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PE 01
Bai 1: Gidi phuwong trinh va hé phvong trinh sau:

2x-5y=-3 |
ay| Y b)X - 5x +6 =0
_5x+4y=-2

x2

(P):yz-— e v
Bai2: Cho 2 vy (D):iy=-x-4

), (D)

a) Vé v trén cung mot mat phang toa do .

(P),; (D)

b) Tim toa do giao diém cua bang phép tinh.

Bai 3: 2 voi nudc cling chdy vao mot bé can ( khong c6 nwée ),sau 1 gio 30 phuit
thi day bé . Néu mé voi thit nhét trong 15 phiit réi khéa lai va mé voi thw hai chay
tiép trong 20 phuit thi s& chay dwgc 20% bé .Héi méi voi chdy 1 minh thi sau bao lau
sé day bé.

(AB<AC) noi tiép dwong tron (0) cac
H(FeBC;E€ AB)

Bai4: Cho tam giac ABC ¢4 ba géc nhon

duwong cao AFva CE ctia tam gidc ABC cét nhau tai
a) Chitng minh tt gidc BEHF ngi tiép dugc duwong tron.

b) Ké duong kinh AK cia duomg tron O
AFC dbng dang .

Chitng minh:Hai tam gidc ABK va

BK(M € AK) Chitng minh : CM vuéng géc vai AK

c) Ké FM song song vé6i
Bai5: Cho 9-5:€13 cic s616n hon 1- Tim gia tri nho nhét ctia biéu thitc:

a’ 2b° 3¢’
= + +
a-1 b-1 c-1
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Cau 1 : phuong trinh x-3y =0 c6 nghiém tong quat la:



A(xeR;y =3x) B.(x =3y;y€R) C(xeR;y=3 ) D.(x =0;y€R)

Cau2: Cipso (2;-3) 1a nghiém ctia hé phwong trinh nao ?
- _ 3x _ . .
APV gt fox-2y =6 b 2%y =7
X-y=5 x-y=-1 '_2x+ﬂy:1 '_x+2y=-4

Cau 4 : Mot duong tron di qua ba dinh cia mot tam giac c6 ba canh 1a 6:810 Khi d6
ban kinh dwong tron nay bang ..............

— a, — ]
Cau 5 : T giac ABCD npi tiép duong tron co LA =405 ZB =60y, g6 £C- 2D

bang :
A30° B.20° C.120° D.140°

x+2y =1
2x-4y =5

Cau 6. Hé phuong trinh : c6 bao nhiéu nghiém ?
A. Vo nghiém B. Mot nghiém duy nhat C. Hai nghiém D. V0 s6 nghiem
II. TU LUAN :
Bai 1. Giai cac hé phvong trinh sau :
X+2y=5
_BX +4y =5

3x +y =3
|y 2)
2x-y =7

Bai 2 : Hai cong nhan cling 1am mdt cong viéc thi 6 ngay xong . Nhung néu ngudi
thit nhat lam 4 ngdy roi nghi, ngwdi thit hai 1am tiép 6 ngdy thi méi hoan thanh dugc
4

5 cong viéc . Héi néu lam mot minh médi ngwdi 1am xong cong viéc trong bao 1au?

Bai 3 : Cho nita duong tron tim O dwong kinh AB. Goi > D thudc nita duong tron

AD).AD

(€ thudc cung cat BC tai H,AC cgt BD taji E. Chitng minh ring:

a)EH vubng goc voi AB

b)Vé tiép tuyén v6i duong tron tai - cit EH tai I- Ching minh ring : [1a trung
diém cua EH



DE 03
I.Trac nghiém

Cau 1.Phwong trinh nao sau day la phwong trinh bac nhét hai an s6

Axy+x=3 Bx+y=xy
C.2x-y =0 D.Céa 3 phuong an trén.
N - . A (o oo x-2y=0
Cau 2. Cong thic nghiém tong quat cua phwong trinh :
XER x=2 XER x =0
. C. X D.
- — 2
cau 3. Digm AC % huse b thi ham s6 ¥ =% vay  bing:
1 1
Aa =— B.a=4 Ca=-— D.a=-4
4 4

Cau 4. G6c c6 dinh & trong dwong tron c6 so do bang :

A. Tong so do hai cung bi chan
B. Ntra tong s do hai cung bi chan
C. Hiéu s6 do hai cung bi chan
D. Ntra hiéu s6 do hai cung bi chan.

ILTy luan

Bai 1. Giai hé phuong trinh :

2x+y =3 3x- 2y =2
x-y=6 2x- y =1
(P):y _Le
Bai 2. Cho 2

a) Ve do thi (P)Cﬁa ham so trén

b Tim toa do diém A€ ). Bigt Ac hoanh 5 1a - 2



Bai 3 Cho AABC ¢4 ba géc nhon noi tiép (0). p,E theo thit ty 1a diém chinh gitta cta
cac cung AB-AC.Goi giao diém caa DE voi AB,AC theo thi tyla M- N

a) Chitng minh CDIa phan giac cia £BCA

b) Goi I la giao diém ctia BE.CD-Chitng minh tit gidc BDMI noi tiép
c) Chitng minh Al L DE

d) Chttng minh IM //AC
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I.Trac nghiém

— 2
Cau 1. Cho ham s6 ¥ ~#X"-piém nao sau day thudc db thi ham s :

A(4;32) B.(-2;16) C.(-2;-16) DAC ging
Cau 2. D6 thi ham s6 nau sau day di qua goc toa do

Ay=2x-1

B.y =2x*

C.y =2x

D.Hai cau B-C deu ding

Ax(A

Cau 3. Cho AABC dau noi tiép dudng tron tim O. Tiép tuyén
ABC13 cung bi chén ctia ZCAX), s6 do £CAX1a :

A/ZCAx =30"  B.ZCAx=90" C.ZCAx=60" D.ZCAx =120’
Cau 4. AMBC i tiép duong tron dudng kinh ABthi

AZA =90° B.ZC =90° C.ZB =90° D.A,B,C sai

la tiép diém, cung

ILTy luan

Bai 1. Giai cac hé phuong trinh sau :



1
2:{-}):«.5 x
a
4x- 2y =242 3
X

(P):y = Ly
Bai 2.Cho Parabol 4 va duong thing (D):y =x

(P),(D) Oxy

a) Ve trén cung hé truc toa do

(P),(D)

b) Tim toa do giao diém cua bang phép tinh.

Bai 3. Cho AABC ¢6 3 géc nhon.Pudng tron duong kinh BC cit AB> AC Jan luot &
M, N.Goi 1 giao diém caa €M,BN

a) Chitng minh Al L BC
b) Ching minh AM .AB =AN.AC
¢) Ching minh /BMN + ZBCN =180’
d) Goi O 1a tAm dwong tron ngoai tiép AABC. Chitng minh AOQ L MN
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3x- y =5
Caul: 1. Giai hé phuong trinh: (X+2y =4

2 —
2. Giai phuong trinhsau : X = 7X+6=0

=ax*(1.) @

3. Chohamsé Y
A(-2,3)

xac dinh hé s6 & biets d6 thi ham s6 di qua
diém
- x-m+1=0(1) v6i m 1a tham so.

@)

co nghiém kép , tim nghiém kép do.

2
Cau 2 : Cho phuong trinh X
1. Hay tinh gia tri cia m ,biét phwong trinh c6 nghiém bang 2-
2. Tim m dé phuong trinh W
Cau 3: Hai c6ng nhan cung son cira cho mot cong trinh trong 4 ngay thi xong cong
viéc . Néu ngudi thit nhat 1am mot trong 7 ngdy roi nghi , Nguwoi thit hai 1am tiép



phan viéc con lai trong mot ngay nita thi xong cong viéc . Héi moi nguwai lam mot
minh thi bao lau xong viéc?

(O:R)

Cau 4 : Cho AABC ¢4 3 géc nhon (AB > AC) */ Hai

dwong cao AD va BE citnhautai H-

noi ti€p duwong tron

1. Chttng minh : T gidc CEHD npj tiép.

2. V& duong kinh AH ciia duong tron ©) Chitng minh : ACAB =AK.AD.

3. Keé KI vudng goc véi BCTEBC): Ghons minh -
AB _IC AC AB _BC

a)— =— b)—+ =
BK IK CK BK IK

-(m+4)x +m*+2m-1=0.

2
Cau5: Cho phuong trinh X Giast ™ 1a nghiém cuda

phuong trinh di cho .Tim gia tri 16n nhét , gia tri nhé nhét ciia o
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aoxt2x-10 1 Jx-2

Bail: Cho biéu thitc x-Nx-6  Nx+2 x-3 45 x20y3 x#9

a) Rutgon A

b) Tinh gié tri cia A khi X =2~ a.[5;

1
A=—

c) Tim gid tri cha X dé 3
2x+y=3m- 2
y (m

"y = la tham s0)

Bai 2. Cho hé phuong trinh X
a) Giai hé phuong trinh khi m =-4

b) Tim M d& hé phuong trinh c6 nghiem *6Ythea man X Y =13

2z _
Bai3: Cho phuong trinh: * ~ 2(m- 1x- m-3=0(1)



1) Giai phurong trinh ) vGgi m=-3

@)

c6 hai nghiém théa man hé thic

2) Chitng to6 rang phwong trinh ludn c6 hai nghiém phan biét v&i moi M

)

3) Tim ™M @€ phwong trinh
X, +x; =8

Bai 4: Cho nita duong tron tim O duong kinh AB.C 13 mot diém ndm giita O
va A. Puong thing vudng goc véi AB Tai C cét nita duon tron trén tai [-K 13

CIK yhae Cva 1) ta AK cst niva duomg

mot diém bat ky nam trén doan thang
tron (0) tai M. tia BM cittia CI tai D. Chitng minh:

1) Cac t giac: ACMD;BCKM i tigp duwong tron .
2) CK.CD =CACB
(0)

3) Goi N 1agiao diém cia AD va duwong tron chitng minh B K. N

thang hang.
4) Tam duwong tron ngoai tiép tam gidc AKD Nim trén mot duong thang cd
dinh khi K di dong trén doan thing CI
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Cau 1. Giai phuong trinh va hé phuvong trinh :

2x-y=-3

b)x* - 5x +6 =0
5x+y =10

Cau?2:

y=-x(P) va ¥ 7X° 2(d) trén cing mot hé truc toa do.

a)Vé do thi cdc ham s6
b) Tim toa do giao diém cuda cac do thi da vé & trén bang phép tinh.
Cau 3 : Gidi bai todn bang cach 1ap hé phuong trinh .

Tinh kich thwdc ctia mot hinh chit nhat, biét ring : Néu ting chiéu dai thém 20m
va giam chiéu rong di 1 thi dién tich khong d6i .Néu giam chiéu dai di 10m va

2
ting chiéu rong théem 1M thi dién tich ting thém 30M



Cau4: Trmotdiem M & ngoai duong tron O ban kinh B v& hai tiép tuyén
MA,MB  §gn duong tron O bankinh R (Vé6i 4B 13 hai tiép diém ). Qua A vé
duwong thing song song véi MB cét duong tron tam O tai E. Poan ME cit duwong
tron tdm O tai F .Hai duong thing AF va MB cit nhau tai [

a) Chitng minh t¢ gidc MAOB ngj tiép duong tron.

b) Chttng minh IB* =IF.IA
c) Chitng minh IM =IB.

Cau5: Cho hais6 thue dwong Y théa man 4xy =1.
A 2(x- y) +16xy
B X+ y

Tim gia tri nhé nhét ctia biéu thitc

PE 08 :
Cau 1. Giai cac phuong trinh va hé phwong trinh sau :

| 2x-3y=11 | |
1) - 6x =0 )} Hx?-9 =0 4)x*- 5x+6 =0
-4x+0by =5

2 —
Cau?2: Cho phuong trinh bachai: X * 2x+m=0

1) Tim ™M @é phuwong trinh c6 nghiém .
2) Khong gidi phwong trinh hay tinh tong va tich hai nghiém ctia phwong
trinh khi m=-1

Cau 3 : Giai bai toan bang cach lap hé phuong trinh .

Hai d6i cong nhan cung lam chung mot cong viéc trong 16 ngay thi xong..Néu
doi thit nhat 1am mot minh trong 6 ngay va doi thit hai 1am mét minh trong 3 ngay thi
1
ca hai doi 1am dugc 4 cong viéc . Héi néu 1am riéng thi méi doi hoan thanh cong
viéc trong bao nhiéu lau?

ABC(3 . AB> AC)

goc A B,C phon va
AB,AC(De AB,E€ AC)

Cau 4: Cho tam giac * duwomg cao AH.Kg

HD, HE  3p Jugc vudng goc voi



1) Chitng minh céc t giac ADPHE,BDEC ng; tigp
2) Duong thing DEva BC citnhautai F> DPuwong tron duwong kinh AH ciat
AF tai K. Chitng minhring £ABC =ZCKF.
— 3 - el _
Cau5: Tim ™M van d€ da thitc fC)=mx*+(n- 2)x* - (m+2n)x +4m
thoi chia hét cho x- 1 va x+1

dong
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Bai 1. Giai cac phuong trinh, hé phuwong trinh sau :

S5x+2y =12 |
ey b)2x* +5x+3 =0
2x- 2y =2
y =Ly (P)
Bai2: a) V@ do thi ham so 2
C(-2zm)e(p)

b)Tim gia tri ctia M sao cho diém
Bai3:  Gidibai toan sau bang cach 1ap hé phwong trinh :

Hai t6 san xuat cung may mot loai 4o . Néu t6 thit nhat may trong 3 ngay , to thi
hai may trong > ngdy thi ca hai t6 may duwgc 1310 chiéc 4o . Biét ring trong mot
ngay ,t6 thit nhat may dwgc nhiéu hon t6 thit hai 1a 10 chiéc o . H6i mai t6 trong mot
ngay may duwgc bao nhiéu chiéc do?

Bai 4 : Cho tam giac ABC(AB <AC) c0O ba goc nhon nai tieps trong dwong tron tam
O bankinh R .Goi H 1la giao diém cta ba dwong cao AD:BE,CF (pa tam giac
ABC.

a) Chitng minh ring AEHF va AEDB 3 t¢ giac noi tiép duong tron .

b) V& duwong kinh AK cta duwong tron (O)Chﬁ’ng minh tam gidc ABD va tam
gidc AKC dong dang v6inhau. Suyra AB.AC =2R.AD.
c) Chitng minh ring OC vuéng géc véi DPE.

BAI5: V6i ®Y khong am . Tim gié tri nhé nhét cta biéu thic :
P =x- 2\xy +3y - 2/x +2009,5

PE 10



.X3+l
x+1

X -1 _x(l-x2)2
S

x -2

A=
Bail: Cho biéu thic

+ X

- X

x-1

a) Rut gon biéu thic A

b) Tinh gi tri cia biéu thirc khi cho X =V6+2v2

c) Tim gid tricia ¥ d8¢ A=-1
Bai2: Mototodity A dén B véivantse 40km/ hrpiditiéptv B dén C véi
van toc 30km/h Tong thoigian6to ditir A dén C 1a 4h45' Biét quang duwong
BC ngin hon quing dwong AB 1a 15km_ Tinh cic quing duwong AB:BC

Bai 3:

y _Lye (P)
a) Vé dothi ham s6 = 2
Cc(-2zm)e(P)

b) Tim gid tri cia Msao cho diém

Bai 4. Cho nifa dudng tron (0) dwong kinh AB. Ké tiép tuyén BX véi nita duong
tron. Goi C 1a diém trén nita dwdng tron sao cho cung CBbéng cung ©A-P 1a mot

diém tly y trén cung CB(D khac C va B) .Céac tia AC>AD (it tia BX theo thu ty 6
EvaF,
a)Chttng minh tam gidc ABE vudng can.
b) Ching minh FB* =FD.FA
c) Chtng minh tw gidc CDFE npi tiép duoc
Bai5: Véi ©Y khong am . Tim gié tri nh6 nhat cta biéu thic :
P =x- 2\[xy +3y - 24/x +2009,5
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'J;+x
\r’;+1

A=
Caul: Cho biéu thic

+1

a) Rut gon biéu thitc A.
b) Tim gia tri cia bidu thitc A bigt X =v4- 2V3
Cau 2 :



1 .
y==x> (P)
a) V& do thi ham s6 2
b) Tim gia tri cia ™M sao cho diém C-2m)e(p)
Cau3:  Gidi bai toan sau bang cach 1ap hé phuong trinh :

Hai t6 sdn xuat cing may mot loai 4o . Néu t6 thit nhat may trong 3 ngay , t6 thi
hai may trong ° ngay thi ca hai t6 may dwoc 1310 chiéc 4o . Biét ring trong mot
ngay ,t6 thit nhat may dwgc nhiéu hon t6 thit hai 1a 10 chiéc 4o . Hoi moi to trong mot
ngay may dwgc bao nhiéu chiéc 4o?

