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@. Tém tat kién thuc
®. Giéi han hiru han ciia ham sé tai mét diém

% X y=f() k  K\x)
@ Chodiém  thudc khoang va ham so xac dinh trén  hoac
v=/() A L X, (x,)
@ Tanoi ham so co gidi han hitu han 1a s6 khi dantéi  néu day so bat ki,

':-.II = Kll'{:-.l} Hf-:' -:-_u — .‘#'.:, j‘(xn)_’ L ..:!.i—l‘f.:l jt(r):L }i'ﬂ_],-'j‘(r)—i L khir_’ r':l'
thi , ki hiéu

}ilI__l X =x, ; llln c=rc
& Nhinxét: ~( lahing sd).
®. Cac phép toan vé giéi han hitu han cida ham sé
© Cho lim flx|=L va lim glx|=M. Khi d6:

X - X, X > X,

11_IIl [ft(x)+g(.‘-r)] =L+M ll_ln [f‘(x:'- g(x)] =L-M

]
S L
. . — 7 imY—m—=—
“ll_lﬁ'ﬂ [_,f (x ).g (x )] =LM -z, g ) M M 20
(voi ).
o Né’uf(x)zo va lim f(x)=Lthi L>0va lim vVf(x|=+VL.
) f(x) X #X,
@ (Dau cua duogc xét trén khoang tim gidi han, ).
@ Nhdn xet:
limx" =x" &
@ a) : 1a s6 nguyén dwong;
lim [of (] =c lim £ (e lim £ (1) |
@ b) I' I' , néu ton tai I' ).
©. Giéi han mot phia
y=f() (x,:0)
@ Cho ham s6 xéc dinh trén khoang

v=f() \ X, (x,)

, , L R , , ,
@ Tanoi ham so ¢o 2idi han bén phdilasdo khi dantéi  néu dav sd bat ki.




@ Chu y:
@ Ta thira nhan cac két qua sau:

lim fG)=Lva lim f(x)=L lim f(x) =L;
o ' khivachikhi
lim_f () #lim £ (x) lim f(x)
o Néu | thi khong ton tai '
A r ~ x __} xD A
@ Céc phép toan vé€ gidi han hiru han cua ham s6 & Muc 2 van diung khi ta thay bang
x— x," X=X,
hoac .
@. Giéi han hitu han cia ham sé tai vé cuc
y=/(x) (a;+)
© Cho ham sb xac dinh trén khoang
R =) L X— +o0 . (x") .
@ Tano6i ham so co gioi han hitu han 1a s6  khi néu day so bat ki,
x,>avax, — +wthif (_1'” )— L, llIE r (x)=L hay f (x)— Lkhix— +mx
ki hiéu
y=£(x) (- ;a)
@ Cho ham so xac dinh trén khoang
’y:f(x) L X— -0 ,(x") .
@ Tano6i ham so co gioi han hitu han 13 s6  khi néu day so bat ki,
X, <a va X, — =00 {h{f (_1'” )—a L, lll'ﬂ: r (‘L) =L hayf (‘L)—i Lkhix— -m
ki hiéu

& Chii y:

] T c

lim ¢ =c va lim — =0.
5 c N 14 k I3 T T -T.

@ a)Voi lahangsova 1a s nguyén duong, ta ludn co:

i N X — xo . X — 4+
@ b) Cac phép toan trén gidi han ham s6 & Muc 2 van dung khi thay bang hoac
X— -

y=f(x) (- w;a)
@ Cho ham so xac dinh trén khoang
y=f(x) 7
@ Tanoi ham s6 c0 gioi han hitu han 13 s60  khi néu day so bat ki,
X, <a v X, — = o0 {h{f (_T” )—a L, lll'ﬂ: r (‘L) =L hayf (‘L)—i Lkhix— -m
ki hiéu

X— -0 (x,)

©. Gidi han vd cuc cia ham so6 tai mét diém

=) (x,50)




&

Chui y:
llm ) =+, llm flx)=-m, 11I‘£1 f(x) =+, 11I‘£1 f(x)=-m,
a) Céc gidi han o o
__lim Fx)=4+m, __lim flx)=-w
o o duoc dinh nghia twong ty nhu trén.
b) Ta thuong c6 cac gidi han thuong dung sau:

. L I
lim =+ va lim =w @i ) limx* =+
x—a® X = K—das oy e g T— k
voi  nguyén duong;
lim x* =+ lim x* =-
X =g k I = k

voi  1a sb chan; voi lasd lé.
¢) Cac phép toan trén gidi han ham s6 & Muc 2 chi ap dung dugc khi tat ca cac ham s6 duoc
xét ¢6 gidi han hiru han. Vi giéi han vo cuc, ta c6 mot s6 quy tic sau day.
lim_f G )=+, lim f(x)=L#0va lim g(x)=-cothi lim[f(x).g(x)]

Néu duoc tinh
theo quy tg‘ic cho bdi sau:
lim 7 () lim ¢(x) Jim [ /() ()]
+0o +oo
L>0
—0 —o0
+o0 —m
L<0

®. Phan dang toan co ban

‘Dang ©®: Xac dinh giéi han caa ham sé bang dinh nghia
r=Cac vi du minh hoa

£(x) _x’-9 lim £
I e o, Imf) =6
Cau 1: Xét ham so voi . Chtrng minh rang
Loi giai

(x,) o x, #3  lmx, =3
Gia su la day so bat ki, thoda man va

o . ox-9 o (x, - 3Nx, +3

lim /(x ) =lim ul =lim G, - 3)x, +3)

' x =3 x, -3

Ta co:



=lim(x, +3) =limx, +lim3 =3+3 =6,  limf(x) =6.
Vay

Céu 2: Sir dung dinh nghia, chimg minh rang:

: . x4
limx* =-8 lim ——=-4
x—=-2 TS Xt
a) b)
Loi giai
Cf(x) =X (x,) o limx, =-2
a) Xét ham so . Gid su la day so bat ki, thoa man
lim f(x ) =limx =(-2)" =-8 lim x' =-8
Ta co: . Vay
X -4
, glx) = x+2
b) Xét ham so
(x,) o x,#-2  limx, =-2
Gia st la day so6 bat ki, thod man va
limg (x,)=lim%X "~ =lim(x - 2)=-4 im* 44
' x, +2 | s R
Ta co: . Vay

‘Dang @: Tinh giéi han cua ham sé bang mét sbé két qua giéi han co ban
=Cac vi du minh hoa

[ _,

lim f(x) =2 lim

x—1

Cau 1: Cho . Chimg minh rang;

Loi gii

oy limf(x)
lim ) = SE
=1 2 lim 2 2
Ta ¢o: o
im3f(x)]  limf(x) =1
Cau 2: Khi thyc hién tinh biét , mOt ban 1am nhu sau:

lim[3 /(x)] =lim f(3x) =lim f(3x) =3.

a) Theo em, 101 gidi trén c6 dung khong? Giai thich.



b) Néu 1oi giai trén 1a sai, em hy trinh bay 10i giai ding.
Loi giai
() =) imi3/(0] =lim 3
a) Vi khong c6 gia thiét nén . Hon ntra, tur

lim f(3x) =3

IX— 3

khong c6 co s dé két luan duoc

lim[3 f(x)] =lm3.lim f(x) =3 1 =3
b) Ta co: ' ' '

Cau 3: Tinh cac gioi han sau:
, i 37 -2x+] , -
11111(— x4+ 2) __lll'ﬂ EECE 11_|Il i+ 44
a) b) | ) :
Loi giai

lim(- x* +x+2)=lim (- =)+ lim x +lim2 =-9 +3+2 =-4

a)

