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2

> 4] 0. DUONGTRON TRONG MATERINE™ >

@. TOm tat kién thuc

e

®. CAC DANG PHUONG TRINH PUONG TRON

@ Dang 1: Phuong trinh dudng tron (C) c6 tdm I(a;b) bdn kinh R

Phuong trinh cé dang : (x—a/+(y—b/=R?

% Dang 2: Phuong trinh * *27 - 2ax- 2by+c =0 45 a®+b’~c>0 |3 phuong trinh
dudng tron tdm Ila;b| ban kinh R=Vd*+b’—c.

®. SU TUONG GIAO CUA PUONG THANG VA PUONG TRON

& Cho dudng thang [D):Ax+B y+C=0 va dudng tron (C):(x—af+|y—b[’=R* c6

tdm Ila;b)

® (D)n(C)=2 ~d|[I;(D|>R

©. PHUONG TRINH TIEP TUYEN CUA DUONG TRON

®.Viét phuong trinh tiép tuyén D véi C tai di€ém M0®.Viét phuong
trinh tiép tuyén (D] véi (C| tai diém M, €(C|

@ Budc 1: Tim toa dd tdm I cua (C|.

@ Budc 2: Tiép tuyén (D] 1a dudng thang di qua M, va cé VTPT Ia M, I

@. Viét phuong trinh ti€p tuyén (D] véi (C| tai diém M, ¢(C|

@ Budc 1: Tim toa dd tdm I va ban kinh R cta (C].

© Budc 2: (D] la dudng thang di qua M, nén cé dang a|x—x,)+b|y—y,|=0

@ Budc 3: (D] ti€p xUc vdi (C| = d[I;(D]|=RIil. Gidi (&) tim dugc mai lién hé gilra




~
®.Viét phuong trinh ti€p tuyén (D| véi [C| biét (D) song song véi \
|D,|: Ax+By+C=0

@ Budc 1: Tim toa d6 tam I va ban kinh R cua (C).

o Bugc 2: P(D,): Ax+By+C=0pap phuong trinh c¢é dang
Ax+By+C'=0(C'#C)

© Budc 3: (D) ti€p xGc vdi [C) = d|I;(D||=RI:). Gidi ¢ tim dugc C' so véi dk dé
két luan.

@. Viét phuong trinh tiép tuyén (D) véi (C| biét (D) vudng géc véi
|D,|: Ax+By+C=0

@ Budc 1: Tim toa d6 tam I va ban kinh R cuda (C).

(D)L(D,|: Ax+By+C=0pap, phuong trinh cé dang Bx—Ay+C'=0

2 Budc 2:

© Budc 3: (D) ti€p xGc vdi [C) = d|I;(D||=RI:). Gidi ¢ tim dugc C' so v6i dk dé
két luan.

@. VI TRi TUONG POI CUA HAl PUONG TRON

@ Cho dudng tron (C,| c6 tdm I, ban kinh R, va dudng tron (C,| c6 tdm I,, ban
kinh R,. Gid s& R,>R,. Ta c0:

@ Hai dudng tron ti€p xic = I,1,=|R, R,

@ Hai duong tron cat nhau R,—R,<I,I,<R,+R,

NS )

®. Phan dang toan co ban

‘Dang ®: Phuong trinh duong tron
# Phuwong phap



(@)

@ Phuong trinh (x-a) +(y-b) =K° dugc goi la phuong trinh dudng tron tdm

1(a:b) ban kinh R,

=Cac vi du minh hoa

Cau 1: Viét phuong trinh duong tron (©) trong cac truong hop sau:

a) (©) c6 tam 90 pan kinh R;

b) (©) c6 tam 7(5-3) pan kinhR =5 .

c) (©) di qua ba digm A3:0).B(2:3) 5 C(6:5)
Loi gidi

a) Budng tron (©) tam (%0 pan kinh R cé phuong trinh; * *+V° =R,

b) Buong tron tam I(-3)  pan kinh R=5 ¢4 phuong trinh:
l.’_.'r—l]n:+f1'+3]13225_

(5
.-w‘_.-_ N
2

c) Goi M.N |an luot la trung diém cla AB.AC 15 ¢4

A

Pudng trung truc ~' cldia doan thang 4B |a dudng thang di qua M va nhan

BA=(1:3) |am vecto phap tuyén, nén cé phuong trinh: **37-10=0,

Bbuong trung truc A

AC =(3;-

2 clia doan thdng 4C 13 dudng thang di qua NV va nhan
D Jam vecto phap tuyén, nén cé phuong trinh: 3%~ -8 =0,

A cat A tai diém (44) cach déu ba diém 4.5.C, suy ra dudng tron (©) can

tim cé tam (%4 va c6 ban kinh R =I4 :\E. Vay ©) ¢6 phuong trinh:
(x-4) +(y-4) =5

Cau 2: Tim tam va bdén kinh clda dudng tron (©) c6 phuong trinh trong moi truong

hop sau:



a) (x-T7) +(y- 2y =49

b) (x+3) +(y-35) =14,
<) (x-6) +° =9
Loi giai
a) (© c6 tam 1(7:2) va c6 ban kinh R =7,
b) (©) c6 tam ¢35 va c6 ban kinh R =+14
) (©) c6 tam 19 ya 6 ban kinh R =3,

n , ,(x=a)y +(y=-bY =R X +y* - 2ax- 2by+la”* +b° - R*) =0
Nhan xét: Ta c6 = b) . v+ ) :

Vay phuong trinh dudng tron (@) (=87 =R" 4 th& dugc viét dudi dang
x* +y* = 2ax- 2by +c =0 , trong d6 ¢ =a +b - R

Ngugc lai, phuong trinh X 4y - 2ax- 2by+e =0 | phuong trinh cla dudng
tron (©) khi va chi khi @ +b*-¢>0_ Khi d6 dudng tron (©) c6 tam (@) 3

ban kinh R =Va +b°- ¢

: Phuong trinh nao trong cac phuong trinh sau day la phuong trinh dudng

tron? Tim toa d6 tam va bén kinh cta duong tron dé.

a) 4y - dx+6y- 23 =0

b) x4y - 2x- 4y 49 :[j.
Loi giai

x* 4y - 2ax- 2by +c =0

a) Phuong trinh da cho cé dang - a=2b=-3c=-23

vGi
Tacé @ +b'-c=4+9+23=30>0 vay day I3 phuong trinh dudng tron cé tam
1(%-3) y3 c6 ban kinh R =36 =6_

b) Phuong trinh da cho c6 dang * *¥ - 2ax- 2by+c =0 45 a =Lb =2:c =9

Ta c6 @ +b - c=144-9=-4<0_ v3ay day khdéng phai phuong trinh dudng
tron.

‘Dang ®: Phuong trinh tiép tuyén cta duong tron

# Phuwong phap

@ Phuong trinh tiép tuyén clia dudng tron tam (@) tai diém My Cro:30)

(a- .".',,)(.".'- X, )+ (b- _1',,)(_1'— _1',,) =0.

nam trén duong tron la:

=Cac vi du minh hoa



Cau 1: Viét phuong trinh ti€p tuyén 4 cda dudng tron (©):% *37 =3 tai diém
M(1;2)

Loi giai
Ta c6 '+2° =5 neén diém M thuodc (©).
pudng tron (©): ¥ #37 =5 ¢4 tam O0:0)

Phuong trinh tiép tuyén @ caa (©) tai M(L2) |3,

(0- 1)(x- 1)+(0- 2)(y-2) =0 = -x-2p+5=0<= x+2y- 5 =0.

©. Dang todn ren luyén

‘Dang @: Cau trac nghiém nhiéu phuong an lua chon
Cau 1: Tim tat cd cac gia tri cta tham s6 ™ dé€ phuaong trinh

4yt - 20m+2)x +dmy +19m - f:l:[:llé phuong trinh dudng tron

A. l<m<2. B. m<-2 hoic m>-1,
C. M<-2 hodc m>1, D. m<l hoic
m>2
Loi giai
Chon D
Ta ¢6 x4y = 20m+2)x+4my +19m- 6 =0 (1)

= g=m+2b=-2mic=19m- 6.

Phuong trinh DN phuong trinh dudng tron = a +b°-c>0

<= Sm - 15m+10>0= m<] ho3c m>2.



Cau 2: Trong mat phang %%, phuong trinh nao sau day Ia phuong trinh cda dudng

tron?

A. w42y - dx- 8y+1=0 _ B. 4y - dx+oy- 12 =0

C. 4y - 2x-8y+20=0 . D. 4x" +17- 10x- 6y - 2 :D.
Loi giai

Chon B

> - A n \ A n i \ 2 2
PE& la phuong trinh dudng tron thi diéu kién can la hé sé cta Xy Yy phai
bang nhau nén loai dugc dap an Ava D

C 4t 258y 420 =00 (x-1) +(y- 4Y +3=0 o

Ta c6: o ly.

R BRI S v Y +(v+3F =25 . . . .
Taco: ™tV Arr0y-12=0e (-2 +(p43) =25 | phuong trinh dudng tron
tdm ](2;_3), ban kinh R =5,

Cau 3: Phuong trinh nao sau day la phuong trinh cda dudng tron?

A 2x" +y - bx-b6y- 8 =0 B X427 - 4x- 8y-12 =0

c _1-: +_1-: - 2_1-— 8_1'+ ]S :I:I D 2.".': + 2_1': = —'1.".'+ f_'l_'l.' - ]2 :D
Loi giai

Chon D

Bi&t rang * * - 2av- 2by+c =0 3 vhirong trinh clia mét dudng tron khi va

chikhi @ +b*-c>0_
Ta thay phuong trinh trong phuong an 4 va B cé hé s6 cla ¥, v khong
bang nhau nén day khéng phai la phuong trinh duong tron.

VGi phuong an C ¢ @ +b" - c=1+16-18<0 pan day khéng phai Ia phuong
trinh duong tron. Vay ta chon dap an D.

Cau 4: Phuong trinh nao sau day la phuong trinh cia moét dudng tron?

A Xy day+2x+8y- 3=0 B A2y - dx+5y- 1=0

C Xy - 14x+2y +2018=0 D X+ - 4x+5y+2=0
Loi giai

Chon D

Phuong an A: cé tich ¥ nén khong phai la phuong trinh duong tron.

Phuong an B: c6 hé s6 bac hai khdng bang nhau nén khéng phai la phuong
trinh dudng tron.



2 2 A e A - — - . 3 . 3 _
Phuong an C: ta cé * T)° - l4x+2y+2018 0U (x- 7) +(»+1) +1968=0
khéng ton tai >V nén cling khéng phai phuong trinh dudng tron.

Con lai, chon D

vt 4y = 2mx-40m-2)y+06- m=0(]

Cau 5: Cho phuong trinh -
phuaong trinh clia dudng tron.

! piéu kién caa mdé M3

m<l] m =1

A, m=2 B. |">2 C.l<m<2, D.

m =2

Chon B

2 R T - Y - —
X +y" - 2mx- 40m-2)y+6- m _m-”'lé phuong trinh cda dudng tron khi va chi

. 2 . 1
(m) + [E(m- 2)] -(6-m)>0= 5m* - 15m+10>0 me=
khi m}ﬁl
2 \ N x - SX =12 = s A N
Cau 6: Trong mat phang Y%, dudng tron (©):x™ )7 +4x 40y~ 1220 cé tam la.
I F . . Ao
A [G2-3) g. /(23 c. [4:6) p. [(-4-6)
Loi giai
Chon A
Ta c6 phuong trinh dudng tron la: (r+2) +(y+3) =25
-

Vay tam duong tron la: 1¢-2; 3).
Cau 7: buong tron ¥ 4y7 - 10p- 24 =0 4 pan kinh bang bao nhiéu?

A. 49 B. 7. C. 1. D. V29

Loi giai
Chon B

pudng tron ¥ ¥ - 10p-24=0 g tam 7O:5)  pan kinh
R=[J0°+5 - (-24) =7

(©): Ge+1) +(p-2) =0.

Cau 8: Xac dinh tdm va ban kinh ctda dudng tron

A. Tam 1(-1;2), ban kinh R =3, B. Tam 1(-1;2), ban kinh R =9,

C. Tam 1(:-2), ban kinh R =3, D. TAm 1(:-2)

Loi giai

> ban kinh R =9,



Chon A

Cau 9: Tim toa dd tdm [ va ban kinh R cua dudng tron (C): X ky - Ie+dy+1 =0

f(—l;ﬁ];ﬁ.:ﬂr_ .r(l.:—z).:ﬁ.:z_ C. r(-l.:z).:fezﬁ_ D. r(l.:-z).:.e:4_

A. B.
Loi giai

Chon B

. — M s(-2T-1 =
(© o tam 102 pan kinp BN +E2-1=2

e 2F , : _
Cau 10: Trong mat phang 0w cho duong tron (©): G- 2) +(y+3) =9 . Buong tron cé

tdm va ban kinh la

.7 — . — - 1. - = —
A, [23). R=9 g, [@-3). k=3 1(32)R=3 5 1(23).R=3
Loi giai
Chon B
Duong tron (© c6 tdm 1(2:-3) va ban kinh R =3,

Cau 11: Tim toa d6 tdm [ va tinh ban kinh R cla dudng tron
f_C}:(x+2): +(}" 5): =9

A. f[—E;E},R:SI.. B. 1(2:-35), F.:'?J._ C. 1(2:-5), R:3.. D. I(-2:5), R =3.

Chon D
Theo bai ra ta c6 toa d6 tam 725 va ban kinh R =3,

(C):x* +y" - 2x+4y-3=0

Cau 12: budng tron cétam I, bén kinh R |a

A [CLE2DR=VD g, [CL2).R=22
c. -2, r=\2 p. /(- 2),R=2{2
Loi giai

Chon D

. - . R=Jr+(2)- (-3)=J8 =22
Tam 102 oo JE+C2Y- (3 =F =27

Cau 13: Phuong trinh dudng tron cé tam 14:2) va ban kinh R =5 |3

A. x4y - 2x-4yp- 20 =0 . B. Ty +2x+4p+20 =0
C. 4y +2x+4p-20=0 _ D. oyt = 2x-4y+20 =0 _

Loi giai



Chon A

71(1;2)

Phuong trinh duong tron cé tédm va ban kinh R=5 13

Ge- 1) #(p-2) =%
e - 2x+l4)y -4y 44 =25 = 4y - Q- 4y- 20=0

IG12) pan kinh R =3 c6 phuong trinh I3

Cau 14: buong tron tam
Xy 2x+4y- 4 =0
4y - 2x-4y-4 =0

x4y 4+ 2x- 4y-4=0

o 0w »p

X4y - 2x+dy- 4 =0

Loi giai
Chon C
N soea TGL2) L p s NI
buong tron tam , ban kinh &£ =5 cé phuong trinh la

(r+1) +(p-2) =9 ¥ 43 +2x- 4y- 4 =0

Cau 15: Phuong trinh nao sau day la phuong trinh ciia duong tron tam (- 1;2), ban

kinh bang 37

A G- +(p+2) =9 g, G+1y+(y+2y =9
C. G- 1) + (- 2) =9 D. Ge+1) +(p-2) =9
Loi giai
Chon D
ICLED Uy ban kinh R=3 I

Phuong trinh duong tron tam
(.‘l.'+ |):+ (_1'- 2): =0

A1) B(:3)

Cau 16: buong tron © di qua hai diém va cé tam I thudc truc hoanh

c6 phuong trinh la
A (x+4) +)7 =10 g. G- 4Y +7 =10

C. (- 4) + ¥’ :Jﬁl D. (x+4) +y° :m.

Loi giai
Chon B



Goi [(x:0)€0x ]AE —/g* = (- x)Y +1P =(5-x) +3

@ x - 2rtl+l =07 - 10042549 = x =4 vay tam dudng tron 13 1(40) s ban

cinp B =4 =J(1-4) +1 :Jﬁ_

(©) (- 4) +57 :IU.