Caud: Tirdiém A & bén ngodi dudng tron (O ke hai tiép tuyén AB va AC(B.C
1a céc tiép diém ). M 1a diém bat ki trén cung nhé BC Ké
MI LABMH LBC,MK LAC(I,H,K la chan cac duwong vudng géc)
a) Ching minh tit gidc BIMH npi tiép.

2 _
b) Chitng minh MH™ =MLMK

c) Goi P1lagiao diém cta IH va MB. Q 13 giao diém cta KH va MC |
Chitng minh ti& giac MPHQ noi tiép.

Cau5: Tim gia tri nhé nhat cda biéu thic:

' a || b
P:J;+T J; T;
X X voi X>0.a y3 b 13 cac hing s6 duong cho truwdc .
PE 12
Q:Jﬁ+ 1«.-"_:\."_1 +21]
Bail: Cho biéu thitc x-box-Nx ] INx+l x- 1 o
x>0;x #1)

a) Rt gon biéu thitc Q
b) Tinh gia tri cua Q khi X =3- N
Q>2

c) Tim gia ti cia X sao cho



Bai2: Mototddydinhditr A dén B trong mot thoi gian nhat dinh . Néu xe
chay v&i van toc 35km/h thi dén B cham 2 gi® .Néu xe chay vé6i van toc S0km/h
thi dén B s6m 1 gio .Tinh quang duong AB va thoi gian du dinh.

(O;R)

tai H(H ndm gitta O va B) Trén tia MN 13y diém C nidm ngoai dwong tron

(OR) 540 cho doan thing AC cat dwong tron O tai diém K khac Ahai day
MN v3 BK citnhaud E.

Bai3: Cho duwong tron C6 duomg kinh AB  vuéng gbc véi day cung MN

a) Chtng minh rdng : Tt gidc AHEK 13 ti gidc ndi tiép.

b) Chitng minh ring ACAE dong dang ACHK

c) Qua N ké duong thing vudng géc véi AC cittia MK tai F . Ching minh
rang ANFH |3 tam gi4c can.

3 T tat CA CAC SO a0 N ogs A=nt4+nt 41 e an t6
Bai 4 : Tim tat ca cac so ty nhién de la s6 nguyén to .
PE 13

I. TRAC NGHIEM :
Cau 1: K&ét qua nao sau day 1a cin bac hai s6 hoc ctia 9?
A8l B.- 81 C.3 D.+3
3
=- _x_2

y
Cau 2: Cho ham so 2 Khing dinh nao sau day 1a khing dinh diing?

A-Ham s6 c6 gia tri duong khi X <0

B Ham s c6 gid tri nhé nhat1a ¥ =0 khi x =0

C Ham s6 dong bién khi x>0 va nghich bién khi x<0
D Ham s6 nghich bién khi X>0 va dong bién khi x<0
Cau3: Haitiéptuyéntai A va B caa duwong tron 0)

0
thanh AMB =50", Khi d6 s6 do cung bi chin béi géc & tim AOB 13 bao nhiéu?
AS0° BAO’ C.130° D.80°

citnhautai M vatao



— ] :
Cau 4. Tt gidc ABCD ngi tiép trong mot dudmg tron. Néu £BAC =70"thi 55 do
ZBDC bing bao nhiéu ?

A110° B.7(Y C.160° D.140°
ILTy luan

po| L, x| _x
Caus.Chobiduthie VX VX+1) x+ix

a) Tim diéu kién xac dinh va rit gon biéu thitc P
b) Tim gia tri ciia biéu thitc P khi x =4
13
¢) Tim X dé biéu thitc P c6 giatrila 3
Cau 6.Gidi bai todn sau bdng cdch Idp hé phuong trinh :

Tim mot so6 ¢6 hai chir s6, biét rang chit s6 hang chuc 16n hon chit s6 hang don
vi la 5 va néu dem s6 d6 chia cho tong cac chit s6 ctia n6 thi dugce thwong la 7 va du la
6.
Cau 7.Cho tam gidc ABCvudng tai A trén canh AC 14y diém D (D#AD iC).
Puong tron tam O dwong kinh DC cit BCtai E (E #C)
a) Chitng minh tt gidc ABED npi tiép
b) Duomg thing BD cit duong tron (O
phan giac cia £AEI
¢) Gia sit A1 ABC =2

tron duong kinh DC

tai diém thit hai {- Chitng minh ED]1a tia

Tim vi tri ctia D trén AC dé EA]] tiép tuyén cta duong

~ - N , N e 1A =
Cau 8. V&i Y 1a céc s6 dwong théa man dieu kién X 2y

M:x2+y2

Tim gia tri nhé nhét ctia biéu thitc : Xy

PE 14
Bail:



A_\/;+l
|. Tinhgid i ciabisuthic VX~ 2 voi X=7+43

Jx  1-x  Jx+4

B = + -
2. Cho biéu thitc \EH \/;'2 X'\/;'Z vgi =0:x =4
B= 3
Chitng minh rang 2- Jx ;
P:E{—l
3. Tim X dé A

Bai Il : Giai bai toan bang cach 1ap phuong trinh hoaawcj hé phwong trinh :

Tim s6 tw nhién c6 hai chit s6 ctia n6 bang 9 néu ldy s6 d6 chia cho s6 viét theo thi?
t ngwoc lai thi dwoc thwong 1a 2 va con dw 187

Bai III :

2x*(2- V3)x- 3=0
1. Giai phuong trinh sau : ( )

parabol(P): y _Ly
2. Cho 2" va duong thing @) phutong trinh: Y =" MX +2
.Chitng minh rang : Vé&i moi m(d) lubn cat (p) tai hai diém phan biét - B
Vél SOF!.B 24

BaiIV: Cho tam gidc ABC Vuéng can dinh A .Puong tron duong kinh AB cét

BC tai DD s B).Diém M bat ki trén doan AD ké MH,MI Jap Jugt vudng
g6cvoi ABva AC(HEAB;IEAC}.
1) Chitng minh : T gidc MDCI ngj tiép;
2) Chitng minh : MID =MBC;
3) ke HK LID(KEID) oo minh:  KiM:B thang hang;
4) Khi M di dong trén doan ADP: ching minh ring duong thing HK luén di
qua mot diém c6 dinh
ai-?: bii 3
+

— —+C—Eab+bc+ca;
BaiV: Cho 4-b:¢>0 Chingminh: b ¢ a
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Caul:
2 _1
1. Chohamss ¥ =9 Tim @ bigt db thi ham s6 di qua digm AC 5D
2. Giai cac phuong trinh sau :
3. Gidi cac phuong trinh sau :
a)x* - 2x =0 b)x* +3x+2 =0 oLt 41=2"X
x-2 x-2

Cau 2 (Giai bai toan bang cach 1ap hé phuong trinh)

Mot hinh chi¥ nhat c6 chiéu dai hon chiéu rong 20m_ Néu gap doi chidu dai va gip 3
lan chiéu rong thi chu vi ctia hinh chi* nhat 1a 480m  Tinh chiéu dai va chiéu rong
ban dau cua hinh chir nhat do .

2 —
Céau 3: Cho phuong trinh X - 2mx - 3 =0

1) Chitng minh rang phwong trinh luén c6 hai nghiém phan biét v6i moi gia tri
cua M
2 2
2) Goi ®* 13 hai nghiém ciia phuong trinh . Tim Mde% *% =10
C oy — C oy — .
Caud. GCho Parabol(P): y =x i, duomg thing (d): y=2(m+3)x- 2m+2

Chitng minh rang v&i moi m_parabol (P) va duong thang () ludn cat nhau tai hai
diém phan biét . Tim ™M sao cho hai giao diém d6 c6 hoanh d6 dwong .

PE 16

‘2(;.:- 2Jx +1)

x\/;- 1_ x\/;+l
x-x  x+x

x=-1

Caul: Cho biéu thic :

a) Riatgon A
b) Tim X d& A<O

Cau 2 : Gidi bai todn bang cach 1ap phuong trinh, hé phwong trinh .

Hai cong nhan cling son cita cho mdt cong trinh trong 4 ngay thi xong céng
viéc .Néu ngudi thit nhat lam mot minh trong 9 ngdy roi nguoi thit hai dén cling lam



tiép trong mot ngay nita thi xong céng viéc . Hoéi moi nguoi lam mét minh thi bao 1au
xong viéc?

'mx +y =5 (I}
Cau 3: Cho hé phuong trinh : 2x-y=-2

a) Giaine Dy m=5
b) Xac dinh gié tri cia ™ dé hé phwong trinh
~ . 2x+3y=I2

man

(1)

c6 nghiém duy nhat va thoa

Cau 4 : Cho nita duong tron tim O duwong kinh AB va diém M bat ki trén nita
dwong tron (M khac A va B) .Trén nita mit phang bd AB chita nita duong tron ké
tiép tuyén Ax Tia BM cit AXtai I;tia phan gidc cua goc IAM ¢t niva dwong tron
tai E>cittia BM tai F>Tia BE cat Ax tai Hicat AM tai K
2 _
1. Chitng minh ring : AMB L4 tw gi4c noi tiép va Al" =IM MB
2. Chitng minh BAF 13 tam gidc can

3. Chitng minh ring tw gidc AKFH 13 hinh thoi

Cau5: Tim gi4 tri nho nhét cta bidu thic: P =a- 2\ab +3b- 2\a+1
PE 17

Cau 1: Gidi cac phurong trinh :

1)x* +8x =0 2)x* - 2x/2 + 2 =0

3)3x - 10x +8 =0 4)2x% - 2x+1 =0

2 —
= 6x+2m-1=0 1) v m g5

Cau 2: Cho phuong trinh bac hai :
€))
@)
€))

)

1) Phuong trinh co6 nghiém kép . Tinh nghiém kép do .

2) Phwong trinh c6 hai nghiém trai dau .

3) Phuong trinh c6 mot nghiém 1a X =2, Tim nghiém con lai .

X, X, - x,| =4

< fy A A LA D A
4) Phuong trinh c6 hai nghiém phan biét “tva“%thda man :



—_—y2 = .
Cau3: Chingtdrang PUOlY=X’Gs qiona thang ¥ =2MX*1 150 cat nhau tai
hai diém phan biét c6 hoanh do giao diém la % va % Tinh gia tri biéuthtc :

A =[x |+ [x,] - AfxZ +2mx, +3

PE 18

(O;R) ABC,A —60° ;B —70°
1) Tinh s6 do cac goc BOC,COA, AOB

2) So sanh cac cung nh BC,CAAB,

3) Tinh BC theo R.

Caul: Cho duong tron di qua 3 dinh tam giac

(0)

Mot duong thing song song véi SA cét dy

Cau2: T modtdiém S & ngoai dudng tron ké tiép tuyén SA va cét tuyén

SBC i duimg tron (00 SB<SC
AB, AC 13n lwge tai N-M-

1) Chtng minh : Tam gidc AMN dbng dang vé6i tam gidc ABC.
2) Chitng minh : BCMN 13 u gidc ndi tiép.
2 _
3) V& phan giac ctia goc BAC citday BC tai D. Chting minh: 9D =5B.SC
4) Trén day AC lay diém E saocho AE =AB Ching minh: AO vudng géc
voi DE.
PE 19
Bai 1: Giai phuong trinh va hé phuong trinh sau :
3x+2y =1
) x+y=l b)x’ - 4x+3 =0

BéiZ: Cho (P)y:f va (d) _}":J{"‘i"z

(P) /3 (d)

a) Vé trén cung mot mat phang toa do.

(P)Vé (d)

b) Tim tga do giao diém ctia bang phép tinh.

Bai3: Mot o dydinhditr A dén B véi van t6c da dinh .Néu 6 t6 d6 tang van
toc them 10km moi giyy thi dén B sém hon dw dinh 1 gio 24 phiit, néu 6 t6 giam



van toc di SkM mdj gio thi d&n B mudn hon 1 gio . Tinh do dai quing duong AB
va van toc du dinh.

(0)

lan lwgce tai M- N> P Chiing minh

Bai4: Cho tam gidc ABC c6 ba géc nhon ndi tiép duong tron
AD, BE,CF (0)
rang:

.Cac duong cao

cit nhautai H va cit duong tron

a) Cac tt giac AEHE, BCEF pg; tigp.
b) AEAC =AH AD;AD.BC =BE. AC

c) Hva M dsi xitng nhau qua BC.

(m-1Dx*-2(m+Dx+m-2=01)m

Bai5: Cho phuong trinh : la tham

$6).Tim gid tri ctia " dé phwong trinh M c6 hai nghiém phan biét.
PE 20
x+12 1 4 _3-4x
P = + - Q -_— +1
Caul: Chohaibiduthic X~ 4 Vx+2 Jx-2y x+2 (4
x =0, x =4

a) Tinh gi4 tri cia biéu thitc Q khi x =16
b) Riit gon biéu thitc P
Q

c) Tim Xdé P

Caull : Giai phwong trinh va hé phwong trinh sau:
a)x’ - 3x-7=0
b)dx’ - 12x+9 =0
€)2x’ - 5x+7 =0
K 4+x(y-3)+2-y =0
d) y y

X4yt =2
Caulll:  Cho parabol(P) y =-2x

(d)y =kx+2 (P)

a) Tim K dé duong thang tiép xtic



b) Chitng minh digm E(mm’ +1)

khong thudc P v6i moi gia tri ctia M-
CaulV: giai bai toan bang céach lap hé phwong trinh.

Trong quy [ ndm 2916, hai doi thuyén danh ca bét dwgc tong cong 360 tan ca.Sang
quy Indm 2017,d6i thi nhat viegt mirc10% va ddi thit hai vt mitc 8% nén ca hai doi
danh bt dwoc 393tan.Héi quy /méi ndm moi doi danh bit dwoc bao nhiéu tdn ca?

Cau V: Cho duong tron (O;R)

Trén AX 14y diém K(AK =R ). Qua Kké tiép tuyén KM t6i dudng tron
thing d vudng géc ABtai O, d cit MBtai E

duwong kinh AB Ké tiép tuyén AX vdi duong tron.

0). buong
a) Chitng minh KAOM 13 11t giac noi tiép

_ A2
b) OK cit AM tai I. Chitng minh O.OK =0OA

c) Goi H1a tryc tdm tam giac KMA. Tim quy tich diém H khi K chuyén dong trén
tia AX

PE 21
I.TRAC NGHIEM :

Viét vao bai 1am chit cai ditng truc cau tra 15i ding trong cac cau tir 1dén 4

Cau1: Phuong trinh 2V =71 6 nohiem tong quat1a :
A .xE R‘yz-—l} B [J{ z;l‘yER.}

T T o2
C. xER;yz-x-%} D.{xz-Ey-l;yER}

Cau 2 : Phuong trinh nao duéi day la phuwong trinh bat nhét hai an?

