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@), Toém tat kién thuc
®. SO PO KHAO SAT HAM SO

@. Tim tap xac dinh cga ham s6.
@. Khdo sat su bién thién cla ham so:
@ Tinh dao ham y. Tim cac diém tai dé y bang 0 hodc dao ham khong ton tai.
@ Xét dau y dé chi ra cac khodng don diéu ctia ham so.
@ Tim cuc tri cila ham sé.
o Tim céc gidi han tai vb cuc, gigi han v6 cuc va tim tiém can cta do thi ham
sO (néu co).
@ Lap bang bién thién cda ham so.
®. V& do thi cia ham s6 dua vao bang bién thién.
= Chu y: Khi vé do thi, nén xac dinh thém mot sé diém dac biét cla do thij,
chang han tim giao diém cla dé thi v3i céc truc toa dod (khi c6 va viéc tim

®. KHAO SAT VA VE PO THI HAM SO PA THUC BAC BA

r

%

o

o

Chu y: D6 thj cia ham s6 bac ba y=ax’+bx’*+cx+d(a#0):
m

C6 tam déi xtiing la diém c6 hoanh do thod man y =0,

hay XZEI

Khong cé tiém can.
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-

ax+b
# —bc#
cx+d(c 0,ad—bc#0)

a) Ham sé phan thuc y=

ax+b )
p— (c#0,ad—bc#0) :

@ Chu y: DO thi cia ham sé phan thic y=

@ Nhén giao di€m cua tiém can ddng va tiém can ngang lam tdm déi xing;

@ Nhan hai dudng phan giac cla cac géc tao béi hai duong tiém can nay lam
cac truc doéi xung.

ax2+bx+c(

e a#0,p#0, da thuc td khéng chia hét

b) Ham s6 phéan thic y=
cho da thuc mau]

2
 Chu y: DO thi ca ham sé phan thirc yZ%bX-FC(a#O,p#O, da thirc t& khéng

N X+(
chia hét cho da thic mau):

@ Nhén giao di€m cua tiém can ddng va tiém can xién lam tdm déi xing;

(®. Phan dang todan co ban

‘Dang ©: Khao sat su bién thién va vé dé thi ham sé

r=Cac vi du minh hoa

Cau 1: Khdo sat sy bién thién va vé do thi ciia ham s6 y=—x*+3x*—4.
Loi giai

¢ Tap xac dinh cua ham s6: R.

+ Su bién thién:

¢ Tacod: y=—3x’+6x. Vay y =0 khi x=0 hodc x=2.

+ Trén khoang (0;2), y >0 nén ham s6 dong bién. Trén cac khoang (—0;0) va (2;+0), y'<0 nén ham

s0 nghich bién trén moéi khoang do.
* Ham so dat cuc tiéu tai x=0, gia tri cuc tiéu Yor=—4.
* Ham so dat cuc dai tai x=2, gia tri cuc dai Y p=0.

+ (G161 han tai vo cuc:
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. . 3 4 . . 3 4 R
o lim¢,  _,y=lim cxﬂ_wx?’ —1l+=——|=+;lim{, ,,y=lim (,Xﬂ+oox3 —l+=——|=— 06666
X X X X
+ Bang bién thién:
X — +0
r _ + _
_4 e

* D6 thi

* Giao diém ctia dd thi ham s véi truc tung 1a diém (0;—4).

*Tacod y=0 = —x"+3x°—4=0 = —(x—2)*(x+1)=0 = x=—1 hodc x=2.

* Do d6 giao diém cua dd thi ham sb véi truc hoanh 1a cac diém (—=1;0)va(2;0).

* D6 thi ham s c6 tim ddi xung 1a diém (1;-2).

Cau 2: Khao sat su bién thién va v& dd thi caa ham sb y:x3—2x2+2x— 1.

Loi gidi
* Tap xac dinh cia ham sé: R.
+ Su bién thién:
¢ Tacéd: y=3x"—4x+2. VAy y >0 v6i moi x ER.
* Ham s dong bién trén khoang (—oo;+).

+ Ham so0 khong c6 cuc tri.

.. o e 3 2 2 1
+ Giéi han tai vo cyc: lim ¢, y=lim¢,  _ x|1-=+=5——=
X x X
. . 3 2 2 1
¢ lim y=lim x’|1-=+=—— |=+x
X > +00 X > +00 X X X

+ Bang bién thién:

:—00(;(';;
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+ D6 thi (H.1.29):
-}f -
e S
1 M A
<
1 D ?’l 15 1 3
| NN s o t--l"*; 2
27
‘I N
T-2

[ A R R T8
1l

1 1.£%
* Giao diém cta do thi ham s6 véi tryc tung 1 diém (0;—1).

*Tacd y=0 e x’—2x°+2x—1=0

= (x—l)(xz—x+1)=0 = x=1.
¢ Do d¢6 giao diém cta d6 thi ham s voi truc hoanh 1a diém (1;0).

2.7
3’ 27

Cau 3: Khao sat va vé& d0 thi cta ham s6 y=x>—3x’+2.

A s 1A A 7oA Ao \ gr R 2
¢ Po6 thi ham s6 ¢6 tam doi xing 1a diém (

Loi gii
¢ Tap xéac dinh: R.
* Sy bién thién:

¢ Chiéu bién thién:

* Pao ham y =3x’~6x;y =0 - x=0 hodc x=2.
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+ Trén céc khoang (—o0;0) va (2;+00), y' >0 nén ham s6 dong bién trén mdi khoang do.
* Trén khoang (0;2), y'<0 nén ham sb nghich bién trén khoang do.

¢ Cuyc tri:

» Ham sd dat cuc dai tai x=0 va yp=2.
» Ham s6 dat cuc tiéu tai x=2 va Yor=—2.

¢ Cac gio61 han tai vo cuc:

o lim y= lim x’ 1—§+£3 =—o00; lim y= lim x° 1—§+£3 =+00
X > —0 X —»—0 X x X — +00 X -+ X x
+ Bang bién thién:
X |- 0 2 o0
V' + 0 - 0 +
2 /-I—%
b o / \ -2

* D) thi:

* NKhi x=0 thi y=2 nén (0;2) 1a giao diém cta dd thi véi truc Oy.

*Tacd y=0 = x’—3x*+2=0

¢ - x=1 hodc x=1-+3 hoac x=1+V3.

* Vay db thi cua ham sb giao véi truc Ox tai ba diém (1;0), (1++v/3;0),(1—+/3;0).

+ Piém (0;2) 1a diém cuc dai va diém (2;—2) 1a diém cuc tiéu cua dd thi ham sé.
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=Y

Hinh 1

* D) thi ctia ham s6 d3 cho duogc biéu dién trén Hinh 1.
+ Db thi cua ham sb c¢6 tam ddi ximg 1a diém I1(1;0).

‘Dang ©: Khao sat su bién thién va vé doé thi ham sé phan thuc hitu ti
tCac vi du minh hoa

n . X U S £ x+1
Cau 1: Khao sat sy bién thién va v€ do thi ciia ham s6 y:x .

Loi giai
* Tép xéac dinh cia ham sb: R | {2},
+ Sy bién thién:

¢ Ta co: YVZWQ) vOi moi x#2.

+ Ham sb nghich bién trén timg khoang (—o0;2) va (2;+).

+ Ham s6 khong co cuc tri.

o Tiém can: 1M ¢ ymme T
lim x+1 lim x+1
. lim y:xH+00 =1; lim y:L:l
X = 400 X_ X > —00 X_2

* Do d6, dd thi ciia ham s6 ¢6 tiém can ding 1a dudng thang x=2, tiém can ngang 1a dudng thang

y=1 | .
=’ GIiA0 VIEN:..ivveeeiiinnes 7 . (EE Y X > ) I
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+ Bang bién thién:

¥ 1 o0
\ B \ 1

* D6 thi (H.1.30):

Ya
'El" I|
4.4
2]
= a —
— . | R
B -4 23R 4 B B"
21\ |
4. | | =
1
.'I |I|:‘.".|.rl.I f-:.?'r.-l

. <R N A . N A ,o \ + R 1
¢ Giao diém cua do thi ham s6 véi tryc tung 1a diém (0 ; _E)

+ Giao diém cua do thi ham sb véi truc hoanh 1a diém (—1;0).
+ D) thi ham s6 nhan giao diém ¢(2; 1) cia hai duong tiém can lam tdm d6i xing va nhan hai duong

phan gidc cua cac goc tao boi hai duong tiém can nay lam truc doi xung.

2
A X FeoN o~ aA 1t \ e X —x—1
Cau 2: Khao sat va vé do thi cua ham so y=—2
x—
Loi giai

* Tép xéac dinh cua ham sb: R | {2].

. . . 1
¢ Su bién thién: Viét y=x+1+ >

1 X’—4x+3 x’—4x+3 5
(X_2)2: (x—27 .Vayy=0=>W=0=~x:1hoacx:3.

e Tacd:y=1—

* Trén cac khoang (—o0;1) va (3;+00), y'>0 nén ham s§ dong bién trén timg khoang nay.
S ] 1 Yo I/ -1 8 ) (EE Y X > ) I
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* Trén cac khoang (1;2) va (2;3), y' <0 nén ham s6 nghich bién trén timg khoang nay.

* Ham so dat cuc dai tai x=1 vdi Yce=1; ham s6 dat cuc tiéu tai x=3 vdi Yor=>5.

1
2 x—1——
. . Xx—x-1_.,. .
11II1(Jxﬂf(my:lll‘l'l()Xﬁfoo—:h[n(,Xaim—:_oo;()c(J
x—2 2
1-%
X
2 X—l—l
. . X—x—-1_ .. . X
limé, L y=limé, ,,————=lim{, ,,——F—=+00(60.
x—2
1__
X
¢ Tiém can: Hm &, 2yt bt e, o L
lim 1 lim 1
lim [y—(x+1)]=*"—=0; lim [y—(x+1)]=="-=0
lim [y—(x+1)]==75-=0; lim [y—(x+1)]="=5

* Do d6, dd thi ham sb co tiém can dtmg 1a duong thfmg x=2,
* tiém cén xién 1a duong thing y=x+1.

+ Bang bién thién:

* D6 thi (H.1.31):
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Hinh 1.31

. A 5 A . \ A re \ + R ]-
¢ Giao diém cua d6 thi ham s6 véi tryuc tung 1a diém (0 N 5)

2_x—1 1-+/5 1+5

*Taco y=0+~ X—2=0 = X= 5 hoac XZT. Do do giao diém cta d6 thi ham sd vdi truc
X —
hoanhlacacdiém(l_z—@;o)va %ﬁ;o).

+D06 thi ham sb nhan giao diém I ( 2; 3) cua hai duong ti¢m can lam tam ddi xtrng va nhan hai duong

phan gidc cua cac goc tao boi hai dudng tiém can nay lam cac truc doi1 xing.

2
X +x—2

Cau 3: Khao sat sy bién thién va vé do thi cua ham so y= ")
X

Loi giai
* Tap xac dinh cia ham s6: R | {—1}.

+ Sy bién thién:
* Viét 2 taco Y =120 véi moi x#— 1
=X—— = _— _
ety 1 o (x+1)2 vG1 moi x )

» Ham s6 dong bién trén timg khoang (—oo;—1) va (—1;+00).

¢ Ham s6 khong co cuc tri.

-’ GIA0 VieN:...ccciiinins 10 (T3 > ) PR
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2
. . X +x-2 .. . X
elimé,  _y=lim¢,  ————=lim¢,  ————=—0;000
x+1 1+l
X
2
. . X +x—-2 .. . X
elimé, ,,y=lim¢, ,,———=lim¢, , ,————=+00((0.
x+1 141
X
I ~_ lim ¢ - L b
* Tlem can: x-—1 y:hmbhﬁr[k 2 | votimi, o Hwoo ;

x+1

=0; lim [y—x]= lim =0

X —» —00 X - —00

X+

¢ lim [y—x]=lim

X -+ X -+

* Do d6, dd thi ham sb c6 tiém can ding la duong thfmg x=—1, tiém can xién la duong théng y=X.

+ Bang bién thién:

* D thi (H.1.32):

_],-".l

2l

2)

O

4
-2
(L4
f T
{

|

Hindi 1.32

+ Giao diém cta do thi ham sd véi tryc tung 13 diém (0;-2).

— i cT - To IAV/ T=1 o A 11
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2
X +x—2

1 =0 < x=—2 hodc x=1. Do d6 giao diém cta d6 thi ham sd voi truc hoanh 1a
X

¢+ Taco y=0+«
cac didm (—2;0) va(1;0).

+ D) thi ham s6 nhan giao diém ¢ ( —-1;- 1) cua hai duong ti€ém can lam tam dbi xting va nhan hai

duong phan giac ctia goéc tao bdi hai duong tiém can nay lam céac truc doi xing.

‘Dang ©: Ung dung thue té
=Cac vi du minh hoa

Cau 1: Gia str s0 lugng ciia mot quan thé nam men tai moi trudng nudi cdy trong phong thi nghiém

a .. , Y .y C e 2R
bie 070 trong do thoi gian t dugc tinh bang gio. Tai thoi diem
e

duge mo hinh hoa bing ham s P(t)=
ban dau t=0, quan thé c6 20 té bao va ting véi tbe do 12 té bao/gio. Tim cac gia tri cia a va b. Theo
mo6 hinh nay, diéu gi xay ra v6i quan thé ndm men vé lau dai?
Loi gii
_0,75aa >

* Ta co: P’(f)—m,tzo.

