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DAY TN PY]  Bai toan vé tiép tuyén va su tiép xic

Cau 1.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Phuong trinh tiép tuyén véi d6 thi ham séy = x* —2x* +x+2019 tai diém c6 hoanh do x, =-1
la
A. y=8x+2016. B. y=8x+2007. C. y=8x+2014. D. y =8x+2023.

Phuong trinh tiép tuyén v6i do thi ham s6 y= x(4 - x)2 tai diém M, (1 ; 9) la

A. y=3x+12. B. y=3x+8. C. y=3x-3. D. y=3x+6.
Phuong trinh tiép tuyén v6i d6 thi ham s6 y = x* +2x* —1 tai diém c6 hoanh do x, =2 1a
A. y=-40x-80. B. y =—-40x-57. C. y=-40x+103. D. y=-40x+25.
Cho ham s6 y =x*+2x* +3 ¢6 do thi (C). Phuong trinh tiép tuyén ctia d6 thi (C) tai M(1; 6)
la
A. y=8x-2. B. y=8x+5. C. y=8x-8. D. y=8x+14.
Cho ham s y= x+1 ¢6 d6 thi (C). Tiép tuyén cua (C) tai diém co tung d6 bang 4 la

x_
A. y=3x-5. B. y=-3x+13. C. y=3x+13. D. y=-3x+5.

Cho ham s6 y= Ll ¢6 d6 thi(C). Tiép tuyén ciia (C) tai diém co tung d6 bang 1 tao v4i hai
x a—
truc toa d9 Ox, Oy mot tam gidc c6 dién tich bﬁng

A. 1. B.l. C.9. D.g.
2 2
Cho ham s y=In(x+1)+Inx co d6 thi (C), diém M e (C) co tung do bang In2 . Phuong trinh
tiép tuyén cta (C) tai diém M la
3 1

3 3.3
A y=-2x+3+In2. B.y=-x-2+In2. C.y=3x-1. D.y="x—-.
=7 " Y=t Y Y7

Cho ham s y=xIn(x-1) cé d6 thi (C). Phuong trinh tiép tuyén ctia (C) tai giao diém cua (C)
vo1 truc hoanh 1a

A. y=0. B.y=x-1. C.y=2x-4. D. y=2x+4.

Cho ham s§ y = x> —6x> +9x+1 c6 dd thi (C). Phuong trinh tiép tuyén ciia (C) tai diém c6 tung
d6 bang y, =15 1a

A. y=24x+9. B. y=24x+39. C. y=-15. D. y=24x-39.

Cho ham s y=x"-x"+2x+5 ¢b dd thi (C). Trong cac tiép tuyén cua (C), thi tiép tuyén co
hé s6 gbc nho nhat tiép xtc véi (C) tai diém co tung d6 bang
1 B 151 C 113

A, —.

c—. c—. D.
3 27 27

W] u

Cho ham s6 y = log,

;+3 c¢6 do thi (C ) Phuong trinh tiép tuyén do thi ham sd tai giao diém
-X

ctia do thi (C) v6i dudng thang d: y=2la:
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

A.y= 5 X — 5 . B.y= 1 xX+2— 5 .
4In2 4In2 4In2 4In2
C.y:x+2——5 . D.y= 5 xX+2— 5 .
41n?2 4In?2 4In2

Biét duong thang y = 2In4.x +m 1a tiép tuyén ciia duong cong y = 4>* khi d6 gia tri tham s m
bang

A. 2In4-1. B. 1 hoac 3. C.1. D. 1 hoac 2In4-1.
Cho ham s6 y=x"—4x*+3x-3 ¢ d6 thi (C). C6 bao nhiéu tiép tuyén cua do thi (C) song song
v6i duong thang A 2x+y+1=07?

A. 1. B. 2. C. 3. D. 0.

Cho ham sb y = —x” +3x” —7x+2. Tiép tuyén cta do thi ham s6 c6 hé s goc 16n nhat c6 phuong

trinh la
A y=4x-1. B. y=4x+1. C.y=—4x-1. D. y=-4x+1.

Biét tiép tuyén cta dd thi ham sb y = ax* +bx® +23 tai diém A(2;-5) vudng goc véi dudng
thang x+4y—2019=0. Tinh 2a+b—4.

A. 15. B. 23. C. -23. D. -15.

Duong thang y = m tiép xtic voi do thi ham s6 (C): f(x)=x*—8x”+35 tai hai diém phan biét.

Tim tung do tiép diém.
A. -35. B. 35. C. -19. D. 19.

Cho ham sb y= %xz —1n(2x— 2) c¢6 do thi (C) S6 tiép tuyén véi @6 thi (C) ctia ham s vudng
goc v6i dudng thang y=—x+21a

A. 0. B. 1. C.2. D. 3.

Cho ham s y=e —e " co do thi (C ) Tiép tuyén ctia d6 thi (C ) c6 hé s6 goc nho nhat 1a

A. y=0. B. y=2x+1. C.y=x+2. D. y=2x.

Cho ham s6 y = x”+3x* —6x+1 ¢4 d6 thi (C). Viét phuong trinh tiép tuyén ctia do thi (C) biét
tiép tuyén di qua diém N(0;1).

A.y:—;forll. B.y:—%erlZ. C.y:—1—3x+1. D.y:—3743x+2.

Cho ham s y =’ —3x>+2. Co tit ca bao nhiéu tiép tuyén ciia d6 thi ham sé di qua diém
A(1;0)

A. 1. B. 2. C. 3. D. 4.

_x

Cho ham sd y= x—3—2 c6 do thi (C ) C6 bao nhiéu tiép tuyén ciia do thi (C ) di qua diém

A(4;1)?
A. 1. B.2. C.3. D.O0.
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Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cho ham sb y = Z—’Cl c6 dd thi (C). Biét ring c6 hai tiép tuyén ciia d6 thi (C) di qua diém
X+

A(0;1). Tich hé s6 goc cua hai tiép tuyén d6 bang

A. 1. B. 1. C. 2. D. 2.

Goi S 1a tap cAc gia tri cia tham s6 m dé d6 thi ham s6 y = x° +mx® —9x—9m tiép xtic véi truc
hoanh. Tong cic phan tir cia S bang

A. 1. B. 0. C.3. D. -3.

Xét d6 thi (C) ctia ham sd y= x%+3ax+b véi a,b 1a cac sb thuc. Goi M, N 14 hai diém phan
biét thudc (C ) sao cho tiép tuyén véi (C ) tai hai diém d6 c6 hé s6 goc bang 3. Biét khoang
cach tir goc toa d6 toi duong thang MN bang 1. Khi d6 gia tri 16n nhét ctia a* —b* bang

A. 0. B.E. C. 2. D._—2.
2 3

Cho ham s6 f (x)théa man f(x+\/x2+1)=x—\/x2+1 voi Vx e R.Goi A latiép tuyén ctia dd

thi ham s6 f(x) tai diém c6 hoanh d¢ x, = % Gia st A cat Ox tai diém A va cat Oy tai diém
B. Khi d6 dién tich cta tam gidc OAB bang
A. 1. B. 2. C. 4. D. 8.

Cho ham sé: y= c6 do thi (C ) Phuong trinh tiép tuyén ctia d6 thi (C) biét tiép tuyén tai

2x+2
x—
diém M(xo;yo) € (C) thda man phuong trinh |x0|—2 =0 la

4 1 4 2
Al y=——x——,y=4x+14. B.y=—x-—, y=4x+1.
Yy 9 9 y y 9" 79 y
4 1 4 2
C.y=——x——=, y=4x+1. D.y=—x——, y=—4x+14.
y 9" 79 Yy y 979 Yy

Cho ham s6 y=4x’ (1 —x) +xt (C) Phuong trinh tiép tuyén tai giao diém cia (C ) véi parabol

(P): y=x"1a

A.y=0;y=1;y=24x-6. B.y=9;y=1;y=24x-6.

C.y=0;y=5;y=24x-63. D.y=0;y=1;y=24x-63.

Cho ham s6 y =2~ ‘11 ¢6 db thi 1a (C). Goi I la giao diém 2 duong tiém can. Goi M(x,,y, ).
X+

x, <=3 la mot diém trén (C) sao cho tiép tuyén vé6i (C) tai M cat hai dudng tiém can lan luot
tai A,B thoaman AI’ +IB* =40 . Khi d6 tich x,y, bang
A. -1. B. -12. C.7. D. 12.

