 2 gia tri nguyén.
Tim gié tri 16n nhit M va gia tri nho nhat 7 cia ham s§ » ~VSILE = VEOS X
A M=lm=-1 B. M =0,m =- 1.
C. M =2:m =D' D. M =lIim =[J'
Loi gidi
Chgn A
0 =4fsin x =1 0 <ifsinx <l -
= = -1 =y =+fsinx - yJcos x =l
Ta c6 |0 =yfecosx =1 |- 1 =+fcosx =0
Vi gid tri ndo cia 7 thi ham s§ » ~>!" x=cosdndm o gié tri 16n nhat bang ‘/5
1
m=—
A.m=V2, B. m =1, c. 2. D. m =0,
Loi gidi
Chon D
: | il
Vv =sn3ix-cos3x+m :stm‘ dr- — ‘ +m *_:Jf +m
Ta c6 \ 4 . D€ ham s0 c6 gia tri 16n nhat bang

2 thi P+m=2= m =0

Ao a1 2y =cos" x+sinx+] s
Gi4 tri 16n nhat cua ham g6 » ~*0% * ¥l Ibemg

11 9
A. 2, B. 4. c. L D. 4.
Loi giai
y=cos’ x+sinx+]=-sin”x+sinx+2
pgt | =S, I =t =1
C Ar Lxt . s p oL \ C 1y L, o 1x L V=-t"+t+2 , A [-1;1]
Khi d6 bai toan tr¢ thanh tim gid tri 1on nhat cia ham so - trén doan .
(1)1 9
p=-| —| +—+2=—
) 2 2 ARy Ay o 1s A an
Tung d¢ dinh cua parabol “r € 4 1a gié tri 1on nhat ctia ham s6 da cho dat dugc
1
t =—
tai 2

. o 1A s 4Kl g 4. X, oz P =C0s82x+
Goi M vy m (an luot 1a gié tri 16n nhat va gia tri nho nhat cua ham s6 P =COSSXFCOSE ©hi do

M +m bing bao nhiéu?

M +m :z M +m :§ M +m :2 M +m :2

A. 8. B. 7, C. 8 D. 7
Loi giai

Y =C0s2x+C0Sx. vp. D =R



Cau 136.

¥ =cos2x +cos x =208 +cosx- |

tel-1;1]

Ppit: t =COSx,
F)=26 +¢- 1

1 9]
I-—-=
Do thi ciia ham so f la parabol c6 dinh 4 8]
BBT:
1
-1 4 1
0 2
Iy
8
. - 9
M =max f(t)=2 m =min (1) =- =
Dua vao BBT ta c6: ) , M 8
M+m :z
Vay
Tim gia tri nho nhét, gia tri 10n nhét ctia ham sé =sin” x- SInx+2
. 7 . 7
min y =—; max y =4 min y =—;max y =2
A. 4 : B. 4
. 1
. min y =—;max y =2
c, min y =- I; max y :I_ D. 2
Loi gidi
Chon#A.
Dit SINX = u E[— I.jl]
Xét ham sb: ¥ =4 -4+ 2yen [_ 1;1}.
-b 1
— =—¢[-11 ,
Tacd: 2a 2 . Tur day c6 bang bien thién
i ] 1— 1
2
4 2

/
\

L 7
) min f ()=- maxy=de u=-1
Ta két luan: |- 5] 4y -l

max y =4 < sinx =- |

. 7 .
miny =—< sinx =
4 va

I
Hay 2



y =2c05 x- 2+f3sinx.cosx +1

Cau 137. Gia tri 16n nhit, gia tri nho nhét cia ham sd - trén doan

lan luot 1a

min y =2:max y =3 min y =0; max y =3
A ":"::5 ":I'?|:7! B ":"::5 ":I'?n?!

min y =0;max y =4 min y =0;max y =2
C ":";.:! 'I:I..Ilf D ":I';.:! 'l:l..llf

Loi giai
I > fisi I y=2cos| 2x + ‘+2
Blén d61 } =008 xX-= 2 SINx.Cosxy+ thél’lh ]
( il 7
¥ :Ecns‘ 3_1'+_‘+3 u :2x+1
ta co \ 3 . Pat 3
1T T 3m
TE D.j—1 = ue| _—; 5
Tir 4 bai ta xét 12 32
T 3T

