CHUYEN DPE 5: RUT GON VA CAC CAU HOI SAU BAI TOAN RUT GON
A. KIEN THUC CAN NHO
(ghi 1ai ndi dung chinh ciia bai/ ciia chwong: dang liét ké, bang hoic so' do tw duy)
B. BAI TAP
CHUYEN DPE: ....

DANG 4: RUT GON VAF TiM CAC GIA TRI CUA BIEN (NGUYEN HOAC THUC) PE BIEU
THUC CO GIA TRI NGUYEN
PHAN I. BAI TAP TRAC NGHIEM
1. TRAC NGHIEM CHON PAP AN (soan khoang 12 cau theo ciac mirc dd
NB: 4 cau; TH: 4 cau; VD: 3 cau; VDC: 1 cau)
1

Cau 1. [NB]: Tim gi4 tri x nguyén dé biéu thirc x+2 nhén gia tri nguyén
Al X E{ -3;1} B. xE{ 3;- 1}- C. xe{?); 1} D. xE-I. -3:- 1}-
Lot giai

Chen D
PK: x #-2

2 e . . +2el-11!
Dé A nhén gia tri nguyén khi xEZ th 1ix+2 hay x+2€ l.ll.

Ta c6 bang
x+2 -1 1
. -3(TM) -1(TM)
a1l
Vay voi x Y€ gy p dat gia tri nguyén

4
P =

Cau 2. [NB] Tim gia tri ¥ nguyén dé biéu thirc Vr+3 nhan gid tri nguyén
1 1
A. -1 B. 1 C.2 D. 2

Loi gidi
4
p=+x+3 nguyén khi Vx 43 13 ude cua 4 vivr +323

Nén Vx+3=4 hay Vr=le x=I Vay voi * =1thi P dat gia tri nguyén

4
. A= .
Cau 3. [NB] Tim gia tri ¥ nguyén d€ bi€u thic 25- x nhén gia tri nguyén 16n nhat
A, x =23 B. x =24 C. x=21 D. x=26

Loi gidi

1



CHUYEN DE ON THI VAO 10

" ., . A . . . - e [_._'}._..'}.|
Dé P nhan gia tri nguyén khi *€Z thi 4125+ %) hay 25-x€~4%-2-LLZ4
Khi do, ta c6 bang gia tri sau:
25-x -4 -2 -1 1 2 4
X 29 27 26 24 23 21
P =AB -1 ) -4 4 2 1
Danh gia | Thoaman | Théaman | Thoaman | Théoaman | Théaman | Thoa man
Do P dat gi tri nguyén 16n nhat nén ta c6 P =4 . Khi d6 gia tri can tim cua X 1a * =24,
_ 2
Cau 4. [NB] Tim gia tri ¥ nguyén dé biéu thirc x-1 nhan gia tri nguyén
[ 1.0-7-1) [1.0.9.2! ..
INECIR R B, YE€[1:0:2:3] c. ¥€L23 p. Y€~ 123
Loi gidi
P= 2 A . \ /4
x- 1 nguyén khi x- 1 [a udc cua 2,
x-11] -1 1 -2 2
X 0 2 -1 3
. xe|-1:0:2:3! L .
Vay véi * ! BO:Z3) hy P dat gia tri nguyén
p _J,?+l
Cau 5. [TH] Tim gia tri * nguyén dé biéu thirc Vx-3 ¢ gia tri nguyén.
NESST B YE[15:25] c. ¥E(L16;2549 o xe{1;25]
Loi gidi
poNrrl_Jx-3+4 4
Jo-3 0 -3 Jr-3
Do PeZnénVX—31a uoc cia 4 = VX3 nhan cée gid tri; ~+ Sl 124
>X€1;4;16;25;49 4o x#4=>X€ 1;16;25;49
T_2(a- 1)
Cau 6. [TH] Tim céc gi4 tri nguyén ciia @ dé a+1 phin gia tri nguyén
1
A. -1 B. 4 C.3 D. 2



Loi giai
20D 4
Ta c6 a+l a+l Do d6 T €7 khiatl la udc ctia 4
Vi @>0:a#1 napta g a+l=4= a =3
Vay @ =31a gia tri cAn tim.
x-7
, P
Cau 7. [TH] Tim gia tri x nguyén dé Vx+2 ygi x> 0.x #4-nhan gi4 tri nguyén
A, xe{l;-’f}. B. xE{l;?}. C. xe{-l;?}. D. _TE{-I;-T},
Loi giai
x-7 3
P= =x- 2-
Ji+2 J_ Jr+2
x=-7
P =0 =0 = x =7(tmdk)
+) J?‘I-E
+) P #0
x-7
= P= e1
Truong hop 1: ~€Lx#7; Jrer Ve +2 (Loai).
Truong hop 2: *€& JreZ
3
= P=uJx-2- ed = EZE-J_;+EE
Va+2 V42 UG)= =1 (TMBK).
A 1an. XE[L7]
Kétluan: = ')~
7 P:2IG-2
Cau 8. [TH] Tim gia tri X nguyén dé a+2 yoi @ #-2nhan gia tri nguyén

AL al { 0= 4~ 3:- I.:E} B. al { 0= 4~ 3:- I.jl:}}

al { 10:- 6:- 4:- 3~ 1:0:2:6} al { 4- 3- 10:2}

C. D.
Loi giai

]
1
-J

!
Il
o

a+2 ygi a #2



2a- 4
P nguyén thi @+2 nguyén.
bé
2a-4 _2a+4-8 __ 8
a+2 a+2 a+2
Ta co

) AT Loe_ A 114
Do d6, dé P nguyén thi @ +2 13 uwéc cia g, tic 1g @ 2! ts-4-2 I"I"“"4"S}.

SuyraﬂT { 10:- 6:- 4:- 3:- I;D;E.jf:u}

3
P= —
Cau 9. [VD] Tim gia tri x dé biéu thirc ~ **vx+1 ¢6 gi4 tri nguyén.

,3_@'} I:[ﬁ_zél} C x:[‘i‘ﬁ} ) xz’hﬁ}

i

2
A. B.

i I-: 3
X+ _r+|:‘\:’1_-+;‘ +250 ‘
Tacd 3>0 va - < véi moi * thudc diéu kién x4c dinh.

3
= — —  =0= P=10
.T+\.";+|

30 v+ x>0 x4+ fr+l>l e _ 3 3 P<3(2)

Lai co: +dx +1

'
Tir (1) va (2) tacé = 0<P <3 my TEZ= P2
a)

THL: P =1=

ﬁz' e xtfrtl=3e e fr-2=0e (Yr+2)({x-1)=0

e Jr-1=0= x=1(TMDK)

P=2o 0 e 242 r42=3e 2re2dr-1=0
TH2: .r+J_¥+I
i P2 7.
ﬁz_r+zﬁ:|¢b_r+‘\f__:l—¢b‘\f;+l— :iﬁﬁ+l:£'¢:r:“ ﬁ
2 | 2] 4 2 2 2 (TMDK)
- .
ve {2 _:’E.jl|
Vay - biéu thirc P ¢6 gié tri nguyén.
3
P=

Cau 10. [VD] Tim x nguyén duong dé biéu thirc Ve+2 xz0x =4 ¢4 gia tri nguyén.

[0:- 4l [4-- 4!
B. x€© C. xe| 0:-4 D. x€| 4-4
Loi giai
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T . (Didukign: ¥=0.x#4)
pé PEZ thi (V**+D 13 we cua 3.,
Do V*+1>0 ygi X théa man diéu kién nén
e+l =1 = Jr =0 =0 (),
1y Va+1=3 = =2 = x =4 (km).
Va}’ xE{O}
x-3

Cau 11. [VD] Tim s6 nguyén * 16n nhét dé biéu thiuc P = Vx +3 veix =0 #4 nhén gia tri

nguyén.
A, ¥E© B. * =9 C.
Loi giai

.!:E[O;-EJJ'- .rE{9;-9]'

D.

Chon B
x-3
P:\/;+3 (.X’,':_""U;.‘{'#‘q-)

* TH]: x-3=0= x :3(tmdk) = M =07

Vay X =3 thi P nguyén (1)

::«J,_'-3+

pPEZ JTHez:'J_HE‘ﬂiﬁﬂi}

My Y =0< -Jl_ =() Type equation here.

= J_x_'+3 =3
= -V",x_‘+.3€{ 3;6}

= Xe U9J| (t dk) (2)

.YEIOSFJ'

+ Tu (1) va (2): J'thi P nguyén

Vi ¥ 14 s6 nguyén 16n nhat nén x =9

Vx 2, 4Vx+2 peq 2
Cau 12. [VDC] Cho TVx—1 Vx+2 xtVx-2 ya 1Vx voi x20 ; x#1,

5



CHUYEN PE ON THI VAO 10

3
2 4__P 14
V6i P=A:B Timx d¢ 2 dat gid tri nguyén 16n nhat.
5
x ==
A 2 B. x =0 Qx=4 D. x=2

Jx +1 Jr+2
B = A=—_—"
Ta co: Jx-1 v§iXx20 ; x#1 Jx-1

\/;+2

P=
Vx+1 g x20 ; x#1
3 Jren _8r#8-3Jx-6 _ sfx+2
pat 2 3743 o Wwe2) 2 e2)
Theo DKXD: X0 nan 5Vx+2>0 v3 2[Vx+2/>0 . Suy ra: M>0
N s(24x +4)- 16 16
M= = 2M = =35~ <5 5
, 2(Jx+2) 2(Jx +2) 2Jx+2) = M<=
Ta co: 2
S5
O<M<—
Vay: 2 nén M dat gia tri nguyén 16n nhat 1 2.
3 Jx+2 4

M=2=4- P =2 ﬁf’——

2 i+l 3 =3 +6 4J_+4¢._.-'__-_~1¢.1_4(t/m
dkxd)
Két lugn: Dé théa man dé bai thi x=4

2. TRAC NGHIEM PUNG SAI (Soan khoang 4 cAu): Céc khing dinh ding sai dwoc sap xép theo
thir tw tir d& dén kho, cac khing dinh vé cing mdt ndi dung héi.
Trong méi y a), b), ¢), d) & méi cdu, em chon ditng hodc sai

_E(J.T-—l)

Cau 1. Cho Jx+1 . Cac cau sau bung hay Sai?

a) A nhan gia tri nguyén khi X =4
b) 4 nhén gia tri nguyén khi X =1
a) 4 nhan gia tri nguyén khi X =9

a) A nhan gia tri nguyén khi * =16

Loi giai

a)S b) D cob d)S



2(J3-1)

R
A= -
a) Thay * =%4ta cé Vil 3 ( Sai)
2(Vi-1)
A= =
a) Thay * =lta co i+l ( Dlng)
2(Vo- 1)
A=—©o0o— =1
a) Thay * =9 ta cé Y+l (ping)
2(J16-1) 6
fi —_—_——
a) Thay ¥ =16 ta ¢6 6 +1 3 ( Sai)
10

A=
Cau 2. Cho Vx+3 . Céc cau sau Dung hay Sai?

=1 4- 40!
a) V&i *€Z | biéu thirc A nhan gid tri nguyén khi *€ 499,
| .

, , XE ][—l4.'.49

b) Vi so hitu ti x, biéu thirc A nhan gia tri nguyén khi -

[ 40
¢) Véi X€Z biéu thirc A nhan gi4 tri nguyén 16n nhat khi khi ~ €149

A . [ 4]
d) Vi X€Z  biéu thic A nhan gi trj nguyén nho nhat khi khi * <%
Loi gidi

10
Vi Y€ Z | bidu thirc A nhan gi4 tri nguyén khi V¥ +3
a)

€Z = Jx+3€| H: 12 35: 40|

x20= Jx +323= Jx +3€(5:10] = Jxe|2,7] = xe4;49|
Vi
Diéu kign : X =0

b)
Vi 10> 0, Jm_'+3}[]nénA>O

sfm_-2:0=v\fm_-+3:_=3=v 10 "_:E:'fi‘_:ﬂ
Mit khac, Jr+3 3 3

0< A4 EE
Do d6 3 nén A€ Zxhi
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10 _
=1
Ao | Vxe3 10 =Jx +3 =7 | =49
10
A=2= =2 [10=2Jx+6e [Jx =2 [x=4
A= G.‘r+3 0 B-J'_ o I |
= =3x +¢ - _ 1 )
o _, _J? =5 =3
i Jr+3 (thoa méan diéu kién)
YE {4"3’;-1;l |[ ‘
- 9 1a gia tri can tim.
Vay
(040
¢) Vi X€Z _ bidu thitc A nhan gid tri nguyén 16n nhtkhi * <+
Ta co
X T4 49
A4 |2 1

Vay gié tri nguyén 16n nhat cia 4 =2khi x =4

d) V6i X€Z | bidu thirc A nhan gi4 tri nguyén nho nhét 1a 4 khi X =49

A= a- 4 B = a-+ 7\/5
Ciu3. Cho a+2ava  a-4 @>0a' 4) cpopP=4-B
a) Voi 4 =1, biéu thirc P nhén gia tri nguyén .
ae {— : 9}
b) Véi 4 , biéu thitc P nhan gia tri nguyén.
¢) Voi @ =9 biéu thuc P nhén gi4 tri nguyén nho hon 3.
ac {l, 4}
d) Véi 9 ), biéu thirc P nhan gia tri nguyén 16n hon 1.
Loi giai
a)b b) b ¢)S d)S

p = =1+
vsia>0al 4 Ja+2 Ja +2
1<P <Z
2

Chira

Do d6 dé P nguyén thi P =2 hoic P = 3.

al ]
Tim duoc

9,71}2
thi P nguyén.
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Jx +5 4 2x- fx Jx
) A = —] =+ -
Ciu4. Cho hai biéu thac ~ ¥¥- 3 va  e+3 = Vx
20x'9
¢) Tim gia tri ctia ¥ nguyén nho nhat dé P co gia tri nguyén.
a)Khi ¥=4thi 4=7
B Jx- 5
. P=— P=

b) Ruat gon biéu thirc 4 ta duogc VF +3
¢) Khi ¥ =4 biéu thire P nhan gia tri nguyén.
d)x =13 gia tri nguyén nho nhét ciia X dé biéu thirc P nhén gia tri nguyén .
Loi giai
a) S b) b ¢S db
a) Thay ¥ =4 (Thoa man PKXD) vao 4, ta co:

J4+5 245
A= = - ?

Ji-3 2-3

Vay véi ¥ =4 thi 4=-7,
b) PKXP: ¥ 0-x% 9,

% h-.ﬁ- 13 Jx L +5

3T+_ T -9 Jx-3FJ-3

:?JI—- 3)42x- Jx- 13- JF{_J.-T—H}%J:T—H
(Vx +3)(Vx- 3) Ffx-3

25 6gres  (Vrs)(Vr-s) grl s

B A3)r - DBV 3 (x43)r- 3) Jr 45
s
Jx+3

podis 8
C,d) J_-f-?a 'J.‘L_"I"?!'

vi ¥l ¢ b pg Pl ¢ gy V31 Uy = {EhEnen 28}

Ta c6 bang sau :

43 | -1 1 -2 2 |-4] 4 |-8] 8

2 -4 -1]-5 =7 1
oo lololol Vol o
X 1 25

leI ¢ xnhonhatp x=1
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3. TRAC NGHIEM TRA LOI NGAN ( soan khoing 6 ciu)
3
i A= : 7
Cau 1. [NB] Cho biéu thirc 2Jx+1 Tim x nguyén dé 4 nguyén.
Loi giai

[o1l
papan: *~ U1
Diéu kién x4c dinh * =0

dez= > €7 = 2fx +1
Cich I: 24x +1 thue céc uée duong ciia 3 (vi 2VX+1>0 ygi x>0

1
' (thda man)

= 24x +1€[1;3 = x€|0;1

A= 3 =0
Cich2: Taco  2NX+1 ygimoi x 20
x20= 2fr+l=l= 4= 3 3
Véi 2x+1

[ 4. .2l

A=l=> > —1= 2fx+1=3= x=lez
+ Xét 2x +1 (théa man)
A=2= > -2 2.x +1 T Y
+ Xét 2x +1 2 (loai)
A=3= > -2 2 +l=l= x=0gz
+ Xét 2 x +] (thda man)
(o)
Vay voi X€ 0] thi A nguyén.
+
M :J? 3 (x=0:x #9)
Cau 2. [NB] Tim x €Z dé biéu thirc Jr-3 nhan gia tri nguyén
Loi giai

- xe|0:1:4:16:25:36:81)

Jx-3+0 _x-3 0 0 6

M= = + =1+ —
Je-3 -3 -3 Jr-3
LEZ
Vi XE€Z panM €Z ypi Vx- 3 = Jx- 3e | 42 33; 6]

(0:1: 4: 16 25 3681 ‘
= X 0LA102330:8Y 460 man didu kién)

10



4(Jx +1) !
A= b ] :B = r 9 9
Cau 3. [TH] Cho 25-x Vr+1Tim tht ca gia tri nguyén cia * dé bicu thirc £ =4.8 dat
gi gia tri nguyén 16n nhat
Loi giai
pipin’
4(J;+|) 1 4
P=4A8= ' =
Ta co 25-«x J_;+I 25- x
: N i . 4(25- 25- x€U,, =|-4:- 2:- 1 1:2:4]
Dé P nhan gia tri nguyén khi x€Z thi 4125- x) hay A B e A
Khi do, ta c6 bang gia tri sau:
25- x -4 7 -1 1 2 4
X 29 27 26 24 23 21
P =A.B -1 ) -4 4 2 1
Panh gia Thdéa man Thdéa man Théa man Thoéa man Théa man Théa man

Do P dat gia tri nguyén 16n nhat nén ta c6 P =4 . Khi d6 gia tri can tim cua X 1a x =24,

10
A=

Cau 4. [TH] Tim *€ R dé cac bidu thuc Vx +3 nhan gia tri la ) nguyén :

Loi giai

.::E[49;4;l}
Dip in’ )
Diéu kién : x =0
a)Vi 10>0, Jx+3>0 nén 4>0

J?::Dzv\f;+3:_=3=v 10 ﬂﬂnﬂﬂm
Mt khac, Jr+3 o3 3

0<A*=_:E
Do d6 3 nén A€ Zkhi

11
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10 =Jx +3
=2 |10 =24Jx+6=
].‘r+3

=3 0 10 =3/x +9

CAu 5. [VD] Tim X dé biéu thuc

.‘{E][D;l;ii}
papma | ¢ |

biéu kién' x =0

x+2+3

'h_."_+'> 3

fi— + =

x =49
=4
1

X =—

9
(thoa man diéu kién)

sau c6 gia tri 1a sO nguyén.

Loi giai

3

2+

Jx +1 NEFS IR

B = eL

3
Vi 2€Z nén A€ Z khi Jx +1
Vi3}ﬂ,ﬁ+l}ﬂnén3>0
J;::E}n Jr+lzl=
Mat khéc
Dodé: 0<B =3= Bed |}
3

J;+I

3

T+

3 =yx +1

v +1

=3 '3 3=3r+3
=3
]

1
XE ][ 0 —: 4}
Vay L4 1a cac gia tri can tim
PHAN II. BAI TAP TU LUAN

=2 |3=2fr+2 =

Jx +1

53:; B =3
%

& & &

= L

P
I

-
[
o = P

b
[l

(TMDK)

Phwong phap giai:

P=a+

CJ_ +4ﬁ'r

Dang 1: Tim *€Z @dé

Zla,b.c,d € F)

Buwdée 1 Diat diéu kién, khr x & trén ti, dua P vé dang nhu trén.

12
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b
e
Budc2 PEZkhi Ni+deZ= clx+d ey )

e Z(a,b,ceN’)
Dang 2: Tim XERde ';?\I"_“

Buwoc 1 Dit diéu kién va chan hai dau cua P:

. a}D._."JJJ_'+c'}D=v P=0.

e ey i
* hfx+czc=> =—= P=—
.f:r..f:;_- +c & c
‘ 0<p <2
Nhu vy ta chan hai dau cua P 1a c.
rPeZo<p<
Buwoc 2 Chon ¢. Tuddsuyra *.
BAI TAP MAU
Vidu 1 [NB]:
N & |
, o x- 24Jx x-2 ] .
Cho biéu thic | (voi ¥TETEY
. 2
7 . - A:
1. Chtirng minh rang Tx—2"
2. Tim *€Z @& A<~
Loi giai

Hvei *7 0; x #4 , ta co:

e,

a2, &

1_'}

1+|

| J‘+?+J‘ |

:zﬁﬂ | ZE(J_T-H} 1 _ 2
Jo-2 e Jr-2 el Jx-2

2) Véi €L qé AEZ
¥

Ji-2

€Z e Jx- 2€| L 2] = x| 0:L10]

|5-,_:’:T—+ 2| Jx+l
5 ].‘r+5_i.‘r—5

a(ret) 5

9 A=—— B

Vidu 2 [TH]: Cho hai biéu thirc: 5-x va
13

)
i
(]



feox C oy £
vai X =0: x #35'

1. Rat gon biéu thuc B ;

2. Tim tt ca cac gid tri nguyén cua X dé biéu thie P =4 ‘B dat gia tri nguyén 16n nhat.

B_'ls-J:T-+ 2 | Jre1 I5- -T+3(-"l_"5)_x-5_ 1 Jx-5_ 1
. | ox-25 Jrws| xes 0 (r-s)(Wr+s) Nl Jx-s Jrel Jrsd
4(\-"1_'”) 1 4
o) =4 = 25- x --Jm_-+I:35—1

Vi 4>0nén dé P dat gia tri nguyén 10n nhat khi 25- X dat gi4 tri nguyén duwong nho nhat. Khi do:
25-x=lo x =24
Vay khi * =24 thi P dat gia tri nguyén 16n nhat 1a 4.
Vidu 3 [TH]:
. Y
- :‘ 1,1 | Sx-2
Chobiduthic | V*+2 Vr-2) V¥ (gix>0, x4,
1) Rut gon P .

