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@. TOm tat kién thuc

~

& Ghi nhé ©

®. Truc va dé dai dai sé trén truc

@ Truc toa do (0O;¢€)

© Toa dé cta diém trén truc: Cho M trén truc (O;€).

O e _ M

>

o B

© k3 toa dd cia M=OM =ke

@ D6 dai dai sé ctia vecto: Cho A, B trén truc (O; €).

© a=AB o AB=ae

) e
s

Ki hi¢u: (();;)

@ Nhan xét:
@ AB cung huéng €=AB>0

@ ABnguoc huéng esAB<0

o N&u A(a), B(b) thi AB=p-a

o AB = |AB|=|AB|=|b- &

a+b]
2

@ Néu A(a), B(b), | la trung diém cua AB thi

[F M
-~

uuu

~ N 7 J o N 48 — 48 N ~ u 7 JaE
@  Néu 4B cung huéng véi ! thi 45 =45, con néu AB ngugc hudng vai !

thi 48 =- 4B.

(0:1)

©  Néu hai diém 4 va B trén truc " c6 toa dod 1an lugt 1a @ va b thi




®. Hé truc toa do

@ Dinh nghia:
© Hé truc toa dé (©;i; )
@ goc toa do

(O;i).

@ Truc : truc hoanh Ox

o Truc (o j): truc tung Oy

o 11 13 cac vecto don vi
Hé (o;i; j) con ki hiéu Oxy
© Mat phang toa do Oxy.

o 7O0H T

& Ghi nhé ©

®. Toa d6 cua vecto

u u=xi+yj
=(xy) <

Q

(<

Cho U = (x; y), u = (x;y)
X =X’

e U=U o {y =y’

Mébi vecto duoc hoan toan xac dinh khi biét toa dé cua né

e 1=(10), j=(01)

(<

Q




®. Toa dé cua diém

OM
M(x; y) < =(x; y)

©
@ Néu MM; L Ox, MM, L Oy thi x = 0 l,y= OM,
@ NéuMe Ox thiyw=20
@ MeOy thixuw=20
LILLIL

s OM =oM| =[x + )7

o DO dai ctia OM |3 ‘ ‘ )
1y M(oxg3y0)

X

M=(x;y)‘6!ﬁ=xi’yj

©. Lién hé giira toa dé cua diém va vecto trong mat phang

@ Cho A(Xa; Ya), B(Xs; Vs).

uuuy

o AB = (X8 = Xa; Y& - Ya)

45 =48] = (5~ %) + (- 2]

V]
u+v.u-v.ku
0. Toa do cua cac vecto :

© Cho U=(uy; uz), V=(v1; Va).

@ U+V= (Uui+ vi; Uz+Va)

@  U-V=(u;- Vi; U2-V2)

@ kU= (kuy; kuz), ke R

 Nhan xét: Hai vecto U=(us; uy), V=(v1; v2) vGi v# 0 cung phuong < 3k

€ R sao cho:




©. Toa do cua trung diém doan thang, cta trong tam tam giac

@ Cho A(Xa; Ya), B(Xs; ys). | la trung diém cla AB thi:

Xp +Ya YatV¥s
X|= 2 ’y|= 2

I(xg5y1)
@ Cho AABC v6i A(Xa; Ya), B(Xs; ys), C(Xc; yc). G la trong tam cua AABC thi:

' X, + X, +

X =A 35 Xe
_YatY¥YptY¥c

e == 3

A
N\

P Z \ N\
~ e
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®. Phan dang toan co ban

‘Dang ®: Toa dd cua vecto doéi véi mot hé truc toa dod
# Phuwong phap
# Truc toa do

o Truc toa do (goi tat la truc) 1a moét dudng thang trén dé da xac dinh mét diém

O (goi 1a diém goc ) va mot vecto € cé dd dai bang 1 goi 1a vecto don vi cla
truc.




e
i
&
© Ta ki hiéu truc dé 1a (@:9)
# He truc toa do
o Hé truc toa do (@7-7) gém hai truc (@-1) va (0:7) vuong goc vaéi nhau. Diém
g6c O chung cla hai truc goi 1a géc toa do. Truc (9*) duoc goi 1a truc hoanh
va ki hiéu 13 O, truc (@3)) dugc goi 1a truc tung va ki hiéu 13 9. Cac vecto
i va / 13 cac vectd don vi trén Ox va 9 Hé tryc toa a6 (0:1-/) con dugc ki
hiéu 1a 0%
vh

]

L

Chu y: Mat phang ma trén dé da cho mot hé truc toa dd Oxy duogc goi la mat

phang toa do6 9%, hay goi tit 13 mat phang 9%,
Toa do cua mot vecto

®

®

o Trong mat phang 9, cap s6 (%)) trong biéu dién 9 =% */ dugc goi I toa do

cla vecto 4, ki hiéu @ =(%:0):X goj 13 hoanh d6, ¥ goi 1a tung dé cla vecto 4.
Chu y:

a =[x, y) e a=xi +)f

®

Q

—
—

a=he= |'T
|y

x!
.1 ! '

N6u cho @ =(0) va b =) gy
Toa dd cua mot diém

Trong mat phang toa dd, cho mot di€ém M tuy y. Toa d6 cla vecto OM duoc
goi la toa do6 cua diém M .
Nhan xét:

O R o

)

o N&u OM =(x:¥) thi cap s6 (X) 13 toa d6 cGa diém M, ki higu M(x»)x goi la
hoanh do, ¥ goi la tung do cta diém M .



M(x]v)

LS
il |

o Mlxiy)= OM =xi +yj _
@ Chu y: Hoanh d6 clda diém M con dugc ki hiéu 1a *» tung d6 cla diém M con
M (x_” Vi )

duoc ki hiéu la Y» . Khi dé ta viét
=Cac vi du minh hoa

Cau 1: Trong mat phang %%, cho ba diém 4:5:C duoc biéu di&n nhu Hinh.

[ 11|y N 1[Iy W | W

a) Hay biéu thj cac vecto 94.98.0C qua hai vecto i va /.

b) Tim toa d6 cla cac vectd %?-¢ va cac diém 4:5:C
Loi giai
) Ta i O =i 4310523 +0,.5C =2~ ]
b) TUr két qua trén, suy ra; @ =04 =(L:3).b =05 =(3:0).c =0C =(-Z:- 1)
Do d¢ Alk3).B(3:0),C(-2:- 1)

‘Dang @: Biéu thuc toa do clia cac phép toan vecto
# Phuwong phap

o Cho hai vectg @ =@ @ )b =(b:,)

a+b =(a, +b:a, +b,),

va so thuc X . Khi dé:
2 1)

o 2)9° b =(a,- b:a,- b:);



o

o

3) ka Z(ﬁfﬂ,;ka:);

4) a b =ab, +ﬂ:"5':.

=Cac vi du minh hoa

Cau 1: Cho hai vectg ¢ =(:3).b =(4:-2)

a) Tim toa do cla cac vectg @ *0.a- b.3a.=5b

b) Tinh céc tich vé huéng @ ?:(3a) (=)
Loi giai
a) Ta co:
a+b =(1+4:5+(-2)) =(5:3); a-b =(1- 4:5- (-2)) =(- 3:7)
3 =(3.1:3.5) =(3:15); -5b =(- 5 4:-5.(-2)) =(-20:10)
b) Ta cé:
a-b=]l4+5{-2)=4-10 =063
@ =(3:15) - b =(-4:2)
= (3a) {-b) =3 {-4) 415 2 = 12 +30 =18

‘Dang ©: Ap dung cua toa dd vecto

#

R Q

Phwong phap

Cho hai digm A037:):80s0) 4 6.
Toa dd trung diém cha doan thang va trong tam cta tam gidc
A(x_;;y_{) va B(xg;yg) M(x},y},)

AB :(.‘rﬁ =X VsV, ).

Cho hai diém . Toa do trung diém cda doan
¥ _TI +TH v _-ll.f +_.1I|l_{
thdng 4B la: 5w >
Cho tam gidc 4BC c6 ZICIIDN:{CASY Nl AT } Toa d6 trong tam G(x;505)
X _ X h X X v TR U
cla tam giac 4BC |a: v 3 Yo 3

Ung dung bi€u thic toa do ctia cac phép toan vecto

Cho hai vecto “ =(a;;a,).b =(b;b,) va hai diém A('T-";*I'-")’B('T“;*I'”).

a lbe=ab+ab =0,

Ta cé: ;
@ va b cung phuong = ab, - ab =0
|a|=+ja; +a;
AB :J(.‘rﬁ - X, ): 'i":jt'h= = ,1'_,):
e b +a,b,
cos(a,b) = £ bb = ﬁﬂ'b'ﬁ ﬂb =(a,b
lal 1] Jaf +a2 B +b7 a0 0)



=Cac vi du minh hoa

Cau 1: Cho i”fflj} ""'[' 34’}Pf5|:|} Tm toa dé cla cac vecto ;1fi’r.-"'-'r._P.'1ff._;?"-'Tj.
Loi gidi
J"J;’_‘JL Z(-‘H = XyiVy < Vi ) =(=3-1;4-2)=(-4:2)
0ma
J]ﬂ.- £ =(x, - x0p, - v,)=(1- 5:2- 0) =(- 4:2)

NP =(x, - x, 1y, - ¥, )=(5+3:0- 4) =(8:-4)
Cau 2: Cho tam gidc MNP 6 toa do cac dinh 13 M(2:2).N(0:3) 5 P(5:5),
a) Tim toa dd trung diém E cda canh MN

b) Tim toa do trong tdm G cla tam gidc MNP
Loi giai

3 5 5
x, =Nt _2+0 —4,y, =utIs _243 5 EI45_]
a) Ta co: 2 2 2 2 2. vay 2
\ x, +x, +x, 2+0+3 13 VoV, +) 24345 10
_'L; — = =—.] G = L = =
b) Ta cé: 3 3 3 3
(13 10 |
G[—ﬁ——
Vay 3 3],

A(L1).B(5:2

Cau 3: Trong mat phang @Y, cho tam giac 4BC c6 toa do cac dinh 13 - ) va

C(4:4)

a) Tim toa dd diém H 1a chan dudng cao cla tam giadc 48C ké tur 4.
b) Giai tam giac 4BC,
Loi gidi

mN |} W|N]N)

a) Xét diém HO5) 5 c6: AH =(x- Ly~ 1),BH =(x- 5;y- 2),BC =(-1:2)

H(x:¥) |13 chan dudng cao cla tam gidc 4BC ké tir 4, nén ta cé:

AH LBC e (x-1)(-1)+(y-1)2=0e -x+2y-1=0 (1)

oy [NRNIN]

BH ,BC

Hai vecto (x-5)2- (y-2) (- ) =0 2x+y-12=0 2)

cung phuong =
Tu (1) va (2) ta dugc hé phuong trinh:

-x+2y-1=0

2y +yp- 12 =0



H

E.E]
vay |3 3
b) Ta cé: AB =(41), BC =(- 1;2), AC =(3:3)

by uuu
Suy ra; 45 24 AB|=+4 +1* =J17.BC 2 BC|=f(- 1} +2° :,ﬁ’

and 1T 0T 4 Ac  43+13 -
AC 2AC|=3" +3° =342.cos 4 =cos(4B, AC) =15 AC T 3 ~0,857 = A4 =30°57".
o oo T 0 4) -1 1} -2 ]
. - 4= 1y +(- 1) 2 - .
cos B =cos(BA,BC) =24 BC _CH VD2 4519 5 77008,
A -BC 17 45

C=180°- A- B ~180° - 30°57'- 77°28' =71°35".

©. Dang todn ren luyén

‘Dang @: Cau trac nghiém nhiéu phuong an lua chon

Cau 1: Trén truc x'Ox cho 2 diém A, B lan luot cé toa do la a, b. M la di€m théa man

MA=KMB.K %1 i g6 toa do cla diém M la:
ka- b kb- a a- kb kb+a
A k-1 B. k-1 C. k+l D. k-1
Loi giai
Chon B

Goi x la d6 cta diém M.

1m 100 -
MA=kMBe a- x=k(b-x)o (k- 1)x=kb-ae x :,f“ﬁ ﬂ._k £
Ta c6: k-1

Cau 2: Trong mat phang toa do 0%, cho hai vectg @ =4 *6/ ya ©=3- 7] Tinh tich
v6 huéng ab

A. ab=-30, B. ab=3, C. a.b =30 . D. a.b =43 .
Loi giai

Chon A

TU gia thiét suy ra ¢ =(4:6) V3 b =(3:-7)

ab=43+06.(-7)=-30

(0:1)

Suy ra

Cau 3: Trén truc cho ba diém A, B,C. Néu biét 48 =3-4C =T 13} CB bing:



A. -2 B. 2 C.4 D. 3

Loi giai
Chon A
Ta cé: CB=AB- AC =5- 7=-2
A A (0:1) e A . Aq s s A e m
Cau 4: Tén truc cho hai diém A, B lan luot cé toa dé 1 va 5. Khi d6 toa do diém
M thda man 2M4- 3M B =0 |3:
A. 10 B. 11 C.12 D. 13
Loi giai

Chon D

M| N]N} SN} mIN| N} SN

2MA- 3MB =0 = 2MA =3MB = 2(x - x,)=3(x,- x,, )= x, =13

Cau 5: Trén truc x'Ox cho bén diém A, B, C, D c6 toa dd 1an lugt 13 377 Ménh dé
nao sau day sai?