Phuong trinh duong tron c6 dang

Cau 17: Trong mat phang véi hé toa do Oxy tim toa d6 tdm ! cla dudng tron di qua

ba digm A(:4) B(2:4) €(2:0)
A @D g. 1 (0:0) c. 1@2) p. [0
Loi giai
Chon C
A,B,C

Gid st phuong trinh duong tron di qua 3 diém c6 dang

(C):x +y" +2ax +2by +¢ =0

400;4) B(2:4) c(2:0)

Thay toa do 3 diém ta duoc:
(8b+c =- 16 (a=-1

da+8b+c=-20= (b=-2= (C):x" +" - 2x- 4y =0
da+c=-4 o =0

© 6 t3 1(1;2)

6 tdm va ban kinh R :\E.

AQ:-1),B(3:2), c(5:-5)

Vay

Cau 18: Cho tam gidc 4BC c6
ti€p tam gidc 48C |3

. Toa do tam dudng tron ngoai

[ﬂ._ﬁ' [ﬂ.ﬁ] l a7 E" [-ﬂ.ﬁ‘
A, L1070 10) B, | 10710 c. ! 1071 p. | 10710/
Loi giai
Chon A
Goi 1(x; y) la tdm duong tron ngoai tiép tam gidc 48C.
47

[ Ar* =BI° (-1 +(p+1) =(x-3) +(5- ")' 4x+0y =11 STy

Al =cr ’(1-0 (y+1) =(x-5) +(1+*) 8x- 8y =48 , =13
Ta co: - 1oy
- ;" L)

107 10|



Cau 19: Trong mat phang 9%, duding tron di qua ba diém A(l;2)’ B(S;E)’ c(:-3) 4
phuong trinh la.

A 4y + 250419y - 49 =0 B 2%+ - dx+y-3=0
C .".': +}-: - G-"'-+J'I_ 1 =0 D .".': +J.': - bxr+ Xy = 1 =0
Loi giai
Chon C

Phuong trinh dudng tron c6 dang * * - 2ax- 2by+c =
4,B.C nan

0 buong tron nay qua

(1+4- 2a- 4b+¢ =0 =3
2544-10a-4b+c=0= 1 h =-
II+'§J— 2a+6b+c =0

b | —

=

Vay phuong trinh duding tron can tim [a * * - 0x+y-1=0

Cau 20: Lap phuong trinh duong tron di qua hai diém

. .
dudng thang @:x+y =0
(1Y (1) 13 (1Y (1) 13
3 o] =8 g o] 2
A.I - h — H- BI =4 b = H.
' 1 ' 13 ' 1] | 1 13
‘.T_; +|__'|.'; —T ‘.".""; +‘_]._; T
C.' = \ = = D. ' 2] 2 2
Loi giai
Chon A
A(:0) B(0;2) d:x+y=0
. ] 2 A \ \ A I(_Y;'X) \ [Ed
Goi 1 la tam duong tron vay Vi :
] I[’l 1]
2 2 2 2 o X =— -
IAzszzﬁ(?a—.T) +x° :_T'+(2+_T)- = Ay +9 =4+ 4 . 2.Véy 2 2'
i \ 2 i W2 2
=4[] =
3 3 2 N s , \ N
I = la ban kinh dudng tron.
. x= +‘_1+; =
Phuong trinh dudng tron can lap la: < v <)




58
. g o H(3:2) G{?gl . . N \
Cau 21: Cho tam gidc 4BC pijét g ) lan luogt |a tryc tam va trong tam
cla tam giac, dudng thdng BC c¢é phuong trinh **2V- 2=0 Tim phuong

trinh dudng tron ngoai ti€p tam gidc 48C?
A Ge+1) +(p+1) =20
g, (x- 2V +(y+4) =20
c. G- 1Y +(y+3) =1
p. & 1y +(y-3) =25

Loi giai
Chon D

A

*) Goi I la tdm dudng tron ngoai ti€p tam gidc 48C,

3
m 5000 3
2

' x, =1
= HI ==~ HG ¥ =1 _
2 , ) Y =3

(Do dé ta c6 thé chon dap an D luén ma khéng can tinh ban kinh).

%) Goi M Ia trung diém cta BC = IM LBC = IM:2x- y+1=0

-

2x- y=-1 {.r =0
=

=
M=mtnse  x+2y=2  |y=1= Mm(01)

5
X, =3.—
. ¥ 3

' | x, =5

uuy uuug _1'_- - I :3‘ §‘ I ‘ = 4
A . 3 . _J.‘A :6

Lai cd: MA =3MG

Suy ra: ban kinh dudng tron ngoai tiép tam giadc 4BC |5 R =14 =5



Vay phuong trinh  dudng tron ngoai tiép tam gidc 4BC |3
Ge- 1) + (y- 3) =25

1(-3:2)

Cau 22: Trén hé truc toa do 9%, cho duong tron (€) ¢6 tam va mot tiép

tuyén clia né cé phuong trinh 18 3**47- 9 =0 vj&t phuong trinh ctia duding
tron (©).
A. Ge+3) +(p-2) =2 B. (-3 +(p+2) =2
c. G-3V+(-2) =4 p. Gr+3Y +(y-2) =4
Loi gidi
Chon D
1(-3;2)

Vi duding tron (©) ¢ tam va mot tiép tuyén cla né la dudng thang

A ¢ phuong trinh la 3Ix+4y-9=0
_P-3)+42-9

R =d(I,A) =
N

nén bdédn kinh cla dudng tron la

Vay phuong trinh dudng tron la: Ge+3) +(p-2) =4

Cau 23: Trén m&t phang toa dd 9, cho cac diém 4G;0) va B(0;4)

ti€p tam giadc 948 c6 phuong trinh

. Dudng tron noi

A, X+ =1 g, X 41 -dx+d =0

C x*+y? =2 D (.‘l.'—|):+(_1'—|)::|
Loi gidi

Chon D




A(3;0)  B(0:4)
Vi céc diém va nam trong géc phan tu th nhat nén tam giac
0AB \
cling nam trong géc phan tu th nhat. Do vay goi tam dudng tron nodi
1(a.b) a=>0,b>0
tiép 13 thi

d(r;00) =d (1:0y)=d (1: AB)
Theo dé ra ta co:

§+—Z=1 4x+3y-12=0
Phuong trinh theo doan chan cua AB la: hay '
o] =Jo o] =l a=b>0
[4a +3b- 12| =5|a| Ta-12=5a = {|a=6()
?ﬂ = IE —- qﬂ a :|
Do vay ta cé:
(x- 1) +(y- 1y =l

Vay phuong trinh duong tron can tim la:

Cau 24: Budng tron ¥ ¥ 170 tigp xic véi dudng thang nao trong cac dudng
thang dudi day?

A, Jx-4y+5=0 B. x+v =0

C. Jx+4y-1=0 D, *+y-1=0
Loi gidi

Chon A

Cay 120 g am O0:0).R=1

Diéu kién d€ dudng thang ti€p xtc véi dudng tron la khodng cach tir tdm téi
dudng thang bang ban kinh.

Xét dap an A:

A3x-4y+5=0= d(ﬂ.&]:w =l=R= A
NI 44 ti€p xuc véi duong tron.
Cau 25: budng tron nao sau day ti€p xdc véi truc Ox:
A, X105 =0 g, T4y -5=0
C. 4y - 10x- 2y +1 =0 D. 4y +0x+5y+9 =0 _
Loi giai

Chon D



) d(7,0x)=R

Duong tron ti€p xuc véi truc Ox khi vGi I va R lan luot la tam

va ban kinh cla dudng tron (C).
Pudng tron: ¥y - 100 =0 (=57 +07 =25 (6 tam I(S;O), ban kinh R =3,
d(1.0x) :D. Suy ra: ;f(f__DxJ¢R. Vay © khong tiép xuc véi truc Ox.

= khong phai la phuong trinh duong tron.

Xét phuong trinh duong tron: ¥4y -5=0 g 1€0:0) va R :\E, d(L.Ox) =0

Suy ra: d(1,0x) =R Vay () khong tiép xdc véi truc Ox.
Xét phuong trinh dudng tron: ¥4yt 10x- 2y 41204 165:1) vaR =5,
d(1,0x) =1
Suy ra: d(I,.0x)#R Vay © khoéng tiép xuc véi truc Ox.
24y +6x+5y+9=0 4'3'2‘ X R=2

Xét phuong trinh dudng tron: * TV TOXTTI=E g | <1 va 2,

{
d(LOx)== — ’

2, Suy ra: d(1,0x)=R Vay (C)tiép xUc véi truc Ox

26: Trong mat phdng v6i hé toa do ©%, cho dudng tron

— I PO — . N o o - N \
(©):x4)7- 2x- 4y 430\ phuong trinh tiép tuyén 4 cta dudng tron

(©) biét ti€p tuyén d6 song song véi dudng thang & 3x+4r+1=0

3x+4y+542-11=0, 3x+4y- 5\2+11=0

A.
B.3I+4y+5J§-11:U’3r+4y-5J5-11:U_
C_3x+4y+545-11=o’3x+4;+5J§+11=0_
D_3x+4y-5J§+]]=U'3x+4y—54§-11=0.

Loi giai
Chon B

(C):x*+y - 2x-4y+3=0e G- 1) +(y-2) =2,

Do d6 dudng tron cé tam ! =(:2) U3 ban kinh R =V2

Do 94 song song véi dudng thang A nén d cé phuong trinh 13 3x+4y+k =0

(k ;tl)_



i 11+k =542 k=542~ 11
(fr(f.fd):ﬁﬁm |||_Hgl|_q|r' - T [
|||: 42 . -
la co 344 +k =-5y2 k=-5y2-11

Vay c¢6 hai phuong trinh tiép tuyén can tim Ia 3"'+4-"+5‘E'”:D,

3x+4y-542-11=0

Cau 27: Cho dudng tron (@) 47 - 2x-4y- 420y qigny A(5) budng thang nao

trong cac dudng thang dudi day la tiép tuyén cta dudng tron (©) tai diém

A4,

A. V-5=0 B, Vt5=0 Cc. X+y-3=0 D, ¥-y-3=0
Loi gidi

Chon A

©)

Goi d 13 tiép tuyén cla tai diém 4, khi dé 4 di qua 4 va nhan vecto

14 la mot VTPT.

Chon mot VTPT cla ¢ I‘ n, =0 D
Vay phuong trinh dudng thang 41a ¥~ 5 =9,
Cau 28: Cho dudng tron (©):x" +)7- 420 va diém A(- 1;2). Pudng thang nao trong

(c)?

cac dudng thang dudi day di qua 4 va la ti€p tuyén cla dudng tron
A, 4x-3y410=0 g 6x+y+4=0 ¢ 3x+4y+10=0 p 3x-4y+11=0

Loi giai
Chon A
buong tron © c6 tam la goc toa do 0(0:0) va cb ban kinh R =2,

.-‘1(‘ I-j)ﬂ('l.‘f‘l)'f'h‘(l‘z):cllvé,l £73+b2 #0

a-2b] _ ﬁ
d(0:A) =R hay J.— o (a- 26F =4(a® +1°)

Ho dudng thang A qua

biéu kién ti€p xuc
a =0

< 3a° +4ab =0«
Ja =-4hb

Vé6i @ =0, chon ?=1 ta cé



Véi 3a =-4b, chon a=4 va b=-3 ta c
A, :a(x+1)-3(y- 2)=0= 4x- 3y +10=0
AG-1;2)

thang & cac phuong an thi ta loai C- va D. Tinh khoang cach tir tdam cua
dudong tron dén dudng thang thi chi cé phuong an A- thda.

(€): (- 1) +(y-4) =4

Nhan xét: Thuc ra bai nay khi thay toa do diém vao cac duong

Cau 29: Trong mat phang @Y, cho dudng tron . Phuong trinh

ti€p tuyén vGi dudng tron (©) song song véi duding thdng &:4%- 3r+2=0 3
A. 4.1'—3_1-+IS=D_ B. 4_1'—3_1-+IS=D_
C. 4x-3y+18=04x-3y-2=0 D. 4x-3y-18=0:4x- 3y +2 ZD_
Loi giai
Chon C
DPudng tron (€): G- 1) + (- 4) =4 c6 tam 16 Ua ban kinh R =2

(C)_

Goi 9 13 tiép tuyén cla

Vi d//A nén dudng thang didx- 3y+m=0(m :_.eg).
= a'(f.j(a')):ﬁ = wzz
©) 4 +(-3)

d |3 ti€p tuyén cla

m =18

m =-2
(

= |m— ElZID = [
thda man diéu kién)

VAay c6 2 tiép tuyén can tim ; ¥ 3y #I8=04x-3y-2=0

c e - . R . P w1 I Ay _ .
Cau 30: S6 tiép tuyén chung cla 2 dudng tron (C):x4)7- 2x 44y +1=0

(C):x" + 3" +6x- 8y +20 =0

la
Al B.2. C. 4. D. 3.
Loi giai
Chon C
- 2 Ve adw — -
Pudng tron (©)ix® 7= eyt 120 (o) T06-2) g in =2

1y, 2 2 o s — W= 2 "V
(C1):x” +y" +06x- 8y +20 =0 <6 tam 1'(-3;4) ban kinh R _\E.