A xy+x=3 B.2x-y=0 C. x+y=xy D.x +y=2
{'x +2y =1
Cau 3 : Cdp so nao sau day la nghiém ctia hé phuwong trinh 3x+y =3

A_[D;%] B.[%S] C.(1,0) D.[—;—



(m- 2)x+y=1

x-2y =2

Cau 4 : Hé phuong trinh ! vo nghiém khi :
Am zé B.m z-?l C.m =- % D.m Z%
ILTU LUAN :
ax +ay =a’
Cau5: Cho hé phuong trinh ¥ tay =2

a) Giai hé phwong trinh trén véi @ =2
b) Tim cac gia tri cia 9 dé hé c6 nghiém duy nhét?

Cau 6 : Giai bai toan sau bang cach 1ap hé phwong trinh :
Mot miéng dat hinh chif nhat c6 chu vi bang 80m. Néu chiéu rong ting thém 2Mva
2
chiéu dai tang thém 3 thi dién tich tang thém 199M . Tinh c4c kich thwéc ciia manh
dat d6 ?
(x+y)x+y+2z)=72
(y+z)x+y+2z)=120

Cau 7: Giai hé phuong trinh sau : _(z +x)(x +y +2) =96

PE 22
Caul:

1 . 1 22
1) Ching minh ring : V241 V2-1
2) Giai bt phuong trinh sau : 2x +2016 <0
mx-y=m+1

x+my =2m

Cau 2 : Cho hé phuong trinh: ' ( voi M1a tham s6)

a) Giai hé phwong trinh khi m =2



b) Chitng minh rang hé phwong trinh luén c6 nghiém duy nhat v4i moi gia tri ca
m
(

tri khong phu thudc vao

%Y nghiém ctia hé phuong trinh,ching minh biéu thic sau c6 gia
m: A=(y+1)(y-2)+x(x-1)

c) Giasuw

Cau3: Giai bai ton sau bang cach 1ap hé phuong trinh: Hai 6 t6 Ava B khoi
hanh cling mot ldc tit hai tinh cach nhau 150km dj ngwoc chiéu va gdp nhau sau 2
gio. Tim van toc ctia mdi 6 t6,biét ring néu van tdc ctia 6 to A ting thém Skm/ hvya
van téc ctia 6 to B giam di 5km/h thi van t6c ctia 6 t6 A gdp 2 Ian van toc cta b t6
B

Cau 4 : Cho nita duong tron (0) duwong kinh AB =2R.vg dwong thing d 13 tiép

tuyén cia (O)tai B Trén cung AB lay diem M ty y( M khac Ava B) tia AM
cit dwong thing d tai N. Goi Cla trung diém ctia AMtia CO cat dwong thing d tai
D.

a) Chitng minh réng : Bén diém ©-B.N-C cing thudc moét duwong tron. Tim tdm
duong tron do .

b) Chitng minh rang: NO L AD

¢) Chitng minh ring : CA.CN=CO.CD

d) Xéc dinh vi tri digm M a8 @AM *AN) 4.0 oi4 1 nho nhit.

Cau 5: Cho 9-5.¢ 13 cic s6 dwong thoa man diéu kién @ +b +¢ =6 Tim gia tri nho

p=—2 4 b +C
nhat ctia bidu thite VP +1 N +1 Ja* +1

PE 23

Cau 1 : Tim nghiém t6ng quat ctia cadc phwong trinh sau:
1.3x+y =5
2.7x+0y =21

Cau 2 : Giai cac hé phuong trinh :

Sx+2y =12 ) 3% - y =5
2x- 2y =2 | 2x* +3y =18



2x+by =-4

bx - ay =-5

Cau3: Xac dinh %) dé hé phuwong trinh ' nhan cip s6 ( L-2);

nghiém
Cau 4 : Giai bai toan sau bang cach 1ap hé phuong trinh :

Hai t6 san xuat cling may mot loai 40. Néu t6 thi? nhat may trong 3 ngay,t6 thi hai
may trong 2 ngdy thi ca hai t6 may dwgc 1310 chiéc 40.Biét ring tron mot ngdy, to thw

nhat may duwoc nhiéu hon t6 thit hai 1a 10 chiéc 40 .Ho6i méi t6 trong mot ngay may
dugc bao nhiéu chiéc 4o0?

Cau 5: Cho tam giac ABC(AB < AC)cé ba géc nhon ndi ti€p trong dwong tron tam
O, ban kinh R .Goi H 1a giao diém ctia ba dwong cao AD-BE.CF cpa tam giac
ABC.

1 Chitng minh ring AEHF va AEDB 3 cac tw gi4c ndi tiép duong tron.

2 V@& duong kinh AK cua duwong tron (0) .Chttng minh tam gidc ABDva tam giac
AKC dbng dang v6i nhau.Suy ra AB.AC =2R.AD.
3 Chitng minh ring OC vuéng géc véi DE.

PE 24
Bai 1: Giai phvong trinh va hé phuong trinh sau :
2x-5y =-3
ox+4y=-2
b) x* - 5x+6=0

a

: y - - j—r -
Bai2: Cho ) 2 vy (D):y=-x-4
a) Veé (P)Vé (D)trén cung mot mat phang toa do.
b) Tim toa o giao diém cia Pva P) bang phép tinh.

Bai 3 : Hai voi nuwéc cling chdy vao mot bé can , sau 1gio 30 phuit thi day bé.Néu mé&
voi thit nhat trong 15 phit rdi khéa lai va md voi thit hai chay tiép trong 20 phit thi
sé chay dwoc 20% bé. Hoi méi voi chady Iminh thi sau bao 1au sé day bé



(AB< AC) (0)

Bai 4: Cho tam giac ABC c6 ba géc nhon noi tiép dwong tron *’.Cac

dll’(‘fng cao AF vi CE cfia tam gléC ABC (it nhau tai H(.FE BC,EE A_B)
a) Ching minh tt gidc AEFC ngi tiép dwgc duong tron

(0)

b) Ké duong kinh AK cua duong tron
AFC dbng dang.

.Chitng minh :Hai tam gidc ABK va

c) Ké FM song song véi BK(M € AK.)

Chitng minh : CM vuéng géc voi AK.
PE 25
I.TRAC NGHIEM KHACH QUAN :

Khoanh tron vao cac chit cai ditng tridc cac cau tra 16i dung tronh moi cau sau:
A <, 2x-y=b N AL s
Cau 1: Cho phuong trinh . Phuong trinh nao sau day két hgp véi phuong
trinh da cho dé dwgc mot hé phuong trinh c6 vo s6 nghiém?

Ax-y=5 B.- 6x+3y =15 C.6x+15=3y D.6x-15=3y
Cau 2 : Trong cac ham s6 sau,ham s6 nao dong bién khi
x<0?
Ay =-2x B.y=-x+10 C.yz(sﬁ-z)f D.y =3x*
— —_ 2
Cau3: Chohamss Y = () =2ax (V6i @ 1a tham s8). Két ludn nao sau day 1a
dang?
A Ham s6 f(x)

dat gia tri 16n nhat bing 0 khi a <0

B.Ham s | (X)nghjch bién v4i moi X<0khi a>0
1
) _ a =—
C.na [ED=1 7 72

Dtamss | ) dong bien khi @>0

— 42 —2y -
Cau 4 :Trong mat phang toa do Oxy, dd thi cac ham s ¥ =2x va Y =3x 1C§1t nhau

tai hai diém c6 hoanh do la :
1

1 1 1
- B-1 = 2 D.-1 --

va



2 _
Cau 5 : Phuong trinh X~ = 2X= M =0¢¢ nghigm khi:

Amz=l B.m=-1 Cm=l D.m=-1

Cau 6 : Cho AABC deu ndi tiép duong tron (O) S6 do cung AB nho 1a :
A30° B.60° C. 90° D.120°

Cau 7 : Mot hinh vudng c6 canh 6¢m thi dwong tron ngoai tiép hin vudéng c6 ban
kinh bang:

A.6+2cm B.+f6cm C.3y/2cm D. 2/6cm
Cau 8: Ménh dé nao sau day la sai:
A. Hinh thang can ndi tiép dwgc mot duong tron.
B . Hai cung c6 s6 do bing nhau thi bing nhau
C.Hai cung bing nhau thi c6 sé do bing nhau.
D. Hai g6c noi tiép bing nhau thi cing chdn mot cung.
II. PHAN TU LUAN:

2 —
Bail: Chophuongtrinh X ~MX+m- 1=0®)

a) Gidi phuong trinh (1)\/(5’1 m=-2

1)

c) Tim gid tri cia M d€ phuong trinh
lai.

b) Chtng t6 phwong trinh - ludn c6 nghiém **2 v&i moi gid tri caa M

@)

c6 1 nghiém bing 3-Tim nghiém con
Bai2:

| =L ()
4 Ve d6 thi ham s6 =~ 2

c(-2:m) (P)

b, Tim gia tri ctia M sao cho diém thudc do thi

C> Tim toa do giao diém cta duong thing y=x- D’Svél parabol(P)



Bai 3: Cho nita duong tron (O)du’fmg kinh AB.K¢ tiép tuyén BXvéi nita duong
tron.Goi C 1a diém trén nita dudng tron sao cho cung CB bing cung A P1a mot

diém tuy y trén cung CB(D khac Cva B )°Céc tia AC, AD ¢4t tia BX theo thwtiyla E

va F.
a,Chitng minh tam gidc ABE vudng can.
2
b, Chitng minh FB~ =FD.FA

c,Chitng minh ti¢ gidc CDFE npi tiép dugc

|- 4=8- ¥
— 2
Bai 4 : Giai hé phuong trinh : XY =2+ X
PE 26
Jx +x Jx

A=
Cau 1 : Cho biéu thttc:

+1 1

- X
—_— +
\.-"§+1 \.-";-1

>
voi X =0 x#1
a) Rit gon biéu thitc A
b) Tim gid tri ctia biéu thitc Abiét ¥ = 4- 23

(x+3)(y-1)=xy+2
(x-D(y+3)=xy- 2

Cau 2. Giai hé phuong trinh sau :

Cau 3.Mot nguoi di tir A dén B gom quang duong AC>CBhét 4 gidr 20 phiit. Tinh
quing duong AC>CBbiét ring van toc clia ngwdi dé trén AC 1a 30km/ R, ran CB 1y
20km/h va quing duomg AC ngdn hon quang duong CB1a 20km.

Céu 4. T diém A g bén ngoai dudng tron (O)ké hai tiép tuyén AB,AC(B,C
tiép diém). M 1a diém bat ky trén cung nho BC. K¢ MI L AB, MH L BC,
MK LAC(I,H,K

la cac

la chan cac dudong vudng goc)
a) Chitng minh tt gidc BIMH npi tiép

2 _
b) Ching minh MH ™ =MIL.MK



c) Goi P1la giao diém cta IH va MB.Q1a giao diém ctia KHva MC.Chitng minh
PHQ

ti giac noi tiép

Cau 5. Tim gia tri nho nhat ctia biéu thirc :

P=

b
el

X

a
NX
;x v6i X >0.a,b13 cac hing s6 duong cho trudc.

PE 27

2 —
Bail: ChoPT 2X +7x+3=0.Khong giai PT,cho biét:

- S0 nghiém cua PT
- Téng va tich cac nghiém.
- DAu ctia cac nghiém

— p— z A . .
Bai [I: Tim giao diém cia duong thing Y = 2X *1 yai Paraboly =-x* s 45 thi hai
ham s6 trén cung mot hé toa do.

Bai III: Hai ngudi di xe may khéi hanh cing mot lic tv A dé dén B duong dai
120km Biét ring mdi gio ngudi thit hai di it hon nguoi thi nhat 1a 6km nén dén B
cham hon nguoi thit nhat 1a 40 phiit. Tinh van t6c ciia moi nguoi.

Bai IV: Cho tam giac ABCvubng tai A Trén AC 14y diém D va dyng duong tron
dwong kinh PC.-Né6i Bvéi D va kéo dai BD gip duong tron tai E-Puong thing EA
gdp dwong tron tai F'.Chttng minh réng:

a) ABCE

la t gidc ndi tiép.

b) CA 1a phén giac cua goc FCB.

Bai V: Biét @ +b+c =0y3 ab.c #0 Chtng minh ring :

1 + 1 + 1 —0
b*+c*-a° ¢ +a -b" a +b"-c

PE 28
Bail: GidicacPT



H 18, b)x* - 7x* =8
xX+6 x

a)

BaiII: Cho PT:X - 2x+m =0

a) Tim ™M @& PTco hai nghiém phén biét.

b) Goi X**13 hai nghiém ciia PT,im gid tri cia Mde % + % ™ %% =3
Bai III: (Giai bai toan bang cach lap PT,)

2
Hai canh cta hinh chif nhat hon kém nhau 8¢ dién tich ctia né bang 48cm” Tinh cac
canh cua hinh chit nhat.

Bai IV: Cho duong tron tdm O .Hai day AB:CDvuéng goc v6i nhau tai diém M

ndm trong(o).Tﬁ’ Avé duong thing vudng goc véi duong thing BCs cit BCtai H»
cat duong thing CDtai E.Chitng minh réing:

a) T gidc AHCM ngi tiép

b) Géc MAH bang g6c MCB.

c) Tam gidc ADE |3 tam giac can.
PE 29
BaiI: GiaicacPT:

2x 1
“x7-1 x+1
b. x’ =16.x

. 2 —
BaiII: Cho PT an X° X -~ 6x+k=0

Goi X% 13 cac nghiém cua PT.

a. Cho K =5. khong giai phuong trinh hay tinh:
+) X, +X,
+) X.X,

+) X+ X



i+i>0

b. Timgidtricia Kdé % X

Bai III: Giai bai toan bang cach lap PT:
Tim hai s& biét hiéu cia ching bing 10va téng cac binh phwong ctia chiing bing178.

Bai IV: Cho nita dwong tron tam O duong kinh AB.ban kinh R =5cm Ty O v& ban
kinh OC vudng goc véi AB-M 13 diém thudc cung BC sao cho goc CAM bing 15
Goi giao diém cia AM végi BCIa E. giao diém ctia AM véi OCla N.Goi K1a giao
diém ctia AC vgi BM.

a. Chtng minh cac tit gidc OBMN y3 CEMK npi tiép.
b. Chtng minh KE//CO
c. Tinh dd dai cung ON ctia dwdng tron ngoai tiép t¢ giac OBMN.

PE 30

2 —
BaiI: ChoPT: X - 11x+3=0.xhong giai phuong trinh,hdy tinh:

a. Tong cac nghiém.
b. Tich cac nghiém
c. Tong cac binh phwong cac nghiém
Bai II. Giai cac phwong trinh :
5x+7  2x+21 _26
9 x-2 x+2 3
Bai III. Gidi bai todn bdng cdch Idp phuong trinh :
Hai nguoi di xe may khéi hanh ciing mot liic tir A dé dén B, duong dai 120km. Bigt
rang mdi gio nguwoi thit hai di it hon nguoi thit nhat 6kMnén ngwoi thit 2 dén B cham
hon nguoi thit nhat 1a 40 phiit. Tinh van tdc ciia mdi nguoi
Bai IV. Cho hinh vuéng ABCD | trén canh ABlay diém E. T B ké tia BX vudng goc
v6i PE. cit DE ¢ H, cit DCg K
a) Chitng minh céc t¢* giac BHCD ngj tiép, CEHK npi tiép

b)x*- 3 =2x"

_4e0
b) Chitng minh £CHK =45
c) T gidc ACKE]3 hinh gi ? Vi sao ?

PE 31
Bail.