Cho ham sé f(x) = x—-‘_i c6 dd thi (H ) Tim trén Oy tat ca cac diém tir d6 ké dugc duy nhat
x f—

mot tiép tuyén toi (H ) .
A. M(0;1). B. M, (0;1) va M,(0;-1).
C. Khéng ton tai. D. M(0;-1).
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cho ham s y= 2x _11 ¢ do thi (C). Viét phuong trinh tiép tuyén cua (C)biét tiép tuyén nay
x_
ct truc hoanh va truc tung 14n luot tai cac diém A, B phan biét théa man AB = \/5 .OB.
1 13 1 25 1 25
A y=——x+—va y=——x+—. B.y=—x+—.
Y9t g Va9t 9N
1 13 1 17 1 25
C.y=—x+—. D.y=—x+—vay=—x+—.
YT YTTgt g va Tty

Tiép tuyén v6i d6 thi ham s y = tai diém c6 hoanh do x, la nghiém cta phuong trinh

16x* —2x-8=642x-1 la

x+1

3 1 3 9 9 4 1
A y=—x——. B.y=—x-—-—. C.y==. D.y=—x——.
Y 4 4 Y 4 4 Y 2 Y 3 4
Cho ham s y= x—; ¢6 dd thi (C). Viét phuong trinh tiép tuyén cua (C) tai diém M c6 hoanh
x_

d6 khong nho hon 3, biét tiép tuyén cat hai tia Ox, Oy lan luot tai hai diém A, B sao cho tam

giac OAB can.

A. y=x-5. B. y=-x+5. C.y=x-1. D. y=-x+1.

Cho ham s6 y = 3x _11 c6 o thi (C). Biét y = ax+b 14 phuong trinh tiép tuyén cia (C) c6 hé
x f—

s6 gbc nho nhét trong cac tiép tuyén cé hoanh dé tiép diém 1a s nguyén dwong. Tinh 2a+b .

A. 2. B.9. C.7. D. 5.

Cho ham s6 y= 3 _ch ¢6 d6 thi (C) va dudng thang A: y=—4x+m. Tinh tong tat ca cac gia tri
X+

cia m thoa man A 1a tiép tuyén caa (C).

A. 10. B. 3. C. -13. D. -10.

Cho ham s6 y = x° (x* =2} c6 dé thi (C). Goi M(0;b) 1a diém thue truc Oy ma tir d6 ke dugc
4 tiép tuyén dén (C). Gia tri cia b la
b=0

A.0<b<]1. B. C.-1<b<1. D.O<b<%.

p-1-

3

Cho ham s y= x+1 ¢ dd thi (C ) Goi S 1a tap hop tat ca cac gia tri thuc cia tham sb6 a dé
x —_

¢6 hai tiép tuyén cta (C) qua A(a;2) v6ihéso goc k,, k, thoaman k, +k, +10k;.k; =0. Tong

cac phan tir cia S bang

C,ﬂ_ D ﬁ

A. 7. B. .
2 2

CRRN|

Cho ham sb y= x®=3x*+4 ¢6 do thi la (C ) C6 bao nhiéu diém co toa do nguyén thudc truc
hoanh sao cho tir d6 c6 thé ké dén (C ) duy nhat mot tiép tuyén?
A. 1. B.2. C.3. D. V6 s6.
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

x+2

Cho ham s6 y = c6 dd thi 1a (C). Tim a dé tr diém A(0;a) c6 thé ké dén (C) hai tiép

x-1
tuyén sao cho hai tiép diém twong ng nam vé hai phia truc hoanh.

a>-2 u>—E u>—z 2
A. . B. 3. C. 3. D. 2<a<-—=.
a#1 3

EN! a=zl

Cho ham s6 y =—x° +mx® —x—4m c6 dd thi (C ) va A 1 diém cb dinh c6 hoanh d6 4m cua
(C,). Giatri cua m dé tiép tuyén tai A cua (C,,) vudng goc véi dudng phan gidc goc phan tu

thir nhét 1a

A. m=-6. B.m=2. C. m=-3. D. m=—.

2x—1
2x -2
tuyén cla (C) tai M cit tiém can ding va tiém can ngang lan lugt tai A va B sao cho

S

Cho ham s6 y = ¢ do thi (C). Goi M(x,;y,) (véi x,>1) la diém thudc (C), biét tiép

o = 85,014 (trong d6 O la gbc toa do, I 1a giao diém hai tiém can). Tinh gia tri cua

S=x,+4y,.
A. S5=8. B.S:z. C.Szé. D. 5=2.
4 4
\ J4 x+1 , . . .
Cho ham so y:—l c6 do thi (C) Goi A(xA;yA), B(xB;yB) .
x_

14 hai diém thudc (C) sao cho tiép tuyén cia (C) tai A, B song

song voi nhau (x W < xB). Tiép tuyén tai A cat duong tiém can

ngang cua (C) tai D tiép tuyén tai B cat duong tiém cén dimg .-~

cia (C) tai C (tham khao hinh v& bén dudi). Chu vi to gife ~—=d.|)

ABCD dat gié tri nho nhét bang \
A. 16. B. 8.
C. 20. D. 12.
Cho ham s6 y = x—‘i c6 dd thi (C). Goi A, B la hai diém thudc hai v
X+ £
nhanh cta (C ) va cac tiép tuyén ctia (C ) tai A, B citcac duong tiém
\ ” R 1, >
can ngang va tiém can ding cia (C ) lan lugt tai cac diém M, N, P »> P
, Q (tham khao hinh v& bén dudi). Di¢n tich tir gidc MNPQ c6 gia tri - O;/
nhé nhét bang
A.16. B. 32. C. 8 i
D. 4.

Hoi c6 bao nhiéu gia tri cta tham s6 m dé d6 thi ham s6 y = x* —2mx” + 3m tiép xtc véi truc
hoanh tai hai diém phan biét?
A. 0. B. 1. C.2 D. V6 s6.
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Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

xt = —mP? +mx

22 +1

Cho ham s6 y= . C6 bao nhiéu gia tri cia m dé do thi ham sé da cho tiép

xuc véi truc hoanh?

A. 2. B. 0. C. 4. D. 3.

Tim tat ca cac gia tri thuc cua tham sb m dé d6 thi ham s y=e' +m tiép xtic véi d6 thi ham
s6 y=In(x+1).

A.m=e. B. m=1. C. m=-e. D. m=-1.

4

86 tiép tuyén chung ciia hai do thi (C,):y =xz—2x2 +4va (C,):y=x"+4 la

A. 0. B. 1. C.4. D. 5.
Cho hai ham s6 y=x"(C,)va y=+5-x —% (C,). Phuong trinh tiép tuyén chung ctia hai d6

thi (Cl), (CZ) c6 h¢ s6 goc duong 1a

-1 1 1 1 -1 1 1 1
A. =—X——. B.y=—x——. C. =—X——. D.y=—x——.
Y 2 16 Y 4 16 Y 4 16 Y 2 16

Phuong trinh tiép tuyén voéi d6 thi ham s6 y = f(x) tai diém c6 hoanh d6 x =1, biét
f2(1+2x) = x— f3(1-x) la dudng thang nao sau day?

A. 3x-7y+6=0. B. x-7y-6=0. C. x+7y+6=0. D. 3x+7y+6=0.
Cho hai ham s y:f(x) va y:g(x) déu c6 dao ham trén R va théa man
]”‘?’(Z—Jc)—Z.f2 (2+3x)+x2.g(x)+36x =0, Vx e R. Phuong trinh tiép tuyén cua do thi ham sb
y:f(x) tai x, =2 la

A. y=-3x. B. y=2x-4. C.y=—x+2. D. y=x.

Cho ham sb y= 2x _11 c6 dd thi 1a (C ) Goi diém I 1a giao cua hai duong ti€ém céan cia (C )
x p—

M 1a mot diém bét ki trén (C ) va tiép myén cua (C) tai M cét hai tiém cén tai A,B. Biét chu
vi tam giac IAB c6 gi tri nho nhét bang a+x/5 v6i a, b e N . Hoi ménh dé nao sau diy diing?

A.a-b+4=0. B. 2a-b<0. C. a*+b* =100. D. log b=2.

Cho ham s6 y = x* = (m+1)x* +4m ¢6 do thi (C, ). Tim tham s6 m dé (C,,) tiép xuc véi duong

m m

thang (d):y =3 tai hai diém phén biét

m=1 m=1 m=2 m=1
A. . B. . C. . D. .
m=3 m=16 m=13 m=13

Gia tri m dé duong thang A:y =m(2—-x)+2 cat dd thi (C):y=—x"+3x* -2 tai 3 diém phan
biét A(2;2),B,C sao cho tich cac hé sé goc cua tiép tuyén voi do thi (C) tai B va C dat gia tri
nho nhit 1a:

A.m=1. B. m=-2. C.m=2. D. m=-1.
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Cau 53.

Cau 54.

Cau 55.

Cau 56.

Cau 57.

Cau 58.

Cau 59.