Pbudng tron ta

=213



Vay I'> R+ R' nén 2 duong tron khong cé diém chung suy ra 2 dudng tron
c6 4 tiép tuyén chung.

Cau 31: Viét phuong trinh ti€p tuyén cta dudng tron (€):(x- 2V +(y+4) =25 piat

tiép tuyén vudng géc véi dudng thang 43~ 4y +3=0
A 4dx +3y+29 =0 B dx +3y+29 =0 hoac 4x+3y- 21 =0
C. dx-3y+5 dx-3y-45=0 D dx+3p+5

=0 hOéC dx + 3_1'+3 =0 )

=0 hoac
Loi gidi
Chon B

Ppudng tron (€):(x- 2+ +4)° =25 6 tam /(29 pan kinh R =5,

d:3x-4y+5=

Pbudng thang A vudng gdc véi dudng thang 0 ¢6 phuong trinh

dang:*"* Jy+ec =0

A 13 tiép tuyén cua dudng tron (©) Kkhi va chi khii UM =R e
[4.2+3.(-4) +¢| c =29
N4+ 3

can tim la:

N

=1

2
-25

=5 |c-— 4| =25

c-4
c=4

[

c==2

L Vay c6 hai tiép tuyén
4dx+3y+29 =0 V3 dx+3yp- 21 :D.

©)

Cau 32: Trong mat phang toa dd Oxy, cho dudng tron cd phuong trinh

oy - 2ek2y-3=0 Ty gigm A(m)ké dugc bao nhiéu ti€p tuyén dén dudng

tron ©

A. 1. B. 2. C. vO so. D. O.
Loi giai

Chon D

()

Vi 14 =2<Rnén A nam bén trong

(C)_

Vi vay khong ké dugc ti€p tuyén nao

tGi duong tron
Cau 33: Trong mat phang %%, cho dudng tron (C):Ge-1) +(p-4) =4
(©)

. Phuong trinh

ti€p tuyén vai dudng tron
Adx-3y+2=0 |y

, biét ti€p tuyén d6 song song véi dudng thang

A. 4x-3y+18=0 vy “4x-3y-2=0 B. 4x-3y+18 =0 vy 4x-3y-2=0
C. -4x-3y+18 :Uvé 4x-3y-2=0 D. -4x+3y-18 :Dvé -4x-3y-2=0

Loi gidi



Chon B

(C):(x-1) +(y-4) =4 c6 tam 1(1:4) va bén kinh R =2,

ta
Goi 9 |3 tiép tuyén cla (C).

Pudng tron

2 S ; = -}
Vi d//A nén dudng thang @ 4~ 3 +m 0(m =2)

4.1- 3.4+ m|

= d(r.(d)) =R = |— =2
d |3 tiép tuyén cla (©) 03y
m =18

= |m— Elzmﬁ [ _
' ="<(thdéa man diéu kién)
Vay c6 2 tiép tuyén can tim ; ¥ 3y 18 =04x-3y-2=0

P(-3;-2)

Cau 34: Trén mat phang toa do Oxy  cho diém va duong tron

(©):Ge-3) +(r- 4 =30 1 gigm P k@ cac ti€ép tuyén PM va PN téi duong

tron (C), vGi M, N |3 cic ti€p diém. Phuong trinh dudng thang MN |3
A, Xty+1=0 B, *-yv-1=0 C. x-y+1=0 D, xty-1=0
Loi gidi
Chon D
Ay
4 |
M\
D o\ 3 x
N\ /
P 2 N
/ 1(3;4)
Goi la tdm cta duong tron, ta cé toa do tam
‘ IMPN . MN
Theo dé ra ta co t giac la hinh vudng, nén dudng thang nhan
1P =(- 6;-6) MN

lam VTPT, déng thoi dudng thang di qua trung diém



K(0;1) P 1.(x- 0)+ 1.0y - 1) =0
cha . Vay phuong trinh dudng thang MN: hay
x+yv-1=0

Cau 35: Cho dudng tron (©)ia" +57- 2x-4y- 420y qigy M(21). D4y cung cla

(©) & qua digm M c6 d6 dai ngén nhat I3
A. 6. B. V7. c. V7, D. V7,
Loi gidi
Chon D
C4
B
2
j
-2 0 2 4
A
P ﬂ?lx'+y'—3I—4y—=¥=ﬂ¢=(C)II—|}+(y—3)':9nén 6 tAm

1(1:2). R =3

Vi IM =2 <3=R

Goi d la dudng thang di qua M cat dudng tron © tai cac di€m A, B. Goi
J 13 trung diém cha 4B . Ta co:

Ta c6: AB =247 =2\R - 177 =2JR* - v* =207 2 =27

Cau 36: Trong mat phang toa dé Oxy, cho hai diém A%-3). B(&1) vy giém M thay
d6i thudc dudng tron (€):x (=17 =4 Goj B 13 gi4 tri nhé nhat cda bidu
thirc P =MA+2MB _Khi d6 ta c6 Tnn thuéc khoang nao dudéi day?

A (7,?;8,1)._ B. (7.,3;7,?)._ C. (8,3;8,5).. D. (8,1:8,3).

Loi giai
Chon D



-

A

Pudng tron (€): (=17 =46 tam 10D pan kinh & =2,

IA =IB =4> R nén 48 n&m ngoai dudng tron.

. < .o > N N . (C
Goi N 13 giao diém clia [Ava dudng tron( )
I 0 00
) ] ) IP=—IN= [P=—I4d= P o

Trén doan IN |8y diém P sao cho 2 4 trung vaéi goc toa

do.
MA IM IN
AIAM ~AIMP= —— =—"— ="_=2= MA =2MP

Ta cé MP IP I[P

Do d6 F =MA+2MB =2MP +2MB 22PB= F,, =2PB =2J1T= F,_ e(8, I.:S.B)_

Chon D

Cau 37: Trong mat phang v4i hé toa dd Oxy ' cho duong tron

(C):x* +37 - 2x-4y+3 =0 M (XOJJ/O)

. Tim toa do diém nam trén dudng tron

©) sao cho | =% *Y dat gi tri I6n nhat.
A M(2;3). B. M(O;l). C. M(2;l). D. M(0;3)_
Loi gidi

Chon A



(C)ix+ - 2x- 4y+3=0 () 4 iam '@ =2,

Suy ra (€):(x-1) +(y-2)- 2 =0

co T=x+y, =(%-D+(y,- 2)+3

Ap dung bat dang thuc B. C. S <cho 2 bd s6

12),((x,- 1;(y,- 2)

(- D+ (- 2)

POV 0 T| Py 2
= -2=(x - D+(y,- 2) =2= 1=(x - D)+(y,- 2)+3=5= 1=<T =5

|“(xa— 1)=(y,- 2)

2 2
D&u dang thic xay ra khi (Og-1+0-2) =2

x,-1=1

o % =2,¥, =3T =5
x,-1=-1

X =0y, =LT =1

= (x-1 =1~
vay mexT =5 ghi % =2% =3,

(C):(.T- 1y +(p-1) 24' S6 cac gia tri nguyén
(©)

Cau 38: Goi / la tdm cua duong tron

cla ™ dé duong thadng *+7-m =0 cit dudng tron *’ tai hai diém phan biét

4,8 sa0 cho tam gidc /4B c6 dién tich I6n nhat 1a

A. 1. B. 3. C. 2, D. 0.
Loi gidi

Chon C



‘ dix+y-m=0

©) 3 1(1:1) dn(C)

Goi; @:x*y-m=0itam caa , dé tai 2 phan biét khi d6:

|'} - m|

V2

I I
Sus =5 JA.IB.sin AIB =— F. .8in 4IB =

0=d(l:d)<2—0=< <22-22 <m<2+2J2(*)

I
A Al

—.R
Xét AIAB cé: 2 2 2

D&u “=" xay ra khi: Sin 4B =1 AIB=90"= AB=2\2

=0 (TM)
1(rd | m| 5 m |
= d () =1 N =2 m=4 (TM)

Cau 39: Trong mat phéng toa do %> cho dudng tron (©): G- 1) +(-2) =4 s 4

dmx+y-m-1=0, d,:x-my+m-1=0

©)

s& m dé moi dudng thang > cat ““tai 2 diém phan biét sao cho 4 diém
do lap thanh 1 t&r gidc c6 dién tich I6n nhat. Khi dé tong cla tat ca cac gia tri
tham s6 m la:

A. 0. B. 1. C. 3. D. 2.
Loi giai

dudng thang * Tim céc gia tri cia tham

d.d

Chon A

112
(C){ (;,,)
Ta cé R=2

M@1;1)

4, cAt nhau tai diém > ¢6 dinh nam trong

Ta dé thay dudng thang 4 vy

(@) 5 d Ld,

duong tron . Goi 4B 13 giao diém cla 4 vy (C) C.D |5 giao

diém cda % va (C). H,K 1an lugt 13 hinh chiéu cta ! trén 4y &
Khi dé

I -~
S o =5 AB.CD =2AH.CK —"JF. - ﬂ'(f d, )] JR - u’(f d, )]

=7

:EJ' | \I oom J(LL"”_ +3)(3m* +4) {4;}:: +3+3m" +4
mt+l

m- +1 m- +] m- +1

Do d6 M Suco =7 khi m =+l Khi d6 téng cac gia tri cda ™ bing 0-



‘Dang ®: Cau trac nghiém duang, sai
Cau 1: Xac dinh tinh dlng, sai cla cac khang dinh sau:

a) Cho ¥ =¥ +2x+0y-3=0 khéng phai la phuong trinh dudng tron.

b) Cho * *¥ = 8x+2y-15 =015 shyong trinh dudng tron c6 tam /(%D ban
kinh R =442

C) Cho ¥ *J7 - 14x+4y+55=0 |4 phuong trinh duding tron cé tam (%:72)  pan
kinh R =242
d) XAyt 2as Ay - 44 =0 )y phuong trinh duding tron c6 tam (12 pan kinh
R=3

Loi giai
a) bung b) Pung c) Sai d) Sai
a) Khéng phai la phuong trinh dudng tron.

b) L& phuong trinh dudng tron ¢é tam /(%71 ban kinh R =442
c) Khéng phai la phuong trinh duong tron.

d) la phuong trinh dudng tron cé tam I(1:2) 'ban kinh R=7,
Cau 2: Xac dinh tinh dlng, sai cia cac khang dinh sau:
a) Phuong trinh dudng tron c6é tam I(-2-5) v3 c6 ban kinh 1a R=8 |3

(x+2) +(p+5) =064

b) Phuong trinh dudng tron cé tam ¢ L3 va tiép xtc véi dudng théng
Arx+2y+3 =0 13 f_-.'-+]}: +(yp- 3}3 =130

c) Phuong trinh dudng tron c6 tam 732 va di qua diém AC%D |3

(x+3) +(y-2) =20

d) Phuong trinh dudng tron di qua ba diém A5:-2):58(3:0).C-12) 5
(x+4) +(y+9) =130

Loi giai
a) bung b) Sai c) Sai d) bung

a) (x+2)° +(y+5) =064

b) (x+1)° +(y-3) :20.



) (x+3)7+(y-2y =2
d) (x+4)" +(y+9)" =130
Cau 3: Xac dinh tinh dlng, sai cla cac khang dinh sau:
a) (O c6tam 7(Z-3) va ban kinh R =4, khi d6 (©) 13: (x- 2 +(y+3) =lo
b) (©) c6 tam KC2ZD va dgi qua 432, khi do (©) ja: (x+27+ (- 17 =20,

c) (©) ¢6 dudng kinh P vgi FL-1.0(53) yni gg (©) 13, (x= 37 +(- 17 =4,
d) (©) c6tam SCE3-9 ya tiép xdc véi dudng thang 235 +4r-10=0 1hi g6
(C) |y. (x+3) +(y+4) =49

Loi giai
a) bung b) Pung c) Sai d) bung

v-2) +(y+3) =16

a) Phuong trinh dudng tron (©) 1a; C

b) Ban kinh dudng tron (©) ja; & =4K =J[3- (-2 +(2-1)? :@.

2 +(y- 1Y =26

Suy ra phuong trinh dudng tron (€) [a; (x+2)°+(

c) Tam cua duong tron (©) 13 trung diém 7 cua PQ, suy ra 13

Ban kinh dudng tron la: R=IF :‘J“' 3 +(-1-1) ZE-ﬁ.

Phuong trinh dudng tron (€) 15. (x= 3 +(p-1y =8

d) Ban kinh R cta dudng tron (©) bing khoang cach tir diém S dén dudng
thang

R =d(5.A) :|3 (-3)+4{-4)- 10| _
A:3x+4y-10=0 Suy ra ' J3 4

7

Vay phuong trinh duding tron (©) 1a: (x+3)° +(y+4)° =49

Cau 4: Xac dinh tinh dlng, sai cla cac khang dinh sau:

a) Cho (©):(r+37 +(3- 27 =4 i 46 (O 6 tam 16-32) y3 pan kinh & =2.

(©) 6 tam O©:0) v3 ban kinh R =1.

b) Cho (€):¥ +1" =1 ni g6
C) Cho (€):F +17=6x+2y-6=0 i 46 (€ (g var 1Gi- D) ya ban kinh R =3.

d) Cho (€):x #37-4x-5=0 o 46 (C) (g ya 1(2:0) y3 pan kinh & =2.

Loi giai



a) bung b) Pung c) Sai d) Sai
a) (C) c6 tam 1C32) ya ban kinh R =2,

b) (C) cé tam 9(%:0) 3 ban kinh R =1,

i :_—
c) bat -2

R :'l‘llﬂz+h:- c=+f9+1+0 :4.