9
, Q=3P
2) Tim tat ca cac gia tri thuc cua ¥ dé 2 ¢6 gia tri nguyén.

Loi giai

]
pd
N .-Jr_m_-+2 J.‘«_'—E.

Jx

2) Ta co:

Vi x>0, x #4pap Q>

Jx+222=

Mit khac: Vr+2

o
~~
—_—
N’

. ( s ]
0<Q£2 ="“QE|[|; 2, %4 =xei4% — l[
Tir (1) va (2) suy ra 2 Ma < nhan gia tri nguyén S
Vi du 4 [VD]:
A_x-z.j?— Jx +1 1+2x- 2%

= + +
Chobitu thie  r-1 wfr+x+di - (yg ¥ >0.x 1

a) Rut gon biéu thuc 4

b) Tim x dé biéu thirc 4 nhan gia tri 14 s6 nguyén.

14



A= J?+2

a) T+ .‘r+|.

b) Cach 1: Véi *>0.x#1= e el Jr+1>1.

Jr+2 -J?+2_

1
0= 4= < =1+ —=2
Vay x4x 4l Jx+1
ﬂ:hﬂx =1
ViAnguyénnén A =1  ¥+vx+l ( Khéng thdéa mén).

Vay khong cé gia tri nguyén nao ctia x dé gia tri A 1a mét s6 nguyeén.
Cach 2: Dung mién gia tri

Jx +2

X +x +1
Truomg hop 1: 4=0= VJx=-2=xc0

A= U Ax+(A- DJx +A- 2=0

A=0= A=(A- 1V -44(A4- 2)=-34 +04+1=20= 4 - 24- — =0

1
Truong hop 2: 3
= A47-24+1 E%ﬁ (A- 1) E;l=v Ae I;E} doAeZ, A=0

V6iA=1=>x=1 (loai)

ﬂzgﬁr —0
V6iA=2  F+Jr+l ( loai).
BAI TAP TU LUYEN
J_ a- 2

a 3
Bi 1. [NB| Cho biéu thie Va3 Ja+3 a9 g a=0:a29
a) Rut gon B.
b) Tim céc s6 nguyén ¢ d¢ B nhan gié tri nguyén
Huwéng din

a)  Véi @=0:a79 5 ¢6:

goa 3 a2 Yo 3 a2
-3 Ja+3 a-9_a-3 Ja+3 (Ja-3)Ja+3)
Ja(fa +3) 3(a-3) a-2

“(Wa-3)(Wa+3) (Ja-3)a+3) (a-3a+d)

_a+3a-3Ja+9-a+2 11
Ja-3)(a +3) a-9

 BeEZ= : eZ=1l{a-9)= (a-9)e
b) bé a-9 U (11)

15
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[ |
U“” = B15-L-11 ! . Khi d6 ta c6 bang gia tri
a-9 -11 -1 1 11
a -2 8 10 20
Khong thoa man Thod man Thod man Thod man
[2. 10070
Vay ae | 8:10;20, thi BEZ

0- x

pyr-3 -
Bai 2. [TH] Cho biéu thac 2~ & 3.' wfx- 6 g 7 0ixt 4
a) Rut gon P

p=_"

b) Tim X dé 12

P>t

¢) Tim X dé 2

1

d) Tim tat ca cac gia tri nguyén cua X dé P nhén gia tri nguyén.

e) Tim tat ca cac gi tri hitu ty cta ctia X d& P nhan gia tri nguyén.

Huwéng din
P= g2 -

a)V(’YiXB U;Yl 4 T W: 1+3~J’_'- 24 -
_¥x- 3 Wx- 2_ 9- x

2- x 3+ Yx[x+3)- 2(Yx+3)
_¥x-3 Wx- 2 9- x

2- x 3+x V[ +3)- 2(Vx+3)
_ x- 3+J§- 2

Jx- 2 3+ x+3)[ 2

- R+ [R s

[ x+3)[ X - 2)

o x+(vx 2)- 9+x _ (Vx- 2}2 k-2
[ x+3)[ X - 2) [ x+3)[~f;— 2) Jﬁ_f+3

16
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G2
3 0.1 -
Vayvei ¥ 0t 4 Jx+3
- - 72 -
p=_ 0¥ 2 T g 1adx- 24=7dx +210 5Jx =45

7
Véyvoix—gl thi 12
- S | - e _ )
P}%U §+;}LU§+3 a}ﬂu ”J_(j—() : >0 V-7,
-V c N . 2(Jx +3 _
c) x+3 (3)
Vi Vx? 0 ygimoi X7 0" dpan Vx +3>0 65 i X7 06”4
Nen (3)U Vx- 7500 Jx>70 x>49
/ \ 3 v qe 1

Két hop v6i didu kien ©~ ¥ 4

P>i
Vay X>49 thi 2

1_J_+3 Jr-2+5 iy S
d) Taco P Jx-2 Jx- 2 Ji- 2
1 5 )
D SNWx - 2 — )
P nguyén U - anuyén U U Jx- 2 AU (5) {#1:+5}
Lap bang:
\/;' 2 -1 1 -5 5
\/; 1 3 -3 7
X 1 9 49
Théa man Thoa man Loai Thoa man

1
Vay ] {1 % 49} thi P nguyeén.
pe Jx-2 J_+3 2
e) Tacod ;I +3 Jl +3 :..h +3
2

Vi \/;+3>0 nénP<1V(yimoi x? 0:xt 4

17
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Jr4323p = g2p._ 2 s Zp_2 s 2.1
A _— - I - - —_— = =
Ma Jx+37 3 Jx+3 3 A 303

1

—f P<1 .
Do d6 3 . Vay khong c6 gia tri hitu ty nao cua ¥ dé £ nguyén.

. 2(x+4) Jx 8
. v ) 3 ()1

Bai 3. [VD] Cho biéu thie - 33X - 4 T T 4 5 %" Gx= 16

a) Rat gon B.
b) Tim gié tri cua Xdé B =1
3
¢) Tinh gia tri cia X sao cho khong vuot qua
d) Tim gi4 tri cia B khi X théa man ding thirc ¥ 2x- I =x
e) Tim X dé gia tri ciia B 1a mot s6 nguyén.
Huéng din

5= 2(x+4) +J§

8
x3 0;x1 16 Cx4x- 4~J._'— 4 J.‘a‘+1 a_fx— 4

a) Voi thi

2(x+4) Jx 8 __ 20+4) x

Y V) Y Y ) Y Y i Rl B ) Y ey
:3-"+3+~f-‘_'(v’?' 4)- 8(Vx+1) ar4g4r- adi- sdr- 8 3o 12

T

- a) (- aer) - )
J»E(Jr?w}_m Y
(""T 4)(£+1)_J_¥+1 Cx? Oxt 16 B_\E.H
Vay voi thi
_op 3V \ o
b)B—lu m— J\”_ \l'{_‘l' U \."r J_—EU.\.—I
1
x3 0x1 16 T4 po
( thoa man ). Vay thi

18
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5 ¥ . 3 - -'\- 6J-"—_ J -"_ J
3ppelo gl W 3,0 () "
B 2 2 y+1 2U «x+1 2
c) khong vuot qua
U 3x- 3 ED* .1'—1£D
iJ—-I_) 1+
(*)
Jx3 0 x320xt16 Jy+1>0 x3 0;x! 16
i vO1 moi nén vO1 moi
UJVx-1£00 Jx£10 x£1
Suy ra (*)
) ‘ x? 0xtol6
Két hop vai dicu kién
3
O£Ex£fl B 2
Vay thi  khong vuot qua
d)Taco" =x 3 0pxt lﬁ)l:l 2x- 1=x"0 ¥*- 2x+1=00 (x- 1) =00 x=1
_ 33 3

P B B=_
3041 /] - 1=
( thoa man * 0 x 16 l+1 2 Vay V23 I=x 2

3x 3J.~T-+;.-3_3_ 3 <5 =0
Jr+1 x4+l Jx +1 (ViJ§+1 voi ¥2 0x 16

I 41 R S I P |
ViJ} 0 yoimoi ¥ %X 16,50 X +13 145 o7 X2 0:x? 16

B_

b_3 f3p._2 3_.3p3._2 3y
Vr+] Vx +1 Jx +1
Suyra O£ B<3 M3 Bl Z nénBI {0;1;2}
B=0U 2 "1 00
THL: A (théa man)
B=10 25 10 3 =30 VR =20 =2
TH2: ¥ +3 ) 4('[}163 min)
=20 N’:FEU Wr=2Jr+6U0 Jx=6U0 x=36
TH: o ( théa man)
x| Iﬂ E'Sﬁg
- Vx 3—?5' J? 2 Qx4
, A= N 3 _E 75 \J"'_+5HJ_'— 5
Bai 4. [VD] Cho biéu thirc: I++x g x3 0y 2 i
P 0xt s
a) Rut gon biéu thuc

b) Tim X dé biéu thuc M = B- A nhan gia tri nguyén.

19
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Huwéng din

a) Vi ¥7 07 Sy \
P Eﬁ J_ 2 9 .[y+1 15- Jx 2 §ﬁ+
PR TR SE Y gJ_'- (J_+5) J_+SHJ?
_15- Jx+2Jx- 10 J_+1 54+4x Jx- 5 |
Nr- STe+s) V-5 o e+ s V1 = o

FDI'D\

1
B=
Vay voi x? 0xt 5 g \r"'l
M=p- g=_ LV ”"'_ L Gk N
b) Ta c6 J‘l :I' ﬂ._;‘.‘t.'+1 'J.'l_"l‘l
VIJ_B 0"x3 0;x1? EDJ_ 1"x3 ;xls
£3p M=- - 143=2
J_+1 J_+1
3
—_—  _=0p - 1+—::=-- 1
Lai c6 V¥ +1 Vi +1
p-l<M£2 yy Mi zP M1 {01:2}
2-Jx - -
M=0pP =00 2- Jx=0U0 x=4 (TM)
TH1 J.‘t‘-l-l
2- Ax o - - 1
M=1bp =10 2- Jr=Jx+10 2Jx =10 x=_ (M)
TH2: x +1 4

xl ]D 4;1%
Vay Pmi Ml Z
A= .‘r+'jr | -JT i 3-4".1_'
BAi 5 [VD] Cho hai biéu thite: ~ V3-3  Nx#2 1-dr xefx-2 ygi % 20 2l 29

a) Rut gon biéu thuc B

b) bat M =A4.B hiy tim cac gia tri nguyén ctia X dé biéu thie M c6 gia tri nguyén.
Huwong déin

B =

NSO o o RN e 0

ST ) ) e

20
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M=AB= _ - 1+
b) V-3 2 -3 -3
MeZo 2 eZoanfi-3o x-3€] 4 24

Jx-3
Y I
vay YE[14:16:25:49)

21



DANG 5: RUT GON VA TiM GIA TRI LON NHAT HOAC GIA TRI NHO NHAT

PHAN 1. BAI TAP TRAC NGHIEM

1. TRAC NGHIEM CHON DAP AN (soan khoéng 12 ciu theo ciac mirc dd
NB: 4 cau; TH: 4 cau; VD: 3 cau; VDC: 1 cau)

2
7 A=(Vx-2) +3
Cau 1. [NB] Cho biéu thuc (¥ =0) GTNN cua A la;
Al B. 5. C. 3. D. 7.
Loi giai
2 2
_ (Vx- 2= op (Vx- 2) +32 3 ,
Voi ¥ 20 ta co: . Vay GTNN ctia 41a 3. D4u « = » xdy ra khi :
x =4
2
o A=(x-4 -2 q
Cau 2. [NB] Cho biéu thirc (¥ 20). Biéu thirc A dat GTNN khi:
A.Xx=0, B.X=4, Cc.Xx=28 D. X =16
Loi giai

(V- 4}23 op (Vx- 2)2- 23 .2

Voi ¥ 20 ta co: . Vay GTNN cua 413 -2. Dau « = » xay ra

khi: ¥ =16,

Cau 3. [NB] | Cho biéu thuec B = 15- Jx (X 20, Biéu thirc dat GTLN khi
A.X> 0 B.X£0 Cc.x=0, D.Xx* 0,

Loi giai

Véi ¥ 20 ta co: -x£0p 15- Jx £ 15 Vay GTLN cua 414 15, Déu « = » xay rakhi: * =0,

A \ .2 , M:‘(X+2]2+25‘
Cau 4. [NB] GTLN cua bicu thirc la:

A. 25 B. 2. c. 4. D. 27,
Loi giai
2 2
. - (x+2] £0P - [x+2] +25£ 25 ,
Véi ¥ 20 ta co: (x+2) x+2 . Vay GTLN ciia 41a 25 Ddu « = » xay
rakhi: X =2,
ae__ 1
(V- 3) +4

Cau 5. [TH] GTLN cuia biéu thic (* 20))1a:

22



1
A4 B. 4 c.3
Loi giai
2 2 1
(Vx- 3> op (Vx- 3 +45ap — =
V6i * 20 ta co:
1
Vay GTLN ctia 41a 4. Déu « =» xay rakhi: X=9 .
B 1
- -
q (Vx- 3) +4
Cau 6. [TH] Biéu thtrc (* 20))dat GTLN khi :
A.X=0, B. X =3, c.x=9
Loi giai
2 2
(Vx- 3 » op (Vx- 3) +4> ap 1
V6i * 20 ta co:
1
Vay GTLN ctia 41a 4. Déu « =» xay rakhi: X=9 .
M =1+—122
q (Vx- 2 +3
Cau 7. [TH] GTNN cua biéu thtc (* 20 1a;
A4 B. 5. c.- 3.
Loi gii
2 2
(Vx-2) = op (Vx-2) +323p 2

Véi X =0 ta co:

p 1+L£ 1+4=5

(Vx- 2 +3

Vay GTLN cua 413 5. Diu « =» xdy rakhi: * =4,

23
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CHUYEN PE ON THI VAO 10

N =vx+5+_2
Cau 8. [TH] Biéu thirc Jx +5 (* 20 dat GTLN khi :
A X =14 B. X =4 c.x=17 p.X=-5,
Loi giai

Véi x =0 , ap dung bat dang thirc Caudy sb khong am cho hai s6 khong 4m ta co:

J_+5+J_+53 J[Iw}\rﬁ 14.

49
.J;-I-S: = y =4
Dau « = » xay ra khi : Ve +5
H :JJ_(— 2
Céu 9. [VD] Cho VX +3 461 X 0. Bidu thire H dat gi4 tri nho nhat khi
-2
X=_
A.X=14 B.X=1 B.x=0, D. 3,
Loi giai
H:’j‘;' 2 _1.
Véi
Jx2> 0p Jx+323p > £2
Jx+3 3
2 sq1.2_.2
Jx +3 3 3
_2
Vay GTNN cua 413 3 . Du«=» xay rakhi: ¥ =0,
C_x+1?*_
, o x:=- x11 ,
Céu 10. [VD] Cho bidu thirc Vx 42, a . Gié tri nho nhat caaC .
A.C =6 B.C =8, c.C=-4 p.C =4,

Loi gidi

24
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x+12  x- 4 16
C = =x- 24— =Yx+2+——- 4
Vo 120 a6 Kx+2 Jx+2 J_+2 J_+2 J_+2
Ap dung bat déng thirc Caudy cho hai s6 khéng am ta c6:
x+2+_ > = JJ_+2 —8b Jx+2+_° . 438-4=4
J_+2 W }J_+2 . Jx +2

J.x_-+2: 10 = x =4
Dau « = » xdy ra khi : Jr+2

Vay GTNN cua Cla 4khi x =4

&2 Jx+2 1)

B =r - o
) x-1 = 2 3 1
Cau 11. [VD] Cho biu thirc . X+ 22x +15 voi X7 OX 5 1 Tim gid i 1on
nhét ctia B .
1
A. 1 B. 2. c. 3. D. 4.
Loi giai
Chon D
By = [y7- | 4L
3 1 - . Ty 14
vei X° 0xX l,rﬁtgon Bta duogc: \ 204 4
1
, X =—
Dau « =» xdy ra khi : 4.

Cau 12. [VDC] Cho hai s6 khong 4m a va b thoa man Va +b = 1. Gia tri 16n nhat va gia

tri nho nhit cia P = a’ +b,:

1 11 11 1,
A. 8. B.2'4 c.4'8 p. 8",
Loi giai

Chon D

*) Tim gi4 tri nho nhat cua P
L Kyt X _
Chirng minh duoc bt ding thirc 2 (%), d4u bang xay ra khi X =¥
a2 +bp> @O
Ap dung (*) ta co 2 (1), diu bang xay ra khi @ =b
2

, aips M+l 1 aepol
Ap dung (*) ta co 2 2 (2), dau bang x4y ra khi 4

25



1

= B . a= b = _

Tur (1) va (2) ¢6 , dau bang x4y ra khi 4
; l a= b = l
Vay gia tri nho nhat cia P 1a 8 dat duoc khi 4

*) Tim gi4 tri 16n nhat cua P
Do a, b khong 4m ma Ja ++b=1 nén

p- {J§+JE)=52- Ja +b- J5=J5[J5— 1}+~"5[J5- l)E 0

Ofabf 1) hay P-1£0

¥

§=0b=1

o =1b=0
Do d6 P £ 1, diu bing xdy ra khi =1

§=0b=1
~ ey J4 5 \ o . g = l'b =0
Vay gia tri 1o6n nhat cua P 1a 1 dat dugc khi
2. TRAC NGHIEM PUNG SAI (Soan khoéng 4 ciu): Céc khang dinh ding sai dwoc sap
xép theo thir ty tir dé dén kho, cac khang dinh vé cing mot ndi dung héi.
Trong méi y a), b), ¢), d) & méi cau, em chon diing hodc sai

o=_1

Cau 1. Cho \E +2 Cac cau sau ding hay sai?

a) GTLN ciia @ 13 2 tai X =0

b) GTNN ciia @ 13 2 tai X =0

1

¢) GTLN cia @ 1a 2 tai X =0
1
d) GTNN cia @ 1a 2 tai x =0
Loi gidi
a) S b) S ob d)S
1 .1

viX? 0b Jx+23 2p iz 20 Of;

1
Vay GTLN ciia @ 13 2 tai X =0
Cau2.Cho P = x- 2x + 3. C4c cau sau ding hay sai?

a)GTNNcﬁaP laStaix=0

b) GTNNcia P 1a 4 tai X =1
26
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¢) GTNN cita P 13 4 tai X =1
11
d)GTLN ciia P 1a 4 tai X =1
Loi giai
a) S b) b ©S d)b

(x- 2JE+1)+4=[J;- 1) +4

*Taco P =X~ 2 +5 -

(V- 1= 0 o (K- eara, L.,

Vi v6i moi X nén

Vay GTNN cia P 1a 4 tai X =1

1
1 1 PR —
"‘Tac()'pr X- 2&*'5:[&_ 1) +4
1 1
(- 1= 0 (-1 +a=a _ (K- PRI U
X- : X - + 43 X - + ~f =
Vi véi moi X *> 0 pén P P P 4
D§u=xéyrakhi'\";‘ 1=0p 'Jr=1p x=1
11
Vay GTLN cua P 1a 4 tai X =1
A=X*tl
Cau 3. Cho \/; . Cac cau sau dung hay sai?
a) GTNN ciia A 1a 2 tai X =0
b) GTNNcua A 1a 2 tai X =1
¢)GTNNcuaA +31a5tix=1
d) GTLN cua 2A 1a 4 taj X =2
Loi giai
a) S b) b ob d)S
A= x+1 S+ L 1
Ta cod ‘/_ = \/_
wyi X > 0. x . Ap dung bat dang thirc Cosi ta co: "‘E \E p A° 2

27



1
X =—

Dau = xay ra khi X b ox=1

Vay GTNN cua A 1a 2 tai X =1

1.0 B+ 2k L
X

*vi X >0, . Ap dung bat dang thirc Cosi ta c6: \E \’{; p A® 2

TacoA+3* 2+3p A3 5

=1

Dau = xay ra khi Jx b ox=1
Vay GTNN cia A 313 Stai X =1
PO
Cau 4. Cho X - 4’\{; +10 Cac cau sau dang hay sai?
a) GTLN ciia A 1a 3 tai X =0
b) GTNN cua A 1a3tai X =0
¢)GTLN ciia A 1a 5 tai X =4
d)GTNNcia A 1a Stai X =4

Loi giai
a)S b) S ¢cb d)S
PO 30 0
Tacs | X- 4JE+1U:[X‘ 4"’*’?*4)*5:[&' 2 +6
30 EE
2 5 5
Vi [\E— 2) | Dvdim(_)ix3 Onén(&_ 2) 626 P [J;_ 2) 6 ° b A£5

Déu:xéyrakhi‘-‘i)_’:' 2=0pP '\.‘!_=2l3 x=4

Vay GTLN cia A 1a 5 tai X =2

3. TRAC NGHIEM TRA LOI NGAN ( soan khoang 6 ciu)

A=(x-1)- =

véi X =0 GTNN ciia A 13 bao nhiéu?
Loi gidi

CAiu 1. [NB] Cho biéu thuc

Dap an: - 32
28
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(E o [ 2z

. DAu “=” xdy ra khi * =1

B =10- (Vx- 2)2

v6i ¥ 20 GTLN cua A 13 bao nhiéu?
Loi gidi

Céu 2. [NB] Cho biéu thirc

Pap an: 10
- (Vx- 2 £ 0p 10- (Vx- 2 £ 10

g ¥

Céu 3. [TH] Cho biéu thtrc x+x +1 6 X2 0 Gi tri 16n nhit ciia B 14 bao nhiéu?
Loi giai

Véi * 20 | ta co: . D4u “=" xay ra khi X =4

1
Pap an: 3

*voi ¥ =0thi B =0

gaop LoXtx+l_ g1
* Vi X >0 thi B Vx x

S+ L1 zl&.i+1=2+1=3p Bla 3p B£%
Ap dung bat dang thirc Cawchy ta co: ‘E \E

Dau “=" xdy ra khi ¥ =1
1
Vay GTLN ctaB1a 3khi ¥ =1,
Céu 4. [TH] Cho biéu thirc P =2~ 2¥8 v6i @° O_Bigu thire P dat gid tri nho nhit khi @ ~ %_ Gia tri
cia £ =2 1 13 bao nhicu?