Cho ham s y= (—x2 —2x—2)e’x c6 do thi (C) C6 bao nhiéu tiép tuyén vai do thi (C) cat cac

truc Ox, Oy lan luot tai A, B (v6i A, B khac O) sao cho cosA/BYD =

ﬁ“m
[0

A. 0. B. 1. C.2. D. 3.
Biét rang ton tai duy nhat mot gi tri thuc cua tham sé m dé d6 thi ham sé y=x"—6x+m tiép

xtc v&i do thi ham s6 y=v5- x* . Gia tri m thudc khoang nao duoc cho dudi day?

A. (—20;-6). B. (-6;0). C. (0;6). D. (6;+).

Cho ham sb y=1f (x) ¢c6 dao ham lién tuc trén (O;+oo) théa man

f'(x)+M:4x2+3x, VxeR va f(l):z . Phuong trinh tiép tuyén ciia d6 thi ham s
X

y = f(x) tai diém c6 hoanh d6 x=2 1a

A. y=-16x-20. B. y=16x-20. C.y=16x+20. D. y=-16x+20.

Cho ham da thire bic bén y = f(x) c6do thi (C). Him sd y = f'(x) ¢6 d0 thi nhur hinh v& dudi
dy. Goi dudng thing A 1a tiép tuyén cua dd thi (C) tai diém c6 hoanh do bing 1. Hoi A va

(C ) ¢6 bao nhiéu diém chung?

XU

A. 2. B. 3. C. 1. D. 4.

Cho ham sé y ==

x+:1)) c6 dd thi 1a (C), diém M thay do6i thuoc dudng thing d:y =1-2x sao
cho qua M c¢6 hai tiép tuyén cua (C) v6i hai tiép diém tuong ing 13 A, B. Biét rang duong
thing AB luén di qua diém c6 dinh 1a H . D6 dai doan OH 1a

A. 34, B. V10. C.\29. D. \/58.

Cho ham 86 y =(m+1)x* —(2m+1)x—m+1 c6 d6 thi (C,, ), biét rang dd thi (C,) ludn di qua
ba diém c6 dinh A, B, C théng hang. C6 bao nhiéu sb nguyén m thudc doan [—10 ;10] dé
(Cm) ¢ tiép tuyén vudng goc voi duong thang chira ba diém A, B, C?

A. 19. B. 1. C. 20. D. 10.

Cho db thi (C):y =x’—3x". C6 bao nhiéu s6 nguyén b (-10;10) dé c6 ding mot tiép tuyén
cua (C) di qua diém B(O;b)?

A. 2. B. 9. C.17. D. 16.
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BANG DAP AN
1D 2D 3B 4A 5B 6.D 7B 8C 9A 10B
nD 12C 13.A 14D 15D 16.D 7B 18D 19.C 20A
21B 22.A 23B 24D 25B 26D 27D 28B 29B 30.A
31A 32B 33D 34D 35D 36.C 37B 38C 39C 40.A
41D 42.A 43B 44D 45D 46D 47D 48C 49D 50.A
51D 52D 53B 54D 55B 56.B 57D 58.C 59.C
HUONG DAN GIAI CHI TIET
Caul. ChonD

Cau 2.

Cau 3.

Cau 6.

Vé6i x, =-1=y, =2015. Tacod y'=3x" —4x+1= y'(-1)=8.
Tiép tuyén tai diém c6 hoanh do x, =—1 c6 phuong trinh y = 8(x + 1) +2015 hay y =8x+2023

Chon D

Taco y=x(4-x) =x’~8x* +16x = y' = 3x* ~16x+16 nén hé sb goc ciia tiép tuyén cn tim
la: y'(1)=3.

Tiép tuyén tai diém M, (1 ; 4) co phuong trinh y = 3(x—1)+9 hay y=3x+6.

Chon B

Vé6i x, =-2=y,=23.Taco y' =4x’ +4x = y'(-2)=-40.

Phuong trinh tiép tuyén tai diém c6 hoanh d¢ x,==2lay= —40(x + 2) +23 hay y=-40x-57

Chgn A

Taco y' =4x" +4x

Véi x,=1=y'(x,)=y'(1)=8 . Phuong trinh tiép tuyén cua do thi (C) tai M(1; 6) la
y:8(x—1)+6 hay y=8x-2.

Chon B
Diéu kién x # 2. Hoanh d tiép diém 1a nghiém cta phuong trinh

o +1-4(x-2) < x =3 (théa man)
x_
Tacé: y'=—> = '(3)=-3

Ty 2 y .

Phuong trinh tiép tuyén can tim y=-3(x-3)+4 hay y=-3x+13.

Chon D
Piéu kién x#1.
Hoanh a9 tiép diém cua tiép tuyén 1a nghiém ctia phuong trinh
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%zl:x—1=1<:>x=2 (thoa man)
x_

-1
(x-1)°
Phuong trinh tiép tuyén y=-1(x-2)+1 hay y=-x+3.
Tiép tuyén cat Ox, Oy lan luot tai hai diém A(3; 0); B(0; 3).

Taco: y' =

=1y (2)=-1.

Do d6 dién tich tam gidc OAB la % .

Cau7. ChonB
Diéu kién: x>0.
Hoanh d9 tiép diém M 1a nghi¢ém phuong trinh Inx+In(x+1)=In2 ,(x>0)

2 — /2 =
1nx+1n(x+1)=ln2 @{x +Ox 2 0<:>x=1
x>

1 3
=lnx+In(x+1)=y'=—+——=y'(1)==.
y (x+1)=y y'(1)=7
NIy LA 3 3 3
Phuong trinh tiép tuyén can tim yzz(x—1)+ln2 hay yzax—5+1n2.

Cau8. ChonC
Diéu kién: x >1. Tung dd tiép diém bang 0 .
Hoanh a9 tiép diém cua tiép tuyén 1a nghiém phuong trinh
xIn(x-1)=0=In(x-1)=0=x=2 (dox>1)

X
'=ln(x-1)+— =y'(2)=2.
y' =In(x-1)+—=v'(2)
Phuong trinh tiép tuyén can tim lay = Z(x —2) hay y=2x-4
Cau9. Chon A

Goi M(x0 ;yo) la toa do tiép diém, do Y, =—15 nén hoanh d¢ x, 1a nghiém ctua phuong trinh

3
0

Taco y'=3x"-12x+9 nén y'(-1)=24

Y, =-15<x) —6x; +9x,+1=-15 < x, —6x; +9x,+16 =0 < x, = -1

Suy ra phuong trinh tiép tuyén can tim la: y:24(x+1)—15:24x+9.
Cau 10. Chgn B
Goi M(x,;y,) la diém trén (C). Khi d6 tiép tuyén ciia (C) tai M c6 hé sb goc k la
2
, 2 1) 5 1 5.5
kzy(x0)=3x§—2x0+2=3[x§—§x0+§j+§=3(2(0—5} +§2§

Do db ta cod minkzE dat duoc khi x, =1:>y0 =E.
3 3 27

Cau 11. Chon D
Goi M (a,b) la giao diém cua do thi (C ) v6i duong théng d.

Ta c6 Me(c):bzlogz‘;—B,(-3<a<2) va Me(d)=b=2=a=1= M(12).
—a
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Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Phuong trinh can 1a y = y'(l).(x—1)+2.

5 5 5
=1 (1)=——. Vay y = X+2- .
y( ) n vy 4In2 4In2

Laico y'= (2—x)(x+3)ln2

Chogn C
Puong thing y = 2In4.x +m 1a tiép tuyén cua dudng cong y = 4> khi va chi khi h¢ phuong

4% =2In4. :
trinh { X c6 nghiém.

24*In4=2In4

m=1.

|47 =2Indx+m 4** =2lndx+m
Tac ) & =
247 1In4=21In4 x=0

Chon A
Tacé: y' =3x"-8x+3.

Vi tiép tuyén song song véi duong thang A: 2x + y+1=0 nénh¢ s6 goc ctia tiép tuyén la k = -2

x=1

, hoanh d6 tiép diém 1a nghiém cta phuong trinh 3x* —8x+3 = -2 < 5 .
X==
3

Véi x=1=y=-3 ta c6 phuong trinh tiép tuyén la y=—2(x—1)—3<:> y=-2x-1 (loai vi

trung v6i dudng thang A).

Vi ngzy:—% ta c6 phuong trinh tiép tuyén la y=—2[x——)——<:> y=-2x-——.

Chon D

Taco: y' =-3x*+6x-7 =-3(x~1) ~4<—4.Ddu "=" xayrakhi x=1=y=-3.

Do do, tiép tuyén ctia do thi c6 hé s6 goc 16n nhat bing —4 va la tiép tuyén tai diém M(1; -3).
Phuong trinh tiép tuyén 1a y= —4(x—1)—3 o y=—4x+1.