,
=3 b=—"=-1l,c=-0
-2 . Dudng tron (©) c6 tam G- D va ban kinh

e
| =

=21b=

=0,c =-5
. Buodng tron (© ¢é tam 1(Z0) va ban kinh

a =

d) bat -
R=va +b* - c =J4+0+5 =3

Cau 5: Xac dinh tinh ding, sai cGa cac khang dinh sau:

]
(]

a) Phuong trinh (© 6 tam ‘G- yy pan kinh R=33 0 a

(x+1) +(y+7) =27

b) Phuong trinh (©) ¢ tam (-5 va @i qua 90:0) |3, (x- ) +(y+5)° =26
¢) Phuong trinh (©) nhan 4B |1am dudng kinh v ALDBTS) |y,
(x-4) +(y-3) =10

d) Phuong trinh (©) di qua ba diém: MEZANES)LP0:-2) )y,

x4y - 0x- 2y- 20 =0
Loi giai:
a) bung b) Pung c) Sai d) Sai

a) Phuong trinh (©): (x+1) +(y+7)" =27

b) (©) ¢6 ban kinh B=Y =(1- 07 +(-5- 0F =26 Lap o6 phuong trinh
(x-1) +(p+5) =26

¢) Goi I 13 trung diém cla doan A8 = 1(%3):41 =J(4- )7 +(3- 17 =13 Puodng
tron (©) c6 dudng kinh 13 4B suy ") nhan 143 1am tam va ban kinh
R =41 =\13 nén cé phuong trinh la (x=4) +(y-3)7 =13

d) Goi phuong trinh dudng tron (€) |y, © +»° - 2ax- 2by+c =0

Do dudng tron di qua ba diém MNP nén ta cé hé phuong trinh:

P

(4+16+4a- 8h+c =0 a=2
25425-10ag-10b+c=0= {bh =]
Jo+4-12a+4b+c =0 IL':-ED



x4y - 4x- 2y - 20 =0

Vay phuong trinh dudng tron OF
Cho duong tron (©) c6 tam L2 ya tiép xdc véi dudng théng
Arx- 2_1'+T-" =0 . Khi dé:

dif.An) =

a) J_

b) Buong kinh cta dudng tron cé do dai bang

(x+1) +(p-2) =

'5.1'1|-L'- %‘A

c) Phuong trinh duong tron la

d) Buong tron (©) ti€p xuc véi dudng thang A tai diém cé hoanh dé 16n hon
0

Loi giai
a) Sai b) bung c) bung d) Sai

R=d(r,a) =271 _ 2
= A =—— =
(€) c6 tam I va tiép xtc A nén cé ban kinh J1+4 S5
. , 4
0 - - 2 =—
(x+1)" +(y-2) 5

Vay phuong trinh duong tron ©) 13

Pudng tron (©) ti€p xuc vdi dudng thang A tai di€m c6 hoanh dd nhé hon 0

Cau 7: buong tron (©) gi gua A= vy tiép xGc véi hai truc toa dé Ox va & . Knhi

do:
a
b

Pudng tron (©) gi qua diém V(L0

pudng tron (©) di qua diém M LD

C6 2 duong tron thdéa man

T6ng ban kinh cac duong tron théa mén bang 5

N N N

C
d
Loi giai

a) bung b) Sai c) bung d) Sai

Vi diém 42D nym g g6c phan tu th tu cdia hé truc toa do va duong tron
ti€p xuc vai hai truc toa dé nén tam cla duding tron cé dang /(&= R) trong
dé R la ban kinh dudng tron ©)

R°=I4"= R =(2- Ry +(-1+R)’ = R’ - 0R+5=0= f=l

Ta c6:
Vay c6 hai dudng tron thod man dé bai la: (x- 17 +(r+1)" =1,
(x- 5 +(y+5)y =25



Cau 8: buong tron (©) di qua hai diém AZ3).80 LD ¢4 tam thuee d:*- 3y~ 11=0
Khi do:

4
a) Tam cda duding tron (©) 13 I[ , E]
b) Diém 0(0:0) nam bén trong dudng tron (©)
c) Buding kinh cta dudng tron () bang 65
d) Budng tron (©) di qua diém N(0:2)
Loi gidi
a) Sai b) bung c) bung d) Pung

Goi tam duding tron 13 {3 FILNEA 1 4. 14 =IB = 147 =I5

= (3t+11-2) +(t-3)7 =(3t+11+1) +(t-1) = 22t =-55 = t =-

b3 | L

7.5

1[ : ] R =1I4 :J‘
Suyra '2 2J:ban kinh dudng tron '

[
I..l

(C) :‘ x-
Phuong trinh duong tron \ -

Cau 9: Buong tron (©) di qua hai diém AL:2.8G:4) 3 tigp xic 237 +r-3=0 nj
do:

a) C6 hai duong tron (©) théa man

b) Téng dudng kinh cda cac dudng tron (©) bang: 2410

M(3;2)

c) Diém nam bén trong cac dudng tron (©)

d) Diém N0 s tran it nhat mot dudng tron (©)
Loi giai

a) bung b) Sai c) bing d) Pung

Goi tam dudng tron 1a 1(@9) | ta cé: V10
(147 =1B*
Theo gia thigt |/ =414
(a- 1y +(b-2) =(a- 3) +(b- 4)
— _ 2
(a- 1Y +(b- 2) :[3ﬂ+h 3)
| 10
(@ +b =5 (1
— . .
a - 2a+9b” - 34b+41- 6ab =0 (2)




Thay (1) vao (2):(5- by - 2(5- b)+9b° - 34b+41- 6(5- b)b =0

b=l = a=4= R=A0
= 4b° - 18h+14 =0 = 7 3 Jio-
%3

h = = g=——= R=
2 2

Vay c¢6 hai duong tron théa man:
(x-4) +(y- 1y =10

Cau 10: Cho duding tron (©) ¢6 phuong trinh XAy 0x 42y +0 =0y g gidm

a) biém 4 thudc duong tron
b) Diém B nam trong dudng tron
c) ¥ =1 phuong trinh ti€p tuyén cda (©) tai diém 4.

d) Qua B ké dugc hai ti€p tuyén véi (©) cé phuong trinh la: x=1;
r+dy-12=0

Loi giai
a) bung b) Sai c) Puing d) Sai
budng tron (©) 6 tam 13- D pan kinh & =v9+1-06=2

, . =[5
Ta c6: 14 =2=R.IB =25>R
ngoai dudng tron.

suy ra diém 4 thudc dudng tron va diém B nam

Tiép tuyén cta (©) tai diém 4 nhan 4/ =(20) |3m vecto phap tuyén nén c6
phuong trinh la 2(x-1)+0(y+1) =0 hay =1,

-Phuong trinh dudng thing A di qua B c6é dang: @~ D+b(y=3)=0 (y4;
a’ +b> 20 ) hay ax+by-a-3b=0

pudng thdng A 13 ti€p tuyén cla dudng tron < dULA)=R
= = = ~ ~ v el h :[:I

o Babar 3l s (g 2y =a® 45" o 37 - dab=0 =

.Jﬂ: +h 3b=4a

-Véi =0, chon @ =1; phuong trinh tiép tuyén 1a x =1,
- V6i 3b =4a  chon @ =3= b =4; phuong trinh tiép tuyén I3 Jr+dy-15=0

Vay qua B ké dugc hai ti€p tuyén vdi ©) ¢6 phuong trinh la: x=1;
3x+4y-15=0

Cau 11: Xac dinh tinh ddng, sai cta céc khang dinh sau:



x4y +2x-

a) 4+9 =0 khong 13 phuong trinh dudng tron.

p) ¥ ¥ - 0x+4y+13=0 khéng 1a phuong trinh dudng tron.

3
; ; o _ ]{—;l]
¢) 2%+ 27 -0x-4y-1=0 15 yhyong trinh duding tron tam ' 2/, ban kinh

d)y ¥+ - 8x+7=0 4 phuong trinh dudng tron tam (40) ban kinh R =4,
Loi giai
a) bung b) Pung c) Pung d) Sai

-2 R PR J — ;. — T
a) ¥ty - la 2by +¢c =0 véi 4= Lb=2,c=9

Taco a +b°-c=1+4-9<0 pan (1) khéng I1a phuong trinh dudng tron.

b) ¥+ - 2ax- 2by+c =0 véi @ =3,b=-2,c=13

Ta c6: @ +b"-c=9+4-13=0 pgn (2) khong la phuong trinh dudng tron.

. s 1
2 pl s e Ty - = ..
c) S x4y - 3x-2) ) 0 cé dang x"+y - 2ax- 2by+c =0 véi
. (37 ., ( 1]_15
(J:E_h:iﬁ:—!_ f-u’_+h_‘f':‘— +"-‘-l :i—}[:l
2 2. Taco 2 2]«
VAy (3) 1a phuong trinh dudng tron tdam 2/, ban kinh 2

d) 13 phuong trinh duding tron tam (40 ban kinh R =3,

Cau 12: Xac dinh tinh dang, sai cha cac khang dinh sau:
a) Phuong trinh (C):(x+2)7 +(y- 07 =81 4 tam 1(-2:6) pan kinh R =9,

b) Phuong trinh (©) ¢6 tam 1¢32) 3 di qua diém AE-D 3.

(x+3) +(y-2)° =20.

c) Phuong trinh (©) ¢ tam (=3 va ti€p xGc véi dudng thang
(x- 27 +(y- 3 = 22| .

A:Sx-12y-7=0 13 | 13

d) Phuong trinh (©) 6 dudng kinh 4B ygi  ACZ3B05) )y,

(x= 2V +(y-4) =lo

Loi giai
a) bung b) Sai c) bung d) Sai



a) (©) c6tam 1(-20) pan kinh R =9,

by Ta c6 B=A=N¥*(37=5" phuong trinh  dusng tron  (O):

(x+3) +(y- 2)° =25.

R =d(I,A) _132-123- 7] _

52-123-7| _33
c) Ta cb S (-2 Phuong trinh dudng tron (©):
. . [ 33)
(x-2) +(y-3) = —| .
(x=2) +(y-3) B

d) Tam dudng tron (©) 13 trung diém I cha 4B véi 129 ban kinh duding
tron B =14=\17 pg g6 phuong trinh dudng tron (*- 2P +(r- 4y =17

Cau 13: budng tron (©) di qua ba diém A(Z0).5(0:-3).C(5:-3) khj g6:

a) Budng kinh cda dudng tron (©) bang V26

5
b) Hoanh d6 clia tdm dudng tron (©) bang 2
c) Dudng tron (©) di qua diém N (3:0)
d) Goi / la tadm cua duong tron (©) khi d6 dé dai doan 10O =52
Loi giai
a) bung b) Sai c) bung d) Sai

[ AI* =Br*
Goi tam dudng tron 13 1(@b) Theo gia thiét (47 =¢
5
(a-2) +b° =a’ +(b+3) 4a+6b=-5 |973
—r

—r
[ﬂ— 2}: +||L,|-: :f_,[’,,l— 5}:+f_h+3}: O - f.'ll'L} :3[:] h . E
2
| 5 | 5 13
= P | - —r
L . R R_J"} - +‘ P P
Ban kinh duong tron la v S = -
' 5 g
f_(_"}:‘.r—”— +‘1'+”— _
2 2 2

Vay phuong trinh duong tron

Cau 14: buong tron (© di qua diém 420 y3 tiép xdc véi dudng thang
A:3x-4y-15=0 tai B(l;-3)_ Khi do:

a) Dudng kinh cta dudng tron (©) p&ng: 10
b) Tam cda duding tron (©) ¢ tung do bang -2
c) Khoang cach tur tam cua dudng tron (©) gén dudng thang A bang 4



000:0) 115 ben trong duding tron (©)

d) biém
Loi giai

a) bung b) Sai c) Sai d) Pung

Goi tam dudng tron (@), Ta c6é vecto chi phuong cla A 1a =(4:3) |

IB =(1- a;-3- b) IB Lu, = IBu, =0= 4a+3b+5=0(1)

. Theo gia thiét:
IA=IB < 14" =IF’

= (-2-a) +(6- b)Y =(1- aY +(-3- b)Y
= a-3b+5=0(2)

. Ta lai cé

-

4a+3b=-5

—
a-3b=-5

a
b

Giai hé (1) va (2): | '

Suy ra B=A =TT T =5

Do dé phuong trinh dudng tron (C):(x+2)" +(y-1)" =25

Cau 15: Pudng tron (©) ¢ tam I thupe 2:x-2v+3=0

Al0:4), B(Z0) khi d6:

va di qua hai diém

a) Toa do tam 1(5,0)

50
b) Duding kinh cda dudng tron (©) bang \/;

¢) Budng tron (©) di qua digm V%2
10 =70
d) Po dai doan 3

Loi giai
a) Sai b) Sai c) bung d) Pung
Goi 121 3EA \j 1 13 tam dudng tron nén 14 =18 = I4* =I5’

= (-5 +(t-4)Y =(2-TyV +(t-0)y = 12 :4—*1:;:”.

3
(28 wemamfo- I o[- 0] o2
Tace: 22 SEET Y B TN
[Cji{r— %.:+{;-ll :%g

Phuong trinh dudng tron

V170

N N . IO =
Do dai doan 3



Cau 16: budng tron ©) di qua A1:D-B(3:3) 3 ¢4 tam nam trén truc hoanh. Khi dé:

a) Phuong trinh dudng tron (©) c6 dang X" +y7 - Qax- 2by +c =0
(ﬂ: +h - ¢ *_il:l:l
b) Budng tron © g qua diém N (:3)

c) Goi / la tdm cla duong tron © khi @6: 10 =4

d) Diém M(2:5) «©)

nam bén trong dudng tron
Loi giai
a) Sai b) bung c) bung d) Sai

\ N \ p gl - 4= b - >0
Phuong trinh dudng tron (C) ¢6 dang * *¥ - 2ax- 2by+c =0 (¢ +5- c>0)

-

(141- 2a- 2b+¢ =0 a =4
2549-10a- 6b+c =0<= 15 =0

Do AL1),B(5:3)€(C) va I €(Ox) nén ta c6 hé: .h =0 c :lfj.