. sz =D 2., 137

Ta lap BBT cia ham 6 ¥ =2€054*+2 yan 13 2]
" n ‘.rl: 3n
3 2
2cosu+2 | 3

| = 3x|

min f(u) =0 khiu =7 = x :%

3 3 |

Tir bang bién thién ta thay '* 2!

max f(u) =3 khi u :% = x =0

|37 2|

min y =0;max y =3
x T3

17712 1712

Hay

_msinx +1

0,711
12

}
A r [N [ . A 5 A A ey s 1z A 5 \ AT 2 5
Cau 138. C6 bao nhiéu gia tri nguyén cuia tham s6 7 d¢€ gia tri 16n nhat cua ham so COSX+2 pho hon
2,
A9, B. 3. C. 4. D. 6.
Loi giai
msinx +1 : .
y=———— = ycosx+2y =msinx+1l= msinx- ycosx =2y- | (*)
Ta cod cosx+2
) A .mi 417 2(2y-1) o 37 -4y+l-m® <0
c6 nghiém khi
2- Jl1+3m’ 2 ++f143m° 2 ++/143m° ﬁ )
= =y = =y, =————<2=4fl+3m <4 = m <5
3 3 - 3
[ |
=me;-2:- 1:0:2:1 N e \
Do MEZ 17T B2 vay ¢o O gia tri ciia ™ thoa yebt.
COSx +asinx+1
vy =
Cau 139. Co bao nhiéu gia tri cua tham s6 thuc ¢ d¢ ham so cosx +2 c6 gia tri 16n nhat Y _1.

A. O, B. L. C.2. D. 3.
Loi giai



. . ~ - ) ,o . .y . 5 A \ A 7 . 7,2 .
Do -1 =cosx =l pap cosx+2 =l yg4 moi gia tri thuc cua X, vy ham s6 xac dinh v&i moi
xER

cosx+asiny+1
y= e asinx+(1- y)cosx =2y- 1 (1)
Ta co cosx+2

Diéu kién dé M c6 nghiém 13

1- 3l +3a° L++f1+3a°

a* +(1- 1:' 3‘("1-” =3y -2y-a =0 —— " =y=<

3 ) 3

1++/1+3a”

Vay gié tri 16n nhat cta ¥ bang 3 . Theo gia thiét, ta c6
+y1+3a° a =l
ﬁ_l WI+3d@ =223 +l=4 =’ =le

3 a=-1
Vay c¢o hai gia tri thuc cua tham sO ¢ thoa man y€u cau bai toan.

1 I:DS‘I.+51|]| +—‘
Cau 140. Ham s dat gia tri 16n nhat 1a

A S+2N2 B.5- V2, c.N3- 202 p. V5 +22.
Loi gii
Chon D

| T | : :
y =2cosx +51n‘ X +1 ‘ =2cosx ++J2(sin x +cos x) :(2 +J§)c05 x++f2sinx
Ta co ' /

Ap dung bat dang thirc Bunhiacopski ta co

(2+42) +(v2)

I el I . el
¥y = ’I + 08X +;x.|'5 +2sin” x
Cau 141. Tim gia tri 16n nhat ctia ham so = =

v :[(2 +42)cosx +2sinx| =

.[l:crs: x+sin’ .r] =5+22

J5 J22 N
1+— —_— —_—
A 2. B. 2 . c. 2 . p. 1+5,
Dap an B
Loi gidi
Chon

' 5 1
I+ cos’x +—\1'5+"51n xey _JH‘—CDS x +J +—51n X
Taco 4

\/1 L cogy Ji - ésin] X
Ap dung bét ding thuc Bunyakopvsky cho 4 s6: 1; 1; 2 4 2 ta co:

1 J22
l. I+ cos'x +1. 1 —51n X JI +1° |+—|:'DS‘|.+ + 51n 1_~.-"_ —+_:

-



Cau 142.