3,'..3 - Ty 41 lim (3.1': - 2x +|)
lim —— =il
x=-1  3x-2 lim(3x- 2)
x—- 1

b)

lim (3)- im0+ im! 3. (.2)41_ o

lim f(x) =1

lim(3x)- lim 2 (-3)-2 5
x—=-1 x—-1
72
1__i111(5.1': +x+4)=26 1?11}45_1-: +x+4 =20
c)Tacd: nén .
i ) CCec £0), 2.0
‘Dang ©: Tinh giéi han cda ham sé cé dang = 0 o
r=Cac vi du minh hoa
Cau 1: Tinh cac gidi han sau:
. 1 . 1 . 3x+2 . 3x7 - 4x+]
lim — lim lim lim—
ey 42 =3 x-3 SEFYEE =1 x-]
a) b) c) d)

Loi giai



1]
S

r[3+

3x+2 . ;
=lim

o 41_ _ Ju——

— = lim as
[ 3
r[ 4- ‘ 4-

| X

n{r—lﬂ3r—|}

=1 x-1 S x-1

=lim(3x- 1) =3- 1=2

lim Jx)-5 _

flx)-35

lim[f(x)-5] =0  lim——F—=-o lim ———

. 2 =2 x=2 =2 xa=2 . .

Neéu thi hodc . biéu nay mau thuan voi gia
lim[ £ (x)- 5] =0 lim f (x) =5

thiét. Vay . Suy ra

‘Dang 0: Xac dinh giéi han cua ham sé dua vao do thi
=Cac vi du minh hoa

CAu 1: Quan sat d6 thi ham s6 ¢ Hinh 1 va cho biét cac gi6i han sau:
lim f(x): lim f(x)  lim f(x): lim f(x)

Vi

Hinh 1



Loi giai
Ttr @6 thi ham s ta co:

__li_l_n fix) =L __1i_|‘£1 fix) =l _1i|n flx) =-oz _liITL Fx) =+m

M (ei-F)0<r <l (C):x* +y* =

Cau 2: Cho diém nam trén duong tron don vi , diém
A(L;0) PR (&) R H g M
la mot giao diém cua voi1 truc hoanh. Goi 1a hinh chiéu vuéng goc cia  trén
(®)

truc hoanh,  1a giao diém cua ti€p tuyén cua tai vo1 truc hoanh. Khi diém dan dén

HK

. HA
diém  thi ti sO dan dén gia tri nao?

>

b4

1

/ M
rl I N\K
! H A \:\’

Hinh 1

Loi gii

. HK
) lim——
o M o ., A4 t=] . . =1 HA
biém  dandén diém  khi . Do @6, ta can tim gidi han
T,
oM =(s:1- ¢
H(1;0) y , © oM ¢ )
Ta co . Phuong trinh tiép tuyén cua tai diém  nhan lam vecto
dit(x- ) +f1- £ (- AfI- 7 ) =0
phap tuyén nén c6 phuong trinh 13
X :l ra Kl ]—0‘

y =0 d t
Thay vao phuong trinh cia  ta nhan dugc . Suy

N



-

! ¢ HK _ -1 e
HA=1- t HK =1 4 :I t ;Hﬁ _ 1- ¢ :|+£ HIHHﬂ :nm'i:ﬂ:g
t t  HA tl-1) t = HA4  —T ¢ |
Ta co: ;
HK
A < 3R A A + R s . , A HA A 4
Vay khi diém  dan dén diém  thi gié tri cua ti sO dan dén 2 .
Oxy M) >0 y =x
Cau 3: Trong mat phang toa do , cho diém , nam trén dudng parabol
., OM N N _
Duong trung truc ctia doan thang cattruc tungtai . DPiém  dan dén diém nao khi
diem  dandéndiém ?
Hinh 2
Loi giai
t 1
I [ 2’ _J
) , OM 22
Trung diém cua doan thang la .
oM oM =(t:*)

Duong trung tryc cua nhén vecto lam vecto phap tuyén nén c6 phuong trinh
L Y I Lo
c?'.!‘.‘n—;+! y- = |=0 y=—(1+¢%)

2] - x= 2
. Thay vao phuong trinh ctia , ta nhan dugc
N P,
N ‘ D.E(I +f )
Suy ra

, L, , O t .,
Piém dandén diéem khi dan dén

+

.Tacd



A|0;—]
.M, . N ., L2
Suy ra khi diém  dan dén diém  thidiém  dan dén diém
‘Dang ©: Ung dung

=Cac vi du minh hoa

- 290, 4v
.l'r f.l'l} = el
, . 0,300 +13,2v+204
Cau 1: S6 lugng xe 6 t6 vao mdt duong ham dugce cho bdi cong thirc ,
v(im/s) ) ‘ }lﬂ}) A ’
trong d6 1a van toc trung binh cta cac xe khi di vao duong ham. Tinh va cho biét
¥ nghia cta két qua (1am tron két qua dén hang don vi).
Loi giai
290,4v 11}'{1290_41' 290.4 20

=9

lim - =— — . -
=300, 300" + 13, 2v+ 204 lup 0,300 + 11|;1 13,2v+ hlp 204 T35 207 +13.2 20+ 264

Ta co: .-
Tir két qua do, ta thay luu lugng xe vao him ¢ thoi diém van tdc trung binh cia cac xe dat

20m/s ls
1a khoang 9 xe 6 t0 trong

7 A 4 X R
Cau 2: M6t don vi san xuat hang thu cong uwdc tinh chi phi dé san xuat  don vi san pham Ia

Clx)=2x+55 .
(triéu dong).

AAC 7 = 7
a) Tim ham so biéu thi chi phi trung binh dé san xuat moéi don vi san pham.

lim f(x)

x— +a0

b) Tinh . Gi61 han nay c6 y nghia gi?

Loi gidi

lim f(x) =2
b) o . Khi s6 lugng san pham san xuat dugc cang 10n thi chi phi trung binh dé san

xuat mdt don vi sdn pham cang gan vai 2 (tri¢u dong).



Céu 3: Sau khi phat hién mot bénh dich, cac chuyén gia y t& uéc tinh s6 ngudi nhiém bénh ké

tir ngay xuat hién bénh nhan dau tién bién ddi theo mot ham sé thoi gian (tinh theo ngay) 1a
a(t) =45 -

, o4t
(nguoi). Toc do trung binh gia tdng nguoi bénh gitra hai thoi diem ,  1a
v, _g()-2() im Z(0)- 2(10)
=1 =1 t- 10 o .
. Tinh va cho biét y nghia ctia két qua tim dugc.
Loi giai
- ASs2 o ¢ 2 A% A0F 3
lim g(t)- g(10) :lim—u t-4510° +10
0 - 10 t- 10
Ta co:
45(t- 10)(t +10)- (¢~ 10)(# +10¢ +100)
=lim
—10 t- 10
=lim (- * +35 +350) =600
‘ 2 : : e ez =10
Tur két qua trén, ta thay toc do gia tang nguoi bénh ngay tai thoi diém (ngay) 1a 600
nguoi/ngay.

©. Dang toan rén luyén
‘Dang ©: Cau trac nghiém nhiéu phuong an lua chon

lim(3x +7x+1
Cau 1: Gid tri cda gidi han I‘"?{ x+1] la:

X

A. 37 B. 38 c. . D. 4.
Loi giai
Chon A
lim(3x* +7x+11) =32 472 411 =37
. Y lim|x*- 4

Cau 2: Gia tri cua gidi han = la:
A. O B. ! c. 2
3.