Vay (C):x" +1" - 8x+6=0 .
Cau 17: Xac dinh tinh ding, sai cla cac khang dinh sau:

a) Phuong trinh (C) c6 dudng kinh 4B v AGDBE3) 5,

(x-3) +(y- 2) =I5

b) Phuong trinh (C) c6 tam (D va tiép xdc véi dudng thing
A3x=-4y-7=0 5. (x- 20 +(y-1)" =

c) Phuong trinh (C) di qua ACZ-DBE-2.CELEA) s,
(C):x"+y"-2x-2y-11=0
d) Phuong trinh (©) 6 tam 1(13) va di qua BT 3.
(C):(x- 1)V +(y- 3) =25
Loi giai
a) Sai b) bung c) bung d) Pung
\ _X, X, _3
3
AB = -
N + —»
2

a) Goi I la tam cua (C) do dé I la trung diém

= I(3%2) 3 R =J(5- 3 +(3-2) =5

2)* =5

Véy (C) f_.‘l.'- 3}: + f__l'-



A:3x-4y-7=0 A

b) Vi (C) tiép xUc vd8i dudng thang nén
L. -

R:(rr[flﬁ]:w:!
3 4 (- 4)

Vay (C): (x-2) +(y-1) =l '

c) Phuong trinh dudng tron (C) c6 dang ~ *¥ - 2ax- 2by+c=0
(& +5 - c>0)

Do A-2%-1,B(3:-2),C(- L4 €(C) pan ta 6 he:

J—'1+]+—'1ﬂ+2h+£':|:| a =1
O+4- ta+dh+e =0 = {h=1
l+10+2a-8bh+c =0 .':':'”

(C):x” +y - 2x-2p-11=0

Vay

d) (€ c6 tam 103 vy g qua BET)= R=J(4-17+(7-37 =5
(C):(x-1)"+(y- 3)" =25

Cau 18: Cho (O):(x= 17 +37 =10, 5 gigm 44D khi d6:

a) biém 4€(C)

b) Buding kinh cta dudng tron (©) bing Vio
¢) Phuong trinh ti€p tuyén cla dudng tron (€) tai diém 4D ¢4 vecto phéap
tuyén I3 7 =G
d) Phuong trinh ti€p tuyén cla duong tron (©) tai giém 4*D gi qua diém
N(4;3)
Loi giai
a) bung b) Sai c) bung d) Sai
(C) c6 tam 110 pan kinh R=v10.

Tuyén tuyén qua 44D ¢4 vecto phap tuyén 4 =G:D nan c6 phuong trinh:
Hx-4)+1{y-1)=0 hay Ix+y-13=0 _

Cau 19: Cho EC}:.‘I.': + _1': +2x- f]_l'+5 :0; du‘ﬁmg théng dix+2y-15=0 . Khi dé:

a) (©) ¢4 tam 113

b) Khodng céch tir tdam 7/ dén dudng thang 4 bang V5

(©)

c) C6 hai ti€p tuyén duong tron song song vdi dudng thang 4



0(0:0) ©)

d) biém
duong thang 9

nam trén moét ti€p tuyén duong tron song song VGi

Loi giai
a) bung b) Sai c) Pung d) Pung
(©) ¢ tam ¢ 13) va ban kinh & =1+9-5 =5

d(,d) :% =25

Tiép tuyén A song song véi 9 *+2r-15=0 nap Ax+2y+e =0{c #-13)

d |3 tiép tuyén cta (©) khi va chi khi; 4U.d) =R

e [71¥0%e] =5 [c+5=5e | =
J1+4 c=-10

C6 hai ti€p tuyén thda man dé bai: *+2» =0x+2y-10=0

Cau 20: Cho (C):(x= 27 +(y-2) =9 giém 4G D cac dudng thdng A 1a tiép tuyén

dusng tron (©) di qua 4. Khi dé:
a) (©) ¢6 ban kinh R =3,
b) Goi 7 I3 tam cda dudng tron (©), khi @6 14 =22

c) C6 hai dudng thang A
d) Cac dudng thang A vuéng géc véi nhau

Loi giai
a) bung b) Sai c) bung d) Pung
(©) 6 tam 1Z2) va ban kinh R =3,
Goi " =(@0) |3 vecto phap tuyén cla dudng thidng A qua 4Gi-D;
phuong trinh &:alx=3)+b(y+1) =0

A 13 tiép tuyén cta (©) khi va chi khi: 4U.8) =R

o5 2
- |a(2-5)+b(2+1)| :3ﬁ|—3ﬂ+3h|:3~jﬂ: +h°

wfrf +h°

= 9" +95" - 18ah =9%" +9+ = ab=0< a =0" b =0.

-Véi @ =0, chon »=1; phuong trinh A 1a; Y+1=0,
- VGi b =0, chon a :1, phu‘dng trinh A 13: x- 5 =0

Vay c6 hai ti€p tuyén thoa man la: y+1=0x-5=0



Cau 21: Cho (©) di qua 4% va tiép xdc véi Y tai K(0:0) ghi d6:

a) Dudng tron (©) c6 dudng kinh bang 10

b) DUGng tron () di gua diém M(SQI)

0(0:0) 2 ban trong duding tron (©)

c) DiEém

d) Khodng cach tur tdm dudong tron (©) gén truc Ox bang 6
Loi gidi

a) bung b) Pung c) Sai d) Pung

N N N . 24yl gr- vt = “+b - =0
Phuong trinh duding tron (C) c6 dang * V- 2ax- 2by+c =0 (@ +5 - c>0)

tam [(@0),

vi (O tiép xdc véi O tai K(lo)= I{a:b)eAh:y=0= b =0
Ta cé:

A(9:9)E(C) = - 18a- 18h +¢ = 102

K(0,6)€(C) = - 12b+c =36

18a +18b- ¢ =162 [ a =5

12b-¢c =30 = {b=0.

LA R b=-0 - =36
Ta c6 hé phuong trinh: ! L€ :

Vay (C):x 43" - 10x- 12y +36 =0

Cau 22: Cho (© ti€p xUc vdi hai truc toa dd va cdé tdm thudc dudng thang
d:2x- V- 4 :[:l. Khi dé

a) C6 hai dudng tron théa man
14

b) Téng ban kinh cac dudng tron (©) bang 3

0(0:0) s, ngoai cac duding tron (©)

c) Diém

d) Cac dudng tron (€) nam trén cling nita mat phang by Ox
Loi giai

a) bung b) Sai c) bung d) Sai

Goi ! la tam cua (©),

Vi led:y=2x-4= [la:2a- 4}.

Vi (©) tigp xtic véi hai tryuc toa do = 9[1-0x]=d[1.0x]



a=4= [{44)
2a- 4 =a ' .
=|2a- 4|dal= e 4 4 4‘-

2a-4=-a a=—=J|—
3

13 3

I(4:4)= R =d[I.0x]=4= (C):(x-4) +(y- 4) =16

;‘ %%‘ = R =d[1,0x] =4 [C}:‘ x-

i.: . i.:
3 3 3

+‘_1'+ ‘ =

Cau 23: Cho O di qua 4C2ZD va tiép xdc véi dudng thang 73 20 0=0
M(0:-3)  khi d6:

a) Dudng thang qua M(:-3) va vueng géc vei d 1a: 3% +2+0=0

15
b) Hoanh dd tam cda dudng tron (©) bang 7

c) budng tron ©
0(0;0)

ti€p xuc véi dudng thang ¥ =1

d) Diém ndm ngoai cac dudng tron (©)
Loi gidi

a) Sai b) bung c) Sai d) Pung

Phuong trinh dudng tron (©) c6 dang ¥ 4yt - 2ax- 2by+e=0 (@467 c>0)

tam 1(@:0),

Goi A 13 dudng thang qua M(%:-3) va vusng géc véi 4.

Vi Ald= Ai2x+3y+C :U_

M(0;-3)EA= 2 0+3.(-3)+C =0= C =9

Vay A:2x+3y+9=0 _

T co: ACZDE(C)= da- 2b+c =-5

M(0:-3)€ (C)= 6b+c =-9.

Vi (C) tiép xtc véi 4 tai M(0:-3)= Ha:b)EA:2x+3y+9=0< 2a+3b+9 =0

-15
a=—
da- 2b+c=-5 7
bh+c=-9 = | a'w:_?j
2a+3bh=-9 3
c=—
.

tinh: !



7
(C): e+ _1': +E_r+ :_1--}- E =0

Vay 77777
CAu 24: Cho I.r_(__'}:.'l.': +_1': - Bx- oy =i Vé Aix- 2_1""‘] :[:]. Khi do’

a) (©) 6 tam [(4:3).R =5

N(-1;0)

b) Diém nam trén dudng thang A

c) budng thang ¢ song song véi A c6 vécto phap tuyén bang n(-1:2)

d) C6 hai dudng thang ti€p tuyén vdi dudng tron (©) ma song song vaGi A
Loi giai

a) bung b) Pung c) Sai d) Pung

(€) 6 tam [(4:3).R =5

Goi @ |a dudng thang song song &7~ 2y +1=0=dix-2y+C =0

(C)= d[1,A] =R = 2 0*C 1 _s
d |3 ti€p tuyén cla NS

c=5\5+2
c=-5J5+2

Lx-2p+2 455 =0 vy dix-2p+2- 55 =0

olc-2[=55 =

vay: ¢

3x-4y-31=0 tai M1,

Cau 25: budng tron (©) tiép xdc v6i dudng théng 2 7 va cé

ban kinh & =5, Khi do:

a) Hoanh d6 tam dudng tron (€) bé hon 0
b) Tung dé tam dudng tron (©) 16n hon O
c) Téng hoanh dd cac dudng tron théa man yéu cau bai todn bang 40
d) Cac dudng tron théa man yéu cau bai todn nam ngugc phia dudng thang
A:3x-4y-31=0
Loi giai
a) bung b) Sai c) Sai d) bung

Goi 9 1a duding thang di qua M&=7) yusng géc véi A.

vi d LA= d:idx+3y4C =0 o g M(-T)€d= C =17

vay @40 3r+17=0 Goj 1 13 tam cta dudng tron (©)

I r::l—f4ra+i?]l c R =5= dII.Al=5
= I€d ngn ' 7 Vi (©) 6 ban kinh £ =3= dl/.A]=3



f"_ﬂ&;fc};\'ﬁﬁi‘ L2757 o
Véi- |7 /0 R R A I R ;
I‘.—S—ﬁ.ﬂ—E.:’[C}:‘II+S—G-:+‘_1'+E--:ES.

7 7 | 71 | 7

cau 26: Puong tron (©) di qua diém 442 va tiép xdc véi 2 dudng thang
d:x-3y-2=0 vy Aix- Jyp+18 :D. Khi dé:

a) Hoanh dé tam dudng tron (©) bé hon 0

b) Tung dé tam dudng tron (©) 16n hon O
38

c) Téng tung d6 cac duong tron thda man yéu cau bai todn bang 5

d) Trong céc duong tron (©), 6 duong tron di qua qua diém M(0;6)
Loi giai

a) Sai b) bing c) bing d) Pung

xat d:x=3y-2=0 s A:x-3y+18=0

vil -3 I8 . Phuong trinh dudng thang A cach déu 9 va A |a:

x-3y-2=x-3y+18

|x=3y=-2|3x-3y+18|=
x=-3y-2=-x+3y-18

= A:x-3y+8=0.

Goi I 1atam caa (€)= T€A = 1(3b-8:5)

vi (©) qua 4 va ti€p xtc véi 4 va A

o A =d(1,d) =d(1,A) = J(3b- 12) +(b- 2)° _|3b-8-3b+13|
JE+(-3)
23 (29 23]
) B b=—=1 —_—
= OB +144- T2b+b7 - 4b+4 =10 = 5 575
h=3= I(1;3)
(29 23) (29 (0 23
?,?.=R—IA—JI_=?[C}.‘IJ—HT. +‘.'1_T =10

Véi: |
1(53)= R =14 =410 = (C):(x- 1f +(y- 3)° =10.

Cau 27: Xac dinh tinh dang, sai ctia cac khang dinh sau

a) © 7 - 0x*8y+100 =0 yhang phai 1d phuong trinh duding tron



p)y * ¥y 4 0r-12=0 15 phuyong trinh duong tron tam 13 diém
I(-23),R=5

) 2x"+2y - 4x+8y-12

C =0 khéng phai 13 phuong trinh duding tron

d) (O):(x=17+(y-2)7 =5 |3 phuong trinh dudng tron c¢6 tam {2 va ban
kinh R =5

Loi giai
a) bung b) Pung c) Sai d) Sai

x* 4y - 2ax- 2by+c =0

a) (1) c6 dang -
Véi @ =3.bh=-4.c=100= a" +b - ¢ =9+16-100 <0

Vay (1) khéng phai la phuong trinh dudng tron.

b) (2) c6 dang * *» - 2ax- 2by+c =0

Vi @ ="2b=3e=12= a+h-c=4+9+12>0

Vay (2) 13 phuong trinh dudng tron tam 13 diém /(23R =Ja’ +b"-c =5

c) Ta cé: 2¢° #2737 - 4x+8y- 2 =0

(3) = x +_1': - 3.".'+4_1'- 1=0 (3)

= (x- 1) +(y+2) =6

Vay (3) 13 phuong trinh dudng tron tam 1a diém {1:-2).R =Ja* +b*- ¢ =0

d) (©):(=17+(r= 20 =5 |3 phuong trinh dudng tron c6 tam (B2 va ban
kinh R =5

Cau 28: Trong mat phang toa do O, cho A3 BO2LCE-1) khi g6
a) D6 dai doan 4B =2

A,B,C 1(4:1)

b) Budng tron di qua 3 diém c6 tam

A4,B,C D(2:;0)

c) buong tron di qua 3 diém cling di qua diém
d) Do dai doan 10 =17 yg; 00:0)

Loi giai
a) bung b) bung c) bung d) bung
Phuong trinh dudng tron (©) ¢é dang: X"+ = 2ax- 2by +c =0

a* +b*-c>0

v3i diéu kién



(C) di qua A(5:3) nén - 10a- 0b+c+34 =0
(C) di qua B(6:2) nen -12a- 4b+c+40 =0

(C) di qua CB3:-1) nan -6a +2b+c+10 =0

‘-]Dn‘-f}h+r_'+3—'1 =0 ‘ﬂ =4
“12a-4b+c+40 =0 = 1 b =]
~ba+h+c+10=0 _L-ZIE

Gidi hé: !

x4+ - Bx- 2y +12 =0

vay (©) c6 phuong trinh 13

Cau 29: Trong mét phang toa d6 @, cho dudng tron (©): (x 427 +(0+3) =25 i

do:
a) buong tron (©) <6 tam [(-2-3)
b) Budng tron (€) ¢6 ban kinh R =5

c) Phuong trinh ti€ép tuyén A cula dudng tron (©) tai diém MED 3,
x+y-2=0.

d) C6 2 phuong trinh tiép tuyén A" clia duong tron (©) pigt A vubéng goc véi
A,

Loi giai
a) bung b) Pung c) Sai d) Pung
a) buong tron (©) ¢6 tam 1C2-3) ban kinh & =5,

b) Phuong trinh tiép tuyén A 1a; (1+2)(x- D+ {1+ 3)(y- ) =0 = 3x+4dy- 7=0.

c) Vi A nhan " =(3:4) 13 vecto phéap tuyén ma A LA nén c6 thé 13y vecto

phap tuyén cta A 1a "=(%-3) suy ra phuong trinh A cé dang:
4x-3y+c =0 _
bé A la tiép tuyén cla (€) thi
d(1,0)=Re 12630+l _g 0 11225

JF +(- 3P

Vay ©=24 hoac ¢=-26 nén cé hai trudng hgp cla phuong trinh A 1a:
4y-3y+24 =0 ho3c 4x-3y- 26 =0.