Loi giai

Pap an: 2

P=a- 2a=a-2/a+1- 1=(Va- 1)2- 13 -1

Ta co: . Dau “=" xay ra khi @ =1,
2
E=a+1=(-1 +1=2
Biéu thue P dat gi4 tri nho nhat kh1 Kh1 do6 gia tri cua 0 [ ) .
E I %_ 1
. 5 Jx - x>0xt1 .
Cau 5. [VD] Cho biéu thure ;a' 1 voi @ . Gia tri nhé nhat cua C
la bao nhiéu?
Loi giai
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5
c B 2 3 X+2 g X+2_ 2
Mlx(ﬁ&lﬂxl)){ )& Jx
Ta co:
5
Jr+ + 2
Do X >0 4p dung BDT Cauchy cho 2 sb duong, ta co: '
Déu “= xdy ra khi ¥ =2,

Gié trj nho nhét cia C 13 22 khi ¥ =2,
Cau 6. [VDC] Cho hai s6 khong am a va b théa man ,j; + JB =1 Giatri 16n nhat va gia tri nho
nhét ctia P =a" + b 13 bao nhiéu?
Loi giai
a=0;b =1 1 1
1. _ —_ a= =—
Paplan:] GTLN cia P 1a 1 khi [ =1E2=0  GTNN ctia P 1a 8 khi 4
*) Tim gié tri nho nhat cua P,
I (x+ )
Chung minh duoc bat dang thue 2 (*), d4u bang xay ra khi * =7
. a’ +b° -‘if'th}- L .
Ap dung (*) ta c6 2 (1), dau bang xay ra khi @ =b
poWa+b) 1 Loyl
Ap dung (*) ta co 2 2 (2), ddu bang xay ra khi 4

P=i ;. ca=b =1
Tu (1) va (2) co , dau bang xay ra khi 4

1
i — a=h==
Vay gia tri nho nhat cia P la 8 dat dugc khi 4
*) Tim gié tri 16n nhat cua P
Do % b khong am ma Va+\b =1 pap
-(Va+yb)=a* - Ja+ v - Jb =\fa(Va- 1)+¥6 ({5 - 1) <0

(dO 0<a,b ﬁl)

[a =0:h =1
Do d6 P <1, diu bing xay ra khi ¢ =10 =0

a=0:5h =1

Vay gia tri 16n nhét ciia P 1a | dat duoc khi L‘t =1;b =0
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PHAN IL. BAI TAP TU LUAN

Phwong phap giai:
Rt gon biéu thirc
Nhén dang bai toan

1 1

-

+)~."r1_'3_=0=? J.‘L_'+ﬂ3_‘ﬂ V(')’ia>0’ khid(')—"‘{;'m a ;_.1'+ x =0

1
+) [_ff_.‘r}]: =0= [_;"f_.‘r}]: taza yea>0 [_f'l[_r}]: +a

1
=
[

h- [f(x)] =0= -[f(x)] +a <a

£, 22 , . X \ ' "P"}.r"’ S =1
+) Bét déng thirc Cauchy cho hai sé dwong *va ¥: %Y =N qiy «=> xayra © ¥ =)

Jx +1 3 Jxss

A= -
-Jr;+2vé x-1 x-1 VO’l}C—D x #1

a) Rut gon biéu thuc B

b) Tim tit ca cac gid tri cua * dé biéu thl'l’c B dat gia tri nho nhat.
Loi gidi

3 fres MWre)-dr-s o o, mln 2(Vx- 1)

[

B:J__--l- x-1 (Jx_-+1)(\r’__'-1) (\-"—+ )(\fr ) (-'i""l)(\l”-_"l)_ﬁﬂ
P=22 ofr+s =(Yr+1) - oyr+5=(Jx- 2) +2

Dau “=" xay ra khi * =2
Vay * =2 thi P dat gi4 tri nho nhat 13 2.

Jx +1 J_—X Jx

. x x- 1%
Vidu 2 [TH]: Cho hai biéu thitc A= VX~ 1yap = 8X- 1 FAx+1 o

x*0xt1

a) RutgonB
xI N,x*t 1 ) )
b) Véi " Hay tim gié tri 16n nhat cua biéu thuc P = A.B .
Loi giai
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é
=
= 3
o XINx* 1 nén chi xdy ra %
Truong hop 1: Néux=0P P =0
Truong hop 2: Néu:

Jx- 12 2-1>0p P =14+ £1+_ 1 —2+2
x32p x3 2 -f . V2- 1
Tir d6 gia trj 16n nhit cua P 1a 2+\/5dat dugc khi X =2
Vidu 3 [TH]:
A— Ix +1 \EQK Jx
q N x+1 E 1 x- ok +1
Cho hai biéu thirc

a) Rut gon biéu thic

xIN  x'1] o , y P=AB
b) Véi va hay tim gia tri Ié6n nhat cua biéu thuic
Loi giai
X3 0xt 1p B = \E
a) Diéu kién Vx +1
poap=YHl W _ ¥ ;.1
b) Ta ¢6 Vx- Talx+1 0 Wx- 1 VX 1 yixT N yax® 1 xet:

-Vgix=0pP P =0

x3 2P Jx- 13 J2- 1p E2+1p P =1+

1 1
- Véi x- 1 -1

Pro =242 iy 2

£2+42

Dau “=" xay ra khi X = 2. Vay

Vidu 4 [VD]:

[FY)

A J_+1 W x- Bx +2 B:J)_(+

Cho hai biéu thirc 2x- 1 J_+3 2 + S - 3w X+8 V(’)’iX3 Gx? i
a) Rit gon biéu thirc A
b) Tim gi4 tri 16n nhat caa P =AB

Loi gidi
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X3 C;xlEDA ’E 1
2) Didu kién 4 Vx+3
P=A.B—J_ 1J_+3_J_ 1
b) Ta ¢o Jx+3 x+8 x+8
Of x£f ILx? El3' P£O
- Truong hop 1: Xét 4
_ x-1 1
(- 1)+9 (J; 1)+[J_g )+2
x-1
- Truong hop 2: Xet X > 1P Vx - 1> 0 ¢a xét

“ hiy

Ap dung bit dang thirc cosi cho hai s6 duong ta duoc:
- 1)+ -2 —6p (Vx- +23 8
A e I A o R
P P= J_ ! 9 £%
x- 1]+ + 2
(V- 1) 1
P£l x* Ox?t 1
Tu truong hop 1 va truong hop 2 ta co: 8 véi moi 4. Déau “=" xay ra
U Jx- 1= U Jx-1=30 x=16
\E' 1 (théa man)
PW=EU x =16
vay ™8
p_p.xt2ax-2 x-1 1§
B o+l x- Jx+1 x+lévéix>0
a) Rat gon P

b) Tim gia tri nhé nhat ctia P

Huwéng din
] ) g
popBErax-2 x-1 1 8
x3 0 E xdx+1  x- Jx+1 x+13
a) Voi thi
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L
x+20x- 2 Jx- 1 1!

J_+1)[ J_+1) X- .>r:+1+ X +1{
[

mmmm

(Ferg(x- e+t [rn)(x- S+

:x+2~f;— 2—x+1+x—JJ_c+1_ X +x
E e )
F b +1) i
p X" Jx +1
Vay véi X > Othi Vx
x- x +1 1
L N e |
Jx Jx
e)
J}:—&i:-[}
Vi X > Ongn Jx
\/_ 1
Ap dung bat dang thirc C6 si cho hai s6 duong ‘/_ ta dugc:
Jx+L2 2 k.= =2
& AR
0Vx=—t0x=1
Déu “=" xay ra Jx ( théa man X > 0)

P P32 2-1=1 vay gi4 tri nh6 nhat cia P =1 khi x =1

A= \!I_ 2 \.’E +2 ]| X 2x+1
Bai 2. [TH] Cho biu thirc I x+20x +1 2
a) Rut gon biéu thuc A ;

b) Timx dé A O;
b) Tim gi4 tri 16n nhat coa A .
Huwéng din

2) Didu kign X> 0X* 1P A =-x+x

b) Ta co

JOExEL .
A3 00 -x++yx3 00 x- Jx£00 Jx(¥x- D£0U 0£ Jx £ 10 %2 Ox2 10 O£ x<1
A_-x+~f§— gf E4o £ x 0 x- ——UU —%DGTLNA=%UX=%
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_ 3k +2 2x- 3 3(3Vx- 3|
Wx+1  3- x  x- 2/x- 3

P

Bai 3. [VD] Cho biéu thuc
a) Rut gon P;

¢) Tim gi4 tri nho nhét cua P.

Lo giai
pkxp: © 0% 7
p_dx+2 23 33k - 5)
e+l Jx- 30 (Jx+)(Vx- 3)
a)

(32 3] (20 3+ 1)+ 3(30- 5)
EFea

_ - ol +20x - 620+ 20x- 3Wx- 3- lx+15
W+ 3

_ 5x- 1Ix+6  _ - 15Vx- 2/x +6 :(5‘5‘ 2)[‘/;'3):5&-2
() N B N A R N N3

SVx- 2 _Sx +5- 7
P: —
Ix +1 Jx +1
c) Tacod
P =5- /
Jx +1
7 . 7
>0 U ——
x+1 . X +1 .U +1 . Ux=0
Vi J_ nén P co6 gid tri nho nhat 16n nhat J; nho nhat
P=57=-2
Khi @6 min .
J)_(+2 ,'Ej':ﬁ-hfI "'E :EEEJ; 1:1
i A:2x+5 EX 4 \[;-P-ZE& 2\& XF
Bai 4. [VD] . Cho hai bi€u thurc va
a) Rat gon biéu thuc B;
Q =AB

b) Tim gia tri 16n nhét ciia biéu thirc
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Huwéng din
x:-[lxlilPB:\E_z
a) Diéu kién Jx +2
0=ap -yt pl-g
b) Ta co * V{_""z *

- Truong hop 1: xet 0<X<4P Q£ 0

X+ 2(Vx- 2+ B .3

Jx - 2

- Trudng hop 2: Xét X > 4P Jx- 2>0 ta xét

(V- 2
Ap dung bit dang thirc Cosi cho hai s6 duong “E - 2 ta co:

2(Vx- 2)+ B, JE[J;} 2). B _of6po-= 1 = g1
Jx- 2 -2 2{\/;_ 2}+ +g 2226+8
Jx- 2
O:E 1 1 /
Tur 2 truong hop ta co: 2\’IE"’SV(’)’im(_)i‘1’(‘:"‘[:”( 4.Dau“—”xayra
- 13
0 2(Jx- 2=
(- 2= =
0 Vx- 2= \]_Px §_+2—
(thod man).
ol
Ux— E+2§
3 &
A= X- 2 B = X 1 1
Bai 5. [VD] . Cho hai biéu thirc B33 X1 2 Y2
x* Ox* 4x* 9
a) Rut gon biéu thic B
b) Voi X1 Z  hay tim gia tri 16n nhét cua biéu thic =A(B- 1)
Huwodng dén
B X 1 1 W

= . 4 =
a) Ta co X-1 Jx-2 Jx+2 k-2
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V- 28 2 2
P=AB-1 1=
b) B- 3= J:_c 3BK-2 & Jx- 3
Ixi z
,.1D£x{%xl 4P Jx- 3<0p P <0
o1
iz
x3 b Jx-3:410-3p P=—2_£__2 _6+2/10

Vay P £ 6+ 2010 ygi i X* OX* 4x* 9x1 Z

Dau “=" xay ra khi X =10

Khi dg Pree =6+2/100 x=10
Bai 6 [VD]
o]
x+1 _ =X- Jx
. A:J‘ 8 -1 x 1{3’2-].;-%1 x3 Oxt1
Cho hai biéu thirc X-1ya voi '
1/ Rut gon B

2/Véi X1 ¥ ya x1 1 hiy tim gia tri 16n nhét cta biéu thac P =AB
Huwéng din

oxFP0Oxt 1 )
1/Véi ta co:

g Bl Skx-
-1 (- Dk +D5 e+l

Yx +1+4x  x(yx- 1)

B = .
(Wx- DX +1) 2x+1
B = Jx
Ix +1
5o x
- 3 1
vay  WHlwe X %Y
2/Tacd: \‘E-lv";-kl \E-l J;;_l
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—n n mm n n gt n % R d % R % xR W % e R mmmm—  m h o wm nw mm n koo

voi X ¥ va x? 1 taxétcac truong hop sau:

THI: x=0thiP=0

TH2: X° 2thi\&‘ 12 2- 1

1 1 V2 22 +)) _24 43

P=1+ - £1

bodo -1 1 -1 21

Dau “ =" xdy ra khi X =2,

So sanh cac trudong hop cta P | ta thdy: mMaxP =2+ V2 khi va chi khi X = 2,

Ao+l o 2 x o 3x+3

Bai 7. [VD] . Cho hai biéu thtrc &-3Va *J’_+3 Jx - 3 x-9 x3Q0x!9

1) Rat gon biéu thic P =B : A
2) Tim gié tri nho nhat cta P

Loi gidi
1/ Véi x3 0x* 9 ta co:

2k ok wx+3 2 3+ d(o+3)- (343
I+3 Jx-3 x-9 x- 9

B_

_2x- Bx +x+ 3 - x- 3 - 3Wx- 3:‘3[\‘{;“)

x- 09 x-9 x- 9

'3(\&+1)_JE+1: -3V +1) x-3_ -3
x-9 k-3 (e 3)(Vr- 3) Wkl Y3

P=B:A=

Jx= 0p Jx+33 3p '333-1p ps -1
_|,_

e

2/\/('ri"""3 0x* gtacé:

Déu bang xdy ra khi ¥ =00 x =0 (TMPK)
Viy gia tri nho nhat ciia P 1a - 1 khi X =0,

DANG 6: RUT GON VA TiM GIA TRI CUA THAM SO PE PHUONG TRINH HOAC BAT
PHUONG TRINH CO NGHIEM.
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PHAN I. BAI TAP TRAC NGHIEM
1. TRAC NGHIEM CHON DAP AN (soan khoang 12 ciu theo cic mirc d9
NB: 4 cau; TH: 4 cau; VD: 3 cau; VDC: 1 cau)

Cau 1. [NB] Cho biéu thitc P =V = 1ygi ¥ 20 _ Cic gid tri cia 7 dé P =M ¢ nghiém 1a:
A.M* 0 B.MEO0, c.m?-1 pmE-1

Loi gii
ChenC

% A = = - | = = — A = r PN 3 -
mezo,de‘p me Jx-1=m \r’; *’”"‘I,dep—mconghlemtmf”"":—’Uﬁf”:—’|

J,;+l

Céu 2. [NB] Cho biéu thirc 2 v6i ¥ 20 Cac gid tri ciia M dé P =mcq nghiém la:
3 m 3 j m £ j
A.Mm? 0 B.ME0 C. 2 D. 2
Loi giai

_ Nr+l A 1
P=me =m = Jx =2m- 1| 2m-1z20= mz=

Vi X =0 , 2 Dbé P =m ¢4 nghiém thi 2

CAu 3. [NB] Cho bidu thire M =Vx v6i x 20 Céic gid trj ctia ™ dé o6 céc gid tri cita x thoa man: P> 7 1a:
A.M* 0 B.MEO0, c.m>0 p.m<0
Loi giai

Voi x=0 P>me 'J;:””.Véydécécécgiétricﬁaxthéamén: P>m ¢y m<0,

CAu 4. [NB] Cho bidu thie M =% yei ¥ 20 Cge gid tri ctia 7 @8 c6 cAc gid tri cuia x thoa man; M >m -1
la:
A.m? 1 B.ME1 c.m>1 p.m<1
Loi giai
VéixZO,déM>m-lthiJ;>m'ithim—l-:ﬂﬁmil
2
A=

Céu 5. [TH] Cho biéu thirc Vx-1 voi * 20;x #1 . Céc gia tri ctia " dé c6 céc gia tri cia x thoa man:
mA =x +1 1a:

N m?2 - };ml 0 m?3 };ml 0
A.m3 1 B.Mm* 0, C. 2 D. 2
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Loi giai
2m
mA :J;Hﬁ =fx+le= 2m=x-1e x=2m+l
Voi 20;.x #I.Ta co: "E' I
) ( 1
2m+1 =0 mz- —
= 2
-
Do de. 2m+] #] | m #0
3
4= >0;x 216
Cau 6. [TH] Cho biéu thuc Vx- 4 vei ¥ ZUXFL g0 gia tri ctia ™ dé co cac gia tri ciia x théa man:
mA :71
4 la
1 1 1
5 0 mE =m0 m3* =m0 m3 =:m=0
A.M U B. 3 . C. 3 . D. 3
Loi giai

- 1 3 - 1
mAd=— = 2 :Iﬁl"m——.f;+4ﬁ~g'r._:—|3m+4

Vi * =0;x #1. Ta co: 4 "E' 4
- 12m+4 =0 m EI—
-1 . =
i mAd =— - 2m+4 =4 m =0
Dé tim dugc * thoa man 4 thi: -
3 -1
A= mAd < —
Cau 7. [TH| Chobiduthic VX +4yai ¥ 20X #16 i oia i cia 7 g3 4
1 1
3 m=>=>—, m< —
A.M* 0 B.m* 0. c. 3, D.
Loi giai
2m+afr+
}”A{_ im am I{Gal m \E 4{0

|
_c::r—+_
Jr+d 4 Ji+4 4 4(Jx+4

Ta co:

9 .,Ir‘ 17 =
Suyral'*””‘ r+4d<le=Jr<-12m-4

1
-12m-4=20= m=—

vei Y20 #16 g3 Jx <-12m- 4 g
. 1 J_
P=— —>m+x
Ciu 8. [TH] Chobiduthac ¥ +Vx +1ygi ¥ 20X #1 yi x>1 cac gidtri ciia M dé P Ia
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1
—=mtafr = x-fxr =2m- 1
Taco: F

x- J__J_(J?_O . Em—lﬂi}ﬁmil—

, . X - Yy - \
V6i X>1 taco nende-'r x >2m- 1 ¢y 2

| PIRE Jx Sy L
Cau 9. [VD] Cho biéu thtc 1+4x va 1+x voi ¥ =0 Cac gia triciia M dé A~ B =m¢g
nghiém la:
A—l-::mECI Bm:EO C—lEmEO
pD.-1<m<D0
Loi gidi

Vi X =0 A- B=m= GJ:+I)J._ =-m

TH1: m=-1: PTvo nghiém

-m -m
=

x = x =0 =0
TH2: m#-1. PT¢o dang: m+1 PT c¢6 nghiém thoa man m+1
Giai ra ta dugc: -~ 1<m =0
-3
q 5= q x . S= ,
Cau 10. [VD] Cho biéu thirc Jx+3 , gia tri cia ™ dé phuong trinh VX - S=m c6 nghiém duy nhat:
m# >
—-3<m<0 —-3<m=<0 2
. B. va
A.
C.-3<m<0yy 2 D.-SSn?Eﬁva 2
Loi giai

= fx . 3 =m = -3+ ’ =m = fx+3=_2
Jx.S=m Jx +3 Jx +3 m+3
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x>0 ; x#9
Theo BKXD la
—3m
x>0 =/x+3>3= >3= >0=-3<m=<0
. m+3 m+3
Véi
X#9 > VX 43765 %6 —2 £6om#E
m+3 m+3 2
Vi
. oo —3<m=0 | 2
) : Pé thoa man deé bai thi va
Két luan
Jx Jx- 1
, A= B =" 0; ] ,
Cau 11. [VD] Cho hai biéu thuc : Vx +1 va Vx vei ¥ 7B FL cae gia tri cia m dé co gia
tri ctia ¥ thoa man 2A+mbB =013 .
A.M>0, B.M! -2 C. M>Oppc m<-2; D.-2<m<0

Loi giai
Chgn C

Ta cb - 2A+mB =0« 2x+m(x-1)=0«= (2+m)=m *)

Néu ™ =-2 thj khong tim duoc * théa man (*)

m
2 0 m =
+ 2
m

m m me<=2

x=
Vay " #-2 thi m+2 Pé co gia tri x thoa man 2A +mB =0thi

P:J;"l

Céu 12. [VDC] Cho biéu thirc X+ L x =0y, Gi tri ciia m dé phuong trinh

(Vx +1)P =m- x

c6 nghiém x la:

m+2

-5 -5
m=— m=>= —
A. 4 B. 4 c.m>-1 p.m?> -1
Loi giai
Chon D
[\/_+1]P =m- Xﬁx+\/_ (m+1) =
Ta co:

bt V¥ =t 20)= £ +1- (m+1) =0(*)
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o m== ' +t+—=0=t =-

|
PT c6 nghiém kép 4 Khi d6 (*) tré thanh 4 2 (Khong thoa min PK)

-5

= m>—

PT (*) c6 hai ngiém phan biét 4 (do f+t, =- 1)
Khi d6 PT (*) khong thé co hai ngiém cung duong, (*) c6 nghiém ¢ =0 = m =- 1

2. TRAC NGHIEM PUNG SAI (Soan khoéng 4 cdu): Cac khing dinh ding sai dworc sip xép theo
thir tw tir d& dén kho, cac khing dinh vé cing mot ni dung héi.