A. AB =2 B. AC=-10 c. CD=-16 D. AB+AC =-8
Loi giai
Chon C

, _:',—_'_:';I— - =
Ta c6:CP =% - %, (-7) =16

Cau 6: Trén truc x'Ox c6 vecto don vi 7. Ménh dé nao sau day sai?

LI

A. %1 |3 toa do diém 4= O4=x.d
B. “»*%¢ |3 toa d6 cta diém B va C thi B¢ =%~ %
C. AC+CB=AB
——  0A+OB
s e = OM =
D. M la trung diém cua AB 2
Loi giai
Chon B
Ta Cé BC :'TE = .T(.

Cau 7: Trén truc x'Ox, cho toa db cua A, B lan lugt |a 23 Khi dé toa do diém M thoa
man: OM?® =MAMB |-

A. 6 B. V6 C. -6 D. 4
Loi giai



Chon C
Goi M c6 toa db 1a x= x =(-2-x)(3- x)= x=-6

Cau 8: Trén truc x'Ox cho toa dd cac diém A, B lan luct la a, b. Khi dé toa dd diém
A' d6i xing véi A qua B la:

a+b
A. b-a B. 2 C. 2a-b D. 2b-a
Loi giai
Chon D
A4' doi xing véi A qua B nén B la trung diém cha 44’
= x,+x, =2x, = x, =2b-a
. . O,l L N[N}
Cau 9: Trén truc ( )

tim toa dd x cla diém M sao cho MA+2ZMC =0 y&i A, C c6 toa
do tuong tng la -1 va 3

N\ = - 2.
Loi giai
LLILI LILILLI a[uin} UL a[uin} LLRIL

Ty MA* IMC =0 = 04- oM +2(oC- om) =0

-1- x4+2(3-x)=0e2 3x =5 x =
Hay

Chon A

Led | iy

Cau 10: Trong mat phéng toa do Y- cho hai vecto “ =Gi4) |y v =(-8:6). Khang
dinh nao sau day ddng?

_ M "0;- ]_}.
a. M= B. ' 2/ va v cung phuong.
C. % vudng go6c véi V. D, ¥ ="V
Loi giai
Chon C

Ta 6 v =3(-8)+4.6 =0 suy ra “ vudng géc véi V.

3
(4 : Cl7;—]
Cau 11: Trong mp % cho A(4’6), 3(1’4), 2) . Khang dinh nao sau day sai

4B =(-3:-2) 4C=

.9
.= — uuy uuu
)

A 2 B. AB.AC =0



[0 R

Chon D

[N]NIN]

AB =(-3;-2)

Phuong &n B: 48.4C =0ngnloai B

o ¢
oL . 9
=y ACH 3"?‘
Phuong an C: nén loaiC. - <)

i . (5] 13
R DE
Phuong an D: Ta cé \ <! suy ra b “ nén Chon D

Phuong an A: , nén loaiA

—(1-- —(-2-_
Cau 12: Cho céc vecto @ =02 b =02-0) i g g6c gitra chiing la
A. 45, B. 60°, c. 30°, D. 135°,
Loi gidi
Chon A
- 3
=11:-2 =\-2:- b . = b)) =45
Ta c6 @ (1;-2), b =(-2; f:l), suy ra |ﬁ‘|| | = \a: .
L _( .. ) - _(1 ) (gﬂ;"} ?5{[)
Cau 13: Cho M =2~ ON=U-1) 1oy géccua =
n &
A. 135 B. 2. c. - 1357, D. 2.
Loi giai
Chon A
o 0T\ oar On ) > ool oo
cos(op.on) =M = > V2 (oM, 0N) =135°
Ta cé |a-w|.|a-x-'| NN T

—{1- — .
Cau 14: Trong mat phang % cho “ =(1:3).5 =( “"I). Tich vé6 hudng clha 2 vecto

ab |y

A. 1. B. 2. C. 3. D. 4.
Loi giai

Chon A

Ta 6 @ =(1:3).h :(-z;l)’ suy ra ab=1.(-2)+3.1 =1

Cau 15: Cap vecto nao sau day vudng goéc?



a=(2;-1) va P =(- 3;4)_

_ a =(3;-4) v b =(- 3-,4)_
c. d =(-2;-3) va b =(- 6;4)_

a=(7;-3) VA b =(3-,-7)_

D.
Loi giai
Chon C
Phuong an A: ab =2.(-3)+(-1).4 =- 10 20 suy ra A sai.
Phuong &n B: ab=3.(-3)+(-4).4 20 suy ra B sai.

ab=-2(-6)-34=0=alb

Phuong an C: suy ra C dung.

— - 7Y =47
Phuong &n D: ¢ =73+(-3).(-7) =42 20 suy ra D sai.

a =(a:a,), b =(b:b,)

Cau 16: Cho 2 vec to , tim biéu thuec sai:

A ab =a,b +a,b, 5 a.b :|a|.|.’:r|.|:|:|5(a._h)

T B ; i

ﬂ.‘:r— a’ +.":r (a+h)l a..‘:rzl— (ﬂ+.ﬁ)—a—hl
C. 2 D. 2 .

Loi giai
Chon C
Phuong &n A: biéu thic toa dé tich vo hudng ab=a.b +a,b, nan |0ai A
, A . A , ) . b =|al.|bl.cosla. b))
Phuong an B: Cong thuc tich v6 hudng cua hai véc to . |ﬂ| | | (a.5) nén
loai B
W W TTTTST oW W
@ +b - (a+b) —a:+b:—(a:+h:+ﬁab) =-ab

Phuong an C: 2 2 nén Chon C

A, 2) B(- 11) c(5:-1)

Cau 17: Cho tam giadc 4BC cé .Tinh cos 4
i -1 L -2
A. V5, B. V5. c. V5. D. V5,
Loi giai
Chon B
'} ) uuy (1.
Ta cé AB =(- ), AC =(4:-3) suy ra
_ABAC _ (-2)4+(G1).(-3) -5
ABAC |2 +(-1) {4 +(-3) VS 4'_
. O; " ; P . . —Qi o » . .

Cau 18: Trong mat phang (0. ) cho 2 vectg : @ =31+6j vy b =8i- 4/, K&t luan nao

sau day sai?

A. ab=0. B. alb. C. ‘aHb‘ =0. D. ‘a'b‘ -



Loi giai
Chon C
a=(3:0):b=(8:-4)
Phuang an A:a-b =24- 24 =0 nén loai A

Phuong &n B: 46 =0 suy ra @ vudng géc ¥ nén loai B
) | =368t + -4y =0 |
Phuong an C:M ‘ ‘ nén chon C

Cau 19: Trong mat phang %Y cho A(IQEJ‘B(J“:I)’C(SA). Tinh BAC 7

A. 60° B. 45°, C. 90°, D. 120°,
Loi giai
Chon B
00, 44c 10 2
g _ ) uuu _ ) EDE(ABAC): = — :_“
T o 1B _(3.-1)' AC =(4;2) suy ra ABAC o220 2

uuug uag

= (4B 4C) =45

Cau 20: Cho cac vecto “ =(:-3). :(345). Tinh tich vé6 hudng cua ala+25)
A. 16, B. 26, C. 36, D. - 16,
Loi giai
Chon D
ala+26)=-16

Ta cb aa 210, ab=-13 suy ra
Y —fa
a=(23), b =41

(a+b)

Cau 21: Trong mat phang toa do 9 cho ba vecto

¢ =ka+mb gi k. mER. gjat rang vecta ¢ vudng goc vdi vecto . Khang
dinh nao sau day ddng?
A. 2k =2m B. 3k =2m C. 2k+3m =0 D. 3k +2m =0.
Loi giai
Chon C
(¢ =ka+mb =(- 2k +4m:3k + m)
T cg @b =4 '

D& .:-_(a+.ﬁ)~=r "-’(’-"*‘““"5) =0 = 2(- 2k +4m)+ 4Gk +m) =0 = 2k +3m =0.



(0:1)

Cau 22: Trén truc cho4 diémA, B, C, Dcétoaddlanluctlaa, b, ¢, d. Goi E, F,
G, H (c6 toa do lan luot la e, f, g, h) theo th( tu la trung diém cta AB, BC, CD
, DA. Xét cac ménh dé:

| e+ f+g+h=a+b+c+d

LILL] ajuu} S|un}

Il. EG=EF +EH

. AE+CF =0

Trong cdc ménh dé trén ménh dé nao dung?

A. Chi l B. Il va lll C. LI D. Chi lll
Loi gidi

Chon B

+ Ap dung c6ng thuc toa dé trung diém = I ding.

x, =e=0=g=f+h=

+ Lay E lam goc truc thi Il ddng.
0 0m . 000 O0W
AE +CE =—(4B+CB) \ ]
+ 2 chi bang 0 khi B la trung di€m cla AB nén lll sai.

O po @ =21 5 b=(-3:4)

Cau 23: Trong mat phang . Khang dinh nao sau day

la sai?
A. Tich v6 hudng cla hai vecto da cho la - 10,
B. DO I6n cla vecto ¢ la \/§_
C. PO 16n clha vecto b 13 5.
D. Géc gilta hai vecto 1a 90,

Loi giai
Chon D

Ta c6 |“| =2 +C0 = nén B dung.
|h| =(3) +47 =5 nén C dung.

—a (. - 1 —=-
ab=2.(-3)+(-1).4 =-10 20 nén A ddng, D sai.

Cau 24: Cho tam giac 4BC cé A(l;z), B(- l;l), c(s:- 1).T|'nh AB.AC

A. 7, B. 5. c. 7. D. 5.
Loi giai
Chon D



W Sy s N}

T o AB-AC =(-2)4+(-1).(-3) = 5

Cau 25: Trong mat phang %Y cho A 1;1), 3(1;3), - l). Khang dinh nao sau day

dung.
A, AB=(42) BC =(2:-4) B. AB 1 BC
C. Tam gidc 4BCvudng cén tai 4. D. Tam gidc 4BCvubng can tai B.
Loi giai
Chon C
=(2; A .
Phuong an A: do A8 =(2;2) nén loai A.
AB =(2:2) BC =(0:-4) |5 5¢c =

Phuong an B:

uuu

AB.BC =-8gyy ra4B khdéng vudng goc
BC nénloai  B.

_ 2: uuu _ 2-2 uuu _ . _ _
Phuong an C: Ta c6 % (2:2) 4C = )' BC =(0; 4)’ suy ra 4B =AC=\§

uuy udu

AB.AC =0 Nén Tam gidc 4BC vubng can tai 4.Do dé chon C.

Cau 26: Trong mat phang toa do Oxp, cho ba diém AG:-1), B(2:10), c(-42) Tinh tich

vO huéng 4B.AC

8 0 O N 1 | [ ||| Uiy uuug

A. AB.AC =40 B. AB.AC=-40 ¢, AB.AC =26 D. AB.AC =-26
Loi giai

Chon A

Ta cg AB =(- 111, 4C=(-7:3)

Suy ra AB.AC =(- 1).(-7)+11.3 =40

Cau 27: Trong mat phang toa d6 % cho hai diém AG:-1) Va B(2:10). Tinh tich vo

{ Sy W |

A. AQ.0OB =-4 . B. A0.0B =0 C. AO.OB =4 D. A00EL =16 ]
Loi giai
Chon C
Ao =(-3:1), o8 =(2:10). P _
Ta cé » 1Sy - Suy ra ACOB = 3.2+I.ID—4.

22
Il
SN

¢ A O; 2 ~
Cau 28: Cho 4 diém A, B, C, D trén truc ( l) thda man

. Khi sso ménh dé
nao sau day la duang?



+ +
A. AC 4B AD B, AB AC DA (. AB AC AD p,

Loi giai
Chon C

Goi a, b, ¢, d lan luot la toa do cua A, B, C, D. Ta co:

CA__ DA AC DA L (c-0)pB-d)=(- ) a-d)
+ CRB na B DA

= ac+bd +bc+ad =2ab+2cd =(a+bNe+d) =2(ad +cb)

2 1 1 2 1 1
- = = + = (a+b)c+d)=2(ab +cd)
+ AB AC AD b-c c-a d-a

()

Cau 29: Trén truc cho bén diém A, B, C, D bat ki. Dang thic nao sau day la

dung?

A. AB.CD+ AC.DB+ AD.BC =0 B. AB.DB+ AC.BC + AD.CD =0

C. AB.AC + AD.BC + BC.CD =0 D. BD.BC+ AD.AC +CB.CA =0
Loi giai

M| NN} m|u |} W|N]N)

Chon géc toa do @ =4= %, =0,x, =4B,x. =AC,x, =AD

Tu Chon A: VT =x, (-"-',-1 = X )+.Tl. ('T.ls - X, )+-"-'n (_‘L'l. - _1'3) =0

Chon A

R A O;i . R . =59 s n
Cau 30: Trén truc ( ) cho ba diém A, B, C c6 toa db lan luot la 5:2:4 Khi dé toa do

d|ém M thdo man 2MA+IMC+4ME =0 la:

10 10 5 5
A. 3 B. 9 C.3 D. 4
Loi gidi
Chon B

LU LILILL L > 2(- 5- X, )4‘ 3(4-' X, )4‘4(2' Xy ):D‘:" b :E

DMA+3MC +4MB =0 ' ' ' "9

Cau 31: Trén truc x'Ox cho toa dd cac diém B, C 1an lugt [ m- 2 vi m +3m+2 Tim
m dé doan thang BC c6 dd dai nhd nhat.