Cau 30: Trong mat phing toa d6 7%, cho dudng tron (€): (x= 17 +(y+2) =25 yp;

do:

a) Budang tron (©) c6 tam (- 12)



b) Budng tron (€) ¢6 ban kinh R =5

c) C6 2 tiép tuyén duong tron (©) song song vdi dudng thang
A:3x-4y+14 ZD.

d) Tiép tuyén dusng tron (©), song song véi dudng thang 2:3x- 4y +14 =0 ;

qua diém M(21)
Loi giai

a) Sai b) bung c) Sai d) Sai

a) Budng tron (©) c6 tam 1(:-2) pan kinh R =5,

b) Gid st A 1a tiép tuyén cla dudng tron va song song véi A,

Khi dé, phuong trinh A cé dang Jo-dy+e =0 i ¢ #14
|31-4(-2)+c| _[1l+¢]
V3 +(-4) 5

d(ra)
Khodng cachtlr / dén A la . A latiép tuyén

d(1,A)=R =|11+c|=25

cla duong tron (€) khi va chi khi . Suy ra ¢ =-36 hoac

¢ =14 (loai). Vay phuong trinh A |y; 3= 4y 30=0
‘Dang ©: Cau trac nghiém tra 16i ngan
Cau 1: Trong mat phing toa dd PV, viét phuong trinh dudng tron tam 1(5:6) 3 tiép
xdc véi dudng thang d:3x-4y-0=0
Tra 1&i; (-3 +(v-6) =9
Loi giai
S -
M —3

R=d(l.d)= -
3 +(-4)

Ta co:

Phuong trinh dudng tron can tim 13 (-3 +(y- 00 =9
Cau 2: Viét phuong trinh dudng tron (©) di qua 4ED va tiép xdc véi 2 truc toa dé.

Tra toiz (€ (- 2432 +(y- 2+42)" =(2- 2

(C):(x-2- 27 +(y- 2- V27 =(2+2)

Loi gidi
Phuong trinh dudng tron ©) tam @b pan kinh R c6 dang:
(x-a)y +(yv- by :R:. Do (©) tiép xuc Ox,0y = R :tﬂ|:t|"?|.

+ Truong hop 1: Néu a =b



(C)i(x-a) +(y-a) =a’ pg (C) qua 4ED suy ra
a=2-+2

a=2+442 Vay cé 2 dudng tron:
(C):(x- 24427 +(p- 2+42)° =(2- V2
(C):(x-2-N2) +(y- 2- 2) =(2+42)°

+ Trudng hop 2: Néu @ =-b

(1- a)’ +(1- a)’ =a’ =

(C); (x-a) +(y+a) =a° pg (C) qua 4ED suy ra

“_ ﬂ}: +f_|+ﬂ}: :ﬂ: (Vé nghlém)

Cau 3: Viét phuong trinh duong tron (©) trong truong hop sau: (C) cé tam nam trén

dudng thang @:*- 07 10=0 5 ti&p xtc véi hai dudng thidng cé phuong

tAnh 93X +4y+3=0 5 d,:4x-3y-3=0
(.T' IU}: +_'|.': :4':;_" x- E +‘ -1.+E :‘ l‘ )
Tra loi: L 43 43) |43

Loi giai:
Goi tdm dudng tron 13 {(ta+10a)ed
Dbuong tron ti€p xuc véi d.dy nan khodng cach tir tam I dén hai dudng
thang nay bang nhau va bang ban kinh R, ta c6:

|3(6a+10)+4a+5| |4{6a+10)- 3a- 5|

d(1,d)=d(.d)=

L
N

=|22a+35|532la+35|= = 70

V6 @ =0 thi K(10:0) 3y R=7 gyy rg (C):(x=10)" +y" =49

_0 k[l )
- VGi 43t 43 43y 43 suy ra
f.‘t'f]':|.'r—E +‘_1-+E :|l|

43 43 143]

Vay cé hai duong tron théa man cé phuong trinh la:

(x- 10) +7 :49.;" ‘- % +" _1-+%: :" j_3



Cau 4: Tim ™ dé phuong trinh X4y 2m A 2)x+dmy +19m- 6 =0 | mét phuong trinh
dudng tron.
Tra 1oi: me(-ol) U(2;+m)
Loi giai
Phuong trinh da cho la phuong trinh duong tron khi va chi khi

(m+2Y +(-2m) - (19m-0)>0= 5m - 15m+10>0 = me(- =:1) U (2:+m).

Cau 5: Cho dudng tron (C):x +37 +2x-4y-4=0

Tim ™ dé& qua diém (2 chi c6 mot tiép tuyén véi (©).
Tra loi: m =2

Loi giai
Qua diém 4 chi cé mot tiép tuyén véi dudng tron (©) khi 4€©)

22+m +22-dm-4=0=m-4m+4=0= (m-2) =0 = m =2

hay <
Cau 6: Cho dudng tron (€):lx- 0 +(3-7)° =25 yjigt phuong trinh dudng thang ¢

ti€p xuc véi dudng tron (©) va song song véi duding thdng &:x+2y-3=0
Tra 1&i: @+ 20+545-20=0 o5 dix+2y-55-20=0

Loi giai
pudng tron (©) cé tam 167 pan kinh R =5,

- 2 Y A 7 - BT —_ - {:
Pudng thadng @ song song véi A nén cé dang: ** 2y +m =0lm #-5)

Mat khac, dudng thang 4 ti€p xuc vdi dudng tron (©) nen

|o+2T+m| _|20+m|

d(1,A) = =5 m=5J5-20

JE+22 5 hosc m =- 345 - 20.

dix+2y+55-20=0 o5 d:ix+2y-5{5-20=0

Vay

Cau 7: Trong mat phang toa dé 9%, cho hai diém 4(2:0) y3 B(6:4) vij&t phuong
trinh duong tron (©) ti€p xuc vaéi truc hoanh tai diém 4 va khodng cach tu
tdm cda duong tron (©) gén diém B bang 5.

Tra 1oi; (¥~ 2) (- 7) =49 hosc (¥~ 2)" +(y- 1)° =1
Loi giai

budng tron (©) ti€p xdc véi truc Ox tai 4 nén ta cé 1(2:0)
d(1,0x) 2b|=R



Mat khac, IB=5= |8 =25< (6-2Y +(4-b) =25= b=T hoac b =1,

_b=T=HZT).8=T phyong trinh dudng tron (©) 15; (+- 2y +(y-7) =49

_b=l= HZD.E=1 phygng trinh dudng tron (©) 1a; (x= 20 +(y- 11 =1
\ @y s d:x-y=0
Cho ducng tron 5 va cac duong thang “ 7477,
dyix=Ty=0 g phuong trinh dudng tron c) cé tdm 7 nam trén dudng
tron (©) va tiép xuc véi dydy
817 ( 4] _8
xX= — +| x- ; —'}—q
Tralei: ' 5 1 3 =2
Loi giai
2 2 4
(@b 1y ram duina tron (©) T og. LSS lam b =2
Goi 1(@:0) 13 tam duong tron . Ta co: 3,
. @) s d s d
buong tron tiép xuc vai hai duong thang “t va 2
-b| _|a-7b|
o d(1,d)=d(1,d) =R = bl _ = 5|a-b|da-Tb
. . 5 7o |a-b|= |
-1
< a=—1>~b
2 hoéc a =2b_
- - 12 : 3
a :T|h==~ Tlh— 2| +b 4o - +2a'-}+|—tI =0
_ 2 [ 2 | 5 4 5 (vb nghiém).
a=2b= (2b- 2) +b :iﬁ 5h* - S."1+I—'tI =0e=b :i
_ ' 5 5 5
.07
a :EF.:“.hllllj
Suy ra 3 3
¢ S-E ; 4-2 S
|.‘r—— +|.1—— =
5/ | 5 25

Vay dudng tron (C') cé phuong trinh la: *

: Trong mat phang toa d6 9%, vi tri cGa mét chat diém K tai thoi diém

(3+2cost ;4 +2sint )

10 =t =I80) ¢4 toa d6 Ia . Tim quy dao chuyén doéng cuta

chat diém K,

Tra 1oi: (-3 +(»- 4y =4

Loi giai



S (2 ﬂ ]
x =3+ 2cost o X 3 =2cost = (x-3)+(y- 4) =4

(. |y =4+2sint y= 4 =2sin¢
Ta co: ! -
Vay chat diém K chuyén dong theo quy dao dudng tron (¥ 3 +(y-4r =4 ¢
o

tam /39 va ban kinh R =2,
Cau 10: Lap phuong trinh duong tron (©) piet:
(©) c6 tam BULD vy cgr d:3x+4y+8=0 5; M.N tho3 man MN =8,
Tra loi: (- 17+ 0= 1) =25
Loi giai
Goi H 13 hinh chiéu cta B lén 93 *4r*+8=0 khi 46 khoang cach tir diém
. :|3 1+4 1+8| 3

B
B dén duong thang 4 la VI 4

H |a trung diém cta MN nén HM =4, Suy ra ban kinh duong tron (©) 1a:
R =vBH? + HM? =/3* + 4 =5.

Vay phuong trinh dudng tron (©) 1a; (- D+ (-1 =25
Cau 11: Lap phuong trinh duong tron ©) piet: ©) gi qua ba diém
M (2;0), N(- 2:0), P(L:- 1)
Tra loi: © + (-1 =3
Loi giai
Gia st tam cla dudng tron la diém 1(@:6)
Vi IM =IN =IP pan IM° =IN" =IP° guy ra

‘|f_2-ﬂ}:+f_|:|- bY =(-2-a) +(0- b)
I[-E-IJ}:+[U- by :(|-IJ}:+[- 1- by

|f3:+h3—4ﬂ+4 —a +b +4a+4 (8a =0 ‘a =0
— — —

a’+b +da+d=a’ +b’- 2a+2b+2 |Oa-2b+2 =0 h=l.

Ban kinh dudng tron la: & =4 =J(2- 0 +(0- 1y :Jg.

Phuong trinh dudng tron la: © * (y-1F =5

Cau 12: MOt vat chuyén dong tron déu chiu tdc déng cda luc hudng tam, quy dao
chuyén déng cla vat trong mat phang toa do 9% 13 dudng tron cé phuong



Cau 13:

trinh ¥ *>" =100 vt chuyén dong dén diém M&6) thi bi bay ra ngoai.
Trong nhiing gidy dau tién sau khi vat bay ra ngoai, vat chuyén déng trén
dudng thang la tiép tuyén clda dudng tron. Viét phuong trinh tiép tuyén do.

Tré I‘di: 4+ 3_1" 50 =0
Loi giai

Vecto phap tuyén cla tiép tuyén 1a; OM =(8:6)

Phuong trinh cda tiép tuyén [a; S(¥- 8)+0(y- 0) =0 = dx+3y- 50 =0

Hinh mé phdng mot tram thu phat séng wifi chuyén dung tam xa dat & vi tri

I c6toa dd 13 trong mat phang toa do Oxy (don vi trén cac truc 13 ki-16-
mét).

-----------------

4 . ;lrgmphatsong;

.............

NE&u ngudi dung dién thoai & toa dd (2:2) thi c6 thé st dung dich vu cGa tram
nay khong?
Tra 10i: c6 thé

Loi giai
Phuong trinh cdia dudng tron moé ta ranh gidi bén ngoai cdia vung phu séng
1y: (x- 1) +(y- 3y =4

Khodng céch tu tédm 1I13)  g&n diém c6 toa do (32 |a:

J2- 17 +(2- 37 =2

Vi V2 <2 nén diém c6 toa d6 (%2) nam trong duding tron mé ta ranh gidi bén
ngoai clia vung phu séng. Vay nguoi dung c6 thé sir dung dich vu cta tram.

Cau 14: Trong mat phdng toa d6 @ (don vi trén cac truc 1a mét), mét chat diém

chuyén dong déu ludn cach diém /(3:3) mat khodng béng 2. Mét chat diém
khac chuyén dong thang déu trén dudng thang, tai hai thoi di€m, chat diém

d6 & vi tri 4(-3:2) va BT Tai moi thai diém, khoang cach gitta hai chat
diém 16n hon bao nhiéu mét.