2x- 3y =5

1) Trong céac cap so6 sau, cap sO nao la nghiém ctia phwong trinh

A(-1-1) B.(2;3) c.(;-1) D.[ %;g]
x-2y =5
Lo . A x s A A . 3x+2y=-1
2) Trong cac cdp so sau, cdp so nao la nghiém cua hé phuong trinh
A(-1-3) B.O;~% C.%%j] D.(1;-2)

3) N&i mbiy & cot Avéi moty & cot B dé duwoec mot khang dinh ding :

A B
1.S6 do goc ¢ tam bang a. Ntra hiéu s6 do hai cung bi chan
2.56 do goc nai tiép bang b. Hai lan s6 do cta cung bi chan
3. S6 do goc c6 dinh ¢ bén trong dwong tron bang c. Ntra s6 do cua cung bi chan
4. S6 do goc co6 dinh bén ngoai duong tron bang d. S6 do cda cung bi chan
e. Ntra tong so6 do cua hai cung bi chéan

X-y=2

Bai II. Cho hé phuong trinh : mx+y =3

a) Giai hé phuong trinh v6i m =2
b) Tim ™M dé nghiém cta hé phwong trinh 1a cac sd dwong.

Bai ITI. Mot nguoi di tir A dén B gom cac quang duong AC va CBhét 4 gig 20 phuit.
Tinh quing dwong AC va CBbiét ring van t6c ctia ngudi do trén AC 13 30km/ h, yrgp
CB13y 20km/ hva quang duong AC ngin hon quang dwong CB1a 20km.

Bai IV. Cho dudng tron tam O duwong kinh AB.Trén cung ABlay hai diém ©>DP sao

cho sd €D =60°C thuoc cung AD nhé. Goi E1a giao diém ctia ACva BD:F |3 giao
diém ctia ADva BC

a) Tinh £AFB
b) Chitng minh tit gidc ECFBnpi tiép, xac dinh tdm O'dwong tron ngoai tiép tii
gisc ECFD
e OD 1 g ox o (O7)
c) Ching minh la tiép tuyén cuta
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Bai I.Chon cau tra 10i ding trong cac cau sau :



x+2y =1

Cau 1. Hé phuong trinh {ZX - 4y =10

A. C6 v0 s6 nghiém
B. V6 nghiém

C. C6 nghiém duy nhat X =3 == 1)
3
=4;y =- —
p% y > ]

D. Cé nghiém duy nhat

92
Cau 2. Ham s6 ¥ = 2X

A. Pong bién v6i moi X >0
B. Nghich bién v&i moi X
C. Pong bién v6i moi X

D. Nghich bién v6i moi X >0

Cau 3. N6i médi y & cot Avéi mot y & cot B dé duwoc mot khang dinh ding

A. B.

1) Goc noi tiép c6 so do bang a) Ntra hiéu s6 do ctia hai cung bi chan

2) Goc tao bai tia tiép tuyén va day cung c6 s6 do bang | b) S6 do cia cung bi chan

3) Goc c6 dinh bén ngoai dwong tron ¢ s6 do bang ¢) Ntra so6 do cia cung bi chan

4) Géc c6 dinh bén trong duwong tron c6 s6 do bang d) Ntra tong s6 do cua hai cung bi chan
1,

LY =X =X -
BaiIL Chohaihamss = 4 va ¥ X1
a) Vé do thi cua hai ham s6 nay trén cung mot mat phang toa do
b) Tim toa do cua cac giao diém cuda hai do thi trén.
Bai IIL.Mot 6 t6 di tit Adén B véi van toc 40km/ hypi di tiép tir B dén C véi van téc
30km / h.Tgng thoi gian 6 t6 di tir Adén C 1a 4h45'. Biét quang dwong BC ngén hon
quang duwong ABla 15km. Tinh cac quang dwong AB: BC
(O), day AB.Trén tia déi cua tia ABlay diém C.Goi D1a trung diém ctia
E,F(EcUB

Bai IV.Cho

AB, qwong thing OD cit duong tron tai 16m). Goi 1a giao diém ctia CE
va (0K 1a giao diém cta IF va AB.

a) Chtng minh tit gidc EDKI ngi tiép dudng tron




b) Chitng minh IF 13 phan giac cia £AIB.Tir d6 suy ra IC 1a phan giac ngoai tai
dinh I ctia tam gidc AIBva CA.KB =CB.KA
¢) Chitng minh : CACB =CK.CD
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Bai I.Chon cau tré 10i dung

{x +y=3
1) Hé phuong trinh X~ Y =1 ¢6 nghiém 12 :
Ax =2y =1 Bx=-2,y=5 Cx=ly=2
y=(2- a)x+1
2) Vi gid trj ndo ctia d thi hé phuong trinh Y =%~ 3 y5 nghiém
A.a =0 B.a =1 Ca=2 D.a =3
2 .
3) Biét db thi ham s6 ¥ =% i qua diem M (32) khi d6 @ biing:
Aa =- l B.a :l Ca=-2 D.a =-8
2 2
1,
y=-=x".
4) Cho ham s6 3 Két luan nao sau day la ding ?

A. Ham s6 ludn lu6én dong bién
B. Ham s6 ludn ludn nghich bién
C. Ham s6 dong bién khi X > 0> nghich bién khi x <0
D. Ham s6 dong bién khi X < 0> nghich bién khi X >0
ax- 5y =3
{2 Y N
Bai II. Cho hé phuong trinh : (“X~ Y~
a) Giai hé phuwong trinh véi @ =1
b) Tim diéu kién ctia 9 dé hé phwong trinh trén c6 nghiém duy nhat

Bai III. Giai bai toan sau bang cach 1ap hé phuwong trinh :
M6t manh vieon hinh chit nhat c¢é chu vi bing 130m. Biét hai 1an chiéu dai hon ba lan

chiéu rong 1a 35m. Tinh dién tich ctia manh vwon do.

<. N N (O) P AB & & N o 900 AL FeR .
Bai I'V. Cho duong tron cO cung co dinh va c6 so do bang Mot diem C di
dong trén cung 16n ABsao cho tam giac CABluén 1a tam giac nhon. Ké BN L AC
(Ne AC), sy (©) E B). am 1 Bc M€eBC),



(N €AC), gi3ng thang BN cit @ E (& khac B)ke AM L Bc (M EBC), g5
thang AM cit @b, (Pyhac A). Puong thing AE va BD cit nhau & 1

a) Tinh £ACB v chiing t6 tit gidc ANMB 13 t¢ giac noi tiép

b) Chitng minh E:O:D thing hang va tit gidc ACBI 13 hinh binh hanh

c) AM cit BN ¢ H,IH gt ED ¢ K.Chiing t6 ring diém K di dong trén mot duong
tron co dinh.
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aoxt2x-10 1 Jx-2
Bai 1: Cho biéu thitc x-\x-6 x+2 x-3 véi X =0y3 x #9
a) Rt gon A
b) Tinh gid tri ciia A khi X =9~ 45
A=l
c) Tim gid tri cia X dé 3.

2x +y =3m- 2
_ (m
Bai 2 : Cho hé phwong trinh : X-y =5 la tham s0)

a) Giai hé phuong trinh khi m =-4

(x;y) x+y=13

b) Tim M dé hé phuong trinh c6 nghiém thoa man:

2
Bai3: Cho phuong trinh: * ~ 2(m-1)x- m-3(1)

. Giai phuong trinh 1 vei m =-3
ludn c6 hai nghiém phan biét v6i moi M
2

9
2
3. Tim Mdé phwong trinh W c6 hai nghiém théa msnx hé thize +x, =8

2. Chitng to6 rang phwong trinh

Bai4: Cho nila duong tron tim O duong kinh AB.C1a mot diém nam giita O va
A Puong thing vudng goc véi ABtai C cét nita duong tron trén tai I-K1a mot diém

bat ky nam trén doan thang CI(K Khac C va ) ,tia AK cit nita duong tron (O)tai
M, tia BM cét tia CI tai D . Chttng minh:

1) Céc t giac : ACMD; BCKM pp;j tiép duomg tron



2) CK.CD =CACB

(0)

3) Goi N1a giao diém ctia AD va dwong tron *~° chitng minh B:K:N thing

hang.
4) Tam dudng tron ngoai tiép tam gidc AKD nim trén mot duong thang c6 dinh
khi K duy dong trén doan thing CI
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Cau 1: Tim nghiém téng quat cua cac phuwong trinh sau :

1. 3x+y =5
2.7x+oy =21

Cau 2 : Gidi cac hé phwong trinh :

| [sxv2y=12
T 2x-2y =2
3x? - y =5
2. x oy
2x* +3y =18
{2x +by =-4
Ciu3: Xdcdinh @b déhé phuong tinh  (X™ ¥ =5 pan cip 55 U2

nghiém.
Cau 4 : Giai bai toan sau bang cach 1ap hé phwong trinh:

Hai t6 san xudt cling may mot loai 40.Néu t6 thit nhat may trong 3 ngdy,t6 thit hai
may trong ° ngdy thi ca hai t6 may dwoc 1310 chiéc 40. Biét rdng trong mot ngay,to

tht nhat may dwoc nhiéu hon t6 thi hai 1a 10 chiéc 40.Ho6i méi t6 thong mot ngdy may
dugc bao nhiéu chiéc 40?

Cau 5: Cho tam giac ABC(AB < Ac)cc’) ba goc nhon noi tiép trong dwong tron tam
O ban kinh R-Goi H 1a giao diém ctia ba duwomg cao AD>BE,CF c{ia tam gidc ABC.
1. Chtng minhrang AEHF va AEDB 13 tii giac ndi tiép duong tron

2. V& duwong kinh AK cua duong tron (O).Chﬂ’ng minh tam gidc ABD va tam giac
AKC' dbng dang v6i nhau.Suy ra AB.AC =2R.AD
3. Chttng minh ring OC vudng goc véi DE.
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Caul:
— 2 1.
1) Chohamsé Y ~9% .Tim a biét db thi ham s6 di qua diém AG-11)
2) Giai cac phuong trinh sau :
a) x*- 2x =0

b) x> +3x+2 =0

c)

x-2 x-2
Cau 2 : ( Giai bai toan bang cach 1ap hé phwong trinh )

Mot hinh chi? nhat c6 chidu dai hon chiéu rong 20m Néu gap doi chiéu dai va gap
3 1an chiéu rong thi chu vi cia hinh chit nhat 1a 480m  Tinh chiéu dai va chiéu rong
cua hinh chi¥ nhat doé.

2 —
Cau3: Chophuongtrinh X - 2mx - 3 =0

1) Chitng minh rang phwong trinh luén c6 hai nghiém phan biét vi moi gia tri
cta M,
2 2
2) Goi *'%2 13 hai nghiém ctia phuong trinh, Tim M d& % *% =10

(d): y=2(m+3)x-2m+2

Chitng minh rang v&i moi m_ parabol (P) va duong thang () lubn cat nhau tai hai
diém phan biét. Tim ™M sao cho hai giao diém d6 c¢6 hoanh do duong.

. 2
Caua: Cho Parabol(P):y =X (s qions thang
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\/;+1
A=——rn——
Bail: 1. Tinh gid tri caa biéu thic Vx -2 voi X =7+4+3
B= Jx o 1-x Jx+4

+ -
2 Chobiduthic ~ VX+1 x-2 x-x-2 5 x20x#4

3
B =
Chitng minh rang 2- Jx




E<-1;

3. Tim Xdé P=A
Bai II. Gidi bai todn bdng cdch Idp phuong trinh hodc hé phuong trinh :
Tim s6 ty nhién c6 hai chit s6, biét tong hai chit s6 ctia né bang 9, néu lay s6 dé chia
cho so viét theo thit ty ngwoc lai thi duwgc thwong 1a 2 va con dw 18 ?

Bai III.
2x* +(2- +/3)x- V3 =0
1) Giai phvong trinh sau : * ( \/_)X V3

1
(P):y =—x* .
2) Cho parabol 2 va duong thing (d)cé phwong trinh ; ¥~ MX¥ 2
Chitng minh rdng : V&i moi M, (d)luﬁn cat (P) tai hai diém phan biét A Bva
Sons =4

Bai IV. Cho tam gidc ABC vudng can dinh A-Duwong tron dwong kinh AB cét BC tai
b (O #B)pyism M bt ky trén doan AD- ké MH.MI [an Lot vudng gbc véi
AB,AC(H € AB,I € AC)

1) Ching minh: Ti¢ giac MDCI npi tiép

2) Chitng minh: £MID =ZMBC

3) ke HK LIDIKEID). ey minh KoM, B thing hang
4) Khi M di dong trén doan AD- Chitng minh ring dwong thing HK luén di qua
mot diém co dinh
3 3 3
a_+b_+c_ >ab +bc +ca
Bai V. Cho 9-0.¢>0.Chitng minh: b ¢ a

PE 38
PE KIEM TRA GIUA KY II QUAN PONG PA
Nam hoc 2017 — 2018
Bai 1 : Cho cac biéu thitc
1- Jx 15- Jx 2

A= B =
x- 25 \/;+5

_1+\/; va

\/;+1

\/;' SVGi x =0;x #25

1)Tinh gia tri ctia biéu thitc A khi X =6- 2\/a



2)Rut gon B
3) Tim 9 dé phwong trinh A- B =a ¢4 nghiém.
Bai 2 : Gidi bai toan sau bang cach 1ap hé phuong trinh :

Dé hoan thanh mot cong viéc theo du dinh thi can mot s6 cong nhan lam trong mot
s6 ngay nhat dinh . Néu ting thém 10 c6ng nhan thi cong viéc hoang thanh sém duoc
2 ngay.Néu bét di 10 cong nhan thi phai mat thém 3 ngdy nita méi hoan thanh cong
viéc . Hoi theo du dinh thi can bao nhiéu cong nhan va lam trong bao nhiéu ngay?

Bai 3 :
S
Jx-1 y+2
3 + 2 =1
1) Giai hé phuong trinh sau VX~ 1 y+2
2) Cho Parabol (P):Y =X' s gurng thang (4):y =2x+3

(d)cét parabol (p)

a) Chitng minh rang duong thang tai hai diém phan biét - B

va tim toa do caa A B-

b) Xéc dinh diém C thudc cung nho AB cua P arabol (p) sao cho dién tich AABC
16n nhét .

Bai 4 : Cho dudng trbn(O’R) v6i day AB<2R ¢6 dinh Goi C 1a diém thudc cung 16n
AB sao choAABC nhon,M va N lan lvogc 1a diém chinh giita cung nhé AB va cung
nhé AC.Goi I 1a giao ctia BN va CM. Day MN c4t ABva AC Jan luot tai Hva K.
Chitng minh rang :
1) T gidc BMHI nbi tiép.
2) NI.NB =NH.NM
3) KH 1a phan giac ca goc AKI,IA 13 phan giac cta goc KIH.
4) Khi diém C di dong trén cung 16n AB va théa méan diéu kién dé bai thi tong
hai ban kinh ctia hai dwdng tron ngoai tiép ANAH vaANBH ¢4 gia tri khong
doi .
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I.TRAC NGHIEM:



Chon cau tra 16i em cho la ding nhat:

Caul: Trong cac cap so6 sau day,cdp so nao la nghiém cia phwong trinh
3x+5y =-37?

A (-2:1) B.(0-1) C.(-10) D.(1;0)

(O; 2cm)

Cau2: Cho dudng tron ,d0 dai cung 60" ciia dwdng tron nay 1a:

A. zcm B. %cm C.zcm D.Z—E(cm)
3 2 2 3

2x- 3y =3

x+3y =6

Cau 3. Nghiém ctia hé phwong trinh . { la:

A(2;1) B.(3;1) C.(;3) D.(3;-1)
Cau 4. burong kinh vuéng goc véi mot day cung thi:
A di qua trung diém ctia day cung &y.