Cau 143.

Cau 144.

J_

y=—
Hay
| .. T
l+—cos’x =—+—sIN"x = x =t—+kT kel
Dau bang xay rakhi 2 4 2 0
P = : + I S U;E
Chohamsd ~ 2-cosx 1+C0Sx yvgi . Két luan nao sau day 1a ding?
min y =2 T min y =2 T
0] 3 x=—+krkel |02 3 X =
A 2 khi 3 T B. ' ? khi 3
2
== min
Tl_? 3 x=Z+krkez |_; 30 x=Z
c. ' khi 3 D. | khi 3
Loi giai
Chon D.

1 1

Cach 1: Tathay - cosx >0, \"ﬁER 2) . Suy ra 2-cosx yy l+cosx
13 hai s6 duong. Ap dung vit dang thuc AM- GM cho hai s6 duong ta c6
1 1 2

+ =
- cosx l+cosx .J(E - cosx)(1+ cosx)
Mat khac tiép tuc ap dung bat dang thirc AM-GM ta co

2-cosx+1l+cosxy 3
,J(E— cosx )1 +cosx) < ! . ==

|+EDS.‘L'}|:|._ \:‘rE‘

2
2 4
=y =—
) J(E- cosx)(l+cosx) 3
: el
Tim gi4 tri 16n nhdt M cia hamsé ¥ =4 % byfsinx +cyfcos 4], @ +b 4 =3,

A :\;3(|+1.E). B ZE(H‘E). c.M=3 p. M =3

Loi giai

| |
|—‘a+bJ51nx+chnsm|aJ(a +h* +c° )(I+51|n+|:051) \] |+‘E5m‘.x+IH

Taco
0<x<T Tersllo éﬂsm‘ ML
Theo gia thiét 4 nén 4 4 2 2 S
=3 3(1+42) = w—th’
Do d6
Gia tri 16n nhit ctia ham sé ¥ —sfcns x+ 7sin” x +J51n x+7cos’ x 1a
AT B. - 1+7 c. 4 D. 14
Loi giai
Pap an C.

2 (12 2 2 ) i 2 2 2 — , .
Ta 6 y _(1 +1 )(cos x+7sin” x+sin” x +7cos x) Sy <20+7)=16=> ys4. Déu bing
_£+k_ﬂ keZ

xay ra khi 4 2 Vay gia tri 16n nhat ciia ham s 13 4.



Cau 145.

Cau 146.

Cau 147.

Cau 148.

X+ y+z =

b |

Cho *7-2>0 3 . Tim gi4 tri 16n nhit cia
¥ :,fl +tan x.tan y +JI +tan p.tan z +JI +tan z.tan x

A. J'In-.:x :| +2J§ B. ymax :3\"'5 C. ymax :JZ_ D_ ylm.\c :2\"'5

Loi giai

Chgon D
T T (T tan x +tan y 1
x+y+:z Z?ﬁxtr :?-:: tan(.r+f1')=tan‘?— :‘ = e - = -
Ta co 2 2 | 2 nx.tany tan:z
< tanx.tan z+tan y.tanz =1 - tanx.tan y < tanx.tan z+tan y.tan z + tan x.tan y =1
Ta thay fan x.tan z; tan p.tanz; tanv.tany 13, luot xuat hién trong ham s6 dé chg dudi can thuec,

ap dung bat dang thirc Bunyakovsky cho 6 sO ta co:
I.JI +tan x.tan y +1 .,fl +fan y.tanz +1 Al+tanz.tanx <

< +1 +I3.,‘1'I.tan r.tanz+1.tany.tan -+ 1.tan x.tan y =

:J?_;JB +(tan x.tanz +tan y.tanz +tanx.tan y ) :2\."?_;

A .]’,lmx :2\"'5

Vay

Gié tri nho nhét cua ham sé ¥ =Sin¥Vcosx +cosxysing 1y

A. 0 B. V2 c. 2 p. V6
Loi gidi

Dap an#A.