* Theo dé bai, ta co: P(0)=20va P (0)=12.

a
——=20 =
el a=20(b+1)

¢ Do do, ta c6 hé phuong trinh: 0 754 =i 15 12

12 =
(b+1)2 b+1

. 1
+ Giai hé phuong trinh nay, ta dugc a=25 va b:Z'

Céu 2: Gia st chi phi C(x) (nghin dong) dé san xuat x don vi cia mot loai hang hod nao dé dugc cho
boi ham s6 C(x)=30000+300 x—2,5x°+0,125 x°.

a) Tim ham chi phi bién.

b) Tim C (200) va giai thich ¥ nghia.

¢) So sanh C'(200) véi chi phi san xuat don vi hang hoa thir 201.
Loi giai

a) Ham chi phi bién 1a C'(x)=300—5x+0,375x".

S Y c11-Y. SV T-V E— 12 S 1. 3 > ) [P
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b) Ta c6: C (200)=300—5-200+0,375 - 200*=14300.

+ Chi phi bién tai x=200 I 14300 nghin dong, nghia 14 chi phi dé san xuat thém mot don vi hang hoa
tiép theo (don vi hang hoa tht 201) 12 khoang 14300 nghin dong.

¢) Chi phi san xuét don vi hang hoa thir 201 1a
¢ C(201)—C(200)=1004 372,625 - 990000 = 14 372,625 \(nghin dong\).
+ Gia tri nay xap xi v6i chi phi bién C'(200) da tinh & cau b.

Ciu 3: Mot nha san xudt can lam nhitg hop dung hinh try co thé tich 1 lit. Tim cac kich thudc ctia hop
dung dé chi phi vat liéu dung dé san xuat 13 nho nhat (két qua duoc tinh theo centimét va 1am tron dén
chir s6 thap phan thir hai).

Loi gidi
* Déi 1 1it £1000 cm’.
* Goir( cm) 1a ban kinh day cta hinh tru, h( cm) 1a chiéu cao caa hinh try.
+ Dién tich toan phan cua hinh tru 1a: S=2 7 r’+2 nirh.

2 . s N 3 A , 5 ~ 1000
+ Do thé tich ctia hinh tru 1a 1000 ¢m’ nén ta ¢6: 1000=V =nr*h, hay h= 2
T

, , 2000
* Do d0, dién tich toan phan cua hinh tru la: S=2n rl+ P r>0.

 Ta can tim r sao cho S dat gia tri nho nhat.

* Ta co:

3
§=anr—200_24nr —2000 g po=500 - r={ 220
T

2 2
r r

+ Bang bién thién:

S Y c11-Y. SV T-V E— 13 S 1. 3 > ) [P
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r 0 k] @ oo

T

S(A - 0 +

S | 4+ oo

\ o, @ /

T

h= 1000 _ 1000 _ 100

e Khids:  ar’ 3250000 V2507,

2
T

+ Vay can san xuét cic hop dung hinh try c6 ban kinh day r=y 500 5 ,42( cm) va chiéu cao
n

100

h=
V2507

~10,84( cm).

©. Dang todn ren luyén

‘Dang ®: Cau trac nghiém nhiéu phuong an lua chon

p—axt b
Cau 1: Chohamsd = & +d ¢4 dd thi nhu hinh v&. Chon ménh dé dang?

A
I
:
E

_________ e

+ >

o \l
I
I

A, ac>0 B. cd >0 C.ab>0 D. ad >bc

Loi giai

Chon A

-’ GIA0 VieN:...ccciiinins 14 (T3 > ) PR
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_a

5 . , Y
Ta c6 do thi ham s c6 tiém cén ngang 1a duong thang ¢

a
. —>0= ac>0
Ma ti¢m can ngang nam phia trén truc hoanh nén ¢

CAu 2: Cho ham s » ~4% ¥ bx” +cx+d ¢ dd thi nhu hinh v&. Ménh d& nao sau day dung?

Y

A
()\/\

A a=0,b>0,c<0,4d=0. B a<0, b<0,c<0, 4 >0

C a=0,b=>0c<0,d =0, D a=<0, b=>0,c>0d <0,
Loi giai

Chon C

Vi dd thi c6 phan dudi huéng xubng nén @ <0

A R 4. R Od M , N N
Do thi cat truc tung tai diém ( ’ ) nam phia trén Ox pngn d >0.

s A s A 1s A o1 2R X, X, . 0<x <Xx, X
Dua vao do thi, ta thay ham so0 c6 hai diém cuc tri ™" o1 I

"=0< 3ax’ +2bx+c =0.

v * %2 13 hai nghiém
ctia phuong trinh

-2h
x +x, =——=10

-
xx, =—=0

Ta c6: 3a

Tir do suy ra 2> 0> ¢ <0.

= +b
CAu3: Chohamsd  X¥*1 ¢o dd thi nhu hinh v& bén.
S g 1T Y VI T-T | " 15 (EE Y X > ) I
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Tim khang dinh dung trong cac khang dinh sau?
A. O0<a<b, B. a<b<0. C.b<0<a D.0<b<a

Loi giai
Chon A

(O,b).

Ti¢m can ngang V=9 4 thi cit truc tung tai diém c6 toa do

Tirdd suyra @ =0 =3 vy 0<a<b,

_ax-2

- .
Cau 4: Cho ham so x+b ¢ dd thi nhu hinh dudi.

y A

Khang dinh nao sau ddy ding?
A. b<a<0 B.0<b<a, c.0<a<b, D. b<0<a,

Loi giai
Chon A

=a =0

Quan sat d6 thi ta ¢ tiém can ngang -~ va dudng tiém cén dimg ¥ =-0>0= b>0,

-’ GIA0 VieN:...ccciiinins 16 (T3 > ) PR
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Goi 4 1a giao diém cta duong tiém can dung véi Ox B 1a giao diém cua duong tiém can
ngang voi @Y va I 1a giao diém hai dudng tiém can, khi do ta thiy 4> 1B = a>b,

Vay(}f-bf-a_

_ax+b

Cau 5: Chohamsd  ox+d

Aly

(@ <0) c¢6 d6 thi nhu hinh v&. Khang dinh nao dudi day 1a dung?

~

A a<l:b=0:c<0 B a=0b=0c=0 C a=0b=0c<0 D a=0:h=<0c=0

Loi gidi

Chon C
Dua vao dd thi, ta nhan théy:
b

—<0
+ D3 thi cit truc tung tai vi tri c6 tung d6 am, suyra ¢ ,ma 4 <0 yay b>0,

b
. ) -—<0
+ D3 thi cit truc hoanh tai vi trf c6 hoanh do am, suyra ¢ ,ma >0 yay a>0,

=450
+ D6 thi c6 dudng tiém cin ngang ¢ maa>0ygyc>0

CAu 6: D) thi ham s6 ¥ =(x- INx" - 4x+4) 4106 nhicu didm chung véi tryc OX ?
A.2. B. 3. C.4. D. 1.
Loi gidi
Chon A

Phuong trinh hoanh d6 giao diém cua do thi ham s6 =(x= fx - dx+4) o5 Ox .

(x-1)x" - 4x+4) =0

x=|
—
xr=2

Vi phuong trinh hoanh d6 giao diém cua dd thi ham sé * =(x= D™= dx+4) 35 Ox ¢62

nghiém nén s6 diém chung ctia d6 thi véi truc O 1a 2.

-’ GIA0 VieN:...ccciiinins 17 (T3 > ) PR
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Suy ra Chon A
2x'-2x+3
.]'I - 0
Céu 7: Puong thang d:y=3x+1 3¢ 43 thi © ctia ham sd x-1 tai hai diém phén biét
4.8 Tinh d¢ dai 4B .
A AB =415 B. AB =42 c. 4B =410 p. AB =46
Loi giai
Chon C
Xét phwong trinh hoanh d6 giao diém:
257 - 2r+3 [x #1 (x #1 x=2= y=7
—  —3x+le= . . =3 { . = .
x- 1 | 2x" - 2x+3 =3x" +x- 3x- 1 x"-4=0 x==-2= y==5
Goi AQ:7).B(-2:-5)= 4B =4* +12° =44/10.
_ ax +1
CAu 8: Chohamsd =~ b¥- 2 ¢4 dd thi nhu hinh v&. Tinh 7 =a +b |
A
¥
10 1
1
10 5 oY 2 5 10 . -
.54
A. T =0 B. 7 =2 c.T="1 p. T =3
Loi giai
Chon B
b= 2a- b
(bx- 2)

%
Dua vao dd thi ham s = ham sb nghich bién trén tap xac dinh = ~2a- b <0 ( ).

Db thi c6 hai dudng tiém can: ¥ =2 va ¥ =1,

i G cTT-Y V=T F—— 18 (EE Y X > ) I
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a
= [a =1
b
2, b=l
3. | h . ~ (*) av T =2
Khi do Théa man . Vay .
_ax+b

, ) X ,
Ciu 9: Cho ham so X+¢ ¢ d6 thi nhu hinh bén véi a.b,c€Z Tipp gia tri ctia biéu thirc
T=a-3b+2cy

0 3
—
AT =12, B. I =10 c.T=9. p.T=-7.
Loi giai

D6 thi ham s6 ¢c6 * =1 1a tiém can ding nén ¢ =~ I

Do thi ham sd ¢ ¥ =~ a tiém can ngang nén 9 = 1

b
Do thi ham sb cat truc tung tai diém co tung d6 bang -2 nén ¢ do d6 b =2,
Vay T=a-3b+2c =" 1- 3.2+2(-1)=-9
3x+1
J: = 2 f—
Cau 10: S6 giao diém ctia dd thi hamsé = ¥~ 3 va duong thing ¥ =5 1a
A0 B. 1. C.2. D. 3.
Loi giai

Chon A

3x+1 (3x+1=3x-9
gt 1

= 1=-9()
x-3 X #3

Xét phwong trinh hoanh d6 giao diém:

_3.r+1

.1: 0 —_ 9
Vay d6 thi ham so6 X-3 vadudng thing ¥ =3 khéng c6 diém chung.

Cau 11: D) thj ham sb =x"-3x-3 & tryc tung tai diém c6 tung do
ALY =1 B. V=1, c. V=3, p. ¥ =10,

S Y c11-Y. SV T-V E— 19 S 1. 3 > ) [P
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Loi giai
Chon C

Cho * =0= y=-3

Suy ra dd thi ham s6 da cho cét truc tung tai diém co tung do ¥ =" 3,

N Coy ) y=x 2% V=X - x+2 ¢ . cn iR
Cau 12: Do thi cda hai ham so sau y=ak e+l va ¥ =% ¥+ < G nhau tai bao nhiéu diem?
Al B. 0. C.3. D. 2.

Loi giai
Chon A

3 2 2
y=x+2x"+l s y=x-x+2

So6 giao di€m cua do thi ham so - a
trinh hoanh dd giao diém sau

13 s6 nghiém cua phuong

2 4l =x"-x+2 e X +x +x-1=0 )

, v=fl)="+ v+ -
Xeét ham s6 F(x)=x"+x"+x I.

Tap x4c dinh D =R

s (1) 2
¥ =3x" +2x+1 :3| i+—| +==0,Yx=R
Ta co \ 3 3
Do d6 ham s§ ¥ =% *+¥ *x-1 dong bién trén R .

Béng bién thién

z | —w +@
y' +
+
v
— oo
\ 1 « X ‘n . f i (-’C = . A ~ ‘n
Tt bang bién thién, ta suy ra phuong trinh c6 duy nhat mgt nghiém.

A N i o n C1s AP =x +2x + L YP=X -x+2 ¢ e AL aeR
Vay do thi ctia hai ham s6 y =3 o+l va b =r oA cat nhau tai mot diém.

Chit y: Ttr phuong trinh hoanh do giao diém, ta c6 thé sir dung may tinh bo tai dé tinh ngay sd
nghiém cua phuong trinh béc ba.

2x-1
A NP S auraiO (o) NENSI
Cau 13: Cho ham so X+1 ¢4 3o thi va duong thang
tai hai diém phan biét 4 va B . Toa d6 trung diém cua doan 4B 1a:

(3 3 1%[3;0]
c. '2

diy=2x-3 Puong thing 4 cit ()

| 3 k
.-1’{‘ '—L'ﬁ‘
| 2 )

A.

S Y c11-Y. SV T-V E— 20 S 1. 3 > ) [P
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Loi giai

Chon B
2x-
. =2x-3 1) .
Phuong trinh hoanh d6 giao diém la: x +I . Piéu kién ¥ #1,
x =2
MDe 2x-1=(Gx+1)(2x-3)e= 2x"-3x-2=0e 1
X =-—
5

Ta co

Goi M 1a trung diém cta doan 45 .

C 1)
4| -
v :L =3, ooy, -3=23.3=23
Ta co 2 4. 4 2
q M| 3.2
Vay toa d6 trung diém cta doan 4B la: 4 2
Cau 14: S giao diém d6 thi ham s6 * =l duong thang ¥ =~ 2 1a:
Al B.2. C. 4. D. 3.