A. m =2 B. m =l C. m=-1 D. m=-2



Loi giai

Chon C
BC| =m? + 2m+4| =(m +1) +323 ¥YmeR
B =|BC| =lm +2m+ 4|l = + + 4= me , .
m® + 2m -+ 4] =Cm . BC nhé nhdt  khi

m+l=0= m=-1

Cau 32: Trén truc x'Ox cho 4 diém A, B, C, D. Goi l, J, K, L lan luot la trung diém cla
AC, DB, AD, BC. Ménh dé nao sau day la sai?

LI H|N N} [N} a|N ] NN} a|]
A. AD+CB=21J B. AC +DB =2KI

LLILI LIl aju]

C. Trung diém cac doan /J va KL trung nhau D. AB+CD =1IK
Loi giai

Chon D

Ta cé:

Xp - X, +X,- X =X+, - (1 +.1'L.) =2x, - 2x, =2(x -~ 1)

La toa d6 cua 24 nén A dunag.
Tuong tuy:

e e o =My - v . R . [REYRTRIETE i
(.'I.L. ."._:.)‘1"(."-5 .".‘.-I) ..-(.".J._ "".k) |a toa dO clha 2KL = B d-ung

Goi E, F la trung diém cua I va KL
Xe :I—(.TI. + X, ) :I—(.T_. + X )+ I—(.".'J..l + 'TH)
"2 4 4

1 1 1
v, ==Crp 43, )=— (e, 4 )b+ x,)
‘l'nl 2 ‘l'n’-. 1"1. 4 ‘l'.: ‘lll 4 1"'- ‘lll'j = -"n:. __'[F:" C dung.

Vay Chon D sai.
=(-3:2) 5 b =(-1-7).

Cau 33: Trong mat phang toa do 0x, cho hai vecto ¢ Tim toa
do vecto ¢ biét ca =9 vz cb=-20
A€ =(-1;-3) B. © =(-1;3) C. ¢ =(1:-3) D. ¢ =(1;3)
Loi giai

Chon B
Goi ¢ =)

I ) _ .-_ i AL r —_ —

c.a =9 - { 3x+2y =9 e I_ e =(-1:3)
Ta ¢6 ch =-20 =x=Ty=-20  |y=3

Cau 34: Trong mat phang toa d6 %> cho ba vecto * =(52), b =(:3) 5 =(2:3).



P :n.(bﬂ").

Tinh
A. P=0 B. P =18 Cc. P=20 D. P =28
Loi giai
Chon B

bh+c =(6:6). i ZH.(h+L') =l.6+2.0 =18
Ta cé Suy ra :

a=(-2:-1) v3 b =(4;-3)

Cau 35: Trong mat phang toa do OxV, cho hai vecto . Tinh

cosin cla gdc gilta hai vecto @ va b

cns(a,h) =- E cus(a h) J- n:uzls,(ﬂ._a'w):E l.tr:ns(n._b):l
A 5 B. C. 2 D. 2
Loi giai
Chon A
=7 - -
cns,(a h) ab _-24+(-D.(3) :-£
| ||.ﬁ| J4+1f16+9 5
Ta cé
Cau 36: Trong mat phang toa dd 0xy, cho hai diém 4G;2) va B(-3:1). Tim toa dé
diém C thudc truc tung sao cho tam gidc 48C vuébng tai 4
A. c(0:6) g, CG:0) c. CGD. p. €:-6)
Loi giai
Chon A
jcfé =(-4:-1)
©0:0) y |AC=(-1c-2)
Ta c6 CEOY pap C10¢) 5 [AC=1Le-2

UL L _ _ ) ) oy -
Tam gidc 48C vuéng tai4 nén AB.AC =0 = (-4).(- D)+(-1)(c- 2)=0= ¢ =0.

Vay C(O;6)'

Cau 37: Tim x dé hai vecto ¢ =(%:2) v3 0 =(2-3) ¢¢ gia vudng géc véi nhau.
A. 3. B. 0. C. -3. D. 2.
Loi giai
Chon A
Vecto 4=(2) 3y b=(2-3) ¢4 gid wvubng gbéc V6 nhau

=ab=0s 2x- 6=0+= x=3

Vay x =3,



Cau 38: Cho tam gidc 4BC cé A(-1,2), 8(0:3).C (5 - 2). Tim toa d6 chdn dudng cao ha

tir dinh 4 cda tam gidc 48C,

A. (0;3)_ B. (0;- 3)_ C. (3;0)_ D. (-3;0)_
Loi gidi
Chon A
A
B C
5 c6 4B =(1;1): AC =(6;- 4); BC =(5;- 5).
T

N NN N]N]

Nhan thay rang 48-8C =1.3+10-3)=0 han tam giac 4BC vudng tai B

vay chan dudng cao ha tir dinh 4 cta tam gidc 4BC trung vdi dinh
B(0;3).

Cau 39: Trén truc x'Ox cho 3 diém A, B, C c6 toa dd lan luot 13 2172 Khi d6 toa do
1 1 1
+

diém M nguyén duong théa man M4 MB MC |3:

A.O B. 4 C.2 D. 3
Loi giai
Chon B
| ] 1 .
, = —=——+ = -x'- dx=0= x =4
Goitoa dd diémMlax 2-x l-x -2-x

Cau 40: Trén truc x'Ox cho 4 diém A, B, C, D. Pang thic nao sau day la ding?

A. DA°BC+ DB .CA+DC AB + BC.CAAB =0

B. DA .BC+DB .CA+DC .AB =0



C. AB°BC+CD DB +DF CA =0

D. DA.BC+ DB.CA+CD.AB+BC.AB =0

Loi giai
Chon A

Chon D la g6c toa do va a, b, c lan luot |a toa dd cia A, B, C
Ta c6:

DA CB+ DB CA+DC* AB + AB.CAAB =0
=a’(c-b)+b* (c- a)+c* (b-a)+(c- b)a-c)b-a)

=ac-ab+bha-beocrch-catch-cat+abe-ch-Fa+hc-ac+catrab-abe =0

O; ', . . 3 i \_I_I. I_II_I- .
Cau 41: Trong hé truc toa do ( ! J), toa d0 cua véc to 2i+3] |3
A ) g. OV, c. &0 p. &)

Loi giai
Chon A

Toa d6 cla véc to 21+3/ |a: (2:3)

Cau 42: Trén mat phang véi hé toa do P cho vecto ¥ =34/ Toa dé cla vecto

U3

ALl =(3;-4). g. ¥ =(3;4). c. ¥ =(- 3;-4). D. " :(-3;4)_
Loi giai

Chon A

u=3i-4;j=u=(3-4)

Cau 43: Trong hé toa do Oy cho 2 ' Toa do6 cla vecto “ la

—_

| ;
H:[:;Sl. =
A. < Le

C. u =(- 1;10). D. u =(1:- 10).
Loi giéi
Chon B
u :;{'- Sji=u :. I?;-S‘
co 2 2

Cau 44: Trong mat phang véi hé toa do6 “Y, cho hai vecto u=(1:2) s

— ‘-2 \ 2 A o 5i
1 (4}”._ m ...). Tim ™ de vecto U vudng goc voi V.



m=— m=-—

A. 2, B. 2, c. m=l, D. m=-1,
Loi giai

Chon A

ulveuv=0= 4m+2.2m-2)=0= 8m-4=0= m =
Hai vecto

b | =

M) N(4-1)

Cau 45: Trong hé truc toa do6 Oxy  cho hai diém . Tinh d6 dai vécto

U
MN
LLLE UL LI UL
‘M_-'\f‘ =13 ‘MN =5 ‘m‘ —J29 ‘MN =3
A. . B. . C. . D. .
Loi giai
Chon A

MN =(3-2) = \'#f\ =3 +C2) =13

Cau 46: Trong hé truc toa db Oxy  cho hai diém

[N]N]N)

Y _ .
AQ: I)‘Bu‘?’). Toa db cula vécto

4B bang

A, AB =(8;- 3). g. 4B =(-2:- 4) c. 48 =(2;4) p. 48 :(6;2)_
Loi giai

Chon C

AB =(x, - x 1y, - v,)= AB =(2:4).

Cau 47: Trong hé truc toa dé 9%, toa doé cda vecto @ =8/~ 3 ping

A a =(-3;8) B a =(3;- 8) C a =(8;3) D a =(8;-3)
Loi giai
Chon A
Ta c6 @ =8/ 3 =-3i+8j=a =(-3:8)
Cau 48: Trong mat phadng 9%, cho hai diém B(-1:3) Va C(3;1). b6 dai vecto BC
bang
A. 6. B. 25, C.2. D. V5.

Chon B



[N]N]E)

Tinh d6 dai vecto BC,

i m .
=(4:- 2 = = J4* +(-2) =20 =2
BC =(4:- )= ‘BC‘ =BC =4 +(-2) =420 =2,5 vay

H[N{N}

BC

=25

Cau 49: Trong mat phang vdi hé truc toa dd Oy cho diém A4(1:3) va 8(0;6). Khang
dinh nao sau day dung?

uuy

A B :(5;-3}_ B. AB =(1;-3)_ c. 1B :(3;-5}_ D. AB =(-1;3)_
Loi gidi
Chon D

Ta c6: AB =(x, - x iy, - »,)=(- |.j3:'_

Cau 50: X4c dinh toa do cla vecto © =a+3b pigy @ =27 D.0=(3:4)

c=0111) e =(11:-13) c=(11;13) c =(7;13)

A. B. C.

Loi giai

D.

c=a+3b=(2-1)+(9;12)=0111)
Chon A

Cau 51: Trong hé toa do Oxy, cho #(:3):8(:0)

LI sjun} S|NINE]

MA+ MB - 3MC =0

. Tim toa d6 diém M thda man

A M(1;18) B. M(-1;18) C. M(-18:1) D. M(1;-18)
Loi gidi
Chon D
Ta cé
o oof ood ((1- x, )+(4- x,)-302- x,)=0 [x, =I
MA+MB-3MC =0 ' ' : - M
3-y,+0-y,)-3¢5-y,)=0 |y, =18

Cau 52: Trong hé toa do Oxy, cho 3 diém A4(2:5);8(1:1);€(3:3)

LI L ajuu}

phang toa dd thoa man AE =348- 24C7

. Tim diém E thubéc mat

AL E£(3;-3) B. E(-3;3) C. E(-3;-3) _ E(-2:-3)

Loi giai

D

Goi EGay)= AE == 2y~ 5). 48 =(- :-4), 4C =(1:-2)

o ool 0 (x-2=-5 [x=-3
{ { = E(-3;-3)

AE =34B- 24C = o
y-5=-8

.]'I ==



Chon C

Cau 53: Trong hé toa dd Oxy, cho A2:1);8(6:-1)

M thang hang.

. Tim diém M trén Ox sao cho A, B,

A, M(2:0) g. M(0) C. M (-4;0) p. M (4:0)
Loi giai
Me0ox= M(x:0), 4B =(4;-2), AM =(x- 2:-1)
_ x- 2 :I_: )
DE A, B, M thang hang 4 2
Chon D

Cau 54: Trong hé toa dd Oxy, cho A4BC ¢b AG:4).821.cCL-2) 1o gigm M c6

tung dd duong trén dudng thang BC sao cho S ssc :35-43-”.

A M (2;2) B. M(3:2) C. M(-3;2) _ M(3;3)

Loi gidi

D

i a4

Goi M (:p) S .o =35 .., © BC =3BM = BC =+3BM

. Ta cé:

W NN}

BM =(x- 2:y-1):BC =(-3:3)

0 000 (x =1

BC =3BM = { -
- TH1: =0 (10ai)

1] 0 (x=3

BC =-3BM = {
_TH2: =2 (hhan) = M(3;2)
Chon B

Cau 55: Trong hé toa d6 Oxy, cho 3 diém AGL-1).5(0; I)‘C(BQG). Xéac dinh toa do giao

diém I ctia AD va BG véi D thudc BC va 2BD =5DC G |3 trong tdm A4BC

N
c. 9 p. '?