B. Khong di qua trung diém cua day

2 f— ~ . o Y
Cau5. Phuong trinh X = 7X- 8 =0 ¢¢ t6ng hai ngiem la:
A.8 B.-7 Cc.7 D.3,5

_ 0 0
Cau 6. Cho hinh vé <P =35, ZIMK =25" g5 44 ciia cung Man bang:




A60° B.70° C.120° D.130°

Cau 7 : Phuong trinh ctia parabol c6 dinh tai goc toa do va di qua diém (- 1;3)151:

Ay =x’ B.y=-x C. y=-3x’ D.y =3x"
Cau8: T gidc ABCD i tiép dwong tron ¢ £A =507, 4B =70".Khj 46 £C- £D
bang:

A30° B.20° C.120° D.140°
I1.Dién dang (D), sai (S)

) _ x, =L x, =—
1. Phuong trinh : /X" = 12X+5=0¢6 hai nghiém1a =~ 7 ]
2 _
2. X +2X=mX+miy mpt phuong trinh bac hai mot an s6 véi moi M€ RL]
3. Trong mot duwong tron hai cung bi chan giita hai day song song thi bang nhau D

4. S6 do ctia goc tao bai tia tiép tuyén va day cung bang s6 do ctia goc noi tiép D
ILTy luan
Bai 1.
2x- 3y =1
cxi LA s | x-4y=-7
a) Gidi hé phuong trinh :
4 2.4 —
b) Giai phwong trinh ; X = 59X +4 =0

Bai 2. Tim céc gid tri cia M dé phuong trinh 2%~ (4m+3)x+2m’ =120 s opiary
Bai 3. Mot xe khach va mot xe du lich khéi hanh cing mot Iic tir A dén B. Xe du lich
c6 van téc 16n hon van téc cia xe khach 1a 20km/h, do d6 né dén B truwéc xe khach 25
phiit. Tinh van t6c moi xe, biét khoang cach AB la 100km.
Bai 4. Cho tam giac ABC ni tiép dudng tron tim O. Goi E>DTan lwgt 1a giao diém
clia c4c tia phan giac trong va ngoai ctia hai goc B va C. Puong thing ED cit BC tai
I, cit cung nho BC & M. Chitng minh :

a) Badiém A E.D thing hang

b) Tt gidc BECD ngi tiép duoc trong duwdng tron

C) BI.IC =ID.IE
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= B—
Bai1: Cho hai biéu thitc : \/;' 3 x-9 va 2 v6i X=0;x#9

1) Tinh gid tri cia biéu thitc Bkhi 16
2) Riit gon biéu thitc M =AB
3) Tim gi4 tri 16n nhét ctia biéu thiic M-
Bai 2: Gidi bai toan bang cach 1ap hé phwong trinh:
Hai voi nudc cling chdy vao mot bé khong c6 nuée thi sau 12 giyy sé day bé. Néu m&
3
voi I chay trong 4 gio roi khéa lai va mé tiép voi II chdy trong 3gid thi dwge 10
bé. Hoéi néu moi voi chdy mot minh thi sau bao lau sé day bé ?
Bai 3:
{x +my =2
1) Cho hé phwong trinh : 2x+4y =3
a) Giai hé phwong trinh khi m =3

b) Tim M dé hé phwong trinh c6 nghiém duy nhat ) thea man dicu kién X
va Y 1a hai s6 déi nhau .

— 2 -V -

2) Choham s ¥ =~ X" c6 @b thi 14 pa rabol (P) s ham 5 Y =X 2 6 do thi 1a
duwong thing (d). Goi A Va B 1a giao diém ctia (d)vc'fi (P). Tinh dién tich
tam giac OAB.

(0) 4is6mg kinh AB va K 1a diém chinh gitia cung AB.

Trén cung KB 18y mot diém M ( khéc K,B) .Trén tia AM 14y diém N sao cho

Bai4: Cho nita duong tron

AN =BM. Ké day BP //KM.Goi Q 1a giao diém ctia cac dwong thing AP va
BM; E 3 giao diém cta PBva AM.

1) Chttng minh rang : T giac PQME noi tiép duong tron.
2) Chitng minh: AAKN =ABKM.

3) Ching minh:AM'BE =AN.AQ



4) Goi RS Tan lwgc 1a giao diém tht hai ctia QA,QB vdi dudng tron ngoai tiép
tam gidc OMP. Chitng minh rang khi M di don trén cung KBthi trung diém !
ctia RS luén ndm trén mot duong co dinh

A=x2+3x+l

Bai 5. Cho X >0, im GTNN cga biéu thitc X
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] >0
P :\/\_/; + \/_3 + 6\/; 4| x
Bai 1. Cho biéu thitc x-1 Jx+1  1-x (x#1

a) Rat gon P
b) Tim gié tri cia X dé P =-1
c) Sosanh P véi 1
Bai 2. Gidi bai todn bdng cdch Idp phuong trinh hodc hé phuong trinh
Mot xe khach va mé6t xe du lich khéi hanh dong thai tir A dén B. Biét van toc cta xe

du lich 16n hon van téc caa xe khach 1a 20km/ h.Do d6 né dén B triede xe khach 50
phtt. Tinh van t6c ctia méi xe, biét quing duwong ABdai 100km.

(p)

_ 2
Bai 3.Cho ham s6 Y ~9% végi @ #0 ¢ db thi 1a parabol
(P)
n ~ V =ax’
b) Vé do thi ham so6 Y =X ygi dyiva tim duoc 6 cau trén

c) Cho dwong thang (d):y =2x+3.
d tim dwgc & cau 4

A(-1;1)

a) Xac dinh a dé parabol ** “di qua diém

Tim toa d6 giao diém cia @va P) vi ha s

(@) . (p)

d) Tinh dién tich tam gidc AOBvégi 4 B3 giao diém cta = ~va
Bai 4.Cho duing thing d va dudng tron O Fkhong c6 diém chung, Ké OH vusng
gbc voi duong thing d tai H. Lay diém M bat ky thudc d .Qua M ké hai tiép tuyén
MA, MB (i duong tron (O;R).\5; AB st OH.OM 1y, Iwot tai Kva I

a) Ching minh 5 diém M- H,A O, B cung thudc mot dudng tron
b) Chitng minh OK.OH =0I.OM



¢) Chitng minh khi M di chuyén trén d thi duong thing ABdi qua mot diém c6
dinh.
d) Tim vi tri cia M dé dién tich tam giac OIK dat gia tri 16n nhat.

A= X+3x-2

Bai 5. Tim gié tri nho nhét ctia biéu thite X +4Vx-2+1
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Bai 1. Giai cac phuong trinh va hé phuong trinh sau :
a)3x* +15 =0

b)x* - (243 - 1)x- 243 =0

c)3x*- 10x*- 8 =0

2 _
Bai 2. Cho phuong trinh : X +3X+m-1=0(X13 zn s5)

%) va XX theo m

(O;R)

Pinh M d& phwong trinh c6 hai nghiém % %2 Tinh % *
ABC(AB< AC)
(0)

Bai 3. Cho tam giac nhon noi tiép duong tron . Céc tiép tuyén

tai B, tai C cia dudng tron cat nhau tai M

a) Chitng minh ring tit gidc OBMC npi tiép duong tron va xac dinh tim K cta
duwong tron nay

b) Goi D1a giao diém cia MAva duong tron (0)(D #A),H

2 _
va BC.Chitng minh rang MB" =MD.MA
c) Chtng minh ring tt gidc OADH ngj tiép va LAHO =£ZMHD
d) Chitng minh réng £BAD =ZCAH
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1a giao diém ctia OM

Bai 1. Gidi cac phuvong trinh va hé phuwong trinh sau :
a)6x’*- 7x- 3 =0
b)x’ - (1+\/§)x ++/3 =0

c)x*- 7x*-8=0



__ 1,
. cx Y TN s oy x=m s o (D)
Bai 2. Cho ham so c6 do thi la (P) va ham so c0 do thi
a) Vé do thi (P)
b) Tim Msao cho d6 thi (P) va do thi (D) cit nhau tai diém B c6 hoanh do 1a 2

2 —
Bai 3. Cho phuong trinh % ~ 2x-m+3=0(m)3 tham s6)

a) Tim M dé phuong trinh ¢ nghiém.
b) Tinh téng va tich hai nghiém cta phwong trinh trén theo M,
Bai 4. Cho tam giac ABC ¢4 3 géc nhon noi tiép (O;R)
duong cao BE,CF,AD

"Goi H la giao diém cua 3

a) Chitng minh tt gidc BEFC v3 AEHF npi tiép

b) V& dusng kinh AK ctia(?) Chitng minh :AK. AD=AB.AC.
c) Goi N 1a giao diém cia OAva EF.Chitng minh: tit gidc NHDK npi tiép

d) Goi Q,V lan lwoc 1a hinh chiéu cta H 1én EF,QV citADtai I,El ¢4t DF tai S
.Chitng minh: SI =IE
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Bai1: Giai cac hé phuong trinh sau :
x+y=3 3(x+y)+9:2(x-y)

. 2x+y =4 . 2(x+y):3(x- y)- 11

Bai2: Tim gid tri ciia dvab dé duémg thing X~ BV =4 Al3)

B(-6;7)

di qua 2 diém

Bai 3 : Giai bai toan bang cach lap hé phuong trinh:

Hai nguoi tho cing 1am chung mot cong viéc trong 16 gid thi xong. Néu ngudi thit
1
nhat 1am 3gi® va nguoi thit hai 1am 6 gid thi hoang thanh 2 c6ng viéc.Héi néu lam
riéng thi mo6i ngwoi hoang thanh cong viéc d6 trong bao 1au?



Bai4: Tumotdiém A O ngoai duong tron vé tiép tuyén AB va cat tuyén ACD.
Tia phan giac cta goc BAC ¢4t BC,BD Jan lugc tai M va N.vé day BF vuéng géc
voi MN cit MN tai H,cit CDtai E.Chitng minh :

a) Tam gidc ABE can.
b) BE 1a tia phan giac ciua géc CBD.
¢) FD* =FEFB

1 N 1 N 1 >9
Bai 5 : Cho 3s6 duwong 9-b-€ thoa man hé thitc: a+1 b+1 c+1

Tim gid tri 16n nhat cuia biéu thic : M =abc

PE 45

{- 2mx + y =5
Cau1: Chohé phuong trinh: "X +3y =1

a) Giai hé phuong trinh véi m =2

b) Tim M dé hé c6 nghiém Gy )du’dng.
Bai 2.Gidi todn bang cdch Idp hé phuong trinh :
Mot manh vieon hinh chit nhat ¢ chu vi 34m.Néu tang chiéu dai thém 3M va ting

2

chidu rong thém 2M thi dién tich ting thém 45M. Hay tinh chidu dai, chiéu rong manh
vuon ?

_ 2
Bai 3. Cho ham s6 Y ~9X

a) Xac dinh 9 biét rang do thi cia né di qua diém A(3;3)

B(2;m) c(n;1)

b) Tim gié tri caa ™™ dé cac diém thudc d6 thi ham s6 trén

Bai 4. Cho nita dudng tron (O R)
a6 AC<BC) 113 mot diém bt ky trén day BC nhung khong tring véi B:C: AH
cat nita duong tron tai diém thi hai 1a D, AC cit dwong thing BDtai E.

a) Chitng minh tt gidc CHDE npi tiép

(0).

duwong kinh ABva mot diém C trén nita dwdng tron

b) V& tiép tuyén BXctia dudng tron Tia CD cit BXtai M. Chitng minh

MB?* =MC.MD



¢) Chitng minh £CHE =ZBAC
PE 46

x(l x2)2

x> +1 -
x*-2

x+1

x*-1
+ X
x-1

A=
Bail: Cho biéu thirc

- X

d) Rut gon biéu thic A

e) Tinh gia trj ctia biéu thitc khi cho X =V6+2v2

f) Tim gid tricta ¥ d8¢ A=-1
Bai2: Mototoditr A dén B véivantoc 40km/ hypiditiep tv B dén C véi
van toc 30km/h Téng thoi gian6t6 ditir A dén C 1a 4h45', Biét quang duong
BC ngéin hon quang dwong AB 1a 15km_ Tinh cic quang duwong AB;BC

Bai 3:

y e (@)
c) Védothi ham s6 2

d) Tim gia tri cia M sao cho diém c(-2m)e(p)

Bai 4. Cho nita duong tron (0) dwong kinh AB. Ké tiép tuyén BX véi nita duong
tron. Goi C 1a diém trén nita dwong tron sao cho cung CBbéng cung ¢A P 1a mot

diém tuy y trén cung CB(D khac C va B) .Cactia AC>AD cjt tia BX theo thu ty 6
E vaF,
a)Chitng minh tam giac ABE vuong can.
b) Chitng minh FB® =FD.FA
c) Chitng minh tw gidc CDFE npi tiép dugc
Bai5: Véi ©Y khong am . Tim gié tri nhé nhét cta biéu thic :
P =x- 2/xy +3y- 2:/x +2009,5

PE 47
Cau 1: Tim nghiém tdng quat cua cac phuong trinh sau:

1.3x+y =5
2.7x+0y =21



Cau 2 : Gidi cac hé phwong trinh :

{5x+2y:ﬂ2 ) 3x°- y =5
2x- 2y =2 " |2x*+3y =18

2x+by =-4

bx- ay =-5

Cau3: Xacdinh @b dé hé phwong trinh { nhan cap so ( L-2) la

nghiém
Cau 4 : Giai bai toan sau bang cach lap hé phwong trinh :

Hai t6 san xudt cling may mot loai 40. Néu t6 thit nhat may trong 3 ngay,t6 thit hai
may trong ° ngdy thi ca hai t6 may dugc 1310 chiéc 40.Biét rdng tron mot ngay, t6 thw
nhat may duwoc nhiéu hon t6 thit hai 1a 10 chiéc 40 .H6i méi t6 trong mot ngay may
dugc bao nhiéu chiéc 40?

Cau 5: Cho tam giac ABC(AB < Ac)cc’) ba goc nhon noi tiép trong duwdong tron tam
O, ban kinh R .Goi H 1a giao diém ctia ba duong cao AD>BE,CF cpja tam giac
ABC.

1 Chtng minh ring AEHF va AEDB 3 c4c tw giac ndi tiép duwong tron.

2 Veé duong kinh AK ctia dwong tron (0) .Chitng minh tam gi4dc ABDva tam giac
AKC dbng dang v6i nhau.Suy ra AB.AC =2R.AD.

3 Chitng minh ring OC vuéng gbc véi DE.
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Bai 1.
Go6c ¢ tam la gi ? Goc noi tiép la gi ?
3x+y =3

Bai 2. Gii hé phuong trinh sau : {2x "y =7

2 —
Bai 3. Gidi phuong trinh : 3X™ = 4x+1=0
— 2
Bai 4.Cho ham s6 Y ~ 9

a) Tim hé s6 % biét do thj ctia ham s6 di qua diém AG;2)



_ 2
b) V& db thi ham s6 Y =2X

Bai 5. Tim s6 ty nhién c6 hai chit s6 biét rang chit s6 hang don vi 16n hon hai 1an chi
s6 hang chuc ldon vi, va néu viét nguoc lai thi dugc s6 méi (hai chit s6) 16n hon sé cii
1a 36don vi.

(O’R), ké hai ti€p tuyén SA,SB i3

Bai 6.Tr mot diém S ndm ngoai dwong tron
— 0
duong tron Y B1a hai tiép diem). Bict ZA0B =120, i qisne kinh BC

a) Chitng minh OS //AC

by Biét OS cit dudng tron (O R)iai D, Chitng minh réng t gisc AOBD I3 hinh
thoi .
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P N B Jx x>0
Caul.Cho X~ Vx Vx-1) x- 2Jx+1{x#l
a) Rut gon biéu thirc P
X = 2
b) Tinh gi trj cia P bigt 2~ V3
P> l
c) Tim cac gia tri ctia X dé 2

Cau 2. Mot khu vueon hinh chit nhat c6 chu vi bing 72m.Néu ting chiéu rong len gap
ddi va chiéu dai 1én gap ba thi chu vi ctia khu vieon méi 1a 194m. Hay tim chiéu dai,
chiéu rong ctia khu viedn da cho ltic ban dau.

