7\ (—

3
) Tailieumontoan.com (
(fﬁ‘ oo ﬁ:«)
@ Tai liéu swu tim e

B

35 PE THI TOAN
VAO LOP 10 THPT



Website: tailieumontoan.com

MUC LUC
PHAN DANG TOAN THEO CHU DE ..o ss e 3
CHU PE 1. RUT GON BIEU THUC PAI SO VA CAC BAI TOAN LIEN QUAN................. 3
CHU PE 2. GIAI BAI TOAN BANG CACH LAP PHUONG TRINH HOAC HE
PHUONG TRINH ...ttt eeee e et e et eeeesseseeeaesesesseseeseseesessesssesseseesaseaseesessasessesessesesenees 3
CHU DE 3. HE PHUONG TRINH BAC NHAT HAI AN - PHUONG TRINH BAC HAI —
DUONG THANG VA PARABOL ...ooovveeeeeeeee oo eeeee s sse e s eesssssess e ss s s s 3
VAN DE 1. HE PHUONG TRINH BAC NHAT HAT AN ..., 3
VAN DE 2. PHUONG TRINH BAC HAT ..o eeeeesee s 4
VAN DE 3. DUONG THANG VA PARABOL ..o s s 4
CHU DE 4. CAC BAT TOAN HINH HOC ..o eeesesese e ssee e seeesseeeeees 4
CHU PE 5. PHUONG TRINH VO TY. BAT DANG THUC. CUC TRI CUA BIEU THUC
DIAT SO et e e e e e s e ee e e e e e ereeeeen 5
PHAN A. CACDE TU LUYEN ..o e e e s e s s se e s eeeess e ss e 6
DB SO T e e e s e e s e ee e e e ee e eeeeeeen 6
DB SO 2ottt et e e e e s e e e e ee e ereeeeen 7
DB SO Bt s s et e e s ee e e e ee e e eeeeeenn 8
DIE SO ettt et e e e s e e e e e e e ereeeeen 9
DB S0 5o e e e e e e s e e s e e e e e e eeeeer e 10
DB SO Bttt e e e et ee e e e e e e 11
DB SO 7 ettt et e e e s et e e e e ee e 12
DB SO 8ot e e e s e s e s e e e s e e e e e e er e 13
DB SO Dottt ee e e e e et ee e e e ee e er e 14
DB SO L0 e e e e e e e s e e e e ee e 15
DIE SO T et e e e e e e s e e ee e e e eeer e 16
D SO 12 e e e e e e s e e e e e e e e es e 17
DIE SO 13 et e et e et e e e e e et ee e e e e e ee e ee e 18
DB SO 1o e e e s e e e e e e e e eeeer e 19
DB SO 15ttt e e e et e e e e et ee e e e e e ee e ee e 20
DI SO L6 e e e e e s e s e e e e e e e e e eeeer e 21
DB SO 17 ettt et e e e e e e e e e e e e s 22
DB SO T8 e e e e e e e e e e e e e e e e e s eer e 23
DB SO 19 e e e e e e s e e e e e s e e e se e 24
DIE SO 20 et e e et e et e e e ee e e e e e ee e er e 25
DI SO 21 e e s e s e e e e e e e e e e e eer e 26
DB SO 22 ettt e et e e et e e e e ee e 27
DB S0 23 et e e e s e s e e e e e e e e e e eeeer e 28
DB SO 24t e et e e et e e e ee e ee e 29
DB S0 25 et e e e s e s e e e e e e e e e e eee e 30
DIE SO 26t e et e e e s et e e ee e ee e 31
DB S0 27 et e e e e s e e e e e e s e ee e 32

Lién hé tai liéu word toan zalo: 039.373.2038

1



Website: tailieumontoan.com

DIE SO 28 ettt e et e e e e e e e e e e ee e ee e 33
DB S0 29 et e e e e e e e e e e e e e e e e 35
DB SO B0 et e e e ee e e et ee e e e e eeer e 36
PHAN B. GIOI THIEU MOT SO DE THI VAO LOP 10 THPT oo 37
PE SO 31- Dé thi vao 16p 10 THPT, Thanh phd Ha Noi-Nam hoc 2016- 2017............n...... 37
PE SO 32 - Pé thi vao 16p 10 THPT, Thanh phd Ha Nbi - Nam hoc 2015 - 2016................. 37
PE SO 33 - Thi vao 16p 10 THPT, Thanh phd Ha NoiNam hoc 2014 —2015.............ccooee... 39
PE SO 34 - Dé thi vao 16p 10 THPT, Thanh phd Ha Noi - Nam hoc 2013 — 2014................ 40
PE SO 35 - Dé thi vao 10 THPT, thanh phd Ha Noi - N3m hoc 2012 = 2013...........oocennee. 41
PHAN C. GOTY = DAP AN oo e e se s s e s ss e s e se s eseeeees 42
DIE SO T et e e e e et ee e e e e ee e ee e 42
DB S0 2o e e e s e s e e e e e e e e eer e 44
DE SO 3 oot es s 46
DIE SO et e e et e e et e e e e e ee e er e 48
DB 0] 5ot e e e s e s e e s e e e e e e e ereen e 50
DB SO 6ottt e et e e e e et ee e e e ee e es e 52
DB S0 7 e e e e e e e e e e s e s e e 54
DIE SO 8.ttt et e et e e e e e e e e e e ee e ee e 56
DB SO 9ot e e e s e e s e e e e e e e e e er e 59
DIE SO L0 e e e e e e e e e e ee e e e ee e ee e 61
DB SO T e e e s e e e s e e e ee e e e e ee e 63
DIE SO 12t e e e e e s et et ee e e e eeeee e 64
DI SO 13 e e s e e s e e e e e e e er e 65
DIE SO T4 et e et e e e e e et e e e e e e 67
DB SO 15ttt e et e e e e et ee e e e eeeee e 68
DI SO L6 e e e e e s e e e ee e e e e e e e 69
DB SO 17 ettt e e et ee e e e e ee e 71
DB SO T8 et s e s e e e e e e e e e e e e 73
DIE SO 19 ettt e e e e e et ee e e eeees e 75
DI SO 20 e e e e s e e e e e e e e e e e 77
DIE SO 21 ettt e et e e e e e e e e eeee e 78
DB S0 22 e e e s e s e e e e e e e e e e eer e 79
DIE SO 23 ettt et e e et et ee e e e e e eeeee e 81
DB SO 24 e e s e e e e e e e e e e e eer e 82
DB SO 25 ettt et e e e e e e e et ee e e e ee e ee e 83
DI SO 26 e e e e e s e e e e e e e e e e en e 85
DB S0 27 et et e e s e e e e e e e e e s 86
DIE SO 28 ettt et e et e e e e et e e e e e e e er e 88
D S0 29t e e e e s e e e e e e ee e en e 90
DB SO B0 et e e e e e e e et ee e e e ee e er e 92
DB SO BT e e e et e e e s e s e e e e e e e s e e 94
DB SO 32ttt et e e e et ee e e ee e er e 99
DB SO B3 oot s e s e s 103

Lién hé tai liéu word toan zalo: 039.373.2038

2



Website: tailieumontoan.com

£2) Sl=10 X N 107
D S0 35 e, 110

PHAN DANG TOAN THEO CHU DE

Phan nay gitp gido vién va hoc sinh tién tra cttu cac dang toan theo tiing chu dé xuat
hién trong sach. Cung vdi cung cap 35 dé on luyén thi vao 16p 10 mon Toan, viéc phan dang
nay gitip gido vién va hoc sinh ¢6 2 lra chon dé sit dung sach mot cach hiéu qua: On luyén
theo timg cht @& hodc On luyén theo ting dang toan.

CHU PE 1. RUT GON BIEU THUC PAI SO VA CAC BAI TOAN LIEN QUAN

STT Céc dang toan bé so

1 Rat gon va tinh gia tri ctia biéu thiee khi biét 1; 3; 4; 8; 10; 14; 15; 17; 19; 22; 23;

gia tri cua bién 24; 25; 27; 28; 30; 31; 32; 33; 34;
35.

2 | Rat gon va tinh gid tri ctia bién khi biét gia tri | 7;9; 11; 13; 14; 15; 17; 18; 21; 29;
cua biéu thirc 33

3 | Rat gon va so sanh gia tri ctia bi€u thirc véi 2;3;4;5;6;13; 14; 16; 18; 20; 22;
mot s6 hoac vdi mot biéu thire khac 26; 29; 31; 34.

4 | Rut gon va tim cac gia tri bién (nguyén hodc | 1; 2; 6; 10; 23; 25; 26; 31; 35
thuc) d€ bi€u thic 6 gid tri nguyén

5 | Rat gon va tim gia tri 16n nhat hodc gia tri 5;11;17;19; 27; 32
nho nhat

6 | Rat gon va tim gid tri cia tham s6 d€ phuwong | 8; 9; 12; 16; 20; 28; 30
trinh hodc bat phwong trinh c6 nghiém

CHU DE 2. GIAI BAI TOAN BANG CACH LAP PHUONG TRINH HOAC HE
PHUONG TRINH

TT Céc dang toan bé so
1 | Cacbai toan vé chuyén dong 2;8;13;14; 18; 27; 29; 32; 34
Cac bai toan vé cong viéc lam chung lam 9;12; 16; 22; 35
riéng
3 | Cacbai toan vé nang suat 1; 23; 24; 8; 33
4 | Cacbai toan vé ty 1€ phan tram 5;11; 15; 25
5 | Cacbai toan c6 ndi dung hinh hoc 4; 6;19; 20; 21; 26; 31
6 | Cacbai toan vé cau tao s6 hodc quan hé 3;7;10;17; 27; 30
gitra cac s

CHU DE 3. HE PHUONG TRINH BAC NHAT HAI AN - PHUONG TRINH BAC HAI -
PUONG THANG VA PARABOL

VAN DE 1. HE PHUONG TRINH BAC NHAT HAI AN
| TT | Cac dang toan bé s6
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1 Giai hé phuwong trinh v6i cac hé s6 la héng sO | 1;2;4;5;8;12;13; 14; 22; 23; 26;
31; 32; 33; 34; 35
2 Tim diéu kién ctia tham s& d€ hé phuong 5;10;11; 16
trinh ¢6 nghiém thoa man diéu kién cho
treede lién quan dén phwong trinh bac nhat
hodc bdt phuong trinh
3 | Tim diéu kién cua tham s0 d€ hé phuong 9;18
trinh c6 nghiém nguyén
4 Cac bai toan khac 19; 25

VAN PE 2. PHUONG TRINH BAC HAI

TT Céc dang toan bé s6

1 Giai phuong trinh bac hai hodac phuong 3;6;11;17;18; 27; 28; 29; 30
trinh quy vé bac hai

2 Giai va bién luan phueong trinh bac hai 7;8;17;25; 32

3 Tim diéu kién ctia tham s6 d€ phuong trinh | 2; 4; 5; 9; 11; 20; 23; 24; 25; 32; 35
bac hai ¢ nghiém thoa man diéu kién cho
trudc

4 Bai toan lién quan dén dau cac nghiém caa | 2; 10; 28; 29
phuong trinh bac hai

5 Cac bai toan khac 1;8;11; 26

VAN PE 3. PUONG THANG VA PARABOL

TT Céc dang toan bé so

1 Tim toa d¢ giao diém cua duong théng va | 6;16; 21; 22; 26; 27; 30; 33; 34
parabol. V& duong thang va parabol trén
cung mot hé truc toa do

2 Bai toan lién quan dén tinh chu vi hodc 20; 21; 24; 26; 33
tinh dién tich tam giac

3 biéu kién vé giao diém ctia duwong théng 13; 15; 17; 24; 27; 31
va parabol

4 Tim diéu kién ctia tham s6 d€ duong 3;6;7;12;13; 14; 15; 17; 19; 20; 22;
thang cét parabol tai hai diém thoa man 26; 27; 31; 34
diéu kién cho truée

5 | Tim diéu kién ctia tham s6 d€ khoang 12; 20

cach tir mot diém cho trude dén duong
thang 1a 16n nhat hodc nho nhat

CHU PE 4. CAC BAI TOAN HINH HOC

TT

Cac dang toan

Dé so

1

Ching minh t& giac ndi tiép

1;3;4,5,6;7;8;,9,10; 11; 12; 13; 14;

Lién hé tai liéu word toan zalo: 039.373.2038

4




Website: tailieumontoan.com

15;17; 18; 19; 20; 21; 22; 23; 24; 25;
26; 27; 28; 29; 30; 31; 32; 33; 34; 35

2 Chttng minh déng thirc cho trudce 1;3;5;6;8;9;11; 12; 13; 14; 15; 16;
17; 19; 21; 22; 23; 24; 25; 26, 27; 28;
29; 30; 31; 32
3 | Chiing minh tam gidc dong dang 17; 18; 25
4 Chttng minh céc goc béng nhau 2;3;4;6;9; 15; 20; 29; 35
5 Chttng minh hai duong théng hoac 1; 15; 20; 24; 30; 31; 33; 34
vudng goc hodc song song
6 Nhén dang hinh 1; 2;19; 23; 26; 27; 31; 33; 35
7 Chting minh ba diém théng hang hoac ba | 12; 13; 18; 20; 25; 28; 32
duong thang dong quy
8 Tim di€ém c6 dinh duong luon di qua 8;9;10; 11; 18; 20; 32; 34; 35
9 Tim tap hop diém 4;11;16;19;20;22;26
10 Bai toan veé gia tri 1on nhat hodc gia tri |2;3;5;7;10; 12; 21; 24, 25; 27;
nho nhat 28:;29:30; 33
jp | Tinh 0 dai doan thang, ty s6 do dai, dién | | 10 13 14,01;22,23 ;34
tich tam giac
12 Goc khong phu thudc vao vi tri mot diém | 7; 18 ; 25
13 Bai toan ti€p tuyén 5;26
14 Cac bai toan khac 17 ;27

CHU PE 5. PHUONG TRINH VO TY. BAT PANG THUC. CUC TRI CUA BIEU THUC

DAI SO
TT | Céacdangtoan bé so
1 Chiing minh bt dang thitc 7;13;16; 34
. e 1s ~ . e 11;2;4,8;9;10;11;14;18;19;
) ;l;&mcil;tsrilon nhat hoac nho nhat ctia biéu 20:21:22:23:24:25:26:27:29
1 SO 31,32,33;35
3 Giai phrong trinh 3;5;6;15;17;28;30
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PHAN A. CAC PE TU LUYEN

PESO1
ox  x+1 3-11x . Jx-3
+ + , B=
Jx+3 Jx-3 9-x Jx+1

Bai I.Cho biéu thitc A =

voi x>0, x #9.

2

2
\/5—1 \5+1'

1) Tinh gia tri cta B tai x =

2) Ruat gon A.
3) Tim s6 nguyén x d€ P = A.B la s6 nguyén.

Bai I1.Gidi bai todn sau bang cdch 1dp phwong trinh hodc hé phwong trinh:
Mot ddi cong nhan theo ké hoach phai trong 75 hecta ritng trong mot sd tuan 1&. Do
mdi tuan trong vuot mie 5 hecta so vdi ké hoach nén da trong duoc 80 hecta va hoan
thanh sém hon 1 tuan. Hoi theo k& hoach mdi tuan cong nhan d6 trong bao nhiéu
hecta rieng?

+ =5
. . x-3 2ly|-3
Bai III. 1) Giai hé phuong trinh: .
+ =3
x-3 2ly|-3

2) Cho phuwrong trinh: x* =2 (m+1)x+2m+1=0

a) Chiing minh phwong trinh luén c6 nghiém véi moi m. Tim hé thitc lién hé gitta hai
nghiém khong phu thudc m.

b) Tim m d€ phuwong trinh c6 hai nghiém la do dai hai canh goc vudng ctia mot tam gidc
vudng cd canh huyén bang J5.

Bai IV. Cho diém C ndm trén ntra duong trbn(O; R) , duong kinh AB sao cho cung AC 16n

hon cung BC (C # B). Puong thang vudng goc véi duwong kinh AB tai O cat day AC tai D

1) Chting minh t& gidc BCDO noi tiép.

2) Chting minh AD.AC = AO.AB.

3) Tiép tuyén tai C ctia duwong tron cat duong thang di qua D va song song vdi AB tai
diém E. Tt gidc OEDA la hinh gi?

4) Goi H la hinh chiéu cua C trén AB. Hay tim vi tri diém C d& HD L AC.

Bai V. Cho x,y la c4c s thuc duong va thoa man x* +y° =1. Tim gia tri nho nhat cta biéu

thac: P =x+l+y+l.
X Yy

Hét
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PE SO 2
2Jx-9  Jx+3 2Jx+1
x-50x+6 Jxr-2 3-x

Bai L. Cho bidu thttcQ =

1) Rat gon Q;
2) Tim xdéQ<1;

3) Tim x nguyén d€ Q nhan gia tri nguyén.

Bai II. Giai bai todn sau bang cach lap phuong trinh hodc hé phuwong trinh:
Mot cand di xudi dong tit A dén B cach nhau 40 km sau d6 di nguoc dong tir B vé A.
Cho biét thoi gian di xudi dong it hon thoi gian di nguoc dong la 20 phat, van toc

dong nudc la 3 km/gio va van tdc riéng ctua cand khong d6i. Tinh van t6c riéng cta

cand.
Q31_(LZ:3
Bai I1L 1) Giai hé phuong trinh {7
1,5 2
S -5
2x-1 y-3

2) Cho phuwong trinh: (m+1)x2—2(m—1)x+m—3:0. Tim céc gia tri caa m dé

phuong trinh:
a) C6 ding mot nghiém.

b) C6 hai nghiém x,,x, thoa man: x x, >0va x, =2x,.

Bai IV. Cho tam gidc ABC vudng tai A co ABC =60° , M 1a diém tuy y trén canh AC. Vé
duong tron tim O duong kinh MC N BC = E. Puong thang BMN(0)=N , ANN(O)=D .
Lay I do6ixung voi M qua A .Lay K do6i xting véi M qua E.

1) Chting minh t gidc BANC ndi tiép.

2) Chttng minh CA la tia phan gidc cta goc BCD.

3) Tim vi tri cia M trén AC dé MBKC la hinh thoi.

4) Tim vi tri chia M d€ duong tron ngoai ti€p tam gidc BIK ¢ ban kinh nho nhat.
Bai V.Cho 4,b 1a cdc s6 thuc dwong thoa man a*+b* <16 . Tim gia tri nho nhét cta biéu
thie : M = aJb(a +8b) +b\Ja(b+8a).

Hét
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PE SO 3.

Bai . Cho cac bidu thiic A= XTVX+3 oop X+2 o0 x#l.

\/;—1 x\/_ 1 x+vx+1
5+\f)(5 \f 1).
Tev5 15

1) Tinh gia tri cua B tai x =(1-

2)Ratgon A .
3) Cho biét Pzﬁ. Tim x dé P<1.

Bai II. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh.
Cho mot s§ ¢6 hai chit s6 . Biét rang tong ctia chit s8 hang chuc va hai Ian chit s§ hang don
vi la 12. Néu d6i cho hai chit s cho nhau thi sé dwoc mdt s6 méi 16n hon s6 ban dau la 27
don vi . Tim s0 ban dau.
Bai III. 1) Giai phuong trinh 2x-5+3v2x-1=0.
2) Cho duong thang d:y=mx+m+1 va parabol (P):y=x*. Tim cc gid tri ctia m
d€ d cét (P) tai hai diém c6 hoanh d6 1a x,,%, va thoa man diéu kién:
a) |x1—x2|:4 b) |x1|+|x2|:4.

Bai IV. Cho duong tron (O; R), mot duong thang d khong di qua O va cat duong tron tai
hai difm A va B. Tt m¢t diém C 6 ngoai duong tron C ed va CB<CA ; ké hai ti€p tuyén
CM va CN véi duong tron (M thudc cung nho AB). Goi H la trung diém ctia AB. Puong
thang OH cat tia CN tai K.
1) Chitng minh rang KN.KC = KH.KO
2) chitng minh nam diém M,H,O,N,C cung thudéc mot duwong tron.
3) Poan thang CO cit dwong tron (O) tai I . Chting minh diém I cach déu cac duong
thang CM,CN, MN .

4) Mot duong thang di qua O va song song véi MN cat CM va CN tai E va F. Xac dinh
vi tri diém C trén d sao cho dién tich tam giac CEF nho nhat.

Bai V. Giai phuong trinh : x(3—~/3x-1)=+3x" +2x-1-x/x+1+1.

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
8



Website: tailieumontoan.com
PE SO 4.
Je-1 Jx+1 | xx

x—4  xidfx+4 (4—x)

Bai I. Cho biéu thirc A =( .Vé6i x>0, x #4.

1)Ratgon A .
2) Tinh gié tri cia A tai x=4+2/3 .
3) Tim x & Az%.
Bai II. Gidi bai todn sau bang cich gidi phwong trinh hodc hé phwong trinh:
Mot manh dat hinh ch nhat ¢6 chu vi la 90 m. Néu giam chiéu rong di 4m va giam chiéu

dai di 20% thi chu vi manh dat giam di 18m. Tinh chiéu dai va chiéu rong ctia hinh ch nhat
ltc ban dau?

3V3x-2-2\[1-y =4
2WBx-2+,1-y=5

Bai III. 1) Giai hé phuong trinh : {

2) Cho phuong trinh x* —2x-2m =0 (an x).
a) Tim m d€ phuong trinh c6 hai nghiém phan biét x,,x, va (1+x7)(1+x;)=5 .
b) Trong truong hop phuong trinh cé hai nghiém x,,x, viét phwong trinh bac hai nhan
1

x,+1"x,+1
Bai IV. Cho tam giac ABC ndi tiép duong tron tam (O) , dwong cao Al, BN cit nhau tai H,
CHNAB=M.

1) Chting minh t giac AMHN ndi tiép.

2) Chting minh diém H céch déu cdc duwong thang NM, NI .

3) Chting minh MN = BC.cos BAC. Cho biét BAC =45, S
AANM.

4) Goi E 1a trung diém BC, AE cét OH tai G. Cho B, C 6 dinh , khi A di chuyén trén
cung 16n BC thi G di chuyén trén duwong nao?

Bai V. Giai phuong trinh: \/x2 +4[%? +x+i —i :%(ZJC3 +x7+2x+1).

Hét

lam nghiém.

=100cm?* , tinh dién tich

ABC
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PE SO 5
Bai L. Cho biéu thtrc A = 2Jx _x+9Vx VA B:“S& v6i x> 0;x#9 v x#25.
Jx-3 x-9 x-25

1) Rut gon cac biéu thiee A va B.
~ A ~ /4 7.
2) bat P =5 Hay so sanh P vdi 1.
3) Tim gia tri nho nhat ctia P.
Bai I1. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh:
Theo ké hoach hai t0 san xudt phai lam dwoc 900 chi tiét may trong mot thoi gian
quy dinh. Do cai tién ki thuat nén t6 mot vuegt mic 15%, t6 hai vuot miec 10% so véi ké
hoach. Vi vay hai t6 san xudt dwgc 1010 chi tiét may. Hoi theo ké hoach mdi t& san xuat phai

lam bao nhiéu chi ti€t may?

x—my=2

Bai III. 1) Cho hé phuong tr‘mh{ . Chting minh hé phuong trinh luén cé nghiém

mx+2y=1

duy nhé't(x; y) véi moi tham s6 m. Tim m d€ nghiém (x; y) thoa man 3x+2y-1>0.

2) Cho duwong thang d:y=mx-m+1 va (P):y=x" .

a) Chitng minh rang d va(P) ludn c6 diém chung véi moi m. Véi gia tri ndo ctia m
thi d va(P) tiép xtic nhau? Khi d6 tim toa do tiép diém.

b) Goi x,,x, la hoanh d¢ giao di€ém cta d va(P). Tim gia tri 16n nhat va gia tri nho

A - s A? 7 2x X + 3
nhat ctia biéu thitc A = 172

2

X

> .
+x, +2x,x, +2

Bai IV. Cho (O;R) duong kinh AB ¢§ dinh. Diém I nam gitta A va O. Day CD vuong goc
véi AB tai 1. Goi M 1a diém tuy y thudc cung 16n CD (M khong trung véi C, D, va B).
Day AM cat CD tai K.
1) Chtng minh t& gidc IKMB ndi tiép.
2) Chtmg minh AD? = AK.AM.
3) Chtng minh AC la tiép tuyén cua duong trong tam E ngoai tiép tam gidc CKM.
4) Xac dinh vi tri cua di€m M sao cho d6 dai DE la nhé nhat.

Bai V. Giai phuong trinh: (yx+2 —1)2 =3x—8x+2+11.

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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PE SO 6

BéiI.Chobié’utht’rcP:( 1 j A2 sias0,a%4d.

Va+2 a-2) a
1) Ratgon P.
2) Tima dé P >%.
3) Tim tat ca cac gia tri thuc ciaa d€ Q = %P o gia tri nguyén.

Bai I1. Gidi cidc bai todn sau bang cdch ldp phwong trinh hodc hé phwong trinh:

Tinh chu vi ctia moét hinh chit nhat, biét rgmg néu tang mdi chiéu ctia hinh chit nhat
thém 4 m thi dién tich ctia hinh ch nhat ting thém 80 m*.Néu giam chiéu rong 2 m va
tang chiéu dai 5 m thi dién tich hinh ch nhat bgmg dién tich ban dau.

Bai III. 1) Giai phuong trinh: 4x-3+v5x-1+1=0.