Loi giai

5

I[—;l !
A. 9

I[—;l
B. '9




g SN}

4B =(1:2), AC =(4:1)= AB.AC

Ta c6 khéng cung phuong.
. - 15
i md 2x, =5(3- x,) T2 (152
2BD=5DC = | oo = ‘—.:—
3(}';1 - 1) =5(- }'ﬂ] _E L 7 7]
Ta c6 7
GI350 105 y)
Trong tam . Goi ' "7 |3 giao diém cla AD va BG
0d 00 (27 9
Al =(x+1:y+1), 4D = __|
4 7 7] »
Ta co cung phucong
L 76D 70D g gy 1320
22 9
il m g
BI =(x;y- 1), BG :‘ - _;D‘
Ta lai cé " cung phuong = tén tai s6 #€R

m oo
BI ABG:x_I:f‘ ‘

Chon D
Cau 56: Trong mit phang véi hé toa do %%, cho tam gidc 4BC cé ba dinh A 1;2),

B(Z;O), c-3:1). Toa do tam duong tron ngoai tiép I cla tam gidc 48C |3

(L) 1) LB -1 13
A, 14714 B, (147 14] c. | 14714] p. | 147 14]
Loi giai

Chon D
A
N
C
B
(UL Lud
iy
. *
Gia st @b i gg: IN-AC=0 ()



Cau 57: Tam gidc 4BC cé dinh A 152), truc tam

M’[l;ll N[-Z;EJ
2 2

)

lan luogt la trung diém 4B, AC,

i ‘-| - il ‘-j 3,
wau e _ . M = —= a:1- ‘ IN = L= dy—= ‘
T 6 .43—(}.-2)’ AC—(-E._-I)’ |2 J | 2
3‘%-:? - 2(1- b) =0 Pt}
R T
-2(-2-a)- 1 %-h‘:ﬂ Y]
Do doé: ! -
;"-“.-13'
Suyra; | 14 14]
H(3:0)

, trung diém cda BC |3
M6 Ban kinh dudng tron ngoai tiép tam giac 45C |3

A. 5. B.\/g C. 3. D. 4.

Chon A

Goi O la tdm dudng tron ngoai ti€p tam gidc 48C . Ké duong kinh 44' cla
dudng tron khi d6 ta c6 ABA'=HCA'=90 nay A4'BLAB vy 4'C LAC,

Vi H 13 truc tdm cla tam gidc 4BC nén BH LAC vy CH L 4B = BH [[4'C 3
CH||4'B | do d6 4'BHC |3 hinh binh hanh. Ma diém M |3 trung diém cla
duong chéo BC nén nd cling la trung diém cta 4'H . Tl dé suy ra OM |a

o - -

00 00 4=2(6- x, (x, =
AH =20M = 0-x0) _ [xo=4
. . , . VoA -2=201- y5) o =2
dudng trung binh cla tam gidc 4HA" nén: :
= 0(4;2)

Ban kinh dutng tron ngoai ti€p tam gidc 4BC c6 dO6 dai bang

04=\(-1- 47 +(2- 2 =5




‘Dang ©: Cau trac nghiém dung, sai

Cau 1: Trong mat phang toa dd, cho cac diém AC2:BLICEL-2) cac gigm
. TR
4.8 C |an luot chia cac doan BC-CAAB theg cactiss  2° . Khi dé:
A :’I D;-%J
a) |2
b) B (2:6)
C = ]_;i
c) '3 3

b) Ba diém 4,8,C thang hang.
Loi gidi
a) bung b) Sai c¢) Sai d) bung

UL g

a) Theo dé baitacé AB8=-4C =-1= 4 |3 trung diém doan BC. Theo céng

thic trung diém ta cé:

A= _1"3 +_‘I,'L. : -IIH +_1'L. ‘ = 4 :‘ I:I: ) l
) 2 \ 2
1 Uy g U
| = BC :_BA
Vi B chia €4 tisd 2 nén 2
J.r.ll.

o
‘. 6
i



vay B (-2:-6).

- (2 4
¢ = T;Tw
Tuong tu tinh duogc VDI
[T VUL pe gy
AB :‘-2;-2‘;;1:: :‘:;ﬂ
b) Ta co \ < 3 0),

A|N/N ] AINEI}

RS rang 4B =-34C nén 4.8,C thang hang.
Cau 2: Trong mat phang toa do 9%, cho Al 2318 4-2).C(L3) i ge:
a) Ba diém 48:C khong thang hang.

(s
Gl-—;
3 3) 13 toa d6 trong tdm cua tam giac 4BC.

| 2

b)
¢) T gidc 4BCD 3 hinh binh hanh khi d6 toa dé diém D 15 P(3:10)
d) Uep =45

Loi gidi

a) bung b) Pung c) Sai d) Sai

a) Ta co: AB =(-2-7),AC =(3;0)_

i #i UuL uUU
Do -2 -7 nén 48:4C \nong cling phuong. Vi vay ba diém 45:C khong
thang hang.

[ 58]
o34
b) Do G 1a trong tdm cla tam giac 4B8C nén 33
) Gid s P51 15 cg: AB=(-2-7).DC =(1- x:5- y)
I o (-
AB =DC = {

T4 gidc 4BCD |3 hinh binh hanh néu
D(312)



d) Ta c6: AB =\[(-2) +(- 77 =53, 4C =\[[1- (-D)F +(5- 5 =3
BC =\[[1- (- A)F +[5- (-2)F =74,

Sl S

AB -AC =(-2) 3+(-7)-0 =-6_

0 000 4R .Ac ] >
cos BAC :CDS(AB,AC}:JM: ° _. 2453

|AB[{AC| 533 3 an BAC ~106

Ta co:

Suy ra

W[ N NN N]

Ta Cé: BA-BC =2.5+7.7T =59 .

Ui duu

4 59
| EA' | BC' JE ‘m nén QBC 2520. .

00 md
cos HBC =cos(BA4, BC) =
Suy ra

A

Ues =180 - (Bac+ B0y =130 - (106 +20 ) =54

Cau 3: Cho @ = 1 #3/:b =142 i go:
a) @ =C13)
b) b =(1;2)
c) @ +b =(1:5)
d)a-b =(2:1)
Loi giai
a) bung b) Pung c) Sai d) Sai

Ta c6: @ =(-13)b =(1,2)= a+b =(0;5),a- b =(-2;1)

Cau 4: Cho 9 =3 +/.b="2] ni g6:

a) @ =(-31)
b) b :(0;-2)
c) a+b =(3:1)

d) a-h :(3;-3}
Loi giai
a) Sai b) bung c) Sai d) Sai

Ta cg: @ =(3i1)b =(0:-2)= a+b =(3:- 1),a- b =(3;3)

Cau 5: Cho ¢ =3 *2/.b =i~ J khi dé:

a) @ =(3;-2)

b) b :(- 1',1)



Cau 6:

C)

2a+3b =(9:1)

d) a-2b :[1..—“

Loi giai:

a) Sai b) Sai c) bung d) bung

Ta

co:

-2b =(-2.2)= a-2b =(14)

a=—i+2j,b=i-

Cho 2

— s -

a) Sai b) bung c) bung d) Pung

Ta

—.—

co:

—-—

Khi d6:
2a-b- 3¢ =(0:-2)

a)

‘I
a=l—=:2
2

—-—

-

-

: Trong mat phang toa d6 @, cho céc vecto

b=

- - [2a =(6:4)
a =(3:2).b =(l;-1)= = 2a+3b =(91)
3b =(3;-3) )
L
2 Khi dé:
Loi giai:
2a =(L:4) e
—|= o 3= 2ﬂ+3h:‘4;:
IRRE :‘ 32 7]

2b =(-21)= a- 2b ="-%;3‘.

a =(2-2),b =(%1) 5 ¢ =(0;-1)

b) Vecto ¢ =(:- 1 cung phuong, cling huéng véi vecto @

)

c) Vecto '

)

r—

g

a=—h+_¢
3 >

i

i

I cung phuong, cung hudng véi vecto ©



Loi gidi
a) bung b) Pung c) Sai d) bung
2a =(4:-4)
-b =(-4:-1)=d :Er:h— 3c =(0-2)
-3¢ =(0;3)

7

Ta co:

=2 =2y =2¢ A N . N 7,0 ~ ,
Ta @ =(%-2) =2¢ nap a.¢ |3 haj vecto cung phuong véi nhau, hon nira chung
\ 7 ya) \ — NF ™ _-}
cling hudng véi nhau vi @ =ke.k =2>0

b =(41)=-4f b =kf k =-4<0

Tuong tu: , thc la nén b va / 1a hai vecto cung

phuong, ngugc hudng vai nhau.

Goi ™" |3 cac s6 théa man a =mb+nc ( b.c yhang cing phuong).

m=
2=md+nd
—

-2=m1l+n{-1)

Khi dé:

——

5
a=—hb+_¢
“ ]

. Vay < <

ba |y

: Trong m&t phang toa d6 9%, cho tam gidc 4BC cé cac dinh théa man

L u|N N M|N] ]

OA =2i- jOB =i +/,0C =4 +] ni d6:

a) A2- 1,81, C(41)

b) £ la trung diém 4B nén

c) G 1a trong tam A4BC nen [__3 3J

d) Diém D sao cho 4BCD |3 hinh binh hanh nén P(Z-1)

Loi giai
a) bung b) Pung c) Sai d) Sai
a) Ta c6: 04=2i-j= A2-1),OB=i+j= B(l:0)OC =4i+ = ,:[_1_.”.
o xgtxy 2413yt -1l
LR S A S S

b) £ la trung diém 4B nén hay

i



v,tx, +x.  2+1+4 7
i — — e

c) G 1& trong tadam A4BC  peén 3 3 3,
Lo YatVstye - l+1+1 1 [11]
3 3 3 hay (33,

d) Ta cé: 4BCD |3 hinh binh hanh

i i (x,-x, =x.- x,
= AD =BC = { =~ =

vay PE-1)
Cau 9: Trong mat phang toa dé 9%, cho céc diém A= %1.8(2:4).C(2:-2) khj g6:
a) Toa do6 diém D sao cho C 13 trong tdm tam giac 4BD |3 P&:11)
b) Toa d6 diém E thudc truc hoanh sao cho 4,B.E thang hang la E(-6;0)
0 BC =(0;- 6), AC =(6:- 3)

u|N N W|N]E] LIl

d) Toa d0 F théa man AF =BC-ZAC+2CF |3 F(20;5)
Loi giai
a) Sai b) bung c) bung d) Sai

C la trong tam tam gidc 48D

v _X txytx, 5= 442 4+x, o
= 3 = 3 = *p =8 .
). _YatVstys 2 :I +4+y, |y =11
3 . 3
Vay D(8;-11) .
Y o

Goi E(x:0)€0x= AE =(x+4;-1),AB :|[f:|.13}_

uuy ]A;,]E = I+4 :i
Ba diém 4BE thadng hang © 4E clng phuong 6 3

= x+d=-1= x=10 Vay E(-6:0)

A[N]N] [N ]

Goi FO59) Ta c: AF =(x+41y- 1), BC =(0:-6), AC =(6:-3)

i SN

= =2AC =(-12:6),CF =(x- 2 y+2),2CF =(2x- 42y +4).

M|N]N] | N]N]

Suy ra: BC-24C+2CF =(2x- 10,2y +4)

o od 000 M (x+4=2x-16 [x=20
AF =BC-2AC+2CF = =
Y- 1=2y+4 oy =-5 F(20;-5)

Ta cé: . Vay



Cau 10: Trong mat phang toa d& 9%, cho ba diém (-2 1. B(L3.CR2:-3) ki g6:
a) 48.C |3 ba dinh m6t tam giac.

m 71(0;-2)

b) Dié la trung di€ém cua 458

5
b) Piém M thudc OX sao cho 4M +BM bé nhat cd hoanh dd bang 4

c) Diém N thudc @ sao cho BN +CN pé nhat c6 tung dd bang 2

Loi giai
a) bung b) Sai c) Sai d) Sai
. [0 0
oo 22t o apac
Ta co: =(3:4), =(4:-2) )

;vi4 khong cung phuong.

Vay 4,8,C khéng thang hang hay 4.8.C 13 pa dinh mot tam giac.

37
-—:1
Trung diém 4B c6 toa do ' 2

¥, ¥y = 13<0

4,8 n3m khac phia so véi truc Ox. vi M

[WIN]N] [WIyE{N]

Do nén hai diém
thudc Ox ma 4AM +BM bé nhat nén 4,M,B thang hang hay AB, AM cung
phuong.

S|NN N}

Goi M(x:0)€0x= AM =(x+2:1)

r+2 | 3
TR = e ey
Ta c6 - P 4M cung phuong 3 ¢ 4.
Ml = E1_'2]‘
Do Xs e =1.2=0 B,C

nén hai diém nam cung phia so véi truc & . Lay € d6i

C-2-3)

xtmg véi € qua 97, suy ra lic nay € va B khéc phia so vdi truc

Oy)

Vi N thubc Oy hen cv =cv | Do vay BN +CN =BN +CN: tdng nay bé nhat

khi va chi khi Z:V-C thang hang hay BC-BVN cung phuong.