Loi giai
Chon D

, \ ;= e o a D —
\ A A . aAa.a o A PZX =X =2 o py=-
Hoanh d¢ giao diém cua d6 thi ham so - va Y 2

Ta c6 phuong trinh hoanh d6 giao diém:

x =0
—
xP-x-2=-2 e x*-x*=0 v =4
A . N A F = - ': - '} N _ - z . « R
Vay d6 thi ham so P=ror Tt ey 2 cat nhau tai 3 diém.

Cau 15: Biét hai dd thi ham sé » =% 20 = 30+l (0 v =20 -1 4 s hau tai hai diém 4B Tinh do
dai doan 4B .
A N3, B. V37, c. 53 . W5

Loi giai

Chon D
R —— o - \ ;o — 2 _ \
Goiham s ¥ =% * 2= 3541 o qa ity € pam 6 ¥ =201 o5 g i (&),
Hoanh d6 giao diém cua (Cl) va (Cz) la nghiém cua phuong trinh
. x =1
o X -3x+2=0e |
423 - x4l =257 - | =

+H)Véi X =1 taco ¥ 7L
S g 1 11+ RV -V EO 21 (ECTC 2 ) PN
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Vi X =2 taco Y =7,
Do d6 @) va @)

AB =|f4jé‘:\l(-3- 1) +(7- 1) =345

AGLD B(-27)

cat nhau tai hai diém

Ta co

Vay do dai doan 4B bing 3V |
_2x+2
A M N s Y SOt -1 oy v=x+1 . 2 ,
Cau 16: Goi > 1a giao diém cua do thi cac ham so x va . Trung diém ! cua doan

MN 6 hoanh d¢ 1a
A. -1 B.1,5. C.2. D. 1.

Loi giai
Chon D

Phuong trinh hoanh dd giao diém cua 2 db thi

= 2x+2=(x+1)x-1)

x=3= y=4
=
& x-2x-3=0 [¥="1=y=0

Giao diém cia hai db thi1la M (334 3 N(-1:0)

Trung diém I cia MN 13 1(1:2),

Cau 17: Pudng cong trong hinh bén 1a d6 thi ctia ham s6 nao dudi day?
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Vi dd thi ham sb ¢6 tiém can démg 1a ¥ =1 tiém can ngang ¥ =!nén loai Chon B, C.
Vi d6 thi ctia ham nghich bién nén ta loai D chon B.
Céu 18: Puong cong trong hinh bén duéi 1a db thi cia ham sé nao trong bon ham sé dudi day?

IJ7

v=x" - 3x" 42 == x 4+3x+2 == x° +3x°- 2 r=x7- Jx+2
A V=X 3x . B, V=X 3x . g YT 3x o p. yEx-dx+l
Loi giai
Chon C

y=ax + b’ +cox+d V4

Dua vao @6 thi ham s6 da cho ta c6 ham so can tim la ham so o1

a<0po d6 loai phuong 4n A va D
D6 thi ham sé da cho cét truc tung tai diém c6 tung dd 4m nén d<0 pods loai phuong 4n B

L y=-x+3-2

Vay chi c6 ham so thoa yéu cau bai toan.

Céu 19: Ham s6 nao dudi day co bang bién thién nhu hinh bén duéi

-x-3 -x-2 -x+3 x+3
y= y= v = y =
A. x-1 B. a1 C. x-1 D. x-1,
Loi gidi
Chgn C
X N A A 1a A A, =W VXY Vi dy
+ Tur bang bién thién, ta nhan thay ham s6 can tim c6 y <0, wER\ ;
limy=-1 lim y =+ Iim y=-®
X+ %6 ; =" Vé =
. 4 T
p=—2x=3 ¥ - >0, ¥reR\| 1]
+Hamsé X~ 1 ¢6 x| nén loai phuong an A.
S v g cTT- Y. VI -1 53 B SO DTervvesssssseenns
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. 3 .
y=*2 y Y >0, ¥xeR\ |1
\ 20 - , x-1 N . .
+ Ham s6 x-1 ¢p nén loai phuong 4n B
x+3 .
oy = limy =1
+ Ham s6 x-1 ¢o = nén loai phuong an D
3 . -2 .
-x+ ' = <0, ¥reR\ . S
¥y = J (T‘ 1 o G vreR II! llm)f=-1 11m_}—+'30
+ Ham s6 x- 1 ¢o - s xo L va
. -x+
limy =-o0 y == 3
=l nén chi c6 ham so6 x- 1 thoa min yéu cau bai toan.

Céu 20: Puong cong trong hinh v& 1 d6 thi cuia ham sb nao sau day

yA
14
) 1 i X
3
::.3_ . ,:__.'-+ . |:___'+_2_ |:__.'~+__
AL V= 3x 1. B, V=-x +3x-1 C.V="x +a I y==-x +x-1
= D.
Loi giai
Chon B

Tir d6 thi ta c6 do thi di qua 2 diém
y==-x" +3x-1

Cau 21: Pudng cong trong hinh v& bén 14 do thi ciia ham s6 nao trong cac ham s6 dudi day?

y

A Y= ¥ 43 +2 B. Y =x - 3x 42

y=x"=3x+2 p. V=" X 4+2x -2

C.-

(:1:(- 1:-3) thay vao 4 dap an ta dugc ham s6 can tim 13
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Chon B
DO thi ham s6 di qua diém 13 2= oaia, €, D
Vay Chon B dung.
Céu 22: Puong cong trong hinh v& bén 1a dd thi cia ham sb nao duéi day?
by
1
0 r
i
ALY =x 435" +1 B. Y =x - 3x c. V=- 430+ D. Y =x - 3x" +1

Chon D

Clim y =400 lim y =- 0
Tacd «+—* x=-a

Suy ra hé s6 @ >0 Joai dap 4n

r=-x +3x7 +
c. ) T +3x I.

y(0) =1

Mat khac loai dap an

g, V=1 -3

Ta co y(@)=-3 loai dap an”’ =x" 43" +1 .

Céu 23: Puong cong ¢ hinh bén 13 db thi cia ham s6 nao?

+y

~ 5>
O'\_/

A y=-x +x-1 B y=-x +3x+] c.V =xt- xt+l y=x'-3x+l

=

Loi giai

- Gido Viéni.....ccoeeeennn 25 (T3 > ) PR
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Chon D

\ ‘ , 3
Dua theo hinh dang d6 thi 1a ham s6 bac 3 ¢6 hé so ciia * duong nén ta chon

D.
Cau 24: Trong cac ham s6 sau, ham sd nao c6 dd thi nhan truc tung lam truc ddi xung?
_x-1
AV =x" +3x" - I B. =x - 3x+2 c. V=" 43 - . D. Y _:
Loi giai
Chon A

Do thi ham da thirc bac bon tring phuwong nhan truc tung lam truc ddi ximg.

Céu 25: Do thi nhu hinh v& 1 d0 thi ctia ham sb nao duéi day?

yA
- 1\ 2

0 x

ALY =x - 3x +4 y=-x+3x -4 c.V =x-3x -4 p. V=" -3 -4

@

Loi giai

Chon B
s, x =2
“x T -4=0e | |
D@ thay @ > 0 nén cac phuong an A va C bi loai. Do =7 neén dd thi cét

x=2
OX 0 Taai 434 , \ ~ lx=-1
tai hai diém c6 hoanh do .Chon B

Céu 26: D6 thi sau day 1 ctia ham sb nao?

-’ GIA0 VieN:...ccciiinins 26 (T3 > ) PR
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2x+1 x+2 x+2 x-1

V= vV = vV = ) =

A0 x-1 B. x-2, C.  x+l, D.  x+l,
Loi giai

Chon B
Dua vao do thi ham sb, ta thdy do thi ham s ¢6 tiém can dung 1 ¥ =2, Vay ham s can tim 13

x+2
—v :

x-2

_ax+b

Cau 27: Duong cong & hinh bén 13 dd thi cia ham 6~ & +d | vai 064 13 cac s6 thue. Ménh dé

nao dudi day dang?
A V' 20 Vx#2 B.V'>0.%x =l c. V' <0.Vx=#2 p. V' <0 ¥x #l

—//

iV

Loi gii
Chon B
Dua vao do thi ham sb, ta thiy rang: Ham sb da cho dong bién trén mdi khoang xac dinh va do
thi ham s c6 dudng tiém cin ding 1a X =1

Suy ra ¥ "> O._ Wx #1 .

__2.1'-1

)
Cau 28: Tim do thi ham so Y- 3 trong cac ham dudi day.

¥ o
| VA
s |\ 6 \
5
5 3
4 \ 4 \\
3 \\\ 3 T~
P — 2
B — T 11 T .
(4] > 3 2 - 2 3 4 :
3 -2 -1 12 3 45 6 «x 3 -2 -1 -I\I 5 6 X
1)
2 \ -2
A. 2 B. \

-’ GIA0 VieN:...ccciiinins 27 (T3 > ) PR
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yA
4 "
3 \

2 /

1/ |

EEEEATAAEREE :
-2 7-\w1

-3 - 302 11 2 3 45 6 x
|- :
-4 — _I\ﬁ

C. N / HE

Loi giai

ST -

IS

Chon D

D6 thi ham s6 o tiém can ding 1a duong thang X =3 tiém c4n ngang 14 dudng thang Y =2
1
L 0]

va di qua diém co toa do 2

Céu 29: Bibt ham s§ / (¥) =% tax +bx+c qo oo i i didm * = 0/ M=-3 4 thi ham sé cét

FE)=2 4 pa0 nhicu nghiém.
A0 B.2. C. 1. D. 3.

tryc tung tai diém c6 tung d6 bang 2. Phuong trinh

Loi giai
Chon D
Do thi ham s6 cat truc tung tai diém co6 tung d6 bang 2 suy ra € = 2,

fll)=-3P l+a+b+c=-3P a+b=-06(l)

Ham s6 dat cue tri tai ¥ =1 P F1)=0b 3+2a+h=0b 2a+b=-3(2)

(1).(2)p ;ﬂf b f(x)=x +3x*- 9x+2
T =-9

: '='}ﬂ -':' -:_ . '}='}ﬂ _.-\ _]_ —
Phuong trinh f(x)=20 & +3%- 9x+2=2U x" +32*- 9x=0
trinh c6 3 nghiém phan biét.

bam may suy ra phuong

A \ L p=-2x 2 o o Sy SN A 1 1a £ g a2 A= 1) ok
Céu 30: Cho ham s6 * x +ax” +bx te Bkt rang do thi ham s6 di qua diém ( )Va c6 diém

cuc dai la M(2: 3). Tinh € =@ T2b +c

A.9=2 B.¢=" 4 c.9=0 p. ¢=1
Loi gii
Chgn A

A(0:- 1) e =" (0) +a(0) +5(0)+c U c=- 1(1)

Vi d thi ham s6 di qua diém o
-’ GIA0 VieN:..ccceiiinrns 28 (T3 > ) PR
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y(2)=3

, . 7 ‘ 42)=0
Vi diém M(2;3) la diém cuc dai cua do thi nén: L 42)

-\

o f- (2) +al2) +26+c=3 4a+2b+c=11(2)
- 3.2 +2a2+b=0 4a+b=12(3)
Tir,, suy ra: a=3b=0c=- I.Véy9=ﬂ+2'ﬁ+fzz.
2 +6ex +4
A Y 5 v A c 1 A - mx+2 . L2 A(— 14)
Cau 31: Vi gié tri ndo cua M thi d6 thi ham so6: di qua diém ?
1
m=—
A m=1 B. 2. c.m=l, D. m=2,
Loi giai
Chon A
. . . Al- 14
Do thi ham s6 qua diém ( . )nén ta co:

4=2" 9"t 4 m+2)=6- em0 2n=-20 m=- 1
-m+2
. . s cv=r +(2 - - : 2 . -
Chu 32: Tim tham s6 ™ dé db thi ham s * =% *CmDx +U-Smxe3me2 oo e 4(2:3)
A m=10, B. m=-10, c.m=13, D. m=-13,
Loi giai

Chon D

. s cv=r +(2 - - . 2 \ .
Dé db thi ham s6 y=x +Qm+1)x" +(- Sm)x+3m+2 di qua diém A(2:3)

3= 4+02m+1)2° +(1- 5m).2+3m+2
thi
= m=-13

y=x-3x+m

Cau 33: Tim tat ca cac gid tri cia 7 dé d6 thi ham sb cit truc hoanh tai hai diém phan

biét.
[ 5.
A m=-2, B.m=%2 c.mE1% %0 D. m =2
Loi gidi
Chon B
, x =1
i 5 ¥ :I:}c::r
Taco Y =3X -3, x=-1

Béng bién thién cua ham so:

- Gido Viéni.....ccoeeeennn 29 (T3 > ) PR
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X | —oo -1 1 +00
Y + 0 - 0 +
m+2 +00
y / \ /
—a0 m—2
Dua vao bang bién thién thi d6 thi ham sé da cho cat truc hoanh tai hai diém phan biét khi va chi
m+2 =0 m=-2
=]
. -2 = =2 ;
khi L7 = 0 m == , suy ra dap
B.

CAu 34: Cho ham sd y=f () lién tuc trén R ¢ @6 thi nhu hinh v&.