2

2) Trong mit phing Oxy, cho duong thang d:y=2x-m+1 va Parabol (P) 1y =%x .
Tim céc gia tri cta m dé:

a) d di qua diém A(-1;3). V& d va (P) ting vdi gié trj vira tim dwoc ciia m.

b) d cht (P) tai hai diém phan biét c6 toa do (x1 ;yl) va (x2 ;yz) sao cho
xx, (y, +y,)+48=0.

Bai IV. Cho duong tron (O;R) va mét diém A sao cho OA=3R. Qua A ké hai tiép tuyén

AP va AQ ctia duong tron (O;R) (P, Q la cac tiép diém). Lay M thudc duong tron
(O;R) sao cho PM song song véi AQ. Goi N 1a giao diém tht hai cia duong thang
AM véi dudng tron (O). Tia AP cat duong thang AQ tai K.

1) Chting minh rang t& gidc APOQ ndi tiép.

2) Chting minh rang: KA* = KN.KP .

3) Ké duong kinh QS cﬁa(O) . Chitng minh rang tia NS 1a phan gidc ctia PNM .

4) Goi G l1a giao diém tht hai ctia duwong thang AO va PK. Tinh d6 dai doan thang AG
theo R.

Bai V. Giai phuong trinh: ,|4x* —2x +i =4x° —x* +8x-2

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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PE SO 7
1 1

+ .
J3+2 3-2

Bai I. 1) Cho biéu thiic B= v6i x>0,x # 4. Tim x biét rang B =

2

Jx
Jx

2
2) Cho bidu thire A=—Y* 4 v6i x20,x#4. Rit gon A va tinh p:%

1
x—4 \/;_2
3) Tim x thod man P(\/;+1)—\/;+2\/x—1 =2x—2+2x +4.

Bai I1. Gidi cic bai todn sau bang cdch lgp phwong trinh hodc hé phwong trinh:

Tim s8 tu nhién c6 hai chit s& biét rang chit s6 hang chuc 16n hon chit s§ hang don vi
la 2. Néu viét xen chi sd 0 vao gitta chit s6 hang chuc va chir s6 hang don vi thi s6 do6
tang thém 630 don vi.

Bai III. 1) Cho phuong trinh: x* —2mx* +(m* —1) = 0.
a) Giai phwong trinh khi m = 3.

b) Tim m d€ phuwong trinh c6 ba nghiém phan biét.

2) Cho (P): y = %xz va duong thang d: y=x—m+1.Tim m &€ d cit (P)tai hai diém phan

biét A(x;y,), B(x,;y,)sao cho y, +y, =4(x, +x,)va mot trong hai hoanh d6 giao diém
do c6 hoanh @0 16n hon 1.

Bai IV. Cho dwong tron tam O, diém M c6 dinh ngoai (O), ké hai tiép tuyén MA, MB véi (O)
(A, B 1a tiép diém). Trén cung nhé AB 18y diém N. Tir N ké tiép tuyén véi (O) cat MA,
MB Ian lwot tai E va F.

1) Chttng minh t giac AONE ndi tiép.
2) Chtng minh chu vi tam gidac MEF va d¢ 16n goc EOF khong phu thudc vao vi tri diém
N.
. N e mem \ . AR 0 e on EF
3) Goi I, K 1a giao diém ctua OE va OF vdi AB. Cho AOB=120", tinh ti sO T
4) Duong thang qua O vudng gdc véi OM cat MA, MB lan luot tai C va D. Tim vi tri diém
Ndé (EC+FD) c6 d6 dai nho nhat.

Bai V. Cho a,b,c>0va ab+bc+ca=1.Chttng minh:

ot +1 40 +1++c" +1 <2(a+b+c).

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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PE SO 8
Bai L Cho bigu thite 4 -1V oa po[15=vx 2 ) Vvl o x>0, # 25,
1+/x x-25 Jx+5) Jx-5

a) Tinh gi4 tri cia A khi x =6—2+/5.
b) Rat gon B.

¢) Tim a d€ phuong trinh A-B=a ¢6 nghiém.

Bai I1.Gidi bai todn sau bang cdch 1dp phwong trinh hodc hé phwong trinh:

Bai III. 1) Giai hé phuong trinh: {

Trén quang duong AB, hai 6 t6 khoi hanh cung mot thoi diém ti hai bén A va B di
ngugc chiéu nhau, Hai xe gip nhau sau 3 gio. Biét rang sau khi gdp nhau, mdi xe tiép
tuc di hét quang duong con lai. Xe khoi hanh tit A dén B mudn hon xe khoi hanh tit B
dén A 1a 2 gio 30 phut. Hoi mbi xe di quang duong AB hét may gio?

x(y+3)+2y =xy+33

(x+1)(y-2)=xy-10 -

2) Cho phuong trinh: x* —mx—4=0.

a) Ching minh phuong trinh ludn c6 hai nghiém phan biét.

b) Goi x,,x, la hai nghiém phan biét cia phuong trinh. Tim gia tri nhé nhét cua biéu
2(x,+x,)+7

thttc A= > >
X, +x,

Bai IV. Cho duong tron (O;R) va diém A ¢ dinh thoa man OA =2R. Mot duong kinh BC

quay quanh O sao cho A, B, C khong thang hang. Duong tron ngoai tiép tam giac ABC
cat duong OA & P (khac A). Puong thang AB, AC cat (O) 6 diém tht hai 1a D va E. N6i
DE cat OA & K. Chting minh:

1) Cac tam gidc OPB, AOC dong dang va t& gidc PECK ndi tiép;
2) AK.AP = AE.AC;
3) Puong thang DE di qua mot diém & dinh.

4) Buong tron ngoai ti€p tam giac ADE di qua diém c6 dinh F ttt d6 suy ra vi tri CB d€
dién tich t& gidc ABPC 16n nhat.

Bai V. Cho ba s6 thuc dwong 4, b, c thoa man a+b <c. Tim gia tri nho nhat ctia bi€u thic:

1 1 1
P:(a2 +b2 +C2)[a—2+b—2+c—2j

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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PESO9
Bai 1. Cho bigu thic p|1-_2Y%  Jx+1) [9Vx+6 . Vi x20,x% L,
3Jx+1 9x—1)"( 3Jx+1 9

1) Rat gon P.
. o 6
2) Tim x de P=g.

3) Véi m > 1, chting té co hai gia tri ctia x sao cho P =m.
Bai I1. Gidi bai todn sau bang cdch ldp phirong trinh hodc hé phwong trinh:

Hai voi nudc cuing chay vao mot bé thi sau 6 gio thi day bé. Néu chay mot minh dé€
day bé thi voi I can nhiéu thoi gian hon voi IT 1a 5 gid. Hoi mdi voi chay bao lau thi
day bé?

Bai III. 1) Cho phuwong trinh x* —2mx +(m*~m)=0. Tim m d& phuong trinh ¢4 hai nghiém

x,,X, sao cho 3x, +2x, =6.

2x+my =1

2) Cho hé phuong trinh: { (m 1a tham s0).

mx+2y=1

a) Tim s6 nguyén m dé€ hé c6 nghiém duy nhat (x;y) vdi xy la cdc s8 nguyén.

b) Chitng minh rang khi hé c6 nghiém duy nhat (x;y), di€m M(x;y) ludn nam trén
mot duwong thang cd dinh.

Bai IV. Cho diém M nam ngoai duong tron (O). V& cac tiép tuyén MA, MB véi (O)(A, B 1a
céc tiép diém). Vé cat tuyén MCD khong di qua tam O ( C nam gitta M va D), OM cat
AB va (O) lan luwot tai H va I. Chttng minh:

1) Chiing minh t& giac MAOB noi ti€p va duong tron nay di qua trung diém E cua
CD.

2) Chtng minh OH.OM + MC.MD = MO®.
3) Chiing minh CI la phan gidc géc MCH .
4) Cho cac diéem M,C,D c6 dinh, duong tron (O) thay d6i nhung luén qua C,D.
Chang minh duwong tron ngoai ti€p tam giac OHE ludn di qua mot diém cd dinh.
Bai V. Cho céc s8 thuc x,y théa man diu kién Vx+2—y° =y +2-x°.
Tim gid tri nhé nhat ctia biéu thite: A = x? +2xy —2y* + 2y + 10.

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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<|

x -1

Bail. 1) Cho biéu thic A= véi x> 0. Tinh gid tri cia A khi

prp

+1

x:%(\/6+4x/§ +\/6—4\/§).

Ji+3 5 4

ol 1-Jx V-1
3) Tim cac s6 hitu ti x d€ P = A.B c6 gia tri nguyén.

Bai I1. Gidi todn bang cdch ldp phwong trinh hodc hé phweong trinh

2) Cho biéu thic B = v6i x>0,x #1.Rat gon B.

Trong hdi truong c6 mot s8 ghé bang, mdi ghé bang quy dinh s6 ngudi ngdi nhuw
nhau. Néu bét 2 ghé bang va mdi ghé bang ngdi thém 1 nguoi thi thém duwoc 8 chd. Néu
thém 3 ghé bang va mdi ghé bang ngdi rat di 1 nguoi thi giam 8 chd. Tinh s§ ghé bang
trong hoi treong.

Bai I1I. 1) Cho phuong trinh x* —2mx + 2(m - 2) =0. Tim m d€ phuong trinh c6 hai nghiém
trai dau va nghiém am co6 gia tri tuyét doi 16n hon nghiém dwong.

(m-1)x+y=2

2) Cho hé phuong trinh { (m 1a tham s0).

mx+y=m+1

a) Ching minh vdi moi gid tri cua m thi hé phuong trinh ludn ¢é nghiém duy nhat
(x,y) thoa man 2x+y <3.

b) Tim m dé€ hé phuong trinh c6 nghiém (x; y) thoa man x+y=-4.
Bai IV. Cho duwong tron (O) duong kinh AB; Ax, By la hai ti€p tuyén cta (O) tai cac tiép
diém A,B. Ldy diém M bat ki trén nita duong tron (M thudc cing mdt nira mat phang bo
AB chtra cac tia Ax, By ), tiép tuyén tai M cua (O) cit Ax,By lanluot tai C va D.
1) Chting minh ti gidc AOMC noi tiép.
2) V&i BD = Ry/3, hay tinh AM.
3) N&i OC cit AM tai E,OD cit BM tai F, ké MN L AB(N e AB). Chting minh duong
tron ngoai ti€p tam gidc NEF ludn di qua mot diém c6 dinh.
4) Tim vi tri diém M trén nira duong tron dé ban kinh duong tron ngoai tiép t& gidc CEFD

nho nhat.

.. L , ram 1ea 11T 1 e v e 4
Bai V. Cho céc s6 dwong a,b thoa man diéu kién —+—<—. Tim gid tri nho nhat ctua biéu
a

thie M =~a+ b ———.
a+b

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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BaiI. 1) Cho biéu thirc A= i+

1
x-1 Jx+1

. Tim x dé P<O.

. . C et o 1
vOi x>0,x#1. Tim cac gia tri caa x deé A:E.

2)Dit P=A:

1
\/;+1
x+12

Bai I1. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh:

3) Cho biét M = . Tim gia tri nhé nhat cia M.

Hai anh An va Binh gép von cung kinh doanh. Anh An gép 13 triéu dong, anh Binh
gop 15 triéu dong . Sau mot thoi gian kinh doanh 1ai duoc 7 triéu dong. Lai chia theo ty 1é

gop von. Tinh s6 tién 1ai ma moi anh duoc hwong.

2y =5
Bai IIL 1) Cho hé phuong trinh {“ Y= Tim m d@ hé phuong trinh c6 nghiém duy

mx+y=4

nhat (x,y) thda man x =|y|.

2) Cho phuong trinh x> —2mx +m* -1=0.
a) Tim m d€ phuwong trinh x ,x, sao cho x, =3x,.

b) Lap phwong trinh bac hai c¢6 cdc nghiém la 1 va i

X X,

Bai IV. Cho duong tron (O) va mot day BC c8 dinh. Lay diém A ¢ chinh gifta cung nho
BC va diém M trén cung 1én BC sao cho MC > MB. Puong MA cat tiép tuyén qua C ctia
(O) va BC Ianluot tai Q,I. Dudng MB cat CA tai P.

1) Chting minh t& gidc PQCM noi ti€p va PQ song song vi BC.

2) Tiép tuyén tai A cat tiép tuyén tai C & N. Chiing minh: 1,1 L
CI CQ CN

3) Chttng minh MB.MC = IB.IC + IM?.

4) Khi M di dong va thoa man gia thiét dé bai, hay tim vi tri cia M dé€ ban kinh
duong tron ngoai ti€p tam gidc MBI la 16n nhat.
Bai V. Cho biét cac s6 a,b,c¢ thdoa man 0<a,b,c<2 va a+b+c=3. Tim gia tri 16n nhat cua
biéu thtec P =a’ +b” +¢°.

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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x=2 Jx L1
r—1 x+dr+1 1-+x
Jx -1

2) Cho biéu thiic B = — Hay tim P = % .

Bai I. 1) Cho biéu thitc A = voi x>0, x#1.RatgonA.

.. . e |
3) Vdi x >1, tim gia tri cua m dé F>m+\/;.

Bai I1. Gidi bai todn sau bang cdch ldp phwrong trinh hodc hé phwong trinh:
Hai voi nude chay cuing vao mot bé khong ¢ nudc thi sau 12 gio day bé. Nguoi ta mo
ca hai voi trong 4 gio r6i khoa voi II lai va d€ voi I chay ti€p trong 14 gio nita thi méi
day bé. Hoi néu mdi voi chdy mot minh thi bao lau méi day bé?

8 4
+ =9
y - N
Bai III. 1) Giai hé phuwong trinh 1 1 3
Vit +1 \/y2+7 4

2) Cho duong thang d:y =(m—3)x+m-2.
a) Tim m dé khoang cach ttr diém I(-1;0) dén d 1a 16n nhat.

b) Tim m &€ d cat (P):y=x" tai hai diém phan biét c6 hoanh dd x,,x, théa man

2 _
x,” =4x,

Bai IV. Cho duong tron (O) ¢6 day AB cd dinh va C 1a diém di dong trén cung lén AB.
Goi M, N TIan luot la diém chinh gitta cac cung nho AC va AB. Goi I lag giao diém BM
va CN.Day MN cat AC va AB lan luot tai H va K.

1) Chuing minh t& gidc BNKI ndi ti€p

2) Chung minh NM.NH = NC.NI

3) Gia sit Al cat (O) tai E,NE cat CB tai F.Chtng minh ba diém H,I,F thang

hang.
4) Xac dinh vi tri diém C dé chu vi t& giac AIBN 16n nhat.

Bai V.Cho s6 thuc duong a,b,c¢ théa man diéu kién a+b+c< % Tim gia tri nhé nhat cua
biéu thttc M :1+1+1 .
a b ¢

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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Bai L. Cho hai biéu thtc A = Ji+2 va B= 1 1

X
+ +
Jx =4 Jx-2 Jx+2

voi x>0,x #4.

1) Rat gon B vatinh P =%.
2) Tim x d€ B=|B|.
3) Tim x théa man xP <10v/x —29-/x-25
Bai I1. Gidi bai todn sau bang cdch ldp phirong trinh hodc hé phwong trinh:

Mot cand xu6i dong 45 km roi nguoc dong 18 km. Biét van tdc xudi dong 16n hon van tdc
nguoc dong la 6 km/gio. Thoi gian di xudi nhiéu hon thoi gian di nguwoc la 1 gio. Tinh van
t6c xudi dong va nguoc dong biét rang van tdc ca nd di ngroc dong 1én hon 10 km/gio.

Bai III. 1) Cho phuong trinh x* —2(m* —m+2)x+m* = 0. Chiing minh phuong trinh ludn ¢6

hai nghiém phan biét. Tim m d€ hai nghiém ctia phwong trinh 1a hai s6 nghich dao nhau.

2) Cho duong thang ch:y=—mx+21 v6i m =0 va parabol .(P):y=x" .

mZ
a) Chttng minh d ludn cit (P) tai hai diém phan biét véi moi m #0.
b) Goi A(x,;y,); B(x,;y,) la cac giao diém cua dva (P) . Tim gid tri nho nhat cua biéu
thie M=y +y, .

Bai IV. Trén duong tron (O; R) duong kinh AB. Lay hai diém M, E theo tha tw A, M, E,B
(hai diém M, E khac hai diém A,B), AM cat BE tai C, AE cit MB tai D.

1) Chtng minh t& gidc MECDndi ti€p.

2) Chtng minh r?mg khi M va E di dong thi BE.BC + AM.AC khong doi.

3) Chitng minh cic tiép tuyén tai Mva E cta duong tron (O) cat nhau tai mot diém
nam trén duong thang CD.

4) Cho biét BAM =45° va BAE =30°. Tinh dién tich tam giéc ABC .

Bai V. Cho cdc s6 thuc a,b,c thoa man diéu kién a+b+c=abc va a’> =bc. Chitng minh
a=0 hoac |a|2\/§ .

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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PE SO 14
BﬁI.Chocécbﬁhth&cziz———i———vél%:fizjgjjlvéixzo
x—+x+1 x+vVx+1

V2-1
\/§+1'

2) Cho biét P:% .Tim x d€ (x-1)P=-9.

1) Tinh gid tricta A tai x=

3) Tim x dé’P>% .

Bai I1.Gidi bai todn sau bang cdch 1gp phwong trinh hodc hé phwong trinh:

Mot xe 6t6 va mot xe may di tir A dén Bcach nhau120 km. Ot6 khoi hanh sau xe may
30 phut va di véi van t6c 16n hon van t6c xe may 1a 24 km/gio. Tinh van t6c mdi xe, biét xe
0t6 dén B sém hon xe may la 20 phut.

Bai IIL.
2|x+1|-5y =3

1) Giai hé phuong trinh: 3
|x + 1| +2y = 5

2) Cho duong thang d:y:(m—l)x—m+2 va parabol(P):yzx?

a) Tim diém c8 dinh ma d ludén di qua véi moi m.
b) Tim m d&d cat (P) tai hai di€ém c6 hoanh d6 x, x, sao cho A=x; +x; dat gid tri
16n nhat.
Bai IV. Cho duong trbn(O) va day AB. Vé duwong kinh CD vudng goéc voi AB tai K(D
thudc cung tron nho AB). Ldy diém M thudc cung nho BC sao cho cung MC nho hon cung
MB. Day DM cat AB tai F.Tia CM cat duong thang AB tai E.
1) Chtng minh t gidc CKFM 1a t& gidc nodi tiép.
2) Chutng minh KE.KF = KC.KD.
3) Tiép tuyén tai M ctia (O) cat AEtai I. Chting minh IE = IF.

4) Chting minh L E
EB KA

'l Cox s 9
Bai V. cho cac sO thue x, y, zthéaman x+y+z :Z—(xy+yz+zx).
Tim gi4 tri 16n nhat cta biéu thiee T = x* +y° +2°.

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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BaiI. Vi x >0, cho hai biéu thitc A = 1

$+\/;+1 x+\/;
4-\7

1) Tinh gid tricaa A khi x = 5

2) Tim x dé B:%.

3) Tinh gia trj biéu thttc P = A: B. Tim x thoa man: Pv/x + (2\/3 - 1)& —3x—2\x—4+3.

Bai I1. Gidi bai todn sau bang cdch ldp phirong trinh hodc hé phwong trinh:

Trong dot tong két quy I hai t6 san xudt da lam dwoc 630 san pham dat 63% theo k€
hoach. Riéng t6 I san xudt dat ti 1 57% theo k&€ hoach, t6 II san xuat dat ti 1¢ 67% theo ké
hoach. Héi theo k& hoach quy I méi t& san xuat bao nhiéu.

Bai III.
1) Cho phuwong trinh x* —2mx+(m2 —1) =0. Tim m dé tim phuwong trinh co 4 nghiém
phan biét,
2) Cho parabol (P): y =2x*va dudng thing d: y =4x-2.
a) Chuing minh d tiép xtic v6i (P) tai A(1;2).
b) Viét phuong trinh duong thang d' c6 hé s8 goc m va di qua A(1;2). Chitng minh 4’

ludn cat (P) tai hai diém phan biét v6i m # 4 va tim m d€ mot trong hai giao diém dé co
hoanh d6 16n hon 3.

Bai IV. Cho dudng tron (O;R) duong kinh AB;day cung MN vudng goc véi AB tai H (
H nam giita Ova B). Trén tia d6i MN 1ay diém C sao cho doan AC cat (O) tai diém
K(K # A); hai day MN va BK cit nhau tai E.

1) Chting minh t& gidc AHEK noi ti€p.

2) Kéo dai AE cit (O) tai I. Chimg minh KAE = KBC.

3) Chting minh AI.AE+ BE.BK =4R*.

4) Gia sit KE = KC . Chting minh OK//MN va KM? + KN? =4R?.

Bai V. Giai phuong trinh va? —x—2 +3/x* —7x+14 =2.

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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1 2Jx [ xex L ogi
\/;—1 x\/;—er\/;—l '

Bai I. Cho biéu thire: P = +
xVx+x+yJx+1 x+1
x20,x=1.
1) Rat gon P.

2)Tim x dé€ P < %

3) Tim m d& phuong trinh (x +1)P =m-x c6 nghiém x.

Bai I1. Gidi bai todn sau bang cdch ldp phwong trinh hodc hé phwong trinh:

Hai d6i xe cho cat dé€'1ap mot khu dat. Néu hai doi cung lam thi trong 18 ngay
xong cong viéc. Néu doéi I lam 6 ngay, sau d6 doi II lam ti€p trong 8 ngay nira thi
dwoc 40% cong viéc. Hoi mdi doi 1am mdt minh bao 1au xong cong viéc?

Bai I1IL.

mx+y=2

1) Cho hé phurong trinh { . Tim m d€ hé phuwong trinh c6 nghiém duy

dx+my=4

nhat (x;y) ma x>0,y >0.
2) Cho hai duong thang: d:y:%x+m+% vad':y=-2x-6m+5.

a) Chttng minh d va d' ludn cit nhau tai mét diém va diém dé ludn chay trén mot
duong thang cd dinh.
b) Tim m &€ giao diém M ctia d va d’ ndm trén parabol (P):y=9x*.
Bai IV. Cho tam giac déu ABC néi tiép duong tron (O) va I la diém d6i xtiing véi A qua O.
Trén canh AB ldy diém M va trén tia d6i ctua tia CA lay diém N sao cho BM =CN.
1) Chiing minh IM =IN va BI =CI.
2) Gia sit MN cat Al tai E. Chting minh EA.EI = EM.EN.
3) Goi K la giao diém ctia MN vdéi BC. Chiing minh MK = NK.
4) Chting to tam duong tron ngoai tiép tam gidc AMN nam trén mot doan thang cd
dinh khi M chay trén canh AB.

Bai V. Cho a,b 1a cac s6 duwong. Chiing minh : a+b >

1
Ja(Ba+b)+b(Bb+a) 2
Heét

Lién hé tai liéu word toan zalo: 039.373.2038
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Bai L Cho hai bidu thite 4= X3V% 1 vaB:@véixzo,xiza
x=25  x+5 Jx-5

23(5—\/5)
5+\/§ '

4
B

1) Tinh gid tri ctia B tai x =

2) Rat gon A va tim x dé€

W NIs

3) Tim gia tri nho nhat ctia P =

Bai I1. Gidi bai todn bang cdch Igp phuwong trinh hodc hé phweong trinh :

Lop 9A duoc phan cong trong 480 cay xanh. Lop du dinh chia déu cho s6 hoc sinh,
nhung khi lao dong c6 8 ban vang nén mdi ban c6 mit phai trong thém 3 cdy méi xong. Hoi
16p 9A cé bao nhiéu ban hoc sinh ?

Bai III.
1) Cho phuong trinh x° +mx—(m+1)=0. Chttng minh phwong trinh ludn cé mot nghiém

khong phu thudc vao m. Tim m d€ phwong trinh c6 ba nghiém phan biét, trong d6 cé
diung mot nghiém am.

2) Cho duwong thang d:y = x+m va parabol (P):y = x°.
a) Tim cac gid tri cia m d& d cat (P) tai hai diém phan biét.
b) Khi d cit (P) tai hai diém phan biét A va B, tim m d& AB=342.

Bai IV. Cho duwong tron (O) c¢6 day AB ¢d dinh va M la diém di dong trén cung 16n AB.
Tt M vé MH vuong goc voi AB. Goi E,F Tan luot la hinh chiéu cta H trén MA, MB. Qua
M vé duong thang vudng gdc v6i EF , dudong nay cat AB tai D.

1) Chitng minh duwong thang MD di qua mot diém cd dinh.

MA*> AH AD
MB> BD BH

2) Chttng minh

3) Goi I la diém d6i xéing cia H qua AM va K la diém d6i xing caa H qua BM.
Duong thang IK cat HM, BM Ian luot tai B',A'. Chting minh 5 diém M,B',H,B,K
cung thudoc mot duong tron.

4) Chtng minh BB', AA' va MH d6ng quy tai mot diém.

Bai V. Giai phwong trinh : x? ++/2x+1++x-3 = 5x.

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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Bai L. Cho biéu thic : P= 2% _

voi x>0,x#9.

1) Rat gon P.

2Jx +1

2

2) Tim x dé A= vGi A:%.

3)Sosanh A va A’
Bai I1. Gidi bai todn bang cdch lgp phuwong trinh hodc hé phwong trinh :

Mot 6 t0 di tiv A dén B vdi van toc va thoi gian quy dinh. Néu téng van tdc 1én 10
km/gio thi dén B sdém hon quy dinh 2 gio. Néu giam van tdc 10 km/gio thi dén B chdm hon
quy dinh 3 gio. Tinh quang duwong AB.