Loi giai

Chon B
lu}|r 4|=FJ'] -4|=J
.7 ] 2 L) |imX25inl \
: Gid tri cGa gidi han **° 2 |a:
.1
sin=.
A, 2 B. t¥. C.-~. D.
Loi giai
Chon D
] N
, limx"sin—=0sin—=10
Tacéd 2 2
"7 ] 2 Lyl Iimﬁ \
: Gid trj cla giGi han ** X +2 |3:
3
A 1l B. - 2 C. 2 D. 2
Loi giai
Chon B
lim .r1 —{- J:I, _=-2
iy (- 1) +2
l X
v L. ‘. 0L 2x- 1 3 .
Gia tri cua gidi han { Jx la:
3
A. 1l B. -2 c. 0 D. 2
Loi giai
Chon C
Y- X - I’
I = =0
@ (2 (- 3) (21 (- 3)
lim /X~ 1
.7 . 2 s Ly 1— \
: Gid tri cla gidi han ' x +x- 3 |3:
3 2 3
A 2 B. 3 C. 2
2
5
Loi giai
Chon D
lim - 1l =| : ]|:-£
Tacé“'-r +x-3 1-1- 3 3



Ox° - Xx

lim
Pk - 1.
Cau 7: Gié tri cda gidi han (2 -3 la:
1 1
A. S B. V5. c. 5 D. 5
Loi giai
Chon C
nmf Or'- x  _ 03-3 1
Sl () ) ' X e
¥ x+1
xiE \ z N
Cau 8: Gi4 trj cla gi6i han "'V X T2x 5.
! ! ! !
A 4 B. 2 C. 3 D. 5
Loi gidi
Chon B
A LR L
S\ Ft2r V222 2
|im‘1‘!3"‘2 4- \f3x- 2
Cau 9: Gia tri cua gigi han *** x+1 la
.3 2
A 2 B. 3 c. O D. ¥
Loi giai
Chon C
l.lms‘hx:- 4- -2 _Y-4- 62 _o0_
Ta cd: = x+1 3 3
lim (\J'.‘r: +1 +.T)
Cau 10: Gi4 tri cta gigi han —* la:
A. O B. t¥. c. V2- 1 D. - ¥
Loi giai
Chon B

Gidi nhanh: *— ** 7+l +x~fx? +x =2x— +x

Pat ! [am nhén ti chung:

11_|31(\1"1 +1+ _-r) ZIEIII X

. I .
1il+—ﬁ+l
- | x° ]
[ lim x =+
. 1 .
lim 14— +1=2>0
vi VT !

=+




liln({.”}r‘" - 144f¥ +3)

Cau 11: Gié tri cta gigi han ~—* la:
A. J3+1. B. t¥. c. 3-1

N

Loi giai
Chon B

Giai nhanh: * v i3 - L4 +2 ~ B+ =B +1)x— 4

Pat ¥ [am nhan t chung:

H3- — + |1+ —
. X x ]

==+a0

lim (-"‘J}T"‘ - 1443 42 ) = lim x

Iim“/x+2
Cau 12: K&t qua cua giGi han “*Vx- 2 |a:
A. ¥ B. t¥.
.5
C. 2 D. Khéng xac dinh.
Loi giai
Chon B
limdr+1=23=-D 3
82" 23 lim ¥ = 4y
ll_lI_'lI\pJ.T- 2=0 & fJx- 2>0."x>2 eBr fx- 2
lim x =+
N | 2| . :
lim| ;[3- —+,[I+= =f3+150
N Eada| X x|
lim \H?- 2x+1+2- x
Cau 13: K&t qua cda gidi han ~ VoxX'- 3x+20 |y,
1 1
A. 5 B. T¥. C. -+ D. 5
Loi giai
Chon D

Giai nhanh : khi
X ® +¥ %Bﬂ-.fd?- 2x+1+2- x| d-f-lx!- X _ 2x- X
NOx* - 3x+ 2% Jod +2x  x+2x
a- 241429
lim Jaxt - 2x+1+2- X _ lim x 2 x
3+
x

B4 ngl_ I + 2x B4 Jg_

1
=

Pl

L.I'III =

R 2
Cu thé:

im |3x +6]
Cau 14: K&t qua cla gidi han =2 X+2 |3;



A -x. B. 3

c. t¥. D. Khéng xac dinh.
Loi gidi

Chon B

Ta cé FH=*+2 y&i moi >~ 2 do d6 :

|3r+t§n|_ i 3|.r+2|_ _ 3{.r+2)_ ) -
= lm — = lim —— = lim 3=3
s®-2 x+2 LN x+2 BEN x+2 s® 2}
lim /2=
Cau 15: Két qua cla gidi han “** 2~ 5x+2 |3:;
1 1
A. -+ B. t¥ c. 3 3
Loi giai
Chon C
. [2- x| . 2- x . 1 1
lim = lim = lim =- =
Ta cé 20 - 5x+2 I (2- x)(1- 2x) 2 1-2x 3
- x*+13x+ 30
A " y o g e Ax+5)
Cau 16: Két qua cua gidi han J{x+ o +3) la:
A. -2 B. 2 c. O
Loi giai
Chon C
Ta c6 * T3>0 v&i moi ¥>- 3 nén:
A +e+30  (e3)e+10) O Jr+3(e+10) L 3+3(-347)
hm ———==lm_ - = hm, - = =
e I{r+3‘,||{r'+i]l e .J{r+3'lll{r'+5]l o -J.r'+5 3
2x vix=1
fl{xj: le' X
, [3:2 (i3 o lim f(x)
Cau 17: Cho ham s6 V371 vix 1 khi d6 7 T 1,
A. T¥. B. 2 c. 4 B}
Loi giai
Chon B
im £ (x) = Imf3x® +1 =317 +1 =2
Efﬂ Fixel
f{x}lz 1- x .
. ?‘ . T L., limfx) |
Cau 18: Cho ham sé i 26 2 MIXE 1 Khi g6 ~er ) la:
A. t¥. B. L c. O

Loi gidi
Chon A



Fim(x* +1)=2

lim f(x)=lim Ty . “’lim{l- x)=0&1- x>0("x<l)
x &l B |- x \VVRELE
o3 wiix® 2
, fld= lim
Cau 19: Cho ham sé x- 1 viix<2 Khidé e (4 la:
A. -l B. O. c. L D. Khong ton tai.

Loi giai
Chon C
Elim f (x)=lim (x*- 3)=1

|
L P lim f {T] = lLlT:l K {T] =1P lim f {r:l =1.
il.ll'.l'llf{'li':' ll'.l_'l{.T' J:|=J rE rB T BT

Ta cé
{ J_+3 vilx® 2
Cau 20: Cho ham s6 - 1 Wix<2 Tim a g€ tén tai m T)-
A. @a=1 B. a=2 C. a=3. D. a=4
Loi giai
Chon B

l:l_l]_'L flx)= li.lTl (ax- 1)=2a- 1

, illm flx)= le {-\f‘ +_1]|

Ta co

Khi d6 1276 tgn tai © 3/ =R/ (U 20 a

[.‘r'- 2x+3 Mix>3

flx)=l Vix=3.
Cau 21: Cho ham s6 320 MIX<3 hang dinh nao dusi day sai?
a, Im/b)=e B. /b s
C. lynf{1:l=o D. l|1r1=] flx)=- 15.
Loi giai

Chon C

lim f(x)=lim (x*- 2x+3)=6

11:1 :‘n{r]_[;; 3- 257 )=- 15 il SR R

Ta cé
7% khong ton tai gidi han khi x®3.
Vay chi cé khang dinh C sai.