1 /1
< y =2, /—sin2x,[—sin2x >0
Ta co SINXVCOSX +cosxv/sinx 22\/sinx.cosx\/sinx.cosx d \/2 2 .

Dau bang xay ra < Sl 2x =0.

Gié trj 16n nhit ciia ham s ¥ —Jcos? x+7sin’ x ++/sin” x +7cos’ x 1

A 1HT B. - 1+V7 C. 4 D. 14
Loi giai

Pap an C.

.y S(l2 +12)(coszx+7sin2x+sin2x+7cos2 x) ey’ <2(1+7)=16=> y <4
co

Ta . Dau bang

x:1+k—”,kez

xayrakhi 4 2 Vay gia tri 16n nhat ciia ham s 1a 4.
Tim gi4 tri nhé nhét ctia biéu thie £ =cot” a +cot® b +2tan” a.tan’ b +2
A, miny =2 B, miny =6
c. miny =4 D. Khong t6n tai GTLN.
Loi gii
P =(cot® a - cot? .F:r): +2cot’a.cot”h+2tan" a.tan” b+ 2
=(cot® a - cot® .F:r): +2(cot? a.cot’ b+ tan> a.tan> b- 2)+6

=(cot® a - cot® .F:r): +2(cot® a.cot® b +tan® a.tan’ b- 2cota.cotb.tana.tanb)+6

=(cot® a- cnt*b): +2(cota.coth- tana.tanb) +6 =6



Cau 149.

Cau 150.

Cau 151.

cot* @ =cot* b cot’ a =1
—

Aos . | cota.coth =tan a.tan b cot’ b =I
Dau bang xay ra khi *
Tk
o a=b=—+—,(kel)
4 2
[ T
.r,_vel D;?J - 2y 42 sin( -
5 X+ 2 *+4 Xx+yv)=1 \ ., . . X .
Cho L~ thoa U5 =FTEOS) SInfx+r) =2 iy gia tri nho nhat cua
sin“x  cos” y
— +
¥ X
. . 2 i 2 . 5
min P =— min P =— min P = min P =—
A. T B. T C. 3. D. T
Loi gidi
. 2y +cos2y+2sin(x+ y) =2« sin” x+sin” y =sin{x + y
Ta c6: €08 2x+cos2) sin(x + y) 5In° x +5In” y =sinf{x + y)
T
X+y=—
Suy ra:
a b _(a+by
—t—=
Ap dyng bdt: m  n m+n
(sin® x+sin’y) 1
- S s R
= . . =y =y =—
Suy ra: X+ T Pang thic xay ra .
il
min P =—
Do do: T,
SO gid c6 anh sang mat troi cia Thu d6 Ha Noi nam 2018 dugc cho bdi cong thuc

R
y =3sin| — (x+060)| +13
i | 180

’ voi 1 =x =365 13 g6 ngdy trong nam. Ngay nao sau ddy ciia ndm
2018 thi s0 gio cd anh sang mat troi cia Ha N1 16n nhat.
A 30/01 B, 29/01 C. 31701 D, 30/03
Loi gidi
Chgn A

.| '
y=3sin| —(x+060)| +13
Dé s6 gidr co anh sdng mit troi 16n nhat thi ham sb | 180

sin i(r+ :‘.‘r(])‘ =le x =30+k360.keZ

dat gia tri 16n

nhat. Khi d6 Vi I =x =365 pnentaco

1 =30+43060 =365 < -0,08 <k <0,93= k =0

Do do X =30 ( thang dau tién ctia nim)

Hang ngdy, myc nudc cia con kénh 1én xudng theo thuy tricu. Do sau h(m) cua muc nudc trong
A , ) o , h :?&EDS‘.%+%-‘+|E

kénh tinh theo thoi gian duoc cho bdi cong thire \ -

Khi nao muc nudc cia kénh 1a cao nhat véi thoi gian ngan nhat?

t =22(h) ¢t =15(h) C t =14(h)

Loi giai

t =10(h)

A B D



Cau 152.

Cau 153.