Bai III.
1) Cho phurong trinh: 2x — 4x+m=0. Tim m dé& phuong trinh c6 hai nghiém phan biét.

-2y =2
2) Cho hé phuong trinh {mx y=am o
2x+y=m+1

a) Giai va bién luan hé phuong trinh da cho.
b) Khi hé phuong trinh c6 nghiém duy nhat (x; y), tim cac gid tri nguyén caa m dé

A2 ’ X — Ie Pye < 1y ~ A
bidu thic —2 c6 gia tri la s nguyén.
m+2

Bai IV. Cho géc ZxAy=«a (O <a< 900) c6 dinh. Buong tron (O) tiép xtc voi Ax, Ay lan
luot tai K, L. Tiép tuyén caa (O) tai E thudc cung nho KL cit Ax, Ay tht tu tai N, M.
Puong KL cat OM tai P, cat ON tai Q.

1) Khi E di ddng, chtiing minh goc MON ¢6 do 16n khong d6i.

2) Chting minh cac duong thang MQ, NP,OE cung di qua mot diém.

3) Chiing minh KQ.PL = EM.EN.

4) Chttng minh khi E di dong thi tam duong tron ngoai tiép tam gidc MON thudc
mot duong tron ¢6 dinh.

Bai V. Cho cac s6 thuc duong théa man a+b+c =1. Tim gia tri 16n nhét cta biéu thikc :
a b c

P= + + .
\/a+bc \/b+C(1 \/C—Hlb

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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Wx o Wx 3x+3 Jr+1
+ - va Q=
Jx+3 Jx-3 x-9 Jx-3

1) Tinh gié tri cta Q tai x =4-24/3;

2) Rutgo P va tinh M :g;

Bai I. Cho hai biéu thirc P = voi x>0,x#9.

Adx+7

\/;+3

Bai I1. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh:

3) Cho biéu thitc A=xM+ - Tim gia tri nho nhat ctia A.

Cho mot hinh chi nhat. Néu tang d¢ dai mdi canh ctia né 1én 1 cm thi dién tich ctia hinh
chit nhat sé tang thém 13 ¢m?. Néu giam chiéu dai di 2 c¢m, chiéu rong di 1 cm thi dién tich hinh
chtt nhat sé€ giam 15 cm?. Tinh chiéu dai va chiéu rong ctia hinh chi* nhat da cho.

Bai III.

x+my=m+1

1) Cho hé phuong trinh { . Tim m d€ hé phuong trinh c6 nghiém duy nhat (x; y)

mx+y=3m-1
sao cho tich ctia x va y co6 gia tri nho nhat.
2) Cho duong thang d:y= (m —1)x +m” +1 va parabol (P):y =x’
a) Chung minh d ludn cit (P) tai hai diém phan biét nam vé hai phia ctia truc tung;
b) Goi x,,x, 1a hoanh d giao diém cta d va (P). Tim c4c gia tri cia tham s& m biét rang
|x1|+|x2| =242.
Bai IV. Cho duong tron (O; R) va hai deong kinh AB, CD vudng géc nhau.
Trén doan thang OB 18y diém M (khac diém O). Tia CM cat (O) tai
diém thit hai N. Duong thang vudng géc AB tai M cat tiép tuyén qua N
cua (O) tai diém P.
1) Chting minh t&t gidc OMNP noi tiép;
2) Chting minh ti gidc CMPO la hinh binh hanh;
3) Chang minh tich CM.CN khéng phu thudc vao vi tri diém M,
4) Chtng minh tam duong tron ndi ti€p tam gidc CND di chuyén trén cung tron cd

dinh khi M di chuyén trén doan OB.
Bai V. Cho cac s6 thuc duong 4, b théa man 2a+b >2. Tim gia tri nhé nhat ctia bi€u thtec:

P=16a%+2b* + 2+ 2.
a b

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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BéiI.Chobi@utht’rch[ Jx 1 ]( 1,2 ]V(’yix>0vé x£1.
-1 x

N | W e

a) Ratgon P;

b) Timx dé P<2;

c) Chting minh véi moi m #0 ludn cé mot gia tri x thoa man P =m.
Bai I1. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh:

A P Ve YN M 3 7 A VN v A \

Cho mot tam gidc c6 chiéu cao bang annh day. Néu chiéu cao tdng thém 3 m va canh
day giam di 2 m thi dién tich tam gidc d6 tang thém 9 m?. Tinh canh ddy va chiéu cao ctia tam
giac do.

Bai III.

1) Trong hé truc toa d Oxy cho duong thang d:y = (m2 +1)x+2. Goi A, B Ian lwot la giao
diém cua d véi Ox, Oy.
a) Tim m d€ dién tich tam gidc OAB bang % ;
b) Tim m dé€ khoang cach tir O dén d la I16n nhat.
2) Cho phuong trinh x* —2mx+m” —m+3=0.Tim m d€ phuong trinh c6 hai nghiém x,x, sao
choM =x} +x; ¢ gia tri nho nhat.
Bai IV. Cho tam gidc ABC noi ti€p (O) duong kinh AB (AC < BC). Trén day CB lay diém H
(khac C va B). AH cit duong tron tai diém thi hai la D. Ké HQ vudng goc v6i AB (Q thudc AB).
Duong thang CQ cat (O) tai F.

1) Chtng minh t& giac AHCQ ndi ti€p;

2) Goi M, N Ian lwot 14 hinh chiéu cua F trén AC, CB. Chiing minh MN, AB, DF d6ng quy;
Gia st (O) va AB ¢6 dinh; C di dong trén (O), diém Q cd dinh va H ludn la giao diém cua
duwong vudng goc voi AB tai Q véi CB;

3) Goi E la giao diém ctia duong AC va QH. Chiing minh tam dwong tron ngoai ti€p tam
giac AHE thudc mot duong cd dinh;

4) Tiép tuyén tai C cat HQ & I, duong OI cat CD & K. Chting minh OK.OI = R* va CD lu6n

di qua mot diém cd dinh.
2x+3v2x-1+1

x+242x-1+1

Hét

Bai V. Tim gia tri nhé nhat ctia biéu thitc A =

Lién hé tai liéu word toan zalo: 039.373.2038
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1 1 .
X va B=

: Jx o+
Bai I. Cho hai biéu thitc: A = + -
Vx -2 Jx+2 4-x 2 —Jx

voi x>0;x=4.

1) Rut gon biéu thiee A.
2) Chobiét A =3.Tinh gi4 tri ctia biéu thic P = %.

3) Tim x d¢ A(\/;—Z)+5\/§:x+4+\/x+16 +/9—x.
Bai I1. Gidi bai todn bang cdch Igp phuwong trinh hodc hé phweong trinh :
Cé mot khu vuon hinh chit nhat, biét rang néu ting mdi canh thém 4m thi dién tich
khu vwon tang 216m” ; con néu chiéu rong tang thém 2m, chiéu dai giam di 5m thi
dién tich s€ giam di 50m? . Tinh &6 dai cac canh ctia khu vueon d6.

Bai III.
X 2 1 5 \ 1,

1) Cho duong thang d:y = —mx =+ m +1 va parabol (P):y = 5%

a) Tim m d€ d cit (P) tai hai diém c6 hoanh d x,,x, sao cho |x; —x,|=5.

b) Tim mdé d cit (P) tai hai diém phan biét nam & bén trai truc tung.
2) Cho phuong trinh mx* —(2m+1)x+(m+1)=0. Chttng minh phuwong trinh ludn c6
nghiém véi moi m. Tim m d€ phuong trinh c6 mot nghiém khong nhé hon 2.
Bai IV.

Cho duong tron (O;R) ¢6 day BC c6 dinh, diéfm A di chuyén trén cung 16n BC. Goi
AD, BE,CF la cac duong cao va H la triec tdm ctia tam gidc ABC, I la trung diém BC.

1) Chting minh bon diém A,F,H,E cing nam trén mot duong tron va bon diém
B,C,E,F cung nam trén mot duong tron.

2) Khi cung nho BC c¢6 s8 do bang 90°. Tinh d6 dai day cung BC va dién tich tam giac
OBC.

3) Puong thang qua E va vudng goc véi EI cat BC tai P. Chtng minh: PE* = PB.PC.

4) Tim vi tri ctia diéfm A dé tam giac AEH c6 dién tich 16n nhat.

Bai V. V6i hai s0 thuee a,b duwong théaman : a+b+c¢ =1, tim gia tri nho nhat ctia bi€u thtc

a b c
= + + .
1+90*> 1+9¢> 1+94°

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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Bai 1.Cho hai bigu thie 4 = 3% v B:(x+3+ 1 j: VE i x> 0k 29,
Jx x=9 Jx+3) Jx-3

36 36
J3-1 3+1°

1) Tinh gid tri ctia biéu thiec A khi x =

2) Ruatgon B.

3) Tim x dé AB>%.

Bai I1. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh :
Hai nguoi tho cung lam mot cong viéc trong 15 gio thi xong viéc. Néu nguoi thi nhat
lam mot minh trong 3 gio réi nguwoi thit hai lam mdt minh trong 5 gio thi duoc 25%
cong viéc. Hoi néu lam mot minh thi mdi nguwoi phai 1am trong bao nhiéu gio d€ xong
cong viec ?
.. . . x+my=1
Bai III. 1) Cho hé phuong trinh : .
mx—y=-m
a) Chuiing minh hé phuong trinh luén c¢é nghiém duy nhat véi moi m.
b) Tim m d&€hé phuong trinh cé nghiém (x;y) sao cho x <1 va y <1.
2) cho duwong thang d:y = —mx +m+1 va parabol (P):y=x". Tim cac gia tri ctia m d&

d cat (P) tai hai ¢i€m phan biét c6 hoanh d6 x,,x, sao cho x,” +x,” <2.

Bai IV. Cho ntra duodng tron (O; R), duwong kinh AB. Goi C 1a di€ém chinh gitta cung AB.
Piém M thudc cung AC.Ha MH 1 AB tai H, AC cit MH tai K ; MB cat AC tai E.
Ha EI 1 AB tai I.

1) Chtng minh BHKC va AMEI la cac tt gidc ndi tiép.

2) Chtmg minh AK.AC = AM® va AM la tiép tuyén cta dudng tron ngoai ti€p AMKC .

3) Cho R =3cm. Tinh gia tri ctia tong AE.AC + BE.BM .

4) Chting minh khi M chuyén dong trén cung AC thi tam duong tron ngoai ti€p tam
gidc IMC ludn thudc mot duwong thang cd dinh.

Bai V. Cho x >0,y >0 va thdéa man diéu kién x +y <1. Tim gia tri nho nhat cua biéu thiec :

1Y 1Y)
K:(x+—j +(y+—J
X Yy

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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Bai I. Cho hai biéu thittc: A = 24x va B= 15_\/;+ 2 :\/;4_3 voi x> 0;x#25.
3+x x=25 Jx+5) Jx-5

1) Khi x =935 -2.3V5+2, tinh gia tri ctia A.
2) Ruatgon B.
3) Ddt P=A+B.Tim x d€ P nhéan gid tri nguyén.
Bai I1. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh :

Mot doi xe theo ké'hoach phai chuyén xong 200 tan than trong mot thoi gian quy dinh,
mdi ngay chuyén duoc mot khdi lwong than nhu nhau. Nho duge bd sung thém xe, thyee
t& mdi ngay ddi chuyén thém dwoc 5 tan so véi ké hoach. Vi vay chang nhitng da hoan
thanh cong viéc sém hon 1 ngay so véi quy dinh ma con chuyén vugt mic ké hoach 25
tan. Tinh khoi lwong than ma doiu8 xe phai chuyén trong mot ngay theo k& hoach.

2Jx+1-3,y-2=5

ax+l+fy-2=17

2) Cho phuong trinh x* +(m+2)x—m—4=0 (v6i m la tham sd).

Bai III. 1) Giai hé phuong trinh {

a) Chitng minh phwrong trinh luén cé hai nghiém phan biét x,,x, véi moi gia tri cia

m.
b) Tim tat ca cac gia tri cham dé€ x, <0<, .

Bai IV. Cho duong tron (O) véi day AB 6 dinh khac duwong kinh, C la diém thudc cung
léon AB sao cho tam gidc ABC nhon. M va N lan luot la di€m chinh gitta cung
nho AB va cung nhd AC . Goi I 1a giao diém cua BN va CM.Day MN cat ABva
AC Tanluwot tai H va K.

1) Chting minh t& gidc BMHI ndi tiép.

2) Chiing minh MK.MN = MI.MC

3) Chiing minh tam gidc AKI can tai K va tit gidc AHIK la hinh thoi.

4) Chting minh khi diém C di dong trén cung lén AB va thoa man diéu kién ctaa dé
bai, tong hai ban kinh cta hai duwong tron ngoai tiép tam giac NAH va tam giac
NBH c6 gia tri khong doi.

Bai V. Cho a va b 1a hai s6 duong théa man diéu kién ab+4 <2b. Tinh gid trj 16n nhat cta
ab

biéu thitc P = > =
a +2b

Hét
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Bai I Cho cic biéu thite A2 12V% oy po[15=vx 2 ) Vav1 o 0<x,x# 25
+x x=25 Jx+5) Jx-5

1) V6i x=6-2+/5, tinh gié tri cta A.
2) Rat gon B.
3)bdt P=B-A.Tim x d€ P nhan gia tri nguyén.
Bai I1. Gidi bai todn sau bang cdch ldp phirong trinh hodc hé phwong trinh:

Mot cong nhan phai lam xong 120 san pham trong thoi gian quy dinh. Sau khi lam
duoc hai gio véi nang sudt du kiéh, nguoi d6 da cai thién cac thao tac ki thuat nén mdi gio
lam thém dugc 3 san pham. Vi vay, nguoi d6 da hoan thanh ké hoach sém hon quy dinh 1
gid 36 phut. Tinh s6 san pham nguwodi d6 du kién 1am trong mai gio.

Bai III.
1) Cho phuwong trinh: x* —=2(m+1)x+2m+1=0. Tim m d€ phuong trinh c6 hai nghiém 1a d6
dai hai canh géc vuong ctia mot tam gidc vudng cd canh huyén bang J5.

2

2) Cho parabol (P): y = % va duong thang d di qua diém 1(0;2) c6 hé s8 goc m.

a) Chting minh d ludn ct (P) tai hai diém phéan biét A,B.
b) Goi H,K lan luot la hinh chiéu vudng goéc cia A va B trén Ox. Chiing minh tam
gidc IHK vuong tai I.

Bai IV. Cho ntta duong tron (O, R) dwong kinh AB. Goi M la trung diém OA va ldy diém
N bat ki thudc (O) (N khong tring véi A va B). Dudng thang di qua N va vudng
goc v6i MN cét tiép tuyén tai A va B cta (O) lan luot tai C va D.
1) Chiing minh t& gidc CAMN noi tiép.
2) Chting minh AC.BD c¢6 gid tri khong phu thudc vao vi tri diém N .
3) Goi giao diém ctia AD va BC la K. Qua K ké duong thang song song véi AC,

duong thang nay cit AB va CD lan luot tai E,F. Chitng minh: KE = KF.
4) Xac dinh vj tri cia N trén (O) sao cho dién tich tam gide CMD dat gia tri nho

nhat.

N\ e /4 ~ A A \ 3 N L4 . 4 A k] .« A? 7
Bai V. Cho cac s6 thuc x,y,z khong am va x+y+z< 5 Tim gia tri 16n nhat caa biéu thirc:

M:\/x2+4xy+y2 +\/y2+4yz+z2 N2+ dzx+ 12

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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Bai I Cho cic bidu thitc A< YE=1 pap Y43 5 4 véi 0<x,x#1.
Jx +1 Jr+1 1-+x x-1

1) Tinh gid tri ctia A khi x=6—4v2 46 +44/2.
2) Rat gon B.
3)bat P=A.B. Tim x hitu ti € P c6 gia tri nguyén.
Bai II. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh.

Nha mdy luyén thép hién da c6 san hai loai thép chtta 10% cacbon va laoij thép chira
20% cacbon. Gia stt qua trinh luyén thép cac nguyén liéu dwoc dung khong bi hao hut, hay
tinh khéi lwong thép mdi loai can diing d€ tao ra 1.000 tdn thép chita 16% cacbon tir hai
loai thép trén.

Bai III.

mx+y=m+1

1) Cho hé phuong trinh: { . Tim m d€ hé phuong trinh da cho cé nghiém duy

X+my=2m
nhat (x;y). Tim hé thitc lién hé gitta x,y khong phu thudc tham s6 m.

2) Cho phuong trinh: x* —mx—4=0.
a) Chirng minh véi moi gid tri cia m, phwong trinh luén cé hai nghiém x,,x,.
b) Chting minh (x] +x3 )+16(x, +x,)+56 20 v6i moi .

Bai IV. Cho duong tron (O;R) c6 day BC <2R ¢d dinh. Ké duong kinh BM, diém A bat
ki trén tia CB (CA>CB). Goi E la giao diém AM véi (O), goi H la giao diém ctia
OA véi (O') ngoai ti€p tam gidc ABM. Goi K la giao diém ctia OA véi CE.
1) Chting minh t giac BKHC néi tiép.
2) Chiing minh cac tam gidc AEK va AHM dong dang.

3) Chttng minh AO'M ¢6 d6 16n khong phu thudc vi tri diém A.
4) Xacdinh vitri A d€ AO+4HO c6 gia tri nhé nhat.
Bai V. Cho céc s thuc x,y khong am va thoa man diéu kién x* +y* <2. Hay tim gia tri 16n

nhat cuia biéu thitc:

P = Jx(29x+3y) +[y(29y +3x).

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
30



Website: tailieumontoan.com
PE SO 26
Bai I. Cho hai biéu thitc:
_7x-2

=V
2x +1

_Jx+3 Jx-3 36
Jx-3 Jx+3 x-9

A aB voi x>0,x#9.
1) RatgonB.
2) Timx dé A=B.
3) Tim x d€ A nhan gia tri la s nguyén duong.
Bai II: Gidi bai todn sau bang cdch ldp phirong trinh hodc hé phwong trinh:
Mot manh vuon hinh cht nhat cé do dai duwong chéo 1a 13m va chiéu dai 16n hon chiéu
rong 7m. Tinh chiéu dai, chiéu rng ctia manh dat do.

2 2
Bai III. 1) Lap phuong trinh bac hai ¢ cac nghiém la 73 va
342 \3-2

2) Trén hé truc toa dd Oxy, cho parabol (P) : y =x? va dwong thang d :

y =2x +(m? +1) vbi m 1a tham so.

a) Khi m=+/3, chimg to ring d cit (P) tai hai diém phén biét A, B. Tir d6 tinh dién tich
cua tam giac OAB (v6i O la gdc toa do).

b) Vi gié tri ndo ctia m thi d cat (P) tai hai diém phan biét M, N sao cho khoang cach tir
M dén truc Oy gdp hai lan khoang cach tir N dén truc Oy.

Bai IV. Cho tam gidc ABC nhon ndi ti€p duwong tron tam O ban kinh R. Buong cao AD, BE
ct nhau tai H, kéo dai BE cit duwong tron (O;R) tai F.

a) Chung minh t& giac CDHE noi ti€p dugc mot duong tron.

b) Chiing minh tam giac AHF can.

c) Goi M la trung diém cua canh AB. Chiing minh: ME la ti€p tuyén ctua duong tron
ngoai tiép ACDE.

d) Cho BC c¢d dinh va BC = Rv/3. Xéc dinh vi tri ctia diém A trén (O) d€ DH.DA 16n
nhat.

Bai V. Cho hai s0 x, y dwong thoa man diéu kién 2xy—4=x+y. Tim gia tri nho nhat cta

7 1 1
biéu thie P=xy+—+—.
Xy

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
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DE SO 27
o x-1 Jx+2 10—k
U Y ST S
1) Tinh gid tri ctia A khi x=3-2+/2.
2) Ratgon B.
3) Tim gia tri nho nhat ctia bi€u thiec P=A : B.

Bai I. Cho c4c biéu thitc A = voi x>0,x#4,x#9.

Bai I1. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh:
Hai dia diém A va B cach nhau 84 km. M6t 6td khoi hanh tir A va di thzfmg dén B voi
van t6c khong doi. Trén quang duong tit B vé A, van toc ctia 6t6 tang thém 20 km/gio.
Tinh van t6c luc di tir A dén B caa 6t0, biét tong thoi gian di va vé ctia 6t6 d6 1a 3 gio 30
phut.
Bai IIL. 1) Cho phuong trinh: x° —mx—2(m-4)=0. Tim m d€ phuong trinh c6 ba nghiém
phan biét x,,x,,x, sao cho: x7 +xJ +x; +x,x,x, = 25.
2) Cho parabol (P):y =x* va dudng thang d:y = mx +2.
a) Véi m=-1,vé d va (P) trén cung mot hé truc toa d¢. Tim toa do cac giao diém cta
(P) va d.
b) Tim cac gia tri caa m dé d cat (P) tai hai diém phan biét c6 hoanh d6 x,,x, sao cho
x, —2x, =5.
Bai IV. Cho duong tron (O;R) va duong thing d khong c6 diém chung véi duong tron.
Goi M 1a mot diém thudc duong thang d. Qua M ké hai tiép tuyén MA, MB téi duong

tron. Goi H 1a hinh chigu vudng gdc caa O 1én duong thang d.
1) Chting minh nam diém M, A,O,B,H cung thudc mot duong tron.
2) Goi I va K lan luot la giao diém caa OH va OM véi AB. Chiing minh:
OK.OH =0OI.OM.
3) Goi E la tam duong tron ndi tiép tam gide MAB. Gia st R = 6cm va AMB =60°, tinh
ban kinh ctia dwong tron noi tiép tam giac MAB va dién tich hinh vién phan giéi han boi
day AB vacungnho AB.
4) Tim vi trf dim M trén duong thang d d€ dién tich tam giac OIK dat gia tri 16n nhat.

Bai V. Cho x,y la cac sd thuc duwong thoa man diéu kién: x+y <1. Tim gid tri nho nhat cua

biéu thire: K =4xy + ;+ 2

oyt xy

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
32



Website: tailieumontoan.com

PE SO 28
Bai L. Cho céc bidu thite A= X HL o g 2X+6x+7 1 oo
x+2\/§+1 xx +1 \/E+1

1) Rat gon A vatim A khi x=%(\/19+8\/§ +y19-83).

2) Raut gon M = AB. Tim x dé M >2.

3) Tim cac s6 hitu ti x d€ M la s6 nguyeén.

Bai I1. Gidi bai todn sau bang cdch ldp phweong trinh hodc hé phwong trinh:

Theo k& hoach, mdt t6 cong nhan phai lam mot s6 san pham trong mot thoi gian nhat
dinh. Néu moi ngay ho lam duoc nhiéu hon 5 san pham so véi du dinh thi sé hoan thanh
truedc k& hoach 4 ngay. Néu mdi ngay ho lam it di 5 san pham so véi du dinh thi s& hoan
thanh k& hoach cham hon thoi han 5 ngay. Tinh thoi gian va s6 san pham phai lam theo k€
hoach.

.. R . 2x+my =1
Bai III. 1) Cho hé phuong trinh .
mx+2y=1

a) Chting minh khi hé phuong trinh ¢6 nghiém duy nhat (x;y), diém M (x;y) ludn chay

trén mot duong thang cd dinh.
b) Tim m d€ diéfm M thudc duong tron tam O la gdc toa do va ban kinh b?mg -

¢) Cho phuong trinh bac hai x* —2mx +2m-1=0. Tim M d€ phuong trinh c6 hai nghiém
phan biét cung dwong.

Bai IV. Cho tam gidc ABC vuong can tai A. Goi D la trung di€ém ctia BC. Ldy diém M bat
b4t ki trén doan thang AD. Ké MN vudng géc véi AB tai N, MP vudng géc véi AC tai
P. Ké NH vudng gbéc véi DP tai H.

1) Chting minh cac diém A,N,M,H,P cung nam trén cung mot duong tron.
2) Chiing minh DM.DA = DH.DP.
3) Chting minh B, M, H thang hang.

4) Tim vi tri chia M dé d6 dai doan théng HN dat gia tri 16n nhat.

Lién hé tai liéu word toan zalo: 039.373.2038
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Bai V. Cho hai s6 thuc duwong a4,b théa man a+b<1. Tim gia tri nhé nhat ctia bi€u thic
M=a’+b +l2+l2.
a b

Hét

Lién hé tai liéu word toan zalo: 039.373.2038
34



Website: tailieumontoan.com
PE SO 29

BéiI.Chobié’utht’rcA:( 2 -ij:&_z Véi x>0 x % 4.
x+3x/;

1) Rat gon A.
2) Tim x dé A=3.

Jx +3
Jx+2

Bai II. Giai bai todn sau bang cach lap phuong trinh hodc hé phuwong trinh:

3) Dt B= A.

. Tim x nguyén d€ B nhan gia tri nguyeén.

Mot nguoi di xe dap tir dia diém A tdi dia diém B cach nhau 30km. Khi di tix B vé A,
ngudi d6 chon con duong khac dé di hon nhung dai hon con duong cti 6km. Vi di véi van
tdc 16n hon van toc Iuc di 1a 3km/h nén thoi gian vé van it hon thoi gian di 20 phut. Tinh
van toc lac di.

Bai III. 1) Cho ba dwong thang: d,:y=x+1,d,:y=2x-1va d, :y =(m* +)x—m* +m—1.
Tim m d€ ba duwong thang dong quy.