L u]N N}

Goi N(O:y)EOy= BN =(-L;y- 3), BC =(- 3-0)

=Y = 0=-3y+9«= y =l

-1
cung phuong -3 -0

uuu o uud =

:BC’ BN

Ta cé

vay V(O



Oxy a =(2:3),b =(- :2),e =(-0:4) khi

Cau 11: Trong mat phang toa dé , cho céac vecto

do:
a) lal=V13
b) |2 1=V3
c) lel=13
&
2

b) Vecto ¢ cung phuong véi @ va cé do dai bang 2 cé toa dd hay

3
. 2)

Loi gidi
a) bung b) Sai c) Sai d) bung

Ta c6: |41=V2#3 =R [b[=yf(- 1742 =5, c|=yf(- 0 +4* =213

Vi d cung phuong véi @ nén tén tai k€R g& @ =ka =(2k:3k)

=|d |=4k> +9k* =13k,

|”r|:vﬁ:' V13K :JFZ? 13k :%:ﬁ I :il_

Mat khac 2 2

s

d :‘I - 1:-

b | s

2

3
d =[ l;—
Vay c6 hai vecto thda man dé bai la - </ hay

2 A\4+/3:- 1), BLD:3 .
Cau 12: Trong mat phing toa d6 PV, cho A4BC i (45:-1). 8 )’C(g\/_?,_;). Khi

do:

a) AC =8
b) Tam gidc 4B8C can tai B
b) Sussc =163
b) Hpc =30

Loi giai
a) bung b) Sai c) bung d) Pung

iy -
R =(-43:4)= 48 =,[(-4y3) +4* =8



UL
AC =(43:4)= AC =\|(43) +4 =8,

iii]

BC =(83:0)= BC _J 843)7 +0° =843

Ta thay 4B =4C =8 nén tam giadc 48C can tai 4.

b) Chu vi tam gigc ABC:2p =AB+AC+BC =8+8+8\3 =8(2+3)

N(ra chu vi tam gidc la 7 =4(2+\3)

Dién tich tam gidc: “suc =/p(p- 4B)(p- AC)p- BC) =163

oo 4 JAB HACT- BC? 8481~ (8B)

1
c) Ta cé: 248 -AC 2.5.8 2

Vi tam gidc 4BC cantai 4 nén Hec =Hcp =30

Cau 13: Trong mat phang toa d6 O, cho A4Bc ygi A%60.LB(G) CL-3) i g

[NTNTH]

a) AB =(1;-5)

b) Toa dd diém D thudc Ox céach déu hai diém 4B 4 hoanh do bang 13

] la toa d6 tdm cla duong tron ngoai ti€p tam gidc 4BC
J13
d) Ban kinh R cda duong tron ngoai ti€p tam gidc 4BC bang 2
Loi gidi
a) bung b) Sai c) bung d) Sai

NN}

b) Goi D(x:0)€0x = 4D == 4 +(0- 6F =x* - 8x+52

BD = f(x- 5) +(-1)* =y/x* - 10x +26.
Ta c6: AD” =BD* & x* - §x+52 =x*- 10x+20 & 2x =20 & x =- 13 ygy D(-130)

c) Goi 1(%9) |3 tam dudng tron ngoai tiép A4BC . Ta cé: 14 =IB =IC

(14° =1B°
4 =ic’

[(x-4) +(p=-0) =(x-5F +(y-1)
—
(x- 4y +(y-0) =(x-1) +(p+3)

=




-0x- 18y =-42 1—5 j[-l-i]
2 . vay 22
T
R =IA :J‘J}_-_; + %G| :JI?BD
d) Ban kinh dudng tron la: I 2

Oxy (7:-3), B(8:4).C(L5) D(0;-2) ypi

Cau 14: Trong mat phang toa do , cho bon diém

do:

Lig g

a) 4B =(1:7).AC =(- 6:8)

b) 4.8.C |3 pa dinh mot tam giac.
c) Toa d6 diém K(3:4) la chan dudng cao ké tir 4 cla tam giac 48C,

d) Bon diém 48.C.D |3 psn dinh cla mot hinh vuéng.
Loi giai
a) bung b) Sai c) bung d) Sai

L W|N N

a) Ta c6: 4B =(1:7),4C =(-6:8)

1
b) Vi -6

4,8,C |5 pa dinh cla mot tam giac.

.
;ﬁ_ NN N[
8 nén hai vecto 45:4C khéng cung phuong, suy ra ba diém

L AN

) Goi K%D) 13 giém can tim, ta c6; AK =(-Tiy+3).BK =(x-8y- 4)

[N NN}

BC =(-T:1)
cUUL LUy ?'?f_.‘l.'-?}+|f__1'+3}:[:l
AK -BC =0( do AK LBC - :
ift o ) } Sqx-8 _y-4
Ta c6: BK,BC cung phu'o'ng -7 I
- Tx+y=-52 {1 =8
= =
x+ Ty =30 vy =4
vay K&4),

d) Ta c6; D€ =(L:7) =AB= ABCD |3 hinh binh hanh (1).

m|N N} SN} W|N]N)

M&t khac: AD =(-T 1), AB -AD =1 4{-7)+7 1=0= AB L AD (2): AB :‘45:5\]{5
(3).

Tu (1), (2), (3) suy ra 4BCD | bon dinh ciia mot hinh vubng.



—_———

@ =2 $3j b= i-Sjc=3.d=-2j
Cau 15: Cho cac vecto 3 . Khi do:
4) 4=(2:3)
b B |
b) 3
o ¢ =(0:3)

d) d =(0:-2)
Loi gidi
a) bung b) Sai c) Sai d) bung

—-—

a#lhhﬂ-:sm:&mﬁ:Mrn
Ta cé: 13 -

e

a=i-3jb :i—s +j,c=-i +%f._ﬁ‘r =-4j,e =3i

Cau 16: Cho céac vecto . Khi dé:

a) @ =(1:-3)

A

1;2]
C) 2

d) @ =(0:-4).e =(30)

b)

—

C —

Loi giai
a) bung b) Pung c) Sai d) Pung

a=(:-3),b= é.{l e :‘ - |.:§ .d =(0;-4),e =(3:0)
Ta cé: . Ve
a =205 = - 12 | e =(4-6)
Cau 17: Cho cac vecto v &) . Khi do:
a+h :‘ - I;%
a) <1
2a-3b+5 = 2?;-%3
b) <
|
m :T
A
" _L
c) Cho ma+b-nc=0ghigs | 12




d) ¢ =-4a-12b
Loi giai
a) Sai b) bung c) Sai d) Pung

-

a+b :‘ 1;,1}—
a) \c
2a =(4:0)
-3b :‘ 3:- E‘:“' d =2a- 3b +5¢c :| 27,- E|
| 2) | 2 |
b) Ta cé: | 5e =(20:-30)
T ~ 2m-1- 4n =0 m==
ma+b-nc =0+ 1] = 3
—+60n =0 1
2 n=-—
c) Ta co: . | 12
(4=x 2+ (- )
v 24 1) xr=-4
| =
-0=x 0+y — y=-12
d) Goi: c =xd +_1'hf_.1'.__1'EIF{}. Ta c6: | 2 \

Vay ¢ =4a-12b

Cau 18: Trong mét phang toa d6 P, cho hai diém A3 3LBL0)  khi go:

! 2;i
a) 2) 13 trung diém cla 48
b) Toa d6 diém C sao cho OC =-34B |3 C(6:-15)

c) Toa do diém D dsi xing véi 4 qua € 1a P(%:25)

35
d) Toa d6 diém M chia doan 4B theotis6é ¥ =-3 la 24

Loi giai
a) Sai b) bung c) Sai d) Sai

]

a) Goi Clrcive) Ta c6: 9€ =G ). 4B =(-2:5) = - 348 =(0:- 15).

i 0 [x. =6
OC =-34B = { - = C(6:- 15).
VY. ==

e L



b) D d6i xing véi 4 qua € hay € la trung diém cla

(x, =2x_- x, =2.6- 3=9
- . = D(9;-25).
| =230 - v, =2(- 15)- (-5) =-25 '

ol 0 (x-x =k(x. - x
k & MA=kMB & |‘ x, =k G, - x,)

c) M chia doan 4B theo ti so

\ _x, -k xy ' 3+3.1 3
, == x, = = . .
- I L y g
1- & ¥ 2 .-w‘—_-”—‘
L =X -k y, 1 _-3+30 _ 5 2 4
Suyra: ' I-k  mak=3nén! 4 4

Cau 19: Cho ba digm A" LD BZD.CL-3) e g6
a) 4,8.C |5 ba dinh cla mot tam giac.

b) Sype =12

¢) TG gidc 4BCD 13 hinh binh hanh khi P %-3)

5
d) Biém N thudc truc % sao cho ¥ cach déu B-C c6 tung do bang 8
Loi giai
a) bung b) Sai c) bung d) Pung

ms N uuu

AB =(3:0),AC =(0x —Hl Xét

a) Ta cb s6 thuc 4 thoéa man

T [3=k0
AB =kAC =

(vé li). Do vay khong ton tai s6 %~ thda man
[N]N]N] (H[N]N) uuu Uy

AB =kAC hay hai vecto 48-4C khéng clng phuong; suy ra ba diém 4,
B.C khdng thang hang. Vay 4,8,C |3 ba dinh cla mot tam giac.

Ly
b) Ta cg: AB =3 +07 Z3AC =07 +(-4) =4,BC =(-3:-4) pc T =

D& thay 4B +AC =BC" nan A4BC yuéng tai 4.

Chu vi tam gIéC ABC |3 EJU =AB+ AC+BC =3+4+5 :|2

1
S, we =—AB -AC =

Dién tich tam giac la: 2

|_.3, 2 =h
2

W[N]N) W NN}

c) Goi Dixiy)= DC=(-1- x:-3- v),AB :[3.{0}_



T o [-1-x=3 ([x=-4
= A =DC = { 3 _[}c::r { s
ABCD |3 hinh binh hanh 72T ¥ = V=3 = D(-4-3)

N(0;y) = BN =(0-2) +(y- 1)
4 Goi  LCNT=(0+1)+(y43)

N CéCh déu B Vé C'::" E,"'Ir'- :CI."V- =1 Elﬁlr.': :C.ﬁlr'-:

i . . : 5 .3
© 2 4(y- 1) =P +(r+3) @ - 2y45 =740y 410 y == o = :’“‘ 0:- 3

Cau 20: Cho tam giac 4BC c6 A1) B(2:4).C2:-2) ki g6

a) 4BCD 13 hinh binh hanh khi 2(#5)

b) Toa dd diém E d& tam gidc BCE nhan diém 4 lam trong tam 13 E(8:1)

H
c) Toa do truc tam H cua tam giadc 4BC |a

2

al

d) Toa d6 tdm duong tron ngoai ti€p tam gidac 4BC |a
Loi giai
a) Sai b) bung c) bung d) Pung

uuu SN}

a) Goi Plx:y)= DC=(2-x:-2- y).AB =(-23)  4BCD |3 hinh binh hanh

id 00 (9. x=-2 ([x=4
ﬁAE:DCt&{ ) _31:::!{ __s
._“_ ¥= -*1 - hay D(49—5)

b) Tam gidc BCE nhan diém 4 lam trong tdm nén

Xp ¥ X T X 242+ X
x,="EoTe e =t TR
X, 3 3 {T.l: =8
= =
p o FatVerye || _4-24y,  |ye =l
" ’ | 3 vay EGD).

S[N]N} LILILE

C) Goi H(x:y)= AH =(x- 4;y- 1), BH =(x- 2 y- 4),BC =(0;-6) AC =(-2:-3)

[ NN LIl
AH L BC |AH -BC =0
or 1 4c S 1000 000
H |a tryc tdm tam gidc 4BC nén - BH -AC =0
0(x-4)- 6(y-1)=0 . :g ;
- 2(x-2)- 3(p- 4) =0 N H[—;l]

hay



d) Goi /(3¥) 13 tam dudng tron ngoai tiép tam gidc ABC.

i -

P =BI’ - 4) = 1Y =[x~ 2)? AT

T4 =IB =]C & A‘Fﬂ B'IF-' = f."" 4}-' +f_,1 ”-' f:.". ._.}-' +lr__]. 4-}-'

Ta co A" =CI° [(x-4) +(y- 1) =(x- 2) +(y+2)
(-8x-2y+17 =-4x-8y+20 [-4x+6y =3 e=2 (3 )
=] =] { = 4 = f| _;|‘
- 8x-2y+17 =-4x+4y+8 = 4x- 0y =-9 - |47

Cau 21: Trong mét phang toa d6 P, cho @ =2+b =3/ i d6:
5) 4 =(20)
b) b =(0;-3)

—(-
C) a+h (1_”3)

d) Ja- 2b =(60)
Loi giai
a) bung b) Pung c) Sai d) bung

Ta c6 @ =(2:0),b =(0;-3) a+b =(2-3)
Khi d6 3a =(6:0).-2b =(0:6) ap m =3a - 2b =(6+0:0+6) =(6:0)

Oy A(- 13), B(Z3) «hi do:

Cau 22: Trong mat phang toa do , cho hai diém

uuu

a) 4B =(3:-2)

b) BA =(-3:2)

[N NY NN

¢) Toa d6 diém M thoa man: AM =(-41)y M(-54)
AB |y N(14;13)

[NN]H]

d) Toa do diém N théa man VB =-4
Loi giai
a) Sai b) Sai c) Ping d) Pling

Ta c6 4B =Coy- %2, - ».)=(32) 3 tyong ty B4 =(-3-2).