*y

Phurong trinh 7 W=m nghiém thuc phan biét khi va chi khi

A mE(-S;l)‘ B.me[-B;l}. C.me(-l;B)_ D.mE[-l;S].
Loi giai

Chon A

£(x) =m

Dua vao dd thi, phuong trinh c6 ba nghiém thyc phan biét khi va chi khi

mE(-S;l).

Céu 35: Cho dd thi ¥ =/ (%) Tim m & phuong trinh fey+l=m . ding 3 nghiém?

30
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A.-3<m<l B. ~4<m<0, C.-5<m<l, D. -4<m<l

Loi gidi
Chon A
Ta c6: flxl+l=m+= fix)=m-1
S6 nghiém cua phuong trinh fx)+1=m bing sb giao diém cta d thi ¥ =/ ) va duong

thang ¥ =M~ 1,

0 3

/y=m-1;
RV,

Duavéodéthi,tacéycbt = -d4<m-1<0<s -3<m<l Chon dip 4n

A \ 2 V=]JX) .. A £ 1ea . X < n
Cau 36: Cho ham s0 - S lién tuc trén R ¢ bang bién thién sau
X | = 0 +o0

g —5/ 2 \,1

C6 bao nhiéu gia trj nguyén cua 7 dé phuong trinh / () =m c6 nghiém duy nhat?

A7, B. 6. c. 9. D. 8.

Loi giai
Chon A
S < A ¢ T- 1+ YAV -1 : FH 31 (T3 > ) PR
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y=fk)

Phuong trinh c6 nghiém duy nhat < @6 thi ham s va duong thang ¥ =™ ¢ ding

m =2
—
-5<em =l

mot giao diém
[y Ao ee 210 ]
meZ= me|2-4;-3:-2;- 1,01

2x+1
V= \ , _
Cau 37: Cho ham so x-1 ¢6dd thi (©) va duong thang (d’” ) c6 phuong trinh Y =mx+2m+2 T

d,) . (©)

cat tai hai diém phan biét.

im tat ca cac gia tri cua " dé

m<-— m<-
A. 3 hogc m 20. B,

4
-—<m<0. m <-
c. 3 D.

Chon B

2x+1 =mx+2m+2
© , @), 771

Xét phuong trinh hoanh d6 giao diém cua

mx’ +mx-2m-3=0 (*)

x #l

()

nghiém phan biét © phuong trinh cé hai nghiém phan biét va khac 1

Puong thing @,) cit do thi tai hai diém phan biét khi va chi khi phuong trinh c6 hai

m #0 m #0
© {A>0 & 9m*+12m>0 o |73
m.1* +m.1-2m- 3 #0 meR m>0

y =(x- 2)(x* + x+2019)

Cau 38: SO giao diém cua do thi ham so voi truc hoanh la:

A. 2. B. 1l C. 0. D. 3.
Loi giai
Chon B

Phuong trinh hoanh d¢ giao diém ciia d6 thi ham s6 va truc hoanh 1a:
x-2=0
- — 2

- 2T+ x42019)= : '
(- 2"+ x+2019)=0 .‘l."+.‘l.'+3[]|g:[:|(1'n)¢: '

Vay s0 giao diém ciia d6 thi va truc hoanh 1a 1 giao diém.

S Y c11-Y. SV T-V E— 32 S 1. 3 > ) [P
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_x-3

A 2 | i — z A . 4 J/ - . . <R .
Ciu 39: Tim  dé duong thang ¥ ="+ I ¢4t @ thi ham sb x+1 taj hai diém phan biét.

A, (- :V.'.j[:l] L_J[llfj.j+:v.']' B. (- 00;0).

c. (16;+w). D. (-ocz0) U e +~r).

Loi giai

Chon D
x #- 1 (x #-1
- - —
) o +1 =2 gx)=m® +mx+x+1- x+3=0

Xét phuong trinh hoanh d6 giao diém * x4l

(x #-1
= =

g(x) =mx® + mx +4 =0
p _x-3

Dé duong thing ¥ =" *+1 4t dd thiham s~ *+! tai hai diém phan biét thi phuong trinh
g()=0 o nghiém phan biét khac - 1

20 (m =0

) m=10
= {A=0 = am - lom=0= = mel-=0)u(l6: +)
m>10

g(-D=0 |4#0

Cau 40: Cho ham s6 ¥ =/ (™) lién tuc trén R va c6 bang bién thién nhu sau:

—o -1 0 1 +on

7(x)

+ 0 - 0 + 0
3 3
7(x) B / \ 1 / \_I

S6 nghiém ciia phuong trinh f(x)-2=0,
A0, B. 3. C.2. D. 4.
Hwéng din giai

Chon D

S6 nghiém cta phuong trinh / (x)-2=0 bing sb giao diém ciia db thi ham sé ¥ =/ (%) va

dudmg thing ¥ =2 . Dua vao bang bién thién, ta thiy duogc sb giao diém 1a 4.

Cau 41: Him s6 7 :f(x) ¢ d6 thi nhu hinh v&.
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N \

21 (x)-1=0 "

S6 nghiém cua phuong trinh

A 4. B. 1. C.2. D. 3.

Loi giai
Chon A

2£(x)-120 f(x)Z% 0

Xét phuong trinh:

\
<>
<

i
Do | =
\j

|
bo

\
_
Q

2o
8

/ ‘ . \ ‘ = 5 Y ==
S6 nghiém cua ® chinh 1a so giao diém cia do thi ham so y=f (x)vél duong thang 2,

1
\ , . \ p = , Yy ==,
Duya vao d6 thi ham so ta thay, do thi ham so y=/ (x)vé duong thang 2 ¢4t nhau tai 4

diém phén biét nén phuong trinh W c6 4nghiém phan biét.
A \ Je 1’:f(x) ‘A A N s 12 <A ‘A \ ~
CAu 42: Cho ham s0 - lién tuc trén R va c6 bang bién thién nhu hinh v&.
X —0 1 3 +o0
f f (ﬂ - ] + 0 —_
+2 4
flx)
Do thi ham sb y=f&) va duong thiang ¥ =0 ¢6 bao nhiéu diém chung.
A. 2. B. 4. C.3. D. 1.
Loi giai
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Chon C

y=f(x)

Dua vao BBT bo thi ham 36 - cit duong théng y=0 tai 3 diém. Viay dd thi ham $6

y=fG) va duong thang ¥ =0 ¢6 3 diém chung.
A a. o= S
Cau 43: Cho ham so c6 bang bién thién nhu hinh vé:
X —o0 -1 0 1 +a0
(%) + 0 - 0 + 0o -
3 3
f(x) / \ / \
—0 -1 —0
. ' 7 =
So6 nghiém cua phuong trinh fG)+2 =0 la
A0, B. 3. C. 4. D. 2
Loi giai
Chon D
‘ ’ 2 = / 5 5 —_
S6 nghiém cita phuong trinh ¢ **2 =0 chinh 13 s6 giao diém cita duomg thing ¥ =~ 2v6i

d6 thi ham s y=f (1) Dua vao bang bién thién, ta thdy duong thang ¥ =~ 2 it dd thi ham
V= C B , ' b
56 * ACY tai 2 diém phan biét. Do d6 sé nghiém cua phwong trinh fG)+2 =0 a2,
A \ LV =f(x) f 1o - X  n \ ~
Cau 44: Cho ham so c6 bang bién thién nhu hinh vé.
—0 -2 0 +@o
' + 0 - 0 +
0 +a
v / \ /
—0 —4
A . F ()
S nghiém ctia phuong trinh 2" =4 1a
A 2. B.3. C. 1 D. 4.
Loi giai
Chon C
Taes 2/ =4 f)1=2s f(x)=3 .
S6 nghiém cuia phuong trinh f)=3 1a 56 giao diém cua do thi ham sé y =1 v6i duong
thang ¥ =3 .
Tir bang bién thién ta c6 duong thing ¥ =3 ¢t dd thi * =/ ("‘), tai 1 didm.
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) r(x)-
Vay sb nghiém ciia phuong trinh 2’ =4 al,

y=f&)

Céu 45: Cho ham s6 xac dinh, lién tuc trén R va c6 bang bién thién

X —m 1 2 +a0
V' + 0 — | +
5 )
v
2 -1

Khang dinh nao sau day 14 khang dinh sai?

x)=m+l A 1x 20 <
conghiém 1a =2 =m<35,

A. Tét ca cac gié tri ciia tham s 7 dé phwong trinh J (
B. Db thi ham s6 di cho c6 hai tiém cin ngang 14 cic dudng thing ¥ =2 va ¥ =0,
C. Ham s6 ¢6 gia tri 16n nhét bang 6 va gi4 tri nho nhat bang - 1.
D. Ham so6 da cho c6 dang hai cyec tri.

Loi giai
Chon C

limy=6= y=0 o . .
Taco =+ khong la gié tri 16n nhat ctia ham so.

Ciu 46: Cho ham s ¥ =/ )

c¢6 dd thi nhu hinh v&. Ménh dé nao dudi diy dung?
3

2

1

-2 -1 o 1 2; 3 3
—1t+---- :

A. Diém cuc dai cua ham so la 3 B. Gia tri cuc dai ciia ham so la 0,

C. Gia tri cuc tiéu cia ham s6 bang - 1. D. Piém cuc tiéu cia ham so 1a - 1.
Loi giai

Chon C

Tur d6 thi ham so suy ra gid tri cuc tiéu cia ham s6 bang - 1.

Cau 47: Cho ham sé * — ()

|f(x )‘ =m

' ¢6 dung hai nghiém phan biét.

c6 db thi trong hinh v& bén. Tim tit ca cac gia tri caa ” dé phuong trinh
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] !
/O 3 T
A.m>5 0<m<l g m<l
C.mzl’m=5_ D.l<m<35
Loi giai
Chon A

Tur @6 thi (C) ciia ham s =/ (T) ta suy ra do thi (C(D ctia ham s Y= ‘f(l’}‘ nhu sau:

(C)

- Giit nguyén phan db thi O phia trén truc hoanh.

(C)
Khi d6, do thi (4 13 hop cua hai phan trén.
Ta co: |f(r)‘ -
(d): y=m

- Lay d6i xtmg qua truc hoanh phan d6 thi O phia dudi truc hoanh.

(cq

1a phwong trinh hoanh d6 giao diém cua d6 thi va duong thang

, ta co phuong trinh F)=m dtng hai nghiém phan biét khi va chi

(cd

Dua vao do thi
é<m<1
e

khi &3

—t = =
0 g
i
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Cau 48: D6 thi ham s6 nao dudi ddy nam phia duédi truc hoanh.

ALY =x*+5x" - 1 B. Y =-x-Tx"- x-1
C. V=t dx 4] p. Y =% +2x°-2

Loi giai
Chon D

. ':—';+3':-3:‘(T:'|)-‘|‘5D .- . A aA s L3 iy \

Taco: - . . v61 moi x€R nen ¢d thi nam dudi truc hoanh.
ax+b

‘L?:

CAu49: Choham s6 =~ ¥ +d ¢4 @b thi nhu hinh v& bén.

)

A. ac>0 B. ¢d <0, C. be<0, D. ad >0
Loi giai

Chon D

d
. x=-—>0
Theo nhu d06 thi, ta c6 duong tiém can dung la ¢
= ¢cd <0 :
y =45 0
Duong tiém can ngang la C = ac>0,

b
. ) . x=-—>0= ab<0
Ngoai ra dd thi cit truc OX tai didm c6 hoanh do a ma ac>0= bc <0,

Tu, ta co ad <0

Cau 50: Cho ham s6 =ar’ +hy’ +cx+d (a#0)

gi4 tri bé nhat khi nao?

L, aX . (C e X 5 C LA A A
co do thi ( ), tiép tuyén cua coO hé so goc dat

b
A. @ <0 y3 hoanh d6 tiép diém bang 34 B. ¢ <0 v3 hoanh d¢ tiép diém bang 3@
b b

C. @>0 y3 hoanh d¢ tip diém bang 34 D. @ >0 va hoanh d¢ tiép diém bang 34

Loi giai
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Chon C
4 2 o \C) o2y =3ax® +2bx+c = 3 =6ax +2
Tiép tuyén cua c6 hé so goc - S vy =Oax+1b

Tiép tuyén cua c) co hé s6 gbc dat gid tri bé nhit khi 3@ >0 v3 hoanh do tiép diém 1a nghiém
b

=0 < a>0 yv3 hoanh do tiép diém bang  3a

cua phuong trinh .
) L — ‘ . f—- Yy .

Cau 51: Pudng thing * ¥ =2 13 tiép tuyén ctia duong cong » =+ *= *4 khi m bing

A. ~3 hoac 1. B. | hogc 3. C. -1 hogc 3. D. -3 hodc - 1.

Loi gidi
Chon B
) - : ; e Wy B0

Dudng thing ¥+ =2 13 tiép tuyén cta duong cong ¥ = ¢ F 3 *+4 Lhi va chi khi hé

[~ +2x44 =2m- x

phuong trinh {

-3 +2 =-1 , -
cO nghiém.
x =1
- +2x+4 =2m-x= {|x=-1 m =3
. ) =
L =3 +2 =- | -+ 2x+4=2m-x m =1
Ta co \ .

v=x +3m +(m+1)x+1

A \ X cax g C KX . = vk X )
CAu 52: Cho ham s * c6 do thi ( ) Biét rang khi =" thi tiép tuyén voi

do thi () tai diém c6 hoanh do bang X, =1 di qua A(1;3). Khang dinh nao sau day dung?