‘T T
- ‘_CI:DS‘—E+—| =1
6 3 = 0 <) <15

Ta co: . Do d6 myc nudc cao nhét cua kénh 1a 15m dat duoc
CD5‘£E+£‘=IQ£{+£:,E[E,T
khi 'O 3 6 3 ot =-2+12k
C:b;’\}l
vit>0e= -2+12k >0 6
k>1

Chon s ¥ nguyén duong nhé nhét thoa 6 13 k=1=1=I10
Hang ngay myc nudc ciia con kénh 1én xudng theo thuy triéu. Do sau h (mét) cua muc nude trong
|t T
h :’jcns‘ —+ _‘ +12
kénh dugc tinh tai thoi diém ¢ (gid) trong mot ngay boi cong thire L8 4 . Muc
nude cua kénh cao nhat khi:

A. 1 =13 (gigy). B. ! =14 (gis). C. 1 =15 (gigy). D. =16 (gigy).
Loi gidi.
Muc nuée ctia kénh cao nhét khi 7 16n nhét

Tt T at T
ﬁcns‘g+_‘zlﬁ_+_:ﬁ:21

4 | 8 4 Vé.i0<f‘_:24 VékEZ_

Lan luot thay cac dap an, ta dugc dap an B thoa man.

A
=27

Vivei [ =14 i 8 4 (dang voi kK =1€Z),

Sb gid ¢6 anh sang ctia mot thanh phd 4 trong ngay thir ! clia nim 2017 duoc cho boi mot ham sd

y =4sin i(f - a0 +10
178

,voi 1€Z va 0<1 =365 Vao ngay nao trong ndm thi thanh phé 4 c6
nhi€u gi¢ anh sdng mat tro1 nhat ?.

A. 28 thang 5. B. 29 thang 5. c. 30 thang 5. p. 31 thang 5.
Loi giai.
| |
sin|—(r- 60)=l= y=4sin|—(r- 60)+10 <14
Vi 178 178 .
Ngay co anh nang mat troi chiéu nhiéu nhat

= y =14 < sin

T (- 60) =12 (- 60) ="+ k27 = ¢ =149 +356k
178 178 2

O=¢ =305= 0=<149+ 356k =305 = —i{k *_1—4
Ma 356 89

Vi KEZ pap k=0,



véi kK =0= 1 =149 (3¢ roi vao ngay 29 thang 3 (vi ta da biét thang | va 3 ¢6 31 ngay, thang 4
c6 30 ngay, riéng d6i v6i nam 2017 thi khong phai nim nhuén nén thang 2 c6 28 ngay hodc dua

vao dit kién 0 <7 =365 thj ta biét nam nay thang 2 chi c6 28 ngay).

Céu 154. Cho db thi ham s6 ¥ =S nhyr hinh vé:
y A

N N P
/S ANLA L0 2 Nz

o s 1x kg s &V =sin|x|?
Hinh nao sau day la do thi ham so -

1 i
,-\ =Tr ":'U’z Hfz T /\ 1 ; -

\""/-1 ]\O o x -t -nf2 1 10a2 = x
A. B.
11 yJ\
. 7 w2 1 T e
a2 +O0On2 x N : : >
7 a~slom2 S
C. ) D.
Loi giai

Chon C

Suy didn dd thi ham s6 ¥ =S| ¢y 48 thi ham s ¥ =SID X

Gii¥ nguyén phan db thi cia ham s6 ¥ =S n3m bén phai truc O

Lay d6i xtg phan do thi trén qua tryc Oy.

Duéi day 1a d thi ta thu duoc sau khi thyc hién cac bude suy dién & trén. Phan do thi nét dut 1a

phan b di ciia d6 thi ham s » =S *:

A . R A 1 AR ALt L LV :‘sinx‘?
Cau 155. Hinh nao sau day la do thi ham so



Jky

AN IIN2 1 N
7 o~

A.
\/-:-: .nf:z]‘ O mfz n
C.
Loi giai
Chon B.

Cich 1: Suy didn db thi ham s& ¥ TS0 | (¢ 43 thj ham sé » =SB

Giit nguyén phan tir tir truc hoanh trg 1én cua d6 thj ¥ =S+

y =sinx

Lay d6i xtg phan db thi ciia ham s6 - phia dudi truc hoanh qua truc hoanh.