2) Cho phwong trinh x* —2(m +3)x +m* +3=0.

a) Giai phuwong trinh khi m = 3.

b) Tim m d€ phuwong trinh c6 hai nghiém phan biét. Khi dé xét ddu hai nghiém.

Bai IV. Cho duong tron tam O c¢6 day cung AB c6 dinh. Goi K la diém chinh gitta cua
cung nho AB, ké dwong kinh IK cit AB tai N. Ly diém M bat ki trén cung 16n
AB,MK cit AB tai D.Hai duwong thing IM va AB cét nhau tai C.

1) Chiing minh t gidc MNKC la t& giac noi tiép.

2) Chiing minh IM.IC = IN KI.

3) Goi E la giao diém cta hai dwong thang ID va CK, chting minh E thudc duong tron

(O) va NC la phan giac ctia goc MNE.

4) Xac dinh vi tri cia M trén cung 16n AB dé€ tich DM.DK dat gid tri 16n nhat.

Bai V. Cho a,b la cac s6 thuc duong théa man a+2b > 8. Tim gia tri nhé nhat cta bi€u thikc

P:2a+3b+é+2.
a b

Hét
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PE SO 30
Bai 1. Cho céc bicu thire A= VXL va g |2 VX=15) VX410 o0 Lo
Ix +1 JXx+5 25—x | /x—5

1) Tinh gié tri ctia A khi x =3—24/2.

2) Ruat gon B.

3) bédt P=A+B. Tim x d€ P nhan gia tri nguyén.
Bai I1. Gidi bai todn bang cdch ldp phuwong trinh hodc hé phwong trinh :
Hai dia diém A va B cach nhau 120 km. Mot 6 t6 khoi hanh tir A va di dén B véi van toc
khong doi. Trén quang duong tit B vé A, van toc cua 6 t6 tang thém 20 km/gio nén thoi gian
vé rat ngan hon so véi thoi gian di 18 phtt. Hoi van t8c ctia 6 t6 Itc di tir A dén B 1a bao
nhiéu ?

Bai III. 1) Giai phuong trinh : 3x—4—+/3x—2 =0.

2) Cho parabol (P) : y :%XZ va duong thang d :y = mx+2.

, . . 1
a) Tim toa d§ cac giao diém cua d va (P) khi m= >

b) Chitng minh 4 luén cit (P) tai hai diém phan biét véi moi m va |X1 — X2| > 42 véi

X, X, la hoanh d¢ cac giao di€ém.

Bai IV. Cho duwong tron (O) va diém M & ngoai (O).Vé tiép tuyén MA t6i (O) (A 1a ti€p
diém). Goi E la trung diém doan AM va cac diém I, H theo th tu la hinh chiéu cua E va A
xudng OM. Qua M vé cat tuyén MBC t6i (O) (MB < MC) va tia MC & gitra hai tia OM, MA.

1) Chting minh cac tam giac MBH va MOC dong dang. Suy ra t& giac BCOH ndi tiép
duoc.
2) Chting minh AHB = AHC.
3) Vé tiép tuyén IK tdi (O).Chiing minh tam giac MKH vudng.
4) Cho biét BC =3BM va D la trung diém doan MC. Chitng minh MC la ti€p tuyén ctia
duong tron ngoai ti€p tam gidc ODH.
2x* + 4

Bai V. Giai phuong trinh /x® +1= c

Hét
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PHAN B. GIOI THIEU MOT SO BE THI VAO LOP 10 THPT

DE SO 31- Dé thi vao 16p 10 THPT, Thanh ph& Ha N6i-Nam hoc 2016- 2017

Bai L. (2,0 diém). Cho hai biéu thire: A= T aB-= Jx + 2y/x 24
Jx+8 Jx—3  x-9
1) Tinh gia tri cta biéu thiec A khi x=25.
Jx 48
Ix+3

3) Tim x d€ biéu thitc P=A.B c6 gia tri la s6 nguyén.

voi X>0,x=09.

2) Chtng minh B =

Bai II. (2,0 &iém). Gidi bai todn bang cdch ldp phweong trinh hodc hé phwong trinh:

Mot manh vuon hinh chit nhat ¢6 dién tich 720 m2 Néu tang chiéu dai thém 10 m va
giam chiéu rong 6 m thi dién tich manh vueeon khong d6i. Tinh chiéu dai va chiéu rong cua
manh vuon.

Bai III. (2,0 diém).

X2
~1 2
1) Giai hé phuong trinh X y-
2X 1
Xx—1 y+2
2) Trong mit phing toa dd Oxy cho dwong thang d :y = 3x+m? —1 va parabol (P) :

y = x%
a) Chtng minh d luon cit (P) tai hai diém phan biét voi moi m.
b) Goi X, va X, la hoanh dd c4c giao diém cua d va (P). Tim m d€ (x, +1)(x, +1)=1.

Bai IV. (3,5 diém). Cho duodng tron (O) va mot diém A nam ngoai duong tron. Keé tiép tuyén
AB véi duong tron (O)(B 1a tiép diém) va dwong kinh BC. Trén doan thang CO 14y diém I (I
khéc C, I khac O). Duong thang Al cat (O) tai hai diém D va E (D nam gitra A va E). Goi H 1a
trung diém ctia doan thang DE.

1) Chting minh bdn diém A, B, O, H cung nam trén mot dwong tron.
2) Chtng minh AB_ &
AE BE

3) Puong thang d di qua diém E song song véi AO,d cit BC tai diém K. Chiing minh
HK // DC.

4) Tia CD cat AO tai diém P, tia EO cat BP tai diém F. Chting minh t( giac BECF 1a hinh
chir nhat.

Bai V (0,5 di€ém). Vi cac sO thiee x,y théa man x—+/x+6 =./y+6 —y.Tim gia tri I6n nhat va
gia tri nho nhat ctua biéu thite P =x+Y.
Hét

DE SO 32 - Dé thi vao 16p 10 THPT, Thanh phd Ha Noi - Nam hoc 2015 - 2016
X+3 x—1 5Jx-2
va +

B2 T e s

BaiI (2,0 diém). Cho hai biéu thitc: P = véi x>0, X # 4.

Lién hé tai liéu word toan zalo: 039.373.2038
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1) Tinh gia tri biéu thic P khi x =9.
2) Rat gon biéu thic Q.

3) Tim gia tri cua x d€ biéu thic P dat gia tri nho nhat.

Bai II (2,0 diém). Giai bai todn bang cdch ldp phweong trinh hodc hé phwong trinh:

Mot tau tuan tra chay nguoc dong 60km , sau d6 chay xudi dong 48km trén cung mot dong
song 6 van téc dong nwdc 1la 2km /gio. Tinh van toc ctia tau tuan tra khi nude yén lang, biét
thoi gian xu6i dong it hon thoi gian nguoc dong 1 gio.

Bai III (2,0 diém).

2(x+y)+Vx+1=4
(x+y)=3Vx+ =5

2) Cho phuong trinh x* —(m+5)x+3m+6=0 (x la an sd).

1) Giai hé phuong trinh {

a) Chuiing minh phuong trinh luén cé nghiém véi so thyee m.
b) Tim m d€ phuong trinh c6 hai nghiém x,,x, 1la ¢ dai hai canh goc vudng ctia

mot tam giac c6 dd dai canh huyén bang 5.

Bai IV (3,5 diém). Cho ntra duong tron tam O c¢6 duong kinh AB. Lay diém C trén doan
thang AO (C khéc A,O). Duong thang di qua C va vudng géc véi AB cat nira duong
tron tai K. Goi M 1a diém bat ky trén cung KB (M khéc K, M khéc B). Duong thang CK
cat cac duong thang AM, BM Tan luot tai H va D. Puong thang BH cit nira duong tron
tai diém thit hai N.
1) Chting minh tt gidc ACMD la t& giadc ndi tiép.
2) Chtng minh: CACB=CH.CD.
3) Chting minh ba diém A,N,D A thing hang va tiép tuyén tai N ctia nita duong tron
di qua trung diém caa DH.
4) Khi M di dong trén cung KB, chitng minh duong thang MN ludn di qua mot diém
c6 dinh.

Bai V (0,5 diém). Vi hai s6 thyc khong am 4,b thdoa man a® +b* =4, tim gid tri l6n nhat
ab

cuia biéu thtec M = .
a+b+2

Hét
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DE SO 33 - Thi vao 16p 10 THPT, Thanh phé Ha N$iNam hoc 2014 - 2015

\/;+1
Jx-1

Bai I (2,0 diém) 1) Tinh gid tri cua biéu thiec A= khi x=9.

voix>0va x=1.

2) Cho biéu thie P :[

x-2_ 1 j\/§+1
x+2d0x Jx+2) Jx-1

\/;+1
Nl

b)Tim céc gid tri cia x d€ 2P = 2x +5.

a)Chting minh rang P =

Bai II (2,0 diém). Gidi bai todn bang cdch 1dp phwong trinh hodc hé phwong trinh:

Mot phan xudng theo ké hoach can phai san xudt 1100 san pham trong mdt s6 ngay
quy dinh. Do mbi ngay phan xudng do san xudt vieot mitc 5 san phdm nén phan xwéng da
hoan thanh ké hoach sém hon thoi gian quy dinh 2 ngay. Hoi theo k& hoach, moi ngay phan
xwong phai san xuat bao nhiéu san pham?

41
+—1:5

+ —_
Bai III (2,0 diém). 1) Giai hé phuong trinh: xly 4 , .
R |

x+y y-1

2) Trén mat phang toa dd Oxy cho duong thang d:y =—x+6 va parabol (P):y=x".
a) Tim toa d¢ cac giao diém caa d va (P).
b) Goi A, B la hai giao diém ctia d va (P). Tinh dién tich tam gidc OAB.

Bai IV (3,5 diéim). Cho duong tron (O;R) c¢6 duong kinh AB ¢ dinh. Vé duong kinh MN cta
duong tron (O; R) (M khac A, M khac B). Tiép tuyén cta duong tron (O;R) tai B cat cac
duong thang AM, AN lan luot tai cac diém Q, P.

1) Chting minh t& gidc AMBN la hinh ch@ nhat.
2) Chttng minh bon diém M, N, P, Q cung thudc mot dwong tron.

3) Goi E 1a trung diém ctia BQ. Puong thang vudng goc véi OE tai O cat PQ tai diém
F. Chttng minh F 1a trung diém ctia BP va ME // NF.

4) Khi duong kinh MN quay quanh tam O va thdéa man diéu kién dé bai, xac dinh vi
tri ctia dwong kinh MN dé€ t& giac MNPQ c6 dién tich nho nhat.
Bai V (0,5 diém) Vé6ia, b, ¢ la cac s6 duwong thdoa man diéu kién a + b + ¢ = 2. Tim gid tri 16n
nhat ctia biéu thiee Q = J2a+bc +~/2b+ca++2c+ab .

Hét
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DE SO 34 - Dé thi vao 16p 10 THPT, Thanh phd Ha N6i - Nam hoc 2013 - 2014.

24dx o Ax—-1 2x+1
———va B= + .
Jx o x+x

Bai I (2,0 diém). Véix > 0, cho hai biéu thiee: A=

1) Tinh gia tri ctia biéu thiec A khi x = 64.

2) Rut gon biéu thiee B.

3) Tim x dé é>E

B 2
Bai II (2,0 diém). Gidi bai todn bang cdch lp phwong trinh hodc hé phwong trinh :

Quang duong tix A dén B dai90 km . Mot nguoi di xe may tix A dén B. Khi dén B,
nguoi d6 nghi 30 phut roi quay tro vé A véi van tc 16n hon van t6c Iuc dila 9 km/h. Thoi
gian ké tir ltic bat dau di tir A dén ltc tré vé dén A la 5 gio. Tinh van t8c xe mdy ltc di tir A
dén B.

Bai III (2,0 diém)
3(x+1)+2(x+2y)=4

1) Giai hé phwong trinh:
4(x+1)—(x+2y)=9

2) Cho parabol (P) : y = %xz va dudng thang (d) : y = mx—m’+ m +1.

a) Véim = 1, xac dinh toa d6 cac giao diém A, B ctia (d) va (P)

b) Tim cac gia tri cia m dé (d) cat (P) tai hai di€ém phan biét c6 hoanh do x,, x, sao
cho |x1—x2|:2.

Bai IV (3,5 diém).

Cho dudng tron (O) va diém A ndm bén ngoai (O). Ké hai ti€p tuyén AM, AN voi
duodng tron (O) (M, N la céc tiép diém). Mot dudng thang d di qua A cit duong tron
(O) tai hai diém B va C (AB < AC, d khong di qua tamO ).

1) Chting minh t giac AMON néi tiép.

2) Ching minh AN’= AB.AC. Tinh d dai doan thang BC khi
AB = 4cm, AN = 6cm.

3) Goi I 1a trung diém ctia BC. Duong thang NI ct duong tron (O) tai diém thu
haiT . Chttng minh MT // AC.

4) Hai tiép tuyén ctia duong tron (O) tai B va C cat nhau 6K . Ching minh K
thuoc mot duong théng c0 dinh khi d thay doi va thoa man diéu kién dé bai.

Bai V (0,5 diém).
Véia, b, ¢ 1a cac s6 duong thoa man diéu kiéna+b+c+ab+bc+ca=6abc, ching

minh: alz+bl2+cl223.

Hét
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DE SO 35 - Dé thi vao 10 THPT, thanh phd Ha N¢i - Nam hoc 2012 - 2013
Bai I (2,5 diém)

\/;+4
\/;+2

2) Ruat gon biéu thiee B =(

1) Cho biéu thttic A = Tinh gia tri caa biéu thiec A khix = 36.

Vi 4 ) x+16
Je+d x-4) Jx+2

3) Véi cac biéu thitc A va B ndi trén, hay tim cac gia tri nguyén ctia x d€ gia tri ctia

(voix =0, x#16 ).

biéu thiic B(A - 1) la s8 nguyén.
Bai II (2,0 diém). Gidi bai todn sau bing cich ldp phwong trinh hodc hé phwong trinh:
Hai nguoi cung lam chung mot cong viéc trong 1?2 gio thi xong. Néu mdi nguoi lam
mot minh thi nguoi thit nhat hoan thanh cdng viéc trong it hon nguoi thit hai la 2 gio. Hoi

néu 1am mot minh thi mdi ngudi phai 1am trong bao nhiéu thoi gian d€ xong cong viéc?
Bai III (1,5 diém)

% + l — 2
1) Gidi hé phuong trinh: Z

221

ry

2) Cho phuong trinh: x? — (4m — 1)x + 3m? — 2m = 0 (dn Xx). Tim m d€ phuong trinh c6
hai nghiém phan biét xi, x2 théa man diéu kién : x} +x; =7
Bai IV (3,5 diém)

Cho duwong tron (O; R) cé duong kinh AB. Ban kinh CO vuéng goc véi AB, M la mot
diém bat ky trén cung nho AC (M khéc A, C); BM cat AC tai H. Goi K 1a hinh chiéu ctia H
trén AB.

1) Chting minh CBKH la tt gidc noi ti€p.

2) Ching minh ACM = ACK .

3) Trén doan thang BM 13y diém E sao cho BE = AM. Chiing minh tam gidc ECM la
tam gidc vuong can tai C

4) Goi d 1a tiép tuyén ctia (O) tai diém A; cho P la diém nam trén d sao cho hai diém
AP.MB

P, C nam trong cling mot nita mat phang bo AB va = R. Chttng minh duong thang

PB di qua trung diém ctia doan thang HK
Bai V (0,5 diém). Vi x, y la cac s6 duwong thdoa man diéu kién x > 2y, tim gia tri nho nhat cta
2 2
biu thiee: M=2—Y_.
Xy
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Bai I. 1) Tim dugc x =4. Thay vao B va tinh toan ta dwoc B = —%.

2) Rut gon ta duwoc A:\/?)_\/; voi x>0,x#9.
x-3

3x 3

3

\/;+1 _\/;+1'

Tt d6 PeZ@xe{oA}.

3) Taco P=

Bai II. 1) Goi dién tich ring phai trong mdi tuan theo k& hoach ctia mdi cong nhan 1a x
(hécta) (0 <x<75).

Ta c6 phuong rinh 8
X x+5

= x =15. Két luan.

Bai III. 1) Cach 1. Lay vé€ vdi vé ctia hai phuong trinh trir cho nhau ta tim duoc x. Tte d6
thay x vira tim duwoc tro lai mot trong hai phwong trinh ctia hé ta tim duocy.

2a+b=5 =2
Cach 2. Dat an phu a = 4 b= 1 = “r = 4 )
x=3"" 2ly|-3 " |a+b=3 " [b=1

Tt d6 thay tro lai d€ tim duwocx vay.
Dap so: HPT da cho c6 nghiém la (5;2) hoac (5; —2).
2) a) Tinh dwoc A'=m* >0 véi moi m.
X, +x,=2m+2

Goi x,x, la nghiém ctua phuong trinh. Ta co:
x,.x, =2m+1

= He thitc lién he gitra hai nghiém khong phu thudc vao m la: x, +x, = x,x, +1.
b) Yéu cau bai toan < Phuong trinh ¢ hai nghiém dwong x,,x, thoa man

2 2
Xy +x, =5.

Giai ra ta dwoc m = %(TM) hoac

3 C

m=—=(KTM).

2 D
E

Bai IV. 1) Hoc sinh ty lam.

2) Goi y: Chting minh: AADO <> AABC il .

A
3) Vi tit gidc DCEO ndi tiép nén 0 H B
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CDE =COE

Vi AO/JOE= CDE = ACO. Titdé COE = ACO = AC/ JOE
— Tt giac OEDA la hinh binh hanh.

3) *Phin thugn: Néu HD 1 AC, tac6 AH* = AD.AC.
Ma AD.AC=AO.AB= AH=RV?2 (1)

*Phiin ddo: Néu AH=R~2 thi AH?=2R* = AO.AB

Ma AD.AC=AO.AB= AH” = AD.AC. = AADO «» AABC

AHC = AHD = AHD =90° = HD L AC (2)

Tur (1) va (2) HD L AC & AH = Ry2.

Cach dung:

Dung H thudc tia AB sao cho AH = R\/E .

Keé tia Ht L AB. Lay giao cua Ht v6i (O) duoc C

= Cla diém can tim.
Bai V. Goi yj: Vi vai trd cia x,y xuat hién trong bai toan 1a binh dang nén dy doan P dat
GTNN tai x=y = % Tir 46, d& giai bai toan, ta biéh d6i P = (w%{]{wi}l[hl]

sau d6 stt dung bat dang thirc Co-si. Ddp 56 P = 32 e x= y= g
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PE SO 2
\/; +1
Jx -4

Bai L. 1) Ta tim dwoc Q = voibDKXDPla x>0,x#4,x #9.

2)Tacd Q<le <0< x<9. Kéthop DK, tacod: 0<x<9,x#4.

4
Jx-3

3)Tacd QeZ <1+

\/_4 eZ = x €{1;4;16;25;49}. Két hop DKXD, ta duoc
x-3

x €{1;16;25;49}.
Bai II. Goi van tc riéng ctia cand la x (km/gio) (x> 3).

Din t6i PT: 20 40 _1
x-3 x+3 3

Giai phuong trinh tim dugc x =27 (Thoa man).

Két luan.

.. 1 . 1 1 a=-35
BalllI.l)DK:x;tE;y;t?). Dat a= b= 3:> b .

2x -1 Y- =-27
Ttr d6 tim dugc nghiém caa HPT la: 17 ;@ .
3527
. ey . n a=0,b#0 .
2) a) Phrong trinh c¢6 dung mot nghiém < OA =0 Giai ra ta dwoc m=-1.
a#0,A"=

#0
b) Phuong trinh c6 hai nghiém < {“A LML

m-3

Cidch 1. Khi m # -1, PT c6 hai nghiém la x=1 va x = T
m+

)4 r \ m -
Xét cac truong hop x, =1,x, =
m+1

y m-3 s y

hodac x, =——,x, =1 va cung thay vao
m+1

x,.x, >0,x, =2x,, Ta tim dwgoc m=-5m=7.

Chii y: Cach nay dé dan dén sai [am khi quén xét truong hop x, = 7 B 1.
m+
2 (m - 1)
Cich 2. Ta c6 41 "% =7 77 . Ttr day im duwoc x,, x, theo m sau d6 thay vao biéu thtic
X, =2x,

m—3 . y
XX, = >0 ta tim dugc m=-5 hoac m=7.

m+1
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Bai IV. 1) BAC=BNC=90"= t gidc BANC ndi tiép
dwong ton.

z)@:@ ma @:A/C\D Vay ZTC\B:A/C\D Chu y:
Néu N nam giita A va D thi ACD = ANB = ACB

3) Vi BMCK la hinh thoi nén BE=CE BM=CM

= MCB=MBC = BM I phan gidc ABC  AM _AB_1
MC BC 2

:AM:%AC

4) Ta co ABMI can tai B= BIC=BMI T4 ¢ MEC= 900, ME=EK =BC1a trung truc cua
MK

= ABMC = ABKC = BMC = BKC = BIC + BKC =180’
= Tt giac IBKC ndi tiép
= Duong tron ngoai ti€p ABIK di qua B, C c0 dinh

— BC<2R. Vay Rmmz%@MzA.

Bai V. Ap dung BDT C6 - si cho hai s§ duong:

9b(a+8b) _9b+a+8b a’>+17ab

8(a+8b) =

Twong tu: b, /9a(b+8a) < bzzﬂ.

Tir d6 im dugc M, =48 khiva chikhi a=b=22.

= a,[b(a+8b) <
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Bai I. 1) Tinh dugc x =4. Thay vao B va tinh toan ra dwoc B = g

2) Rat gon ta duoc A:; voi x>0,x#1.
x++x+1

L:>PS1<:> _\/;

Jx-1 Jx-1

L:Psl<:>3_\/;30.
Jr -1 Jx -1

Tim x va két hop PKXD tacé 0<x<1 hoac x>9.

3) Tinh dwoc P = <0

3) Tinh dwgc P =

Bai IL. Goi 6 ban dau la ab(a,beN,0<a,b<9).

— ab=25.

, a+2b=12 a=2
Ta c6 HPT: =

b—a=3

B>0

Bai III. 1) Cich 1. Stt dung cong thiic VA =B < {A "

Cich 2. Ditt =+2x—1(t 20)

Dip s0: x = 1.
2) a) PT hoan do giao diém: x* —mx—(m+1) =0.

Cidch 1. Tinh A va chung sminh phwong tinh ludn c6 nghiém x,, x, v&i moi m.
St dung hé thitc Vi — ét va chd y rang:
|x1 —x2| =4 (x1 +x2)2 —4xx,=16
Ta tim dwoc m=-6 hoac m=2.
Cdch 2. Nhan xét PT c6 hai nghiém x, =-1; x, =m+1.
Thay x,, x, vao biéu thiic |x, —x,|=4 ta tim duoc m =—6 hodc m=2.
b) Ta ¢co |x1|+|x2| =4 (x1 +x2)2 —-2x,x, +2|x1x2| =16.
Trwong hop 1. V6i m > -1, giai ra ta dugc m=-6 (KTM) hoac m=2 (TM).
Truwong hop 2. Vi m < -1, gidi ra ta dugc m=-4 (TM) hoac m =4 (KTM).
Giai ra ta duwoc:m e {—4;2} .

Bai IV. 1) Chimg minh: AKNO «» AKHC .

2) Chttng minh t& gidc OHCN va OHMC noi tiép
duwong tron duwong kinh OC.

3) Chitng minh: MI la phan gidc NMC; NI la phan
giac MNC=I la tam duwong ton noi ti€p
AMNC = DPCM. : l
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4)Tac6 S, =25,., =OM.CE ma OM =R nén S, dat GTNN khi CE,__

Ta c6 CE=CM + ME > 2J/CM.ME =2JOM?* =2R
Dédu “=" xay ra < CM=ME=R < OC = RV2 va s

ECO CEF

2R’.

CEF

Bai V. Phuong trinh < (vx+1-+3x~1)(y3r-1-x)=0

- Jr+1=+3x-1
\V3x-1=x
31\@}.

Giai ra ta duoc: S= {1; >
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2x -4
X

BaiI. 1) Rat gon duwoc A = voi DK x> 0;x # 4.
2) Tinh dwoc \/; = 1+\/§, thay vao A thu dugc A= 3\/5—5.
3) Dua Azi vé dang (JE—AL)2 <0< x=16. K&t luan x =16.
Bai II. Goi chiéu rong ctia manh dat ban dau la x (m) (4 <x<45).

Ta c6 phuong trinh 2{(x —4)+§(45—x)} =90-18.

Giai phuong trinh ta duoc x =20 (thoa man diéu kién)
Két luan chiéu rong: 20m; chiéu dai 25m.
Bai ITL 1) Dt a=+3x-2 (a20) va b=y/1-y (b20).
Giai dwoc nghiém ctia HPT ban déau 1a (2;0).
2) a) Phuong trinh c6 hai nghiém phan biét < m > _71
Cha y: (1427 )(1+27)=5< 1+[(x1 +x,) —2x1x2:|+(x1x2)2 =5,
Ma x, +x,=2,xx, =-2m=m=0 (TM) va m=-1 (KTM).

b) PT c6 hai nghiém x,,x, # -1< —%S m ;tE.

Khi dé: L + 1 __4 va L . 1 __ 1 :
x,+1 x,+1 3-2m x,+1 x,+1 3-2m
\ 4 1 1 \ /4 - A ? \
Tir do , la cac nghiém ctia phuong trinh:
x,+1 x,+1

1 2

(3-2m)X*-4X +1=0.
Bai IV. 1) Tt gidc AMHN c6 AMH = ANH = 90"

2) Chiing minh NH la tia phan giac goc MNI.