S NE]E]

Mxiy) AM =(x+1;y- 3}_

(x+1=-4 {.1':—5
g —
Do AM =(-41) pap (V- 3=l I = vy MG 54).
Tuong tu goi diém Vi) g g VB = xiS- 0 ) AB=(32) o6

m ol [(2-x, =43 [x, =14
NB=-4AB= { " _ ,}ﬁ{. _ |
Syy =42 [y =13 vay N14:13),



W[N]N}

Cau 23: Trong mat phang %, cho Cho #4(2:11:8(0,-3),0C =/ +3i hi g6:

LI W|N N

b) O4- 208 =(3:.7)

c) Toa diém D sao cho AP =(7:-9) |5 D(%-9)

d) Toa diém E sao cho OF =04- 208 3 E(Z7)
Loi giai

a) bung b) Sai c) Pung d) Pung

W) s N

OC =j +3i = 0C =3i +] = C(3:1)

| (v -7 = —
AD:[?;-Q}m{‘“ 2= ﬁ{‘“ '
¥

Yo

: :'S.vay D(9%;-8)

Ta cd

LI W|N N uuu

Ta c6 OA- 208 =(2:7) hap OF =(2:7) Vay E(2;7)_
Cau 24: Xét tinh ding, sai cia cadc ménh dé sau:

a) Ba diém A(- 11), B(0:- 1).C(L1) tao thanh tam giac can

A(0:2), B(6:4),C(1: - I}tao thanh tam giac can

-20),B(3;2),C(27)

b) Ba diém

c) Ba diém
d) Ba digm All1):B(2:4).C(10:-

tao thanh tam giac vudng
2}ta_ao thanh tam giac can
Loi gidi
a) bung b) Sai c) Pung d) Sai
a) 4B =J1+4 =\5:4C =4 =2:8C =\1+4 =5 = 4B =BC(=\5)= MBC 3, tai

B
b) 4B =\30+4 =2J10:4C =149 =J10: BC =25 +25 =52 \;;
'BC* =50

. i = BC" =AB + AC" = AABC
| AB* +AC* =50 vubng tai A

c) 4B =25 +1 =420 AC =\l0 +30 =\/52: BC =\[1+25 =[20

. ! _ gl (=52 f A i
vi ACT =AB +BC(=52)= MBC \yanqg taj B.

\ = — 2 J A A i
My BA=BC(=420)= A4BC vuodng can tai 4.

d) 48 =J1+9 =10: BC =/64 +36 =10:4C ={/81+9 =00 =310

= BC" =AB" +AC'(=100)= AMBC \5nq tai 4.



Cau 25: Cho AL1.B(2:4),C10:-2) i 46
a) A4BC yudng tai 4.

b) Syipe =12

BN ="

[ Y r—
Tk

c) Do dai trung tuyén

d) 1(6:1) |5 toa d6 tam duong tron ngoai ti€p A4BC,
Loi gidi
a) bung b) Sai c) Sai d) bung
a) 4B =J1+9 =/10: BC =64 +306 =10;4C =81+ 9 =00 =310

= BC =AB" + AC(=100)= ABC \, ang tai 4.

S pe =2 AB -AC =1 10 3J10 =15

b) 2 2
v, +x.  1+10 11
X, = — = ; )
2 2 2 11,1
AC = = < <4, .-x-'|—.:-_
y,*y. 1-2 1 2 2]
CN TS T T
c) Goi N la trung diém 2 2 2
3.-1-‘:J‘?-2 +|-;-4‘ _V

2

d) Goi 7 la tdm dudng tron ngoai ti€p A4BC -A4BC yudng tai 4 = 1 la trung

x,+x.  2+10 6
x, = = =
i 5 9
BC = = - = J(6:1)
P :JIH T Ve :4_ =1
o 2 2

diém

Cau 26: Biét
a) a :(193)

c= l;g]
C) 2

d) d =(0:-4).e =(3:0)

Loi gidi
a) Sai b) Sai c) Sai d) bung



a=i-3j= a:{I;—B};b:%i+j=a h:‘

d =-4j=d =(0;-4)e =3i = e =(3;0)

Cau 27: Cho @ =L-2)b =(0:3) khi gé:

g) a+b =D

b) a- b =(L5)
c) 2a-3b =(2,13)
d) a+2b =(1,4)
Loi giai
a) bung b) Sai c) Sai d) bung
x =a+b=(L1), y=a-b=(-5),z=2a-3b=(2,- I3}_

a+2b =(1.4)

Cau 28: Cho hai diém 43:-3:BL0) wpi g6

uuu

a) 4B =(-25)

[NN]H]

a) Toa do diém C sao cho OC =-34B |3 C(6;-3)

c) Toa do diém D d6i xing cta 4 qua € c6 hoanh d6 bang 7

M ‘ 3. ]
d) Toa do diém M chia doan 4B theotis6 ¥ =-3 |a 2 4
Loi giai
a) bung b) Sai c) Sai d) Pung
mi o0d i) I [a=6
Cla:b)= OC =(a,h);AB =(-2;5).0C =-34B =
Goi b =- IS.
vay C(6:-15)
Goi Dlcid)= CD=(c- 6:d +15) -AC =(3;- 10),
00 000 [c-6=3
AC =CD = = D(9;-25)
d+15=-10
Goi Mixiy)= J‘r}:d =(3- x;-5- y), J‘l}JB =(1- x;- ‘1'}_
Vi M chia doan AB theo ti s6

] 00 (3- x =-3(1- x) (3 5
kF=-3= MA :—B.HB:{ ==~M|— —‘
=3- y=-3(-») 2 4]



Cau 29: Cho ba diém AL-2).8(0:4).C(32) i g6

a) AB =(- 1:6)

L g

b) AC :E3;4};BC :f_?#.f‘ 2}

I 1@4
c) Toa do trung diém cla doan 4B |a 2

UL g a|uN]

d) Toa d0 diém N sao cho AN +2BN-4CN =0 |3 N(L12)

Loi giai
a) bung b) Pung c) Pung d) Sai

LIl W|N N E|NN)

AB =(- 0} AC =(2:4): BC =(3-2)

1+0
iy, =— =

-

b | =

-2+4

.]'I.' = 3 :l I
- . Vay

1
)
Vi 7 la trung diém cla doan 4B nén 2,

Goi N(x;y) Ta c6: AN =(x- Ly+21BN =(x1y - 4CN =(x- 3y~ 2)

AN +2BN - ACN =0 =

= N(1L:2)
Vi |+ 2+2{y-4)- Hy- 2)=0

2

Il @l 00~ [x-1+2x-4(x- 3)=0 {r:ll

_1 !

Cau 30: Trong mét phang toa do %', cho AZD).B(-L-2),CE32) i go:

ul|-L2
a) Toa dd trung di€m clia doan thang 4C la 22
b) AB =(-3:-3), AC =(- 5:1)
c) Ba diém 4B.C thang hang.
2 1
G —1—]
d) Toa db trong tam tam giac 48C |a ! 33
Loi giai
a) bung b) Pung c) Sai d) Sai
2-3 1
T TS (1 3]
AC = - “:«.-w‘-—.:—
1+2 3 . 2 2)
Vy =—— =—
Goi M 13 trung diém 22
Tinh dugc 48 =(-3:-3).AC =(-31) 451 gén hai vecto d6 khéng cung phuong.
N6i cach khac ba diém 4 5.C tao thanh moét tam giac.



Goi G 1a trong tdm tam giac i 3 3
Cau 31: Cho @ =(1:3):5 =(0,=2).c =(x.1) khi g6:

a) alb

b) Khi x =-3 thj a Lc,

1
c) Khi e thi @ cung phuong <.
ald
d) (P 4=20 4y d =(i- 1)
Loi giai
a) bung b) bung c) bung d) bung
a) @b =10+3(-2)=0=alb

b) Ta cé: alceac+ac, =0=lx+31=0s x=-3

T g« T
& — =S & =&y =—

c) @ cung phuong a a 13 3,

-

r .

a-d=0 |a,a',+mw =0 [d,+3¢ =0 d, =3
— - — -

—_—

b -d =20
d)" '

= d =(3;- 1}.

E=]
b d =20 bd, +b,d, =20 od, - 2d, =20 d, =1

‘Dang ©: Cau trac nghiém tra 16i ngan

Cau 1: Tim toa do cda vecto « bigt *(2m~L-2) 3y cling phuong véi Y 2Zm+3).

Tra 1oi: Y- 2)m(-8:-2)
Loi giai

Vi u(2m-1,-2) cling phuong Véi v(-2;m+3) nén (2Zm- 1)(m+3)-(-2)(-2) =0

’

hay 2m’ +5m-7 =0

;
7 1% m==_
Do d6, m =1 hoac 2,

T & TR P T |
Vay toa dd cla vecto can tim 1a u(l:-2)iu(-8:-2)



Cau 2: Trong mat phang toa do 0%y cho hai diém MM (33) 1y, toa do diém
P nam trén truc hoanh sao cho ba diém M.N.P thang hang

Tra 16i: TU17:0)
Loi giai

P la diém nam trén truc hoanh nén P,0) 15 cg: MV =(- 821 MP =(x- 5:-3)

i od |x-5=k (-8 |[*V7
MP =kMN = .

Ba diém M:V:P thang hang khi

vay PAT:0).

Cau 3: Cho cac diém A1:2).8(2:00:c(:5)y, toa do

AM +2BM +3CM =0

diém M sao cho

M ‘ L ‘

*FI

bd | —

Tra loi:

Loi giai
; _l_ll_l_l o i L ‘} _l_ll_l_l ] -}I I _l_ll_l_l . L q . . n .
Ta c6 AM{x-Ly=-2).BM(x+2:y).CM(x:y-3) Ty didu kién da cho ta suy ra

{l[.‘r- +2(x+2)+3x =0

1 17
= 7 } = = 2 A \ X==—V=—
Lo 242p+30r-3) =0 Gjai hé phuong trinh ta dugc 2 0, suy
M|- é;ﬂ‘
ra | 2 6

2 A — . — = 3" N —_— T N .
Cau 4: Trong mat phang toa do O, cho @ =(m:2).6 =(-3n) 5 ¢ =(-2m7) 1y m.n
gt:c =a+b

Tra loi: ™ =Ln=3

Loi giai

-
—_—

~2m=m-3 m =1
c=—a+h = =

, =2+ =5, = =
Ta c6: 7 n | 1 m=Ln 5.

Vay
Cau 5: Trong mat phang toa d6 9%, cho @ =(m:2).6 =(-3in) 5 ¢ =(-2m7) g m.n
at-c =2a- 3b

9
m=-—,n==1

Tra loi:



Ta c6: 2a-3b =(2m+9:4- 3n)
g
- =2m=2m+9 m=-— g
c=2a-3b= 4 = m=-—,n=-1
7=4-3n v =1 4
Do d6 —

(2:2),B(1:- 3),C

Cau 6: Trong mat phang toa do O cho 4 30 1im toa do diém E th

LI NN LI

Oé mén AE —=- EAB-I"?}AC

Tra toi: £ 116).

Loi giai

Gid su E(x;y)_ Ta 4 AE =(x- 2y-2),AB =(- ;- 5),AC =(- 5:-2)
0 oo ood {1—-2:43 (x=-11

Suy ra

THN] SN} AE =- 2)‘18""3)‘1(__“:“ —
-24B+34C =(-13:4) Do g6 y-2=4  |y=6.

vay EC11:6)

Oxy (-3:4),B(-L-2) C(@&l)

Cau 7: Trong mat phang toa do , cho tam giac 4BC cé A S

Tim toa dd diém M trén dudng thang BC sao cho dién tich cla tam giac
ABC pang ba lan dién tich cia tam gidc 4BM ,

Tra toi: M(2-1) 5 M(-4-3)

Loi giai
Vi M nam trén dudng thang BC nén dién tich cGa tam gidc 4BC bang ba
lan dién tich cha tam gidc 4BM khi va chi khi BC =3BM (hai tam gidc c6
cung dudng cao ké tu 4).

S N|NN) W NN

Gia st M(x;y)_ Ta c6: BM =(x+Ly+2),BC =(%3)

uuu uuuu

Trudng hgp 1: BC =38BM

BC =3BM =

=
Ta c6: 3=3(y+12) Ly = I. Vay 114’(2;-1).

Trudng hop 2: 8C =-38M
M 00 (9 =-3(x+1) [r=-4
Bc:_m.-wﬁ{}_Bl ﬁﬁ{I_B ns

Ta cé: 3=-3y+2) |y=- “Vay (-4;- ]

Vay c6 hai truong hgp diém M thod man bai toan la: M(2:-1) 3 M(-4-3),

Cau 8: Trong mat phang toa do @, cho hai diém AL BOB) 1y toa do diém

M thudc truc hoanh sao cho Une =90



Tra 1oi: M(%0) 3 M(6:0)

Loi giai
Piém M thudc truc hoanh nén gia s M (1:0).
Ta cé: tfd =(1- n:.jE]l..-J‘l»Jf:E =(9- m.j?;]l.

g NN

Theo dé baj AMB =90" = MA -MB =0 < (1- m)(9- m)+5 3 =0

m=6
m=4.

e nt-10m+24 =0

VAy c6 hai trudng hop diém M thoa man bai toan la: M(%0) 3 M(6:0)

Cau 9: Trong mat phang toa d6 P, cho hai vectg 9 =B3m:4m=1) 5 b =(V2:V2) (yi

m |13 tham s6). Tim ™ dé& géc gitra hai vecto @ va b bang 45 .

2 m =
Tra loi: 4
Loi giai
- 31}?5}1-r[ihf:— |}1JE? __:JEE

cos(a,b) =cos45 =
JBHHE+[$H—IF-JE+E 2

Ta c6:

Tm-1
- ~1.
J25n7 - 8m+1

Ta cé: 25m* - 8m+1>0(1),7Tm-1>0(2) vy Tm- | =~[25m" - 8m +1 (3)

Giadi phuong trinh (3), thay gié tri nghiém vao (1), (2) dé€ kiém tra ta c6

m=—
4 .

Oxy A4-2) |y BU0:4)

, cho hai diém

uuu uuu

diém M trén truc tung sao cho | MA+MB| g5t gia tri nhd nhat.