Trong méi y a), b), ¢), d) ¢ méi ciu, em chon diing hodc sai

Cau 1. Cho P =x"-2X+4  C4c cau sau dung hay sai?

a) Phuong trinh £ =7 ¢6 nghiém khi: 7 =0

b) Phuong trinh P=mgq nghiém khi: m =2

¢) Phuong trinh P=mcg nghiém khi: 7 =3

d) Phuong trinh £ =7 ¢ nghiém khi: ™ =3

Loi giai
a)S b) S c)S db
-2x+d=me v - 2x+4-m =0

A =CG1Y-(4-m)=m-3

Phuong trinh £ = ¢6 nghiém khi :
Az0= m-3z0= m=3

Vay Phuong trinh P=mgs nghiém khi 7 >3

bap an D dung

Cau 2. Cho £ =¥x (20)

. Céc cau sau dung hay sai?
a) £ =M conghiém khi 7 =2
b) P =m+1c6nghiém khi ™ =-4

¢) P =m-1conghiém khi 7 =1

d) P =m+3 4 nghiém khi 7+ 3=0

Loi giai
a) S b) S ¢)b d)p

ﬂ}\f’.‘l._' =m (m =0)
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bép an A sai

h}\.".‘n_' =m+l= m+l=0=m=-1
Phuong trinh © =7 +1 ¢4 nghiém khi 7 =- 1
Dap an B sai

t']m,l".m_' =m=-1o m-120e mz=l
Phuong trinh ” =m - I co nghiém khi ™ 21
bép an C dung

a’}J.‘n_' =m+3ie= m+3 =0
Phuong trinh © =7 +3 ¢¢ nghiém khi 7 +3 20
bép an D dung

N =
Cau 3. Cho F _“ﬁ +1 (x=0)

. Céc cau sau dung hay sai?
a) P =m 6 nghiém khi m <1
b) £ =m o nghiem khi 7 =0
¢) P =m ¢ nghiem khi m =1
d) P =m+1¢6 nghiém khi 7 =0
Loi giai
a) S b) S b

a) E'J.‘I._' +l=m = EJJ_' =m- |

Phuong tinh P =m ¢4 nghiém khi ™ - 1z0=m =l
bép an A sai

h) EJJ_' +l=m = EJJ_' =m- 1

Phuong tinh P =m ¢4 nghiém khi ™ - 1z0=m =l
bép an B sai

c) EJA_' +l=m = EJ.‘I._' =m - |

Phuong tinh P =m ¢4 nghiém khi ™ - 1z0=m =l
44
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bap an C dling

d) 2Jx +l=m+1 e 25 =m

Phuong trinh ” =" ¢6 nghiém khi ™ >0
Dép an D dung

P=2_ (x20)
Cau 4. Cho  Vx+2

2) P(Jm_ +2) =m +J_~L_-
b) P(Jm_ +2) =m +-Jr.1_'

. Cac cau sau dung hay sai?
c6 nghiém khi 7 >3

c6 nghiém khi 7 <3

3
O<m=—
¢) P =m ¢ nghiém khi

d) P =m ¢4 nghiém khi 7 <0

Loi giai
a)S b) D cob d)

G}P.(Jm_'+3):m+ﬁ ﬁJ_BJ}'(J_‘I._'+E):HI+J_‘L_' mBZHHJ.‘T‘ m\t’m_':?;-m
x+2

P.(Jm-'+2) =m +J_1_-

Phuong trinh

c6 nghiém khi J-mz0=m=3
bap an A sai

k) P.(Jm_'+2)=m+\fm_' = (JJ_'+2)=;.=:+J1_' = 3=m+\f_1_' ﬁJm_'ZB—m

3
Jm_-+2
P.(Jm-'+2)=m+u’1_'

Phuong trinh c6 nghiém khi 3-m =0=m =3

bép an B dung

c)P=m

3

J_x_-+3

Néu M =0 thi 0=3(yg 1)

=m (m >0)

=

o myx+2m =3 o myx =3- 2m
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Lad

3-2mz=0=m=—

b

Vi M >0nen dé c6 nghiém ¥ thi

O<m Ei
Vay phuong trinh £ = ¢6 nghiém khi

bép an C dung

3
= =m (m>0)
c)P=m \-".1_'+ 2 = m~.|"'_1_'+2m =3 <= mu"'m_' =3-2m

Néu M =0 thi 0=3 (v 11)

J; :3- 2m

Néu " #0 thi m

Lad

3-2m=0= m=—

b

Vi M >0nen dé c6 nghiém ¥ thi

O<m =—

Vay phuong trinh P=mc¢g nghiém khi
bap an D sai

3. TRAC NGHIEM TRA LOI NGAN ( soan khoing 6 ciu)

Jx- 2 Vx- 2

B = A= x3 0xt 1
Ciu 1. [NB] Cho hai biéu thirc 3 v XENXHLlyg '
Cho P =B :A', tim gia tri cua M7 dé P>m +\l; cd nghiém dung v41 moi gia tri cua X >4
Loi giai
mE 1
Pip én: 3
p _x+J)_f +1
3
0 (Wx- 17>
2
voi X > 4 gy (V- D7>1
Y me
Do d6 (*) nghiém dung véimoi X > 4 khi 3ME 1 3

Cau 2. [NB]
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A: B: (TED:T;‘EIG) é:}”.}.l
Cho hai biéu thirc V-4 4 \’? -4 .Tim " @ phuong trinh B o
nghiém.
Loi giai
.J'J'I'}U.'.mii
4
podie3 sEen _x-r-2esfEen (W)
o TR S CON ) () R O | ) R
a co
—m+lﬁﬁ+3 J_ =m+1 (xr>0x #16)

Nr-4 Jr-4

=] J?+3
Jx

3
= l+—==m+l

Jx

=m +|

= — =m(*)

Jx

A
—=m+l
Dé phuong trinh B c6 nghi¢ém phuong trinh (*) c6 nghiém
3 >0 [m=0
= m —
1 £4 lm ;tz
m
Nfx +1 +
A:—(J_ ) B = Vi +1 (x =z0:x #4)
Céu 3. [TH] Cho hai bidu thtrc -4 vy Ax-2
A _m

Tim M €72 dé phuong trinh B 2 c6 nghi¢ém
Loi giai

a(Vx+1) 5.5
m . -2 _m 4 m
= =— = maJx =8- 2m

-4 Jx4l 2 Jxe2 2

#)Xét M =0=10 \.r’; =5 (Loai)

8- 2
m =D = fx = m
*) Xét m

G
b

Ta co

8- 2m 8- 2m

=0; #2
nén phuong trinh da cho c6 nghi¢m khi ™ m
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§-2m =0 m <4
8- 2m m >0 m>0
20 | = = 0<m=4
m 8- 2m =0 m =4
*) Giai im<0 m<0
8-2
M #2 < 8- 2m #2m o m #2
Giai  om
[1.72. 4]
Nhu vay O<m =d:m =2 mEZnén mel1’3=4j
[1.72.4]
eltzal
Vay MEE1 gid tri can tim
A= I +— 5= (x> 0;x #1)
Ciu 4. [TH] Cho hai bidu thae V¥ 1 = 3 -l
A
C

Cho B tim cac gia tri ™ dé nghiém ¥ thoa man bat phuong trinh Vr €>fx +m-3
Loi giai
Pép dn: T

2 | 42 (o )=it2

DVEETRN ol IV SRR ] (Y e

A
=—=
B

Ta co
—J.?C}J;Hu—?n:’ —.r—ﬁ-i-l—m}ﬂm .r+J__— l+m=<0

x+—| <—=-m
20 4

1 5
= x+fyr+—-—+m<l =
4 4

i y 2 § 2

.T}D':’ \..";}D':'-‘ J?""% 2—_—= — \.I'I;‘“I; = —=m :';I_{E—j”:';”;{l
Vi | 24 4 20 4 4 4
3x - x= 24/
A 2@ A= ISJ; L - r+3(rl_=*ﬂ.jx #1)
CAu 5. [VD] Cho hai biéu thirc -Jx 4, c+2c-3 o 43

P(-,-";+ 3) =m

Loi giai

bat P =4+ B Tim ™ dé c6 X thoa man

Pap 4n:
_BJ._—E+I5J;—II_3J_?+3
Taco P =A+B -Jx x+24x-3 Y3

(3vr+2)(Vx+3)  symeonn (- 1)di+3)

T T G)e) D)

_-3x- I +6+150x - 11- 2x- Jx 43
(V- 1).(Jx +3)

P
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-5 +2

P

R

-5\J'r_+'?'

Vay vei ¥ =00 A1 i3

>(): ‘I”:F(J-"'_"'"?’) _j{+ (J_+3)—-5~Jr-‘t_'+3
Vi * =0;x #lta co +3
vei ¥ =02 S =0= -5 +2 =042 m=2 (1)
Mat khéc x#l= fr #l= -5x #-5= -5fx +22-5+2= m=-3 (2)
Tir (1) va (2) suy ra " =2im #-3

. Plajxr+3)=

Vay voi m=2m #-3 g o6 X thda man ('J“t_ ) m

PHAN II. BAI TAP TU LUAN

Phwong phap giai:
Rt gon biéu thirc da cho
Bién d6i vé phuong trinh hodc bat phuong trinh chira tham s6
A
Phan tich diéu kién ton tai phan thuic B ; can thure bac hai J4 hodc diéu kién co nghiém

ctia phuong trinh, bat phuong trinh dé tim tham sd.

BAI TAP MAU

_ .T+3qf'.‘l._'+ I
x= 25 ;i.‘l."i'-j

Jr-5
: (x =0, x #£25)
Jr+2 '

Vidu 1 [NB]: Cho

1. Rat gon P;
. PAx+2)=
2. Tim m dé phuong trinh (JT ) . c6 nghiém.
Loi giai

I+3£ : \'r > (x =0, x #=25)

P= +
a)Ta cb: x- 25 ;.I'm +5 :;_l' +2
P x +3J_1_' J_'— J.‘L—'— 5

) Wr-3) (re5)Wa-s) Jr+2

c+dfi-5 o
(Ve +5)(Jx-5) r+2

P =
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(I DWx+5) 5 S
R S | W I e P

- (Jx+2)=m

P (-J;-i-ﬁ):m

b) Phuong trinh c6 nghiém khi \'r +2 cd nghiém
J"L—-_ : -(JJ_'+E):m=* s,-".x_'- l=me -Jri_ =m+]
Taco: Vx+2
x =0 ‘m+1=20  [m=-1
P{Jx+2)= 225 =
Phuong trinh (e2)=m nghigm khi (¥ 2% [m*1=5 {m=4
vay M= Lm #4460 man ¢ bai
P = 0 + JT - (x =0 x #1)
Vidu2 [THJ: Cho %1 x+1 Jx-1
1. RatgonP
: {-J— )—m— 3
2. Tim m dé phuong trinh P c6 nghiém.

Loi giai

P= + - : (x =0:x #1)

b 6 . Vo (Jx-1) 3 (Vx +1)
E ) ) ) () D)

6+x-fr-3Jx-3

T
x-dafx 43

TTEED

_(E-) )

TEED

_Vx-3
P_V'?H

I -(-,r’_ )—m-3 L
2. Tim m dé phuong trinh 7 c6 nghiém.
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=S Jr+l=m-3s Jr=m-4

(x =0 ‘m-4=0 (m =4
| x#l = im-4#l = m#£S
'('Jr_ )—*’”' 3 x#9  |m-4#3 |m#7

Dé phuong trinh 7 c6 nghiém thi

Vay m=dm =5:m # ?théa mén dé bai

x4 24 fx

,~r+4\f—+4 4- x|

| Jx-1 2 fx+2]
.'r "\-"— 'r+:.ri'r

C=
Vidu 3 [TH]: Cho
1. Rat gon biéu thue €
2. Tim m dé phuong trinh € =m ¢4 nghiém
Loi gidi

\J'r_ I 2Jx+2]

(x>0x =4 x £9)

T+"J_

1. Taco: C:'T+4‘E+4 4-x| | x- r x4fx | (>0x #&x%9)
co Vi (Jx+2) 2x | J‘ | 2(Jx+1) ‘
TGy )| | F D F )
C= *J’_ 2x : J?_| ) 3'

V2 (-2 e2)| | Ve (We-2) V|

c= Ve 2) 2x Jr-1 2(Vx-2) |
12+ (-2 e +2)] | (- 2) - 2))
C= x- e 2x o-1-24x+4

(Ve-2)(r+2) x(Wx-2)

C-r(Wre2) (Wr-2)
(V- 2)Wr+2) -(Vx-3)
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(x=0;x #24:x 29)

=m(l) (x=0x #4;x #9)
2. Xét phuong trinh V-3

X

Céch1: Vx-3

=m = x- mJ_'L_'+3m =0 =t - mt+3m =0t = 0t #2:t #3)

Co A =m" - 12m =(m- 6) - 36

. m=12
< (m-0) 236>

bé phuong trinh c6 nghiém m =0
Vit#F2=m#-4

t#3=9#0 (dung véimoi M )

- Phuong trinh c6 hai nghiém duong khi 7 > 0= m=12

_ Phuong trinh ¢6 hai nghiém trai ddu khi 7 <0= m<0im #-4

S -
Cach 2: Blendm\r 3 J_ 3

- Néu Ji-350= x39= C=12= m=I12

= m<lim#-4

-\-"._'— <D= 0<x<hy=d= C =bH- [{3— -J_m_'}+3 7

-

- Néu

m<0;m #-4 hodic m =12

Al -1 3J‘+|

A=
Vidud [VD]: Cho  ~x-1 Jx+l x-l
1. Rat gon biéu thire 4

Két luan:

x =00x #1)

2. Tim m dé phuong trinh 74 =¥ -2 ¢6 hai nghiém phan biét
Loi gidi
4 Jr+1 JT -1 3y +|
1. -J_ J_+| x-1

x =0x #1)

) . (Vx-1) N
(- DEE+) (E-D)WE ) (- 1D +1)

x4 2fx #l4x- 24fc +1- 3 v |
(V- ) +1)

A=
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TEE)
(Vx-1)vx-1)
C(Wr-D)x )

AZEJJ_J‘I.';]]

2.

mA:JJ_'—EﬁmJ_‘_II —J._ "ﬁ"nw'r_ m—.x—sf._'—'*ﬁ x- "m+|af_+m+"—
+

Pt { =Vx(E =0 )= (1) = - Qm+ 1) +m- 2 =0(%)

Phuong trinh c6 hai nghi€ém phéan biét khi phuong trinh (*) c6 hai nghi¢m phan bi¢t khac 1 va

r ( 2 Am’ > 0%m
A=0 [—[_EHHI}] -4 (m-2)>0
m=2
P =0 m- 2 =0
t, >t =z0= = = -1 = mz=2
) 5=>0 2m+1>0 m>—
a+b+c #0 c(?m+l+m=-2 = -
, 1= (Zm+1)+m- 2 #0 mE-2

Viy diéu kién la m =2

_" 1 2 ‘ xhf ]
.JI—I T - x+ _r—l_ll.‘r x+xfx+l x+l] (v6i x =0;x #1
)
a) Rat gon biéu thiuc P
. (-J‘_‘T‘H)P =m- x
¢) Tim M @é c¢6 X thoa man .
Huwéng déin
Loi giai
a) V6i x>0;x#1 ta co:
1 2/x x+vx 1
pP= - :010-2024-GV 142
Vx—=1 xVx—x+Vx— X\/7+X+\/7+1 x+1
P L .010-2024—Gv 142| —XLxr) | 1
Vx—1 Vx(x+1)—(x+1) Vx(x+1)+(x+1) x+1
p=(— L 20 )10 s0pa gy iag| XWX 1
Vx—1 (x+1)(Vx—1)

(x+1)(Vx+1) x+1
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C x+1-2Vx Vxel o (x=1P  x#1 , x-1 FT
T a1 T Y e P A ) (Va1) Vel Varlvay

i

x =0;x #1
Voi
_ +1)X
x =0;x #1 (J?+I)P —m=x (*JF )-J_+I e = -.-"_1_'— l=m- x
b) Véi ta co:
ﬁr+\.';1_-:m+l x=0= J.‘T‘ED =m+l=0=m=-1
Co

&= |+-JI_ Z=m+1= m =l
Co

m=-1m =1 x (\‘F‘H)F =m- X
Vay voi thi c6 théa man
Bai 2. [TH]

Cho céc biéu thirc:

A_\/’;H ‘
_‘/‘;'IV J‘L- ‘|.—|

1) Rat gon biéu thirc B

. .1'—\."1_'
:;"1 +1

(Vé’l X ZG;.’C #1)

3) Cho P =4.B Tim ™M ¢é
Huwéng din

1) Vi ¥ =0x #lig ¢

5 i . Jx | JT(J_")
V- (J?-l)(»fﬁl)_"

NEESEN S ﬁ(ﬁ-')_ﬁ
(V- D)(x+1) 2dx+1 Ja+l

i+l 5k
2) Taco: \F' "J'r-‘_""l '\"‘-‘_"I
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(-J.x_'— I)P =m+l= Jx_-:;m+|

véi ¥ =0 ALy ¢

Véydé ("E— I)P}‘I”H thi m+l<0=m<-1

Jx+5 4 2x-fx-13
A= B = + +
Bai 3. [VD] Cho hai bidu thite ~ ¥¥-3 va  Vr+3 x-9 3- Jx ygi x 20:x #9
B Jx-s
P == P=
1) bat A4 | Chting minh VI;+3.

m-J‘_m_'+| :(Jm_ +3).F"

2) Tim tat ca cac gia tri cia " théa man

Huwéng dén
Pt
1) 4

J 4 213 x| Veas 4o 12420 Yr- 13- x- 3V Jx#S
B -,-"_1_-+3 x-9 3—\,;"_1_- 'afm_-—B_ (J;-B)(J:L_-+3) 'J._'—B

_ x-25 Je-3 Jx-5
(Vr-3)(Jx+3) Jr+5 Jx+3

P:JLS

viy Ve

m\-"m_"i-l :(ﬂ +3).P = fr-5 =m~.1'rm_'+| = -.fr‘t_(l - m) =6

2) VaGi ¥ =0;x #9

, ta co: *
= 6
Néu 7 =1 thi (*) v6 nghiém. Vay ™ #1, Khi do: 1-m
0
) >0=1l-m>0= m<l
bé tim dugc X thi I- m
Vay m <1
x- 4 2 3 x-5r+2

Bai 4 [VD] Cho cac bidu thic V¥~ 2 va Je-2 Jr+2 4

a) Rut gon B .
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|
mP =—
b) Cho £ =4.B Tim ™ & c6 cac gi tri cia X thoa man: 2

Huwéng din

2 3 x-5fx+2

B =—— + -
a) -J"._'- 2 -J",x_-+2 4-x (voi x=0: x ¢4).

2 3 x-5r 42 2(Jx+2) 3(Vr - 2) .\ x-5Jx+2
(V- 2)(Wx +2)

R En v )W) )

5 :EJJ_'+4+3«.-"'1_'— O+ x- 5«,}'1_'+2 __ X
(Vor- 2)({x +2) x-4

b) Voi ¥ =0 #4 a5 Vr-2'x-4 Ja- 2,

mx

Ji-2

mP =

—

:%=t- Imx - Jx +2 =0 (*)

b | —

Ta co:

l
. mpP =—
Dé c6 céc gia tri ctia * thod man: 2 thi phuong trinh (*) phai c6 nghiém.

+V6i M =0 ta tim duge * =4 (Loai)
+Vvei m#0 | dat Vx =t (¢ 20) ta ¢ phuong trinh; 2mt" = 1 +2 =0 (xx)

Pé phuong trinh (*) c6 nghiém thi phuong trinh (**) phai c6 nghiém duong, khi do:

. 1-16m =0
A =0 [ 1
] mo=— ]
E|+E:}C|=?-_}—>C| = 6= 0<m=—
2m
't -{:;s-l:l 5 IHI}U
— =0
2m

Bai 5 [VD] Cho biéu thirc
a) Rat gon P
b) Tinh gi tri cia P biét ¥ =7~ 43
¢) Tim X dé P=2Jx- 1

d) Tim ™ d& c6 gia tri X thoa man £ =m
e) Tim gia tri nho nhat cua P

Huwong dén
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poy BEHE- 2 J?-1 L] Q
%30 5.‘1‘\!;1-1 «J'_+ \"I"«_-I-E_?!
a) Vi thi
e
€ x+2x-2 Jx- 1 1

L
L
o ) o ] - NEETNESD

() V) (V[ V)
x4 2 x Al Je 4l x+Jx
(\E‘H){"" ‘j""_'-"l)_.‘r— Jx +1

R S
P:x— \E+1
Vay véi X > Othi NE
x=T7- &f3=4- 22 34+3=(2- 3] X
b) Véi ) ¥ ( I) théa man diéu kién ¥ >0

ro— T ]:‘}_ :'}_
DJ? 1’(~ ﬁ) ‘u \r"3_| L ﬁ(V12>‘/§)
N J§+1:?- 4:f3- 2- J§+1:a- 3J§:3
Jx 2- B 2- 3
Vay véi ¥ =7- 4\!_th1P 3
p=2Jx- 10 X Vx +1

24/ =2Jx- 10 x- Jx+1=2x- Jx _
c) Jx U x =1 (thoa man *>0)
Vay véi ¥ =l P=24x- 1
PZI_ J;-I_l:ml:l X- J.‘t_'+1=mxj'r.1_'l:| X- I:m+1}u';;+1=[l
d) Jx (D

1" Opgn (1) 1a phuong trinh bac hai.
pat | = Jx(t>0)

(1)t thanh |~ H)EH1=0 o)

., D Z{m+1}] -4=m>+2m- 3=m - m+3m- 3
Ta co
= ml[m— 1}+3!:m— 1} = I:m— l}l:m +3}
Phuong trinh (1) c6 nghi¢m U Phuong trinh (2) c6 nghiém duong
TH1: Phuong trinh (2) c6 2 nghiém duong

11 0

- tD=(m-1 +3)2 0 . -1 0.