Chon D

Tacé y' =4ax’ +2bx = 2x(2ax2 +b) .

Puong thang x+4y—-2019 =0 c6 hé s6 goc k = —i.

Suy ra f’(2)=4<:>4(8a+b)=4<:>8a+b=1.
A(Z;—5) thudc dd thi ham sb nén 16a+4b+23=-5 <4a+b=-7.

o . 8a+b=1 a=2
Ta c6 h¢ phuong trinh: & =2a+b-4=-15.
da+b=-7 b=-15

Chon D
Cach1:

Duong thing y = m tiép xtc véi dudng cong (C): f(x)=x* —8x*+35 khi h¢ sau c6 nghiém

x'—8x*-35=m x*—8x*-35=m (1
, 2N
(x4 —8x° —13) =m' {4953 ~16x=0 (2
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x=0
Tr(2) =>4x°-16x=0<|x=2 .
x=-2

Vi x =0 thay vao (1) ta dugc m =35.

Vi x =2 thay vao (1) ta dugec m=19.

Vi x =-2 thay vao (1) ta dugc m=19.

Vi duong thang y =m tiép xtc voi dd thi (C): f(x)=x"-8x*+35 tai hai diém phan biét, tirc
la phuong trinh (2) c6 2 nghi¢m kép. Thu lai, ta c6 m =19 thda man.

Khi do, tung d6 tiép diém 1a y=19.

Cach 2:
Duya vao dang d6 thi ctia ham tring phuong ta thiy duong thang y =m (song song voi truc Ox)

tiép xtc v6i do thi ham sé (C ) : f (x) =x* —8x%+35 chi co thé tai hai diém cuc tiéu hodc diém

cuc dai. Do dudng thang y = m tiép xuc tai hai diém phan biét nén y = m di qua hai diém cuc

tiéu.
x=0
Taco f'(x)=4x’-16x=0|x=2 .
x=-2
Béng bién thién
2. —an -2 0 2 40
g = W 8 . B G
F{*) +oc\ /35\ /’+7:
19 19

Két luan: Puong thang y=19 tiép xuc voi (C ) tai hai diém cuc tiéu hay tung do tiép diém la
19.
Caul17. ChonB
Xétham sb f(x)= %xz ~In(2x-2). Diéu kién x >1.
Pudng thang y=-x+2 coh¢ s6 goc k, =-1, suy ra hé s6 goc cua tiép tuyén 1a k,=1.
Hoanh d6 tiép diém 1a nghiém cua phuong trinh f ’(x) =1.
Taco f'(x) =1@x—i=1@x2 —2x=0< x=2 (do diéukién x >1).
Viay c6 1 tiép tuyén thoa man yéu cau bai toan.
Cau 18. Chon D
Goi M(a;e” —e’“) la toa do tiép diém. Ta c6 y=e"+e.
Hé s6 goc cua tiép tuyén voi dd thi (C) tai diém M 1a y'(a)=e"+e™".
Ap dung bét dang thirc Cosi: e+ >2+/ee™ =2

Dau dang thirc xdy rakhi ¢’ =e™* < a=0.
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Cau 19.

Cau 20.

Cau 21.

Cau 22.

Viy tiép tuyén tai diém M(0;0) c6 hé s6 goc nhé nhat k =2.
Khi d6, phuong trinh tiép tuyén can tim la y=2x.

Chon C

Goi M(xO ;x5 +3x2 —6x, + 1) 14 toa d9 tiép diém. Ta co: y' =3x" +6x—6.

Phuong trinh tiép tuyén véi (C) tai M c6 dang: y = (3x; +6x, —6)(x —x,)+x;

Tiép tuyén di qua N(0;1) = 1=(3x] +6x, —6)(—x,)+x; +3x; —6x, +1

& 2x) +3x; =0 < x, =0 hodc x, =—%.
Véi x, =0, suy ra phuong trinh tiép tuyén: y = —6x+1.

Véi x, = —% , suy ra phuong trinh tiép tuyén: y = —%x +1.

Chon A
Goi M(xO ;X0 —3x2 + 2) 14 toa d9 tiép diém. Ta co y' =3x” —6x .

Phuong trinh tiép tuyén véi (C) tai M c6 dang: y = (3x§ —6x0)(x—x0)+x§ —3x] +2.

Tiép tuyén di qua A(1;0) = (3x§ —6x0)(1—x0)+x§ -3x;+2=0

& =2x) +6x2 —6x,+2 =0 < x, = 1. Vay c6 duy nhat mot tiép tuyén can tim.

Chon B
2 . ox, -2 N
Ta cod y':thS. Goi M[xo;uJ la toa d¢ tiep diém.
(x—3) Xo~
y . , ?—6x,+5 2—x,-2
Phuong trinh tiép tuyén voi (C) tai M co6 dang: yzw(x—xoﬁxo %o
(x0—3) X, =3
y < ?—6x,+5 2ox,-2
Ti€p tuyén di qua A(4;1) =1 =%(4—x0)+u
(x —3) X3
0
X0¢3 x0=1 VA ,h.t.,: t A A t‘
= . Vay c6 hai tiép tuyen can tim.
5x,°—22x,+17 =0 | x, =% g P
Chon A
, , . ZXO . A K R
Taco y'= - Goi M| x,; la toa d¢ tiep diem.
(x+1) x,+1
\ X A . . , 2 2x,
Phuong trinh tiép tuyen voi (C) tai M co6 dang: y Z—Z(X—xo)-i-
(xo-l—l) X, +1
A £ . 2 2x0
Ti€p tuyén di qua A(O;l) =1= 2( 0)+
x0+1) % +1

(xo 4—1)2 =-2x, +2x, (xo +1)

{xo -1 {xo #-1 [xo =1—\/E
= RS .
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Suy ra tich hé sb gbc can tim 1a: y’(l—\/i).y’(1+\/§)= 2 2 =1.

(1—\/E+1)2.(1+\/E+1)2

Céau 23. Chon B
Hoanh d tiép diém 1a nghiém cua hé phwong trinh: {x?’ :_ =9 =9m =0 (1)
3x+2mx-9=0  (2)
Giai (1)< (x—3)(x+3)(x+m)=0.
Vi x =3, thay vao (2) ta dugc m=-3.
Vi x =-3, thay vao (2) ta dugc m=3.
Vi x =—m , thay vao (2) ta dugc m==3.
Vay S= {—3;3} . Khi d6 tong cac phan tir ciia S bang 0.
Ciu24. ChonD
Gid sir M(x1 ; yl),N(x2 ; yz).
Tacé y' =3x*+3a suyra 3x; +3a=3x2+3a=3= x +a=x,+a=1.
Mit khéc, y, = x, +3ax, +b = x +ax, +2ax, +b =x1(x12 +a)+2ax1+b =(2a+1)x,+b.
Tuong ty y, =(2a+1)x, +b.
Suy ra phuong trinh duong thing MN 14 (2a+1)x-y+b=0.

, b
Gia thiét ¢6 d(O,MN)=1 < i —=1& b’ =40"+4a+2.
(2a+1) +1
2) 2 -2
Vay a*—b* =-3a"-4a-2 =-3|a+=| —=<—.
3) 373
Gia tri 16n nhat coa a* —b* bang _?2 khi az%z,bzi@.

Cau 25. Chgn B
bat t=x++x*+1 suyra t >0 (vi Vx* +1 >|x| véimoi x va |x|+x20 véimoi x).

Taco (x—\/x2+1)(x+\/x2+1)=—1 suyra x—vx>+1 :_Tl.

Vay f(£) == v6i t>0 hay f(x)=— véi x>0.

Co f’(x) = % = f’(%} =4 suy ra tiép tuyén cua do thi ham sb f(x) tai diém c6 hoanh do

x, =% la duong thang A c6 phuong trinh: y= f’(%j(x—%]+f(%) =4x-4.

Khi d6 A cét Ox tai diém A(I;O) va cét Oy tai diém B(O ; —4) nén dién tich cia AOAB la

S

AOAB —

L 0a0B - l|1|.|—4| =2.
2 2

Cau 26. Chon D
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Cau 27.

Cau 28.

Cau 29.

—4

(1)

Goi M (xo ; yo) € (C ),(x0 # 1) 1 tip diém, suy ra phuong trinh tiép tuyén cia (C ) :

Ham so6 da cho xac dinh vé1 Vx#1. Taco: y'=

y = —4 z(x—x0)+2x°+2 Vi y'(x0)= —4 v y0:2x0+2
(xo—l) x,—1 (xo—l) x, 1

Do |x,|-2=0« x, =42, hay M[—Z;%}, M(2;6).

Phuong trinh tiép tuyén tai M[—Z;%j lay = —gx —% .