=N N aH

lim
Cau 22: Biét réng atb=4 vy

L_an,

A. L B. 2 c. L D. -2

ELLI-D'

hiru han. Tinh qiGi

han



: a b o atax+ax’-b . ataxtax- b
|I[‘|‘1E == lim - =lim -

Ta c6 1 El- x 1- x@ ®l 1- x° x®1(1 J‘ﬂj{l_,_),{_,_l,,{‘I|
imE? . P 9 ) )

Khi dé *t 8- x 1- X8 by han Y 1+al+al’- b=0U 2a- b=- L

at+b=4 - a=1 _ a b Q
A (12a- b=-1" IE—.~=3pi_'|ﬂr'?1' % 1 <8
Vay taco ! i

X +x-2 - (x+2)

Cau 23: Gidtriciag
A. O.

Chon B

Ta cé

lim x=+% ;
. xE4E

Vi

Gidi nhanh :

Cau 24: Gia trj cua gidi han ==+

A. O.

Chon A

1T =- |Im =
B x)1+x+x) #lltx+x’

lim {m x) Ia:

ii han ==+ :
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Cau 26: Gia tri cia gigi han ==+ la:
5
A. 6 B. T¥. c.-1l ¥
Loi gidi
Chon A
Khi x®+¥ %W +x- - X - - =x- x=0
7% Nhan lugng lién hagp:
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‘Dang @®: Cau trac nghiém dung, sai
Cau 1. Cac ménh dé sau ding hay sai?
Ménh dé Piing | Sai

a) | lim (x*- x+3)=9




b) |
lim =3
=6 x+3
©) |, x'-3x+2
lim =]
+ x-2
d| . 27 +3x+1 |
lir . —
=l o] 3
khi x<-1
=)= J 1 khi |
=- ) \ .
Cau2. Cho ham sd e e . Khi d6: Cac ménh @é sau ding hay sai?
Ménh dé Ping | Sai
a) lim £(x) =5
Gi61 han+ ---ﬂ
b lim f(x)=
) Gi61 han -1 S
c) lim f(x) =2
G161 han =" S
d) | Ham s6 ton tai gi¢i han khi *— -1
Cau 3. Cac ménh dé sau ding hay sai?
Ménh dé Dung | Sai
) | lim(- 52" - 4x+2)=2
b) | . 2x-3x 3
lim ==
=1 4x+l 4
c) v’ +2x- 15
| =+
=5 x+5
d) i X *3x-4 5
== 37 pdx 4
o [1-% khix<2
= 3 khixso
Cau4. Cho ham so e ME=2 cac ménh dé sau dung hay sai?
Ménh dé Ping | Sai
a lim fix) =
) Gi61 han: T-Jj




b lim f(x)=-3
)| Giei han: -+ (x

C [§ x)=2
) | Giei han: =2 /@)

d lim F(x) =4
| Gisi han: +2/ &)

Cau 5. Cac ménh dé sau ding hay sai?

Ménh dé Ping | Sai
5
2) lim — ==
—2 x4+ 3
TPy =
b) lim =2 =
1 xo 1
© | . - 3x
11I‘ﬂ _— =0
=3 x7- Ox+9
d) . .
lim (.r"‘ - I) ;w ‘ =+
—r \jr -1
Cau 6. Cac ménh dé& sau ding hay sai?
Ménh dé Ping | Sai
a) lim (.rj + 3) — 400
b) | Jim (\-‘x: +x- .r):— )
9| lim =0
)
d) 2.
lim =2
e\ 343
Cau 7. Cac ménh dé sau ding hay sai?
Ménh dé Ping | Sai

a) _11_.E(Jx+3- 1) =1

b) | i 4x-3
=1 xe |

= v o]




c) lim[ I ﬁl e
=2l x=-2 x -4

d) lim —| 'i+|| =0
w1y -]

Cau 8. Cac ménh dé sau ding hay sai?

Ménh dé Ping | Sai
a) | lim(3+° - 2x) =4
b) li 4o +2x41 _13
=2 x-4 6
€ | . x-x"+2x-24 23
lim =—
x=3 -9 ]
d| = +5c-x-14 9
lim . =
s=-2 3y - Tx- 18 11
Cau 9. Cac ménh dé& sau ding hay sai?
Ménh dé Ping | Sai
a) J )
imY4te-2 1
=0 4x 16
b o g2
) limat X =24
—2 fx+7-3
) Hm.ﬁ,-’z.ws- 3 4
=2 \x+2-2 3
d) i -
imME+7-2_1
=1 x- ] 3
Cau 10. Cac ménh dé sau ding hay sai?
Ménh dé Ping | Sai

a) lim (x*- 10x) =4

¢) .n-d'.r:+_r+|—3.¥

3
== 2-3x 4




d) . \-‘ Sx’ +3x  +1-x

lim

=1
e \M.‘r: - x+2 +3x

LOI GIAI
Cau 1. Tim dugc céac gidi han sau:
lim (+* - x+3) =9

a)
lim =3
=6\ x+
b) ;
2. 2
lim ™ I+ 2 i
=2 x=2
c)
. 2xT +3x+1 1
lim _ =—
= -1 3
d)
Loi giai
a) Ding b) Sai ¢) Pung d) Sai
lim (x* - x+3)=(-2)"- (-2)+3 =9
a)Taco:
. 1 1 1
11m,‘ = {— =
—s N x+3 6+3 3
b) Ta cé: .
2. p) - Ny -
m X342 O DED ey =2- 121
=2 x-2 =2  x-2 x~1
c¢) Ta co:
747 -
lim 2~ -1-3.~r+| _lim (2x+1){x+1) _lim 2x+1 _-2+1 _1
sl oy =] =l (x= I)x+l) =t x=-1 -1-1 2
d) Ta co:

. (x-2 khi x<-1
“'T}:Jf I khix=-1
Cau 2. Cho ham sb o nx=-1 Khido:
lim f{x) :JE

a) Gidi han+—-2
lim f(x)=-3
x—-1

b) Gidi1 han



__1im+ flx) :aﬁ

¢) Gioi han

4 A . . . . x _) - 1
d) Ham so6 ton tai gidi han khi

Loi giai

a) Sai b) biang c¢) Pung d) Sai
lim1 flx)=-4
a) Ta co: GiGi han
) (xn) ) x <-1 x,— -1 I (.T_,I ) =x -2
b) Xét day so bat ki sao cho va , ta co: .
lim f(x)=lim f(x,)=-1- 2=-3
x—=-1
Khi do:
) (x,) ) x,>-1 x - -1 f(x) =1|I|.1'_f +1
c) Xét day so bat ki sao cho va , ta co: .