0 {m }{m ;.} 0 m 0 m? 1
S=m+1>0 m+1=>10
P=1=0
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TH2: Phuwong trinh (2) c6 2 nghiém trai dau
Us =1{D(V61}") P Loai
TH3: Phuong trinh (2) ¢6 1 nghiém duong va 1 nghiém bang 0

0°- (m+1).0+1=00 1=0

Vi ! = Othay vao (2) ta duge (vo1y)P Loai

3 A S
Vay 7 1 1a gia tri cAn tim.

- Jx 41
pP= =x +
e) 's_.‘.‘i. T
J; = [l.',L >0
Vi ¥ >0pen .J?
JrL
Ap dung bat dang thirc C6 si cho hai s6 duong */;‘ ta duoc:
1
2 x—
J_ N <
, 0 Jr=—tU x=
Dau “=" xay ra Vx ( thoa man X = 0)

P P* 2- 1=1 vay gi4 trj nho nhat cia P =1 khi ¥ =1

CHUYEN DE: ....

Tén file: DA<MA tai liéu> <CP...> <DANG..> <Tén DANG> <Tén GV> <Sé dién thoai> (Viét khong
diu)

Vidy: B HPTI CD 1 HE PHUONG TRINH BAC NHAT HAI AN MAI NGOC 0965456243

A.KIEN THUC CAN NHO
(ghi 1ai ndi dung chinh ciia bai/ cha chwong: dang liét ké, bang hoic so' do tw duy)
1.

2.
B. BAI TAP
DANG 1: .... Cin cit vao tirng dang todn GV dwa ra by cdu héi tric nghigm phit hop, cé ging ddp ikng

dwoc 6 méi dang nhw sau

PHAN I. BAI TAP TRAC NGHIEM

1. TRAC NGHIEM CHON DPAP AN (soan khoang 12 ciu theo cic mirc dd
NB: 4 cau; TH: 4 cau; VD: 3 cau; VDC: 1 cau)

Cau 1. [NB]
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Ciu 2. [NB]
Ciu 3. [NB]
Ciu 4. [NB]
Cau 5. [TH] Két qué ctia phép tinh V4%* +38 (g @° 03
A. 108, B. 4a. C.- 4. D. 52a
Loi gidi

Chon A
Jaga® +3 = \[(7a)" +3a =[7a| + 32 = 7a + 32 = 10a

v6i@® 0. Taco:
Cau 6. [TH]
Cau 7. [TH]
Cau 8. [TH]

Cau 9. [VD] Cho duong tron (O:R) va day cung MN = R\E .Ké OK vuong goc voi MN tai K . S6
do cung nho MN 13

A. 60° B. 240°. C. 30°, D. 120°,
Loi giai
N
KéOH ~ MN tai H | khi d6 H 1a trung diém cua MN (theo mdi quan hé vudng goc giita dudong kinh
mp =MN _RY3
va day) nén 2 2

Xét tam giac MOH vuong tai H | co

MO 2R 2 dodé MOH = 60°
Xét tam gidc MON can taj O (Do OM =ON =R )
lai c6 OH 1a duong cao nén OH  dong thoi 1a dudng phan gic cia MON
nén MON =2MOH = 2.60° = 120°
xét ©0) e SN = MON = 120° (géc & tam chén cung MN
Cau 10. [VD]

Cau 11. [VD]
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Céu 12. [VDC] Cho biéu thirc 2 = J4 FVAF YA+ 66 hans6 V4), Gid trf cda bidu thic A

la
iy 14T 14T 14 17
A 2 B. 2 c. 2 . D. 2 .
Loi giai
Chon D
Détx:J4+J4+ “4+"""+J:‘.Tacé: x>0
Khi db: x2=4+J4+J4+V!4+J4+....+J:I b =a+x0 - x- 4=0
2 1+417
= |- - - — X_.=_
0 [ 1) 4'1[ 4) 1 }Dp Phuong trinh ¢6 hai nghi€ém phan biét: : 2
X:1+J1_?
ViX>Osuyra 2

2. TRAC NGHIEM PUNG SAI (Soan khoéng 4 ciu): Cac khang dinh ding sai dwoc sip xép theo
thir tir tir dé dén khé, cac khing dinh vé cing mot ndi dung héi.
Trong méi y a), b), ¢), d) & méi cdu, em chon ditng hodc sai

Cau 1. Mot cude thi ban cung c6 20 nguoi tham gia. Trong lan bin dau tién c6 18 ngudi bin tring
muc tiéu. Trong lan ban thtr hai ¢6 15 ngudi ban trang muc tiéu. Trong lan ban thir ba chi c6 10 nguoi
bén tring muc tiéu.

a) S6 ngudi ban trugt muc tiéu lan dau 1a 2.
b) S6 nguoi ban trugt muc tiéu lan thir hai 13 6.
¢) S6 ngudi ban trugt muc tiéu trong 1an ban thi nhat va thi hai 1a 8.
d) S6 nguoi ban triing muc tiéu trong ca ba 1an bén it nhat 1 3.
Loi giai
a)b b) S c)S db
- Trong 1an ban déu tién c6 18 ngudi ban trang myc tiéu nén a dang.

- Trong 1an ban th hai ¢6 15 nguoi ban tring myc tiéu nén sé ngudi ban trugt muc tiéu lan tha hai 1a 5.
Do @6 b sai.

- Trong lan ban thtr nhat va thtr hai c6 nhiéu nhat 7 ngudi ban truot muc ti€u nén c sai.

- Trong ca ba lan bin néu sd nguoi ban truot 1a cac nguoi khac nhau, thi ¢6 toi da 17 nguoi ban truot, mdi
nguoi chi ban trugt mot 1an. Do d6 d ding.
Cau 2.

Cau 3.
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3. TRAC NGHIEM TRA LOI NGAN ( soan khoéng 6 ciu)

Cau 1. [NB]
Ciu 2. [NB]
Cau 3. [TH]

Cau 4. [TH]

(d): % =(m+2)x+m

Cau 5. [VD] Cho duong thang v6i M 1a tham sb. Cac gia tri cia M dé dudng

) ) ) OAB :}
thang cit céc truc toa do tai hai diém A va B sao cho dién tich tam giac 2 13 bao nhiéu?
Loi giai
s ™|
, , =m+2)x+m , . .
bé duong thang (d): y ( ) cat truc Ox,0y thi tai 2 diém tao thanh mot tam giac
m+2* 0. tm?* -2
m?* 0 mt 0
a
X =0thi Y =M 3 duge BOM) 1hi g6 98 = m
+Vo1
m
_o = _Mm_ Al- mz;o]. DA=‘m+2
+veoi ¥ = O M+2 g duge M*T2  khido
1 1 m 1 m’
lE — Il — e — _1
_ 2oss = 5040 2| |‘m+2 2 ‘m +2
Taco n
2
nr -1 m__ 4
Khld0m+2 hogc M+ 2
nr —1
*x M+2
m- m- 2=0
m =- 1 (théa min) hodc M = 2(théa méin)
2
m ——
* M+ 2

m +m+2=0 (phuong trinh v6 nghiém)

[ 4
me -1 4
vy
PHAN II. BAI TAP TU LUAN

Phwong phap giai:
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BAI TAP MAU
Vidu 1 [NB]:
Noi dung
Loi giai
Vidu 2 [TH]:
No1 dung
Loi giai
Vidu 3 [TH]:
Noi dung
Loi giai
Vi du 4 [VD]:
Noi dung
Loi giai
BAI TAP TU LUYEN

Bai 1. [NB] Noi dung
Huwéng din
Bai 2. [TH] No6i dung
Huwéng din
Bai 3. [VD] Noi dung

Bai ..... [VD] N6i dung
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CHUYEN DPE 6: RUT GON VA CAC CAU HOI SAU BAI TOAN RUT GON

Tén file: DA<Ma tai liéu> <CP...> <DANG..> <Tén DANG> <Tén GV> <S6 dién thoai>
(Viét khong dau)

Vi du: - HPT1 CD 1 HE PHUONG TRINH BAC NHAT HAI AN MAI NGOC 0965456243

A. KIEN THUC CAN NHO
1. Pinh nghia can bic hai:

Cho sb thitc @ khong am. S6 thuc * théa man ¥ =4 dugc goi 1a mot cin bac hai ctia @ .

Dinh nghia cin thire bic hai:

Véi 4 1a biéu thirc dai s, ta goi ¥4 1a can thtc bc hai cta 4, con 4 duge goi 1a bidu thitc Ty
can hodc biéu thirc dudi ddu can.

2. Cac cong thirc vé cian bic hai:

1) Véi bidu thire 4 bitki, taco ¥4 =1 nghia 1a
VA" =4 1hi 4 20 (tic 13 4 nhan gia tri khong am);
VA" == 4 1yj 4 <0 (grc 13 khi 4 nhan gid trj Am)
2) Véi hai biéu thirc 4B nhan gia tri khong am, ta c6: A.B =J4B.
3) Vi hai bidu thie 48 ma B=0_ . V4B =[AVE.
_V4
Vet

A
4) Véi hai biéu thirc 4;B nhan gia tri khéng 4m va B 70 ta co: \/;

\f J AB Jm _4B
5) Véi hai biéu thire 4B thoa man 18 =0.8 #0. ¢ 4. 18]

4 _AJB

6) Vi hai biéu thire 48 ma B>0 taco: VB B

A,B,C iy 420y A#B, ¢, ¢4

c cWa-8) ¢ c(i+8)

7) V6i cac biéu thirc

Ji+B A-B 'Ji-B A4-B

A,B.C 3 AZ0,B =03 A#B, 5.

C _C('J?JE) C _C(ﬂ+-j§)
Ji+JB  A4-B Ja-JB  4-B

3. Pinh nghia can béac ba:

8) Vi cac biéu thirc
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£ , £ ) ~ 3 _ 1y = A ,
+ Cho s6 thire @ . So thuc ¥ thoa man ¥ =@ dugc goila can bac ba cua ¢ .

+V6i 4 1a mot biéu thic dai s6, ta goi Y4 13 can thire béac ba cia 4.
B. BAI TAP

DANG 1: Rut gon va tinh gia tri ciia biéu thirc khi biét gia tri ciia bién.

PHAN 1. BAI TAP TRAC NGHIEM

1. TRAC NGHIEM CHON PAP AN (soan khoéng 12 ciu theo cac mirc dd
NB: 4 cau; TH: 4 cau; VD: 3 cau; VDC: 1 cau)

2x X
A

= -
Cau 1. [NB] Cho biéu thtrc v+ 2x 2 ,vei x>0

Rt gon biéu thirc 4.

1
Jx B.m Wx+2)

A.
1
p. Vx
Loi gidi
Chon A

2x X

A= +
véi X >0 Ta co: .r+3J? -J?+2

_ 2x o
Je(Wx+2) i +2

_3-\_-"; .
J;+3 -J?+2

_a(fx+2)
-f;+2

—

VéyAz‘/; véi x>0

\Ba

B = r;r].i+ 9.§+1f1233
d a d

Céu 2. [NB] Cho biéu thic ) véi @>0;
A. 1+2a B. 2- 2a
1- 2a
C. 2+2a D. 3
Loi giai
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B = ,’a].i+ 9.§+ 12a° |:f3a
' “ véi @>0;
B = nrj.i+ 9.% +«.J"12r13 Af3a
d a

B:(*j3_ﬂ+\j£+2a@)ix/3_ﬂ

B =(2\3a +2a3a ): 3a
B:(*j3_ﬂ+@+2a@)i‘df3_ﬂ

x+3

A=
Jx-2 voi x>0,x -‘#4.

CAu 3. [NB] Cho biéu thirc:

Tinh gia tri biéu thiac 4 khi X =6,
2 -3
A. 2 B. 2
93 9
Loi giai
0+3 9 Q
, ..-4 = = :;
Thay * =6 (TMPKXD) vao biéu thitc A, ta co: 6-2 4 2
2 —_ 4 3 3
Céu 4. [NB] Riit gon biéu thie 4 =va* +ada’ +1
A. 2a+l B. @’ +a+l
C. 2a” +1 D. A +at+1
Loi giai

A :‘\JH4 +(1W‘3H3 +l=a’ +a° +1 =2a* +1
1- fx
B=—
1++/x véi X =0

CAu 5. [TH] Cho hai biéu thirc

Tinh gi4 trj ctia biéu thue B khi ¥ =6~ 2*/5.
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2J5-1 2J5-5 2- 45
A 5 B. 5 C 5
p. 2V5-5
Loi giai
Chen B

Véi X =6 2V5 ( Thoa man)

_ Vr=6- 2405 = (V512 =5- 1

oG- 245 245-5

Thay vao A du’(jc. 1+4/5-1 V5 5
) _25-5
Vay véi * =67 2V5 th 5
q p=2 J_(wr:nﬁ) ,
CAu 6. [TH] Tinh gia tri cua biéu thuc J-‘f -2 bit
pP=-6 P =6
A, P=ve. B. P=1. c. P = p. [P =1
Loi giai
Véi ¥ =0;x #4
2x-5|=7 = ;’" . fT - fﬁ“’”h’
Ta co: 2x-5=-7 =- 1{ktm)
6- 24/6 _\J6(:f6-2)
P= = =6
Thay X 6(TMDKXD) vao biéu thirc, ta co: V’_ 2 .JE- 2
4= %" 3
Cau 7. [TH] Tinh gid trj biéu thire V¥~ 2- (X ZZx #11y (; x=5- 242
A 4=2 B. 4 =1-+2. c. A=-2. D, A=2+2.
Loi giai

Thay ¥ =2~ 22 (thoa mian DKXD) vao biéu thirc A ta co:

5-242-3 2-22 2(1-42)  20-42) 20 42)

= = =7

SN SN S JS-EJE-I_J(@.Q]_I V2-1-1 2(-42)
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D= +
Cau 8. [TH] Tinh gié tri bidu thitc V2T VT3 oy =S
g
D _i D :E.
A. 5 B. D =3V2. c. 15 p. D=\3+1.
Loi giai
Thay X =3 (théa man DPKXD) vao biéu thic D, ta co:
. 1 .| 1 1 1 _1,1_38
J5+g,f'5-1 Ji-1+ \/5+3J__1 ;;-1+3 \,"5+-1 243 3 5 15

b o - 4x J_+ 2fx 43
Cau 9. [VD] Tinh gid tri bidu thre - 53X +6 R (F 20x #hx 29y 5

x =5.

3-45 1- 5 1+4/5 3-45
A NS B. V3+2 c.V5-2 D~/g 2
Loi gidi
Chon D

9\!_--1': J_+ 2Jx +3
,ta co: X- 5;;"1:+ :.ix:-?‘ ]

_ ofr-4x +(J¥+1)(J?-3)+(2J?+3)(J?-2)
(- 2)(Wx-3) (V- 2)(Wx-3) (- 2)(Wx - 3)

:9..!__-4x+x-2..:’_?-3+2x-4__-5
(V- 2)(Vx - 3)

_ -x+64fx-9
- (Vx- 2)(Wx- 3)
L))
(Vr-2)(Vx-3)

_-J}+3
_JE-E

Véi X =0 x £4:x 0

-J§+3

i
i

P =
Thay * =5 (théa man DKXD) vao biéu thirc ta co: ‘E B
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x =0,y z0:x #y)

Cau 10. [VD] Tinh gié tri biu thirc Y (vei

x_4
bidt ¥ 23
7 10 20 7
A S B. 7 c. 7 p. 10
Loi giai

p {2 |
voi ¥ 20y =0:x #V ta co: | x- ) 2Jx-2 V|
4 (Vr+ )
2(x- ﬂ(f ) 2 P +)|
:4\[;-1-2,}(;-.1&‘ -1JT
(1’ 7‘\/_+1) 4\/_
2 (V- )W+ ) V- v
(Vr- ) 4(
E D TN aNG
-(x- ) 4{
“2({x I) -y

il

J‘

IHS

4 [.‘f =4

’ ¥ :-';I
Taco: 7V 25 (TMDbKXD) suy ra: ]vl 25t

25t =104t - 104t -m
Zhs +25¢ I?; NN I

(t=0)
Thay vao biéu thirc ta co:

.'.r+1_ x-1

5
i A= :[ ]H X | (x 21)
Céu 11. [VD] Cho biéu thee ' ¥-1 x+1] Ta7-1 x-1 x+1)
Tinh gia tri caa 4 khi * =\.‘3+J§.
A A=203 B. 4=-2V2. c. A=-2. D.

A4 =3
Loi giai
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2 X |
_ - +
x-1 x+1) lx -1 x-1 x+1]

4= x+1_ x-1

X7 #2x+l- 7 #2x-1 2-x7-14x-1

(x- D(x+1) Co(x-Dx+])
_ 4x =X X
C(x- D(x+1) (x- D(x+1)
4x o= x(x-1)
C(x- D(x+1) (x- D{x+1)
B dx -(x+1)
C(x- D(x+1) x
-4
Cx-1

Taco ¥ =V3+B. (théa min DPKXD)
> '4 ""1'
.¥:J3+2\-‘E: (ﬁ+1)_ :-JE+1 :-Eﬁ

.-I = =
, thay vao biéu thuc ta c6: 2+1-1 2

X V X+ v
P= + - —(xy =0 x =)
Céu 12. [VDC] Cho biéu thirc Jo+y Jo-x Jw voi YV =T gy

Xy =10 Khi d6 gi4 trj cia biéu thic P 1a :

p=+! p=l
A 3 B. S C
p=+ p=1
3 D. 5

Loi gii

r[x}-‘ >0, x #3y)

X Vv X+ )

P= L p— - -

N +y .J.x}-‘ - x Gfxy
X+y

T ) BT v
R S ARR D N O N S ) N (x+y)x- ¥)
Jorx + nx- ) o s - ) Yo s - )
:x: - xﬁ- yﬁ- - x4y
Vv (x + - )
:-@{;{ +y)
Jx?[;{- ¥)
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_-(x+y)
x=-y
[1‘+1 =7 [.1':2 x =5
lxy=10 = |y=5 =2
Taco: (Ym PKXD) hogc ¥ =~ (t/m DKXD)
| 1.7 poc1_ 1
Thay vao bi€u thurc ta co: 303 hodc 3 3

2. TRAC NGHIEM PUNG SAI (Soan khoang 4 cau): Cac khing dinh diing sai dwoc sip
xép theo thit tw tir d& dén kho, cac khing dinh vé cing mét ndi dung héi.
Trong moi ya),b),c)d & moi cau, em chon dung hodc sai

:\ﬂ o [2] s
, 25 25
Cau 1. Cho biéu thuc ' :

A. Gia trj ctia biéu thac P 1 s6 nguyén.

B. Gi4 trj ctia biéu thirc P 14 s6 hitu ti.

C. Gia tri cua biéu thire P 1a s6 vo ti.

D. Gia tri cta biéu thire P 13 s6 nguyén duong.

Ménh dé nao sau diy diing?

Loi giai
a)S b) S ob d) S

o 9 | (2 3] (12 3] 9
=l6]—- . — .15 = 6.—-—‘.15: —-—‘.15: —.15 :w}ET =33
J‘ \’zs \sz_‘ \/‘ 5 51 \ﬂ 5 5 \/5 3

o] 1 2Jx

+
Céu 2. Cho biéu thirc 24fx 2-4x 4-x (véi * 20,x #4 ). Céc cau sau Dung hay Sai?

a) Voi x20,x #4 4 c6 gia tri 1a mot sé am.
b) Gia tri cia 4 khi * =4 1a 1.
¢) Gia tri cua A xhi ¥ =51a mot sb vo ti.
d) Khi X =0 thi 4 ¢6 gi4 tri 1a sb tu nhién.
Loi giai
a)S b) S b d)b

1 1 w’_ 2-fx +2+ x-zﬂz 4-20x _ 2
2edr 24 xR r) Qevn)l- ) 244

J:‘::-D:- J_+1‘:r[l:> A=

a) Voi ¥ =0:X #4 gy 2+ \"? (Sai)

2 2
A= = =
b) Thay ¥ =4 (thoa man DKXD) vao bidu thirc, ta co 2+ “
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2
A= = 2.J5-2
c) Thay * =5 (thoa min DPKXD) vao biéu thirc, ta c6 2+ ‘Jg 4-3 - 1 1a
s6 vo ti (Pung)
2 2 2
A= = 5 :? =1
d) Thay ¥ =0 (thoa man DKXD) vao biéu thic, ta co 2440 240 2 1a s6 ty nhién (Pung)

Vx4 ] x+16
Jx +4 J__--4_'_1-+4J§(V,

5 > 0:x #1 6). Céc cau sau bung hay

B =
Cau 3. Cho biéu thirc -
Sai?

Jx

a) Két qua rat gon cua B 1a Jx -4 .

23-1
b) Gié tri ctia B khi * =y3- 242 a1l

¢) Khi *1a mot sb chinh phuong thi B ¢6 gia tri 1a mot s6 hitu ti.

d) Khi ¥ >16 thi B ¢4 gia tri 1a mot sé duwong.
Loi gii

a) D b) S ¢) b d) b

, ta co:

(& 4| xe1e V(- 4)+a({r +4) Vr(Va+4)
B:‘ + : = .
x+d -4 xeadx (\fq+4)(~u"r_'—1) x+16

_ x+16 ‘\”1_(\)’?+—1)
C(Vx+4)({x-4) x+l6

Jx

x-4 (bung)

a) Vi = U,l Z16

b) Thay * =V 3-242 (thoéa min DKXD) vao biéu thirc ta co:

(Sai)
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Khi X1a mot s6 chinh phuong thi

[J_x_'::-[l

d) Khi ¥>16 thj [Vx- 450 (Pung)

Cau 4. Cho biéu thirc

a) Véi x>0 th D>0.