3x-y=2m- 1(1)

Cau 3.Cho hé phuong trinh : {X +2y =3m+2

a) Giai hé phuwong trinh da cho khi m =1
. 2 2
b) Tim M dé hé (1) ¢6 cdp nghiém Cy) duy nhét théa man X *Y =
(d):y =(a- 2b)x+b.Tim ab gs (d)

Cau 4.Trong hé toa do Oxy, cho duong thang

di qua AG2) , B(-4-3)



Cau 5. Cho duong tron O duong kinh AB.Vé day cung CDvudng géc v6i ABtai I (I
nidm gitta A va O). L4y diém E trén cung nhé BC(E khac B va C), AE cit CDtai F
Chitng minh:

a) BEFI 1A ut gi4c noi tiép

b) IAIB =IC.IDyy AE.AF =AC’

c) Khi E chay trén cung nhé BC thi tAm dudng tron ngoai tiép ACEF Judn thudc

mot dudng thing c6 dinh.
+b+c+d+e> b + +Jd +
Céu 6. Cho @:0.:¢:d-¢ >0 Chimgminh © Ja(Vb + e +d ++/e)

PE 50
pof L . 1 ] Jx (x>0
Cau 1.Cho x-x Ax-1) x- 2dx+1{x #1
a) Rut gon biéu thice P
X = 2
b) Tinh gid tri cia Pbisc ~ 2+3
P<1
c) Tim cac gi tri cia X dé 2

Cau 2. Mot khu vueon hinh chit nhat c6 chu vi bing 72m.Néu ting chiéu rong 1én gap
ba va chiéu dai 1én gap d6i thi chu vi ctia khu vieon méi 1a 176m | Hay tim chiéu dai,
chiéu rong ctia khu viedn da cho ltic ban dau.

3x-y=2m- 1(1)

Cau 3. Cho hé phwong trinh {X +2y =3m+2

a) Giai hé phuong tinh da cho khi m =2

( x> +y® =13

%y )duy nhat théa man

(d):y =(a- 2b)x+b.Tim a,b qa (d)

b) Tim ™M dé hé (1) c6 cip nghiém

Cau 4. Trong hé toa do Oxy, cho duwong thang

di qua AQ;0);B(-2;3)



Cau 5.Cho duwong tron tdm O duong kinh AB-VE day cung CD vudng goc voi ABtai

K (K ndm giita A va O). L4y diém M trén cung nhé BC (M khac B va C), AM cit

CD+tai N. Chitng minh :
a) BMNK 13 ¢ gidc noi tiép
b) KAKB=KC.KDy3y AM.AN =AC’
c) Khi M chay trén cung nhé BC thi tAm duwong tron ngoai tiép ACMN Judn thude

mot dwong thang o dinh.
+b+c+d+e> b +-Jc+/d +
Céu 6. Cho :0.:¢:d-¢ >0 Chimgminh Ja(Vb + e +d ++/e)

PE 51
IL.TRAC NGHIEM:

{3x =6
Cau 1. Nghiém ctia hé phwong trinh : 2y +3y =7 la
A x=2;y=2 Bx=2;y=1 C.x=2y=3 Dx=2;y=4
Cau 2. Cho hinh nén c6 ban kinh ddy 5€™M va chiéu cao bang 12¢m. Khi d6 do dai
dwong sinh caa hinh non do la:
A.13cm B.17cm C.169¢cm D.60cm

Cau 3. Néu m+n =4 vamn=1thi "™ 1a nghiém cta phwong trinh.
A X +x+4=0 Bx’+4-1=0
C.x* +5x+1=0 D.x* - 4x+1=0

Cau 4.Cho tt gidc ABCD ngj tiép duong tron O ban kinh R-Biét goc A =120°.vay
s0 do cua goc C la:
A 120° B.65° D.55° D.180°
Cau 5. Pién diang (P) hoac sai ( S) vao 6 vuéng ¢ ciin moi cau sau:
-5

2 _ x =1, x, =—.
1. Phuong trinh 7x /X = 12X+5=0 ¢ hai nghiem1a =~ 7 [



2. X'+ 2x =mx+m 1a mot phuwong trinh bac hai mot an s6 véi moi ME R ]
3. Trong mot dwong tron hai cung bi chan gitta hai day song song thi bang nhauD
4. SO do ctia gbc tao bdi tia tiép tuyén va day cung bang so do cia goc noi tié’pD
IL.LPHAN TU LUAN:
Cau 1 : Giai phuong trinh va hé phuwong trinh sau:
a) 3x* +6x- 9=0

-x+2y =1
b){ e
x-y=3

2 2 _
Cau2: Cho phuong trinh: X* = 2mx+m"-m- 2 =0

a) Tim M dé phwong trinh da cho c6 hai nghiém phan biét trai dau.

X x12+x22 =4

b) Tim M dé phuong trinh da cho hai nghiém *°*2 sao cho

2
Cau 3 : Cho manh dat hinh chit nhat c6 dién tich 360m”. Nau chieu roonhj ting 2m
va giam chiéu dai 6m thi dién tich manh dat khong déi.Tinh cac kich thudc ctia manh
dat luc dau ?

(P) .

5 Y == 4d) (g s i nao cia K thi Pva

2
Caud: Chohamsé Y =% (P) \4
() tiép xtic nhau.Tim toa do ti€p diém?
Cau5: Cho AABC yuéngtai A A B< AC. Ké duong cao AH: trén tia HC.

a) T gidc AHEC npi tiép
b) £BAH =ZACB guy raCB 1a phan giac cia £ACE
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Cau L.
x+12 1 4 _3-x [x=0
P: + - Q_\/— +1
Cho haibidu thie X~ 4 Vx+2 Jx-2y; x+2 x4

Q khi x =16

a) Tinh gid tri ctia biéu thitc
b) Riit gon biéu thitc P



Qo

c) Tim X dé P
Cau II. Giéi phuong trinh va hé phuvong trinh sau :
a)x’- 3x- 7=0 b)4x* - 12x+9 =0
X +x(y-3)+2- y=0
€)2x° - 5x+7 =0 ’ Y
x* + y2 =2

2

Cau III. Cho Parabol (P):y =-2x

2) Tim k dé dudng thing (@)Y =kx+2 (P)

E(m;m? +1)

tiép xuc
b) Chitng minh diém khong thudc P v6i moi gié tri caa M

Cau IV. Giai bai toan bang cach lap hé phwong trinh :

Trong quy I ndm 2016, hai doi thuyén danh ca bat dugc tong cong 360tan ca. Sang
quy I ndm 2017, doi thi nhat viegt mitc 10% va ddi thit hai vieot mic 8% nén ca hai
doi danh bt duwoc 393tan. Héi quy I mdi ndim méi doi danh bét dugc bao nhiéu tan ca
Cau V. Cho dudng tron (O;R)

Ax13y digm KK ZR). 10 K ke tigp tuyén KM ti duing tron (O). Pusng thing
d vuong goéc ABtai O, d cit MBtai E

dwong kinh AB.Ké tiép tuyén AX v4i duong tron. Trén

a) Chitng minh KAOM 13 tt giac noi tiép
A2
b) OK cit AM tai I chitng minh OI.OK =0OA
c) Goi H1a tryc tdm tam giac KMA.Tim quy tich diém H khi K chuyén dong trén
tia AX
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1 24/x
Jx-1 xx++x-x-1

x+1

Bai 1. Cho biéu thirc

a) Ratgon A
b) Tim gi4 tri cia X sao cho A>3
c) Tim gi4 tri ctia X khi A=7



Bai 2. Gidi phuvong trinh va hé phuong trinh sau :

{2x- 5y =-3

b)x* - 5x +6 =0
Sx+4y =-2

2
X
P):y=—— cy —
( )y zvé(D).y—'X"I'

(P),(D)

Bai 3.Cho
a) Vé trén cung mot mat phang toa do

(P),(D)

b) Tim toa d6 giao diém cta bang phép tinh.

Bai 4. Hai voi nuéc cung chdy vao mot bé can, sau 1 gio 30 phuit thi day bé. Néu ma&
voi thit nhat trong 15 phuit roi khéa lai va mé voi thit hai chay tiép trong 20 phut thi sé
chay duwgc 20%bé. Héi mdi voi chdy mot minh sau bao 1au sé& day bé.

(AB < Ac)nc}i tiép duong tron ). Cac
H(F €BC,E€ AB)

Bai 5. Cho tam giac ABC c6 ba gc nhon
duwong cao AF>CE cia tam giac ABC cit nhau tai
a) Chitng minh tit gidc AEFC npi tiép duge duwong tron
b) Ké dudng kinh AK caa duong tron 0). Chitng minh AABK — AAFC

o) Ké FM //BK (M EAK).Chﬂ’ng L CM L AK
PE 54
2
x*-1 x® +1 x(1- x?)
A= X - X |
Bai 1. Cho biéu thifc x-1 x+1 X -2

a) Rit gon biéu thitc A

b) Tinh gid tri ciia biéu thirc khi cho X =V6+2v2

c) Tim gia tri cia X g6 A=-1
Bai 2.Mot 6 to di tir A dén B v6i van toc 40km/ hygj di tiép tir B dén C véi van toc
30km / h.Téng thoi gian 6 t6 di tir Adén C 1a 4h45', Biét quang dwong BC ngén hon
quang duwong ABla 15km. Tinh cac quang dwong AB: BC

Bai 3.



y =L (p)
a) V& do thi ham so

b) Tim gia tri cia Msao cho diém c(-23m)e(P)
c) Giai hé phwong trinh sau :
2x- 3y =8 5 (X+3)(y-1):xy+2
X+3y:7 (X'l)(y+3)zxy-2
(0) C (B,C N

Bai 4. Tir diém A & bén ngoai duwong tron - ké hai tiép tuyén AB-A
tiép diém). M 1a diém bat ky trén cung nhé BC. K¢ MI L AB,MH 1 BC, MK 1 AC
(I,H,K |3 han cac dusng vudng g6c)
a) Chitng minh tit gidc BIMH npi tiép

2 _
b) Chitng minh MH" =MI.MK
c) Goi P 14 giao diém ctia IH va MB. Q 14 giao diém ctia KH va MC.Chitng minh

tr giac MPHQ ndi tiép.

b

P =
Bai 5. Tim gia tri nho nhat cda biéu thic
la cac hang s6 dwong cho trudc.
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vGi X>0,ay3 1

Bai 1.
Géc ¢ tam la gi ? G6c noi tiép la gi ?
3x+y =3

Bai 2. Giai hé phuong trinh sau : {ZX "y =7

2 —
Bai 3. Giai phuong trinh : 3X" - 4x+1=0
— 2
Bai 4.Cho ham s6 ¥ ~9X
&) Tim h s6 % bist db thi ciia ham s6 di qua diem AG2)

— 2
d) V& db thi ham s6 ¥ =2X



Bai 5. Tim s6 tu nhién c6 hai chit s6 biét rang chir s6 hang don vi 16n hon hai 1an chit
s6 hang chuc ldon vi, va néu viét nguoc lai thi dugc s6 méi (hai chit s6) 16n hon s6 cii
1a 36don vi.

©; R), ké hai tiép tuyén S SBciia

Bai 6.Tr mot diém S ndm ngoai dwong tron
— 0
duomg tron A B1a hai tiép diem). Bist ZA0B =120, i qisng kinh BC

c) Chitng minh OS //AC

d) Biét OS cit duong tron ©; R)tai D. Chitng minh ring tt gidc AOBD 3 hinh
thoi .
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Cau 1.
1. Giai cac hé phuong trinh sau :
3x+y=3 b X+2y =5
2x-y =7 3x+4y =5
wr-1 xdxe1) 2(x-2vx+1)
A= \/_ - \/_ : ]
2. Cho biéu thifc XX XENX X
a) Ritgon A

b) Tim X dé A<0
c) Tim X nguyén dé Aco gié tri nguyén.

Cau 2. Gidi bai todn bdng cdch Idp phwong trinh, hé phuong trinh :

Hai cong nhan cung son ctta cho mo6t cong trinh trong 4 ngay thi xong cong viéc. Néu
nguwoi thit nhat lam mdt minh trong 9 ngay réi ngwoi thit hai dén cuing lam tiép trong 1
ngay nita thi xong cong viéc. H6i moi nguwdi lam mét minh thi bao 1au xong viéc ?

mx+y =5
{2 T X
Cau 3. Cho hé phuong trinh : (“%~ Y~
Xac dinh gia tri cia m dé hé phuwong trinh (I) c6 nghiém duy nhat va théa man:

2x+3y =12

Cau 4.Cho ntta dwong tron tdm O duong kinh ABva diém M bt ky trén nita duong

tron (M 24, B). Trén nita mit phing bo AB chita nira duong tron ké tiép tuyén Ax.



Tia BM cét AXtaiI; tia phan giac cia £IAM cjt niva dudng tron tai £ cét tia BM tai
F; tia BE cit AXtai H, cit AM tai K

2 _

1) Ching minh ring : AEMB1a ¢ gidc néi tiép va Al” =IM.IB
2) Chitng minh ABAF 13 tam gidc can

3) Chitng minh ring tit gidc AKFH 13 hinh thoi.

Cau 5. Tim gi4 tri nho nhat cta biéu thic : P =a- 2\ab +3b- 2 +1
PE 57

Bai 1.Giai cac hé phuong trinh :

2 1
+ =3
2x- 5y =-1 b) x-2 y+1
S5Sx- 6y =4 4 3 —1
x-2 y+1

Bai 2. Gidi bai todn bdng cdch Idp hé phuong trinh :

Theo ké hoach hai t6 dugc giao san xuat 600 san pham trong thoi gian da dinh. Do caéi
tién ki thuat nén t6 I da san xuat vwot mic ké hoach 18% va 6 11 san xuat viot mic
ké hoach 21%.Vi vay, trong ciing thdi gian quy dinh hai t6 dd hoan than vigt mitc 120
san pham. Tinh s6 san pham dwgc giao ctia moi to theo ké hoach.

Bai 3.

. _ 2
a) VEé parabol (P):y =2x

(d) 2]

b) Viét phwong trinh duwong thing tai hai diém 43 B c6 hoanh

d6 lan lugt 1a - L2

o; R). T diém A ndm ngoai dudng tron ké hai tiép tuyén

(B,C

>~ 1a hai tiép diém). Tt B ké duong thang song song v&i
(B hae D)

cat parabol

Bai 4. Cho duong tron

AB, AC y¢i duong tron

AC cit (O)tai D (D #B ), duwong thing AD cét (O) tai E

A) chitng minh tit giac ABOC npi tiép
—AR2

B) chitng minh : AE.AD =AB

C) chitng minh £CEA =ZBEC



D) gia st OA =3R.tinh khoang cach giita hai duwomg thang AC>BD theo R
Bai 5. Giai phuwong trinh : X* +2018V2x" +1 =x+1+2018Vx" +x +2
PE 58

.2(x- 2Jx +1)

xx-1 x/x+1
x-x  x+x

A=
Caul: Cho biéu thiec :

x-1

a) Rutgon A
b) Tim X d&é A<O

Cau 2 : Giai bai toan bang cach lap phwong trinh.

Hai cong nhan cling son ctta cho mot cong trinh trong 4 ngay thi xong cong
viéc.Néu nguoi thit nhat 1am mot minh trong 9 ngdy réi ngudi thit hai dén cling lam
tiép trong 1ngay nita thi xong cong viéc.Héi mdi nguwdi 1am mot minh thi bao 1au xong
viéc ?

mx +y =5
{2 8 LD
Cau 3: Cho hé phuong trinh : X y=
2) Giaing 1 vei m=5
b) Xéc dinh gia tri cia M d& hé phuong trinh )
. 2x+3y =12
man:

c6 nghiém duy nhat va thda

Cau4: Cho nita dudng tron tdam O duong kinh AB va diém M bat ky trén nita
dwong tron ( M khac A va B) .Trén nita mit phing bo AB chita nita dwong tron ké
tiép tuyén AX.Tia BM cit AxtaiH cit AM tai K.