Khi do:
lf |_II1_ flx) = 11 I_‘I|1+ fix)
d) Vi : (hay

Cau 3. Tim dugc céac gidi han sau:

lim(- 5 - 4x+2) =2

-3#42 L
) nén khong ton tai

lim, f(x) =lim FG)=f- 1 +1 =2

a) ;
lim 2x-3x" 1
b dx+l 4
v +2x-15
li =4
):—f x+5
c
lim o +3x-4 _3
d) = x4 4
Loi giai
a) Ding b) Sai ¢) Sai d) Dung

lim(- 52" - 4x+2)=-50"- 4 .0+2 =2
a)




2x-3x% _24{-1)-3(-17 _5

lim = -

s=-1 4y +] 4 {-1)+1 3
b) )

R TV - - =

lim X *2*-15 _ i, (F+5Kx-3) —lim (x- 3) =-5-3=-8

S5 x45 s x4§ e
Q)

lim x” -1-3.1'— 4 — lim (x-1)x+4) —lim a-1 :—4— 1 :E

=i x4dx s x(x44) = ox -4 4
d)

_ (1- ¥ khix<2
flx)=

v+2 khix=2

Cau4. Cho ham s

lim f(x) =-8
a) G161 han: -T—F'f

lim f(x)=-3
b) Gisi han:
lim fix)=2

¢) Gidi han:

lim f(x) =4

d) Gidi han:
Loi giai
a) Sai b) Ding c¢) Pung d) Sai
lim f(x) =5
a) Tacod o
) (x,) ) x, <2 x, -2 fx,)=1-x
b) Xét day so bat ki sao cho va , ta co:

lim f(x) =lim £ (x,)=1- 2" =-3

Khi d6:
’ (x,) ’ x,>2  x,—2 £, ) =x, +2
c) Xét day so bat ki sao cho va ,tacod .
lim f(x) =lim f (x,) =y2+2 =2
Khi dé:
llln fix) :.t_lilﬂ_f'l[ x) 2329 lim f'(x)
dvi o (hay ) nén khong ton tai

Cau 5. Tim dugc cac gidi han mot bén sau:
. X 2
lim — =—
—2 x+] 3

a)



lim ==
=17y -
b)
. v - 3x
lim =+
=3 x"- 0x+9
Q)
}un ('r - =400
Loi giai
a) Dung b) Sai ¢) Sai d) Sai
% )
lim = ==
—2x+1 241 3
a)
lim‘} I—11m (2x-1)- I =+ - : L,
i 1 lim2e- =1 M- =
b) (do va ).
lim i =lim xx-3 —1 im =lim| x ‘ =-w
=3 ‘{' - fHx+9 7 [r— } =3 x=-3 =3 x-3|
C) )
limx =3 lim =-w
X3 =3 x-
do va
d)
11|n -1 —11m 1 +x+1
i) (< D) 25 | =t e 0 i) s
=lim (x3+x+|) r(r;” =lim (.r:+.r+|) x(x-1) =3 JE_D.
=1 (x=-1)x+1) — 1" x+1 2

Cau 6. Tim dugc cac gioi han sau:
1931 (x* +3) =+

a) ;
liln (\JI.T: +x- .r) =-m

b) ;




-
-

lim =2
e\ x 43
d)
Loi giai
a) Dilng b) Sai c¢) Pung d) Sai
lim (x* +3) =i 2 14 2| = 2 lim [ 142 | =1
gmiees)=im | —] =40 jimy =40 MY =
a) ,do va
. - N r| 1|
lim («“I'r + - r):hm sy l+- x| =lim x| - J1+_- 1| =+
— f _T o .
b) )
. .
) lim | - I+_—I‘:—2
lirr{_ X =-o xb-w x|
do va
] 1
I X -
lim —— =lim ——=- =lim —5-=0
' s x|1+=| 1+ =
kY X
c)
. 2 .
lim — =lim
X —t T+3 '.'._P:V
d)

Cau 7. Tim dugc céac gidi han sau:

_1i|¥1+{-«.}|_'r +2-1)=I

a) ;
. Ax-3
lim =+
1" x- ]
b) ;
. 1
lim - ==
a2 | X - -4
C) 5
lim [ x+1]
—-T " =]
d)

Loi giai

a) Ding b) Dung ¢) Pung d) Sai




_1i_|‘£1+|f1}.‘r +2-1)=y2+2-1=l

a)
. 4x-3 .
lim - =lim | (4x- 3)- l =+ lim(4x- 3) =], liml_ =+
P T x- 1 —t 1
b) vi
c)
. | . x+2-1 . x+1
lim — ‘ =lim ——=lim ——M—
2 x=2 x-4] =2 (x-2)x+2) =2 (x-2)x+2)
. ox+l 3
+1 1 h—I‘{l +7 _1
:]_iIIﬂl ‘{'+'}I = —_ = TI...
a2 - 2) lim =- o
=2 x-2
a1 - x- 1 -1
lim———=lm — =lm — =—
as-l x =l a=el (x= Dx+1) »~-17 x- 2
d)
Cau 8. Tinh dugc cac gidi han sau:
lim(3x° - 2x) =4
D
lim 4" +2x +1 _13
b) w2 x-4 ]
lim ¥ - x +2x-24 _23
) Bl ¥ -9 0
c
lim X +5x - x- 14 _i
0 =2 x* - 7x-18 11
Loi giai
a) Sai b) Sai ¢) Dung d) Pung

lim(3x - 2x) =3.27- 2.2 =8
o

. 4AxT +2x+1 13
lim — = =- -
w2 x-4 y

b)




- x242x-24 L (x- 3}(.‘:’2 +E.‘c’+8) L O +2x+8 _ 23

lim _ =lim =lm—=" " ==
53 -9 =3 (x-3)x+3) =3 x+3 0
c)
. x +5xr - x-14 . f-‘f"‘z]'(-‘f:“‘?'-‘f' ',-') . xr +3x-7 9
lim _ =lim =lim -
s=-2 x = Jx-18 =2 (x+2)x-9) =2 x=9 11

d)

Cau 9. Tim dugc cac gidi han sau:

-9
l..im—w _ |

w0 4x _E

Loi giai

a) Dung b) Dung ¢) Dung d) Sai

=7 = 3 =
hm—q"ﬁl-i-ru —lim (Mad+x-2)(Jd+x+2) lim 4+x-4

=0 4y w0 4x(f4 +x +2) IR m
a)

| | |
=lim = =
o 4(Jaex +2) 4(4+2) 16

b)

lim 4-x —lim (2- x) 2+ x)(Jx+T7 +3) ~lim (2= )2 +x)fx+T+3)
=2 fra7-3 0 = (JraT -3 eT+3) x+7-9
=lim[- (2 +x)yx+7 +3)] =-4.0 =-24



v+5-3 {«.f"'r+5 32 +5 +3)(Jx+2 +2)
2 {Jr+"*— 2)(\x +2 +2)(y2x +5+3)

—lim (2x+5-9)(Jx+2+2) lim Ax+2+2) 4

=2 (x+2- 4)(f2x+5+3) =2 2x+5+3 3

Yx+7-2 (Vx+7- 3}({"‘(-‘”?}: +24x+7 +4)
lim— = =lim
ol T e e 23T +4)

d)

. x+7-2 1 1
=lim =lim =

- DTy e rT+4) T YTy +23ieT 44 12

Cau 10. Tim dugc céac gidi han sau:
lim (x* - 10x) =+

a) ;
i 3 - 4x+l 3
imem Iyt 4y 4] 2

b)

. “4+x+1-3x 5
lim ==
-r 2= 3x 4

c)

AMB8x +3x7 +1- x
lim

e J4'r - x+2+3x
d)

Loi gii

a) Ding b) Ding ¢) Sai d) DPung

lim (x* - 10x) =lim x*| 1- — | =+
K— - K—s - | x|
a)
a4 4 1
X 3‘ + 3_ +
- + [ , 2
1 3 ﬁ 4y +1 —1 | X X ) _fim f TI :i
Tk dakl e, 1 R P L S
X X X X
b)



. N+ x+1-3x . X .
lim = lim _ _ =lim
P 7- 3x o 2 P 2
x| —-3 ‘ A -3 ‘
x| L x
. l|+ Lyl 3
=lim X X - V-3 _4
- 2 -3 3
-3
X

d)

3 1
'J38x3+3f+1—x_”m \3/){3‘.8+x+x3_‘_x

'l'f’?J im-— _
4% - x+2+3x Jf‘q_ 1, 2,3
X X
[ 3 1 3 1
I8+ “+ - x B+ —+ S -1
—lim X X  _jimd_Xx X :"’;8_'1_1
3o 1 2 x 1 2 -Ja+3
4- 3 - 3
XJ X+X2+ 34 J X+X2+

‘Dang ©: Cau trac nghiém tra 16i ngan
S0 gy lmf)=2 limg) =3
Céau 1: Cho hai ham s va co va . Tim céc gidi han:
. 2f(x) g(x)
lim[g(x)- 3 (x)] ()4 2]
a) b) .