¢) Véi X +3x+2 =0 th

d) Voi X #1 thi D =1.

Loi gidi
a) D b) D S d) S

x+2x-2 -1
.1'-»,E+1 .1'-«,-"_1_'+1 ~.-'T+1_

D=l

Véi ¥ >0 ta co:

x#2x-2  x-1 ]
(\EH)(_{-\EH] x- x4+l Jx+l

=1:

:1..':_'+2\.'r__'- Yo x4+l + - «J';+1
| (‘JL‘-_+1)(‘:_- J~,__+1)

_(J;H)(x- J:a_'+1)
- x+x

(V+1)(x- Vx +1)
Jx (Jx +1)

72



CHUYENDEONTHIVAQ10_  _ _ _ _.

X- sf;+1
Jx
1y 3
x-Jx + [\E? +1
D= = >0
a) Voi X >0 thi Jx Jx (Pung)
x-3 =1 (TM)
—
b) Ta c6: x-3=-1 |x=2(TM)
4-J1+1 4-241 3
D= = =
V6i X =4 thi V4 22

D=
Vi X =2 thi 2
3 3J2-2

Vay (bung)
. = (KTM
_r+3x+?.:[l=r(.¥+1J(x+?-)=ﬂ‘='[ _ 3{f }
c) Véi X == ...{Ji!. TJH}

Vay D€ @ (Sai)
1

x-aJx+1
D=1 -
d) Véi X >Ota co: Jx 'J'_ J_
I I
D:Hh— 122 fxr—-1=2-1=1
| x| Jx

Ap dung bit dang thirc AM-GM, ta co:
Déu “=" xay ra khi * =1 ma theo baira * #1 nén D >1.(Sai)

3. TRAC NGHIEM TRA LOI NGAN ( soan khoang 6 ciu)

—JC+B) -5

Céu 1. [NB] Két quan rat gon biéu thirc la:
Loi giai
Dip dni| A =2
=[(2+43) - 5
—2 + \E - \/3 =2

oY -
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Viy A =2
2 3 v- 5 +2
i B +
Cau 2. [NB] Két qua rat gon biéu thirc e-2 Jr+2 SR P
Loi giai
B=—"
pip
po_ 2 , 3  x-5x+2
VGiXZO’X¢4,tac6: Vr -2 x+2 x-4
5o 2x +2) . 3(fx -2) . x-S fx+2
(Vr - 2)x +2) (x+2)(r-2) (W -2)(x +2)
2(x + 21 3(Vx -2) +x- 5yx +2
A=
(W - 2)(Vx +2)
g +ar3r -6+ x-5x+2
(W - 2)(x +2)
B= X _ X
(Vx -2)(Jx +2) x-4
B = X
vayvei X 20X F4 gy T Tx- g
Jx+2 5 1

A= -
Cau 3. [TH] Cho biéu thire: ~ Vx+3 x+x-6 Jx-2 g x=0x #4.

Gia tri cia biéu thirc A khi * =6+ 42 13
Loi giai

pipdng A =1 2

- x =0;x #4

vOl1
4= J_+'?' 5
_x_f¥+ x+:,]'r- J

(W +2){x-2)-5- (Vx+3)
- (Vx +3)(Vx-2)

_x-4-5- Jx-3
(Vo +3)(Vx- 2)
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o x-4x-12
(W +3)(Vx- 2)
(o +3)({x- 4)
(Vr+3)(Vx- 2)
-4
Jx-2
:\/;_4
Viy A = \/;-2 véi X =0x #4.
2
¥ =6+42 =(242) (TMPKXD)
Jr =242
MCLACLE S B
: T (2+2)-2 2 T
Thay vao bi¢u thuc (*) ta co:
E:I-H_ 36,;(3{1].
A .2 , 48‘ (H'l)_
Cau 4. [TH] Cho blqu thirc ’
Sau khi rat gon biéu thurc, ta dugc két qua la:
Loi giai
1
E=(1+a).
Pap dn:  ©
=14 36,;(aﬁll
48 \(a- 1)
(I-a)l+a) 6
48 1-a
l+a 1
=——=—(1+
A 3{ a)
%9 g Jx L2 | x4
. B 2 Wx-2 X -
Cius.[VD] Chobiduthic:  VX*3 45 (VX2 Nx-2)

T voix>0;x+£4
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Voix>0;x#4tacd

X +4 Jx-2
(Vx+2)(x-2) x+4

1

_J; +2
C =AB _Vx-3
V6ix >0 ;x#4 Tinh duoc: X +2
. C :ﬁ- 3 :3 - i =0

Thay * =9 (théa mian DKXD) vao biéu thie, ta co: 0+2 3+2

9+ Jx 3 + g,j} +5
Cau 6. [VD] Cho biéu thirc: 1 e % (vei X 20 =Ly #4,

8

. = NG
Gia tri cua biéu thie P tai 37 V7 1a:
Loi giai

P:?+3J§.
Pép an: 4
2r+l- Ve (Wr-1) 3({x+1)- 2dx-5

B " e Ao
P 2xdl-x4fx | Jx-2
(Vo- 1)(c+dx +1) (= )J_H)

xhfr 41 (V- D +1)
(V- D)rer+1) Jx-2

P =

Jx +1

P=
Vx- 2 prxp: ¥ 20 vz x #4
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S 9-5 (thoa man DPKXD).

Thay vao biéu thirc P, ta co:

_Jf_a+|+| _ﬁ+2 _(*f§+3)(\*’5+|)_?+3ﬁ
NGNS 5-1 T4

PHAN II. BAI TAP TU LUAN

Phwong phap giai:

0 =x.x #9.

BAI TAP MAU
o 2Jx J‘+| -||J§.B_J._-3
7 +3 a:?; 9-x = Jx+2
Vidu 1 [NB]: Cho hai biéu thuc: J_ J_ Vx Vo1
1. Tinh gia tri B tai x = 36.
2. Rat gon A.
Loi giai
1. Thay X =36 (TMBK), vao biéu thuc B , ta duoc:
J36-3 6-3 3
B = = =—
Jio+2 0+2 8
B:E
Vay voi X =36 thi 8
2. Voi 0 =x.x 79y
'} -
: \E+3 -..E-?; 9- x X+ - X +3 x-3
2Jx (Vx - 3) (ﬁﬂ)(v’?ﬂ) 3- 11X
T(E)E-3) (Re)r-3) Wre3)Ws-3)

_ o 2x- 64X x+d4fx 43 3- 11X
TR (R)EE-3) (FE-)
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:Ex— GJ;+}{+4-J;+3- 3+IIJ;
(Vx+3)(Vx - 3)

_ +9x
(Vx +3)(Vx - 3)

Cak(VR#3) sk
(W 3)Wx-3) V-3

A:B‘E

Vay voi 0=X% 29 gy x-3

_ x+2 N Jr+l o Jx+l

P = -
Vidu2 [TH]: Chobiduthic:  *x-1 x+Jx+l x-1 ygivsovax#l

a) Rut gon biéu thuc P
b) Tinh gié tri ctia P khi x =3 - 22 |

Loi giai
a. Vo1 x>0vax#1taco

T+2 -\,-"?+I J;+I
F = + =
.'r'-Jr._—I .T+-.E+| x-1

_ x+2 N J?+I i -.E+I
-1 x+fx+1 (J__—I)(\EH)

_x+2  esl
Cadr-l xafr 4l x-l

x+2 (V- D(x+1) x+fx +1

(- n(.~r+J?+n+(J.‘- Dix+vx+1) (- x+fx+1)

_.T+2+.T-|-.T-J;-|_ x-x
C (re D) (- D+

_ -y
(J.?—I}(r+.,,|"?+l} .~r+J;+I

R

Vay voix >0 vax # 1, thi x+afx+]

b) Tacé * =37 2¥2 = (V2 1) (théa man DKXD)
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Thay * =3 J_ V,_ =2-1 vao P ta co

_ J2-1 N2-1 221
3.2+ 2-141 3- 2 7

KL : Vay tai ¥ =3~ 2V“E\/Ethi ST

Vi du 3 [TH]:

Jx +2 B Jx+2 03 12

Vx- 2 Jx- 2 ‘/_'l'j 4° X y6ix>0,x#4.
1
9 X=_
a) Tinh gia trj cua biéu thirc A khi 36

151=*”;'1

b) Ching minh rang: V!_ - 2

A=

Loi gii

2
A=J§+_

a) J_' 2

1

Véi 36 (thoa min véix >0, x # 4)
1

Nén thay 36 vao biéu thue A ta dugc:

1
% 7
36 °_6 2 _-13

1
_6

1 I, 11
6

(=l 4213

Vay khi 36 thi 11
b) V61 x >0, x # 4 ta co:

Jx+2 03 12

Jx- 2 \,’_+’J 4- x
_ () 3(vx - 2)

R ) ) B e Ve R W *)(«F+‘=')
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_x+4x +4- 30x +6- 12

B=
(Vx- 2)(Vx +2)
X +/x- 2 (\f_+7)(~j_-l) ~J'_-l
TR R ) T (V- 2[R +2) -
poVx- |
Vayvéix>0,x£4thi VX~ 2
yoNx-3 4 - dx-3
Vidud [VD]: Chobiduthic:  VX+35yva  ~x+3 x-9 3o Y g
x=0:x #9.
x-25

B =
a) Chimg minh x-9

b) Tinh gia tri cua biéu thiee £ =B-4 khi ¥ théa mén phuong trinh * - TJx +12 =0

4 2x-x-13 i
a) Voi * Z0:x #9. 45 co: Jr+3 x-9 3-

4 - 3)+2x- - 13- r (Vi +3)
) (Vo +3)(x - 3)
CAx- 12420 Jx- 13- x- 34k

. (W +3)({x- )

_x-25

X=9 (diéu phai chiing minh)

B:x- 25

b) V&i ¥ Z0:x #9. 5 ¢4

9
x- 25 J_?-s_(ﬁ-i)(d'?ﬂ) Jr-3 Jx-5
-9 Jres (Ya-3) (o #3) Jaes a3

Taco: ¥- TWx +12=0

(Vx-3)(Vx-4)=

P=B4=
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Jx-3=0
Vx-4=0
[ x =9(KTM)
=
X =16(TM)
p_16-5_4-5 -1
Thay X =16 vao biéu thirc P, ta co: 16+3 4+3 7
-1
P=—.
vay 7
A:§+4
**2 Tinh gié tri cta A khi x = 36.
b) Riit gon biéu thirc (Vx+d Jx-4] Jxe2 (Véixzﬂ:xilﬁ)_
Huéng din
a) Voi x =36 (TMDBbKXD) , thay x=36 vao A
J6B+4 10 5

taco: A= @+2_§_E

b) Véix =0,x #16taco:

X (Vx - 4}+4{Ji+4}' x+2
X-16 X-16 | x+16

B="

(x+16)(vx +2)
T (x- 16)(x +16)

-JE+2

~x-16

\/;+2

Vay B= X-16 vgix =0, x #16

A= IX-7 Jx+3 20x +1
] + +
Bai 2. [TH| Cho bidu thie: ~ X-5VX+6  2-3x  VX-3 . yoix>0:x#4vax#9

a) Rut gon biéu thuc A.
b) Tinh A khi X =37 2v/2

Huwéng din
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A Jx-7 +J§+3 2% +1

= +
) VGix > 0;x # 4; X # 9, ta co: x- 5fx+6 2-x  fx-3

o x-7 _JE+3+2&+1
C(Wx-2)(x-3) V-2 Vx-3

x= 7= (e 3)(Vx- 3)+ (20 + 1) (W - 2)
- (Vx- 2)(Vx- 3)

-.E- T- x+9+2x- 4«.E+ X- 2

(Vx- 2)(Vx- 3)
 x-20x
(Vx- 2)(Vx- 3)

- x(Wx-2)

(Y- 2)(Vx- 3)

_Ix

Jx-3

x=3- 202 =(\2- 1)
b) Ta co (Thodmanx > 0;x #4; x #9)
= .\JI"; :\.E— |
(V2-1)(V2+4) .35
s A= ()
Thay V¥ =V2- 1 yao A ta co: V2- 4
P=l2- ?{!'_:-1 ‘: ?6\’3;” +J_J; (x =0:x #E}.
Bai 3. [VD] Cho biéu thirc WNx-3] [ 2x-Nx- 3 x+l 4
a) Rut gon P
3-242
X — .
b) Tinh gia trj cta biéu thac P khi 4
Huong din
P=|2- J;-l : EHEH - J; {x&[l;x#il.
2 -3 [ 2x- e 3 x4l 4

a) '

_4x- 6 i+l o+l Vr (24 - 3)
Wr-3 | (Ve )2dr-3) (W 1)(2vi- 3)
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C3x-5 eyx+142x-3x
C2r- 3 (Ve 1)(2v- 3)

C3Jx-5 (Vr+1)(2Vx - 3)
-3 2x+3x +1

Cadr- s (Wren)(2Vr-3)
C2x- 3 (Y1) (24 +1)

3Jx-s

24/x +1
3-24/2 2- -

L 2\!_‘ JE:"’_l:»P_ 1342
b) 4 (théa man DKXD) suy ra: 2 4
Bai 4 [VDC] Cho biéu thic

“‘ ‘ va-2 jarlig Wam2Hl 1 saa 4

3+4Ja-2 ll-a| |a-3Ja-2-2 Ja-2
a) Rut gon P
5-242

b) Tinh gi tri cta biéu thae P khi 4

Huwéng din
a) bat V4~ 2=x , biéu thire c6 dang:
(x+2)| =x CA2+7 | [ 3x+l 1)
F:‘ . + - Z‘ - - —
L3 J+x II-(.T'+2) | "= 3x x|
a+2| x 2 +9] 3x+1-(x-3)
= + — |-
3 [3+4x 9- x| x(x-3)
_x+2 x(3- .‘r)+.‘r:+9. 2x+4
03 B+0)G-x) x(e-3)
P :.r+2 3x+9 x(x-3)

3 B+x0)3-x)2(x+2)

_(.T+2).3(.T+3)..T(.T— 3)
303 +x).(G- x)2(x+2)
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_-x
2
-ya-2
P=
Vay 2 yg @>2a#ll
-yJa-2
: P =
b)V(’Jia}z‘ai“,tacé: 2

Thay 4 =2~ 2\E(théa méin DKXD) vao biéu thirc, ta co:

P:-m:-1}3- 22 - (V2-1) -2+l

2

DANG 2: Rt gon va giai phwong trinh, bat phwong trinh chira biéu thirc rit gon.
PHAN I. BAI TAP TRAC NGHIEM
1. TRAC NGHIEM CHON DAP AN (soan khoéng 12 ciu theo ciac mirc dd

NB: 4 cau; TH: 4 cau; VD: 3 cau; VDC: 1 cau)

x-3

A=
Céu 1. [NB] Tim * dé biéu thirc Jx+2 ,v6i X >0 ¢6 gia tri bang - 1.
1 1
X =— X =—
A 2 B. 3
. 1
C. 4 D. x =3
Loi giai

1
X —=—
2
1
X =—
4
o E = 2x- 3. X =— .
Céu 2. [NB] Tim * dé biéu thirc x-1 (v6i  2)co gia tribing 2.
1 1
X =—. X == —.
A, X ==2. B. 2 C. 3 D. x =1.
Loi giai
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EF= 2x-3 —»
x-1
2x-3=4
x-1
2x-3=4x-4
2x =1
1
X ==
2
2 2 B: 1 A) l
Cau 3. [NB] Tim X dé biéu thirc 1~/;"'1;Véix>0 c6 gid tri bang V2.
A.X:3+2v{5 B.x:\ﬁ-l C_XZS-E\E
D. x =3
Loi gidi
B = 1 :JI
Jx+1 N2
Jx+1=42
Jx =2-1
x =3- 242
M_.J;_'_ 1 Jx-2 v Jx +1
o x- 2210 2 . v :
Cau 4. [NB] Rut gon (x- 4 Vx -/ 7 taduogc két qua Jx+2
N:i?
Vi gia tri nao cua X thi 4
A, X =4 B. x =I. C. x=9. D. Khong ton tai *-
Loi gidi
3 Jr+l 3
N=—e =—
4 Jr+2 4
4fx +4 =3fx +6
Jx =2
x =4

- Y
. i) 3
Chu 5. [TH] Cho Wr+l W12 2
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S6 cac gia tri ctia X sao cho A=1-x la:
A. 0. B. L. C. 2. D. 3.
Loi giai

1 »
Q= '\'E + ‘f; :“ﬁ;x}ﬂ,y}ﬂ,x;&y

CAu 6. [TH]Cho biéu thtrc: XEJXY Xo XY ] %Y
Tim gia tri cia x dé Q = 1.

A, x=1 B. x =2

C.x=-3 D. x =3
Loi giai
x>0,y >0.x 2y o 4.
Vi
| 3(\-’

Xy

b
o e
5 2
) F )
ﬂr F)e 5 (5 +45) J_
TR )

.JE ‘v’+ ‘v’+‘v’ X = ‘v’
F - ) 24

~ 2,[xy ( HJ‘F)(J;J;)_ I
VWY )X- Y) 2y Jx

Vay Q = T voi ¥>0.y>0.x =y

TaCOQ:I "ﬁ}ﬂ'_}."}ﬂ-_x ;t},r

i L_Izv -.-'?:Imle
PéQ=1thi VX (TMPKXD)
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Jro 10dx s

M= (x =0:x £25)
Cau 7 [TH] Cho x-5 x-23 ; +3 . SO cac gia tri cia ¥ sao cho
[M] =
4 la:
A. 0. B. I C. 2. D. 3.
Loi giai

W :U?'“Ilr;_5 iﬂi - ¥5+5 (x =0;x #25)
VR +5)- 1045 5(45 - 5)

- (V- 5)({x +5)
x5\ - 10V - 54x #25
 (r-s)Wa+s)

o (a-s)
(Vx-5)(Wx +5)
:‘\/'__5
\/_;+5
Yio5_1 625
|-w|—l-: Va-s| 1 [Jx+s 4 [ 4x-20 =0+ Wa =25 _ x =—=(TM)
5] 4 | fi-5 -1 |adr-20=-v5-5 |55 =1  =0(TM)
_J;+5_4
P = ﬁ + 3 -6“'!;-4[13_*[!;1*#1}. p<l
Cau$.[TH]Cho  Yx-1 o+l x-1 Gidtricia ¥ @& 2 la:
D<x <9 D<x<9 0<x<9 0=<x=<9
A X #l ' g, lx#l ' c. x#1 ' p. (¥ #
Loi giai
Chon A
:J\_’q J_3+ 6{;-14[;{ =0 x #1).
X X-
R 1) 3 1)- 64
- (V- D(x +1)



Cx+fx #30x-3- 6Jx +4
(W )({e+)

o x- 2x +1
(Vr- )(Wx +1)

(Vr-1)
(V- )(x +1)

Ax-
x4l

P'ﬂ:lﬁ J;- 1 -q:l
pé 2 J.‘.{+1 2
2(Vx-1)- Vx-1

2(Jx +1)

2Jx- 2- x- 1 _
2(Vx +1)

Jx-3

= — <)

2(et)

L x=z0x =1 = 2(Jx +1)>0
Vo1

Bpt (*) © Jr-3<0o Jr<3ie x<9
0=x<9

x #l

<)

=4

0

Két hop véi PKXD:

x+7 Wx .2 x—l+2x—\f;—3
Cau 9. [VD] Cho hai bidu thirc: VX vy Wx#3 Jx-3 9-x

1
s P=—+A s
Tim x dé biéu thtc B c6 gid tri bang 6.

A x=l;x =16 B. * =l;x =4

C. X =-1l:x =16 D. X =" ;-4

Vo1 x> 0;x#9tacod

Jx .2 x-|+2x-J§-3
J;+3 -J";—B 9-x

B =
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Jx (Vx-3) +(~v‘r-_- )(«J’_+3) 2x-Jx-3
(Vx-3)(Vx +3) (Vx-3)(Vx+3) (¥x-3)(Vx +3)

X-3fX +2x+0:fx- X - 3- 2x+4fx +3
(Vx - 3)(Vx +3)

o x#3Wx B Vx(Vx +3) W
(W 3)(Wx-3) (x+3)(Wx-3) Wx-3

Vay voi x = 0; x #9 thi Jx - 3

A= x+7 - Jx
Vo1 x>0;x#9tacod \r/; \’;-3

P_L+$L_-.-"_—3 X+7 _X+ X +4

Khi d6: N N

Theo bai ra ta co:

P:ﬁﬁM:ﬂ:ﬁ x+ﬁ+4:ﬁﬁ

Jx
x—5ﬁ+4zﬂﬁ(-f;-|)(v";-4)zﬂ
(Vx-1)=0  [x=1(T™m)
— (=]
(J;_ 4) -0 x =16(TM)
Vay x =1; x=161a cac gia tri can tim.
—[ l-x [
Cau 10. [VD] Cho bidu thirc N VI-x°
X dé bidy thire B =V/3- 1
A.. \/§+1 B.I=2+\},§ C.‘ 2+-J§r
Loi giai
Chon D
[ ﬁ'l-x 3 1+1
Vi+x VI s 0 =x <1,
3+~J X 3+\.‘1-r
Ji+x Ji- X

89

I (véi 0 =x <1 Tim gi4 tri cua

p. x=23-3



I s
Vi+x 344f1- 27
=/1-x
Dé bidu thie B=V3-1= - x =3-1
= 1- x=4- 23
= x=243-3
Céu 11. [VD] Cho biéu thire € =3~ VX = 8 +16. Ty gig 1 cia ¥ dé bidu thie € =5
xe{l; E} x:g. x:l, Xe {- l,i}
A 24 4 .2 D. 27 4]

Chon A
pé 0=5= 0 =3x- Jri-8x+16 =5

e 3x- 5=+x" - 8x+16(dk:x 2;}

= 3x-5 :ﬁf(x - 4)

«=3.T-5=|I-4|
[ x- 4 =3x-5
—
_.1-4:5-3.1{
2x =1
—
4x =9
R
2
—
0
X =
| 4
1 9}
xXe ;,— .
Vay 24

) _-sz +24x*- 4

Céu 12. [VDC] Cho biéu thie V- 4+x+2 (W20 28D o0 cia X dé bidu thite

2

¥_24J§+1D ¥_24\f§-1[p
AT pamaEe sl T
Loi gidi

Gi (x =0.x +4).

v

90



CHUYEN PE ON THI VAO 10

J'}'{+'}1!'{ - J +2)+2yx - 4+ (x- 2) (JY"‘?"“J’Y'E)] CWx#2+ax-2

\"’1’ -d+x+2 ﬂf¥+"(u"¥+"+~f¥ 7‘) ~.-"r+'?(~f::+'3‘+xfz:-u)_ Jr+2
_VB-1 Jxe2edx-2 B

Dé‘ 2 Jx+2 2
_ 9 )
o 14 X u:u@ |
x+2 2
o 2 43-1
¥+ 2 2
= Y-j:ﬁ-l-?
x+2 2
= ‘J(-‘}:.."I‘ri-:3
x+2 2
v-2 12-63
—r =
x+2 4

= 4x- 8 =12x+24- 6:33x- 1243

= (643-8)x =32- 1243

_32-1243 _2(16- 643) _(15' 64/3)(3v3 +4) 483 +64- 54- 243 243 +10
C6v3-8  2(33-4) 27-16 - 11 Y

6a man bKXD) ] ) )
2. TRAC NGHIEM DUNG SAI (Soan khoang 4 cau): Cac khang dinh diung sai dugc sap
xép theo thit tw tir d& dén kho, cac khing dinh vé ciing mét ndi dung héi.