=

3) Chttng minh AANM ~ AABC va chtuy cos45°=—.
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2

AABC

_ Sunw [AN]Z :{ﬁ ’

S = E —J :>SAANM:50cm2'

4) Chttng minh: AH=ZOE:>E=1.

EA 3

KéGF//AOsuyraE:l:GF:lAO:lR
EO 3 3 3

=G thudc duwong tron | F ;%Rj co dinh.

Bai V. Phuong trinh < [x* + P :1(2x+1)(x2 +1).
2| 4 2
1 1

Ta cd VT20:>VP20:>xZE:>

1
X+—|=x+—.
2

2

Tt d6 phwong trinh x+% = %(2x+1)(x2 +1) S xe {—%;0}.
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PESOS5
BaiI. 1) Rat gon duwoc A = \/; ;B= \/; .
\/;+3 x/;—S
2)Xét P-1=———<0=>P<1.

\/;+3

3) Tim duwoc P_ = —g < x=0.

Bai II. Goi s6 chi tiét mdy cta cac t6 I, II [an luot phai lam theo k€' hoach la

x,y(O<x,y<900;x,yeN”)

x+1=900
Tacohéphuongtrinh 923 11,0,
20 10

x =400
y =500

Giai hé phuong trinh ta tim dwoc {
Két luan t6 I: 400 chi tiét; to II: 500 chi tiét.
Bai IIL.1) V6i moi m, chitng minh duwoc hé phuong trinh ludn c6 nghiém duy nhat:
m+4 1-2m
m?+2 m*+2)

— 2_
Tacé3x+2y—1:m2—m;12. Tt d6 tim dwoc: -4 <m <3.
m”+

2) a) * Phuong trinh hoanh d¢ giao diém ctia d va (P) c6 A= (m — 2)2 >0 voi moi m=d

ludn c6 diém chung véi (P).
* d ti€p xtic v6i (P) <> m =2. Khi d6 tiép diém ctia d va (P) 1a (1;1).

2m+1

b) St dung hé thirc Vi-€t, tinh dwgc: A =——.
m-+2

. (m-1)
ViAd=l-+—L<i=A, =lom=1

m-+2 *
2
m+2
*V\IA:( ) _12_1:14 :—l<:>m:—2.
m*+2 2 2 e 2
2m+1

Nhin xét: Bién d6i A =

@Am2—2m+(2A—1):0 vaxét A'=0 ta im duoc
m-+2

A =1 hodc A=—%.
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min

- béchtingminh A =1,A . = —% ta chi viéc xét cac hiéu A—1;A—[—%J va
ching té6 A-1< O;A—(—%) >0 voi moi m.

Bai IV. 1) KIB = KMB =90".
2) Chiing minh: AADK ~ AAMD.
3) Do AC = AD = ACD = AMC
=AC la tiép tuyeén.

4) Chttng minh tam E ctia duong tron

ngoai tiép ACKM di chuyén trén BC

= DE_ < DE1CB=E.
* Cach dung diém M.
- Tt D dung DE L CB(E<CB).
- Vé duong tron (E;EC) cat (O) tai M.
Bai V. DK: x>-2. Bién d6i PT vé dang x+4—3vx+2 =0.

Cdch 1. Dat Vx+2 :t(t 20) duwa PT vé bachaian t.

Cdch 2. Bua PT vé dang JA=B vast dung cdng thirc bién doi twong duong:

B>0
«/Z:B@{ y

Bip s6: Tap nghiém cua PT da cho la S={-1,2}.
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voia>0;x#4.

Bai I. 1) Rat gon duoc P =

2
\/;+2
O<a<l16

2) Ta cé P>%<:>\/;<4.K€thopDKtadu’oc{ A
a+

9

\/E+2

Ma Q nhan cac gia tri nguyén = Q e {1; 2; 3;4} .

. Lap luén dn t6i 0<Q<%

3) Ta c6 Q:%P=

Giai ra ta duoc a e 4:9;§;1;i .
4° 16

Giai ra ta duwoc a=1 hoac a1 =49.

Bai II. Goi chiéu dai va chiéu rong ctia hinh chi nhét lan luot 1a x,y mét (x,>0).

xy+80=(x+4)(y+4)
xy:(x+5)(y—2)

Giai ra ta dwoc x =10,y =6 (TMDK)

Ta c6 HPT: {

Két luan.

Bai III. 1) Cidch 1. PK: x > % .bédt t =+/5x-1 (t > 0) = Duwa phuong trinh da cho tro thanh
PT bachaian t.

B>0

Cich 2. St dung cong thitc VA =B < {A -

Dip s6: Tap nghiém cua PT dachola S= {Z;%} .

2) a) Thay toa dd A vao PT duong thang d ta im dugc m=—4.
Hoc sinh tw vé hinh.

b) V6i m <3, PT c6 hai nghiém phan biét.
Bién doi duoc:

XX, (y1+y2)+48:0

<X, [(x1 +x, )2 —2x1x2}+96 =0.
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St dung dinh ly Vi-ét thay vao hé thitc trén ta tim dwoc m=-1.
Bai IV. 1) Hoc simh tu chitng minh.

2) Chitng minh AKAN «> AKPA(g.g). P

3)Tacd PM Il AQ ma

SO 1L AQ=SQ L PM
= S la diém chinh gitta cung PM.

4) Chttng minh:

KA? =KQ® = KN.KP

= K la trung diém ctia AQ.
= G la trong tam AAPQ.
Vay AG= % R.

2
Bai V. Bién d6i phuong trinh thanh : (Zx —%) = (4x —1)(9(2 + 2).

) . R ] B>0 ,
Cdch 1. Stt dung cong thirc JA=Bo Y ta co:

(4x-1)(x*+2)>0 Xz
PT < (2 1j2 (4 1)2( , 2)2<:> 4x-1=0 @x:i.
x——| =(4x-1) (x" +
2 l:x2+2
2
1 1Y 1
Cich2. Te VP =>x>—= (Zx——J =2x——.
4 2 2

Ttr d6 PT <:>(2x—%](1—2x2—4)=0<:>x= .
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Bai L. 1) Tinh dwoc

(TMDK).

2) Tinh dwgc A=
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PE SO 7

=—2\/§:>L=— 3. T do tim duoc x:@

1 1
+
J3+2 3-2 N

2x+2 . B x+2

va P=—=
x—4 A Jx+1

voi x>0,x#4.

3) DK: x >1,x # 4. Bién ddi biéu thirc thanh:

Lap

(Jﬂq)z +(\/;—\/5)2 =0.

luan dan t6i x =2 (TMPK).

Bai IL Goi s8 can tim 1 ab(a,beN,0<a,b<9).

Lap luan dan téi HPT: {

a-b=2
90a =630

Tt @6 giai ra ta dwoc s6 can tim 1a 75.

Bai III.

D)
a)

b)

2)

D3t t=x" (£20)= > —2mt +(m’ ~1)=0.

Véi m=3, ta tim dwoc t =2 hodc t =4. Ttr d6 tim dwoc cac nghiém ctia phuong
trinh da cho la x=£2 hodic x=+42.

Cich 1 : D€ phuong trinh an x cé ba nghiém phan biét thi phwong trinh an ¢ c6
mot nghiém bang 0 va nghiém con lai dwong.

5>0
T do: { om=1.
Cich 2 : DBiéu kién can d€ phuong trinh an x ¢d ba nghiém phan biét thi phuwong
trinh an ¢ c6 mot nghiém bang 0. Tir &6 tim dwoc m = +1.
biéu kién du : Thi lai thdy m =1 thoa man.

Pt hoanh d6 giao diém ctia d va (P):x* —2x+(2m-2)=0.
Tacéd d cat (P) taihai di€m phan biét < m < % .

Taco y, +y, =4(x, +x,) o m==2 (tm)=x, +x,=2>1

= ton tai it nhat mot trong hai giao diém c6 hoanh d6 l1én hon 1.

Bai IV.

1)

Hoc sinh tw lam.
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2)

3)

4)

Bai V.

Chu vi AMEF =2MA khong doi.

Ta c6 EOF = %XO\B = EOF khéng déi.

EOF = MAB = MBA = Cac tix giac
BOIF va EIKF nbi tiép.
EF

Chtng minh AOIK «» AOFE = E =2.

2
D . Ap dung

Chtng minh EC.FD =

BDT Co-si ta co:
EC+FD>CD=(EC+FD) =CD.

Dédu"="khi EC=FD < N la diém
chinh gitta cung AB nho.

Website: tailieumontoan.com

C
A
E
I
N
M 0
K
F
B
D
Hinh dé s6 7

Goi1j: Na® +1=~a* +ab+bc+ca :\/(a+b)(a+c) <

a+b+a+c

Cong tling vé& ctia ba bat dang thic trén. DAu "="khi a=b=c.
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1) Tinh duwoc A=

25 -5
.

2) Rut goc dugc B =

1 DK x>0,x#25.
Jx+1
3) V6i x20,x#25 thi A-B=a< (a+1)Vx =-a.
Truwong hop 1.V6i a=-1 : PT vo nghiém.

Truong hop 2. V&i a#—-1 : PT c6 dang /x =_—“1.
a+
—_1120
Phuong trinh nay cé nghiém théa man x>0,x#25 <{4F 1 .
% 425
a+1
-1<a<0
Giai hé ta dvoc < -5
ai?

BaiIl.  Goi thoi gian di ca quang duong AB ctia xe khéi hanh tit A va B lan luot la
x,y (gi0) (x,y>3).

5
X — y = E
Lap luan dan dén hé phuong trinh : 11 1
— =
x y 3
11 . 15
Giai hé phuong trinh dwoc x = oY= 2.
Bai III.
. 3x+2y =33
1) Bién d6i din dén hé phuong trinh {7 .
—2x+y=-8

Giai hé phuong trinh tim dwoc x =7,y =6.

2) Viphwong trinh x> -mx-4=0 c6 A=m’+16>0 ¥Ym nén nd ludn cé hai nghiém
phan biét.

2m+7

m*+8

Ap dung hé thtec Vi-ét tinh dugc A =

Bicn doi A = L07+56 =<m+8)2_m2_8= (8 —%2_1

8(m’ +8) 8(m” +8) 8(m’ +8) 8

Vay Amin:—%cm:—&

Nhin xét : Viéc bién d6i A nhu trén thyce ra rat kho. Cé mot kinh nghiém « mo » ra
két qua A . nhusau:
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2m+7

m*+8

+ Xét phuong trinh (4n m): A= < Am* -2m+8A-7=0.

+ Giai diéu kién A'=0 ta tim dwoc A=1 hodc A = —%.
N3 : 1 oLia 1)y .. . A 1A
bé chingto A, = -3 ta xét hiéu A - “3) e chttng minh hiéu nay ludn lén

hon hodc bang 0.
Chii iy : Véi cach lam trén, néu bai toan
yéu cau tim GTLN cua A thi ta tim
dwoc GTLN ctia A la 1.

BaiIV.

1) *Hoc sinh ty chitng minh tam giac dong

dang.
* Chttng minh dwoc

APC = E\EC(: D/\BC) — DPCM.

Hinh dé s6 8
2) Ching minh dugc AAPC -~ AAEK = DPCM.

3) Xét duong tron ngoai ti€p aABC ta cod:

5R
-

OA.OP=0C.OB=O0OP = g = P c§ dinhva AP =
Véi(O), tacd: AE.AC = AT? (T lag tiedp niedm cutia tiedp tuyean AT).
Ma AT = Ry3 = AE.AC =3R>.

T giac KPEC noai tieap = AE.AC = AK.AP = AK = % = K 1a diém ¢ dinh ma DE di
qua(Ppcm).

4)* Vi AK:%:OK:%;K]:A]—AK:%:KHzg.

Goi F =(ADE)n AO. Ta c6: KD.KE = KA.KF = KF = % = Fla diém c6 dinh ma (ADE) di

qua.
*TacdS, ;00 =S,pp +Sacp = %AP.BB'+%AP.CC’ = AP.BB' loun nhaat < BB/ <« BC L AO.
.. , a+b=c c
Bai V. Dy dodn P < . <:>a=b:E.
a=

Ttr d6 ta co 10i giai nhu sau:
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Ta co:

5

Tt d6 tim duoc P_

1
v

a c
v + ¢ N ¢ +z +
a’ 16a* ¢* 16b*  ¢*
=—Sa=b=—.

15¢*
16

[

+l2(a2+b2)+3

1

aZ

1
i

)

Website: tailieumontoan.com

Lién hé tai liéu word toan zalo: 039.373.2038

58



Website: tailieumontoan.com

PE SO 9
x+x
3Jx -1

2) Dua vé dang 5x—13+/x +6 =0. Giai duoc x=29—5;x=4.

BaiI: 1) Rat gon dwocP = vOi xZO,x;t%.

3) Dt t=+/x. Vi xZO,x¢9neént20,t¢%.

Pua dugc P=m vé dang: +(1—3m)t+ m= O(*)
V6i m>1, d€ chitng minh c6 hai gia tri x thoa man P =m, ta chtitng minh (*) 6 hai

nghiém khong am phan biét va cing khac %
Bai II: Goi thoi gian voi I chay mdt minh day béla x (giv) (x> 11)

+L5 =— . Gidi phrong trinh ta duwoc x =15.
x —

theo bai ra ta cé phuwong trinh: %

x
két luan.
Bai III: 1) Phurong trinh c6 hai nghiém x,,x, < m>0.

X +x,=2m ,
T ta co: x, =—4m+6,x, =6m—6.

3x,+2x,=6
) 2 \ . 36
Thay vao x,x, =m" —m ta tim dugc: m=1 hodc m = > (TMDK).

2) a) st dung phuong phap thé dwa vé phuwong trinh: (mz - 4) y=m-2.

V6i m # £2 hé phuong trinh c6 nghiém duy nhat 1 ; LI
m+2 m+2

Ta cx,y nguyén < (m+2)el(1) e m=-3;m=-1.

b) V&i m#-2,m#2, diém M(x;y)eduong thing y =x.

Bai IV. 1) Tt gidc AMBOndi tidp vi MAO = MBO =90". Chting minh tuong tw duoc ti gidc
AOEM ndi tiép duoc. Vay A,O,E,B,M thudc mot duong tron.

2) chttng minh:
e OH.OM =0A? (Hé thtic trong tam giac vudng);

e MC.MD=MA?* (vi AMAC -~ AMDA );
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e OA*+MA?=MO? (vi aAAMO vudng tai A).

3) chtitng minh: MCH = MOD = 2IAD = 2MCI = CI lao phaan giatic gouc MCH.

4) Goi K= ABNCD = K €(OHE). Chttng minh dugc:
MK.ME = MC.MD = const = (OHE) fii qua fiiedm K ¢& dinh.

Bai V. DK x>-2;y>-2. Tr gia thiét dwa vé dang;:

+xX*+xy+y’ =0 x=y.

1
S N

Thay y=x vao A vachingtdo A>9Vx2>-2.

Kétludn: A =9 x=y=-2.
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PE SO 10

Bai . 1) Tim duoc x=2. Thay vao A ta tinh dugc A =3-22.

\/;+6
Jx-1

2) ROt gon dugc B = Vol x>0,x#1.

\/;+6= 5

1+

\/;-f-l \/;+1'

3) Céch 1. Tinh dugc P = A.B=

5

Tacd P>1vi —>— > 0. Mat khac <5-P<6.
\/;+1 \/;+1
Tirdo Pe{2;3;4;5;6.
Giai ting trudng hop ta tim duoc x € 16'2'é'i'0
g g Qp v /4191161 .
J;+6 6-n

\/;+1:n(neZ):\/7:n_1.

Cach 2. bat

Ma x>0,x#1nén 1<n<6 va n;t%.

W |\

Giai tung truong hop ta tim dugc x € {16; ;%;%;O}.
Bai I1. Goi s6 ghé bang trong hoi truong 1a x (ghé) (x >2,x nguyén) va s ngudi ngoi
trén mot ghé bang 1a y (nguoi/ghé)(y > 1, y nguyén) .

Lap luan din dén hé phuong trinh:

(x=2)+(y+1)=xy+8
(x+3)(y-D=xy-8

20
(TMPK).

- X
Giai h¢ phuong trinh ta dugc {

Vay s6 ghé bang trong hoi trudng 1a 20 ghé.

Bai 111. 1) Phuong trinh ¢ hai nghiém trai diu va nghiém am c6 gié tri tuyét d6i 16n hon nghiém
xx,=2m—-4<0

duong < m<0.
x,+x,=2m<0

x=m-1

2) a) Giai HPT da cho ta dugc 5
y=2-(m-1)

Tirdo 2x+y <3< (m=2)°> >0 (ludn dung voi Vm ).
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x=1

. Két luan.
y=1

DAu “=" xay ra khi m =2, khi d6 nghiém la {

x=m-1

2~ (m-1)?" thay vao x+y =—4 va giai PT ta dugc m =-1
y=+s—m-

b) Theo céu a ta co: {

hoac m=4..

Bai IV. 1) Hoc sinh tu lam.

2) Ta co: tan@):%:\@

— BOD =60". Khi dé:

AM = AB.cosMAB = %.AB R

3) Cac diém M, E,O,N, F € (OM)

— Pudng tron ngoai tiép aNEF di qua
diém cd dinh O khi M thay doi.

4) Goi O',K lan luot 1a trung diém cua EF,CD

Dung dudng trung truc cia EF va CD cit nhau tai [
= [ 1a tam duong tron ngoai tiép tir giac CFED = IC? = IK* + OK>.

2 2
Mit khac IK*> >0'0O* +OM? :(OTM] +OM? :55 )

R5

Vay R =IC c6 giatri nho nhat bang -

CFED

Dau “=" xay ra khi OM = OK , tec M 1a diém chinh giita cua cung AB, khido CD//AB.

Bai V. Tacé %2

min

T d6 tim duwoc M. :%@ a=b=4.
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PE SO 11

Bai 1. 1) Rit gon ta dugc A = 2+

Vol x> 0;x #1.
x-1

Giai PT ta dugc x =7 +2+/6 (TMDK).

2+\/;
Jx-1

x+12

\/;+2

Ap dung bat dang thic Co-si => M_ =4 < x=4.

2) Tim dugc P =

. Tirdo voi P <0 tatim dugc 0<x<1.

16

\/;+2

-4.

3) Tim duoc M = rdi bién dbi M:(\/;+2)+

Bai 11. Goi s6 tién 1ai anh An va anh Binh huéng lan luot 13 x, y (trigu dong)(0 < x,y <7).

=7
xry . x=3,25
Ta lap duoc HPT: < x 13 . Giai HPT thu dugc .
?:E y=3,75

Vay s6 tién 13i cac anh An va anh Binh huéng lan luot 13 3,25 va 3,75 triéu ddng.

Bai 111. 1) Tir phuong trinh ddu ta c6 x =5- 2y . Thay vao phuong trinh sau ta dugc:
(Zm—l)y =5m—4.

Voi m;ﬁ%, HPT c6 nghiém duy nhat; ( 3 -5m_4j.

2m-1"2m-1
7 . 1
Giai x = y| ta duoc m=— (TM) hozc m== (KTM).
2)a)Tacd A'=1>0Vm.
Theo dinh ly Vi-et = x, =Em; X, = lm Va0 XX, = m? —1. Gidi ra ta dwoc m = +2.
2 2

b) V6i m #0, ta tim dwoc l,i 12 nghiém ctia PT: 3m°X* -8mX +4=0.

X X

Bai IV. 1) Cht § MPC = MQC = %( AMC —sté).
2) Phai chtng minh: g+g:1, trong khi ta co:

CI CQ

M
CN _AN _ON
CI CI CQ°
3) Ta <6 AMICoAMBA= MBMC=MLMA. Ma 0
MILMA = MI(MI +IA) = MI* + MLIA vaMIIA = IB.IC.
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. \ /4 7’ \ BI Rl R
4) Goi R, la ban kinh (AMBI) . Vi AMBI - AMAC = —=—=R, =——BI.
AC R AC
Vi R va AC khong ddinén R, 16n nhét < BI 16n nhat.

Ma MI la phan gidc BMCzﬂzﬁslzBISIC:BC—BI:BISE.
IC MC 2

Vay R, 16nnhatkhi BI = B—ZC < M chinh gitta cung 16n BC.
Bai V. Goi j: Ta c6 (2-a)(2-b)(2—c)20.

Chtmg minh ab+bc+ca>2 = a’ +b* +c” <5.
Vay A__ =5« abc=0 hay (a,b,c) sé la hoan vi ctia bd ba so (O; 1;2) .

PE SO 12
Bai I. 1) Rat gon duoc A:L voi x>0,x =1.
x++vx+1
2) Tim dwoc P:# voi x>0,x#1.
x+Vx+1

3) Ta c6 %>m+\/;<:>x—\/;>2m—l.

Véi x>1, tacod x—\/;:\/;(\/;—l)>0 nén dé x—\/;>2m—1 thi 2m-1£0<:>m£%.

Bai II. 1) Goi thoi gian voi I, voi II chdy mot minh day bé lan luot la x (gio) va y (gio)
(x>14,y>12).

11

12
Ta c6 hé phwong trinh , 1y 1 . Giai hé phuong trinh ta dwgc x =21,y =28. Két

1
—+
x

+—=1
x

il
roy

luan.

Bai IIL. 1) Hoc sinh ty giai. Dip s6: Nghiém ctia hé phurong trinh 1a (0;3) hoic (0;-3).

2) a) Tim dwoc A(—l;l) la diém ¢ dinh ma d ludn di qua véi moi m. Goi H 1a hinh chi€u

cua [ trén d . Khi d6 IH la khoang cach tit I dén d. Vi [H<IAva IH khong d6i nén

IH__ =IA < d la duong thang di qua A va vudng goc véi IA. Tir d6 tim duoc m = 3.

b) Phuong trinh hoanh d6 giao diém cta d va (P) ludn c6 hai nghiém 1a -1 va m-2.

Xét ting truong hop x, =-1,x, =m—2hodc x, =m—-2,x, =—1 va thay vao x; =4x, giaira ta

tim dwoc m = %

Luu y: Hoc sinh thuong sai [am chi xét x, =—1,x, =m—2ma quén khong xét truong hop

x,=-1,x,=m-2hodc x, =m-2,x,=-1.
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Bai IV. 1) Tt gidc BNKI c6 MBA = MNC.

2) ANHCoANIM(g.g)

3) Ta ¢c6 HI//AB,FI//AB= Ba diém H,I,F théng
hang.

* HAI = HIA (tam gidc HIA cantai H).

*  HAI=BAI (Al la tia phan gidc).
— HIA = BAI = HI / /| AB. Tuong ty ta c6 IF / /AB.

4) Chu vi t& giac ANBI 16n nhat < AI + BI 16n nhat.
Trén tia Al 1ldy diém P  sao cho

IB=IP=(AI+IB) < AP_ .
Chang minh APB khong doi

= AP < ABP =90" < C la diém chinh gitta ciia cung 1én AB.
Bai V. Hoc sinh ty chitng minh bd dé sau:
1 9

.. . .~ , 11
Véimoi a,b,c duong, ta luén co6: —+—+-2
a b ¢ a+b+c

. Dau “=" xay rakhi a=b=c.

9
a+b+c

Ap dung: M > >6 Dau “=" xay ra khi a:b:c:%.

Vay Mmin:6<:>a:b:(::%.

PE SO 13

Jx .Ttr d6 tim dwoc p=A X% 4 x>0,x#4.

\/;—2 B X
2) Chiiy rang B=|B|<> B>0. Tir d6 d€ B=|B| thi x> 4.
3) Ta c6xP < 104/x —29—+/x 25 @(&—5)2+\/x—25 <0.

T d6 tim duoc x =25 (TMDK)
Bai II. Goi van t6c nguoc dong ctia cand la x (km/gio)(x >10 ).

Bai I. 1) Rat gon duogc B=

= Van tdc xudi dong cua cand la x+6 (km/gio).
Tt dé bai ta c6 phuwong trinh: A5 18 1.

x+6 x
Giai phuong trinh ta dwoc x =12 (TMDK).

Bai III. 1) PT c6A' = (m’ +2)[(m—1)2 +1} >0 véi moi m nén ludn ¢ hai nghiém phan biét.
Hai nghiém nghich dao nhau < x,x, =1 m=+1.

1

2) a) PT hoanh d0 giao diém gitta d va (P):x* +mx— 5
m

=0.

2

Vi A=+ >0 Vm=0=>dludn cit (P) tai hai diém phan bigt.
m

b) St dung hé thiic Vi-ét, ta tim duoc: M = ' + 2% 1222442,
m
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Dau “=" xady ra & m = +32.
Vay M_._ =2+2 &m=+%2.
Bai IV. 1) Ta c: AMB = AEB =90" = MCED
la t& giac noi tiép.
2) Chiing minh: ABEA - ABHC (g,8);
ABMA ~ ACHA (g,g).
3) Goi I la tam duong tron ngoai ti€p t& giac
MCED.
Chang minh duwoc MI,IE 1a tiép tuyén cua
(0) = DPCM.
4) Tinh duoc BAE=30"=BE=R va
AE=R\3
2EB

J3+1
:BC:ZR(\@—l)

e =%AE.BC:R3(3—\/§).