Phuong trinh tiép tuyén tai M(2;6) la y=—4x+14.
A r < A A 5 A 1one 4 2
Vay c6 2 tiép tuyen thoéa dé bai y = —§x—§ , y=—4x+14.

Chon D
Ta c6: y=4x"(1-x)+x* =x*—42’ +4x> = y' = 4x° —12x" +8x . Goi M(x,;y,)<(C) la tiép
diém.
Phuong trinh tiép tuyén cta (C) tai M (x,;y,)1a y = (4x§ —-12x2 + 8x0)(x— X, )+xg —4x] +4x,
Phuong trinh hoanh d¢ giao diém ciia (C ) va parabol (P ) Dy=x":
x,=0
X3 —4x) +4x; =x; < x;(x2—4x,+3)=0<|x,=1.
x,=3
e x, =0 ta co phuong trinh tiép tuyén la: y=0.
e x, =1 ta co phuong trinh tiép tuyén la: y=1.
e x, =3 ta cO phuong trinh tiép tuyén la: y=24x-63.

Chon B
, 2x-1 . 3
Taco y=—-=y'= =
x+1 (x+1)
N e z e , Lo A . . N 2X0—1
Phuong trinh tiép tuyen tiep xtic vdi do thi tai M(xo, yo) la y= 5 (x—x )+ .
(x0+1) x0+1

Giao diém ctia tiép tuyén voi tiém cin ngang y=21a A(2x0 +1;2) , [A= 2|x0 +1| .

. gz % ; . 2x,—4
Giao dieém cua tiép tuyén voi tiém cén ding x=-11a B (—1;%—} , IB= LA

X, + |x0+1|'
Theo bai ra AI* + 1B =40 & 4(x, +1)’ +—0 ; =40 < 4(x, +1)" ~40(x, +1)" +36 =0.
x,+1
- (x0+1)2=9® x0+1=13c> X, =2;x,=—4
(x0+1)2=1 x,+1==1 x0=0;x0=—2'

Do x, <-3 nén x, =4 suy radicm M(-4;3). Vay xyy, =-12.

Chon B
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Cau 30.

Cau 31.

Ta goi M(O;a) la diém can tim. Phuong trinh duong thang d di qua M c6 dang y=kx+a.

X—Jri —kx+a (1)
. . . . xX— .
Duong thang d 1a tiép tuyén duy nhat cua (H ) ST c6 nghiém duy nhat.

=k (2

(x-1)
£ \ , Lo x+1 -2
The (2) vao (1) ta c6 phuong trinh —— = ~x+a (*)
x-1 (x - 1)

Piéu kién x#1.
Taco (*) < (a—1)x* -2(a+1)x+a+1=0< g(x)=0 (**)

Yéu cau bai toan dan dén phuong trinh (**) c6 mot nghiém x =1.

a=1
1 1
- 2 2 - x:l,azl
ax1 x=0;a=-1 g :
x=0;a=-
A=0 20
g(l)iO

Vay ¢6 hai diém thda man 1a M, (0;1) va M,(0;-1).

Chgn A
, , - . 2a-1 YA <R
Taco y'= . Goi M| a; ,(a # 1) la tiep dieém.
(x—l) a-1
PRy L. \ -1 2a-1
Phuong trinh ti€ép tuyén tai M 1a y = ~(x—a)+ .
(a-1) a-1
2
Tiép tuyén cit truc Ox tai A(2a* —2a+1;0); cit truc Oy tai B[O; %]
u_

Tam gidc OAB vudng tai O <> OA? +OB” = AB>. Mit khac AB =+/82.0B
— OA> +OB? =82.0B% < OA =90B (1).
2_ -2
Tir (1)ta ¢6 2a® —2a+1= 9.%(@ {”
a_

Véi a = -2 ta co phuong trinh tiép tuyén 1a y= —éx +%'
L . \ X A 1s 1 25
Véi a = 4 ta c6 phuong trinh tiép tuyén la y = —gx + e

Chon A
2
Pidu kién x > % Ta ¢6 16x% —2x—8 = 632x—1 <> 1612 =(3+\/2x—1)

@(\/2x—1+3—4x)(\/2x—1 +3+4x)=o o 2x-1=4x-3 Vi x/2x—1+3+4x>0Vx2%
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Cau 32.

Cau 33.

Cau 34.

Cau 35.

16x* —26x+10=0

2= 3 <x=1.Laico y'= >
XZZ (x+1)

x?+2x

2
. z ‘ \ . . X . 1
Voi x=1=y =%_ Phuong trinh tiép tuyén cua d6 thi ham s0 ¥y = 1 tai M[l;aj la
X

3 1 3 1
y—Z(x—1)+E<:> y—Zx—Z.

Chon B

-1
Ta co y'=f'(x)= 27

Phuong trinh tiép tuyén coa (C) tai diém M (xy59,)e(C) ( x>3 ) co dang
y= f’(xn)(x_xo)"'yo'
Do tiép tuyén cit hai tia Ox, Oy 1an luot tai hai diém A, B va tam giac O AB cén nén tiép tuyén
vudng goc voi duong thang y=x.

_1 _1 xO = 1
— =
(xo - 2) 1 X, =3

Véi x, =3 ta c6 phuong trinh tiép tuyén 1a y =—x+5.

Suy ra . So diéu kién thi ta loai x, =1

Chon D

Ta co y'=f’(x)= 2

=T

Phuong trinh tiép tuyén cta (C) tai diém M (x,5y,)e(C) codang y = f'(x,)(x—x,)+Y,-

(x __ 1)2 dat gia tri nho nhat khi (x, —1)2 dat gia tri nho nhit ma x, phai la s6
0

nguyén duong khic 1 nén x, =2 thdéa man yéu cau.

Ta cé f’(xo) =

Suy ra phuong trinh tiép tuyén 1a: y = -2(x-2)+5< y=-2x+9.

Chon D
’ ' —4
Tac()ny(x): >
(x+1)
Phuong trinh tiép tuyén cua (C) tai diém M (x, ;yn) €(C) codang y = f'(xn)(x—xo)Jr Y, -
Puong thang A:y=—-4x+m 1a tiép tuyén cua (C) suy ra flx)=-4e Yo = 02,
X, =—

Véi x, =0 ta c6 phuong trinh tiép tuyén 1a y= —4(x—0)+ 3o y=—-4x+3.
Véi x, = -2 ta c6 phuong trinh tiép tuyén 1 y = ~4(x+2)-5< y=—4x-13.
Vay c6 2 gid tri m thoa man yéu caula m = 3;m = —13 suy ra tong cac gia tri 7 1a 10 .

Chon D
Phuong trinh duong thang 4 qua M(0;b) c6 hé s6 goc k 1a d:y=kx+b.
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d 1atiép tuyén voi (C) khi va chi khi hé phuong trinh sau c6 nghi¢m:
x'—2x" =kx+b
4x° —4x =k
Xét ham sé: g(x) =-3x* +2x°.

=b=-3x"+2x* (1).

x=0
’ _ 3 - o —
g'(x)=-12x +4x,g(x) 0= . 1

iﬁ'

Bang bién thién:
—® -1 0 1 +o0
X —3 ﬁ
g'(x) + = B+ & -
L d
g(x) / 3 \ 3 \
—o0 0 o0

Do thi ham sd y =b 1a dudong thang song song vdi tryc hoanh.
Qua M(0;b) ké dugc 4 tiép tuyén dén (C) khi phuong trinh (1) c6 4 nghiém hay dudng
thing y = b cat do thi ham sb g(x) tai 4 diém.

Duya vao bang bién thién suy ra yéu cau bai toan dugc thoa man khi 0 < b < % .

Cau 36. Chon C
Puong thang 4 diqua A (u;2) v6i hé s6 goc k co phuong trinh y= k(x —a)+2.
(d) tiép xuc voi (C) khi va chi khi hé¢ phuong trinh sau c6 nghi¢m:

x+1

k(x—a)+2=; _2(x_a) i1 {_xil
=

k=2 - (x-1) M X —6x+2a+3=0(1)’

(-1

C6 2 tiép tuyén cua (C) qua A suy ra phuong trinh (1) c6 hai nghi¢ém phan biét khac 1

A'>0 a<3
<:>{ <:>{ (*)
20-2#0 az1l

Hé s6 goc cua cac tiép tuyén 1a k, = >, k,=——— Véi x,, x, 1a cdc nghiém cua
(x1 —1) (x2 —1)
phuong trinh (1). Ta c6:
btk =D 1 . 1 _ (xl+x2)2—2xlx2—2(xl+x2)+2 :2a—10
b (x1 —1)2 (x2 —1)2 (xlx2 —X, —X, +1)2 (a—l)2 '
4 4 1
k.k, = = = -

[(xl—l)(xz—l)]2 [xlxz—(x1+x2)+1}2 (a—l)
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L 2a-10 10
Tu gia thiet: k, +k, + 10k} .k; =0 < >t =0
(a-1) (a-1)
. a=0
a#
Py = + .
{2a3—14a2+22a=0 a=7_\/g

2
7-+5

Két hop v6i dicu kién (*) ta dwoc: a = 0 hodic a=

7-+5

Viy tong cac phan tir cia S bang 5

Cau37. ChonB
Puodng thing (d) qua A (a;0)eOx, acZ cdh¢ s6 géc k c6 phuong trinh 1a y = k(x-a).
(d)la tiép tuyén duy nhat véi (C) khi hé phuong trinh sau c6 duy nhit nghiém

{x3_3x2+4=k(x—“) (1).