Cau 10: Trong mat phang toa do . Tim toa do

Tra 16i: (0D
Loi gidi

Diém M thudc truc tung nén gid su MO:m) 15 co, MA=(4-2-m)

LI LIl SN N

MEB =(10;4 - m) MA+MB =(14:2- 2m) Do dé

TR : -
| MA+MB|=\[14 +(2- 2m)* 214

Suy ra

uuu uuu

. D&u bang xay ra khi m =1, vay | MA+MB| gat

gi tri nhé nhat bang 14 khi M c6 toa do 1a ()



Cau 11: Trong mat phang toa d6 %, cho cac vectg @ =(Z-1:0 =1 3
d :(EHH 21- m:)
Tim ™ duong biét rang 4 cung phuong véi «.
Tra loi: m =2
Loi giai
2m+2 _1-m’

Ta c6 4 cung phuong véi <« khi va chi khi 2 - 1

. . m =- 1
= =2m=-2=2-2m = 2m -2m-4 =0= 5
m =2

Vi " duong nén m =2 théa man.
CA&u 12: Cho cac vecto @ =(L;-2),b =(-2:-0),c =(m+n;-m- 4!?}.

Tim hai s6 ™" sao cho ¢ cung phuong ¢ va lc|=35

{ m=2_ |m=-2
Traloi: ("= =
Loi giéi
- ‘m+n _-m- 4n
| c |:3J§ = 1 -2
¢ CUng phuang a vy I-\l’f_m+n}' +(-m-4n) :3\-"'5
=2m-2n=-m- 4n [ =2n 'm =2n
= ) vl had 2 vl had 2 vl
(m+n) +(m+4n) =45 [(3n)" +(On)" =45 [(3m)” +(0n) =45
(m =2n m=2_ [m=-2
= ) = .
450~ =45 n= n=-1

N ) a :I—f-Ej.b =xi-4j i}
Cau 13: Cho céac vecto 2 .Tim X dé&: alb

Tra loi: x =-40

Loi giai
a= I-.j-"'\‘ b=(x;-4)ialbe —x+(-5)-4)=0+= x=-40
. 2 %
Ta co: \ £ =
a=—i-5j,b=xi-4j .
Cau 14: Cho cac vectd 2 .Tim X d&: la|=5b],
B7

x=+—
Tra loi: 2



ﬂ .
N Ve ﬂ :_{_ qj-b_".{_4j N < b AY ya
Cau 15: Cho cac vecto 2 . Tim X dé: %Y cung phuong véi nhau.
2
2 \ - x =C
Tra loi: 5
Loi giai
x -4 2
—_— = X =—
I -5 5
2

Ta c6: 4P cung phuong khi va chi khi

Cau 16: Cho tam giac 4BC cé cac dinh A(L1), B(2:4), C(10:- 2) . Tinh dién tich tam giac

ABC
3
Tra 15i: 2
Loi giai
Ta c&: AB =(1:3),4C =(9;-3), 4B -AC =1.9+3(-3) =0= AB LAC

Vay tam giac 4BC vubng tai 4.
AB =\ +3° =10, AC =\(9° +(- 3] =310,

ABC:S,,. = AB -AC :I; 10 3410 :%

2

Ta co:

Dién tich tam giac
Cau 17: Cho tam giac 4BC c6 cac dinh AL1).B(2:4).C10:-2) 1inp cos B,

J10

Tra loi: 10

Loi gidi
Ta co: BA =(- 1;- 3), BC =(8;-6) = BA -BC =- 1.8 +(-3)(- 0) =10
]]j" ]]j'- LLLI .JJJ
cnsB:cns(BA,BC}:ij zg = IDﬁ : :*{E
Suy ra: Y12 +37 87 +(-0) _

Cau 18: Tim diém C sao cho tam gidc 4BC vudng can tai B voi &4 5L,



Tra 1oi: ("22):(%0)

Loi giai
H[N[H]

Goi C1Y)= BC=(x-Ly-1),BC=(x- 17 +(y- 1’ | B4 =(1:3). 4 =T + 5 =410

cUL  Ouu -
BA -BC =0 {Il{.‘r—l}+3l{}'—l}::}
—

BA =BC J- 17 +(p- 17 =J10

Tam giac 4BC vyubng can tai

x=4- 3y x=4-3y

= - : ) = ] )
(4=3p-1)7+(p-17 =10  [[3(y- D] +(y-1)° =10
f.‘r =4-3y x =-2, (x =4

=1 . =
10{y-1)" =10 [y=2 |[y=0

Vay c6 hai diém théa man [a (2240

Cau 19: Tim dinh D cda hinh thang can 4B8CD vgi A(2;,0),8(0;2),C(0;7)
Tra 16i: D(7:0) hozc D2:9)
Loi gidi
Goi D)

u|NN]

=‘L(J_"J.JD =(x;y=T7)AD =(x=-2:y)
1m 100
AB =(-2:2)= 4B =22, BC =(0:5)= BC =5

| Dy
G<
B 2
2 =
[#] A I =
Trudng hgp 1: Hinh thang cé hai day AB,CD
SUUd uag .
AB,CD cung phu'o'ng
Ta co; (AP =BC
[(x  p-7 .
-5 {.‘r:—}'+?
= =4 i =
— (-y+7-2) +3° =25
I-.,’l[.‘r— 2y +y° =5 '




x =2
) = p— '}: 4 = 2 :'} 7 - .
Véi L‘ =5 ¢y CO=N2 +(5-7) =02 =48 | o)

Trudng hgp 2: Hinh thang cé hai day BC. 4D
Lam tuong tu, ta c6 duoc diém P(29),

Cau 20: Cho ba digm AU L4 BEDCE-1 1y giam m thudc truc hoanh sao cho
MA- MB bé nhat.

Tra loi:
Loi giai
Ta thay: s =4.1=0= 4.B

nam cung phia so vGi truc Ox., Ta cé:
| AM - BM

=ARB

XK

<AB ap | AM - BM |

Gia tri Ién nhat nay dat dugc khi 4,B.M thang hang (M nam ngoai AB). Goi

SN} SN}

M(x:0)€ Ox = AM =(x+1:-4), 4B =(2;-3)

x+l -4
uuuy uug

= =—= Jx+l)=8 = x=
Ta c6: AM.4B cng phuong 2 -3

1%[2,0]

hay 3,

Cau 21: Cho ba digm A EH:BLED.CG-D 1o, gigm ~ thudc truc hoanh sao cho
¥A-NC| g i,

%
13,
3

Led | L

N
Tra 16i:

Loi gidi
Ta thay: ¥+ Ye =4 D <0 nan 4C n3m khac phia so véi truc Ox.

Lay diém €  d6i xing véi € qua Ox. Suy ra G va CA cung phia so véi
Ox

Ta c6; NE€Ox= NC =NC",\jj vy [V~ NC|=[va- v =ac



|ﬁ£4 - ?ﬁﬁjnux =AC 14,(j:-hf

Suy ra: . gi4 tri 16n nhat nay dat duoc khi

thang hang

(N nam ngoai 4.C),

Goi N(@0)eOx = AN =(a+1:-4), AC ={4;~- 3}

a+l -4

= = -3&‘-3:-|ﬁ'¢=“ﬂ:£

cung phuong nén 4 -3

[NpN]N] [NINjNN)

vi AN, AC’

13

[0
vay 3

thda man dé bai.
2 A P ) " R .
Cau 22: Trong mat phang toa do Oxy, cho cac diém A(2,4).8( I'-B]', C(2,3) . Tim toa do
diém E théa man dang thic vecto AE - JEC+1EB =0

13
5 —
2

E
Tra loi:

Loi gidi
N NN un

E(x;y)-AE =(x-2,y-4),EC =(2- x,5- y),EB =(-1- x,3- y)

M 0 00 " [(x-2)- 3(2- x)+2(-1- x) =0 [2x- 10 =0
AE - 3EC+2FER =0 =
(y=4)-3(5- y)+2(3- y) =0 2y-13=0
(x =5
=113 =~E| =
- 2

Cau 23: Cho hai vecto ¢ =(52) v3y 2 =(53) Tim toa dé cta vecto 4 =2a-b yv3

v =a +3b
Tra 1oi; ¥ =(16:11)
Loi giai
Ta c6: 20 =(24) 3 b =(5:3) nan ta suy ra 2 b =3 yay v =31

Ta co @ =(1:2).3 =(15:9),a+3b =(16:11) s, v =(16:11)
Cau 24: Cho hai vecto @ =(372) y3 » =(:4) Hay phan tich vecto © =(5:0) theo hai
vecto @ va b,
Tra loi: ¢ =2a+b
Loi giai

Gia sir € =¥ +¥P Knidéta co € =(2T 1 Irtay)



2x+y =5 x=2
—

Mt khac € =(550) guy ra [-2x+4r=0" [»=l
Vay ¢ =2a+b

Cau 25: Cho @ =(x:2hb =(=31).c =(x7) Tim x pigt ¢ =2a +3b
Tra loi: x =15
Loi giai
Ta c6 20 =(2x14),3b =(- 15:3) gy rq € =2a +3b =(2x- 157)
Mat khac ¢ =(\Z,7) nén 2x-15=x < x =15

Cau 26: Cho ba digm AL0).B(03).C(-3-5) 1y toa d6 diém M thudc Ox sao cho

SN uu U

T 32MA- 3MB+2MC | dat gia tri nhé nhat.

Tra 1oi: M(40)
Loi giai
+M € 0x = M(m:0)

SN} Ll WN]NN) S|N]N N E|NN) uuu ms N

+T = 2MA - 3MB +2MC |2 MO + 204 - 30B+20C

aNN] alujN)

LLILL] LLIL
Dat 4 =MO+204- 308 +20C

WN)N N}

204- 30B +20C =(- 4:- 19 MO =(- m:0) = u =(-m - 4 - 19)

T Su |:J|[m +4) +19° 19,7 =19 m :—4_ Vay M(-4; 0).

Cau 27: Cho ¥ =%~ L3 =(Lx+2) "4 nai gia tri cia X dé « cung phuong véi v .
Tinh tich hai gia tri dé.
5

Tra loi: 2

Loi giai

V6i x =2 Ta c6 1 =(-23)v =(L0)

1 0
*=—
3

Vi -5 3 nén hai vecto ¥ khéng clng phuong

Véi x#-2: Ta c6 "' cung phuong khi va chi khi I x+2
x =1

o (2x-1)x+2)=3e 2x" +3x-5=0=

-5
X=—
2



Vay tich cta chung la

Cau 28: Cho Al2-4):B(0:0).C0m43) ging m g8 48.C thang hang.

Tra loi; m =10
Loi giai

Ta ¢ AB =(4:4) AC =(m - 2:8)

m-2 B
uuu uuu — =—=m :l[:]
4.B,C thang hang = 4B-4C cing phuong 4 4 :

Vay m =10 thj 4,8.C thang hang.

Cau 29: Cho A(L:2). B(- 3':'3}. Tim toa do diém M trén truc 9 sao cho ba diém

4,8.M thang hang.

ﬂff[ U;EJ
Tra loi: 3
Loi giai

Ta c6 M trén tryc &= M(0:y)

uuu uuuu
A,B.M

Ba diém thang hang khi 4B cung phuong véi AM

SN NN

AB =(- 3;4), AM =(-L;y-2)

Ta cé
1m0 - . 10 |
uuy . . Aﬂ,f [ —) _I :'1 - [ — _].' :E R JIM- [ 0,?J
4B cung phuong véi -3 4 3.vay | .
{c_r, x =38
Cau 30: Cho @ =(5:216 =(7:-3) Tim x tha (2 * =30,
Tra 1oi: * =(0:4)
Loi gidi
frl'.‘f =38 fﬂ,.\', +a,x, =38  [5x +2x, =38 [x, =6 ~
- e 2 T, T s { = x =(6,4).
b x =30 |bx +bx, =30 Tx,- 3x, =30 |x, =4

Cau 31: Tim gdc gitta @ va b trong trudng hop sau: @ =(4%3):6 =(L7)
Tra loi:

Loi gidi



- . ¥
cos(ap) =8 b= 41437 25 |

= = :—='r|{
lal b J#+3 JE+7 5502 2

a.bh) =45

Cau 32: Cho AZ3)BOA).C0) 1y » g& A4BC yubng tai C.
y =0
Tra loi: |V =7

Loi giai

CA=(-3:3- y)iCB=(44- yRMBC  \ysng tai C<= CALCB< CACB=0
, , y =0
@ - 124(3- y)4- y) =0 & - 12412- 3p-dy+ )y =0 y - Ty =0 |~
.-ll :

Cau 33: Cho A48C ¢g Al-3:0).B(L-2).C003) 1y tam duong tron ngoai tiép A4BC,
Tra 1oi: {13
Loi gidi

Goi 7Gx 2) |3 tam dudng tron ngoai ti€p A4BC = 14 =IB =IC

(14=18 _ [14® =1B®

— f=J
“=ic |4 =IC’

(-T..- - X ) +(J'..- iy )y =(x 5 X )} +(y 5=V )

—

o= x, Y40, - 0, Y =Go-x, Y+ - 3, )
(-3- r)' +(o- 1} =(1- x, ) +(-2- ¥, )}

— .

(-3- %, ¥ +(6- », ¥ =(6- x, ¥ +(3- y,)

- (9 +6x, +x7 +36- 12y, + 17 =1- 2x, +x +4+4y, +)°
(9 +6x, +x; +36- 12y, +y] =36- 12x, +x; +9- 6y, +y;
[8x,- 16y, =40 _ [x, =I

=2 . = ! = I(L;3)

18x,- oy, =0 |y, =3

Cau 34: Trong mat phang toa do (Oxy) cho tam giac 4BC cé A(l;O); B(- L1):C(5:- ”.