2 _
1. Chting minh rang : AEMB 1a t giéc noi tiép va Al =IM.MB
2. Chtng minh BAF 13 tam gidc can.
3. Chitng minh rdng tw gidc AKFH 13 hinh thoi.

Cau5: Tim gié tri nho nhét ctia biéu thic : P =a- 2\/ab +3b- 2a +1

PE 59



Bai 1: Giai phuwong trinh va hé phwong trinh sau:

Xx+2y =6
a.

3x-y=8
b.x* - 4x+3=0

(P):y=x*_, (d): y=x+2

(d)

Bai2: Cho

a. Ve (P)Va‘l trén cung mot mat phang toa do.

PE 60
Caul: Tinh 2V3-5V12 42427

xfx+1  2(x-1)
A= -
Cau2: Cho biéu thitc: x-Nx+1  fx+1

a. Rut gon biéu thite A
b. Tim Xdé A>0
y =ax+3

Cau 3 : Xac dinh ham so6 bat nhat biét rang d6 thi ham s6 ctia n6 di qua

diém (-23)

Cau 4: Giai phuong trinh va hé phwong trinh sau :

a10- X +Jx*+3 =5
b gi - ; y 2?3
Cau 5: Gidi bai toan bang cach lap hé phuong trinh:
Tim cac kinh thwdc ctia mot manh vueon hinh chit nhat . Biét rang néu tang chiéu dai
thém 3M va ting chigu rong thém 2M thi dién tich tang thém 48M° Néu giam chitu

2
dai di 2Mva giam chieu rong di 1M thi dién tich giam di 22M



Cau 6. Cho nira duong tron tim O dwong kinh AB. Ty mot diém M trén niva duwong

tron ta vé tiép tuyén X Ve AD, BC yugng géc véi ¥ (C,Dexy).

a) Chitng minh ring MC =MD

b) Ching minh ring AD + BC ¢4 gi4 tri khong d6i khi diém M di dong trén nita
duong tron

c) Xéac dinh vi tri ctia diém M trén niva dwong tron (0)
ABCD |én nhat.

dé cho dién tich t giac



PE 61
Cau 1. Tinh 32 - 5v/8 +7+/18
x-1 2xfx-1)

Cau2.Chobisuthie VX +1 x+x+1

a) Riit gon biéu thic A
b) Tim Xdé A>0
Cau 3.X4c dinh ham s6 bac nhat ¥ ~ &~ 3

(-21)

Cau 4.Giai hé phuwong trinh :

biét rang do6 thi ham s6 ctia n6 di qua diém

2x-y =7

a)10- x* ++x* +3 =5 b
}J \/ }_BX-E}*:E')

Cau 5.Gidi bai todn bdng cdch Iap hé phuong trinh:

Tim cac kich thwdc cia mot manh viedn hinh chir nhat. Biét rang néu tang chiéu dai

2,
thém 3Mva tang chidu rong thém 2M thi dién tich ting thém 48M 3 nau gidgm chidu dai

2
di 2mva giam chidu rong di 1M thi dién tich giam di 22M".
Cau 6. Cho nita duong tron tdm O duong kinh CD. T mot diém N trén niva duwong
tron ta vé tiép tuyén - vé CB.DAyysng goc vai ¥ (ABexy)

a) Ching minh ring : NA =NB
b) Chiing minh ring AD + BC c6 gié tri khong d6i khi diém N di ddng trén na

duong tron
c) Xac dinh vi tri caa diém N trén nita dwdng tron (O)dé’ cho dién tich ti¥ giac
ABCD 4n nhat.
DE 62
-2mx+y =5
mx +3y =1

Bai 1. Cho hé phuong trinh *



a) Giai hé phuong trinh véi m =2
b) Tim M dé hé c6 nghiém oy )dlrdng.
Bai 2.Mot manh vuon hinh chi nhat cé chu vi 1a 34m.Néu tang chiéu dai thém 3mMva

2
ting chidu rong thém 2M thi dién tich tang them 49M"-Hay tinh chidu dai, chidu rong
manh dat do

_ 2
Bai 3. Cho ham s¢ Y ~9X

2) Xéc dinh @ bigt db thi ciia né di qua digm 233

B(z;m)Vél c(n;1)

b) Tim gid tri ctia ™" dé cac diém thuoc do thi ham so trén.

Bai 4. Cho nita duong tron (O R)

do (AC<BC).H\, Lo dism bit ky trén ddy BC nhung khong tring vai B-C-AH ¢t
nita dwdng tron tai diém thit hai 1a D5 AC cit duong thing BDtai E

dwong kinh ABva mot diém C trén nita duong tron

a) Chitng minh tit gidc CDHE npi tiép

(0);... CD .

b) V& tiép tuyén BX clia dwdng tron *Tia ' cit BXtai M. Chitng minh
MB* =MC.MD

c¢) Chitng minh £CHE =ZBAC

4
X+y=—
Bai 5. Cho X~ 0¥ >0, 3
S :x+y+i+—
Tim gia tri nhé nhét cua biéu thic ax 4y
PE 63
x -1 x> +1 X(l- )(2)2
A= X X |
Biail:  Cho biéu thirc x-1 x+1 x*-2

a) Rut gon biéu thic A

b) Tinh gi4 tri cia biéu thirc khi cho X =V6+2v2
c) Tim gid tri cia X @6 A=-1



Bai2: Mototodity A dén B vaivantoc 40km/hypiditiép v B dén C voéi
van t6c 30km/h Téng thoigian 6to ditr A dén C 1a 4h45'. Biét quing duong
BC ngin hon quing duwong AB 1a 15km_ Tinh céc quing duong B BC.

Bai 3:

| y=x ()
a) V& do thiham s6 2

b) Tim gia tri cia Msao cho diém C(-2m)e(P)

Bai 4. Cho nita duong tron 0)
tron. Goi C 1a diém trén nita dudng tron sao cho cung CBbing cung
diém tly y trén cung CB(Dthge C va B) cactia AC-AD 4t tia BX theo th tw 6
EvaF,

a) Chitng minh tam gidc ABE vudng can.

b) Chtng minh FB® =FD.FA

) Chitng minh tv gidc CDFE  ngi tiép duoc
Bai5: V6i ®Y khong am . Tim gid tri nho nht cta biéu thic :
P =x- 2Jxy +3y- 2/x +2009,5

duwong kinh AB. Ké tiép tuyén BX véi nita duong
CAD 13 mot

DE 64
A _J;+l B = 1 + J; X-= \J'Ir; x =0
Bai 1.Cho hai bigu thte VX~ Lva Vx-1 x-1]2x+1(x#1
9
X =—
a) Tinh gia tri cia Akhi 4

b) Riit gon B

c) V6i X€INy3 x #1 hiy tim gia tri 16n nhat ctia biéu thitc P =A.B
Bai 2. Cho ba duomg thang &1 2%~ 17y =8,d,:15x+7y =82,
d,:(2m- 1)x- 2my =m+2
Tim céc gia tri caa M dé ba duong thang dong quy.

Bai 3.Mot t6 san xuat c6 ké hoach 1am 600san pham v&i ndng suat dy dinh. Sau khi
lam xong 400 san pham, t6 san xuat tang nang suat lao dong, moi ngay lam thém 10



san pham nén hoan thanh sém ké hoach 1 ngay. Héi theo ké hoach moi ngay t6 san
xuat phdi lam bao nhiéu san pham ?

(0)
1a tiép diém). Ké cat tuyén AMN yai

r
a) Chitng minh AB" =AM.AN
b) Goi H =AO N BC.Chiing minh AH.AO =AM.AN
(0)

. Qua Aké hai tiép tuyén ABva AC véi
(0)(m N)

Bai 4.Cho diém Anim ngoai duong tron

(0)(B,C ndm giita Ava

c) Poan thing AO cit dwong tron -~ “tai {- Chitng minh /13 tim dwong tron noi

tiép tam giac ABC

Bai 5. Cho ¥ 0 >0 h6a man ¥ =0-Tim gis tri nho nhat cia bigu thitc
2 3 6
Q=——+—+
X ¥y 3x+2y
PE 65
xx-1 xfx+1 2(4’" 2‘“[;““1) x>0
A= x-«.j';-x+\/; : x-1 x #1
Bai 1.Cho biéu thitc
a) Ratgon A
b) Tim X dé A<O
mx +y =5
D
Bai 2.Cho hé phuong trinh =%~ =
a) Giai hé () véi m =5
(1)

b) X4c dinh gi4 tri ctia M dé hé phuwong trinh
2x+3y =12

c6 nghiém duy nhat va théa man

Bai 3.Thang giéng hai t6 san xuat dugc 900 chi tiét may, thang hai do cai tién k§ thuat
t6 I viwgt miee 15%va t6 I virgt mite 10% so véi thang giéng, vi vay hai té da san xuét
dwoc 1010 chi tiét may. Hoi thang gién mdi t6 san xudt dwoc bao nhiéu chi tiét may ?
Bai 4. Cho nita duwong tron tdm O duong kinh ABva diém M bat ky trén nita dwong
M ypse ava B

tron . Trén ntta mit phidng bo AB chita ntva dwong tron ké tiép tuyén



AX.Tia BM cit AXtai I; tia phan giac ctia £IAM cét niva duong tron tai E | cét tia
BM tai F. Tia BE cit Axtai H, cit AM tai K

2 _
a) Chitng minh ring AEMB13 tt giac noi tiép va Al” =IM.MB
b) Chitng minh BAF [a tam gidc can
c) Chitng minh ring tit gidc AKFH 13 hinh thoi.
>
Bai 5.Cho cic s6 dvong *Y>Z théda man x+2y+32220.

J-ff‘.:;:{+y+z+E+£+i

thitc x 2y z

Tim gia tri nhé nhat cta biéu

PE 66
Bai 1: Giai hé phuong trinh :

2 1
) —+ =3
2x-5y=-1 x-1 y+1
D5x- 6y =4 N4 3
x-2 y+1

Bai 2 : Theo ké hoach hai t6 dugc giao san xudt 600 san pham tron mot thoi gian da
dinh.Do cai tién ki thuat nén t6 I da san xuat vuegt mitc ké hoach 18% va t6 IT san
xudt vieot mitc ké hoach 21%. Vi vay tronh cunhf mét thoi gian quy dinh hai t6 da
hoanh thanh vuot mitc 120 san pham . Tinh s6 san pham dugc giao ctia méi td theo ké
hoach.

Bai 3:
a) . parabol(P):y =2x*

(d )cét parabol(P)

b)Viét phwong trinh duong thing tai hai diém A va B ¢6 hoanh

dd lan lwotla -1va 2

(o; R)_Tﬁ» diém A nim ngoai duwong tron ké hai tiép tuyén
(0)(B,C

Bai4: Cho duong tron
AB;AC yai duong tron
0); DD ypsc B) auimg thang AD cat (O tai E(E ks

13 hai tiép diém ).Tir B ké duong thing song song

véi AC it D)



Chitng minh it gidc ABOC npi tiép.

. Chttng minh £CEA =ZBEC

a
_AR?
b. Ching minh AE.AD =AB
C
d. Gia st OA =3R.Tinh khodng cach giita hai duong thing AC va BD theo R.

Bai5: Giai phuong trinh: X +2018v2x" +1 =x+1+2018Vx" +x +2

PE 67
P = 1 + VX . Vx
Caul: Cho X-J; X—EJJ:+1 X—Z\j’x+1 (V61x>0,xaé1
a. Rt gon biéu thitc P
‘= 2
b. Tinh gié tri cia ) bigt 2~ V3.
P >1
c. Tim céc gia tri cia X dé 2

Cau2: Mot khu vuon hinh chit nhat c6 chu vi bing 72M-Néu tdng chiéu rong 1én
gap doi va chiéu dai 1én gdp ba thi chu vi ctia khu vedn méi 1a 194m. Hay tim chiéu
dai, chiéu rong ctia khu vuon da cho Iic ban dau.

3x-y=2m-1

1
X+2y=3m+2 1)

Cau 3 : Cho hé phuong trinh :
a. Giai hé phuong trinh da cho khi m =1

. 2 2
b. Tim M dé hé @ c6 cap nghiém (x,y ) duy nhat thoa man: X tY =5.

(d): y =(a- 2b)x+b.;

Cau4 Trong hé toa do Oxy, cho duong thang m 4D dg

(d) 4 qua A®2) . B(-4-3)
Cau 5 : Cho duong tron tim O duwong kinh AB. V& day cung CD vuéng géc véi

BC(E C),AE .,

AB tai I(1 nam gitta Ava 0) Lay diém E tren cung nho khac Bva cat

CDtai F.Chitng minh :



a. BEFH ]a it gidc noi tiép duwong tron.
b. IAIB =IC.ID vy AEAF =AC’

c. Khi E chay trén cun nhé BC thi tam dwong tron ngoai tiép ACEF uon thudc
mot duong thang c6 dinh.

Cau6: Cho 9-b.c.d.e>0 Ching minh :

a+b+c+d+ezﬁ(@+£+ﬁ+ﬁ)

PE 68

P = 1 + VX . Vx
Caul: Cho X-J; X—EJJ:+1 x-2¢'x+1 (V(’ﬁx>0,x¢1)

a) Ruit gon biéu thitc P-

2
X =
b) Tinh gi tri cta (P) pist 2443
P< 1
c) Tim c4c gid tri caa X dé 2

Cau2: Mot khu vuon hinh chit nhat c6 chu vi bing 72m-Néu ting chiéu rong 1én
gap ba va chiéu dai 1én gap doi thi chu vi ctia khu vieon méi 1a 172m-Hay tim chiéu
dai, chiéu rong ctia khu vuon da cho Iic ban dau.

3x-y=2m-1

1
X+2y=3m+2 0

Cau 3: Cho hé phuong trinh :
a) Giai hé phuong trinh da cho khi m =2
. 2 2
b) Tim M dé hé @ c6 cdp nghiém (y) duy nhat théa man: ¥ ¥ =13.

Caud Trong hé toa dd O cho dusng thang (407 ¥ =(a-2D)x+b.sa b 4

(d) 4 qua AG0) . B(-23)



Cau 5: Cho dwong tron tdm O duong kinh AB. V& day cung CD vuodng géc véi
AB tai K(K ndm gitta Ava 0) L4y diém M tren cung nhé BC(M khac Bva

C),AM cit CDtai N.Chtng minh :

a) BMNK 13 tit gidc noi tiép duwong tron.
by KAKB=KC.KD vy AM.AN =AC’

c) Khi M chay trén cun nhé BC thi tdm duwong tron ngoai tiép ACMN Judn thudc
mot duong thang co dinh.

Cau6: Cho @-b.c.d,e>0 Ching minh :
a+b+c+d+e Z\/E(\/E+\/E+\/E+\/E)
PE 69

Jx 3 +6J§-4

P = +
Bail: Cho biéu thic Vx-1 x4l x-1 g x=0x 41

a. Rdtgon P
b. Tim gia tricia X d&¢ P =-1
c. Sosanh P véil

Bai 2 : Giai bai toan bang cach 1ap phuong trinh hodc hé phwong trinh :

Mot xe khach va mot xe du lich khéi hanh dong thai tir A dén B.Biét van t6c clia xe
du lich 16n hon vén téc cta xe khach 1a 20km/h. Do d6 né dén B trudc xe khach 50
phit.Tinh van t6c ciia mbi xe,biét quing duong AB dai 100km.

_ 2
Bai3: Chohamss Y = véia#0cs dp thila Parabol (P)

a. Xéc dinh a biét P arabol (P) di qua diém A(-11)

_ 2
b. V& db thi ctia ham s6Y =9 véi a vira tim duge & trén

¢. Cho dudmg thing ()7 ¥ =2x+3.
sO a tim dwgc & cau a.