3x* —6x =k
(1) & {(3222(2")::_2) ~Kk{x=a) = (x=2)[ 2¢* ~(3a-1)x+2]=0.

x-2=0
& .

2x* —(3a-1)x+2=0 (*)
H¢ (I)c6 nghiém duy nhit khi va chi khi phuong trinh (*) v0 nghiém hodc c6 nghi¢m kép
x=2

Trudng hep 1: Phuong trinh () vd nghiém < A <0 & ~1<a< g Vi a e Z nén

a=-1
A=0 5
Trudng hep 2: Phuong trinh (*) c6 nghiémkép x =2 < {3,_1 ) Sila== ©aed.
4 =
a

Vay ton tai hai diém c6 toa dd nguyén thoa man 1a A (0;0) hodc A(1;0).

Cau 38. Chon C

Tép xac dinh: D:]R\{l}.Ta co y’=( 1)2.
x_

Phuong trinh tiép tuyén voi dd thi (C) tai diém M {xo Lo i Zj ¢6 phuong trinh:
xo -
3 X, +2
y=- 2(x—xo)+ ) n
(%,-1) Yo~
i Co 3x, X, +2
Tiép tuyen di qua A (0;qa) nén >+ =a
(x —1) X —1
0

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 564



Phan Nhat Linh Fanpage: Luyén thi Bai hoc 20292

x, %1 x, =1

<:>{3x0+(x0+2)(x0—1)=a(x0_1)2 Q{(a—l)xf)—Z(a+2)x0+a+2:0(1)'

Pétlr A (0;a) keé dén (C) hai tiép tuyén thi phuong trinh (1) ¢6 2 nghiém phan bi¢t khic 1.
a-1=0

- A':(a+z)2_(a_1)(a+z)>o@{Ziz.(*)
(a-1)-2(a+2)+a+2#0

Goi x,;x, 1a cdc nghiém cua phuong trinh (1).

Khi d6 toa do céc tiép diém 1a E{xl;x1+iJ;F{x2;x2+2].

X, = x, -1
T ST , N P . Co o N2 X, +2
D¢ cac tiep diém tuong ing nam ve hai phia truc hoanh khi va chi khi <0
x, -1 x,-1
2(a+2
a+2+2 ( )+4
X%, +2(x, +x,)+4 -1 -1
<0 <= <0
xx, —(x, +x,)+1 a+2 2(a+2)
a-1 a-1
9a+6 2 A f: o 4:A 1A a>—-—
o <0<:>9a+6>0<:>a>—§.Keth(_ypV01d1euklen(*)suyra 3.
- a=1l

Cau39. ChenC
Goi A(xo ; yo) véi x, <0 la diém co dinh can tim.

=y, =X, +mx; —x,—4m,Vm < (x} —4)ym—x) —x, -y, =0,Ym
@{%3—4:0 :{xoz—z (Vix0<0):>A(_2;10).
X, =X, —Y, =0 Y, =10
Tacd y'=-3x*+2mx-1= y'(-2)=-4m-13.
Phuong trinh tiép tuyén cua (C,) tai A(-2;10) la y=(—4m-13)(x+2)+10 hay
y=(-4m-13)x-8m—16 (A).
DPuong phan giac goc phén tu thir nhat c6 phuong trinh d : y=x.
Vialde -4m-13=-1< m=-3.

Cau 40. Chon A

Tap x4c dinh: R\ {1}. Tiém cén dling: x =1 (d,), tiém cdnngang: y =1 (d,) = I(L;1).
Taco ¥ =

acoy=——m—
(2x-2)°
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(2x,-2)° 2%, =2

A=Amd1:>A[1; %o ];B=Amd2:>B(2x0_1;1);ﬁBz(Zxo—z;O),ﬁ:[O; L J

Phuong trinh tiép tuyén A tai diém M (x,5y,) codang Y=

x,—1

Tacd S, =85, < %.OI.IB.sin&TB = 8.%.OI.IA.sin6L\A

1

@113:81,4(vi@=@=135°)@|2x0—2|= :
x p—

<:>(x0—1) =4 = x,=3 (do x, >1):>y0=—:>S X +4y0_3+4—=
Cau4dl. ChenD
Tiém cén ding: x =1 (d,), tiém can ngang: y =1 (d, ).
-2
(x-1)"
, , -2 -2 x, =x, (I
AA, =Y () =Y (x,) < = ) @{ A B()

(xA —1)2 (xB—l ’

1 _
bat x, =m véi m <1.Suyra A[m;m—:j, B(z_m;m_i’j.
m_

Goi A, A, lan luot 1a tiép tuyén cia (C) tai A, B Taco Y=

Tiép tuyéntai A 1a A:Yy=

S(x+m=2)+

Tiép tuyéntai B1a A, :y= .
p tuyen ta Y (m—l) -1

5
D=A,nd, = D(2m-1;1); C=4,Nd, :c[1 m—J
m

Tacé AB=DC = (2 2m, j:» ABCD la hinh binh hanh.

BC= {m 1; —2] Chu vi P hinh binh hanh ABCD béng

P=2(AB+BC)=2 \/4(m—1)2+ 16 +\/(m—1)2+ 4 :6\/(m—1)2+( 4

(m-1)

Ap dung bét ding thirc Cauchy cho hai s khong am (m — 1)2 va

P>6\/2\/(m1)2. : _ =12, Déu =" xay ra < (m-1) = : —om=1-v2,
m-1

Cau42. Chon A

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 566



Phan Nhat Linh Fanpage: Luyén thi Bai hoc 2029

Cau 43.

Cau 44.

, 2
Tiém can ding: x = -1 (dl),tiém can ngang: y =1 (dz).Ta coOY = 5.
(x+1)
re 4R a-2 . X £ . L 2 a-2
Xétdiem A|a-1; e(C), a>0.Tiptuyentai Ala A y=—(x—a+1)+
a a a
a-4
M=A Nnd,= M(2a-1;1); N=A,Nd, :N(—l;T].

b-2 . . _
7 ]E(C), b<0.Tiéptuyéntai B 1a A, :y:b%(x—b+1)+b72

Xét diém B(b—l;
b-4

P=A,nd,= P(20-1;1); Q=A,Nd, :Q(_l;Tj'

W:(Zb—Za;O), K@:(o;é—éj

a b

1

MNPQ — E

Taco MP L NQ=S

1 1| 4(a-b) 4(a* +* —2ab)

1
MP.NQ:E.2|a—b|.4 —— == —

a

Ap dung bét ding thie Cauchy cho hai sb khong am @ va b’ ta ¢6: a® + b* > 24/a® b* = —2ab
4(—4ab) . . .
= Syuwro Z—b =16. Dau “=" xdy ra khi va chi khi 2 = -b .
—a

Chon B

A . . ! 3 2 x=0
Tap xac dinh D =R ; i =4x —4mx=4x(x —m);y':()(:>|: 5 )

x“=m

D6 thi ham sé da cho tiép xac voi truc hoanh tai hai diém phan biét khi va chi khi do thi d6 co
hai diém cuc tri (trong bai todn nay 1a hai cuc tiéu) thudc truc hoanh.

m>0 m>0 m>0
Khi d6 ta co =95, ) = = m = 3.
f(\/E)zo m-=2m"+3m=0 m(3—m):O

Vay c6 1 gia tri cia tham sé m thoa man yéu cau bai toan.
Chon D

Do thi ham s tiép xuc voi truc hoanh khi va chi khi h¢ sau c6 nghiém

xt—x —m*xt + mPx

x?+1 =0
(43(3 —3x* -2m’x+ mz).(x2 +1)—(x4 - —-m*x* + mzx).Zx _ 0(1) .
(x2 +1)2 B
xt—x® —m*x? +m’x 0
) x*+1 -
Taco (1) < (43(3 —3x* -2m’x + mz)(x2 + 1) (x4 —-x*—m*x*+ mZx).Zx ~
(2 +1) (> +1) .