— HB= = R(3-1). Mt khac, tir ¥ b)

=S

b+c=a’—-a

Website: tailieumontoan.com

Bai V. Ta c6 { , = b,cla nghiém cta PT: X* —(a’ —a)X +a* =0.

bc=a

PT c6 nghiém <> A >0. Giai ra ta tim dwgc:a =0hoac |a| > \/5
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PE SO 14
Bail 1) Ta co x:ﬁ_lz(\/i—l)zzw/;=\/§—1.
\/§+1
Thay x=3-232 va Jx =42 -1 vao A va tinh duoc A=§—£.

_

2) Tinh dwoc P = 1 voi x20. Giadi P(x—1)=-9 ta tim dugc x =16 (TM).
1++/x

3) Bién d6i duoc P >%@ 1-3Vx>0ox <%.K€t hop diéu kién ta duoc: 0<x <%.

Bai II. Goi van tdc cta xe may la x (km/gio)(x >0).
=-72(KTM
Tir dé bai ta 6 PT: 20 2 L1120 cii T thu duoe | = 7 2KIM).
x+24 2 3 «x x =48(TM)
Két luan: Van toc ctia xe may va 6to lan luwot 1a 48 va 72 km/gio.

2a-5y=3

Bai I11. 1) Dat

x+1|:a(a20), ta dwoc HPT: a+2y:—%

Ttr d6 tim dugc nghiém caa HPT da cho la:

2 -7 y 4 -7
——;—— | hodc | ——;——
3 15 3 15
2) a) Goi diém ¢ dinh cua d 1a M(x,;y,)
=Yy, =(m-1x,-m+2 Vm.
Tk d6 tim dwoc M(1;1).
b) Xét A'=(m-2)’+1>0 Vm = phuong trinh da cho ludn ¢4 hai nghiém phan biét.

S=x,+x,=2m-2
Tacc'):{ YT =

:>A=(2m—3)2+323 Ym
P=x.x,=2m-4

:>Amin:3<:>m:§.

Bai IV. 1) Tt gidc CKFM c6 FMC=90" va c

FKC =90".

2) Ta c6 AKDE ~ AKFC(g.g).

3) Vi AIME va AIFM can tai I nén IM=IE va M
IF=IM suyra IE=IF. O

4) Ta co AEFM -~ AECK(g.8) va

B
AEMA - AEBC(g.g) suy ra %:% suy ra A\\WB I E
AK KF BF KF

——=——suyra —=—-. D
EK KA EB KA
Bai V. Goi y: Vi vai tro ctia x,y,z nhu nhau nén

Bai hinh dé s6 14
/4 ].
dedoan: T <ox=y=z=—.

2
Tt &6, stt dung cac bat dang thixc
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1 1 1
X +y+z > xy+yz+zx ; x° Y y’ 2V 22+ZZZ.

Va cong lai ta dwoc T :gax:y:z=%.

PE sO 15

Bai L. 1) Tim duwoc x = V7-1

va thay vao A ta tinh dugc A = g

2) Tim dwoc B :%¢> x =4(tm).

3) Tinh duoc p:x+—x+1 voi x>0. Thay P vao phuong trinh, ta duoc

Jx
(&—£)2+(ij—1)2 =0 x = 5(tm).

Bai II. Goi s8 san pham t6 I duoc giao theo ké hoach 1a x san phdm (xe N, x <1000).
Lap luan d€ c6 phuwong trinh ix + ﬂ(1000 —x) =630.
100 100

Giai phuong trinh c6 x =400. Két luan.
Chii 1j: Hoc sinh c6 thé giai bai todn nay bang cach l1ap hé phuong trinh.
Bai IIL 1) D4t t =x*(t > 0) suy ra t* —2mt+(m*> -1)=0 (*).
Phuwong trinh da cho c6 4 nghiém phan biét khi va chi khi phuong trinh (*) c6 hai nghiém
dwong phan biét. Ttr do6 tim dwoc m > 1.
2) a) Phuong trinh hoanh d¢ giao diém ctia d va (P) c6 nghiém kép x =1 suy ra d tiép xtc
v6i (P) tai diém c6 hoanh d6 bang 1 (dpcm).
b) Ta c6 d':y =mx+2—m suy ra phuong trinh hoanh d6 giao diém

x=1
2x* —mx+m-2=0< m—2-

T
Phuong trinh c6 2 nghiém phan biét m #4. Mot trong hai
giao diém c6 hoanh d6 16n 3 < m > 8.
Bai IV. 1) Hoc sinh ty lam.
2) Chiing minh dwgc E la tric tdm AABC suy ra ba diém
B,I,C thang hang suy ra KAE = KBC.
3) Stt dung AAHE - AAIB (g.g) va ABHE -~ ABKA (g.g).

A

4) Vi KE =KC suy ra AKEC vuong can tai K.

Suy ra KCE = 45" = ABK = 45",

Suy ra KO L AB= KO // MN.

Ké duong kinh MT suy ra KT = KN = KM? + KN? = 4R,

2
Bai V. Vi x2—7x+14:(x—%j +Z>O v4i moi x nén ta co
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<-1
diéu kién : xz—x—ZZOG{x )
x=>2
BS de:"Véi A>0, B>0 tacod +JA++/B =+ A+B.Daubing xay ra khi va chi khi AB=0".

Ap dung ta cé Va2 —x—2 +yx> —7x+14 > 2x* —8x +12 :\/Z(x—2)2+4 > 2.

. |x=2=0
Do do = x=2.

(x* —x-2)(x*—7x+14)=0
Vay phuong trinh c¢6 nghiém duy nhét x=2.

PE 5O 16
\/zli véi x>0,x#1.
Jx-3
2(\x +1)
Lap luan dan dén 0<x<9,x =1.
3) Thay p va phweong trinh da cho duoc x+\/;—(m+1):0. Dit  x =t
(t>0,t 1) =t +t—(m+1)=0 (*).

Bai I. 1) Rat gon duoc P =

2) Bién d6i duwoc P<%® <0.

Phuwong trinh c6 nghiém kép @m:—_z5 . Khi dé phuong trinh (*) tré thanh

t? +t+i =0=t= —% (khong thoa man diéu kién t>0).

Phuong trinh (*) ¢6 hai nghiém phan biét < m > %5 (do t, +t,=-1)

Khi d6 phuong trinh (*) khong thé c6 2 nghiém cting duong.
, A m=-1
(*) co nghiém t>0,t #1< .
m#1
Kétluan m>-1va m=#=1.
Bai II. Goi thoi gian d6i I va doi II lJam mot minh xong cong viéc [an luot 1a x ngay va y
ngay ( x>18, y>18;x,ye N’)

1
=

Lap luan ta dugc hé phuong trinh: *

1 1
y 18
8_ 2
x y 5
Giai hé phuong trinh c6 x=45,y=30 (TM)
Bai III. 1) Ttt phuwong trinh dau = y=2-mx.
Thay vao phuong trinh sau duoc: (mz —4)x=2m 4.

Khi m#+2, hé phuong trinh c¢6 nghiém duy nhat: 2 ; i)
m+2 m+2
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Tt d6 dan dén két luan: hé phuwong trinh c6 nghiém duy nhat (x;y) ma
m>-2

x>0,y>0 @{
m#=2

2) a) d va dludn cat nhau tai A(2—3m;1) va A ludn chay trén duong thang c§ dinh y=1
khi m thay doi.

A 1o c D
b) Thay toa do A(2—3m,1)vao (P) ta duoc: m—9, m 5

Bai IV. 1)* Chitng minh: AO la trung tryec ctia BC
=IB=IC (VileAO)

*Ta c6 MBI=ICN=90"

=ABMI=ACIN((c.g.c)

= MI=NI.

2)Ta c6 BIC =120°

= MIC + BIM = MIC +CIN = MIN =120" A
= IMN =30° = IAN

= AMEI ~ AAEN(g.g) M
= EA.EI = EM.EN E H
3) Tt gidc EKCN ndi tiép G
(Vi KCI=KNI=30°)

= IKN = ICN =90° = IK L MN B
Trong tam giac can IMN c¢ IK vtta la duong
cao vira la duong trung tuyén—= diéu phai |

chirng minh N
4) Tt gide AMIN ndi tiép (Vi MIA = MNA )

= (AMIN)=(AAMN)

= Tam H ctia (AAMN) ndm trén dudng trung truc d ctia AL Tia IC cat d tai G.
Vay khi M chay trén AB thi H nam trén doan OG ¢8 dinh M

4a(3a+b
BéiV.Ggrig]:Ja(3a+b): a(2a+ )S4Q+Za+b:7a4+b

Tuong tw voi b(3b + a)
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2-72
2

BaiL 1) Taco x =5-+2 . Thay vao B va tinh duwoc B =

Ji-1 A _Jx-1
Jx-5 B Jx+2

Tw A2 ta tim dwoc x =25(KTM )
B 7

2)Taco: A=

Vay khong c6 gia tri nao ctia x dé€ % =;

3 = P :_—1c>x:0
Jx+2
Bai II: Goi 56 hoc sinh 16p 9A 1a x (hoc sinh) (x>9,xe N”)
Lap luan dén PT: 480 480 =3
X—8 X
Giai phuong trinh ta dugc x = 40.

3)Taco P=1-

x=1

f)=x*+x+(m+1)=0

= Phuong trinh ludn c6 nghiém khong phu thuéc m 1a x=1.

Dé phuong trinh c6 ba nghiém phan biét, trong d6 c6 dung 1 nghiém am thi f(x) =0 co hai

Bai III: 1) Ta c6 phuong trinh < {

nghiém trai dadu khéc 1

ac<0 m<-1
& &
f@)=0 m = -3

2)a) d cit (P) tai hai diém phan biét<> m> ‘71
b) Vi m>_71; d cit (P) tai hai diém phan bict A(x;% +m),B(x,;x, +m)

Tacd AB=32 & (X +%,) —4xx%, =9.

Mat khéc x, +x, =1, x,x, =—m=>m=2 (TM)

Bai IV. 1) Puong AD cit(O) & N.

Ta c6: AMN = HEF (canh twong tng vuodng goc) M

va HEF = HMB (MEHF ndi tiép)

— AMN = HMB. |

Ma ANM = ABM nén

AMN + ANM =90°

= AD di qua tam O c¢d dinh.

2) Vé DD, | AM,DD, 1 BM, ta co: A
Somsy  AHMH AMMHE S,,,, ADMH AM.D
S.., DBMH BMDD,’S,, BHMH BM.HF
- AM® HE.DD, _ AH.AD

BM*.HF.DD, DB.BH

AMBH
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DD, DD 2 .
Ma L=—"2 (vi AD,DD, e» AFHE )= AM2 = AH AD-
HF HE BM DB.BH

3) Do tinh chét d6i xing nén MI = MH = MK hay duong tron (M, MH) ti€p xtc v6i AB tai H.
Ta cé I= KHB= IBE= MB'K=MHK
= M,B',H,K thuoc mot duong tron.
Ta co @ = MKB =90" = cac diém M, B’, H, B, K cung thudc duong tron duong kinh
MB.
4) Tt 3) suy ra BB' L MA, AA' 1L MB= MH, AA’, BB'la cac duong cao cua tam giac MAB nén
chung dong quy tai 1 diém.
Bai V. DK: x > 3. Bién d6i phuong trinh vé dang:

(x° —8x+16)+(\/2x+1—3)+(m—1)+3x—12=0

c>(x—4){x—1+ 2 R J:O
N2x+1+3 x-3+1

Ttr d6 tim duoc nghiém ctia phuong trinh la x = 4.
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Bai L.

6
x-9
\/;+3.

Jx

-ta tim dwoc x =4 (TMDK)

4) Rut gon dwoc P=——(x20,x#9).

5) Tim duwoc A =

M<O:>A<A2.
X

6) Cach1l.Taco A-A*=

Cach2.Vi A>0,taxét 2 X031 az,
AT
Bai II. Goi van tdc va thoi gian quy dinh Ian luot 1a o (km/gio) va t (gio) (v>0,t>0)
(v+10)(t-2) =0t
(0-10)(t+3) =0t
v=>50
t=12
Tt d6 tim dugc quang duong AB la 600 km.
Bai III.
3) Dit t=+/x (t=0)= 2> 4t +m=0
Phuong trinh dn x ¢6 hai nghiém phéan biét < Phuwong trinh an ¢ ¢ hai nghiém khong
am phan biét. Ttt d6 tim dugc 0<m <2.

Theo dé bai ta co: {

Giai ra ta duwoc {

4)
a) Khw y tir hai phuong trinh cta hé ta duoc:
(m—4)x =4m+2 (¥)
Trwong hop 1. Voi m = 4, (*) vo nghiém = hé phuong trinh vo nghiém.
4m+2
m—4

Trieong hop 2. VOi m #—4 (*) ¢ nghiém duy nhat x =
=Heé phuong trinh c6 nghiém duy

nhat
(x— dm+2  m’ +5mJ

m—4 J m—4
b) V6i m#4 hé phuwong trinh da cho co
nghiém la: 5
4m+2 m? +5m
x: " = P
m—4 m-—4
B 3 M
Khi &6 2L - 12 . T &6 tim
m+2 m—4 L

duwoc m e {5; 3; 7;1}.
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Bai IV.
5) Chtng minh duoc

MON :%(I?O\Ew L/O\E) :%I@ = 90° —% khong dbi.

6) Tit cau 1) ta c6: MON = AKP =90' —% — N,K,O,P thudc dudng tron.

Khi d6 do NKO=90" nén NPO =90

Tuong tu, tt gide MQOL néi tidp va MQO =90°
= OE, MQ, NP la 3 duong cao cta AONM

= chung dong quy tai truc tim cta tam giac.

7) Tacé ANQK o APIM — KQ _ NK
LM PL

8) Goi AO cit KL & H; (AMON) cit AO 6 G

= KQ.PL=LM.NK . Thay NK=EN; LM =EM.

Ta c6 MGO = MNO = % sd MO va MON = QPO (vi MNQP ni tiép)

— MGO = QPO = MGHP ni tiép duoc.
Ma PHO =90" = GMO = 90°

= 0Q la duong kinh ctia (AMON))
Tam dwong tron nay thudc AO ¢d dinh.

Bai V. Ta c6 ——— = g - sl( R j
Ja+be \/(a+b)(a+c) a+b a+c 2\a+b a+c

Tuong tw voi

b va ———ta tim duoc Pmangcnz:bm::l
Vb+ca  Nc+ab 2 3
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—3-43

Bail.1) Tacod X = (\/§ -1 = Jx =+/3-1. Thay vao Q va tinh toan ta duwgc Q = 13

3) Ratgonduwgc P=———va M = —3 voi x>0, x=9.
x—9 Jx+3

X+7 16
4) Bién d6i duoc Azm: (\/;+3)+X—+3—6.
Ap dung BDT Co-si ta tim dugc A =2 < x=1.
Bai II. Goi chiéu dai va chiéu rong hinh chi nhat da cho lan luot la x, y (cm) (x > 2,y >1).
(x+(y+1) =xy+13
(x=2)(y-1)=xy-15
Giai hé phuong trinh tim duoc X =7;y =5.
Bai III. 1) T phuong trinh dau = X=(M+1)-my. Thay vao phuong trinh sau dwgc
(m? -1y =(m-1)>%
Hé phuong trinh c¢6 nghiém duy nhat <> m = 1.

Lap luan dan dén hé phuong trinh: {

Nghiém duy nhét khi d6 1a: (3”‘ L m—_lj
m+1 m+1
2 2
Tacsxy="m —2M=l_5 8 , 4 [ 2 ) 1>
(m+1) m+1 (m+1) m+1

Ddu “=" xay ra m=0.
2) Xét phuwong trinh hoanh dé giao diém ctia (P) va d ta co:
x> —(m-1)x—(m*+1) =0.

a) Tacé: A=(m-1)%+4(m*+1) >0 Vm = phurong trinh luén c6 hai nghiém vm.

XX, = —(M*+1) < 0= diéu phai chiing minh.

b) PT luén c6 hai nghiém phan biét véi moi m.

Theo Vi-ét c6 X, +X, =m-1, x X, =—m’ -1

‘Xl‘ +‘X2‘ =22 (Xl + X2)2 — 2% X%, + z‘xlxz‘ =8

Ap dung hé thitc Vi-étco m =1, m, = %3
Bai IV. 1) Hoc sinh ty lam.

2) Hoc sinh ty lam.

3) Goi y: Chttng minh:

CM.CN =CO.CD.

4) Goi Q la giao diém cua cac duwong phan giac
ACND.

Xét ACDQ ta co:

DCQ+CDQ =90°: 2 = 45°

= C/Q\D =135° Vay Q thudc cung chita géc 135° dung trén CD.

cla
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Bai V. Goiy: P dat GTNN tai a= %, b=1. Ttr d6, bién d6i P nhuw sau:

Ta cé: P =4(4a” +1) + 2(b* +1)+§+%—6.
Ap dung BDT C6-si, ta c6:
P216a+4b+§+%—6:> P23(4a+£)+2(b+%)+2(2a+b)—6:> P>14.
a a

Tt &6 tim dwoc P, =14 < a:%; b=1.
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.. , x-1 .
Bai I. 1) Rat gon ta duwgc P =—= vdi x>0, X #1.

Jx

X—_1<2<:>‘\/§—1‘<\/§<:>0<x<3+2\/§.

Jx

Két hop diéu kién ta dwoc {

2)Tacd P<2 <

0<x<3+2v2
Xx=#1 '

3)Tacdé P=m< x—myx—1=0.

Pit Vx=t(t>0,tz1) =t -mt-1=0(*)

- Vi tity =—1<0 nén (*) c6 hai nghiém trai dau.

- Nghiém duong luén khac 1 vi m=0 .

Vay véimoi m=0 , ta luén c6 mot gia tri cua x théa man P =m.
Bai IL.Goi chiéu cao tam gidcla x (mét) (x>0).

= Chiéu dai canh day la %X.
e 1 4 2
Tw dé bai ta ¢ phuwong trinh E(X+3) §X—2 =3 +9 .

Giai phuong trinh ta duoc x =12 (TMDK).

Bai III.
, " ) 2 .
5) Tacd d cat Ox,0yIan luot tai A(— > ;0),8(0;2)3OA: >— va OB=2.
m<+1 m-+1
1 1 1 2
c) Taco S =—0A0OB o —=—. 2 < m==14/3.
) Taco Sppp > 2 22 V3

12: 12+ 12:1( 4+2m2+2).
OH OA- OB 4

Tt d6 tim duge OH = /2 < m =0.

d) Ha OH L AB=

2) Diéu kién d€ phuwong trinh c6 nghiém x;;x, la m>3.
1)2 13

Tim dwoc M:xlz+x§:2m2+2m—6:2(m+§ - 218 E

Tt d6 tim dugc M, =18 < m=3.
Bai IV. 1) Hoc sinh tw lam. C |
2) Goi L= ABADF. w.
Tt giac FLBN no ti€p = NBF = NLF < ~B\>
T giac ACBF not tiép A ‘
— —_— ™
NBE - VAT, e RN\
Tt gidc AMLF noi tiép A "‘\' N
— MAF + MLF =180°

Tir d6 = MLF + NLF =180° = M, L, N thing hang
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= MN, AB, DF dong quy.
3) Goi G =(AAHE)N AB.
Tt gide AEHG no tiép = AEQ = HGB.
Ma AEQ = ABC = HGB = ABC = AGHB can 6 H
= GQ = QBkhong do6i = Gkhong doi
= Tam (AAHE )thuéc trung truc cua AG cd dinh.
4) Goi S=CDn AB.

2
Vi AOKS ~ 4001 = ZK -5 _ 55 - R 1p6ng d6i
0Q Ol 0Q
= Sla diém co dinh can tim.
2
Bai V. Diit £ =2x—1(t>0)= 2= L9*2
2 t"+4t+3

AL ST P S

t+3  t+3 3 3

Vay A . :§<:>x/2x—1 =0 hayx=%.

PE SO 21
Jx
Jx -2

2) véi A =3 tinh ra duoc x=9. thay x=9 vao P ta duwoc P =-1.

Bai 1: 1) Rat gon dugc A = voi x>0,x #4.

3) Dua vé dang:S—(\/}—?,)z =Jx+16 +/9-x.
St dung danh gia VT <5vaVP 25 véi moi x.
Ddu "=" xdyra < x=9.
Bai 2: Goi chiéu rong va chiéu dai ctia manh vuon lan luot 1a x, y(m)(x, y> 0).
xy+216=(x+4)(y+4)
xy —50 :(x+2)(y—5)
Giai phuong trinh ta dwoc x =20,y = 30.

Ta c6 hé phuwong trinh {

Két luan: chiéu rong va chiéu dai Ian luot la 20m va 30m.
Bai III. 1) a) phuwong trinh hoanh d¢ giao di€ém cta d va (P) :

x2—2mx+<m2—2m—2)=0.
D cat (P)tai hai diém < A =2m+2>0 < m>-1.
Ta cod ‘xl —x2‘=5c>(xl+x2)2 —4x,x, =25.

Ttr d6 stt dung hé thirc Vi-ét, tim duoc m = % (TMDBbK m > -1).
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A >0
b) d cat (P) tai hai diém phan biét ¢ bén tréi oy < < x, +x, <0.
x,x,>0
Giai hé dién kién nay ta thu dugc —1<m<1++/3.
2) Vi a+b+c=0= phuong trinh luén c6 nghiém x =1khong phu thudéc m va nghiém kia la

x="1 (0 2 0),
m
. LA cn n . m+1
Phuong trinh c6 mot nghiém khong nho hon 2 < =2
m

Gidirataduwoc O<m<1

Bai IV.1) Hoc sinh ty lam.
2) Tam giac BOC vudng can
taiO=BC=Ry2 va

1 R?

S —0OB.OC =—.
2 2

oBC —

3) Chiing minh PE 1a ti€p tuyén cua

(I’B j
2
PC PE

— PEC = PBE = APCE ~ APEB= —— == — DPCM.
PE DB

4) Ké duong kinh AM, chitng minh I la trung diém HM.
- Chting minh: AH =20I( khong doi)
- Dién tich AAEH 16n nhat < AAEH vudng can HAE = 45°
& ACB=45"
a 9ab’ 3

Bai V.Goi y: s=a- >=>a——ab
1+9b 1+9b 2

Kétlugn: T, = % khi va chikhi a=b=c= %

PE SO 22
Bai L. 1) Tim dwoc x =36 va thay vao A tinh dwgc A= %

\/;+1
Jx+3
Jx

3) bua AB> & vé dang vrtl 3 va giai ra ta duoc x < 4.
2 NPE)

2) Ruat gon duoc B = voi x>0,x#9.

Két hop diéu kién ta dwoc 0<x <4
Bai II. Goi sO gio ngwoi I, II can dé hoan thanh cong viéc mot minh [an luot la x va y
(gi0) (x,y>15).
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Giai hé phuong trinh ta dwoc x = 24;y = 40 (TMDK).

Két luan.
Bai III. 1) a) Rat x ti phwong trinh dau va thay vao phuong trinh sau ctia hé ta duoc:

<m2+1)y:m.

1-m*  2m

4
m*+1 m* +1

j vOimoi m.

Tt d6 tim duoc nghiém duy nhat caia HPT la (

x<1 2m* >0 m=#0
b) Ta co

= , & :
y<l1 (m - 1) >0 m#1
2) PT giao diém x* +mx—(m+1)=0.
Phuong trinh c6 hai nghiém phan biét
om#E-2.
Khi d6 phuong trinh ¢ hai nghiém phan biét
x,=Lx,=-m-1.
Tim dugc x> +x; <2< -2<m<0 (TMDK).
Bai IV. 1) Tt giac BHKC co
BHK = BCA =90".
Ta glac AMEI co
AIE = AME = 90"

2) Chttng minh: AAMK «» AACM ( g. g) =

AM AK
AC  AM’
3) Chitng minh: ABIE <> ABMA(g.g)=> BE.BM =BI.BA.
AAIE > AACB= AE.AC = AI.AB.
Tt 46 tim dwoc tong bang 36.
4) St dung tinh chat goc noi t1ep chung minh
MIC = MIE + EIC = MAE + MBC = 2MAE
Ma MOC =2MAE = MOC = MIC
= Tw gidc MICO ndi ti€p duodng tron, ciing chinh 1a (MIC).

Vay tam cta (MIC ) nam trén duong trung truc cua OC ¢8 dinh.

Bai V. Ggi y: St dung a® +b* > (a+b)2 L B
2 a b a+b

At ]
K={x+—| +|y+—| 2= x+y+—+—| Z2—| x+y+
X y 2 Xy 2 x+y

N [ETHERE

xX+y

:Kleerij
2 X+y
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25 1
Vaiv K =— o x=y=—.
'y min 2 y 2

PE SO 23
Bai I. 1) Tim duoc x=9. Thay vao A va tinh dugc A=1.

2) Rat gon duoc B = 1 voi x>0;x #25.
\/;+3

2Jx +1
\/;+3

Giai ra ta tim duwoc x =4 (TMDK).
Bai II. Goi khdi luong than ma doi xe phai chuyén trong mot ngay theo ké hoach la x
(tén), (0 <x<200).

Ta c6 phuong trinh: 200 22 _

x x+5
Giai phuwong trinh ta dugc x =-50 (KTM) va x =20 (TM).
Két luan.

Bai III. 1) DKXD: x> -1y >2.
Dt a=+x+1 (a20) va b=\/y-2 (b20).

Giai duoc nghiém ctia HPT ban dau 1a (15;3).

3) Tinh dwoc P = va chttng minh dugc 0 <P <2.

1.