A, " Ll<my <0 E.0<mn<1 C.1<m°<2 D.-E{rr:,:_,{-l
Loi giai

Chon B

Taco ¥ =3x" + O+ + 1 ‘

véi Yo = 1 i Vo =2m- 1’ goi B(-1:2m-1)= E.JE =(-2:2m - 4).

Tiép tuyén tai B di qua 4 nén hé sb goc cua tiép tuyén 1a K =-m+2

A~ X e Z k = 1"’ X,
Mait khac: hé so goc cua ti€p tuyen la v 0 ).

, , 30 ): +Omx. +m +l =-m +2
Do d6 ta co: o oo o o

1
= 3-0m,+my+l=-m +2 = -4m, =-2 Y

Cau 53: Goi (Cm) y=2x" = m+1)x" +mx+m+] va (d)
)

la dd thi ctia ham sb -
n” tai diém c6 hoanh d6 * == 1. Tim ™ d& (@) A(O;S).
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A, m=0 B. m =1, c.m=2, D. m =3,
Loi giai
Chon A

(d)

Taco ¥ =0% - O(m +1)x +m , suy ra phuong trinh tiép tuyén la:
y=yp -1 x+D+p(- ) =02+ Tm)x+1)- 3m- 4= y=(12+Tm)x+4m+8

A(0:8) €(d) = 8 =4m +8 = m =0

‘Dang ®: Cau trac nghiém duang, sai

Cau 1: Cho ham s y=f(x|=x’+ax’+bx+c c6 dd thi (C).
a) PO thi © ludn c6 tam ddi xing.
b) Po thi ©) ludn c6 diém cuc tri.

¢) D6 thi © luén cit truc hoanh.

lim f (x) =+

Loi giai
a)P b) S ¢)D d) b

s cv=f(x)=x"+ax" +bhx+c
Xét ham so - "{( )

Ta co: V¥ =3x +2ax+b =0
Co: A'=a”-3b

Chon @ =b =0 Khi do A'=0= y 20,%€R. gp: 46 ham sb khong co cuyc tri.
_x+a

V=
Cau 2: Biét ham so x+1 (@ 1a sb thuc cho trude, @ #1) ¢6 d6 thi nhu hinh vé sau:
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Ay
-
— N
Ei7 o x
Cac ménh dé sau dung hay sai?
p' <0, Vx #- 1
a) -
b)Y >0, Vo =-1
y'<0, YxeR
c) -
Q) 0,%xeR
Loi giai
a)b b) S c)S d)S

r A T ) \ A 1s DZR"'-.I-I.I L 1n ) . - A AN 5 T
Ta c6 tap xac dinh cua ham so6 la " "] va ham s6 nghich bién trén timg khoang xac dinh.

Vay 7 <(), Vx #- I.
= = ,
Cau 3: Cho ham s6 ¥ =7 ) xac dinh, tien tuc tren TR0 va c6 bang bién thien sau:
-1
X —0 -2 0 +a0
’ + 0 - - 0 +

—2 +00 +00

y A7 ™ ~ , 7

—00 =00

Cac ménh dé sau dung hay sai?
a) D6 thi ham s6 khong c¢6 diém chung véi truc hoanh

b) Ham s6 ¢o6 hai diém cuc tri
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¢) Ham s6 nghich bién trén khoang (-2:0)
d) Do thi ham s6 ¢o tiém can ding
Loi giai
a)b b) b ¢)S db
¥ =-1€(-2:0) (-2;0)

Ham s6 khong xac dinh tai nén ham sb khong nghich bién trén

CAu 4: Cho ham sb ¥ =f(x) c¢6 bang bién thién nhu sau:

X | —o -1 0 1 +oC

Y — 0 + 0 = 0 +

o0

y \‘0/71\“)/'+oo

Céac ménh dé sau diing hay sai?

(1; +0)

a) Ham s6 dong bién trén khoang

b) Ham s6 khéng c6 gia tri 10n nhét.

¢) P6 thi ham s6 khong c6 dudng tiém cén.

d) Ham $6 ¢0 hai diém cuc dai va mot diém cuc tiéu.
Loi giai

a)b b) D ¢)D d)s

Tt bang bién thién ta c6: ham s6 c¢6 2 di€ém cuc ti€u va 1 diém cuc dai.

_2.1.'+1

- \ .
Cau 5: Cho ham so X - 2 Cac ménh d¢ sau diing hay sai?

a) D6 thi ham s6 c6 tiém can dung 1a ¥ =2,
b) Ham so ¢o cuc tri.

¢) Db thi ham s6 di qua diém (53,

A 4 =t 2 o Ty
d) Ham s6 nghich bién trén (- 0;2)U (25 4 )'
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Loi giai

a)b b) S ¢)S d)S
Tap xac dinh: £ =R {2}
. . 2x+]
lim y =lim =+ )
Taco “° —71 x=2 nén ham s6 da cho c6 tiém can ding 1a * =2
A A A }’ =f(x) 7 : [N an R N 2 < A cA
Cau 6: Cho ham so xac dinh, lién tyc trén R va cé bang bién thién
x —0 1 2 +a0
V' + 0 — | +
5 6
v
2 -1

Céac ménh dé sau dung hay sai?

x)=m+l

a). Tat ca cac gia tri ciia tham s6 7 dé phuong trinh 7 c6 nghiém la ~ 2=<m<>

b) D6 thi ham s6 di cho c6 hai tiém can ngang 1a cac duong thang =2 y3 ¥ =6,
¢) Ham s6 c6 gié tri 16n nhat bang 6 va gi tri nho nhat bang - 1.
d). Ham s6 da cho ¢o dang hai cyec tri.
Loi giai
a)b b) b ¢)S d)b
Ta co hl‘n y=0= =0 khong 1a gié tri 16n nhat ctia ham sb.

¢ v =x(1- x)x* +1 N )
Cau 7: Cho ham s6 * ¥(1- ) +1) c6 do thi (C). Cac ménh dé sau ding hay sai?

NGO

cit truc hoanh tai 2 diém phan biét.

(©)

b) cit truc hoanh tai 3 diém phan biét.

() cit truc hoanh tai 4 diém phan biét.

c)
©)

d) cit truc hoanh tai 1 diém.
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Loi giai
ab b) S ¢S d)S
y=x(- )" +1)=0= x=0
Ta co:

x=
truc hoanh tai 2 diém phan biét.

' Ca hai nghiém d&u 1a nghiém boi 1¢ nén b thi ©
CAu 8: Cho ham s6 *

cat
=ax +3x4d (@d €R) g 43 iy hinh ve.
| 7,
- -Illl -:__I / I'.
Cac ménh d¢é sau dung hay sai?
a) ¢ >0,d >0
b) a<0,d>0
c) @< 0.d <0
d) a > U.d <0
Loi giai
a) S b) S c)b d)S
Dua vio db thi, ta c6 @ <0-d <0
Cau 9: Db thi ham s ¥ =/ ) == N+ 1 g quomg thing * =3tai didm M . Cac ménh dé sau ding
hay sai?
a) OM =10
b) OM =1
d) OM :'\lg
- Gido vién:
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Loi giai
a)b b) S ¢S

cy=f(x) =1- S+

Thay * =3 a0 ham s6 - , ta duoc:
1”(3, - 1)
Suy ra

W|N W]

oM =(3: - )= om =10

(Cl) cr =27 - W+l . (C2)
va

o CHUYEN DE DAY THEM 2025

d)s

y=f(3)=l-f3+1=-1

3
14 d thi ciia ham s6 ¥ =¥ ***1 Goi 7 13

Cau 10: Cho = ' 12 d6 thi cia ham s -
s6 diém chung phén biét cua () va €, ) Céc ménh dé sau dung hay sai?
a) n =0
b) 7 =1
c) n=2
d)n =3
Loi giai

a)S b) S ¢)S db

Xét phuong trinh hoanh d6 giao diém cua = ' va € ):

2y - x+l=x +x+le v -4x=0e |x=

Vi phuong trinh c6 3 nghiém phén biét nén va

Vay 7 =3,

c) . ()

¢6 3 diém chung phén biét.

r —_ 3 2 N
Cau 11: Cho ham s ¥ =& * bx" +cx+d c6 do thi nhu hinh vé sau

— i cT - To IAV/ T=1 o A 45
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}!

Céc ménh dé sau dung hay sai?

a)a<0,b<0,c<0,a’>0

b)a>Qb<Qc>Qd<O

c)a>(),b<0,c<0,a’>0

d)a>Qb<Qc>Qd>O

Loi giai

a) S b) S ¢)D d)s

lim y =+
+Taco «+ = a>0,

L . L 0;d
+Pb thi ham s6 cit OV tai didm c6 toa do suyra 4 >0

. ¥ =3ax” +2bx+c
+Ta co 3ax bx c

. X X \ y R . 5 \ A
Goi ™1, 2 la cac diém cuc tri ciia ham sO.
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Dua vao do thi ta co  da ,ma >0 suyra b<0 c<O0,

Vay @>0 b<0 ¢c<0 d>0,

ax+b
y =

Cau 12: Chohamsé & +d ¢4 @b thi nhu sau.

| L

}

Céc ménh dé sau dung hay sai?

a) ac=0 bd =0
b) ab<( cd <0
c) be>0; ad <0

Loi giai
a)S b) S )b d)S
Theo db thi:
Y=g |
Tiém cin ngang: ¢ = ac>0 Dodo %° cung dau
_1-:_i>|:|=':- E{U .

Tiém céan dirng c c = cd <0 Do d6 &9 trai dhu

B :r'x:-é*:[l=>£>0 b )
Cho ¥ =0 a a = ab>0.Do g6 % cing dau

Twr va suyra a,d 447 dhu nén ad <0

Tir va suy ra 7€ cing ddu nén b >0
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x+a
V=

Ciu 13: Cho ham sé

¥

CHUYEN DE DAY THEM 2025

x-1 ¢4 @b thi nhu hinh v& bén.

Cac ménh dé sau dung hay sai?
a) a>1

b) @ =-3

c) 4 <- 1

d) a=l

Loi giai

a) S b) S

—r\[1
Tap xac dinh: D=R\}

:r_']-a

V =——=
Ta co: Ce- 1) .

3

Tt hinh vé ta thay:

Do thi ham sd cit truc tung tai diém co tung do bang 2. Do 6 - @ =2 <> a

p = b
CAu 14: Cho ham sb

c)b

d) s

CEl Yy Ele - l-ax0es a<- |

-

X+C ¢4 @6 thi nhu hinh v& bén.
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-1

Cac ménh dé sau dung hay sai?

Loi giai
a) 8 b) S ©)S
bo thi ham sb ¢o:
Tiém cin dimg: ¥ =-¢ =-l= ¢ =l.

Tiém can ngang: ¥ =% =~ 2

) x=0= y=—=lo b=l
Giao di€ém voi tryc tung: c

d) D

Ciu 15: Cho ham sé ¥ =@% +bx™ +ex+d o 4x i i hinh ve

Céac ménh dé sau dung hay sai?

49
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2) @ <0.b>0.c20,d>0

by ¢ >0.b>0.c<0.d>0

¢ @ <0.b<0c<0.d>0

d) @ <0.b>0.c<0.d =0

Loi giai

a) S b) S ¢S db

Do nhanh bén phai cta db thi di xubng nén @ <0
DO thi ct truc tung & phin duong nén 9 > 0.
Db thi ¢6 2 cyc tri tai hai gia tri X duong nén phuong trinh y =0 c6 2 nghiém duong

phan biét = 3ax” +2bx+c =0 ¢4 nghiém duong phén biét.

A'>0 b~ - 3ac>0
2h bh>0
= 5= = 1-—=1 =
3a c<
P>0 :
— =0
| 3a
v_a.r+b
CAu 16: Cho hams6 X +1 ¢4 dd thi nhu hinh vé.
yJ\
2

‘—-___-‘.“
@]
=R

Céc ménh dé sau dung hay sai?

a) a<b




& TRUONG THPT wereeeeessessssssnnns (V) CHUYEN PE DAY THEM 2025

b) @b <0
c) ab >0
d) b<a<o0
Loi giai
a)S b) S c)b d)S
a +IIIJ a+

. X+ . . ; .

lim S0 =l —% =g lim S0 = lim ¥ =

X—= 4 T+I X— :I+ X— - T+I ..—-:I+ ~
Ta co x va X nén ¥ =% 1a phuong trinh

duong tiém can ngang cua do thi ham so.

C , Y =2 hen a =2
Duya vao hinh vé ta thay do thi c6 phuong trinh duong tiém can ngang nen 4 =<
a.0+h
(0,1) A x =0 v =1 ... \ A I= O+1 = b=l
. 7 nén thay ’ vao ham so ta dugc:
b6 thi di qua diém
Vay ab =2>0
Lo +4- b
Céu 17: Cho ham s6 cx+b ¢4 @b thi 1a dudng cong trong hinh bén.