Loi giai

Cau 2: Cho ham sb

lim f(x), im f(x) limI f(x)
x—-1 x—-1 Xx— -
Tim céac gio1 han va



lim f(x)= 1im+(3— 21—:) =I; lim f(x)=lim (3x+4) =L liml_f'[r} =1
P P i o o

2+l x =l

flx)=
I il ta, x>l

Cau 3: Cho ham sb

lim f(x)

, a . .. x—1
Tim gid tri cia tham s6  sao cho ton tai gidi han

Loi giai

lim f (x) =lim(2x +1) =3:lim f (x) =lim Jii+a =l +a
x—1 x—1 x—1 x—1

lim /() f5a =3 R
1

Pé ton tai th , suy ra

Cau 4: Str dung dinh nghia, tim cac gidi han sau:

a—-1

. - T
lim (x* - 3x) lim J2x+5 ._llm_r. il
a) ; b ; c) .

1
2
a)2; b) 3; c) .
Cau 5: Tim céc gidi han sau:
lim (8 + 3x - x*) lim{(5x - 1)(2- 4x)]
a) ; b ;
. X -x
Th_n’! (2x + 1) 11_I‘ﬂI J10- 237
c) ; d) .
Loi giai
- 10 - 54 3 22
a) b) ¢) d .

Cau 6: Mdi gi6i han sau c6 ton tai khong? Néu co, hily tim gidi han do.



: Xt - 2x
lim lim- :
x—?lel =2 xX- 2
a ; b)
Loi giai
. ."{'3
lim— =0
‘ = ]x]
a) Ton tai gidi han
. oxt- . ox - 2x . x -2x .
lim lim =lim =limx =2
. x—2 xX- 2 | xX- 2 | =2 x- 2 =7
b) Khong ton tai gidi han ,do va
- I
. X aX . X aX .
lim =lim =lim(-x)=-2
=2 |x=2| 2" 2-x a2’

limJ;_ 2
e 4

Cau 7: Tinh

Jr-2 | |

. sx-2 .. :
lim =lim =lim =—.

=4 x-4 —i(Jx- 2r#2) 2

o - f()
limf(x) =2 P
Cau 8: Bieét . Tinh )

Loi giai

(x-1V =0,(x-1Y =0 x—1 )
RO rang khi . Theo quy tac gio1 han vo cuc (cia thuong hai ham
lim / ('T}ﬁ
, = (- 1)
s0), ta co

— =00

g
lim(x- 1) ! +':
x—1 - x

Cau 9: Tinh gidi han

Loi gidi



lim( vl x- I)

K= b

Cau 10: Tinh

Loi gidi

: : : -2x : -2
lim (Jr'+|—r— I):lun—:hm =-1.
S R FalS S e JI MLINTIS.

x X

lim g(x) =1 lim (x* - 1)g(x)
Cau 11: Biét .Tinh

Loi giai

— 00

lim (.‘r: - I)gl[_'r} = lim x° ‘ l- L g(x)
oy sl |

Taco

. L)
lim x* =+ ‘ 1- 'r_ glx)| =1=0

(do va ).

lim

x+mnlux <0

, x*-1nQux =0 m ,
Cau 12: Cho ham so vo1l  la tham so.

fx)=

B N o0 m
Biét ham so c6 gidi han hitu han khi .Tim .

Loi giai

lim f(x) =lim (" - 1) =- 1, lim f(x) =lim (x+m) =m

=1
Do nén .
x nQux>1
f(x)={2nQux =L
, 1nQux <1 £(x) o1
Cau 13: Cho ham so Ham s6 c6 gidi han khi khong ?

Loi gii



/) =lm =
. Ham s6 c6 g161 han khi

x— 1

‘x?+ax nux >3
a . ) .3.x2+1rfllx =<3 x— 3
Cau 14: Tim dé ham so c6 gidi han khi

fx)=

Loi gii

£(x) lll‘q flx)=9+3a 1i|‘£'_l flx) =28
Theo cach xac dinh ham s6 ,taco va . Ham s nay c6 giéi

19

x—3 , 9+3a =28 . 3
han khi néu , hay

~L2 .
. 2x - ax+1
lIim=———  =p

A , a b =1y = 3x+2
Cau 15: Tim cac so thuc  va  sao cho

Loi giai
x =1 ' o, ) 2x° - ax+1=0 x=1 a= _
Do la nghiém cua mau s6 nén ta phai co \! . Tlc la . Khi do
2% -3x+1 . 2x- ]
lim =lim == 1

=1 x* - 3x42 =1 x-2 b=-1

. Vay

Cau 16: Cho ham sb . Tinh:

lim £(x) lim /(x)

x— 4w

a) ; b)

Loi gidi

lim £(x) =- lim

Y . ST T )

lim (1- x) (- «*)(1- x°)
Cau 17: Tinh gidi han " .

Loi gii



11m - (- )0 ]—lun x

g(x) :'J.‘I.': +2x- 'J.‘r: -1-2m m

CAu 18: Cho ham s voi 1a tham sd.
L \_IiIPr g[T} :0 ., . m
Biét , tim gia tri cua
Loi giai
1
2+
2x+ -
glx) = e+l -2m = a -2m
J"‘. +"}'L +‘\'Ll. = I ‘JI""E +JI_ I..
x x
Ta co
. 1
lim g(x) =1- 2m =0 m 3
Do d6 . Vay .
- __liln[l[m - x)(mx +1)] =- .
CAu19: Cho  la mot sd thuc. Biét . Xac dinh dau cua
Loi giai
. . Smo 1]
lim[(m - x)(mx+1)] = lim 1‘ —-1 ‘ m+—| =- =
x—- r—-= | x x|
Ta co
. m 1
lim ‘ —-1 ‘ m+_|==-m
—-| x x)  m>0
Do nén ta phai co
. sin” x
f(x)= = lim f(x) =0
Céu 20: Cho ham sb . Chimg minh ring
Loi giai
. (Xn) . X, — +oo
Lay day so bat ki sao cho . Khi do6

: sinx, 1 _
|f )| === =—— 0 khi n— +x.
X X



lim £ (x, ) =0 lim f(x) =0

vay Tudo
lim f(x) =4
Cau 21: Cho , chirmg minh ring:
lim3 f(x) =12 lim 09 ) lim |/ f (x) =2
a) : b) 0

Loi giai
lim3 £ (x) =lim3.1im f(x) =3.4 =12
a)

- lim f(x)
TEAC R g
=3 4 1__111_14 4

b)

lim{[7(x) =v/4 =2
c) .

lim f(x) lim £(x)

Cau 22: Quan sat dd thi ham sd & Hinh 2 va cho biét cac gi6i1 han sau: ' ; ;