2) a) Ta co A=m"+8m+20>0Vm = phuong trinh ludn ¢4 hai nghiém phan biét.
b) Truwong hop 1. Phuong trinh ¢c6 mot nghiém x, =0= m=—4 nén x, =2 (loai).
Truwong hop 2. PT c¢b6 hai nghiém trai dau c D
Sac<0osm>—4.
Két luan: m>—4.
Bai IV. 1) Tk gidc BMHI ta co

IBH = IMH .
2) Chttng minh: N,
AMNI > AMCK (g.g) = _ M O
MC MK

3) Tt gidc IKNC ndi tiép.

Tam giac AIK cantai K va IK/ AB;IH Il AC.

Tt gidc AKIH la hinh binh hanh c6 KA =IK nén B
1a hinh thoi.
4) MA 1a ti€p tuyén cua dudng tron (AHN). M

MB 1a tiép tuyén ctia dwong tron (BHN).
Goi P va Q lan luot 1a tAm ctia dwong tron (ANH) va duwong tron (BHN). AP cat BQ tai D suy
ra MD la dwong kinh(O) va D ¢6 dinh.
Chtng minh dwoc PHQD 1a hinh binh hanh (PHIBD,QHIIAD) dan téi

PH + QH = PA + PD = AD (khong d6i).

Lién hé tai liéu word toan zalo: 039.373.2038
81



Website: tailieumontoan.com

Bai V. Goi y: 2b2ab+424@:%£%.£)ét%=t3t<%
:l:3+22:t+%: t+L+£ 22.l EL ﬁ
P b a t 16t 16t 4 4 4
K&t luan: P, =34—3 khi va chi khi a=1Lb =4,
DE SO 24
Bai I. 1) Tinh dwoc Jx = \/g—l, thay vao A thu duoc A = 2€_5.

2) Rut gon dwoc B=

voi x = 0,x = 25.

1
Jx +1

3) Tinh dwoc P =

Vx va chitng minh dwoc 0<P<1.
Jx +1
Ttr d6 tim dwoc x =0 (TMDK).
Bai II. Goi nang suat du kién cua cong nhan la x (san pham) (x eN’ )

Ta c6 phuong trinh: 120 f,,120-2x) 8
X x+3 5

Giai phuong trinh ta duoc: x = _775 (KTM) va x =12 (TM).
Két luan.
Bai III. 1) Yéu cau bai toan < PT c¢6 hai nghiém dwong x,,x, thoa man:
A'">0
S>0
P>0

(X, +x,7)=2%x,.x, =5
Ttr d6 tim duoc m = % (TM) va m = ‘73 (KTM).

2) a) Ta ¢6 d:y=mx+2. PT hoanh d¢ giao diém ctia d va (P): x* —2mx —4 =01udn c6 hai
nghiém phan biét vi A >0.

b) Goi A(x,:y,).B(x,:y,) = H(x;;0),K(x,:0).

Céch 1.Chtmg minh IH? + IK* = HK?,

Cdch 2.Chting minhhai duong thang IH, IK c6 tich hé s6 goc bang -1.

Cich 3. Ta c6: [x,|.|x,| =4 = OH.OK = OI’ = AOHI ~ AOIK

= /IHO = ZOIK = ZOIK + ZOIH =90".
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Bai IV. 1) Tt gidc CAMN c6: CAM + CNM = 180’
2) Chttng minh

D

CMD = CMN + NMD = 90"

AACM ~ ABMD (g-g)

N
3., C
3) Ta co:
_ |, ~ B
KFIIAC = E:%KEIIAC KE:%Vé A ME O
AC DA AC BC
ACIIBD = -EE:EE-T doé KE =KF.
AD BC

4) Ta co: Seyp :%CM.MD va
CM’.MD’ =(CA” + AM’ )(DB’ + BM” ) > 2AC.AM.2BD.BM = %R“.

= minS,, = i R’. Dau “=” xay ra < AC = AM,BD = BM.

Tinh dwoc MC—i MD-#:MNz%.

Vé (M;MN) cat (O) tai N 1a diém can tim.
Bai V. Ta co+/x* +4xy+y” = \/%()(er)2 —%(x—y)2 S%(X+y).
Tuong tu véi: \/y2 +ayz+ 72 va Nz +dzx+xC .
Dip s6: M, :ﬁcx:y:z:l.
2 2
PE SO 25
Bai I. 1) Tim dwoc x =4 (TMDKXD) va Jx =2. Thay vao A ta tim dwoc A = %
2) Rut gon dwoc B= @
Jx -1
o o 5 y 5 . 5-n ,
3) Bién do6i P=1+—— Dat ——=neZ ta b Jx = .Ta o
Jx +1 Jx +1 n
5-n

>0 O<n<5

&20,&#1: n = 5
-n n+#—
#1 2

n

©

VineZ nén n 6{1;2;3;4;5} =xe116;— i L
4°9°16°
Bai II. Goi khoi luong thép loai I va II can dung lan luot la x,y (tan) (0 < x, y <1000).

Khoi luong cacbon trong loai I va loai II [an lwot 1a 0,1x va 0,2y (tan).
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x+y =1000

0,1x+0,2y =160
Giai hé nay ta dwoc x =400,y = 600.
Két luan.

Bai III. 1) Ttr phuong trinh dau ctia hé ta ¢ y = (m+1)—mx. Thay vao phuwong trinh sau

Ta c6 hé phwong trinh: {

ctia hé ta duoc: (m*> —1)x =m* —m.

Hé phuong trinh ¢6 nghiém duy nhat< m = +1.

Nghiém duy nhat khi d6 la: (x = Y= 2m ¥ 1).

m+1 m+1

Khtr tham s6 m ta dwoc hé thtc can tim la:
x-y+1=0.

2)a) A=m’+16 >0Vm

-Phuong trinh luon c6 hai nghiém phan biét x,,x,
Vm.

b) Ta co: (x> +x,7)+16(x, +x,)+56

=(x, +x,)* +16(x, +x,)—2x,x, +56
= =(m+8)> >0 véimoi m.
Bai IV. 1) Xét (O) ta c6: AMB = BCE.
Xét (0') ta c6: AMB = AHB.
T &6 BCE = AHB.
= Tu gidc BKHC ndi tiép duoc duong tron (O,).
2) Xét (O) ta co:
AE.AM = AB.AC.
Xét (O,) ta cé: AK.AH = AB.AC.
Tit d6 AE.AM = AK.AH = AAEK ~ AAHM.
3) Tacé AO'B=2I0'B,BO'M =2BO'0
— AO'M =2I0"'0 = 2MBC khéng d6i
4) Tacd AO+40K >2JA0.40H =4JOB.OM = 4R
= (AO+40H)_. =4R < AO =40H =2R.
Bai V. Ap dung bat dang thitc Co-si cho cac s8 khong am ta c6 :

X(29x+3 ):L 32(29% 7 3y) < 1 32x+(29x+3y)_61+3y(1)
LN} RN

min

2 82
Tuwong tw, \/y(29x+3y) < 6;j/§y (2)
Tir (1) va (2) ta 6: p< XY OWHSY ) 5y

82 82
Mit khédc, (x+y)* <2(x* +y*)=4=>x+y<2.

Vay P, =8+v2khivachikhi x=y=1.
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PE SO 26
Bai I. 1) Rat gon duogc B= \/%i3 voi x>0,x#9.
2) Ta ¢ A=B@2‘/J§j=ﬁli3@x=4 (TMDK)
3) Cach 1. Dat zg:i =n(neZ")
:>f=7nj22n20<:>—2£n<§.

Véi n:1:>x=29—5; voi n:2:>x=%; voi n=3=x=25.

Vay x e {i;E;ZS}.
259
R A NS4
2Jx+1 2 2(2Vx+1) 2
Bai II. Goi chiéu dai, chiéu rdng cua manh datla x(m)(0 < x <16).
Ta c6 PT: x* +(x+7)* =13%
Giai phueong trinh nay ta dugc x =5 (TM) hoac x =-12 (KTM).
Vay chiéu rong va chiéu dai cia manh dat lan lwot 1a 5m va 12m.

2 2 2
Bai IIL. 1) Tinh dwoc + =43 va -4,
) T 3+2 J3-2

2
J3+2°J3-2
Ttr &6 ta cd cac so 2 va 2
J3+2 T 3-2

Cach2.Tacdé A=

la nghiém ctia phuong trinh:

X% +4+3X-4=0.

2) a) Khi m=+/3, phuong trinh hoanh d6 giao diém cta d va (P) c6 dang:

x?-2x-4=0.
= d cét (P) tai hai diém A, B Tan luot ¢ hoanh do x, =1-+/5 va x, =1++/5.

Cach 1. Goi D,C Ian lwot la hinh chiéu vuong goc ctia A, B xudng truc Ox. Khi d6

OC=lx, ;0D =lx,1; AD=x";BC =x,".
Ta co Soup =S apcp —(Soap +Sosc) = 45 (dvdt).

Cach 2. Goi I =dnOy = 1(0;4). Goi H,K Ian luot la hinh chiéu vudng goéc cua A, B

lén Oy. Khi do:
Sons = Son +Som = %AH.OI + % BK.OI = 4+/5 (dvdt).
b) Xét phuwong trinh hoanh d¢ giao diém cta d va (P):x* —2x—(m’ +1)=0.
Nhan xét: PT ludn c6 hai nghiém trai dau x,,x, (vi ac<0) nén:
lx, |=21x, k= x, =-2x,.

v 7 A xl = 4 \ 2 \
Mat khac, x, +x, =2 nén 5 Thay vao x,x, =-m" -1 ta tim dugc m =+v7.
X, =—
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Bai IV. 1) CDHE noi tiép duong tron tam O/,
duong kinh HC.

2) ff:ZC\B:%stB;

AHF = ACB (ciing bi1 véi AHE)

= F = AHF = AHAF can tai A

= AHCF cling can tai C.

3) Ta c6 AAEBvuong goc tai £ co

EM la trung tuyén = BME = MEB
Ma

— — —

MBE = ACF = HCE=0'EC = MEB=0'EC..
Vay MEO' =90° hay ME la tiép tuyén ctia (ACDE) E(DHEC).
4) Chtrng minh duwoc AHBN can & B = DH= DN.
(DB+DC)2 3R
4

Vay DH.DA = DN.DA =DB.DC <

2 —_
— (DH. DA)mor= % DB =DC < Ala diém chinh giita BC 16n.

Bai V.Taco2xy-4=x+y 22\/Ez>xy24.
Ap dung BDT AM-GM cho cip s6 duong [lz %] ta co

P= xy+i+i2xy+£=ﬂ+£+7ﬂ21+zzg.
2 8 2 2

oy xy 8 xy

Vay Pmin = %@x=y=2.

PE SO 27

2-2
==

Bai L 1) Tinh +/x =+/2 —1. Tir d6 ta tinh duoc A =

2) Rat gon duwoc B = \/_1 voi x>20,x#4,x#9.
x-2

—4.

3) Biéh d6i duoc P = vx +1+——
Jx+1

Ap dung bét dang thiic Co-si ta dugc Pmin = 2\/3-4ex=4-23.
Bai II. Goi van tdc 6t6 khi di tir A dén B 1a x (km/gio ; x > 0).

Ta c6 phuong trinh : 84 84 _7 .

x x +20 2
Giai phuong trinh nay ta duoc x =40.
Két luan.
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x=-2

Bai IIL. 1) Phuong trinh < |
x*=2x+(4-m)=0 (*)

Phuong trinh da cho c6 ba nghiém phan biét < (*) c6 hai nghiém phan biét khac -2
< 3<m=#12.
Coi x3 =-2 = x1, x21a cdc nghiém cua (¥).

Tt d6 tim dwoc m = %

2) a) V6i m=-1, tim dwoc giao diém hai d6 thi ham s& (—2;4) va (1;1). Hoc sinh tw
vé hinh.
b) Chting minh duwgc d ludn cat (P) véi moi m.
Bai IV. 1) Hoc sinh ty lam.
2) Goiy AAOK dong dang véi AOHM.
3) Dién tich AAOB la:
or_ 15,59cm*
AB
Dién tich hinh quat OAMB
(3,14. 62.120) : 360 = 37,68cm?
Dién tich hinh vién phan :
37,68 cm? — 15,59cm? = 22,09 cm?.
4) Ta & OB = OL OM

= OI.OM = OK.OH = OB? = OK khong ddi.

Mait khac OK?2 = O + IK?> 20I1.IK = 4Saaor
2
RH < M=dn(H;HO).

= max Sox =

Bai V. Ta co

1 1 1 5
K=|4xy+ +H 5 +
dxy x“+y- 2xy ) 4xy

Ap dung BDT Cosi : 4xy+ L >2;

dxy
12(x+y)2 24xy:>i25.
4xy
1 L 4 4

+ > = >4 (do O<x+y<1
oyt 2y X7y 42y (x+y)2 ( y=1)

N

Vay Kmin:11<:>x=y=%.
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PE SO 28
—vx+1
\/;+1 '
Tim dwoc x = 4. Thay vao A ta tinh dwgoc A=1.
\/;+6 vA Mo \/;+6
x—+x+1 \/;+ 1
T d6 tim dvoc M >2 < 0<x<16.

2) Rut gon dwoc B= voi x>0.

3) Cdch 1. Lap ludn dan dén 1< M <16 = xe{16,%;g;i;o}.

— O<n<b
Cach 2.Tw \/_z 5-m :{ " :xe{16;2;é;i;0}.
n ne 4

Bai II. Goi s6 san pham phai lam mdi ngay theo ké hoach 1a x (san pham) (x eN *) .

Goi thoi gian phai lam theo ké hoach la y ngay (y >4, ngay).

(x+5)(y-4)=xy {x:45

Ta c6 hé phuong trinh {(x—S)(y+5) =xy  (y=40

Két luan.

Bai III. 1) Rat x t&t phuwong trinh dau va thay vao phuong trinh sau ta duoc

(m2—4)y:m—2
a) HPT c¢6 nghiém duy nhit < m=#12. Khi d6 nghiém duy nhat la

(x;y) = [miz ; mi—Z) Twr d6 diém M(x;y) luén nam trén dwong thang c§ dinh

y=x.

b) Diém M(x;y)e{O;%]@xz +1° :%. Tt d6 tim dwgc cac gid tri m=0 hodc

m=—4.

2) Phuong trinh c6 hai nghiém phan biét dwong:
A'>0 m=#1 m=1

<415>0 ©2m>0 < 1-

P>0 |2m-1>0 |™73

Bai IV.

1) Hoc sinh ty lam.
2) Chtiing minh: ADMH ¢«»ADAP.
3) Xét tt gidc AHDB co:

Lién hé tai liéu word toan zalo: 039.373.2038

88



Website: tailieumontoan.com

AHD+ ABD =180 = AHDBIa ttt gidc noi ti€p.= AHB = ADB

= AHB=90" = BH L AH

Lai cé: H e duong tron duong kinh AM=> AHM =90° = MH 1 AH

B,M,H thang hang.

4) Cach 1: Goi K 1a giao diém caia AM va NP = AK=KP=NK=KM va NP L AM =K.
2,5y _ DK.DN _ DK2KP _ 2.DK.KP

NH =Z=2Dve = <
DP DP  Jkp>+KD*> ~2.DKKP

(DK+KA)" DA
<
4 V2
Dau "=" xay ra < DK=KP=KA= M =D.
Cdch 2: Goi O la tam duong tron duong kinh AB.
Do HN 1a phan giéc goc AHB nén HN ~(0) = E 1a diém chinh gita cung AB=> OE L AB.

Ta c:c'):HESAB;ENZEO:%zHN:HE—ENS%:HLINma Z%CNEOQMED.

BaiV.Taco M=|a*+ 12 +| b* + 12 +£ iz+i2
16a 16b 16\a° b
Theo BDT AM-GM, ta co:

) 1 1 ., 1 1
a + >—;0"+
162> 2

1 1 1(1 1 1(1 1 2 2 8
prier it el R~ B e s e e 7 =8
a- b~ 2\a” b 2\a” b a“+b° 2ab (a+b)

Tir d6 Mmin:%cm:b:l.

=/2.DK.KP =+/2.DK.KA < \/2.

7
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PE SO 29

QI

x—3
-2

Bai I. 1) Rat gon ta dugc A = voi x>0,x #4.

oy

2) Tir A=3 ta tim duoc x =% (TMDK).

3) Ta c6 B:1+_—54. Ttr d6 tim dwoc x=3,x=5,x=9.
x_

Bai II. Goi van t6c ltic di va e vé [an luot 1a x,y (km/gid) (x,y>0).

y-x=3
Ta dwgc HPT: 30 36 1
x oy 3

Giai ra ta dwoc: x=9,y =12.
Bai IIL 1) Goi I 1a giao diém cua d, va d,. Tim duoc 1(2;3).
. =1
Diéu kién can dé ba duong thang dong quy la I ed, < " 5
m=—
Thu lai thdy m=1(KTM) va m=-2(TM).
2) a) V6i m =3 duoc: x> —12x+12=0.
Giai ra ta dwoc nghiém x, =6+2v6;x, =6-2+6.
b) Tinh dwoc A'=6m+6.
PT c6 hai nghiém phan biét < m > -1.

x,+x,=m+3>0

Khi d6 ta c6 { =x,,x,>0.

x,.x, =m’+3>0
Bai IV.

1) KMC = KNC = Tt giac KNMC néi tiép.
2) Chiing minh: AINC ©>AINC = IM.IC = IN.IK.
3)Ta c6 IK L AB hay CN L IK,KM L IC

= D Ia tryc tAm tam giéc IKC = ID 1 KC = IEK =90°.
Ma IK 1a duong kinh caa (O) nén E€(O) = IEK=90".
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Mit khac KNC =90° = KNC+IEK =180°
= EKND nditiép = DKE=DNE.Xét (KNMC) ta c6 MKC = MNC
— MNC=ENC=NC la phan giac cua goc MNE.
4) Chting minh ADAM ~ ADKB = DM.DK = DA.DB

2
Ta c6 DA.DB< (DA+ DB) = AB”

( khong doi).
Ddu“="xayra <& DA=DB<D=N<oM=1.

Bai V.Taco P = (a +éj+ [b +%j +(a +2b). Ap dung bat dang thitc AM — GM ta duoc:
a

Pzz‘/a.é+2‘/b%+8=18.v.§1y P . =18<a=2,b=3.
a
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PE SO 30
Bai L 1) Tinh duoc A=1-+/2.
2) Rat gon duoc B= 1 .
\/; +1
3) Bién d6i dwoc P = \/_\/; . Chttng minh duoc 0< A+ B<1.
x+1
Tk dé A+BeZ < \/l/; =0< x=0 (TMDK).
x+1
Bai II. Goi van tbc cia 0 to lic ditie A dén B la x (km/h, x>0).
Lap luan dan téi PT 120 120 = i
x x+20 10
Giai dwoc x, =80, x, =-100.
Két luan.

Bai III. 1) Bat t =+3x-2,t >0.
Gidi duoc t =-1 (loai); t =2 (TMDK).
Tir d6 suy ra x=2.
2) a) Xét PT hoanh do giao diém ctia d va (P), tim duoe x=-2;x =4.
Toa d giao diém 1a A(-2;1) va B(4;4).
b) PT hoanh d6 giao diém: x> —4mx—-8=0 c6 A'=4m* +8>0 vé moi m nén d ludn cat (P)
. Ta co:
2 2
(x1 —xZ) = (x1 +x2) —4xx,
=16m*+322 32 =[x, —x,[ 2 44/2.
Bai IV. 1) Chiing minh
MA? = MB.MC = MH.MO
< AMBH ~ AMOC
— MHB=MCO

— MCO + BHO = 180"
= Tu gidc BCOH ndi tiép duoc.

2) C6 MHB = MCO; MCO = CBO;

@:@:%sdﬁc

— MHB=CHO = BHA = AHC.
3) Ta cd AIKO vubdng cod
OK*+IK*=0I* =(IH+OH) = IH? + OH® + 2IH.OH
( I latrung diém caa MH)

=IH?* +OH? + MH.OH

=IH?> +0OH? + AH?

= [H?* + OA?

Suy ra IK =IH = IM < AMKH vuong gbéc o K.
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4) C6 thé chiing minh dwgc MA® = MB.MC = MB.4AMB

= MA=2MB

Do MC =4MB va D la trung diém caia MC = MD =2MB
Vay MA = MD.

C6 MA? = MH.MO < MD* = MH.MO

o —

= AMHD do6ng dang véi AMDO = MDH = MOD
Xét duong tron ngoai ti€p AHOD c¢6 MOD = %sd[/)—P\I

Vay MDH = %sdl/)?l
Suy ra MD la tiép tuyén cua duong tron ngoai ti€p AODH.
Z(x2 —x+1)+2(x+1)

5

Bai V. Ta co \/(x+1)(x2 —x+1) =

Pat a=vx?—x+1>0,b=+x+1>0

=2b
= 20" ~5ab+20* =0 < |
b=2a
+
Truong hop 1. a:2b:>x:5_;/3_7.

Truong hop 2. 2a=b=xecd.
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PE SO 31
Thi vao 16p 10 THPT, thanh phd Ha Noi - Nam hoc 2016-2017

BAI |Y | PAP AN-HUONG DAN CHAM PIEM
1 Tinh gia tri ctia biéu thirc... 0,5
Bai I Thay x =25vao bi€u thiic A 0,25
(2, . Tinh duwoc A= 1 0,25
diém) 13
2 1,0
Ching minh B= \/;JFS.
Jx+3
5 Jx N 2Jx 24 0,25
Jx-3 (Jx=3)/x+3)
Jx(Wx+3)+2x 24 0,25
B —
(Vx -3)(x +3)
g__ x+5Vx-24 0,25
(\/; - 3)(\/; + 3)
(E)(es)_ s 025
i) s
3 Tim x d€ bi€u thiec P = A.B ¢ gia tri 1a s6 nguyén. 0,5
0,25
poap. 7 Nx+8_ 7
T Jx+8 Jx+3 Jx+3
Taco 0< 7 £Z<:>0<P£Z.
Jx+3 3
Ma PeZ = Pe{l1;2}
TH1: P=1<x+3=7 < x =16 (thda man) 0,25
TH2 : P:2<:>\/;+3:%©x:i(th(’)amén)
Vay xe l'16
Yy 4 .
Bai II Giai bai toan bang cach 1ap phuong trinh hoic hé phwong trinh | 2,0
2,0 :
fiié’m ) Goi chiéu dai manh vueon hinh chit nhat [a x (m).
biéu kién x > 0. 0,25
Chiéu rong manh vuon la E(m) 0-25
x
Chiéu dai manh vuon sau khi tang 10 m la: x+10 (m) 0.25
Chiéu rong manh vuon sau khi giam 6m la 720 6 (m) 0.25
x
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Ta c6 phuong trinh : 0.25
(x+10).[@—6j =720
x
< x*+10x-1200=0 0.25
Tim duwoc x, =40 loai; x, =30 thoa man DK. 0.25
Vay manh vuon cé chiéu dai 30m, chiéu rong la 24m. 0.25
Bailll |1 Giai hé phuong trinh... 1,0
(2,0 Diéu kién xac dinh : x =1 va £ -2. 0.25
diém) 1
bat X a; =b
x-1 y+2
3a-2b=4
Tacdhe: {
2a+b=5
=2 0.25
Giai duoc 4
b=1
X 0.25
-1 =2 x=2x-2
Teds "0 e {
L y+2=1
y+2
x=2 , e aem 1 n 0.25
= , (thoa man diéu kién).
y=-
Vay hé phuong trinh c6 nghiém la (x;y) =(2;-1).
2a Chting minh (d) ludn cat (P) tai hai diém phan biét véi moi m 0,5
a) Hoanh d¢ giao diém cua (d) va (P) la nghiém cua phwong | 0,25
trinh :
x> =3x+m’ -1 x> -3x—-m*+1=0 (1)
Xét A= (-3 —4(-m*+1)=4m* +5>0,Vm 0,25
Vay phuong trinh (1) ¢6 hai nghiém phan biét véi Vm hay (d)
ludn cat (P) tai hai di€ém phan biét véi V.
2b | Tim m d& (x, +1)(x,+1)=1. 0,5
Ta c6 x,,x, la hai nghiém cua phwong trinh (1) 0,25
Suyra: x,+x,=3 va x.x,=-m"+1
(x,+1)(x, +1) = L. (x, +x,) +x,.x, =0 (¥)
Thay x,+x,=3 va x,.x, =—m"+1 vao (*) tacd :
3-m’+1=0<m=12. Viy m==2.
BaiIV |1 | Ching minh bén diém A, B,O, H cing ndm trén mot duomg tron. 1,0 |
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(3,5 diém) Vé hinh dting 0,25
+ Chttng minh dwoc
ABO =90° 025
+ Chting minh dwoc
AHO =90° 0,25
A @) + Suy ra bon diém
D A,B,0O,H cung nam
E trén mot duong | 0,25
kinh AO.
C
2 | Chiing minn 22 = B2 10
AE BE
A O
D
E
C
+ Chiing minh dugc ABD = AEB 0,25
+ Xét AABD vaAAEBcS EAB chung 0,25
+ Chting minh dwgc AABD dong dang AAEB(g.g) 0,25
AB BD 0,25
+Suyra —=——
E BE
3 | Chitng minhHK // DC 1,0
+ T giac ABOH noi ti€p suy raOBH = OAH ma OAH = HEK (do EK //
AO)
suy ra HBK = HEK . 0,25
+ Suy ra ttu giac BHKE ndi tiép. 0,25
+ Chitng minh duoc BKH = BCD ( cing bang BEH ) 0,25
+ Két luan HK // DC 0,25
4 | Chitng minh tit gidac BECF la hinh chit nhdt. 0,5
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F
D
E
C
Goi giao diém tia CE va tia AOla Q. Tia EKva CD tai diém M. 0,25
+Xét ADEM c¢6 HK // DM va Hla trung diém ctia doan thang ME .
., KE MK s CK
+ ME // PQ suy ra ti s6: — =——(cung bang —). Suy ra Ola trun
Q suy 00 op (Cung bang ==). Suy 8

diém ctia doan PQ.