T A

A

e O X

v

Céc ménh dé sau dung hay sai?

a) a<00<h<d c<0
b)ﬂ:rﬂ._b:.vﬂ._cr.:ﬂ

0) a=0h=4,c<0
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d)ﬂ}ﬂ..ﬂ{h{4..f‘f.[}

Loi giai

a) S b) S S d)b
§ _ax+4-b .= b _a
Tu cx +b suy ra do thi ham sb c6 TCP: ¢, TCN: ¢, giao diém ctia do thi
SN
vOi truc tung va truc hoanh 1an luot c6 toa do b a :
i-::D(Il'
-
b
1-—>0(2)
-
‘ R RELINTC))
Tir db thi ta thiy . P
Tutaco 0<b<4 tirtasuyra ¢<O0 tirsuyra @>0,
Ciu 18: Cho ham s§ ¥ =4 *b5" +cx*d .4 48 thi nhu hinh va.
YA
>
/ o x
Cac ménh dé sau dung hay sai?
a) a=0b=0,c=0,d=0
b) a=0bhb=20c<0,d =0
c) a=0b<0c=<0d=0
d)ﬂ}ﬂ,bv.:ﬂ._c-::ﬂ._d-::ﬂ
Loi giai
a) S b) S b d)s
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Dua vao dd thi ham bac ba ta nhan xét:

Nhénh cudi d6 thi ham s6 dong bién nén @ >0

Do thi ham sb cat Oy tai diém c6 tung d6 duong nén 4 >0

Db thi ham sb ¢6 hai diém cyc tri nam vé 2 phia truc tung nén @c <0= ¢ <0

Db thi ham sb c6 hoanh d6 diém udn duong nén ab <0= b <0

L _ax+bh
HH—H:F(mmgdeﬁa{M

Céu 19: Cho ham sb c¢6 bang bién thién nhu sau:

—00
Céc ménh dé sau dung hay sai?
a) >0 ¢>0 d>0
b) 6<0,¢>0 d<0
c) b<0 ¢<0 d<0
d) >0 ¢<0 d>0

Loi giai
a)S b) S ©)S dPb
. ) =250 E>0
Tiém can ngang cua do6 thi ham so6 J(x) 13 vy =2> ,suyra € . Ma a<0 pngp c<0,
_£>0 i(O
Tiém can ding * =1>0 suyra ¢ hay ¢ . Mac<0npgnd>0,
‘ - | 2s0 Leo
Do thi ham s cit truc hoanh tai diém c6 hoanh @ X >1>0 pgp @ hay @
Do do 6>0,
Vay >0 ¢<0 d>0,
_ax+b

].
Cau 20: Hinh v& bén 13 dd thj cia ham s6 =~ ¥ +d
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a\r\

Cac ménh dé sau dung hay sai?
a)ad <0 vy ab<0
b)bd <0 vz ab>0
cyad >0 y3 ab<0

d) ad >0 vy bd >0

Loi giai
a)S b) S cb d)S
. ., , E <0= bh.d )
Do thi ham so cat truc tung tai di€ém c6 tung do am nén d trai dau.
d
. ) x=-—<0=¢d )
Do thi ham s6 c6 tiém can dung c cung dau.
a
. ) y=—20= a,c )
D06 thi ham s6 c6 tiém cén ngang ¢ cung dau.

Suyra b trai ddu voi @4 = ad >0 453 ab <0

Céu 21: Cho ham sé ¥ =/ (%) Jien tuc trén R va c6 dd thi nhu hinh vé.
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Y

x‘r

Goi ™ 1a s nghiém ctia phuong trinh / (f) =1 Cac ménh dé sau ding hay sai?

a) M =0.
b) m =7
c) m =5.
dy m =9.
Loi giai
a) S b) b 0SS d)S

Tir d6 thi ham sb va phuong trinh J) =1 ¢ pasé thuc a,b,¢ hoa - 1<a<l<b<l<c

sao cho / (@) =/ (B) =/ (c) =L. p, do,
flx) =a

flifx)) =l=| flx)=b
flx) =c

Dua vao dd thi ham sé ¥ =/ (%) 4 co:

Do ~l<a<l ygpn duong thang ¥ =% cét d6 thi ham s =/(x) tai 3 diém phan biét. Do do,
f(x)=a ¢6 3 nghiém phan bi¢t.

Ta lai co, 1 <2 <2 nén duong thing ¥ =0 ¢t db thi ham s6 ¥ =/ (%) tai 3 diém phan biét
khac. Do do, fx)=b ¢6 3 nghiém phan bi¢t khac cac nghiém trén.

Negodi ra, 2 <€ nén duong thing ¥ =0 cét dd thi ham s§ ¥ =/ (%) tai 1 diém khac cac didm
trén. Hay fx)=¢ g1 nghiém khéc cac nghiém trén.

Tir d6, s6 nghiém cua phuong trinh S =113 m=T7.
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Céu 22: Cho ham sé ¥ =/ (%) xac dinh trén R va thoa man 2f )+ = x) =00 g moiX€R_ Pj thi

ham sé ¥ =f(x+2) c6 tam ddi ximg ! (a;b). Céc ménh dé sau dung hay sai?
5
qa == —
a) 3
3
qa == —
b) 2
5
a=- —
c) 2
7
a=- —
d) 3
Loi giai
a)b b) S c)S d)S
a4 S DR N
xer 2SO+ f(1- 0= ()

! =X thay vao ta co: 2f(x)+ f(1- x) =x’

t =1 Xthay vao taco: >/ 17 )+ /(%) =(1-x)

[2f(x)+ f(1- x) =x°

= = 3f(x)=2x"-(1- x) = y=f(x)=x - x +x- —

Fl+2/01- x)=0- x)

y=f(x+2) =(x42) - (x+2) +x+2- l =x +5x° +9.‘L‘+E
Xét 3

¥ =3x" +10x+9

y'=6x+10
y" =0 = x =- > :
) 3. Tacod Y =f(x+2) 12 ham béc 3 nén nhan diém ubn I(a;b)lé tam d6i xtmg
= q=- i

3 .

2x
Cin23: Chohamsd ~ *+2 6 dd thi ) va didm M (o3I (5 #0) pic 2 whodng cach fi

1(-2:2)

A (¥4 A 5 C . N 17 A ’ A A J .
dén tiép tuyén cua (©) tai M 1a 16n nhat, Cac ménh dé sau ding hay sai?
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2) 2x,+y, =0
b) 2x, +y, =2
0 x,+y, =-2
d) 2x,+y, =-4
Loi giai
a) S b) S S d) P

Phuong trinh tiép tuyén cta (© tai M ¢6 dang diy=y ). G- x )4y .

2x,
= P =
My delc) 7" x +2
Ta co i i L]
_ 4 . ,l'r(-'l'.;.):L*
. (x+2) (.‘r,., +2)
Laico ' .
-
d: ¥ :ﬁ-(r‘ .T,:,)+ H.TI:IJ}
Y x, +2
Do d6 Yo 2 o

= d:y(e, +2) =4x- 4x, +2x, (5, +2) = d 1 4x- (5, +2) p+2x] =0

, 8
‘-S-E(.T,:I-i-ﬂ)'*l-l‘cj:‘ -16- 8x =
= d(1;d) = . = | _IT"I| (-T.-."‘E):"' 1o .
J:E +(x, +2) J(r,:, +2) +16 ' (x,+2)
Ap dung bt dang thirc Cosi ta c6
(x, +2) +L =2 |(x, +3)3.L =80
' (x, +2) ' (x, +2) = d(I:d) =
— (-Tn + 2): :I—tl_\I ) - xﬂ :0
, . Ty = ™
Dau “ =" xay ra (x, +2) = (v, +2) =4 X, =-4
oo X, A0 ox, =-4= y, =4=2x +y, =-4
Baira "° nén " : : : .
s 9,
Sy Ex - —x +0x+m . . ©) oo ©) .
Cau 24: Cho ham so 2 (™ 1a tham s0) c6 do thi . Biét rang cat truc hoanh

. < R A ‘A , \ A ’ XX, X re XS X, <X r A A
tai ba diém phan biét c6 hoanh d¢ twong tmg la ', ™2, ™3 v&1 *1 772 773 Cac ménh dé sau

dang hay sai?
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l<x <2<x,<3<x

a)
b) l<x <x,<2l<x <3
D=x =l=sx,<2=<x <3
C) 1 2 i]
d) <0<y, <l<x <2
Loi giai
a) S b) S )b d)S

Tap xac dinh D =R,

x =1
[ 2 ’ <
Cé ¥ :31—_ = g."l.- + 0 y :0 X :2
£ - ‘ —_ , —_ - . ) .
Vi ham s6 ¢ ¢ =1>0 nén ham sb dat cuc dai tai ¥ _1, dat cuc tiéu ¥ =2 va 1 = l<x, <2<x,

: f +5>[}
f(l):_o - m ;

cit Ox tai ba diém phan bi¢t nén {

(2)<0 2

Mit khc (©) f(2)< m+2<0

5 \
= mE| - -2

2
f(‘l.) =x'- E_‘r: +0x +m , :1) (2:3)

bat 2 . Ham s0 nay lién tyc trén cac khoang ~ "~ va 7~ ", Ta co:
f)=m=< O, RO nén _f'(ﬂ)._f'(l)-:ﬂ_ Suy ra phuong trinh £ () =0 c6 it nhat mot

(0;1)_ 2)

nghiém trén khoang

: 9
r@)<o 1 (3):“"*5"0 F@)r(3)<0

nén . Suy ra phuong trinh /() =0 c6 it nhat

(2;3). (3)

mot nghiém trén khoang

Tir (1)’ (2)’ 3)

O<x <l<x,<2<x <3
ta suy ra : 3 .

7 lién tuc trén R . Ham /) ¢ d6 thi nhu hinh v&.
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Céc ménh dé sau dung hay sai?

2) F(-3)<(-2)

b) Ham s6 f (x)déng bién trén khoang e l).

0 _,f'(o)c_,f'(l}_

d) Ham s J (x)dat cuc dai tai x =0,

Loi giai

a) S b) S ob d)S
X :.Tl
F(x)=0s |x=I
A « [ F=x - . - =
Ttrdathihamsaf(")tacé X= e IS <l <2

Tir d6 suy ra bang bién thién ctua ham s6 A la:

x —x -1 X 0 1 X, 2 +o

7'(x) - 0 + 0 - 0 +

f(x) \ ) /CB \CT /

a) Ham so f(x)nghich bién trén khoéng( %% ), 3e-2<x = f(-3)>£( ﬂ_Chan

b) Ham s f(x)nghich bién trén khoang (-0 ), Gooi-Deloein) o ham sb VAC))

ddng bién trén khoang © " Chon s

¢) Ham sd f(x)dé)ng bién trén khoang (x5t ), n<0<l= f(0) {-’f”(l). Chon D
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d) Qua ¥ =9 dao ham /G khong dbi dau nén ¥ =0 khong 13 diém cyc tri.Chon S

‘Dang ©: Cau trac nghiém tra I6i ngan

Cau 1: Cho ham s =f ('r)cc') bang bién thién nhu sau:

x| —o -2 0 2 ~+oo

v’ + 0 - 0 + 0 -

. /’/,_,’5 X‘ /,I/vﬁ \‘
—oD -2 —

S0 nghiém thuc cua phuong trinh 2f()-7=0 1a

Tra loiz4.
Loi giai
21 (x)-7=0 =1 (x) Vi

S6 nghiém thuc cta phuong trinh chinh 1a s6 giao diém cua dd thi ham s )

, Y
duong thang 2,

y =f(x)

7
S e , ,
Duong thiang 2 ¢at @6 thi ham so - tai 4 di€ém phan biét.

Cau 2: Db thi ham sé ¥ =¥~ Dlx™ - dx+4)

¢6 bao nhiéu diém chung véi truc OX ?
Tra loi: 2.
Loi giai

Phuong trinh hoanh d6 giao diém cua dd thi ham s6 =(x= Ix™ = 4x+4) 45 Ox .

(x-1)(x" - 4x+4) =0

y=(x-1)x" - 4x+4)

Vi phuong trinh hoanh dg giao diém cua do thi ham so va Ox ¢4 2 nghiém nén so

diém chung ctia do thi véi truc Ox 1a 2.

S Y c11-Y. SV T-V E— 60 S 1. 3 > ) [P



’[Tf/f TRUONG THPT weevrrrrersssssnnnnns (V] CHUYEN PE DAY THEM 2025
o 10
) ‘1'=L+.‘r'— 2x+1 . ) ) ) M@——:
Cau 3: Cho ham so 3 ¢6 do thi. Phuong trinh ti€p tuyén cua tai diem 381y
2
}! —_ x- —_—
Tri 19 3
Loi giai
109
: g
W= +- Yy 2 ) = e X . Y
Ta c6 * ¢=x" +2x- 2 suy ra ydi)=1 . Phuong trinh tiép tuyén tai 381y

I
v=Ilx- l)J+—=1x-
y=1(x-1)+3

Led | b

Cau 4: Cho ham bc ba * =/ ) ¢ 4 thi trong hinh bén. S6 nghiém ctia phuong trinh / (=2,

A

Y

Tra loi:3.
Loi giai

) =2 v =f(x)

Ta c6: sb nghiém cta phuong trinh bang sb giao diém giira dd thi ham sb va
y=2
duong thang

Duya vao hinh v&, hai d thi cit nhau tai 3 diém phan biét.