Trong méi ya)b)c)do méi ciu, em chon dung hodc sai

(th

. 1 1
P :[ +1]: (x=0:x 2—1x Zl:x #4)

Cau 1. Cho bidu thie | ¥ 3Vxr+2 | 2x-3x+1 4 . Tim x dé
P =2019. M¢énh dé sau ddy ding hay sai.

[1- 4l
a) xEll, 4| .
b) x =301
c) X =505

| \ |
d) x €| 2019; 2020;.

Loi giai
a)S b) S ¢c)b dS
x-4 1 ]

P = e (x =0y F—x £l x #4)

x- 3J‘+? 2x- 3Jx +1 4

x-4+x-3\f_¥+2| 1

(Vr- Dx-2) (- 1)2dx-1)
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2x- 3Jx- 2 (Vx- D)(2vx-1)
(Vx- 1)Wx-2) 1
(2 +1)(Vx - 2)‘(J.?-- )(24x-1)

—
e
p —
—_—
oyl
[

|

=4x-1

pé P=2019«= 4x-1=2019
= 4x =2020
= x =505

{:_]:

B
Cau 2. Cho biéu thirc x+xy x- Jxy )

hay sai?

a) Gid tri cua X khi € =1 1a 1,
b)Khi € =1 thi O<y <l
¢)Khi € =2 tni ¥ =2y =1

0<x El.

d)Khi € 22 thi B

a) D b) S

!': }[]. f }[]. =t. i J4

o |2

‘ F . F
R ) FEB)

2y

I}{—}’

W WYV Y) 2y
WA Jy) x-y

__ yeyrfyey  xey
K= - ) 2y

E.fxy

| 2

Loi giai

(Vi + )W - )

TEGEWEE-R) A

Jx

92

Xy
X-v

x>0, y>0,x #y

c)S

. Ménh d¢ sau day dung

d) b



1
a)TaC6Q= \/;,Vé,l K}D}r}ﬂx i:y’
1
PéQ=1thi V¥

x>0,y=>0,x #y

£ PN x=Ly=0y#l
Két hop véi dicu kién T

ta co

ao X=Ly2 0y &L 5o o X ,
Vay * Ly>0.¥#l thoa man yéu cau bai toan. (Dung)

= 1- Jx =0(dorfx > 0)

= fx =l= x =1

Kéthop PKXD: 0¥ =Ly>0.y =l gy

1

c)Tac6Q= ‘/;,Vé’i

x=0,y=>0,x #y

I—:E:? ‘J;:I—c::r}(:
7

!
Pé Q=2 thi VX 4

1
X =—,y >0y =l

x>0,y>0,x #y ,
’ “ taco

Két hop véi diéu kién °

x=ty>0.y %l ‘
vay 4 thoa min yéu cau bai toan. (Sai)

Ewi 2
d)Q_ N

= 1 -EJ;}[]
NN

= 1- EJ; =0
ﬂ_f.'t' B

= 1- 24x 20(dofx > 0)
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2

, D-::x*_:l,y}[],y:.tl
Két hop PKXD: 4 (Pung)

H_"J? L (Vr-1 J?+1"
, o - --} S ) ) . . .
Cin 3. Cho bidu thie | 2 2¥% | INx#1 V- 1] (o x> 03 1) \anh dé sau day
ding hay sai?
a) Gid tri cliaxdd M <0 13 0<x <1,
1

X
b) Gidtriciaxdé M >0 13 0<x<l, 2

X
¢)Giatrictaxdd M =013 2

X ——i\/g
d) Gia tri ciia x dé M =8 3 2

Loi giai
a) S b) B ¢)b d)D

1 '\E-l_ﬁﬂ'
',Jx_‘+1 \E-l_

:|' 2x- 1] x- 2Jx+1- x- 2Jx - 1
2 (ﬁﬂ](ﬁl]

:" 2x- 1] N
v L (W) (Wx-1)

2 2

_2(2x-1)

- x

a) bé ‘ - X

[1- x <0(do2(2x- 1)2 =0)
}x 21

r
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CHUYENDEONTHIVAQ10__ . _ _ _.

Jx
=T

x>1
= 1
X F—
2 (Sai)
2(2x-1)
M>0= u}ﬂ
b) Bé l- x
1- x >0(do2(2x- 1)’ =0)
—F 4
1
X F—
2
x<l1
= 1
X #F—
2
r x ~
Kéthop PKXP: 0<x<l. 2 (Pung)
2(2x- 1)
) M=0< ¥ =0
c) bé I- x
= 2(2x-1) =0
= 2x-1=0
1
= X =—
2 (théa man PKXD) (Plng)
2(2x- 1)
M =8 2@x- 1) =8
d) bé l- x
= 2(2x- 1) =8(1- x)
= 4x" - dx+1=4- 4x
- +f3
2 (théa man PKXD) (Pung)
7 A= J_+3 B
Cau 4. Cho biéu thuc
VP - 1=3P-
[1.0!
a) xEl 1’9J

95

.
2x - 11}[!1;&1} P
P . Cho

4
B

?

tim x dé
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b) ¥ c6 gia tri la mdt sb tu nhién.

c) ¥ co gia tri 1a mQt s6 nguyén am.

d) x =9
Loi giai
a) S b) P ¢S d)b
_T_' T—{Y}Dx’#l}
_x- 2Jx+1
o x-1)
()
S (Wx-1)
-
Jx
[F:D
P _Jr+3 B ffP T | P13 ||P=3 g
B Jx-1 3P-1=0 1
Pzg

‘E"? 3o x =0(TM)
X-

P==

3. TRAC NGHIEM TRA LOI NGAN ( soan khoang 6 ciu)

P:“‘E 0

=X ?’:l‘
Caul. [NB] Cho  3Wx-1l

91 Giatri x dé

p=2
5 1a:

Loi gii

| QJ
Xe ékg
Pap an: |
p= ;"“rl ? o S+ 5% =18 - 6
Y-

= Sy-13Jx +6 =0

= 5x- 104fx- 3Jx +6 =0
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= 5dx(Vx - 2)- 3(Vx- 2) =0
= (Vx-2)(5vx-3) =0

Jx-2=0
—

| 53x-3=0

[ x =4(TM)
- .x:i[ﬂ’lfﬂ

7 T3

' -2
P = XJ;-FX H-J_l : J_l (x=0.x &)
Céu 2. [NB] Cho biéu thirc -l x+1] ax-x Tim * dé P =2.
Loi giai

D =2

xSy +x-2 1 1
P = - : (x=0.x #1)

x=1 \EH_ Xofx - x

X x+x-2-~f§+1l 1

(Vr- D +1) x(x-1)
Cxfx4x-afx-1 x(Vx-1)

(Vx-D)(Jx+1) 1

(Vx+1)(x-1) x(Jx-1)
(- D)Wxs1)
:xz—x
P=2c x-x-2=0e | == 1(ktm)

x =2(tm)
P= ﬁ-l- ?H . 7'.,1)'_- ‘f Ax=0:x #1)
Céu 3. [TH] Cho |\ V¥*l ~Na-1]12vx 2 . Gié trj ndo cha * dé
P> 2x 1y,
Loi giai
0<x<l

P4p 4n:
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(r-r Ee) 10 ')
A+l -l 2

_t{-?.«.-‘r;+1-x-?. x-1[1-x ’

(Vr+D)(Wx-1)  T2dx)

-4 (x-1)
(Vr+1)(Wx-1) 4x

1- x

N

- 2
P>2 xﬁl—i-:ibﬂ

Vr o Wx

= 1-3x :-l][dﬂﬁ}l]}

= X< —

1
) O<x<—
Két hop PKXD:

J_ +1 a+1
A= (a=0). {= -
Cau 4. [TH] Cho ; Gia trj cua ¢ thoa man 3"_-'”

Loi giai
PapERY o 1
J_+1 e J_+ \."—+ J_ -0
_Jr e e
= Ja-120
<:>-J;21
<= a =l

Két hop PKXD: « =1
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- Afx

' (x =0.x ZL.x £9)

| A
A= + .
2Jx +1

. - r-1 x-1
Cau 5. [VD] Cho biéu thtrc V- 3 va ' Vx o)
X dé AB<1.

. Tim
cac gia tri nguyén cua
Loi giai

Dép dn: X€|0:1:2:3:4:5:6: 7:§,
1 J? X- J_

X
- (x =0.x #L.x #9)
Wx-1 ox-1

'EJ;H

8=

_ J;+1+J; ‘J;(\E'l)
C(Vr- D) #1) 2+

Vi XEZ vy ¥ =0.x #L.x #9 nén .TE{G;1;2;3;4;5;6;?;8}

po Y el s-oc

A .2 , B - i - . 25 A o g e,
Cau 6. [VD] Cho biéu thirc: Nres 5o x-25 vei ¥ =0.x i":’.Tlmtatcacacglatncua

x gp<l.

Loi gii
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i rt s- v V(s V) (Ve n)(5+ i)+ (s- 94x)

PR s 2 (Vx +5)(5- =)
(5\/; x)- (e6dx+5)+(5-9vx)  Lox- 10U -2Jx(x +5) 2\/_
(Vx +5)(5- V) T(F5)G-vx) (x+s)s- Vo) T
b 2 o 2 (e 5) b Yr+s
T s ks Jx-5 Jx-5

vi ¥20.x #25= Jr+550

e Jx-5<0o Jxr<5e 0<x<25

Vay 0<x<?25

PHAN II. BAI TAP TU LUAN

Phwong phap giii:
BAI TAP MAU
- ,} * (r20)
, x+2 , A<0.
Vidu 1 [NBJ]: Cho biu thirc: Tim * dé
Loi giai
A<D j_- 4 <0
>0 ., x+2
Vi T g

= x- 4<0(dofx +2)

= x<4

P 0=<x<4
Két hop DKXD:

Ji+2 po|Wa-6, x| x-9
4= 4 Jre2] Jx-3

Vidu 2 [TH]: Cho hai biéu thirc 9 wva 7 véi
x =0 x #4,x #9.

B = :
a) Chirng minh Jx+2
100
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b) Tim gia tri cia X théa man

Loi giai
3-!' Jx
"2

-9

I.'{'
Jx-3

a) Véi ¥ 20x #4ix #9. Ta co:

VX +2 (Bidu phai ching minh)

)
-.f;;_._'_ |

.
A+B =—«
b) Véi ¥ =0:x #4:x #0. Ta c6: 3

VF+2) o 6({x+2)
o(x+2) o({x+2) (W=

Ta co:
x+dfr+44+9 =6 fx +12

¥ +dfx +4+9- 64/x- 12 =0
X- 2~.-‘r.x_'+1 =0

(Vx-1) =0

Jx-1=0
Jx =1

x =1 (théa man DPKXD)
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Véyx—l
M| X*2 Jx 1 | JE 1
i x;.?x 1 x+:.?x+1 Jx- 1} X =0:x #1

Vidu 3 [TH]: Cho biéu thuc voi

a) Rt gon biéu thirc M b) Timx dé M =2

Loi giai

M—. X+2 Jx ‘J_ 1
a) KJK 1 K+q—.ri}(+l ; -1 ,ix‘_:_:-[);x #1

x+2+J§(J§-l)- (x+ x+1) )

- (J;-l)(x+\/;+l) Jx -1
M:x+2+x-\E-x-J§-l 2

(J;-l)(x+ x+1) Wx-1
(\/;-1): 2 2

M = , =

(«J;-l)(x+ x+l)sf;-l X +4x +1

-
M= -

Vay x4+ % +1 voi X =0ix #1

.
M=2e —— =2= x+J._:[l
b) X +4/x +1

= Jx(Vx +1) =
<::-\/_=0(d0sf;+1>0)

= x =0 (TMPK)

vay ¥ =0
"r\.-’_ Jx 31+J_ 4| x-16
” S | - S _—
Vidu 4 [VD]: Cho bidu thic LR | :“ ° voi ¥ 20 x #4x #lo.
1) Rat gon biéu thirc 4.
3) Timx dé 117 11> A1
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ox=z0x =4 x #16 ..
, ta co:

- D)W +4)e 2 ((x- 4)-30- 44| 16
(Va- 4)({x+4) |

_. 2x+Tyx- 44x- 4fx-3x- fr +4
) (r- 95 +4)

oo (F-a)res)
(- A)Wr+d)  Vr-2

Jr-2

Vay véi x =0 x #dx 16 thi Jx - 2

2) Véi x =0 x #4x =16

5
A-1<0= 2 -l<0=

.-!-1|:'.-!-lﬁ J;_g J;_g

bé
ﬁq‘r._- 2<0 (Vi\/.;+2>0)mr r<le x<d

,( re gt A 1A =0 x£dx &£ ,
Két hgp véi dieu kién v 20 #x Iﬂ,taco 0 =x<4.

Ji-4 , 3

) ' (Vé6i _Y>U;.Y¢4)

Vidu 5 [VD]: Cho biéu thirc: P =

1. Rat gon biéu thic P

(\EH).F :-\."1_'+a

Loi giai

2. Tim cac sO a dé c6 * thoa man

1. Vi ¥ > 0:x #4 5 ¢6:

Ji-4 L3 (J?+3:'(J_3)~FJ?
I O M B H €y
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\-‘rm_'— 4+3q“_1_'| x-4-x
e -2) r({x-2)

afx-4 -4
(W r-2) E (- 2)

_1-Jx

Vay véi x>0:x #4 ip= 1- \/;

2.V6i ¥ > 0:x #44y ¢

(Ve+1)p=Vr+ae (Vr+1)(- Vx)=Vx+a
ol-x=Jx+ae x+fx-14a=0

Pit ‘/'_:y(DK >0y #2) 4 co:

y 4y-l+a=0

(1)

Phuong trinh (1) ¢6 nghiém ~ Az0e 1-41.(-1+a) =0

= |+4- 4aq =0
= 5-4a =0

= -4g =-5

= =—
a <—
Vi 4, phuong trinh (1) ¢6 nghiém:
o _-1+44/5- 4a
}l_f
1.—_|_ 5—4:?{0
2 (loai)
- 1445 4a
. — =0 ,
y=>0 7 a<l
= - = LLe = -5 #a<l
¥ #2 |- 1+45- 4a L@ #-3 5
Xét - 2 (TMPK  4)
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A .S Fa<l ; mos AR LA 4A Tnd
Vay voi thi c6 x thoa man di€u kié¢n dé bai.

BAI TAP TU LUYEN
24X +3 1

i ( Xx =0x #— i
Bai 1. [NB] Cho biéu thie: B= 2VX -1 yg; 4 TimxdéB<0

Hudéng din

|

X =0:x #lx #—
Véi 4 taco:
24fx +3

B<0e= = 23x - 1<0 (do 2dx +3>0)

2Jx -1
1

|
N b A | I
9 ,

F

I
0<x<—
Vay véi 4 thiB<0.
o 2ok xe2 |2
o1-x 2 (1-xY .
Bai 2. [TH] Cho XA AL =) ook )
1. Rat gon P.

. P=-6

2. Tim céc gia tri cua x dé .
Hudéng din
(2- V)W +1)- (Vx +2)(1- Vx).
(1- V) (Wx +1) [

b

N (Vx - 1) (Vx +1)
(1- Vx)(Vx +1) 2

=Jx (1- ¥x)

P =Jx(1- vX)

Vay x> 0; x & 1 thi

, P=-6o Jx(l- Jx)=-6e x- fx- 6 =0
\/;:t(tEO).C('): " —1=6 =0 t= — 2 (loai); t = 3 (t/m)
t=3=>“/7:3©x=9(th6am5nx>0;x¢"1)

Vay x =9 1a gid tri can tim
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A Vr+l

. i .
= ; | +
Bai 3. [VD] Cho biéu thire rdfr+d | xe2x ‘E"'E',V('ri x>0

1. Rat gon biéu thie 4.
2. Tinh gid tricua A taix =5

Azl

3. Tim tat ca céac gid tri cua X dé 3Wx .

Hudéng din

1. Rat gon biéu thuc 4

4= S+ . x L, * |
Ta cé: I+4J?+4I.I+EJ? -J;+3.

3 Jr +1 | Y et
W2y [ r(Wx+2) Joe2)

_Jn._-+| | J_m_'+ x|
(Jr+2) | Jr+2 Jr+2

_ Nr+l Ja(r+)
(W42 o2

|
x(Wx+2)
2. Tinhgidtricta Ataix=35

~ |
C6 x = 5 théa man x > 0. Thay x = 5 vao biéu thic A Vr(Vx+2)

1 B(V5-2) 5-25

A=
Y5(5+2) 5

ran

‘

A=
Tim tat ca cac gia tri cua ¥ dé 3

k3

1
Am—— —
Véi X>0 taco 'Jl_'{\"'-'l_"*z]' Vé\/;>0;\f;+2>0_

| S
Az £(£+3)_3ﬁﬁﬁ+2£3

Khi d6

= Vx =l e x <1 Kéthop véi didu kién ta duge: 0<x =<,
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A= 1 ~.,,"¥+3 J_+"a‘ Jx +2
Bai 4. [VDC] Cho Vx +1 va ;‘i'"" -._,1' ﬁ: 5Jx+ (me}ﬂxiixig)
1

A==
a) Timxkhi 2
b) Rut gon biéu thuc B

A‘ __A
¢) Tim sé nguyén x dé B
Hudng dan

a) DKXD: x>0

|
A==
:.J'_+1
:\l"_+ —7:\1"__ l= x =1

wl-—

DPéi chiéu DKXD ta ¢6 X =! théa min bai ra

_-,,.."r_+3-.,1"_+'3l J_+"=‘

\E+3_-f;+2+ J;+2
R TR )

B

Vay véi x thoa man DKXD thi Vx-2

C)Vo,lx}ﬂt#—iliig ta co \!';3[]:: \,-";+1::-[l::» A>0

=1,
= 0=x<4 MaxezZ ™ XSIOEL3 (rpss man PRXD)
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[ 1.7l
vay X €l 0:1:2:3)

DANG 3: Riit gon va so sanh gia trj ciia biéu thirc véi mot s6 hodic véi mot biéu thire khac.
PHAN L. BAI TAP TRAC NGHIEM
1. TRAC NGHIEM CHON DPAP AN (soan khoang 12 ciu theo ciac mirc dd

NB: 4 cau; TH: 4 cau; VD: 3 cau; VDC: 1 cau)

2x-3

P= (x =0)
Ciu 1. [NB] Cho biéu thirc Jr+2 .So sanh P véi 27?