i

Cach 2: Ta thdy [sinx[=0, V¥ 151 4 thi ham sb ¥ =SI0X[ 10an toan ndm trén truc Ox.
Tur day ta chon B.
Céu 156. Pudng cong trong hinh dudi dy 1a d6 thi cia mot ham sb trong bén ham s duoc liét ké & bon

phuong an A, B, C, D
AY

N x
- - & & - - .
Jud d y
—3r —2m — OT m 2m 3
Hoé1i ham s6 do 1a ham s6 nao?
) = 1 » =|s1 ) = ) = 1
AL 1+sm‘.r‘. B.” ‘smx|. c. 1+‘cos.r|. p. -} 1+|sm .r|.
Loi giai
., y=1+ A Tt T
Taco - nén bi loai

xet Y =1+ |sin .1'| = nén bi loai
y =[sinx|

Xét - , ta thiy tai ¥ =0 thi ¥ =! khong théa man



vay ¥ T1¥sin | thoa man.

Céu 157. Pudng cong trong hinh dudi dy 1a d6 thi cia mot ham sb trong bén ham s duoc liét ké & bdn
phuong an A, B, C,.D

AY
1
X
-2 - O T 2m >
Hoi ham s6 d6 1a ham s6 nao?
ALY =1+sin M B. Y :‘sin x|' c. Vv =1 +‘cos.r|. p. Y =1 +|sin .r|'
Loi giai
Taco ” =1+ ||:|:15 .1'| =1 va Y =1+ |sin .1'| =1 khong théa mén
Ta thiy tai ¥ =7 thi ¥ =0 Thay vao hai * — * 5" ol khong théa min

Vay Y :‘sin .r‘ thoa man.

Céu 158. Puodng cong trong hinh dudi ddy 1a d6 thi cia mot ham sb trong bén ham s duoc liét ké & bon
phuong an A, B, C, D

AY
14
x
| | | | | | | | >
/I]'rr =T T 3T 2T
z 2 2
Hoéi ham s6 @6 1a ham so nao?
 —e0S X — y zcos‘x‘. y =|cosx‘.
A. ) COS X. ) B. ) COsSX ) C. - ) D. -

Loi gidi
Ta thdy tai ¥ =0 thi ¥ =" I Do 6 chi ¢6 d4p 4n B thoa man. Chen. B.
Cau 159. Duong cong trong hinh dudi day 1a do thi cia mdt ham so trong bon ham s6 dugc liét ké & bon
phuong én A, B, C, D

AY

X
1 1 I 1 1 I T ] T 1 1 1 }
—T m 0 m m T 2
2 2 2
Hoi ham so6 do 1a ham s6 nao?
ALY =|sin 1‘ B Y :sm|x‘.. c. —cos‘.x‘.' .Y =|cos x|.

Loi gidi

y =sin M Ly =
va -

Ta thdy ham s6 c6 GTNN bang 0 Nen - cos M khong thdéa man

Ta thdy tai * =0 ¢h; ¥ =9, Thay vao Y :‘

y =|sin x|

COS2 . o
r‘ khong théa man.

Vay thoa man.



Ciu 160. Dudng cong trong hinh dudi day 1a d6 thi cia mot ham s6 trong bén ham sd duge liét ké & bon
phuong an A, B, C, D

Ay

3

2

1

x
2 2
Ho6i ham s d6 1a ham sd nao?
A, Y =tanx B. V =cotx c.” :‘tan »’f‘. D.” :‘COt f‘
Loi giai

Ta thdy ham s6 c6 GTNN bang 0. Dodo ¥ =tanx 3y =cotx khong thdéa man

\ £y 4 P ~ \ 1 ¥ =|cotx A , ~
Ham so xac dinh tai * =7 nén ham s6 - | ‘ khong théa man

v,V :‘tan.r‘ , .
Do d6 chi co - thoa man.

Tai liéu duoc chia sé b1 Website VnTeach.Com
https://www.vnteach.com
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