» .
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f(x)=2
Vay phuong trinh c6 3 nghiém.

y=f(x) va Y =g(x)

Ciu 5: SH giao diém cta hai d6 thi ham s6 - bang s6 nghiém ctia phuong trinh.

I ONTOE

Loi giai
S5 giao diém cita hai d thi ham sé * =/ @), =g

f(x)=g(x)= Fx)- g(x) ZU.

bang s6 nghiém cta phuong trinh hoanh d6
giao diém

=x"- 537 +4

Cau 6: SO giao diém cua do thi ham so ) vO1 truc hoanh la.

Tra loi: 4.

-5 +4=0=
Xét phuong trinh

Vay s6 giao diém 1a 4.

N [ —— I , 3
CAu 7: D6 thi ham s+ = -2 truc hoanh tai bao nhiéu diém?
Tra loi: 2.
Loi giai

Xét phuong trinh tuong giao:
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3+Jﬁ>r:+

5
- 2

_ ) X :3_ﬁiﬂﬁ.1':+_,’3+ﬁ

x-3x-2=0 2 2 .

\ v =1t -3 . , i
Tir d6 suy ra db thi ham s& ¥ =% ~ 3% =2 ¢4t truc hoanh tai hai didm phan biét.

X =

__3x+1

r 2 1 14 tlf 9 —
Cau 8: S6 giao diém clia dd thihamsé = ¥~ 3 va duong théng ¥ =3 1a
Tra loi: 0.
Loi giai

: (3x+1=3x-9
3_-1 +1 e -1:&3 X o 12-901)
Xét phuong trinh hoanh do giao diém: *~ 3 X

3x+1

§ —

Vay d6 thi ham sb RETE va dudng thing ¥ =3 khong c6 diém chung.
Cau 9: Do thi ham sb =x'-3x-3 o4 truc tung tai diém c6 tung do
Tra 1i: ¥ =73,
Loi gidi
Cho * =0 = y=-3 .
Suy ra d6 thi ham sé da cho cit truc tung tai diém c6 tung d6 ¥ = 3,

Cau 10: Cho @b thi ¥ =/ () Tim ™ dé phuong trinh / ) +1 =" ¢6 Gng 3 nghiém?

y

-4

Traloi:-3<m<I1,
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Ta c6: filx)+l=m = f(x)=m-1 .

S6 nghiém ciia phuong trinh /() *+1 =M pne o8 giao didm cua dd thi ¥ =/ %) va duong thing

y =m—1_

0 3

X
y=m-1
4 \j

Dua vao db thi, ta c6 yebt < -4 <m=-1<0< -3<m<1_Chon dap 4n

=f(x)

A \ A Vv [N A e 9 V4 .« A
Cau 11: Cho ham s6 - lién tuc trén R c6 bang bién thién sau

y s / 2 \1

x) =m c6 nghiém duy nhat?

C6 bao nhiéu gia tri nguyén caa " dé phuong trinh 7
Tra 10i: 7 .

Loi giai

. , 9N e NIRRT £V =]\ \ \ ) = Y A s
Phuong trinh ¢6 nghiém duy nhat < d6 thi ham so - f (@) va duong thang ¥ =" ¢6 ding mot giao
m=2
=]
-5<m =l

diém
meZ= mE{E;—:Lj—?:;—E.j— I;D;I;

=7 ()

Céu 12: Cho ham s6 * nhu hinh v& bén. Tim ™ dé phuong trinh /(¥) =7 ¢4 3 nghiém phan biét.
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==

Tra loi:-2<m<2,
Loi giai
Phuong trinh fx)y=m 14 phuong trinh hoanh d6 giao diém cta hai db thi.
+ ¥ =/() nhy hinh vé trén.
+ V=M 13 dquong thang song song hay tring véi truc OX |

Pé phuong trinh /() = ¢6 3 nghiém phan biét thi hai db thi ¥ =/ () ¥ =M phai ¢4t nhau tai 3 diém

phan bigt = -2<m <2,

y=x-2x +3x-1

Cau 13: Tiép tuyén cta do thi ham sb tai diém c6 hoanh do * =~ I co hé s goc

k béng
Tra 1oi:10.
Loi gidi
TXD: D =R,
Ta co ¥ =3x" - 4_1'+3.

Hé sb goc cua tiép tuyén 1a k=y(1)=3.C1-4.CD+3 =10,

"ll - 4 N r r 1 2
Céu 14: Cho ham s x- 3 ¢6ddthi (C). C6 bao nhiéu tiép tuyén cua d6 thi () di qua diém
A(41),
Tra 1oi: 2 .
Loi gii

+) T4p x4c dinh ctia ham sb D=i\§ }
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= (2x- 1)(x- 3)- {-T:' x- 3) :.'r:— Ox+35
) {.‘r— 3]: {.‘r— 3}:

+) Phuong trinh tiép tuyén cua (C) tai didm M(x,;p, ):
- 2 _ .y
Uy :M{T- _TI:I]+¢

y= oyl ) x)40(x)  (x- 3) Xo- 3

+) Tiép tuyén cua do thi (c) di qua diém Al4:1) nén ta co:
. -y -2

X, - 0x, :|"5. (4- x,)+ Y- X 2
(x,- 3) %~ 3

0 {.‘r,:,:— O, +5}{4— .‘r,:,]-l'-{.'r,:,— 3}{.‘(,:,:— Xy - 3}
{.‘r,:,— 3]:

U 4x- x,’- 24x, +06x,° +20- 5x,+x - x,°- 2x,- 3x° +3x, +0=(x, - 3)’

&=
U g _I7
U 5x - 22x, +17=0 g° 5
+) Véi %o =1, tacd 70~ ! . Phuong trinh tiép tuyén ctia (c) tai M, (1:1) la:
‘1'=‘1"J{|Hr— 1)+1U y=I1
17 T \ ?_EQ

,-x‘)_? ,}'0_? \ X £ (C) . ‘Bs 5@,

+) Voi ,taco . Phuong trinh ti€p tuyén cua tai la:

. o] - &
i1'=f1"§§— E?—I'-E Uy=- 34?— E?-P-E ,
5 5@ 35 58 5 U y=-24x+97

(€) A(4:1)

Vay ¢6 2 tiép tuyén cta do thi di qua diém

7 I4 N I4 —3 2 2
Céau 15: Tiép tuyén ctia do thi ham s6 ¥ —% tai diém c6 hoanh do UBP duong thang
Tra loi: ¥ =0.
Loi giai

Taco () =0:
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v =3x" = y(0)=0

Phu'O'ng trinh tlép tuyén lé, ¥ :D(T = D)"‘D =y :I:}

2y - 2x 43
, o YT .
Cau 16: buong thang d:y=3x+1 4 43 thi ©) ctia ham so x-1 tai hai diém phén biét
A.B Tinh do dai 4B .
Tré lois 4B =10
Loi gidi
Xét phuong trinh hoanh d¢ giao diém:
3.‘{':‘ 3'{""3 X ;tl. X '._rtl. X :Eﬂ _]_.l :?
— =ix+l= ) . = . =
x-1 2 - 2x4+3 =3 +x-3x-1 -4=0 x=-2= y=-5

Goi A(2:7),B(-2:-5)= AB =J4* +12° =44/10.

_ax+l1

H

Cau 17: Choham s6 = DX 2 ¢4 dd thi nhu hinh v&. Tinh 7 =a +b

-10 -5 2 5 10

Tra loi: 7 =2

Loi giai
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*)

Dua vao d6 thi ham s6 = ham s6 nghich bién trén tap xac dinh = - 2a- b<0

Db thi ¢6 hai duong tiém can: * =2 va ¥ =1,

a
b [a =1

2_, " b=

. b o ()
Khi d6 Théaman = ~. Vay 7' =2,

Cau 18: Cho ham s y=f) lién tuc trén [- % 2] va ¢ d6 thi nhu hinh v& bén.

3f(x)-4=0 trén doan [_ % 2] la

S6 nghiém thyc ciia phuong trinh
Tra 1oi: 3.

Loi giai

. ' 4 4
3f(x)-4=0= f(x)=— ‘ , , YET oy =f () :
Ta co 3 . Duya vao d6 thi, ta thay duong thang 3 cat - ©7 tai 3 diem
phan biét nén phuong trinh da cho ¢ 3 nghi¢m phan biét.
y _x-3
Céu 19: Tim didu kién cia " dé duong thing ¥ ="+ 1 ¢4t 48 thi ham s =~ X+ tai hai diém phan

biét.

Tra 1oi: (- oo 0)u(l o +oc)

Loi giai

x-3
=mx +1

Hoanh d6 giao diém 1a nghiém ctia phuong trinh: ¥+ 1

x-3 :(un'+|](.r+l)¢ Jm.'r: +mx+4=0 (*)

x == r#E-1
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x-3

, , ,— T V= A . * .
Dé duong thang ¥ =7+ I ¢4t b thi ham s6 x+1 tai hai diém phan biét thi phuong trinh ) co hai

A=0 ‘- 16m >0

1 +mCGDra=0
- - =
nghiém phan biét khac - L hay '+ 0 TS 40

= me(-ux0)ule; +’1.').

2x-1
V=

Ciu 20: Chohamsd =~ ¥+1 ¢6 dd thi ©) va duong thing 91V

(©)

=2

X= 3 Pudng thing 9 cit

tai hai diém phan biét 4 va B . Toa do trung diém cua doan 4B 1a:

M‘i;-i]
Traloi: ‘4 2
Loi gii

2x-1

=2x-3
Phuong trinh hoanh d9 giao diém la: x +1 ( . Diéu kién X #1
x =2
D= 2x-1=(x+1)Qx-3) e 2x7-3x- 2=0 = I
X =-—
5

Ta co

Goi M 1a trung diém cua doan 45 .

(o1
V| =

X, = | 2 :E 1,:21.__r‘3:2.é'3:‘3

Ta co 2 4 4 2
7 M| %]
Vay toa do trung diém cua doan 4B la: 4 2
. 2 \ ; m—=rla a9 g -

Céu 21: S6 giao diém d thi ham s& ¥ =% =¥ ~ < va duong thing ¥ = 2 la:

Tra loi: 3.

Loi giai
| —_
yExmx-2 s y=-2

Hoanh d¢ giao diém cua d6 thi ham s6 -

Ta c¢6 phuong trinh hoanh d6 giao diém:
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p=x"-x -2

Vay d6 thi ham s Y va ¥ =72 ¢4t nhau tai 3 diém.

o coav=f) o R\-1] .
Cau 22: Cho ham s6 - / xacdinh trén U fien tuc trén mdi khoang x4c dinh va c6 bang
bién thién nhu hinh v&. Tim tap hop tit ca cac gia tri ciia tham sb thuc 7 sao cho phuong trinh

Y —
f&)=2m- 4 c6 dung 3 nghiém thuc phan biét.

X —00 -1 3 +00
y’ + - 0 +
2 400 4+ o0
y / NN
—00 —4

(0;3)_

Tra loi:
Loi giai

/ N )=2m - ‘ . \ V=
S0 nghi¢m cua phuong trinh Sy =2m- 4 chinh 1a s0 giao diém ctia d6 thi ham s6 y=f) va duong

) . — _ Ax)=2m- . . . .
thing ¥ =2™~ % Do d6 cho phuong trinh f ) =2m- 4 c6 dung 3 nghiém thuc phan biét khi va chi khi

dudng thing ¥ =27~ 4 cit db thi ham sé tai 3 diém phan biét.

vy =£(x)

Quan sat bang bién thién ta thay do thi ham s6

phan biét khi va chi khi ~4<2m-4<2<= 0<m=<3,

2m=- 4

va duong thang ¥ = cit nhau tai 3 diém

=-2x+m

Cau 23: Tap hop tit ca cac gid trj thuc cua tham sé 7 dé duong thang ¥ cit @6 thi ham s6

x+1
y =

X=- 2 tai hai diém phan biét la.

(- oe:5- 246)u (54 26; +)

Tra loi:
Loi gidi

i+

-2x+m= 2
. . : = 2x - B+mlx+2m+1=0 .
Xét phuong trinh: x-2 v - Bem)x+2m+1=0 voi ¥ #2,

Yéu cu bai toan © phuong trinh ¢ hai nghiém phén biét khac 2

(A =m’-10m+1>0
22°-(3+m)2+2m+10 = mE(— w5 - EJE)L_J(5 +3~.||I'E.j+’1.')
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CAu 24: Cho ham sb =f(x) xac dinh va lién tuc trén doan [_ z 2] va co do thi la duong cong trong hinh

. . o ; : (x) =m . ) R .
v€ bén dudi. Xac dinh gié tri cua tham s6 m dé phuong trinh “’{ 1 c6 s0 nghi¢m thuc nhiéu nhat.

A Y
[1 ——————
) i 1/
P[F1ION /2 =«
—_
—————— ._.::1
Tra loi:6.
Loi giai
Chon B
Dua vio b thi ta 6 b thi cta ham s * =7 ) 1a:
ot
________ 4.
—2! i x
E

STEEr S————

5 o . () = C . 2
Tur dd thi ta thiy rang, voi m théa 0 <7 <2 thi phuong trinh “f ‘71 ™ ¢6 6 nghiém nhiéu nhat 1a 6.