Tra loi: 1m



Loi giai

Quy dao chuyén ddng cla chat diém thr nhat la dudng tron (©) o6 phuong
) 2 2 _

trinh chinh tac: X- 37 +(y- 31" =4

vi 48 =0:3) |3 mét vecto chi phuong clia dudng thdng 4B nén phuong trinh

r+3 yp-2
= = x- y+5=0

dudng thang 4B la: 5 5

Goi H |a hinh chiéu vuéng géc cta 7 |én dudng thang 4B .
|3-3+5| _
!3+[_ I}:

IH =
Ta co:

(m)

5 @

i>2

Vi V2 tlc 1a IH > R nén dudng thdng 4B va dudng tron (©) khéng c6
di€m chung. Goi K |a giao di€m clha doan thang H va dudng tron. Ta cé:

HK =IH - IK =2 - 1>1(m),
J2
Xét M |a di€m bat ki trén duong tron, N [a diém bat ki trén dudng thang
AB
Ta c6: MN zIN - IM IM =K IN =zIH = MN =IH - IK =HK }Iml

Vay tai moi thoi diém, khoang cach gilra hai chat di€m I16n hon 1m,

Cau 15: Cho phuong trinh: © *27 - 2mx=4(m=-2)y+0-m=0 (1) Tjm m g& (1) I3
phuong trinh ctia mét duong tron c6 ban kinh bang \/E.
Tra loi: =0:m =3
Loi gidi
-2m -dm-2) _

a= =m.h=—" " _Ef_m— E} c=0-m
Dat -2 -2

piéu kién dé (1) & phuong trinh dudng tron: @ +b'-c>0

. . . m =2
= m +d(m=-2y-0+4m>0= 5m - 15m+10>0= I
m <



V6i diéu kién trén, ban kinh dudng tron 13 & =\Sm* - 15m+10 .

. m =0
B =10 = 5m - 15m+10=10=

Theo gia thiét: m=3

nhan).

Vay c6 hai gia tri " théa man 1y M =0:m =3

Cau 16: Cho A~ L0).B(2:4) 5 C&:D Bt ring tap hop cac diém M thoa man

3MA + MB® =2MC” |3 mdt duding tron (©) . Tim tinh ban kinh caa (©).

\107

rd N = R =
Tra loi: 2

Loi giai:
Goi M(X:) Ta c6: 3MA™ + MB* =2MC

= 343y +0x 43+ 1 - dx- 8420 =2 42y - 16x- 4y +34

=0(*)

s . ., s 11
= 2y 42y +Bx-dyp- 1l =0= x4+ +9x- 2p- —
- - - < g

1
2 Tach

a=-—hb=lc=- 11 - T 107

bat
phuong trinh cia moét dudng tron (térc duong tron (©)),

b | o

R =
Ban kinh cua (©) |a:

M ‘

Cau 17: Cho dudng tron (©) c6 phuong trinh X yT - 2042y-7=0 5 hai diém
AZ-2)B(-3-1) Goi M.N |3 cac diém thude (©) sao cho 4M:AN |an |ugt dat
gia tri I6n nhat va nhé nhat. Tinh AM + 4N
Tra loi: 6

Loi gidi

(C) c6 tam (=1 v ban kinh B =VI+1+7 =3

Ta c6 =J2- 17 +(-2+1) =2 <k nén 4 nam bén trong dudng tron.
IB =\(-3- 1) +(- 1+1)’ =4>R

nén B nam bén ngoai dudng tron.



Vi M thudc © va AM 16n nhat nén 4:5-M thang hang (I n&m gitra 4M )t
achd AM =R+14

N thudc (C), AN pé nhat nén >4:-Nthang hang (4 nam gitra £:V), ta 6
AN =R- [4

] N = - =7 =
Suy ra: AM + AN =(R +14)+(R- 14) =2R 0

Cau 18: Cho dudng tron (©) cé phuong trinh ¥4y 24 2y- 720 yy g diém
A(Z-2).5¢-3-1) im P thude (©) sao cho BP 16n nhat. Tim € thudc (©) sao
cho B2 bé nhat.

Tra loiz P01 va 02 )
Loi giai

(C) 6 tam (=1 v ban kinh R =VI+1+7 =3

Ta 6 A=NQ-D #2410 =V2<R an 4 nam pen trong dudng tron.

IB=\(-3-1)° +(- 1+1] =4>k nén B nam bén ngoai dudng tron.

P thubc (€) va BP 16n nhat nén B:1.F thang hang 4 nam gitra B.P) Do dé
P 13 mét giao diém cda dudng thadng 1B véi dudng tron (©),

Ta c6: B=040) nan IB c6 mot vecto phap tuyén =D phuong trinh
IB |3 y+1=0



y+1=0 ES [x=4 , {‘« =-2
) ) c’ - ‘::;
L |y e 2x42y-T=0  |x*-2x-8=0 |y=-1 |p=-1
Ta cbd hé - ' '

Ta cé I nadm gitta B-F nén % <% <% hay 2 <1<% pnan PA-D thea man.

Piém con lai chinh 13 € véi toa do 2(2-D.

Cau 19: Cho dudng tron (C)ix +37 =25

. Tim tham s6 ™ d€ dudng thang
Atx+2y-3m+l =

O tigp xtc dudng tron.

Loi giai
(C) c6 tam 900 pan kinh R =5,

) -
(C) = d(O,A) =R = [0+2.0-3m+1] _g =|-3m+1]=55
A tiép xuc VI+4
- —5.5
= 3m+] H.J: — jj;:lisﬁ - 1 545
- == 5445 3 A = 2 N 4A L
3m+1=-5V5 . Vay 3 thdéa man dé bai.

Cau 20: Cho dudng tron €)X *¥ =15 Tim tham s6 ™ dé€ dudng thing
A 3x- 4y +2m-5=

=0 ¢4t dudng tron tai hai diém phan biét 43 sao cho doan
AB bang 8.
Trd loi: ™ = Som =10
Loi giai
Goi H |a trung diém doan 4B, ta c6 HA=HB =4
Xét tam gidc OHA yuéng tai H cé:

OH :-.fOA: - AH’ :1;"5*— 4* =3

. 2m- 5
d(0.A) =3 . (:'(G.&)Z' A
Suy ra ’ = ma 2 Do vay:
Ym- 5 ==5
[2m- 5] =3=|2m-5|=15= .
5 m =10

Vay c6 hai gié tri théa man: 7 == 3m =10,

.2 N P 1 —
Cau 21: Cho ho dudng tron (C_,J,)..m + 3 +4dmx+2(m+1)) I—U.

Tim ban kinh bé nhat cGa duong tron (C"’).



9

Tra loi: V5

Loi giai:

5
Y “f-”H”:-[;.IHH'-.E':‘I

Dt

=-2m, b=

dim
-2 -

()

Ta c6: @ *h-c=dm +(m+ly +1>0.¥mER nap ludn 1a dudng tron vdi

moi soO thuc .

Ban kinh duong tron la:

R=va’+b - ¢ =J5m> +2m+2

9
Rmin :J: m=-—
Vay ban kinh nhé nhat cda dudn tron 5 khi d6 5.

(Cm):.r: +1" +dmx +2(m +1)y- 1 =0

Cau 22: Cho ho dudng tron
(,)

Tim m dé di qua diém 4L0),
Tra loi: m =0
Loi giai:
€, 4 qua didm A00) pan L+0°+4m 1+2(m+1) 0- 1=0= m =0
vay M =0 thda man dé bai.

':C”, )ixt +y  +dmx +2(m +1)y- 1 =0

Cau 23: Cho ho dudng tron

Biét rang khi 7 thay daéi thi «,) lubn qua hai diém c6 dinh. Tim toa do hai
diém do.

l .
5

(1:-2),| -

| b

Tra loi:

Loi gidi:

2o Xt Vo) s e A . C N . . .
Gia su Cros ) la diém c6 dinh ma ) lubn di qua vaGi moi ",
Ta 6 x4y, +4mx, +2(m+1)y, - 1 =0, Y/meR

= dmx, +2my, +x, +y, +2y, - 1=0,VmeR
o (@x, +2y Jm+x +17 +2y - 1=0,¥meR
) .
4.".'.-| + 2_1'“ =0 Yo = &%,

- ] ] = 5 2
X+ +2p,-1=0 x. +(-2x ¥ +2(-2x )-1=0



(-2),] - :

(c,)

| ba

Vay véi moi s6 thuc ™ thi lubn di qua hai diém
Cau 24: Viét phuong trinh tiép tuyén A cla duong tron (C)ix®+)7 - dx+dy-1=0
biét A vudng gbc v3i dudng thang A" 2x+3y+4 =0
Tra 1oz A3 2p-10 +3J13 =0
Loi giai
pudng tron (©) ¢4 tam 1(%-2) pan kinh R =3,
Vi A LA nén phuong trinh A cé dang: ¥~ 2y +¢ =0,

Pudng thang A tiép xdc dudng tron () khi va chi khi 4(-4) =3
13.2- 2(-2) +¢| _

JO+4

=

3eo|c+10[=313 & ¢ =- 10 3413,

Vay cé hai tiép tuyén théa man 13 4:3x- 2y- 10 =313 =0,

Cau 25: M6t céi cdng hinh ban nguyét rong 347, cao %2™ nhu hinh vé. Mat dudng
dudi c6ng dugc chia lam hai lan cho xe ra vao. Mét chiéc xe tai rong 2,2m cq

o 2:6m di dung lan dudng quy dinh cé thé di qua c6ng ma khéng lam hu
hdng c6ng hay khong?

Tra loi: khdéng gay hu héng

Loi gidi

DPat hé truc 9 nhu hinh vé véi géc O 1a tdm cla ban nguyét.



Khi dé cai cng dugc cho bdi nlra dudng tron tam O, ban kinh R =4.2m,
S +y° =4,2°

phuong trinh ntra duding tron 1a; =0

Xe tai phai di ¢ lan duong bén phai (tng véi mot phan tu duong tron bén
phai). Xe tdi muén di qua khéng vudng gi thi duong chéo mat cat ngang cla
xe tai (gid st la hinh ch{r nhat) nhd hon ban kinh céng ban nguyét.

C 4 2 \ i I
Pbudong chéo can tim la: ¥= = +1,0 ==:3._4m-:;e.

Vay chiéc xe tai nhu trén cé thé qua céng ma khéng gay hu héng gi.
Cau 26: Tim ™ dé& phuong trinh 4y - 2(m+l)x- 2(m+2)y+0m+7 =0
la phuong trinh mot dudng tron.
Tra 10i: m<-1" m >l
Loi gidi
P&t @ =m+1.b=m+2,c :(:un+?.

Phuong trinh d& cho 1a phuong trinh duding tron khi va chi khi @ +b°-c¢>0

. . . m=-=1
= (m+l)y +(m+2)y -om-T=0=2m-2>0«= !
m>

vay m<-1"m>1 théa man dé bai.
Cau 27: Cho hai diém %2 y3y B(Z-3) Tap hgp diém M) théa man

MA* + MB* =31 |3 mot duding tron. Tim ban kinh dudng tron dé.

2 R -5
Tra loi: 2



Loi giai
Ta 6: MA® + MB® =31 (x+4) +(y- 2) +(x- 2) +(y+3) =31

= 20 +2y  +4x+2y+2=0= ¥+ +2x+p+1 =0 (¥

R=1

Y
la phuong trinh cia mot dudng tron c6 tam I 2), ban kinh 2,

*)
Cau 28: Cho hai diém 430 ya B(0:6) vigt phuong trinh dudng tron ngoai tiép tam
giadc O4B
Tra loi: (1- 47+ (- 3)7 =25
Loi giai

) la dudng tron ngoai tiép tam gidc 948 | Ta c6é tam giadc 948 vubng
tai O nén tdm 7 clha dudng tron @) 1(4;3);

R =14 =,[(8- 47 +(0- 3) =

Goi

la trung diém canh 4B suy ra

ban kinh dudng tron la
(Cl) 13 (x- 47 +(y-3) =25

Vay phuong trinh dudng
tron

Cau 29: Cho hai diém 43:0) vy B(0:0) vigt phuong trinh dudng tron noi ti€p tam

gidc 045
- ']‘ - "]‘
Loi giai
Goi ) 13 dudng tron ndi tiép tam gidc OA4B

Ta cé 0A =8:08 =6; AB =+/8 +6° =10

1 OA -OB
OAB:S,,, =—0A OB =pr=r=—————=)

Dién tich tam giac 2 OA+OB + 4B

()

Dé thay duong tron "~ 27 cé tdm thudc gbéc phan tu th& nhat va tiép xic véi
hai truc toa d0 nén tam clda né cé toa do la J(2:2)

Vay phuong trinh (C.):(x- 2 + (- 2 =4

Cau 30: Trong mat phdng vai hé toa d6 Y%, cho dudng thang 2~ ¥ =0 pudng
tron (© ¢6 béan kinh R =V10 ¢t A tai hai diém 48 sao cho 4B =42, Cac

4,B At nhau tai mot diém thudc tia &Y. Hay

tiép tuyén cda (© tai hai diém
viét phuong trinh cla duding tron (©).

Tra loi: (¥- 3 +(-3) =10



Cau 31: Cho duong tron

Goi ! 1a tdm cda dudng tron (©); goi M 1a giao diém cla cac tiép tuyén tai

AB
AB, AH = =2

ctia (COLH =IMNAB gy ra H 13 trung diém cia : "
M thuoc tia @ nén M(0:0.1 =0

>

A,B

| | | I 1 |
_ = 4+ _+ .
Ta c6: AH®  AM® A Ty (o)

Vay MH = MA* - AH’ =42

|0-¢] =42 = ¢ =8 = M(0:8)

= AM =210

MH =d(M,A) =
Ta cé: I+1

Phuong trinh dudng thdng M qua M, vudng géc véi A |3 Mx+y-8=0
(x- y =0 (x =4

' = = H(4:4)
x+y-8=0 [y=4

Toa d6 H la nghiém cua hé: Ta c6

H =14 - AH* =2

5 il nmd
IH 2 :'—=~ IH _le=~ 1(5:3)
Suy ra: MH 42 4

Vay phuong trinh dudng tron (©) 1a; (+- 5) +(y-3) =10

(C):a 4y - 2x+dy-4=0 4 tam I va dudng thang

A :ﬁr+m_1'+|— ‘J: =0 .

Tim ™ d& dudng thang A ct dudng tron (©) tai hai diém phan biét 48 gé
dién tich tam giadc /4B la |6n nhat

Tra loi: m=-4

Loi giai



pudng tron (©) c¢6 tam 1&-2) | pan kinh R =3,

|~,-';:— 2m+1- \E|
= - <3 -
A cat (©) tai hai diém pha N2+nr =|1- 2m|<3y2+m’

< 4m’ - dm+1 <%9m’ +18
= Sm” +4m+17>0 (d4ng véi moi ™ ).

VAay v6i moi s6 thuc 7 thi A cat dudng tron (©) tai hai diém phan biét.