{x4 - —-m*x* +mPx =0 (1)

4x° -3x* —2m*x+m* =0 (2)

(1) <:>x(x2 —mz)(x—l) =0<x e{O;l;im}
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Cau 45.

Cau 46.

Khi x = 0 thay vao (2) suyra m=0.

Khi x =1 thay vao (2) suy ra m=1=m=4+1.

Khi x=m thay vao (2) suy ra 2m’ —2m* =0=>m=1,m=0.
Khi x=-m thay vao (2) suy ra —2m’ —2m* =0=m=-1,m=0.
Vay c6 ba gia tri cua m. Chon dap an D

Chon D

-3 =2 =1 1 2 3 4

-2

DO thi ham s6 y = e* +m tiép xtc voi d6 thi ham s y = In(x +1) khi va chi khi hé phuong
trinh sau c6 nghiém

e +m=In(x+1) e +m=In(x+1) (1)

(e" +m)’ = [In(x+1)]' ~ e’ =L (2)

x+1

D@ thay rang ham s y=e* dong bién trén R, ham s y = nghich bién trén khoang

x+1
(-1;+ ) va x = 0 langhi¢m ctia phuong trinh (2) nén phuong trinh (2) c6 nghi¢m duy nhat 13
x=0.
Thay x =0 vao phuong trinh (1) ta dugc m =-1.
Chon D
Goi phwong trinh tiép tuyén chung cta hai dd thi1a y = ax +b, hoanh d¢ tiép diém cua (C,),(C,)

4

%—29(12 +4=ax,+b (1)
1an luot 1a x,,x,.Tacod x’—4x, =a (2) .
X +4=ax,+b (3)
2x, =a (4)
2

Tu (4) tacod x, =%,thé Vélo(3) suy ra b:4—az (5)

3 2
-4
Thé (2) vao (S)ta dugc b =4_u

(6)-

Thé (2)va(6)vao(1)ta co

Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 568



Phan Nhat Linh

Fanpage: Luyén thi Bai hoc 2022

4
X
j—2x12+4=x1(x13—4x1)+4—

(xl3 —4x, )2

& x?(—x +8+4x -16-x," +8x ~16) =0

x, =0
<:>x12(—x14+11x12—24)=0<:> x, =+/3 . Thé vio (2)taduo’c5 gia tri cua ala 1=0,0=7/3

X :J_r\/g

,a=+8v2 . Do vay hai d thi c6 5

Cau47. ChonD

tiép tuyén chung.

Goi d 1a phuong trinh tiép tuyén chung cta (C1)/ (CZ) va x, =a la hoanh do tiép diém cua d

v6i (C,) thi phuong trinh 4 1a

y=f(x)(x—x,)+y, =2a(x—a)+a* =2ax—a’.

d tiép xtc véi (C,) khi va chi khi h¢ sau c6 nghiém:

V5 -x? —ﬂ=2ax—a2 (1)
16

=2a 2
— (2)
£ . , > 41 =X’ x’ 5 >
The (2) vao (1) tacd V5—x" ——= - . batt=v5-x" (bK: t>0)
16 5_x2 45-x)
2 _ 2 _ t=2
Ta c6 phuong trinh t—ﬂ:u ! 25<:>45t2—80t—2020c> 0.
16 t 4t f=—=
9
1
. x=1 . =y
Do diéu kién: t >0 nénnhan t=2.Voi t =2 suyra B 1,thé vao (2) ta co 1
X=—- a:—_
4
-1 1
.y V=55 oy
Do do (Cl), (Cz) ¢ hai tiép tuyén chung la 2 116 . Vay phuong trinh ti€p tuyén chung
=—X——
Y 2 16
, C A C LA A s \ 1 1
cua hai do thi (Cl), (Cz) c6 h¢ so goc duong lay :Ex—E.

Cau 48. Chon C

Taco: fA(1+2x)=x-f (1-x) & f(2x+1)+ f*(1-x)=x.

Dao ham hai vé f*(2x+1)+ f*(1-x)=x,taco
4.f(2x+1).f'(2x+1)-3f*(1-x).f'(1-x) =1.

Cho x =0 taduge 4£(1).f(1)-3.£2(1).£'(1)=1< £(1).£/(1).[4-3£(1)]=1. (1)

T f*(2x+1)+ f°(1-x)=x,cho x=0 taco

f2
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Chd d& 07: Tiép tuyén va su tiép xic.

Néu f(1)=0 thi mau thun véi (1), do d6 f(1)=-1, khi d6
1

(1) -f(1).(4+3)=1< f(1)= —

Phuong trinh tiép tuyén y:—;(x—l)—l o y:—;x—g hay x+7y+6=0.

Cau49. Chon D
i (2-x)-2f*(2+3x)+x*.g(x)+36x =0, VxeR(1).

Vi (1)d1’1ng Vx eR nén ciing dung véix=0= f>(2)-2f*(2)=0 = {;g; Z g .
Lay dao ham hai vé cia (1) ta co:
B2 (2-x).f'(2=x) =12 f(2+3x).f'(2+3x) +2x.g(x) + x*.¢'(x) +36 =0, Vx e R..
Cho x =0 =-3f%(2).f(2)-12£(2).f(2)+36 =0 (2).
Ta thay f(2) =0 khong théa man (Z)nén f(2)=2,khido f'(2)=1.
Phuong trinh tiép tuyén ctia d6 thi ham s6 y=1f (x) tai x, =2 la
yzf’(Z)(x—2)+f(2) Sy=x.

Cau 50. Chgn A

Taco y'= ( — )2 . Gid su M(x0 ;yo) € (C),(x0 # 1) suy ra tiép tuyén ctia (C) tai diém M co
x-1
- 2x,—1
phuong trinh y = ! > (x—x0)+ ad Ml
(xo —1) x, =1
Vi Tim 2¥ ‘11 = +o0, lim 2x ‘11 = —o0 nén duong thang x =1 1a tiém c4n dimg cua (C).
x->1" x — =17 x—
Malim 2x-1_ 2 nén duong thang y =2 la tiém cén ngang cta (C) , suy ra I(l ; 2) .
x—to0 X —

biém A[l ; % ] la giao diém cua tiém can dung va tiép tuyén, diém B(Zx0 -1; 2) la giao
x f—

diém cua tiém can ngang va tiép tuyen.

Ta c6 chu vi ciia tam giac IAB bang IA+ B+ AB =

2 2 4
_1|+2|x0—1|+\/4(x0—1) +(

|x0 - X —1)2 .
Ap dung bt déng thirc AM-GM ta c6 IA + B+ AB>2v4 +4/42 =448 .

0 =0
X, =2

Ping thirc xay ra khi |x0 —1| =l {x

Vay chu vi tam giac IAB dat gia tri nho nhat bang 4++/8 khi M(O ; 1) hoac M(2;3).
Suyraa=4,b=8 nén a-b+4=0.

Cau51. ChonD
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Ta ¢o (Cm) tiép xtuc voi duong thang (d) tai diém c6 hoanh do x, khi hé

Xy —(m+1)x; +4m=3 (1)

4x; -2(m+1)x, =0  (2)

c6 nghiém x,.

Tur phuong trinh (2) < x, =0 hodc x; = m+1

Néu x, =0 thay vao (1) ta duogc m:E

4
L, m+ m+1Y m+1)
-Néu x; = T thay vao (1) ta dugc +4m =3

om-14m+13=0<
m=13
Thr lai:
Khi m =% thi (Cm) tiép xuc voi (d) tai chi mot diém (0;3) nén m =% khong théa man yéu
cau cua bai ton.
Khi m =1 thi xé =l x,=%1,suyra (Cm) tiép xuc véi (d) tai hai diém (1;3);(—1;3)
Khi m=13 thi ;=7 & x, =7 ,suyra (C,) tipxiic véi () tai hai diém (V7;3), (—~7;3)
Vay cac giatri m cantim1a m=1,m=13.
Cau52. ChonD
Tacd: y=—x"+3x>-2; y' =-3x" +6x
Phuong trinh hoanh d6 giao diém cua A va (C):

x=2 (y=2)
x*—x-2-m=0 (2)
Puong thang A cat d0 thi (C) tai 3 diém phan biét A(2;2),B,C

X +3x-2=m(2-x)+2 (1) @[

< (1) c6 3 nghiém phan biét < (2) c6 2 nghi€ém phéan biét khac 2.