) :f(.r):

Cau 25: Sau déy 1a bang bién thién ciia ham s6 )
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X —an = 0 450

te
2
o
|
o
|

e
L
+
8

. 21 (x)-3=0
S6 nghiém cua phuong trinh |'f G 1 la

Tra loi: 4 .
Loi giai

3
Flx)==

= [f)=2 2
2/ (6))- 3 =0 T W=

=

b | s

Ta co:

Duya vao BBT suy ra:

: 3
,f (T) = 5 =
Vi < Phuong trinh c6 3 nghiém phan biét.

=1

flx)=-
Véi

b3 | L

Phuong trinh ¢6 1 nghiém phan biét.

2 £ (x)- 3 =0
Nen 2 ) c6 4 nghiém phan biét,

Cau 26: Cho hamsé » =+ T 37 - ™ Tim cac gia tri ciia 7 dé d6 thi ham s6 YACONST truc hoanh tai

3 diém phan biét?

Tra 1oi: " € (%)
Loi giai
Tacd V' =3x" +f!."f; y'=0e x=0 hodic X == 2,

. ry (0} (-2 -m {4 -
Ham s c6 3 nghiém phan biét khi Yoo Ver <0 p0) p(-2)<0= -m{(4-m)<0=0<m<4

V=——

CAu 27: Biétdd thiham s6 = 1~ ¥ va dudng thing ¥ = ¥ +2

cit nhau tai hai diém phén biét 4 va B,

tim tung do trung diém I cua doan théng AB. .
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Tra 1oi: 2 =0 .
Loi giai

x+1

) —-x+2 e x' -4+l =0
Phuong trinh hoanh d6 giao diém: 1- x

_x+1

R T Ty 2 \ r y=""0: 5 ) ——
Goi AG; 3, B(x;:y,) 1a giao diém ctia do thi ham so6 1= X va duong thing ¥ =" ¥+2,

X +x, =4 x, + X, =4
- 2
» +y, =- (.1.’, +x:)+4 y+y, =0

Ta co:

Nty _g

9 2 I
I 1a trung di€ém cua doan thang 4B nén 2

, =

Cau 28: Trong 20 phut theo doi, luu lugng nude cia mot con song dugce tinh theo cong thirc

Ql(t ):_?1&5 t*+100, trong d6 Q dugc tinh theo m®/¢, phit, t tinh theo phiit, 0<t<20 (Ngudn: A.

Bigalke et al., Mathematik, Grundkurs ma-1, Cornelsen 2016). Khi luu lugng nude cua con song lén

dén 550 m’/( phit thi canh bao 1i duoc dua ra.

Trong thoi gian theo doi, luu lwong nude ciia con séng 16n nhét 1a bao nhiéu? Canh bao lii dugc dua ra

vao thoi diém nao?
Tra 10i: tai thoi diém ¢ €[15;5+5+/7] phut thi canh béo lii duoc dua ra.
Loi gidi

. —1
Xét ham s6 Q(t):?t3+5t2+100 véit €[0;20].

Taco Q(t):_?Bt2+10t;

Q(t)=0<« —§t2+10t=0 - t:% hodct 0.
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Bang bién thién ctia ham s6 trén doan [0; 20] nhu sau:

:I
t |0 sl 20
3
QM r 0 -
15200
T,
Qi)
100 500

Tir bang bién thién suy ra [max] Q(t)= 1522700 tai t= 30 , ttre 13 Ivu lugng nudc cta con séng 16n nhét 1a
0;20

15200

50
t=—
oy m 14 phut tai thoi diém 3 phut.

Cénh bao lii duoc dua ra khi luu lwong nude ciia con séng 1én dén 550 m®/¢ phit, tic 1a Q(t)>550 =

—1t3+5t +100>550 @—lt3+5t +450>0 = t35—5\/7 .
> 5 15<t<5+5/7

Laico t €[0;20] nén 15<t<5+54/7.
Vay tai thoi diém ¢ €[15;5+5+/7] phat thi canh bao li dugc dwa ra.

Céu 29: Khi mot vat la méc ket trong khi quan khién ta phai ho, co hoanh day 1én trén gay ra ting ap
luc trong phdi, theo d6 cudng hong co thit 1am hep khi quan khién khong khi di qua manh hon. Déi véi
mot lugng khong khi bi day ra trong mot khoang thoi gian ¢ dinh, khi quan cang nhé thi luéng khong
khi cang day ra nhanh hon. Van téc ludng khi thoat ra cang cao, luc tic dong 1én vat la cang 16n. Qua
nghién ctiru mot sb trudng hop, ngudi ta nhan thiy van tdc v ciia ludng khi lién hé véi ban kinh x cia

khi quan theo cong thtrc:
o 1 . .
v(x)=k(X0—X)X2 VOl EXOSXSXO- Trong d6 k 12 hiang s6 (k>0) va x, 1 ban kinh khi quan ¢ trang

thai binh thudng. Tim x theo X, dé van tdc cta ludng khi mot con ho trong truong hop nay 1a 16n nhat.
s 2
Tra loi: x=-X,.
3
Loi gidi

£ . I 1
Xét ham so f(x)Z(xo—x)x2 vO1 X, ¢0 dinh va EXOSXSXO-
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Do k 1 hing s6 nén van toc cta ludng khi mot con ho 16n nhat khi f (x) dat gia tri 16n nhat.

Taco f(x)=—x"+x,x;

9

f(x)=—3x"+2x,x
f(x)=0 < x=0 hoic x=§x0.

Bang bién thién:

1 2
X jxﬂ ?X o Xo
f'(x) + 0 -
(5%)
(3x) o
A 2
Duya vao bang bién thién, ta c6 Max, . f(x)=f 3 Xo
> 0Xo

A A A 5 A 7 A 7 A . 2
Vay van toc cua luong khi mét con ho 16n nhat khi x= 3 Xo.

CAu 30: Anh Nam c6 mot manh dat rong va muén danh ra mot khu dat hinh chir nhéat c6 dién tich
200 m’dé trong vai loai cdy méi. Anh duy kién rao quanh ba canh ciia khu dat hinh chir nhat nay bang lu6i
thép, canh con lai (chiéu dai) s& tin dung burc tudng c6 sdn (Hinh 1.36). Do diéu kién dia li, chiéu rong khu
dat khong vuot qua 15 m, hoi chiéu rong ctiia khu dat nay bang bao nhiéu dé tong chiéu dai ludi thép can

dung 12 ngan nhét (nghia 14 chi phi rao ludi thép thap nhat)?

e e e T

Tra loi: 20m
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Loi giai
Goi x( m) 1a chiéu rong cua khu d4t hinh chit nhat can rao.
Theo d bai, ta c6 0<x <15.

. , S 200
Dién tich khu dt nay 1a 200( m?| nén chidu dai ciia khu dat 1 ——(m).

200

Téng chiéu dai ludi thép rao quanh khu dat 1a L(x):2x+7( m).
. 2 .
XéthamsazL(x):2x+%, v6i X €(0;154.
: 200 _ 2x*—200
Taco: L (x)=2— = X T
X X
L'(x)=0 < x=10( do x>0).
Ta co: lim ("xHO*"L(x):lim LX‘OL[,M@}:*ML{,Z’;
L(10)=40
L(15):@.
3
Béng bién thién:
X 0 10 15
L'(x) — 0 +
oo 130
L) \ 3
40 /

Dua vao bang bién thién, chiéu dai ludi thép ngan nhét 1a 40 m khi chiéu rong khu dét nay 1a

x=10( m) (va chiéu dai 1a %zzo( m).

Cau 31: Gia st s0 lwong cua mot quan thé nam men tai moi trudng nudi cay trong phong thi nghiém duoc

. / a .. , N .y C v e A X
md hinh hod bang ham so P (t)= W’ trong do thoi gian t duoc tinh bang gio. Tai thoi diém ban dau
e
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t=0, quan thé c6 20 té bao va ting vai tdc do 12 té bao/gid. Tim céc gid tri ctia a va b. Theo mo hinh nay,

dicu gi xay ra voi quan thé nam men ve lau dai?

Tra 1oz 100 té bao.

Loi giai

1 0,75aa "™
Taco: P (t)—m,tzo.

Theo dé bai, ta co: P(0)=20 va P'(O): 12. Do @6, ta c6 hé phuong trinh:

ﬁzzo a=20(b+1)
0,750 _,, %:12.
(b+1)

. 1
Giai hé phuong trinh nay, ta dugc a=25 va b= e

)= 18,75¢ >

[y 2>0’Vt20 iy A A 2 A A s
Khi do, 1 ro 075t , tire 12 s0 lugng quan thé nam men ludn tang.
4
. limé, L P(t)=limé, , —22 =100 . L )
Tuy nhién, do 1 o7t nén so6 luong quan thé nam men tang
4

nhung khéng vuot qua 100 té bao.

CAu 32: Mot nha san xuét can 1am nhitng hdp dung hinh tru c6 thé tich 1 lit. Tim cac kich thuée cua hop
dung dé chi phi vat liéu dung dé san xuat 1a nho nhét (két qua duoc tinh theo centimét va lam tron dén chit

s6 thap phan thi hai).
Tri 1oi: 10,84( cm)
Loi giai
Déi 1 1it ;1000 cm’.
Goi r( cm) 1a ban kinh day cta hinh try, h( cm) 1a chiéu cao cua hinh tru.

Dién tich toan phan cta hinh try 13: S=2 7 r*+2 nrh. )
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U . 3 A . 2 _ 1000
Do thé tich cua hinh try 14 1000 c¢m” nén ta c6: 1000=V =nr"h, hay h= o
Do d6, dién tich toan phan cua hinh try la: S=27 ri+ 20r00 ,1>0.
Ta can tim r sao cho S dat gia tri nho nhét. Ta cé:
3
S=4nr— 20(2)0 _anr 22000 ;S=0=nr’=500 = r=y @
r r i
Bang bién thién:
. 0 ,1500 o
T
SN - 0 +
S | 4 +o0
\ o @ /
T
= 1000 _ 1000 _ 100
Khidé:  nr’ 3250000 {2507,
2
s

Vay can san xuit cac hop dung hinh tru ¢6 ban kinh day r:w3 500 ~5, 42( cm) va chiéu cao
m

100

h=
V2507

~10,84( cm).

X

o Y , e
Cau 33: Co bao nhiéu gia tri cia ™ dé do thi ciia ham so - x cit duong thang ¥ =~ ™ tai hai

A.B 20 cho goc giita hai duong thing O4 va OB bing 60° (O1a gbe toa d6)?

diém phan biét

Tra loi: 2.
Loi giai

Phuong trinh hoanh d6 giao diém ciia hai db thi:

L =xX=-m<= .‘l.': - mx +m =0 (*)

- x (* =1khong 1a nghiém ctia phuwong trinh)
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, m=4
A=m -4m=0+= 0
Hai d thi c4t nhau tai hai diém phan biét 48 khi: m=
I A \ () x +x, =mxx, =m
Goi 1”72 lan luot 1a nghiém cua thda *' 2 e ,
Kkhi d6 A(.‘r,.j.'r, - m), S(.T:.: X, = m).
(04.08) |.r,.r: +(x, - m)x, - m] |2_~r, x, |2m|
Ccos ! = = T~ 2
Theo dé bai ta cb: JJ.'I: +(x, - m) ..J x4l -m)y Koty omo- 2m
2 1 0
=—,m>
cos(607) __ Pl 1 o |m-2 2 o |0
m - 2m 2 2 1 m=-2
=-—m=<0
Khi d6 m-2 2
Vay c6 2 gia tri 7 dé hai do thi cit tai hai diém phan biét 4. B a0 cho goc gitra hai dudng thing O4 va

OB bing 60°

p =3x - 4y

Cau 34: Mot duong thing cit dd thi ham sé » = tai bon diém phan biét c6 hoanh do

0:1:a:b 1igp S =ab-a-b

Loi giai

C) ctia ham s 7 =f(x) =3x" - 4x° A, B

Puong thing @ cét dd thi ( lan luot tai cac diém ¢6 hoanh

d6 %1 nen:
— £(0) =0
) =-

! . ~
f | = A(0:0), B(1- 1)

(5,
\ -]'IH
Suy ra phuong trinh dudng thang @ la: ¥ =X

Phuong trinh hoanh dé giao diém cua ¢ va (C): 3x* - 4x® =-x

e 3t - 47 +x =0
= x(3x" - 4x+1) =0
e x(x- 1)(3x" +3x-1)=0
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x =0
x =l
x =0 g
= |x-1=0 = _T:'?'""!E_I
. 0
v +3x-1=0
T_—3+Jﬁ
' 6
=1 2 - 2 2
a = 3 Jj.jb: 3+Jj=r S=ab-a-bh==
T d6 suy ra 0 0 3,

Nhdn xét: Do biéu thae S dbi xtmg nén ta c6 thé ap dung Pinh 1i Viet dé tinh nhanh hon

1
. ab=-—;a+b=-1
Cu thé: Vi % ba nghiém cua phuong trinh 3~ +3x- 1=0pgp 3

S =ah-ag-b=ab- (.:H-!:r}:—lg— (-1)=

Led | b

Tir 6 suy ra
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