Jim S lim f()-

LA
______________ N T
~2f AD x

Hinh 2

Loi gii

__li_m fix) =l __l_il?l fx) =l
Dua vao dd thi ham sd ta co: “ “ ;

) 11II}+_,fII x) =-oo; ) lll‘f} fix) =+



Cau 23: Tinh cac gidi han sau:

. -dx+1 -
li_lr_ll(—ﬂrx: +3.‘r+|) lim — 111‘11\-]31 +5r+4

—-lx - x+3

a) b) c)
-3+ 4 3 5

lim —X lim lim

=0 257+ 3 =2 x-2 =-2" X 42
d) e) g)

Loi giai

_6 J26

a) b) 1. c) .
- +00
d) 0 e) g)
lin} -”T}_I 4 =2
X— x-

Cau 24: Cho . Tinh:

1_1}1} /(x) lip]l3f(-’f)
a) ; b)

Loi giai
. f(x)- 4 - f(x)- 4
fim{/()- 4] %0 I 2 i IS
a) Néu thi ' hoic '
l_ilrll[f'l[r} -4]=0 ]J_ll‘l’llf[l‘) =4

Diéu nay mau thuin véi gia thiét. Vay .Suyra

lim3 f(x) =12
b)

. S fm (x) = o
Cau 25: Cho so0 thuc  va ham so thoa man
1ilﬂM :l_
a2 f(x)+] 2

Chtng minh rang:

Loi giai



liml- lim ‘3

3
f(x) = e f()

lim / F'ﬂ_ 3 =lim = _-o_t
e 2f () +] T lim 2 + lim ‘I 2+0 2
flx) x=a x=a f(x)
Ta co:
Cau 26: Tim cac gidi han sau:
i (4 +10)°
lim| (3x+1)(2- +) e B Nt
a) ; b) .

Loi giai

2- (11111 .r):

lim| 3x+1)(2- )| =lim(3x+1) im(2- +*) =(3lim x +1)
a)

=(3.3+1)(2-3%)=-70

(4r+10y Im(ax+107  (41mx+10)
I ; a2 _ x—-2

im = -
=1yt - ox IHHJT o J(h_m .r)- S0 limx

b)

_ 42 +10P _
JC27-64-2)

f‘{x}:x-- 1 o o _
' |x- 1] x #1 lim f(x), lim f(x) ~ lim f(x)
Céu 27: Cho ham s6 voi . Tim céc gi6i han ' va (néu co).
Loi giai
. j.rl,r}:x'—ll :[_r+l}|[.';’— I}:r+|
¥- T-
Véi thi ;
L @ =2 'r' :'f-"*{':'f-"l'} D= (x41)
X = 4 =LA T
Véi thi

lim f(x) =lim(x+1) =limx+1=1+1 =2
x—=1 x—=1 x—1
Tu do, ;



lim £ (x) =lim(- (e+1)] = (limx +1)=- (1+1) =-2.

lim f(x) #lim f(x) linllf(x)
" m—r . -
Do nén khong ton tai

Cfx) go  lm f(n) =3

Cau 28: Cho hai ham so va co va

lim thlfr}+glfr}
s 2 f(x)- g(x)

lim[ f(x) + 2g(x)] =7

Tim
Loi giai
| .
g(x) =51 (x) +22(x)]- f(x)]
Taco }
lim g(x) :l—{__l_im[ F()+22()]- lim £(x)] :';ﬁ' - 3)=2
Suy ra ) )
p 2 (D +e(e) 2M SO+ Im ex) 5340
w=+x D f(x)- g(x) EIEIE flx)- __l_ilfﬁlT g(x) 23-2
Suy ra ' '
Cau 29: Tinh cac gidi han sau:
lirﬂ—'q-rli‘l_::"I 11|HL+T_3
=2 oy w1 x -1
a) b)
- 5x+0 ey
i X . X +x-2
a2’ {.T‘ 2}: 111—!161 X
c) d)
Loi giai
"f‘ - - 2
hmﬁ =lim dr-§ zlimL =—
=2 x-2 o (x-2)(WAx+143) 2 JAre143 3
a)
e ar-3 . @D DD (P xs]) e (x4]) +]
lim - =lim - =lim - =2,
ol x -1 ol x -1 el X +x+]

b)



2. : 2 -
. Sx+06 —lim (x- 2)x-3) _ —lim 3

= g
2" (x- 2) 2" (x-2) S 2ty 2
c)
X +x-2
lim ———— =+«
a0 x
d)
Cau 30: Tinh cac gi6i han sau:
. -5x+2 -2x+3 . Ox* +3
lim lim ——— lim —————
r=-w 3y +] == 3x" +2x+5 i+ x +]
a) ; b) c)
oot . 2x7-8x+6 . =x*+2x+15
lim — lim—M — lim —— =
i—-w x4 ] =1y =3 xT +4x+ 3
d) ; e) g
Loi giai
) -5+ -
lim —im_x-"272,3
s=-m Ry 4] e 34 | I ox ox
X
a)
-2 3
+
= 2
lim :“':4-3 = lim "",}—'TSZD
3y 42045 ey 2
b) X X
Qr | x| - ’9 + ’
lim = lim
e 4] _.._H P
.T_
c)
f_g ™23 |.r|-‘9+3: (—.r}-,,9+ 3:
lim ¥ "7 i — ¥ X gy ¥
| X - x+] we 1
x| 1
X |
d)
2x7- Bx+ 2x-0)x- . 2x-0
lim & hmw =lim x- 0 ==2
=1 - e (xl)(x- 1) 1 x4l

e)



. =x +2x+15 . A5- xMx+3) . 5-x
lim — =lim =lim
x=-3 x" 4+ 4x 43 3 (x+lfx+3) 3 x+]

=4

g)

Cau 31: St dung dinh nghia, tim cac gidi han sau:

X -x . 2x"-5x
lim lim ———
=3 x+] p—n x4 2
a) b)
Loi giai
(x,) x, # 1,x, #3 ,  limx, =3
a) Gia st la day so bat ki thod man véimoi va

.oy -x (limx ) - limx, 3°-3 3
lim—=—= = = t = ==
x, +1 lim x, +1 341 2
Ta co
. ox- 3
lim =—
=3 x+ 2
Vay .
(xn) o limx, =+
b) Gia su la day so bat ki thoa man
5 .1
e 2- 2- 5lim ,
lim “'T"': _}T =lim : = Y _Z - =2
X, *< I+ = 1+42lim L+2
x; x;
Ta co
b
lim “'Tﬁ o =2
~ Xt 42
Vay

Cau 32: Tim céac gidi han sau:

=1 x4 —~1 x-2

a) b)
Loi giai

I wi-d4x-5 m (x+1){x-35)

=lim(x-5)=limx-5=-1-5=-06
x—-1 T+I = -1 T+I -1 x— -1



im0l iy (Vx-1-D(x-1+1) i (D
x— 2 x-2 [ {.T' 2}{'.';‘(‘ |+” _.I._:{.T_ 2}{.‘;‘(_ |+|}

b)

-2 I I

_1 —
--llr}h-"r}wf-un --—IEJ.T-|+| lim(y/x- 1+1)

1 1
limafx- 141 Jliln.'r—|+| J2-1+1 2

Cau 33: Tim cac gioi han sau:

lim T_,—H‘} lim Véx +x lim (-J.‘r: +0x - .‘r)

T =n x4l _—

a) b) ; c)