{A>0 {4m+9>0 m>—2
N RN

= (2)2—(2)—2—m¢0 -m=0 m¢04 (*)

Véi diéu kién (*), phuong trinh (2) ¢6 2 nghiém phan biét X VA X,.
Theo dinh 1y Viet, ta co: {xB txc =1 )
XpXp =—m—2
Tich hé s6 goc cua tiép tuyén véi d6 thi (C) tai B va C 1a
kyke = f'(xy) f'(x0) = (=3x3 +6x,)(-3x% +6x.) = 9(x; —2x,)(x2 —2x,.) .
= 9[x§xé —2x,x(x, +x.)+ 4xBxCJ = 9[(m +2)* =2(m+ 2)}
=9[(m+1)’ ~1]=9(m+1)’~9>-9.
Dau "=" xdy ra khi m =-1 (thoa diéu ki¢n (*)). Vay m = -1 thoa yéu cau bai toan.

Cau 53. Chgon B
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4

#

&y

Tu ;/\=1+tan2z@:tamzfl/l@z%_1=&_1=i_
cos” ABO cos* ABO 25 25
— tan ABO = L hay tanOAB =5 (do (ﬁ+@=90°).

5
Suy ra hé s goc cua tiép tuyén 1a k = +tan OAB = 45.
Tacod y' =x’¢ >0, VxeR.
Hoanh d6 tiép diém la nghiém ciia phuong trinh Yy =5&x’e " =5.
Xétham sé g(x)=x"¢™. Taco g'(x) = (Zx—xz)e”‘ ; ¢'(x)=0 c{x =0

lim g(x) =400} l11Hr+ro1c;>>*(x) =0.

X—>—00

Béng bién thién:

g(x) M\ . T e’ T

Nhan thdy 4.6 <5 nén suy ra phuong trinh x’¢™ =5 c6 mot nghiém duy nhét.
Vay c¢6 duy nhat mot tiép tuyén thoéa man yéu cau bai toan.

Cau 54. ChonD

D) thi ham s y = x* —6x+m tiép xtic v6i db thi ham s§ y =+/5—x> khi va chi khi h¢ phuong

trinh sau c6 nghiém
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NE—x* =x*—6x+m V5-x* =x*—6x+m (1)
< —X

\/ﬁ(: 2 —6x+m) —2=2x—6 (2)
( N N

X

V5 —x?

+2x—6 xac dinh, lién tuc trén khoang (—\/g ,\/g) va

Phuong trinh (2) twong duong véi

+2x-6=0.(3)

X

5—x2

Xét ham s6 y=f(x)=
5 . X 2
f’(x) =2 4250, Vxe(-/5;v/5). Suy ra, ham sé y= f(x) dong bien trén khoang
( /—5_x2 )3 ( )
(—\/g;\/g). Luc d6, phuong trinh (3) twong dwong voi f(x)= f(2) < x=2.

Thay x =2 vao phuong trinh (1) ta dugc m=9.
Cau55. ChonB

Ta c6 f'(x)+@:4x2 +3x < x.f'(x)+ f(x) = 4x° +3x7.

<:>(x.f(x))’ = 4x° +3x° <:>x.f(x)zj(4x3+3x2)dxc>x.f(x)=x4+x3+C.
Vi f(1)=2=1.f(1)=2+C=2=2+C<C=0.
Suyra x.f(x)=x"+x"= f(x)=x"+x".
Khi do: f'(x)=3x>+2x; f'(2)=16; f(2)=12.
Do d6 phuong trinh tiép tuyén ciia d0 thi ham s6 y = f(x) tai diém c6 hoanh d6 x =2 1a
y=16(x-2)+12 <y =16x-20.
Ciu56. ChonB

Ta ¢ tiép tuyén A cua (C) tai x=11a y = f'(1)(x-1)+ f(1).
Dua vao d6 thi caa ham sé f’(x),ta co f’(1)=0.
Vay A:y:f(l).

Goi a,, a, 1a hai nghiém con lai cia f '(x). Duya vao d6 thi ham so ta c6 bang bién thién:
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Cau 57.

T —00 a 1 a +00

f'(x) - 0 - 0 ks 0 -

) )
@ T T~ T
—0 —00

Duya vao bang bién thién ta cd A:y = f(1) va (C) c6 ba diém chung.

Chon D
Goi M(m;1—2m) ed.Goi A 1a dudong thang di qua M c6 hé sé goc 1a k , khi d6 phuong trinh
duong thing A:yzk(x—m)+1—2m.

x+3

= k(x—m)+1—2m
. . . 5 xX—
bé A la tiép tuyen cua do thi (C ) thi h¢ phuong trinh 4 c6 nghiém.
_ —k
x— 1)2
4 . \ x+3
Thay k=- ( )2 vao  phuong  trinh 1= k (x - m) +1-2m ta  duogc
x-1 X=

mx® +2(2-m)x-m-2=0 (*).
Qua M ké duoc hai tiép tuyén véi (C ) khi va chi khi phuong trinh
g(x):mx2+2(2—m)x—m—2:0 c6 hai nghiém phan biét x =1
a=m=#0
N = (2-m) +m{m+2)>0 Q{’"io.
m=#=1
g(l):m+4—2m—m—2¢0

Goi A(xA;yA), B(xB;yB) 14 hai tiép diém, véi x,, x, 1a hai nghi¢m cta phuong trinh (*)

2(m-2
o, 202
Theo dinhly Vi-et ta co m
m+2
XaXp =~ "
. \ iy , 2 . [m=2 m+3
Goi I 1a trung diém cua doan thang AB thi [| ——; .
m m-1
Zm(xB—xA)

Mait khac ZE:(xB—x " J:> mot vecto phap tuyén ciia duong thiang AB la

m-1

n=(2m;1—m).
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Cau 58.

Cau 59.

Phuong trinh dudng thing di qua hai diém AB c¢6 mot vecto phap tuyén n= (2m;1 —m) va di

qua diém I(m_—Z;m+3] 1a 2mx+(1—m)y+7—m:0.
m m-1

Goi H (xH ;yH) 1a diém c6 dinh ma duong thang AB di qua.
Khi d6, 2mx,, +(1-m)y, -m+7=0< m(2x, -y, -1)+y,+7=0 véimoi m=0 va m=1.
Suy ra {ZH+—7ij—1=0©{;Z zj: H(-3;-7). Vay OH =4|(-3) +(-7) =/58..
Chgn C
Goi A(x,4) » B(xyi¥s) C(xcive)
Taco: A 1a diém cd dinh ma dd thi (Cm) ludén di qua nén A e(Cm), Vm
oy, =(m+1)x5 -(2m+1)x, -m+1, Vm
@m(xi—ZxA—1)+xi—xA+1—yA:0, vm

30y, —1= P2y, —1= 32y, —1=
c>{;ccf—xjcjrl—yAO:O(w{yx::x;A—ZxA—01+xA+2c>{]3;::3;:A+2 ’
Tuong ty ta cling chirng minh duwoc: y, =x,+2 va y. =x.+2.

Hay ba diém A, B, C thudc dudng thang Arty=x+2.
Talaico: y' = 3(m+1)x2 —(2m+1) va goi M(xo;yo) 1a tiép diém

Khi d6 dé (C,,) c6 tiép tuyén vudng goc véi duong thang A thi phuong trinh '(x,)=—=-1

phai ¢6 nghiém <> 3(m+1)x; —2m =0 (*) phai c6 nghiém

Xét m:—lz(*)c>2:O (v6 1i) nén loai m=-1

Xét m¢—1:(*)<:>x§=3(2nj_1)
m
X , N N 2m
bé (*) c6 nghiém thi WZO(Dme(—oo;—l)u[OH—oo)

So v6i diéu kién m e Z va m e[ -10;10 | tadugc meZ va me[-10;-1)0[0;10]
Hay me{—10;—9;—8;—7;—6;—5;—4;—3,‘—2;0;1;2;3;4;5;6;7; 8;9;10}

Vay c6 20 s6 m thoa yéu cau bai toan.

Chon C

Goi M, (xo;xg —3x§) 1a tiép diém.

Tiép tuyén A cta (C) tai M, c6 dang y=(3x§—6x0)(x—x0)+xg—3x§

A qua B(O;b)<:>b=(3x§—6x0)(0—x0)+xg—3x§ & —b=2x)-3x; (*).

C6 dang mot tiép tuyén cia (C ) di qua diém B(O;b) < (*) c6 dung 1 nghiém x,.
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Chd d& 07: Tiép tuyén va su tiép xic.

bit g(x)=2x"-3x"; g'(x)=6x"—6x; g’(x)=0<:{x

Ta c6 bang bién thién ctia ham g(x)

x —oo 0 1 +o0
g'(x) + 0 - 0 +
0 +o0
g(A‘) / \ /
\ N <L A . L, e Cn -b>0 b<0
Dua vao bang bién thién suy ra phuong trinh (*) c6 dung 1 nghiém < = .
-b<-1 b>1

Vi b nguyénva b e (—10;10) ,suyra be {—9;—8;...;—1;2;3;....;9} ,co 17 giatricua b.
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