Tim toa d6 truc tdm H cua tam giadc 4BC,
Tra loi; 108-27)
Loi giai

r SUUd Uud

AH LBC | AH -BC =0
ABC = BE L AC < 1000 MmO C}“}
H(X¥) |3 truc tam cla tam giac B BH -AC =



aNN) W[N]

AH =(x- L;y): BC =(6;-2); BH =(x+L:y- 1), AC =(4:- 1)

Ta cé:
[6(x-1)- 2 -y =0 {m—- 2y =6 {1 —-8
()= = =
dx+)-1(y-1)=0 |dx-y=-5 |y=-27
vay HC8-27)

Cau 35: Cho A(0-2).5(:0) 1, toa d6 diém C sao cho A4BC déu.
542 '>+5J_‘ b 26, -m(‘

Traloi: * = hoac

Loi gidi
(4B =BC  [A4B® =BC®
= AB =BC =AC = = . i
BC=AC |BC* =AC’

i . [ 21- \*
> y. :EI- 10, (2):29 =(x_ - 5)_+‘ 21- 10x,
(1) 4 thay vao
. ‘«'~+"f\;’_ ?+5J_ 5 "IJ_ -"f+5«f_‘
v hoac -

Cau 36: Cho A(Z:4),B(-2:1) . Tim diém € trén truc hoanh sao cho A4BC cintai 4.

Tra 16i: CCLO) pozc C50)
Loi giai
Cceox= C(x.;0)A4BC cantai A= AB=AC= AR =AC?

) 5 z 2 x. =-1
e (<2227 +(1-4) =(x_ - 2V +(0-4) = 5 = €10

X- —

Cau 37: Cho A4BC ¢ AR0LBE-1).C-43) 1 voa d6 diém K 13 hinh chiéu vudng
géc cla 4 lén BC,
Tra 16i: K3
Loi giai

Goi K3 |3 hinh chigu vubng gbc cha 4 |én BC



r LI u] P N WA}

AK 1 BC . |4k -BC =0 -
< 100 ooi < {00 o ).
BC cung pllunng BK BC cung phuong BK
K =(x, - 5.y, - 6):BC =(1:1); BK =(x, - 4.y, +1).

(x, - 5}+| - 6) =
(*) = -n--4:u a{ _=K83}
|

Cau 38: Cho AC32:BA3) 1 dgigm M trén truc hoanh sao cho A4BC yudng tai
M

Tra 15i: M(3:0) hoac M (- 2,0)

Loi giai
Meox= M(x,;0) A =(-3- x,12); MB =(4 - x,:3)

g

A4BC vuéngtail M = MA LMB = MA L MB

i o X, =3
& MAMB =0 (-3- x, )4-x,)+46 =0 | " "~ = M(3;0) hoac M(- 2;0).
x, ==2

cau 39: Cho AHH:BOD) 110 gigm ¢ tren @ sao cho trung truc caa 4C di qua
B,

Loi giai
ceoy= cl(0:y.)

Trung truc 4C di qua B< B nam trén dudng trung truc doan
AC < BA =BC

= (4-0Y+@-1) =00-0) +(-1)

= c(0;6)" c(0:-4)

Cau 40: Cho ABC ¢ AB0)BE-1).C-43) 1, toa do diém M thudc doan BC sao
=55

Cho 5-1..'.."..'3 AMAC
ka AH LBC.S,,, =55

Mr[ §
3

w|~4

Tra loi:

AMAC



8

B H M C

o Lun B =5
5

AH -MC <= MB =5MC

b | =

[W]W]N} ooy

LI u|NINE}

U
Ma MB va MC ngugc huéng = MB =-5MC

'-"-.‘s - X, =- 5(_11. - Xy, )

— 4
Voo ¥y = 5(y.-y,)
(4- x, = 5(-4- x, (g )
-1-y, =-5(3-y,) 33

-
. A u=—i-5j .
Cau 41: Trong mat phéng toa d6 9, cho 2 va v =ki

~ 4/ Tim céc gia tri
thuc caa & d& 21415V,

[k =85
Tra 16i; h =85

Loi giai

| g v =hi-4j=v=(k-4)

- - : k =-+85

) 21,‘k'+f_-4}'ﬁ'k'+lﬁ =101 = k&~ =85 = .
k =+[35

~ o 2 A ; =2 & - . \ A

Cau 42: Trong mat phang toa do Oxy | cpo A(0:4),B(-2:- 1).C(5:- 1), Goi G la trong tdm

tam giac ABC,T |4 trung diém doan CG. Trén 4C |ay diém F sao cho

0 0O

CF=—FA4 _ o

. Tim toa d6 diém £7?

Tra 16i: (40

Loi giai



Cau 43: Trong mat phang toa do

G
F
b ) "C
a) Ta c6: 4B =(-2:-3) 3 AC =(5:-3)
-2 -5
= LUy "

Vi 5 -5 nén 4B khéng cung phuong véi 4C

= Ba diém 45.C khéng thang hang = Ba diém 4,8,C tao thanh moét tam
giac.

0-2+5
x, = =1
AABC = 3 = G| ;=
4-1-1 2 L3
yu = ==
b) G 1a trong tdm 3 3
g
x, =122 =3
1 = |
GC = 2 = f‘ 3:- —‘
¥, :3'} =- I_
I 13 trung diém - 2 0

i ol (%3700 =4

CF = FA | = {
V.

yF+I:1{4—}}} \ o F

Oxy A(-41),8(2:4),C(2:-2)

, cho tam gidc 4BC ¢

Tim toa d6 truc tdm H cla tam gidc 4BC,

) 3]
Tra loi: | 2

Loi giai

Goi 1(%D) 13 truc tam cta A4BC,

SUUd Lad

H? D?

{AH’ BC
z BH -AC U

|BH L AC

Ta co

To c6 AH =(x+41y-1),BC =(0:- 6), BH =(x- 21y - 4), AC =(6:-3)



f*}ﬂ|_m'1'_l}:[] .=.|"
| 6(x- 2)- 3(y- 4) =0

= | =

Cau 44: Trong mat phang toa d6 P, cho tam giac 4BC c6
Tim toa do diém 7 la tam dudng tron ngoai ti€p tam gidc 48C,

I i;ll
4 )

Tra loi:

Loi giai
Gia st /(5Y) 13 tam duong tron ngoai tiép A4BC.
. M,N |1 R o ) BC us AC
Goi lan luot la trung diém cua canh va .

."\'r
Tace MZD vy |

1
2

Vi 7 la tdm dudng tron ngoai ti€p tam gidc 4BC nén

(i ] (2 6(l- v) = (
IM 1L BC |IM -BC =0 ofl- ) =0 x=-1
. o I o e | - ,
INLAC |y .ac=0  |6(-1-x)-3(- == »)=0 | _

A(-41),B(2:4).C(2:-2)

Cau 45: Trong mat phang toa do OXV cho bén diém A0, B(1:3).C(27) 5 D(0:3)

Tim giao di€m cla hai dudng thang 4C va BD,
2
Tra Ioi: '3
Loi gidi
Goi 1Y) 13 giao diém 4C va BD

(W]} [N} uu [N]N]N}

Suy ra “1/-4C cung phuong va 8580 cung phuong.

x op-
L — = = 0x- 2y =-2(1)

Mat khéc, AL =(x;y- 1), AC =(2:6) suyra 2 O

AN

va BI=(c- Ly-3)BD=(-10) g ra ¥ =3



2

X —=—

Thé vao (1) ta c6 3,
I g;3
3 la diém can tim.

Vay

(3:6), B(2

Oxy =¥} Xac dinh toa do

Cau 46: Trong mat phang toa do , cho hai diém A

diém B biét rang O4 OB =12

Tra 16i: 3(ZD
Loi gidi

Ta cé: 94 =(3:0),08 =(2:x)

Sdd SE|E)

Khi d¢: 04 OB =12 = 32+06x =12 x =1

Vay toa do diém B can tim Ia B2,

Cau 47: Trong mat phéng toa do 9%, cho hai diém A20) 3 BO:2) Tim toa d6
diém C sao cho tam gidc 48C vudng can tai C.
Tra loi: ©(0:0).C.(2:2)
Loi gidi

L L

Goi C(x;y)' khi g6 €4 =(2- xi-y),CB=(-x:2- »)

Diéu kién dé tam gidc 4BC vudng can tai C la

X

CA =CB (2- x) +p° =x" +(2- p)’ {1
=1 = | .

CAL1LCB (2= x)(-x)+(-¥)N2- ) =0 r

.1I

1l
[ I O TR e TR e |

Vay c6 hai diém C théa man yéu cau bai toan 13 €(%-0).C:(2:2)

Cau 48: Trong mat phang toa do 9V, cho tam gidc 4BC c6 A(0:4). B(- 3:0) 5

c10;4) Goi M,N |5 chan céc dudng phan giac trong va phan gidc ngoai cua
géc 4. Timtoaddo M va N,

.EM[ i,i] .
Tralei: 3 3), NV=(16:-4)

PYuININ]

AB =(-3-4)= 4B =5
0
AC =(10:0)= AC =10

Ta co:



Goi M (x,,; v, )

' | (4
]]j' AB ]Il'j' I ]]]‘j’ = 3- Xy = E '(ID = ."-'-__r) Xyr :g
MRB =- c "MC =- = -MC = | = 4
- 0- y, =- 5 (4- _1'.__,) Vi =—
Ta c6: - < - 3,
4 4
ﬂ/f[?,—]
Suy ra 33
Goi VCrviny)
| 3-x _! {0-x,.)
i 4p 0 ¢ 000 T3t Xy =5 AU X, - =-16
"»B——-"»C:; NC < IH =4 __,
AC - U-lx:;-ﬁ--}'k) Yn =
Ta cé =
Suy ra J"ldr :[' 16:.'4}.

Cau 49: Trong mat phang toa do OXV  cho hinh binh hanh 4BCD ¢6 A(3:4),C&:D) Goi

M |a trung diém cula canh BC,N |5 giao diém cla BD va 4AM . Xac dinh cac

NI
dinh con lai cGa hinh binh hanh 4BCD, pigt ' 3
Tra 16i: B(21:D(0%:4)
Loi gidi
A D
I
B M C

Vi / la tam cda hinh binh hanh 4BCD
Nén 7 la trung diém cua 4C

_3+8 _

X,

U

ta |
t-.ll..|-t_n

—

&
+
b | L t""l

-

Xét tam giac 4BC thi Bi, AM la hai dudng trung tuyén nén N |a trong tam
tam giac 4BC,



-

3 3 ﬁrﬁ 2L B2

-}:4”“.‘-3 +1 |y =1
Do dé 3
Goi 2 C0i70)

2+, =11 {hzq
BD = : =

Do / trung diém cua 1+7p =3 Vo =% Lan DO:4).

Vay B(2:1),D(%:4)

Cau 50: Trong mat phang toa do %%, cho tam giac 4BC cg All:3).B(-3:1).C(5:-0)

Tim toa d0 diém P ¢6 dinh va hang s6 £ dé& hé thic sau théa man véi moi
LI [N LILILL LI

diém M : MA+MB +2MC =k MP_
Tra loi: k=4
Loi giai

N}

Goi / 15 diém sao cho M+ IB+2IC =0= 1(2:-2)

ms N mIN| N} ENINN) SN N} M| NN} LI

7 | | ., =K v ) =k
Ta c6: MA+ MB +2MC =kMF = 4MI =k MP(1)

Do hé thuc da cho dung véi moi M, nén (1) cling dung véi moi M .

Do d6 (1) cling ddng khi M =P, khi d6; 471 =kPP= F=I= P(2:-1)

SN SN

Tur d6 suy ra ()= 4MI =kMI = k=4

Cau 51: Trong mat phang toa do %%, cho tam giac 4BC cg All3).B(- 3:1).C(5:-0)
Tim toa d6 diém £ trén Ox sao cho EA+EB dat gid tri nhd nhat.
Tra loi: £0-20)
Loi giai
Goi £(e0)

A,B

Ta c6: nam cung phia véi Ox.

Goi B(3-D |3 giém d6i xting cta B qua Ox.

Khi d6: EA+EB=EA+EB dat gia trj nhé nhat khi 48 thang hang.

oo 000 (o-1=-0- 3¢
AL 3 4E=3EB = ;_'3 )3
Suy ra EB =T

= eg=-2= E(-2:0)



Cau 52: Trong mat phang toa do %%, cho tam giac 4BC cg All:3).B(- 3:1).C(5:-0)

Tim toa d6 diém F trén 0¥ sao cho | FA+3FB- 2FC] dat gia tri nhd nhat.
Tra loi: 709

Loi giai

Goi / la diém sao cho JA*3/B-2JC=0= J(-9:9)

L L ) '}_IJJ _'}_IJJ L LUy ) ‘}_I_IJ A
Suy ra FA+3FB- 2FC —._.FJ:'|FA +3FR ...FC‘l—...FJ.

ms N SN N SN N

Nén | FA+3FB-2FC| g5t gi4 tri nhé nhat khi £/ nhd nhat.
Khi d6 F 1a hinh chiéu cda 7 trén 9.

vay F(0:9)
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