Loi gii

1,3 [ 1,3 ‘ . 1
., -+ lim|1- —+ = - +
igeyDorn lmfle e dimielimo alim Sy
11|n13—2_11m — = : 7 = : R ==
Sl 2+— lim |2+ — lim 2+ lim 2+0 2
X pap— bl ¥—= & e
a)
o x> - . x<0 oA Fx|=ex
b) Do xét gidi han khi nén ta chi can xét . Khi do, nén ta co
4"‘ #44— - ’44-
Vax +x |T| *
x+1 x+ x+1 [ [+
.T
-J4+ I -J4+ lim
A4 . : mer 2 =440
lim oy = lim L= I.T = =2
" v+l 1+ I + lim 1+0
X x—-m Y



Jat +0x - x | fx7 462+ 2 e 2
.ﬂ'ﬂhx: +0x- _r) ZIEIE( - -:‘r:-)grj-: T+t) ZIEIE %:r

=lim =lim 0

Ox 0 _ _3
e 2 P - 1+l
it +0x +x |+'f3' 1
\J T

Cau 34: Tim cac gidi han sau:

. . . X +3x+]
lim (- x* +2x- 4) lim
b =z 2x- |
a) ; b)
Loi giai
s 5 2 4
i +2x-4=x| - l4—- —
X x|
a)
. 2 4] : .2 .4
lim x® =400 11m[—|+———ﬁ =lim(-1)+ lim =- lim —
friyely . x— 4 | x x| e et SIS
Ta co va
: . : .| 2 4
lim (— X +2x- 4) =lim [x*|-1+=- —|| ==
=-1+0-0=-1. S FEE X
Suy ra
2 x|+ =+ — [+ =+
o+ 3x+1 xox x x2
= - =x-: : |
TPy -
2x- | x| 2- ! 2-
X X
b)
3 o1 : o3 ]
1+>-+— lml+lim>+lim — 14040 1
lim x =- o lim X I.r' _ e x—-mx _I, o - :;
" " 2- lim 2- lim 2-0 2
x x—s - x—-m x
Ta cod
1+ =+ :
o+ x+] , -
lim = =lim | x — | =
— - L= K== =i 2_
X
Suy ra
X +ax+b
1 =4
a =l y- ]

Cau 35: Tim gia tri cia cac tham s6 va  biét



Loi gidi

]il]lll[.‘{- 1) =0 1111} T 4
Do nén dé ton tai gi61 han hiru han ' , trude hét ta phai co
1.-51?("'_”””):& l+a+h=0= b=-q- |

hay
1 X +ar+h —lim X +ar- a- | | x=l+alx-1)
Khi dé =t x-1 il x- ! x- 1
1do,
:lim[.‘r+|}|[.'r— Iy +alx-1) :liml[_'r+|+a}|{.‘r— 1)
w1 x- =1 x- 1
:1__i|_1|1|[.~r+| +a) :1__i|_rl1_r+l +a=2+a
2+a =4 a=2 b=-3
Suy ra hay , suy ra
a=2,b=-3
Vay
Cau 36: Tim céac gidi han sau:

. X' -4 Cox -1 . x - 4x+3
lim lim lim———=
=2 x+2 —1 1- x =3 x-3

a) ; b) ; c ;
lirﬂ 2_— JT+':' 1illl; 11|~ﬂﬂ

x=-2  x42 =0 fx+1-1 =2 ' o4

d) ; e) ; g)
Loi giai
: ) 2
lim = :1ilnh+“}{' ) =lim(x-2)=-2-2=-4
) ks R S e+ -
a 5

. - T—I}(.'r:+.'r+|) , .

lim I =lir ( :11m[— (.‘r' +.~r+|)l =-3
=1 1= x -1 -I[.‘c’- x=1

b) ;

lim* =4 H3 g D) ey =34 122

) =3 x-3 S x-3 .
C s



lim 2- Jx+6 lim (2- Jr+0)2+Jx+0) lim 4-(x+0)
=1 x42 2 (x42)(2+4x+0) =2 (x+2)(2 +Jx+0)
- 2 - -
=lim (x+2) =lim = : L
S (x+2)(24fx40) T 224r+06 2+4-2+40 4

im——>" —lim w(x+1+1) —lim (fx 41 +1)
SOl 1 (Va4 =0 (D)= ]
=lim(Jx+1+1) =2

¢)
2. - 7 ]

lim* 4+ im0 20,

=2 x- 4 =2(x42)(x-2) —2x+2 4
g
Cau 37: Tim cac giodi han sau:

L+ . x+l

; X lim - lim : - R ]

im7 ey M lm(e Ve
a) b) c) d) .

lim = lim = = =
TTAEE T LY 44 lim - 1440
aba o
a) ;
2 2+ 2+ lim Iﬁ -
{;‘( ‘:I =lim x = :'_-T'r-._h :{; +§-. :I;
— - ; + — - - ...+ B 2
*+D [u : 2+ lim : )
x| x=-= x|
b)
S x<0 Jx_]:t.ﬂ:-x
c) Voi thi ,nén ta co
3 -T.3+I. 34 3+ lim | 3+0
lim —— = lim ~ =lim = = -

. +1 , _
im —— —r X —. — 7 -
R T [ RS 2 ] 1-2.0
Lot -x f1- —JI— JI— 2 lim
x x X



(r - fxt +2x )(r +afx + E.r) ¥ - (.r: + g_r)
lim (.r - NxT+ E.r) =lim - =lim ———
g Eo r+1.-"r' +2x S +~Jr' +2x

= lim — = —lim —=

X —= X —=
T+l + 1+

Cau 38: Tinh cac gidi han sau:

. . X 42 . -
lim (T +2x° - I) lim T limafx -2x+3

=+ Ix
a) b) ; 9)
Loi giai
: . . . Jd.02 1)
lim (r +23% - I): lim x| 1+=- —|| =-
A g X x|
a)
1] .. 2 ]
lim x* =- oy 11m I+_— — | =lim I+ lim =- lim — =1+0- 0 =]
x—- - x| seem wmemy amem oy
(vi ).
. X +2x . i+ 2y o X +2x 1
lim - =lim|x- =+oo| vil im x =+ lim — =—
e 37 4] | 37 4] |- e3¢ +1 3
b) ;
lim yfx* - 2x+3 =lim \].rj
Q)
lim |x|=lim (- x) =+
(vi

ca b
Cau 39: Tim gia tri cua cac tham s6 va , bict rang:

. ax+h . asfx +h
lim =35 lim =
=2 x=2 =1 yal]

a) b)




ax+h

lin}{x- 2y =0 1T11T} - =3
ayDo nén dé ton tai gi¢i han hitu han - , trudc hét ta phai co
1.--”}{&1-4"&} =0 2a+b =0 b=-2a
hay , suy ra
- ) I
lim & +h —lim &= <4 :limm:l 2) =lima =a
2 xe2 =2 x=2 x=2 x=2 =2
Khi do,
a =5 b=-10
Suy ra va
. x+b
lim(x- 1) =0 l_mll ﬂﬁ | =3
a—1 0 A o xX= ,
b) Do nén dé ton tai gidi han hitu han , trude hét ta phai co
im@x+h) =0 ,p20  p=a
hay , suy ra

i A D+

lim =lim =lim =lir
=1y =1 -] =l x-] =1 (x- I}l[-.;’m_'+l}
Khi do,
. x=1) . a
=lim alx =lim = a_
-""'(.1'-I}|[J1_'+I} =l fx+l 2 2 =3 a =6 bh=-6
Suy ra hay , suy ra

Tai liéu duogc chia sé bo1 Website VnTeach.Com
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