A. P>2. B. P<2. c. P =2
D. P =2.
Loi giai
Chon B
2 -
P-2= 2x- 3 -2 == 24x-3- 2 - a7 <0(dofx +2 >0)
Xét hidu: Cx+2 Jr+2 x+2

P-2=<0<= P<?2

M = Vx (x =0).
Ciu 2. [NB] Cho biéu thirc x+3 So sanh M végi 07
A. M >0. B. M <0. c. M =<0.
QM >0.
Loi gidi
Chon D
x =0
xz0= o = =Y o
Véi ‘J;"'S =0 x +3
0=2%x 50 2,
CAu 3. [NB] Cho biéu thirc ;"-’ +3 So sanh € véi 3
Q>_. Q<—. Q
A 3 B. 3 C.
02,
D. 3
Loi giai
Chon C
Q_g_..-jﬂ_g_ﬁ- 15Jx-24x-6 _ -17Jx
| 30 Jx+3 3 3(Jx +3) 3(Jx +3)
Xét hiéu:
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Jx =0 17Jx <0 2 -1Tx
v 20= L Q0-2= <0
Véi J_+3::~[II Jx+350 3 3(\"?"‘3)
E'::I] {2
- — = — -
¢ 3 Q 3
A= x+2 - J;H - 1 (x =0:x #&1). l?
Cau 4. [NB] Cho -1 xalr el - So sanh 4 véi 3
4>t A<t A=t Az1,
A, 3 B. 3 c. 3 p. 3
Loi giai
Chon B
x+2 \EH 1
A= + - (x =0:x #1).
.w’?-l x+fx +1 :;_"x-l
x+2+x-1- x-x-1
(V- 1)(x +4/x +1)
_ x-ax
(- )+ +1)
Je(Vx-1)
T{ )G )
o
Xx+4fx +1
1 1 3Wa-x-x-1 -_¥+E\E -(Vx-1)
T 3 3Gadie) (e <
X+x + IMx+x+1 Mx+fx+1 “J_+ +]
X¢ét hiéu:
.—I-l{ﬂﬁ.{{l
Suy ra: 3
H_15J§-1 3Wr-2 24x +3
Ciu 5. [TH] Cho biéu thirc: FFEN E RPN SN r (voi ¥ Z0x #1y g sanh H
29
véi 3
2
H>—. H<-— H =—
A. 3 B. 3 C. 3
H >—
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CHUYENDEONTHIVAQ19_  _ _ _ _.

o 1= 11 3dx-2 2443
x+"»‘-J'; 3 \l’? ;,i:r+3

C1sdr- 11 _(SJ? 2)(Vx+3) (24 +3)({x- 1)
W)W +3) (F-Dx+3) (- D +3)

15y x - 11 3x- Tfx #6- 2x- x +3
B (Va- )V +3)

~ -sx+Tfx-2
(V- )({x +3)
(W - 1)(5vr- 2)
- (- )({x +3)

_2-5x
\/;+3

Voz0 _ [1x<0_ 2 1T
>0 Jx+3>0 3

A:x+3 B J_+3 SJ_+6 >0.x #4)
CAu 6. [TH] Cho hai biéu thirc: Jx-2 e
3.
£>3. é<3
A. B B. B
425
D. B
Loi giai
Chon A
B ?"_3 3""_”5 5 0,x #4)
r+5«.j‘_+6 3\)’_ 6
(V- 2)(Vx+2)
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1 x+3 x+3-3Jx 3
5 3= 3= =Jx +—=-3=22 \Nx.—=-3=23
xét B . Jx Jx Jx
£>3
SuyraAB
42 : -
B = Ji" - ji - :r ;Ji 1
Cau 7. [TH| Cho biéu thie: ~  *N¥ -1 x#x+l D= ]2
A. 0<B<2 B. 0<B <2.
0 =B =2. p. 1 <B<?2
Loi giai
Chon A

x+2 X1 | -1
xfX-1 x#fx+1l 1-Jx| 2
_X+2+x-WX-x-X-1 2
(&—l)(x+ x+1) Wx-1

B =

_ x-2fx+1 2
(ﬁ—l)(x+ x+l)'-».r"§-1
B (w";-l)2 2
([ D b)) -1
-2

X++/X+1

:L}U

Vi x> 0x #1 nén ¥+ Jx+1
B = ? =0

X+x+1
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- =32
vi >0 #l=s xefx+151 X++/x+1

x- 2Jx Jr +1 142x- 2x

A= + - - (x=0x &)
Cau 8. [TH] Cho biéu thirc : ' h‘g 1 'YJ;+X+J; o \E . So sanh
A vgi 07
iA>0' B. A<0. C.
A4 <0. D. A =0.
Loi giai
Chon A
Y . b R T
4= ”J';+ V41 +1+"1'}l 2 (x> 0:x #1)
L xyfx-1 .x's.l'r_x_'+_x'+af; X - Jx_
B x- 2x . Jx +1 . 1+2x- 24fx
(\E-l](x+ x+1) J.;(x+\r’§+1] J;(Jx_'-l)(x+ﬂ+l]
_xq"._'- 2x+x-1+1+2x- 2x
Ve (- 1)(x+x +1)
B xdx +x- 24x
V(- 1)(r+ i +1)
W -)E2) fan
_J:(\-"x_- 1)(.1'+J;+1)_.1'+J;+1
J;-F?' >0
Vi x>0;x #1 nén x+;;x+1
: 7
M= 6—1-‘-\1"_'1 - :J__" ?{1‘2[!;.1' #4).

Cau 9. [VD] Cho (X7 8 NXm L) Na- s Sosanh M va M*.

A. M =M* B. M >M". Cc. M <M. D. M =M".

Loi giai

Chon B

Ve oo
[ x-4 Jx-2]
_ J_;-+-J;+2 ‘x-?.
(Vx-2)(Wx+2) 2

\/;+1

_\/_;+2

M=

— (x=0x #4)
2
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1
= I(d 0
51 +'3' :,‘ <l ﬂ;rix+2} }

Suyra N=M<l= M 3‘;1'{]

1 3\,’;_'_5 ( .1'+1)-

A= - . -1 (x> 0x #1)
21 - x-dxel]| adx o
Cau 10. [VD] Cho
B=\x-+x+1)A
bat (T J? ) So sanh Bvéi 1.
A. B =1 B. B>1. C. B<l. D. B =l
Loi giai
Chon B
1 3Wr+5 (Vx+1)
A= - . -1 (x=>0:x #1)
| x-1 .1'\;’;-.1'-\1";+1. -N’T

I i +5 x+2Jx +1- 4 fx

= +

b a(Wa-1)-(Wr-1)f 4
B Jr-1 . 3Jx +5 x- 240x +1
(V- )G-1) (Wr-1)G- D) 4
Coalme) ()
(Vr-1) (Jx+1)
_
Jx
B == ) = V1) _j{f_l
B-1 (V- 1) 0%x >0,x #1
= -1 = > y=lx#F
-J'; X X
Suyra B>1
_a+J_ 7‘a+«.f'_
Céu 11. [VD] Cho biéu thirc: a-Ja+1 a Biéta>1 Hiy so sanh P voi P
AT =|P| g T s\P\ c.P =P p. P<IP|
Loi gii
Chon A
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@+da2a+ya, _Nalasi)a-Ja+1) Ja(da+1)

e R R F N A
:a+JE-2JE-1+1=a-J5=JE(JE-1):-ﬁ(dOa>1)

Do do P:‘P‘

J§+[‘ -y Xv'_ J»‘J_

A . X\_J'X"‘}’;? \_J' «_.,|I| | x,y=0,x=y
Cau 12. [VDC] Cho bié€u thuc ( ). So sanh
/B
A.B=\/§' B.B‘)\/g. QB<\/§. D.Bixfg.

Loi giai
Chon C
x,y=0,x=y
. (o) (xR ) (- )+ y)
(29 ) CBN 70 ) IR N R N oo oy NP N
Taco:

B X+~f_ — = x+Pyey
x- Xy + J_ J_ Jx+._.hr

B Wy xe2fxy+y- x- Jxy-y
x-Jy+y e+ fy

N
xJ_+yJ§+J_

B:L
X - JX_}F+}F

\F

- —:-D ,7x,y>0

‘x,y::[]:yix_y}[] ‘x J_+}’

Vi va

B>0 X,y

Nén v&i moi thoa man dicu kién da cho
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(J:; Jﬁ) z0e= X+y- ﬁaﬁ

Lai co:
1 - 1
x+y-Jxy Xy

R L L
ey

=

. X#Y
Dau “ = *“ khong xay ra vi
0<B<1 \/E >B
Vay , nén

2. TRAC NGHIEM PUNG SAI (Soan khoing 4 ciu): Cac khang dinh ding sai dwoc sip xép theo
thit tir tir dé dén kho, cac khing dinh vé cing mot ndi dung héi.
Trong méi y a), b), ¢), d) & méi cdu, em chon ditng hodc sai

1+1|~.J"_+

M=

(x>0 x #1)

Céu 1. Cho biéu thirc s e 1) s 2+ , ménh dé sau day ding hay
sai?
AM<1 B. M >0 C. M>2 D. M >-1
Loi gidi
a)b b) S ¢)S d)S
M = 1 + 1 ; ﬂ.‘-l (x=>0:x #1)
xe_ J._'-l_ x=-2
1+-,E (\E'l)
Ve (Wx-1) ae
Jx- 1 1
= =1 -ﬂilifﬂﬁ}m
R
1- Jx 15- f 2 Jx +1
AT T s T es ) s
Céu 2. Cho hai biéu thee  1F X Y NS i ¥20x 225

ding, m¢nh dé nao sai?

a)Biéuthae M =4- B thi 0 =M <L
b) Biéu thirc B8 <0.

¢) Bidu thue 4 =- 1.

d) .-.[+\-";.B =10,
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a) b b) S ©)S

'|5-~4|’.~T-+ 2| Jx+l
| x- 25 :;"14-5 ;;1-5

15-x+2(Jx-5) Jx-5
(e es)(x-5) Ja+l

C15-x+2dx-10 x-S
S (a5 5) a4l

_ Jr+5 Jx-5
(x5 x-5) Jr+l

1

_\/.;+l

B = (x=0x #25)

B
_\/;+1 1+\/;_\/;+1

b) Ta co \E"'l
Jx =0

’ = 8=0
Vi X 20 x #25 5 [Vr +1=1 (khang dinh b Sai)

R LR LR L h e A R
c)Xéthiéu :i-' L+ x I+ +Jx

Suy ra A4>- 1-(Khaalng dinh c Sai)

Jr.B+ 4 =Jx. AR L

—

d) Xét hiéu J J‘l+ :j‘t +1 ‘=.+1

po T2 Jr+l o+l

Cau 3. Cho biéu thic: - 1 ‘*‘W"_*' -1 ysix>0vax#1
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a) Biéu thuc
b) Bidu thuc £ =- 1.

P<l.

¢) Biéu thirc 3
d) Biéu thae £ <0.

Loi giai
a)b b) S ¢cb d)S
T . .
pP= x+2 . J?+I _J?+I

Véi x>0ve‘1x¢1tacc’) aafr -1 .'L'+J.'l._'+| x-1

i+2 J_x_-+| J_m_-+l

NS +_~r+J_1_-+I ) (Vx- 1)(Jx +1)

_x+2 . Jx +1 1
.1-+J_1_-+| Jm_l

_IJ;—I
_ x+2 N (Vx- Dx+1) x+Jx +1
(Wr- Dix+fx+1) (Wr-Dix e+ (Vr- Dix+fx+1)

:.T+2+.T—I—.T—J.1_'—|: .T—~.-‘r.1_'
(Vx-Dx+fx+1)  (Jx- D(x+fx+1)

-y

:{Jm_-— D(x+fx+1)  x+-fx +1
Jx

Vay véix>0vax# 1, thi P= x+Vx+1
x>0vax#1nén V¥>0= P>0

Jx

FP = J_ = | = =
N N P ?JJ— | 3
- 2 Nx. +1
Vr Jx (BDT cauchy)
1
. 0<P<-—.
Dau “=" xay ra khi * =l ma PKXD: ¥ #l nén 3

g 2x+d) | Jx 8
Cau 4. Cho bidu thire: X~ 3Wx-4 Jx+1 Vx-4 ysix>0,x16.
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a) B co gi tri 1a mot s6 khong am.
b) B c6 gia tri 1a mot s6 duong.
¢) B c6 gia tri nho hon 3-
d) B c6 gia tri 16n hon 3
Loi gidi
a)b b) S cob

Véix >0, x # 16, thi:

g 20+4) +J.?—_ 8
(Vr+D(Wx-4) e+l Jx-4
28 +4x (V- 4)- 8 +1)
B (x +)(x- 4)
C2x+8+x- 4Ux- 8J/x-8  3x- 124x
eG4 GredGx- 9)
_ 3x(Wx- 4 _ 3k
CWxHDx-4) x+l
5o 3Vx

Vay VX +1 ygix>0.x £ 16.

D thiy B> 0 (vi VX Z0).
3 3
B=3- ——<3
Lai co: \/;"'1 (vi \/;"'1

Suyra: 0<B<3

>0 Vx >0, x #16)

3. TRAC NGHIEM TRA LOI NGAN ( soan khoing 6 ciu)

2

P= (x =0)

Cau 1. [NB] Cho biéuthac ~ X+Vx+1 .So sénh Pvsi 2.,

Loi gidi
pap an: P =2

Vi X >0 pap X+Vx +1z1= P=2

Q=YX+ (x=0x£])

Cau 2. [NB] Cho biéu thirc Jx+2 .So sanh Qi 4.

Loi gidi
Pap an: Q>4.
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9 :x+aﬁ49-m&ﬁszx-aﬁ+1_ﬁﬁ—ﬂz

Jx+2 Jx+2

= 3(x+2)

Jx+2

Jx

=t =
Jx+2 (do X=0x#1)

o

CAu 3. [TH] Cho biéu thirc

Papany A <4

X =20, x #4

Vi diéu kién ta co

3(x+2) . Jx 0
(Vx+1)(Vx-2) Jx+1 Jx-2

_3(x +2)+Jx(Vx - 2)- 6(Vx +1)
) (Vx +1)(Vx - 2)

A=

3x+64+x-24/x- 63/x- 6

Loi giai

4x - 8x

) x-2) Fr1 k-2

x+DWx-2)  (e)(x-2)

Calk(Wx-2) 4k
(x+1)(Wx-2)  Vx+l

4k

Vayvei X 20X #4 g Jx+1

voi X 20,x ¢4. So sanh A voi 4

4
JE}D: Jx_'+1}D:> >0
Theo cau a) véi X =0 X 74 i Jr+1
4x  aJx +4-4 4
A= = =4 - <4
Mitkhae VX +1  Jx #1 Jx +1
NénA<4
[ X +2 Jx oo | Wfx-i
q A:w_j‘+ ol e 20.x 2]
Ciu 4. [TH] Cho biéu thtrc: N x-S g X ZUXFEL g0 canh A
Vi S
Loi giai

Papiany A <5.
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Xx+2 ﬁ 'ﬁ—l
vei X x#1 o ] &::i_"&:— T x+1| 5

(x+J§+])+x+7+\/_(\f';-]) 5
XX - 1 Jx-1

x-20x+1 5
- x\/;-l I'\/;-]

Lh

x+~]x +1

Ln

=

A =

X > )
vei X 20 1 o X+VX +1 2] X ++/x +1
_I_.1'+«JT+1

Céu 5. [VD] Cho hai biéu thuc: Jx-2 va
P =A.B. S0 sanh Pvoéi 2

=

Jx-1 3x-4
(x>0:x #4)
J'i. 2 EJ ,V6i

B

Loi giai
Pap an: P > 2

V-1 3(--4
_;h' 2 1-7‘;,]1

- Jx-3x+4
Jr(Wx-2)

Cx-4fx+4
e (Vr-2)

x=0:x #4)

Ap dung BDT cauchy cho 2 s duong ta co:

.1'+J_1_'+1 x-2 x+-J;+1 | |
. = =Jx+—+122 [Jx.— +1 =3 > 2{cauchv
P e R AR Ve (cauchy)

P=4AR =

vay P > 2
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1
l- x +'*~J’_+| ‘f) \”‘—“‘0*#1) So sénh Pvoi 4

Loi giai

]

(- +1)- (Vx+2)(1- ¥x)
(Vx- 1)z +1) (Wx-1) (x+1)
2% (V- 1) (Vx +1)

G- 2

=Vx (1- V%) o Pp=yx(1- %)

. Vay x>0'x¢’1th1

P =Vx(- _|J_2.

44 T4

1
X =—
Dau “ =" xdy ra khi 2 (théaman x> 0;x & 1)

1

P<—
vay 4
PHAN II. BAI TAP TU LUAN

Phwong phap giai:

0
BAI TAP MAU
Ja-1 6 +1 Jx
, P=2- ‘}J_-S ?-J_-3+~f_+1! IED‘Iig'
Vidu 1 [NB]: Cho biéu thuec: t XN YU i 4
a) Rut gon ©-
3
b) So sanh P véi 2
Loi giai
Rt
a) v6i 4" Ty co | 2fx =3 | 2x=4Jx=3 x+1)
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:4.4’1_--6-J?+1| 6-J;+1 N ?..1'-3-.];
-3 (Ve +)(vx-3) (Ve 1)(2v-3)

C3Wx-5 0 2x43Yx 41
C2vx- 3 (Ur 1) (2 - 3)

3(--5(\/‘ 1)(24x - 3)
2 3 (V) (2 +1)

3x-5
2+/x +1
3Jx-5
P:;j_ x20,x #=
Vay WNx+1 g
p. 3 3Wx-5 3 6Jx-10-6¥x-3 - 13
2 2fx+l 2 X 2(24x #1
b) Xét hidu: 2(2+1) (v +1)
p<2.
Suy ra 2

. ’) . . L
B = J: + ”J; - 3"? *4 (x =0, x #4)
Vi du 2 [TH]: Cho Je+2 Jx-2 x4 .

a) Rat gon B-
b) So sanh B véi 2

Loi gii

X 2
_TJ__'} TJ;'} x+4 {'-l' ED-. X ?—L—'H
X+ X- 4

=X 2Jx +2x+44x - 3x- 4
(Vrx+2)(Vx - 2)

122
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b=
Vay '\E"'zvc'ri x =0;x #4

j
Jiz0=Jx+222=B=—= <
by vai ¥ =X 4 o Vx+

o]

Vay B<2

p= x+2 Jx +1 1

= + =
:w';-l x+ﬁ+1 \/_'-1

Vidu 3 [TH]: Cho biéu thirc:
a) Rut gon biéu thirc P

P< l
b) Chting minh: 3

Loi giai

w424 (x- 1)- (x+/x +1) e
P = =

(Ve- Deyr+1)  (r- D +dx+1)

a) PKXD: x =20;x #1

o BWED) s
_(J.x_-— I)(.1-+J_1_-+I)_.T+J1_-+I

LR

vay voi ¥ 20 # x4l

,ta co:

~.-"_1_' _.1-+J1_-+|—3J1_-_ .1-—2J1_-+I (Jl_"l):

1
3 oxar el cedr+1)  3(cadr+1) 3(eefr+1)

P=

I
3
b) Ta cé:
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(odiot)o 3 0o
_ r+fr+1)>0 I +q4/x +1
Véi ¥ =0:x #1 ,taco: !

P<l

Vay: 3 vgi ¥ =0x #l

P_" 11 '.'3_~r+J__-|+3.rJ_?+x- x
m? I 1- x I+.‘r~f;

, | ) x>0;x #1
Vidu 4 [VD]: Cho biéu thuc: (voi
a) Rut gon
P>1
b) Ching minh: .
Loi giai
x>0 x #1
a) Voi
-1 ‘ (Vx+1)(2Vx- ) V(23 - 1)({x +1))]
P =

1R @) vr )

..EJ-_‘l aﬁ(” r-l)'
.. I-J.'r ¥ |-].‘r+_'r |

N 2 -1
(- VR (- (- Vr+x)

:l- \,";+x
J;

_I—\E+_‘r

Jx x>0;x #1
Vay Vol
r+x 1
P= s o122 L J5-1=1
FF 7
b) (BDT Cauchy)
—— —J.“ = x =I
v 39 ) 5 J_ A 5 ~ A A , . ~ P > 1
Vi dang thirc x4y ra khong thoa man dic€u kién xac dinh nén

5x+3

Vx+1 (ysi X 20 S sanh P véi 5.
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Huwoéng din

5J_+3 2
P= (doJx +1>0
I+_ T_ S(do +1=0)

ps: P<5

2 1Jf-?
Bai 2. [TH] Cho biéu thl'Ic ; ; v x- 2 voi ¥ =0ix #4

p= 1
a) Chung minh: Jx +1

b) Sosanh P véi 1.

Huwoéng déin
2 2Jx -7
_T_ NS RN

:qﬁ+1-34§+4+3J7-?
(V- 2)(Vx +1)

_ Nx-2
W)

(dpcm)
(+
:J;ED:?\EHEI:P: : =1
b) Véi ¥ =0;x #4 i+l

Bai 3. [VD] (Dé thi vao 10 tinh Thdi Binh ndm 2018 - 2019)

:'1.'\[-1_!-'--1!\,!; - (JT-'- .JT] -y
JE Jx - Jl_ g X 20y =0:x #y

a) Rut gon cac biéu thiuc P .

b) Chimng minh rang P <l
Huéng din

P:.x.ﬁq._y\f;_ (J?+JT)_¢F
a) o NS

..L:
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SET) W)
R G

b ? =y 42y = (y- 2y +1)+1=- (7 - 1) +1 =1(do(y - 1) 20)

X— \/7\/>(\/_\/_)+X_y
&f y=x |

Bai 4 [VD] Cho biéu thiuc : P = voi

a/ Rat gon P.
b) Chttng minh £ =0

Huwong déin

e )+
el

N R 2 ey 0w o e B vz

x+.~/n +y| Jx+y
+.fv-
x- qfu+1

_x+ L;‘.xy +y-x-fxy-y A+ Jy
Nx+ . Jy X=Xy +y

5 e
J;+J}_=x- Xy +y

o
X= JXy +y

y=Xx

Jro =0
1
x- ﬁ+}’: Jx -

-

= P =0

+3_L >0
b) Vi x =0 ¥ =0:x ?—I’}’ 4
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Bai 5 [VD] Cho biéu thirc: - ) T aNa | " voi

a=0a #l—;a =1
4

a/ Rut gon P.
2
b) So sanh P vy 3
Huéng din
P=1+ EH+‘J{E'1_3HJE'JE+H H-JE
a) I-a 1-ava | 2Ja-1
_1+( )(2 )_ EH-JE-J{?+H \E(Jf?l)
| (Ve +)(-Va) (-Va)(+da+a)| 2Va-1
Va0V +0)  sayadara | Nalda-1)
T (-Va)(+Vasa) (-Va)ievara)| 24a-1

2JE+2(1+2(1JE ] - J_ a- "»'m.l"_ JE aJ;(\El)
(- va)(+a +a) 2a-

_3nr+3\r+3 J_ B a-\r’:?+1

b) Xét hiéu:

P>E
3

Vay
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