+ OP =0Q;0B=0C. Suy ra tit gidc BPCQ la hinh binh hanh. 0,25

Suy ra CE // BF.
+ Chttng minh dwoc

ACOE = ABOF (g.c.g) => OE =OF

Ma OB=0C=0E=0B=0C=0E=0F
Suy ra tit giac BECF la hinh chi nhat.

Bai V Tim gid tri I6n nhit cia P=x+y. 0,5
0,5 Diéu kién x> -6 va y>-6.
diém) Tl gia thiétta cOP =vx+6 +y+6

Nén P20 va P*=P+12+2,/(x+6)(y+6)

Mat khac theo C6 - si, ta co:
P*=P+12+2,/(x+6)(y+6) < P+12+x+6+y+6
< P?-2P-24<0

& P*-2P+1<25 (P-1) <25=P<6

X+6=y+6 x=3
=
X+y=6

0,25

(thdéa man diéu kién)

P=6 khi{

Vay gid tri 1én nhat P bang 6 khi x =y =3.
Tim gid tri GTNN ctia P=x+y. 0,25

Tacd P20 va P> +12+2,/(x+6)(y+6)
Vi J(x+6)(y+6)20 0,25
= P*-P-1220<(P-4)(P+3)=0
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=P>4viP>0nén P+3>0

=—6 =10
P=4khi | hoac * (thoa man diéu kién)
y=10 y=-6

=—6 _ |x=10
Vay gia tri nho nhat P bang 4 khi { va { 6
y=10 y=-

Luu y:

- Diém toan bai dé’lé dén 0,25.

- Cdc cdch lam khic néu diing van cho diém ti da.

- Bai IV: Thi sinh vé sai hinh trong pham vi cdu nao thi khong tinh diém cdu do.

Loi giai cac khac Bai V:
Cidch 1. Chttng minh:

(a+b)2 32(a2+b2);P:x+y:\/x+6 +Jy+6.
Vi P>0.Xét P*=(Vx+6 +,/y+6)2 <2(x+y+12)

= P*<2P+24 < -4<P<6.
Vay GTLN ctia P=6 khi x=y=3.

x+15:> x+6£x+15 v

Cich 2. Ta c6 \/(x+6).9 <

Jy+6) 9<y = Jy 6<y+15

x+y+30

=S P=x+y< —P<6

Vay GTLN ctia P=6 khi x=y=3.

Vx+6 =

y+6=>b

CdchS.Dét{ =a’—6+b>—6=a+b

:(a+b)2—2ab:u+b:12
= P*-P-12=2ab= P*-2P-24<0

. (a+b)2
(Vl ZabST) = P<6
Vay GTLN ctia P=6 khi x=y=3.
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PE SO 32
Thi vao 10 THPT, Thanh phd Ha Noi - Nam hoc 2015-2016

BAI |Y|PAP AN- HUONG DAN CHAM PIEM
Bail |1 | Tinh gia tri cta biéu thikc... 0,5
(2,0 Thay x =9 (thoa man diéu kién) vao bi€u thirc P. 0,25
diém) Tinh dwoc P =12. 0,25

2 | Rt gon biéu thitc Q 1,0

Vx=1,  5Ux-2 0,25
Jx +2 (\/;+2)(«/§—2)

Taco: Q=

(Vx=1)(Vx-2)+5¢x -2 0,25

x—4

o x+2Wx 0,25

) (\/;—2)(\/;+2)

I 0,25
CUx-2

3 | Tim gia tri nho nhat... 0,5

0,25

P x+3 3
Tacd: —=———=Vx+—
Vx VX

Theo bat dang thitc Co-si, ta co:

\/;+%22\/§

Dau bang xdy ra khi va chi khi 0,25

Jx === & x = 3(Thoa man diéu kién).

Jx

Vay gia tri nhé nhat cua g 1a 24/3 , dat duwoc khi x =3.

BAI Y | DAP AN - HUONG DAN CHAM PIEM
Bai II Giai bai toan bang cach 1ap phuong trinh hoic... 2,0
(2,0 Goi van toc ctia tau tuan tra khi nude yén lang la x (km/gio), x>2. | 0,25
diém)

Thoi gian tau tuan tra nguwoc dong la 60 (gi0) 0,25

X f—
Thoi gian tau tuéan tra tréi xudi dong la 482 (gi0) 0,25
X +
Ta c6 phuong trinh 0 _48 _ 1. 0.25
X—2 x+2
Dua vé phuong trinh bac hai x* —12x-220=0. 0,25
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Giai phuong trinh dugc: x =22 (tmdk) hoac x =-10 (loai) 0,5
Vay van toc ctia tau tuan tra khi nudc yén ldng la 22 (km/gio) 0,25
Bai III |1 | Gidi hé phwong trinh... 1,0
(2,0
diém)
DKXD: x > -1. 0,25
. la=x+y 2a+b=4
bat -
b=x-y |a-3b=-5
. _ a=1 0,25
Giai hé phuong trinh trén ta duoc: bes
X+y= 1 x=3 0,25
Tk do: = (thoa man dkxd)
Vx+1=2 y=-2
K&t luan: Hé phuong trinh ¢6 nghiém (3;-2) 0,25
2a | Chttng minh phwong trinh luén c6 nghiém 0,5
Tacé A=(m+5) —4(3m+6)=(m-1) 0,25
Vi (m-1)*>0Vm=A>0Vm= diéu phai chtmg minh. 0,25
2b Tim m d€ phuong trinh ... 0,5
Tim dwoc hai nghiém x, =3,x, =m+2. 0,25
X =3>0
Yéu cau bai toan <> < x,=m+2>0
X +X,> =25 (%)
Giai (*) duwgc m =2 (chon) 0,25
Hoacm=-6 (loai)
Két ludn m=2 la gia tri can tim.
Bai IV 1 Ching minh t¢ giac ndi tiép ... 1,0
( 3,5 0,25
di€m) .

Chitng minh dugc AMD = 90° 0,25
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Ta cé: EM 1L OM (Vi AENO = AEMO va EN L ON).
= N,C,0,M clung thu¢c mot duong tron.

Vi ACD = AMD =90°nén M,C thudc duong tron duong kinh | 0,25
AD.
Két luan ACMD la t& gidc noi ti€p. 0,25
2 Chttng minh CA.CB = CH.CD 1,0
Xét hai tam giac CAH va CDB ta co: 0,25
ACH = DCB =90°
Mt khac CAH =CDB ( vi cung phu goc 0,25
CBM ) @
Tt (1) va (2) = ACAH va ACDB dong dang. 0,25
Tt d6 CA.CB = CH.CD (diéu phai chttng minh). 0,25
Chiitng minh ... 1,0
— I [
*) Chitng minh A, N, D thing hang 0,25
Chttng minh dwoc H 1a truc tam AABD
= AD 1 BH
Vi AN L BH va AD L BH nén A, N, D thang hang 0,25
*) Chikng minh tiép tuyén tai N ... 0,25
Goi E la giao di€ém ctia CK va ti€p tuyén tai N
Tacé6 BN L DN,ON L EN = DNE = BNO
Ma BNO = OBN,0BN = EDN => DNE = EDN
— ADEN can tai E = ED = DN 3)
Ta cé
ENH =90°— END =90°~ NDH = EHN
— AHEN can tai E = EH = EN () 0,25
Tt (3) va (4)= E la trung di€ém ctia HD ( diéu phai chitng minh).
Chitng minh MN luén di qua diém cd dinh 0,5
Goi I la giao difm ctia ntta dwong tron véi T la tiép di€m
= IN.IM = IT? (5) 0,25

Lién hé tai liéu word toan zalo: 039.373.2038

101




Website: tailieumontoan.com

= IN.IM = IC.IO (6)

Tir (5) va (6) = IC.I0 = IT> = AICT va AITO déong dang. 0,25
=CTLIO=>T=K=1 la giao diém cuta tiép tuyén tai K cuia ntra
duong tron va dwong thing AB=1 c6 dinh = diéu phai ching

minh.
Bai V Tim gid tri I6n nhdt ... 0,5
(0,5 diém ) Tacd a* +b* =4 = 2ab=(a+ b)2 —4 0,25
+bh) -4
Y Cail) M S
a+b+

Tacc'):a+b£1/2(a2+b2)=2\/§:>M§\/§—1. 0,25

D&u bang xay ra khi va chikhi a=b=+/2.
Vay gia tri 16n nhat cia M bang +2 -1 khi a=b=+/2.

Chii y:
1) Hoc sinh c6 cach giai khdc ma van dtng thi Gidm khéo th6ng nhat chia diém dwa
vao huéng dan chdm cho y d6.
2) VéibailV, hoc sinh khéng c6 hinh vé twong ting thi khong cho diém.
3) Van dung huéng dan cham chi tiét dén 0,25. Khong lam tron diém bai thi.
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PE SO 33

Thi vao 16p 10 THPT, Thanh phd Ha N¢i - Nam hoc 2014 — 2015

BAI |Y |PAPAN-HUONG DAN CHAM PIEM
Bail 1 Tinh gid tri ciia biéu thifc A tai x =9 0,5
2,0 Thay x =9 vao biéu thize A 0,25
diém) Tinh dwoc A =2 0,25

2a | Chitng minh P = ... 1,0
Véi diéu kién x > 0,x =1 ta co: 0,5
p_ X-2+ Vo Jx+1
Jx (\/; + 2) Vx-1
) G
Jx (\/E + 2) Jx-1
Jr+1 0,25
= dpcm
N (dpem)
2b | Tim gia tri caa x dé ... 0,5
0,25
Vi x>0, %1, duave 2 oy s
Jx
o (Vx+2)(2vx-1)=0
Vi\/z+2>0,Vx>0,x¢1:>\/_:%. 0,25
Két ludn x = l
4
Bai II Gidi bdi todn bang cdch ldp phuong trinh 2,0
2,0 Goi s6 san pham phan xwong lam mdi ngay theo k& hoach 1a x | 0,25
diém) (san phdm), (x e N*).

S6 san phdm phan xwdng 1dam mdi ngay trén thuc t& 1a x+5 0.95
(san pham). ’

" A : . ~ . 2 1100
Theo ké hoach phan xwdng san xuat 1100 san pham trong 025

X ’

(ngay);

Nt . N N 1100
Thuee té€ phan xudng hoan thanh ké hoach trong i5 (ngay). 0,25

X+
Lap luan ra dugc phwong trinh 1100 _ 1100 =2 0,25
X  x+5

Bién ddi vé phuong trinh x* +5x —2750 =0 0,25
Giai phwong trinh duwoc x;, =5—; x, =-55. 0,25
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Vay theo k& hoach mdi ngay phan xuéng lam dwoc 50 san 025
pham ’
Bailll |1 o .
Giai hé phuong trinh... 1,0
(2,0
diém) N
Diéu kién xac dinh: x#-y, y = 1. 0,25
. .1
Tim dwoc =1va =1 0,55
x+y y-1
Két luan: hé phuong trinh c6 nghiém (x,' y) = (—1; 2) 0,25
2a | Xgc dinh toa d6 giao diém ... 0,5
Hoanh d¢ giao diém cuaa (d) va (P) la nghiém ctia phuong 0.5
trinh x* =-x+6. ,
Gidi phuong trinh trén duoc 2 nghiém x, =-3; x, =2 = 2 giao
, 2
diém (-3;9),(2;4). 02
2b f .
Tinh dién tich tam gidc ... 0,5
Gia st A(—3;9),B(2;4). Chira A, Bnam & hai phia cta Oy. Goi 0.5
[1a giao di€ém ctia (d) va Oy. Lap luan dwoc S, ,; =S, + S '
1
= E‘yl‘.(‘xA‘ +|x,[) =15 (dvdt). 0,25
BaiIV |1 ) e e e
35 Chiitng minh tir gidc AMBN la hinh chit nhdt 1,0
diém) A
N
H
@)
0,25
M
Q E B I F P
Vé hinh ding cau a
Chtmg minh dugc MAN =90°, AMB =90° va ANB =90°. 0,5
Xét tir giac AMBN c6 ba goc vuong, nén ti giac AMBN la hinh
o 0,25
chi* nhat.
2 .
Chitng minh 4 diéem M, N, P, Q cung thuéc mot duong tron. 1,0
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Chting minh duoc AMN = ABN 0,25
Chting minh duoc ABN = NPQ = AMN = NPQ 0,25
Xét tt giac MNPQ c6 NPQ+NMQ = AMN + NMQ = 180° 0,25
Két luan 4 diém M, N, P, Q cung thudc mot dwong tron. 0,25
3 | Chitng minh F 14 trung diém... 1,0
Chttng minh dwoc OF OF / / AP. 0,25
Suy ra duoc F la trung diém cta BP. 0,25
Chttng minh dwoc EM 1 MN. 0,25
Chiing minh twong te FN L MN.Suy ra EM //FM.
0,25
4 | Xac dinh dwong kinh MN... 0,5
Synra =S o —Saun- Ve AH L MN tai H thi
S iun = %.AH .MN =R.AH < ROA = R*. Déng thtrc xay ra khi H triing | 55
voi O hay MN vuodng goc AB.

Goi I la trung diém cua PQ. Co PQ=2AI

=S ,p0 = ABPQ _ )R Al>2RAB=4R’. Déng thiic xay ra khi I trung

voi B hay MN vudng goc AB. 0,25
Sunro = Saro =Saun 2 4R* —R* =3R".

Vay minS, ., = 3R* dat duoc khi MN vudng gdc AB.

Chiing minh bat ding thifc... 0,5

Thay 2=a+b+c ta co:
Qz\/(a+b+c)a+bc +\/(a+b+c)b+ac +\/(a+b+c)c+ab

:\/(a+b)(b+c)+\/(b+c)(c+a)+\/(a+c)(c+b)

0,25

Str dung bat dang thirc Co-si ta c6:

0,25
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a+b)+(a+c)

(a+b)(u+c)£( 5 (1)

(b+c)+(b+a) )

(3)

4(a+b+c)

(b+c)(b+a) <

c+a)+(c+b)

(c+a)(c+b)£(

Tt (1),(2),(3) suy ra Q< =4.

Vay max(Q =4 dat dwoc khi a:b:c:%

Chii j khi chdm:
- Thi sinh cd cich gidi khic ma diing thi gidm khdo thong nhat chia diém dwa vio hudéng din
chdm cho y dé.
- Bai IV hoc sinh ¢6 hinh vé twong itng thi khong cho diém.
- Vian dung hwéng din chim chi tiét dén 0,25. Khong lam tron diém bai thi.
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PE SO 34
Thi vao 16p 10 THPT, Thanh phd Ha N§i-Nam hoc: 2013-2014
BAI |Y |DPAPAN-HUONG DAN CHAM PIEM
Bail |1 Tinh gia tri ctia A khix =64 0,5
(2,0 Thay x =64 vio biéu thirc A. 0,25
d4ie
iém) Tinh duoc A :% 0,25
2 Rt gon biéu thirc B 0,75
V6i diéu kién x>0, ta co: 0,25

Jx-1 2+l

B= +
JroJx(Vae)
5 x+2x _\/;+2 0,25x2
Jx (\/; + 1) Jx+1
3 Tim x d€ .... 0,75
0,25
Tinh duoc 2 = Vat1
Jx
V(’yix>0,tacé%>%<:>...<:>x<4 0,25
Kétluan: 0<x<4 0,25
Bai II Giai bai toan bang cach lap phuong trinh 2,0
(2,0 Goi van toc luc di 1a x (km/h) (diéu kién x > 0) 0,25
diém) Van téc lac vé 1a x+9 (km/h) 0,25
Thoi gian lac dila—2 (gio); 0,25x2
X
v 90
Thoi gian lac vé la (gio)
x+9
Tong thoi gian ca dilan vé 1a 4,5 gio. 0,25
Phuong trinh 2 + 0 _ 2 Bién d6i vé phuong trinh 0,25
x x+9
x> —31x-180=0
Giai phuwong trinh duoc: x, =36;x, =5 (loai) 0,25
Vay van toc ctia xe may ltc di tir A dén B 1a 36 km/h 0,25
Bailll |1 Giai hé phuong trinh... 1,0
(2,0 = Sx+4y=1 0,25
didm) Dua hé vé dang {3x _2y=5
a1 A . x=1 0,25
Giai hé phuong trinh ta dwoc 1
y=-
Két luan: Hé phuong trinh ¢6 nghiém (1; —1) 0,25

Chii ij: C6 thé giai hé bang cach dit a=x+1;b=x+2y va dua vé
hé méi (0,25 diém)
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Giadira a=1;,b=-1 (0,5 diém)
Tim dwoc x =1,y =-1 (0,25 diém)
2a | Xac dinh toa do giao diém.... 0,5
3 0,25
Véim=1=(d):y=x+— ’
(d):y=x+3
Pua phwong trinh hoanh d¢ giao diém cuaa (d) va (P) vé:
x> -2x-3=0
Giai phuong trinh trén ta dwoc x, =-1;x, =3 0,25
= 2 giao diéfm 1a A —1,'l ,B 3;2
2 2
2b Tim cac gid tri chtam .... 0,5
Pua phuong trinh hoanh d¢ giao diém cuaa (d) va (P) vé: 0,25
x> —2mx+m’ —-2m—-2=0
D& (d) cat (P) tai hai diém phan biét thi A'=2m+2>0 < m> -1
Ta co: x, +x, =2m va x,x, =m" —2m—2 0,25
|x1 —x2| =2& (x1 +x2)2 —dxx, =4 m= —% (thda man)
Két luan:
Cau y Hudng dan giai Diém
BaiIV |1 Chitng minh tir gidc AMON ngi tiép
3,5
diém)
0,25
Vé hinh cau 1 dung
AMO = ANO =90° (tinh chat ti€p tuyén) 0,25
— AMO+ ANO =180". 0,25
Ma hai goc nay 0 vi tri d6i nhau nén tit gidc AMON ndi tiép. 0,25
2 Chitng minh AN?* = AB.AC . Tinh d¢ dai dogn thing ... 1,0
ANB = BCN = AANB ~ AACN(g - g) 0,25
= AN? = AB.AC 0,25
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Thay s6 AN = 6cm, AB = 4cm tinh dwge AC = 9cm suy ra BC = | 0,5

Scm.
3 Chirng minh MT va AC song song . 1,0
Ta cé6 MTN = AON (1) 0,25

4 diém A, O, I, N cung thudéc mot duong tron duong kinh AO | 0,25
suy ra AON = AIN (2)

Tir (1) va (2) suy ra MTN = AIN 0,25
Suy ra MT//AC ( hai gbc dong vi bang nhau) 0,25
4 Chitng minh K luén nam trén mot dwong thing cd' dinh . 0,5

Goi H la giao diém cua AO va MN. Chting minh AB.AC =

AH.AO 0,25
= AABH -~ AAOC(c.g.c) = AHB=ACO va t& giac BHOC noi
tiép.

T gidac BKCO néi ti€p nén B, H,O, C, K cung thudc duong tron | 0,25
duong kinh OK= OHK =0BK =90° = KH 1 AO. Vay K thuoc

duong thang MN c8 dinh .
Bai V Chitng minh bit ding thikc ... 0,5
0,5 Twr dé bai ta suy ra 0,25
diém) 111 1 1 1

—+—+—+—+—+—=6.

a b ¢ ab bc ca
Tt bat dang thiec a® +b* > 2ab ta duoc :

(—+1)+(—+1)+(—+1)>2(1+;+1) (1)

1 1 1 1 1 0,25
2(=+—+ (=+— ’
(a2 b’ c2) a ) ( c) ¢’ az)
> 2(—+l+—) (2)
ab ac
Cong vé vai vé (1) va (2) ta cd
1 1 1
—+5+523
a b
Dau dang thic xay ra khi va chi khi a=b=c=1.
Chit yj khi chdm
1) Thi sinh ¢6 cach giai khac ma dung thi giam khao thong nhat chia diém dua vao hudng
dan chdm cho y dé.

2) Bai IV : Hoc sinh khong ¢6 hinh vé twong ting thi khong cho diém.
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PE 5O 35
Thi vao 16p 10 THPT, Thanh phd Ha N¢i-Nam hoc 2012-2013
BAI |Y | PDAPAN-HUONG DAN CHAM PIEM
Bail |1 Tinh gid tri cua A khi x =36 0,75
2,5 Thay x =36 vao biéu thiic A 0,25
diém)
Tinh dwoc A = Z 05
2 Riit gon biéu thiic B. 1,0
Véi diéu kién dé cho:
B x+16 x+16
(Va+4)(vx-4) Vx+2 05
Cx+16 Vx+2
S x-16 x+16 0,25
Jx+2 0,25
~x-16"
3 Tim x nguyén... 0,75
Jx+2(x+4
B(A-1)= [ —1]
x=16 | fx +2 005
Jx+2 22 '
x-16 Jx+4+2 x-16
Lap luan suy ra duoc: 0,25
x-16=1, x-16=-1; x-16=2; x-16 =-2.
Két luan: x nhan cac gia tri 17;15;18;14. 0,25
BAI Goi thoi gian d€ nguoi thit nhat lam mot minh xong cong viéc la:
11 x (gid). 0,25
(2 Thoi gian d€ nguoi thit hai lam mot minh xong cong viéc la :
diém) x+2 (gio), diéu kién x> 0. 0,25
Trong 1 gio ngwoi tht nhat lam dwoc % (cOng viéc).
Trong 1 gio ngwoi thit hai lam dwoc (cong viéc). 0,25
Trong 1 gio ca hai ngwoi lam dwoc 1 :E -2 (cOng viéc)
5 12 0,25
Lap luan di dén phuong trinh: 1 + 1 _ =N 025
x x+2 12
Bién d6i dan dén phuong trinh 5x° —14x-24=0. 0,25
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Giai phwong trinh duoc: x, =4,x, = —g. 0.95

Loai nghiém x, va tra 10i nguwoi tht nhat lam mot minh xong
cong viéc trong 4 gid, ngudi thir hai 1am xong mdt minh xong | 0,25
cong viéc trong 6 gio.

Bai |1 Giai hé... 0,75
1 bt x ol yo L pegpe | 2XFY =2
at X=—,Y=— tacod hé
(15 ' X y 6X-2Y =1 0,25
diém) ] 058
Giai hé ta duwoc X:E,Yzl. !
Kétluan: x=2; y=1. 0,25
2 Tim gid tri ciia m dé... 0,75
A=4m*+1>0 voi Vm nén phuong trinh ludn cé hai nghiém
x,,x, phan biét v6i moi m. 0,25
Theo dinh ly Vi-ét :
x12+x§=7<:>(x1+x2)2—2x1x2:7 0.25
& (4m-1)" ~2(3m ~2m) =7
< 5m* —2m-3=0.
0,25
Kétluan m=1,m= —%.
Bai |1 Chitng minh CBKH ld ti# gidc ndi tiép. 10
v Vé hinh cau 1 dung. 0,25
(3.'5) Q M < XC\B =90° (géc ndi tiép
diem) H chan nira duong tron). 025
P E HKB=90° (K 1a hinh|
chiéu cta H trén AB).
A P B Xét te giac CBKH cé
HCB+ HKB 0,25
=90°+90° =180°.
V.a’y tl}). gflc CBKH 1a tt 0.25
glac no1 tiep.
2 Chifng minh MCA = ACK 1,0
MCA = MBA (1) (g6c ndi tiép chan cung AM ). 0,25
ACK = MBA (2) (do CBKH 1a tix gidc ndi tiép). 05
T (1) va (2) suy ra MCA = ACK. 0,25
3 Chitng minh tam gidc ECM vudéng cin tai C. 1,0
Chitng minh dwoc : AMAC = AEBC (c -9- c) . 0,25
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Suy ra MC =CE hay tam gidc ECM can tai C (3) 0,25
CME = 45° (4). 0,25
Tk (3) va (4) suy ratam gidac ECM vudng can tai C. 0,25
4 Chiing minh PB di qua trung diém ciia doan thing HK . 0,5
Theo gia thiét 20 _g— A2 _O4
MA MB
Ma PAO = AMB=90°. 0,25

Do d6 APAO «» AAMB.

= POA = ABM =90° = PO | MB.

Goi Q la giao diém caa BM va d. Vi O la trung di€ém AB nén P
la trung diém AQ (5).

, 0,25
HK I AQ (6) Twe (3) va (4) suy raPB di qua trung diém cta
doan thang HK.
Bai v Nhan xét: Voi 420,020 tacb a+b>2ab.
( Py’ x 3x [ x
diém) mM=2*Y Xy X gx. ¥
xy y x 4y 4y «x 0,25
Tacod: —+Z>2 | = Lo
4y «x 4y x
Mat khac x22y:>£2§.
4y 2
‘ 5 . . 5
Do d6 MZE.Khl x =2y thi M=E. 0,25
Vay gia tri nhé nhdt caa M la g
Chii j khi chidm:

1) Thi sinh phdi ldp ludn ddy du moi dwoc diém t6i da.

2) Thi sinh c6 cich gidi khic ma ding thi gidm khdo thong nhit chia diém dwa vio hwéng din
cham cho y do.

3) Gidm khdo vin dung hwéng dan chim chi tiét dén 0,25 diém va khong lam tron diém bai
thi.
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