1 : 1 9
8,5 =—14 B sIn g ="sintip <= ]
Tacé: 12 2 2 (i sin 478 <1 ).
9
(5,'.:. ) =_ . .
Suy ra: = 2" khi dé sin 4B =1 Ui =90

. . 3
A= M1 =45 = 10 =14 cos45° =——
Goi H 13 hinh chiéu caa / 1&n V2

[1-2m| 3 .
d{I,A)=IH < = = m +8m+lo=0= m=-4
Ta c6: NETENE :
Vay véi M =-4 théda man yéu cau bai toan.

Cau 32: Lap phuong trinh ti€p tuyén chung cua hai duong tron sau:
(C,):r: +y -4yp-5=0 va (C:):.‘l.': +37 - 6x+8y+16 =0

Tra loi: 2¥*+7- 2 +33/5 =0:y +1 =0:4x- 3y- 9 =0.
Loi giai

Pudng tron @) c6 tam 11%2) pan kinh & =3,

Pudng tron @) c6 tam 2374 pan kinh & =3
Goi ti€p tuyén chung cla hai dudng tron cé phuong trinh 4:ax by +c =0 4
a’ +b" #0
o ©= 1l

A |3 ti€p tuyén chung cua G yva 2=

, ,

|2b+c|=3a> +b (¥) a=2b
o= =|2b+c|33a- 4b+c|= -3a+2b

|3a- 4b+c|=3Ja* +b° =0

*

Truong hgp 1: @ =2b: chon @ =2= b =1, thay vao ) ta dugc: € =2 35, suy

ra phuong trinh hai tiép tuyén la; ¥+ -2 £3\5 =0,



-3a+2b

,: —_—
Trudng hop 2: 2 ; thay vao ™) ta duoc:

- ¥
Eh+¥‘ —3\a® + b =|2b- a|=2Ja’ +b°

) ) ) ) ) :[:I

o 4b - dab+a’ =4a’ +45° = 3a” +dab =0 a(3a+4b) =0 |- .
3a =-4b

- VAGi Clzo;chon h=1= C':l_

Phuong trinh 4y +1 =0

- VGi 3a :'4b; chon @ =4=b=-3=2c=9
Phuong trinh: Ardx-3y-9=0 .
Vay cé bon tiép tuyén chung cda hai dudng tron cé phuong trinh la:

x4 y-2 235 =0:y +1 =0:4x- 3y- 9 =0.
Cau 33: Cho duding tron (€):x +17 +0x- 4y +4 =0 5 gigm M(-2:3)

Viét phuong trinh dudng thang di qua M va cat dudng tron tai 2 diém

AB :E

4,B sao cho J§_

Tra loi: AB:2x+y+1=0 hosc B x+2y-4=0
Loi gidi
(C) X +17 +0x- 4y +4=0

(C) c6 tam 1(-32) pan kinh R =3,

AB= A =27 =2
Goi H la trung diém 2 5 :
S S 3
IH =JI4* - AH® =—
AIAH yubng tai H, ta co: V5

Phuong trinh dudng thang 4B di qua M(-2:3) ¢4 vecto phdp tuyén

uuy

gy =(@b) g dang: alx+2)+b(y-3) =0 ax+by+2a-3y =0

Ta co:
- 2 P =
IH :a’[f._AB]ﬁ%:' 3”}“’j+;‘f Bl & 9(ar +67) =5(a? +2ab+ 1)
2 a +h°
a =2b

= 2a’ - Sab+2b" =0 = 1 .
a=—h
¥

i



b =2 a =4
=L =

Chon a =1
Véi @ =40 =2 AB:2x+y +1 :[:].

Vi a=1:b=2 thi .43"."‘21' 4 =0

C)lix +y - 2x-0y+06=0 M(2;4)

Cau 34: Cho duding tron va diém
Viét phuong trinh dudng thang di qua M va cat dudng tron tai 2 diém

4,B a0 cho M 1a trung diém doan 4B

Tra loi: *+»- 070
Loi giai
(C). x*+)°-2x-0y+6=0 1(1;3), bdn kinh R =2

Ta cob c6é tam

IM =\J(2- 17 +(4- 3) =2<2=R

Vay M nam trong dudng tron (©),
Vi M |a trung di€ém doan 4B nén

AB 1L IM

Vi 4B LIM = \ectd phap tuyén cta 4B 1y "= =M =(L1)

Vay phuong trinh duding thang 4B |a; 13- 2)+l(y-4)=0= x+y-0=0.

Cau 35: Xét sy tuong giao gilta duding tron (€)1 =751 =0 5 queng thang
Atx-y-3=0 1im toa dé giao diém néu cé.
Tra loi: AL-2) 3 A(6:3)
Loi giai

(C):x"+y - Tx- =0

;{1-
(C) c6 tam ' 2

Ta c6 9L:A]=0

R=—
], ban kinh \/5.

M| =

Vay A di qua tam cla (©) va cat (O tai 2 giém phan biét.

Toa dd giao diém A cia di qua tam cda (©) 13 nghiém cda hé:
(x- y-3=0 (1)

I.‘l.': +1° - Tx-yp=0 (2)

To (D= y=x-3 thay vao ) ta duoc:



x=l= y=-2

X+ (x-3)-Tx- (x-3) =0 2x"- 14x+12=0= R
x=0= y =3

vay A cat (O tai hai diém A1:-2) 3 4(6:3)
Cau 36: Cho dudng tron (€)% +)7 - 4x- 4y +4 =0 g5y M(46) vjigt phuong trinh
tiép tuyén cua (©) di qua M*0),
Tra 1oi: (A ):x- 4 =0:(A,):3x+4p+12 =0
Loi giai
(C) c6 tAm I(2:2),R =2
Goi A 1a dudng thang di qua M (%06),
A ¢6 dang Ax+ By-44- 68 =0

A 13 tiép tuyén caa (€)= dll.A] =K

3 TR - -
= |“’4+\;3ﬂ 44608l ) )24 +48|=NL + 5
A+ 5B

= 44 +108° +1048 =44 +4B = 124" +1648 =0 = 4B(38+44) =0

B =0
] ;
g4
3
B =0
A=3= _4
Chon B =

vay =3,B=0= (A ):x-4=0:4=3,8B=4= (A,):3x+4y+12 =0

Cau 37: Cho dtron (€):x +y -dx- 4y +4 =0 gigy M(46) vigt phuong trinh dudng
thang A diqua M c&t (O tai 2 diém 4B sao cho 4B =2,
Tra 1oi: & (W51 8)x+3+26- 451 =0; A, :(JJ5148)x- y-26- 451 =0,

Loi giai

‘ d[I, AB] 23 =3
Khi 48 =2 thi AIAB déu do dé 2 :

Pudng thang di qua M cé dang: @ Ax+ 8y - 44- 05=0
Ta o6 LI AB1=d[1,d] =3 =|24+4B|=y3 N A’ +B* = 4*+164B+138" =0

A:—S+J5_I

Chon B =l ta duoc |4 =8" JS_I



A=-8+SLB=1= A :(\f51- 8)x+y +206- 44f51 =0.
A=-8-51,B=1= A, :(\51 +8)x- y- 26- 451 =0,

Cau 38: Cho phuong trinh * *2° = 2mx+dmy +6m-1=0 (1) ;i gi4 tri ndo caa ™ thi
(1) la phuong trinh duong tron?

m<—
S

Tra loi: 7]

Loi giai
(1) c6 dang x*+y” = 2ax- 2by+c =0 V@i @ =m,b =-2m,c =0m- I.
Vay dé (1) la phuang trinh dudng tron thi

1
2 2 2 2 2 m=—
a +h -c=0=m +dm -tm+l=0=5m - om+l=0= 5

m =1

m<—
5

vay ™1 thi O trg thanh phuong trinh dudng tron.
Cau 39: Trong mat phang toa dd Oxy  vigt phuong trinh dudng tron qua A2:-D vy
tiép xtc vai 20

Tra loi: (- D+ =1y

(x- 5F +(y+5) =25

Loi giai
Goi dudng tron can tim 13 (LR ygi 1(@:0) 13 tam dudng tron.
puding tron (3 8) tigp xtc véi cac truc 94OV nén

a=h=R

d(1;0x) =d(I;0y) =R = |a|3b|=R = :
a=-hb=R

N&u @ =b thi phuong trinh dudng tron cé dang (¥~ @) +(y-a)” =a’

Ma diém A" DE(LR) pap (2- @ +(-1- @) =’ = &~ 2a+5=0 4 nghiem.
Vay trudng hop nay khdéng cé gid tri thod man.

N&u @ =-b thi phuong trinh dudng tron cé dang - a) +(y+a) =a’

M3 digm A2 DE(LR) nap (2- @) +(- 1+a) =a’

. a =1
=g -ba+5=0=
a =35



Vay phuong trinh dudng tron can tim 13 (oD =l

(x- 57 +(y+5) =25

Cau 40: Trong mat phang toa dé Oxy  yigt phuong trinh dudng tron di qua hai diém
4B 3 c6tam I nam trén dudng thang A, vai Al0:4).B(2:0),Atx- 2y +5=0

r 3 2 r 3 2 g
f(_"}‘\l_z +‘_1-_u‘ :£
Tra loi: | % 39
Loi giai

Ta c6: 4B =(2:2)
Pudng trung truc ¢ cta doan 4B di qua M(L5) va cé vecto phap tuyén
- 000
H :l—AE =(1:1)

2 la
d:x+y-6=0.

- Tam I 13 giao diém cla 9 va A nén toa dd / 14 nghiém cla hé phuong

trinh sau:
7
x+y-0=0 3 (7 11
- ::-f‘__j_‘
x=2y+5=0 1I_II 13 3]
3
' 2 y 2 z f4
R =I4 :J‘D—E‘ +‘—]-—H| :”J:
- Ban kinh: 3 L3 3
i y 2 { g
f_t.’_"]l:‘.'lr-3 +‘_1-u :£
3) | 9

Vay phuong trinh dudng tron la
Cau 41: Trong mat phang toa do %, viét phuong trinh ti€p tuyén cla dudng tron
(C):(x- 1) +(y+3)7 =4 tai diém M(3;-5)

Tra loi: d:x-3=0.
Loi giai

pudng tron (©) ¢ tam (-5 ban kinh & =2-IM =\(3- 1y +(-5+5F =2 =R Do

d6 diém MG:i-5) thudc dudng tron (O,
Tiép tuyén cta (©) tai M(3:-5) ¢6 vécto phap tuyén 1a M =(Z0),
Vay phuong trinh ti€p tuyén cda dudng tron (©) tai ¥Gi-5) 13

d:2x-3)+Myp+5)=0= d:x-3=0.



Cau 42: Trong mat phng toa dé 9%, cho dudng tron (C)i + 7 420- 0 +5=0 yjigp
phuong trinh ti€p tuyén cla () song song véi duong thang

A:x+2y-15=0

d:ix+2y=0
Tra 10i: d:x+2y-10=0
Loi gidi
©) 6 tam 7 L3) va ban kinh & =f1+9-5=5.d:x+2y-m =0

d 13 tiép tuyén cta (©)

|-1+6-m|
< d(I[,d)=R® ———=
l+4
==5 [m =0= d:x+2y=0
—

m=10=d:x+2y-10=0

J5 =|m-5|=5

Cau 43: Trong mat phang toa dd %Y, cho dudng tron () ¢ phuong trinh

x 4y - 0x+2y+0 =0

tu 4.

va diém 403 viat phuong trinh ti€p tuyén cua (©) ke

Tra 16i: X =1 vy 3x+4y-15=0

Loi gidi
pudng tron (©) ¢6 tam 13- pan kinh R =¥3"+1- 6 =2
Phuaong trinh dudng thang A di qua 4 c6 dang:
alx=-1)+b{y-3)=0 Vi (a* +b" #0)hay ax+by - a- 3b =0

Pudng thang A 1a ti€ép tuyén cla dudng tron

L ) o . b =0
¢|3a b- a 3h|="'='lr_ﬂ‘3""]'_ —a’ +H = 3 - d4ab =0 =

= d(I:A) =R — 2
Ja' +b° 3b =4a

+ Néu =0, chon @ =l suy ra phuong trinh tiép tuyén la x =1,

+ Néu 3b=4a, chon ¢=3P=% suy ra phuong trinh tiép tuyén I3
3x+4y-15=0

Vay qua 4 ké dugc hai ti€p tuyén véi (©) cé phuong trinh 13 * =1 va
3 +dy- 15 =0

Cau 44: Trong méat phang toa d6 %, cho dudng thang 24 +3r+m=0 5 qusng

tron (€)1 37 -9=0 1im m g& A va (O) tiép xtc véi nhau.

Tra loi: m =45



Loi giai
pudng tron (©) ¢ tam 109 va pan kinh R =3,
|

| m
d(;A) =—
Khoang cach tir tam £(9:0) gén gudng thang A 13 5,

! (C)e= d(;A)=3= MZ?am'|.u1:|=15m.'HZ-'_-IS

A tiép xuc 3

Cau 45: Hinh vé bén dudi mé phdng moét tram thu phat séng dién thoai di dong dat
gvitri I cétoadd (-2 trong mat phang toa do6 (don vi trén hai truc 1a ki-16-
mét). Tinh theo dudng chim bay, xac dinh khoang cach ngan nhat dé mot
ngudi & vi tri cé toa do -34) g chuyén dugc téi vung phu séng theo don vi
ki-16-mét (lam tron két qua dén hang phan tréam). Biét rang tram thu phat
séng dé dugc thiét ké véi ban kinh phd séng 3km,

Tram
phat song

|
o |-
S
\
[P
®Y

Tra loi: %16

A




Pudng tron mau dé mo ta ranh gidi bén ngoai cia vung phud séng cé tam
1(-2D v3 pan kinh phu séng 3%m nén phuong trinh duong tron dé la:
(x+2) +(p-1Y =9

Gia s vij tri ding cta ngudi dé 1a B(-3:4)

Goi 4 (nhu trén hinh vé) la giao di€ém th& nhat cia dudng tron tam [ va
BI

= Khoang cach ngén nhat d&€ ngudi dé di chuyén dugc tir vi tri B34 t6i
vung phu séng la B4

Ta c6: B =J(-3+2)7 +(4- 1f =fi0 AB =IB- IA=410-3=0,16

, suy ra

Tai liéu dugc chia sé bo1 Website VnTeach.Com

https://www.vnteach.com
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