(d)_. (P) Si ho

Tim toa do giao ddiemr cua va voi

) . (@)

d. Tinh dienj tich tam gidc AOBv¢i Ava Bla giao diém caa  ’va



Bai4: Cho duong thing d va duong tron (O;R)khﬁng c6 diém chung.Ké OH
vudng géc voi duong thing d tai H-1ay diém M bat ky thuoc d .Qua M ké hai

tiép tuyén MA, MB gj duong tron (O;R). No6i ABcit OH,OM Jap lyge tai Kva |

a. Chitng minh 5 diém M,H,A,O,B cung thudc mot duong tron.

b. Chitng minh OK.OH=0OLOM.

c. Chitng minh khi M duy chuyén trén d thi duong thing AB di qua mot diém
coO dinh

d. Tim vi tri cia M dé dién tich tam giac OIK dat gia tri lo'n nhat.

X+3vVx-2
A=
Bai5: Tim gia tri nho nhat caa biéu thic X+dyx-2+1
PE 70

Jx +2 3 +20-2&

Bai 1: Cho hai biéu thic : X-5 ya NX+5 0 Xx-25 g
x>0, x #25

a. Tinh gia tri caa biéu thitc A khix =9

1
B =
b. Chirng minh Jx-5

c. Tim tat ca gia tri cia X dé A=Blx- 4

Bai 2: Hai voi nwdc chay chung vao méot bé thi sau 4h48' thi day bé .Biét lugng
nuéc voi I chady mot minh trong 1h20" bing lwong nwdc ctia voi I chdy mot minh
1

trong 30 phiit va thém 8 bé. Héi mdi voi chay riéng trong bao lau thi day bé.?

Bai3:

2\2- y+Jx+1=4

1. Giai hé phwong trinh J2- y-3J+1=-5

5> Cho parabol (P): y =x’ (d). y=mx+3

va duong thang
a. Chingto d luén cit P tai hai diém phan biét



b. Tim toa dd cic giao diém B cua p arabol (P) (d)khi

m =2.Tinh dién tich AAOB
c. Goi giao diém caa d va P1a Cva D.Tim m dé do dai doan thing CD né
nhat.

va duong thang

Bai4: Cho @)

(0).

duwomg kinh AB>-M 13 mot diém c6 dinh trén tiép tuyén tai A cia

MHK (H

V& tiép tuyén MC va cat tuyén nim gitta M va ¥ tia MK nam giita

MB, MO). Cac duong thing BH,BK ¢t dwong thing OM tai Eva F.

hai tia
a. Chitng minh ring t? gidc AMCO, 11 gidc MGKC va 1t gidc MCHE ng; tiép

b. Qua A ké duwong thing song song vai MK, cit (O)tai I,CI cgt MK tai N.
Chitng minh HN =NK

Bai5: Cho 9-D.¢dyong théa man @ +b+¢ =3. Tim GTNN ctia

_r 1 1
a+1 b*+1 c*+1
PE 71
Bail:
: =YX 1 (v >0)
1. Tinh gia tri ca biéu thitc 2 khi X =25
+2 1
B=—"r—"+ Vx + (x >0,x #1)
2. Ruit gon biéu thitc xWx-1 x+/x+1 1-x

B

3. Tim gi4 tri 16n nhét cta biéu thiic A
Bai 2 : Giai bai todn bang cach 1ap phwong trinh hoac hé phwong trinh:
Mot xe 6 t6 can chay quang duwong 80km trong thdi gian da dw dinh.Vi trdi mwa nén
mot phan tir quing dwdng dau xe phai chay cham hon vén t6c dy dinh 1a 15km/ hpep

quang duwong con lai xe phai chay nhanh hon van téc dy dinh 1a 10km/ h. Tinh thoi
gian dy dinh cta xe 0 t6 do?



3 1
+ =2
x+1 y+x-1
2 3 _c
(x+1 y+x-1

Bai 3: Giai hé phuong trinh sau

2 —
3. Cho phuong trinh X - MX*m- 1=0Q1)(m 14 tham s06)

a) Tim m dé phuong trinh c6 nghiém kép.Tim nghiém kép do
b) Tim m d& phuong trinh c6 hai nghiém phan biét *1*2 théa méan
x (x, +3)+x,(x, +3) =8

Bai 4 : Cho nita dudng tron tam ©: dwong kinh AB =2R.M 13 trung diém cua

OA,N 13 diém bat ky thudc nita duwong tron tim o khac Ava B)'du’c‘ing thang qua
N va vudng géc véi MN cét tiép tuyén tai A va B ctia nita duong tron tdm O lan luoc
tai Cva D.

1) Chitng minh tt gidc CAMN npi tiép
2) Chitng minh £CMD =90

Bai5: Cho X’yERth()a man Xty+xy =8.

Tim gia tri nhé nhat cda biéu thic
A=x"+y’
PE 72

. 2
Bai1l: Trong matphang toa do Oxy, cho parabol(p), y =X

(d):y=-x+2

va duong thang

(p),; (@)
(), (@

a) Tim toa do giao diém cua
b) Goi “*Bla hai giao diém cua .Tinh dién tich tam giac OAB.
Bai 2: Giai bai todn bang cach 1ap phwong trinh hoac hé phwong trinh:

Trong thang dau, hai t6 san xudt dugc 860 chi tiét may. Dén thang thit hai,td I vugt
mitc 157 T6 11 viugt mite 10%. Do d@6, than thw hai ca 2 t6 san xuat duge 964 chi tiét
may.Tinh s6 chi tiét may moi t6 da san xuat dugc trong thang dau.



Bai3: Cho duong tron tim O dwong kinh AB. Day CD vuéng géc véi ABtai E (E
nim giita A va O; E khong trung 4 khong tring O). Lay diém M thudc cung nhé BC
sao cho cung MBnhé hon cung MC.Day AM cit CDtai F-Tia BM cit duong thing

a) Chitng minh t¥ gidlc BMFE ngi tiép
b) Chttng minh BF vuéng géc v6i AK va EK.EF =EAEB

c) Tiép tuyén clia (O)tai M c4t tia KD+tai I Chiéng minh IK =IF
Bai 4. Vi cac s6 4-D,¢>0vy3 théaman a+b+c =1

a b C 1
>_

+ +
Chétng minh 1+9b"  1+9c* 1+9a” 2

PE 73
Bai 1.Chon cau dung nhat
1. Phuong trinh 2%~ Y =06 nghiém téng quét 13 -
AxeR,y=2x Bx=2y,yeR Cx=ly=2 Dx=0,yeR

2. Phuong trinh x-y=l c6 thé két hgp vGi phwowng trinh nao sau day dé dwgc hé
phuong trinh bac nhat hai an c6 vo s6 nghiém ?

A2x-2=-2y  B2x-2=2y C.2y =3- 2x D.y =1+x

4x +5y =3
“ s A1 A s 1A N x-3y =5
3. Cadp so0 nao sau day la nghiém cua hé phuwong trinh
A(2;1) B.(-2;-1) c.(2-1) D.(3;1)
{ax +3y =1
4. Heé phuong trinh x+by =-2 nhan cap so -2 3)121 nghiém khi :
A.a =4,b =0 B.a =0,b =4 C.a=2,b=2 D.a =-2,b=-2
2(x+3)- 3y =5
i- 2y =-1

Bai 2. Gii hé phuong trinh |2
(d):2x- 3y =-5_. (d,):3x +y =-2

(d),, (d,)

Bai 3.Cho duong thang

a) Tim toa do giao diém Acua



(d,)

Tim M dé duong thing

b) Viét phuong trinh duwong thing di qua Ava vudng goc véi

¢) Cho dutdng thang (4:)7y =(m+2)x+m.
cat nhau tai diém nam bén trai truc tung .

(d,),, (d,)

Bai 4. Tim mot s6 ¢6 hai chir s6 biét rang hiéu cua ba lan chit s6 hang chuc va hai lan
chit s6 hang don vi la 11. Néu doi cho chir s6 hang chuc va hang don vi cho nhau thi
sé duwgc sO m@i nho hon s6 cling la 18 don vi.

mx- 4y =10

{ g o

Bai 5. Cho hé phuong trinh : (X~ ™ =
Tim ™M dé hé phuong trinh @ nghiém duy nhat 6 ¥)sa0 cho Xva ¥ 1a do dai hai
canh ké ctia mot hinh chi nhat c6 dién tich bang 9>

PE 74
GIUA KY II YEN THE 2015 — 2016
Cau l.

1) Rut gon: \/§+\/ﬁ- \/%
2) Gidi cac phuong trinh sau :
a)3x*- 27 =0 b)0,3x* - 0,6x =0

— 2 9.
3) Do thi ham s6 =3x" 6 di qua diém M(-2;-12)

khong ? Vi sao ?

Cau 2.Hai t6 san xuat cung may mat loai quan do. Néu t6 thit nhat may trong 3 ngay,
t6 thit hai may trong 5 ngay thi ca hai t6 may dugc 1310 chiéc 4o. Biét ring trong mot
ngay, t6 thit nhat may dwgc nhidu hon t6 thi? hai 1a 10 chiéc 4o0. H6i méi t6 trong mot
ngay may dwgc bao nhiéu chiéc 4o ?

Jx+y

X=y

x=0;y =0

Wil
ey W

Cau 4. Cho tam giac ABC(AB < Ac)cé ba goc nhon ndi tiép trong dwdong tron tam O,
ban kinh R-Goi H 1a giao diém ctia ba duwdng cao AD->BE,CF cija tam giac ABC. V@
dwong kinh AK ctia duong tron (O)

+

. , e i X#Yy
Cau 3. Rut gon biéu thirc

1) Chitng minh ring £ABC =ZAKC



2) Chitng minh AABD = AAKC
3) Chiing minh AB.AC =2R.AD

PE 75
GIUA KY II TOAN 9 YEN THE

Cau 1. Gidi phvong trinh va hé phuong trinh

3x- 4y =11 ) ,
a b)5x° - 15 =0 c)dx- 5x° =0
5x- 6y =20
po_ 1 , 1 Na+1(a>0
Cau 2. Cho biéu thitc a-Ja a-1) 2Ja la#1

a) Rut gon biéu thice P
b) Tim ddé P<-1

Cau 3.
1) Mot khu vreon hinh chit nhat ¢ chu vi 46™ néu ting chidu dai 5Mva giam

chiéu rong 3M thi chiéu dai gap 4 lan chiéu rong. Hoi kich thwéc khu vieon do 1a
bao nhiéu ?

(x) =2x° f(-l),f(Z),f[-%],f(\/g)

2) Cho hamsg ¥ =1 “Tinh

(0),(0)

duong kinh AOC,AO'D.Goj E 13 giao diém thit hai ctia AC véi duong tron

cit nhau tai hai diém 4 B-Ké cac

(0)

Cau 4. Cho hai dwong tron bang nhau

a) So sanh cac cung nhé BC,BD
b) Chitng minh rang B 1a diém chinh gitta ctia cung EBD (titc 1a diém B chia cung
EBD thanh hai cung bang nhau : BE =BD)
DE 76
Cau 1.
1) Giai cac hé phuong trinh sau :
3x+y =3 X+2y =5
a ; b
2x-y =7 3x+4y =5



2 —
2) Gidi phuong trinh : 3x"- 4x+1=0

1-a\/5+\5. 1 ’
1-\/5 1+\/E

Cdu 2.Hai cong nhan cung son ctta cho mot cong trinh trong 4 ngay thi xong cong
viéc. Néu nguoi thi nhat lam m6t minh trong 9 ngay réi ngwoi thit hai dén cung lam
tiép trong 1 ngay ntta thi xong. Héi moi ngwdi lam mét minh thi bao 1au xong viéc ?

M = a=>0,a #1

3) Rut gon biéu thic

mx+y =5 (1)

Cdu 3.Cho hé phurong trinh {ZX -y =-2

(1)

Xac dinh gia tri ctia M dé hé phuong trinh  ”c6 nghiém duy nhét, khi d6 hay tim

nghiém duy nhat dé.
Céau 4.Cho ntta duong tron tam O duong kinh ABva diém M baét ky trén nita duong

tron (M #A,B) . Trén nira mét phing bo' AB chita nita dudng tron ké tiép tuyén Ax.
Tia BM cit AXtai I; tia phan giac ctia £IAM cét nira duong tron tai E, cét tia BM tai
Fitia BE cit Axtai H>cit AM tai K

2 _

1) Chitng minh rang : A" =IM.IB

2) Chitng minh BAF 13 tam gi4c can

3) Chitng minh ring t¢ gidc AKFH 13 hinh thoi.

Cdu 5.Tim gid tri nhé nhat cta biéu thic P =a- 2\Jab +3b- 2\/a +1
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Bai 1. Giai hé phuong trinh va phwong trinh :

x+y=5
a){ Y b)x* - 7x =8
x-2y=-4
Bai 2.
_ 2 .
1) Xéc dinh ham s6 ¥ =X~ Bigt db thj ham s3 di qua diém A%
:\/E_ 1 a-\/g_a+\/g a>0
2 2Ja || Ja+1 Ja-1]la=1

2) Cho biéu thitc



a) Rit gon B
b) Tim d dé B=-4

Bai 3.Chu vi cia mot tam giac bing 48¢m. Biét canh 16m nhat bing 29¢M. hai canh con
lai hon kém nhau 2 don vi. Tim d6 dai hai canh d6 .

(0),

cit nhau tai E-AE cit duwong tron tai D (khac diém A).

Bai 4.Cho tam gidc ABC ngi tiép duong tron

(0)

cac tiép tuyén tai B-C véi duong

tron

a) Chitng minh rang t giac OBEC noi tiép
b) Tir E ké duwong thing d song song vdi tiép tuyén tai Acta dwdng tron 0), 4

cit cac duomg thang AB> AC Jan luot tai P.Q Chitng minh rang
AC.AQ =AD.AE

c) Chitng minh rang EP =EQ

Bai 5. Biét a +b +c¢ =0v3 abc #0. Chitng minh ring :

R DR SRR
b>*+c’*-a*> c*+a*-b* a’*+b’-c?
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Bai 1.
x+y=3a-3

-2y =6

Cho hé phuong trinh {X (4 1a tham s)

1. Giai hé phwong trinh khi a =4

(x;y)

2. Tim 9 @€ hé phwong trinh c¢6 nghiém duy nhat sao cho :

a)x’ +3y+2 =0
b) M (x;y)

biém thudc duong phan giac goc phan tuw thu 11 ctia hé toa do .

Bai 2.Hai t6 san xuat cung may mot loai do. Néu t6 thit nhat may trong 3 ngay, to thi
hai may trong 5 ngay thi ca hai t6 may dwgc 1310 chiéc 4o. Biét ring tron mot ngay, to
thtt nhat may dwoc nhiéu hon t6 thit hai 10 chiéc 4o, hoi méi t6 trong mot ngdy may
dwgc bao nhiéu chiéc 4o ?



d:y=4x+2a+b,0

khong thé thude parabol &)

92
Bai 3. Cho parabol (P)y =-2x"; dwdng thing 1a gc toa do

M (m;m? +1)

2) Trong truong hgp (P)

3) Khi 2a+b =8,tim hai diém E-F twong tng thudc (P)Vé d sao cho do dai EF
ngan nhat.

1) Chitng minh diém véimoi M

va d tiép xdc nhau tai V- tinh do dai doan thing ON

x> -2(m-2)x+m+2=0(m

Bai 4.Cho phuong trinh ™ 1a tham sd)

1) Tim diéu kién ctia ™ dé phwong trinh c6 hai nghiém phan biét

X

2) Tim M dé phwong trinh c6 hai nghiém phan biét %2 théa man

3(x, +x,)+4xx, =5

Bai 5.Cho duong tron ©; R), t* diém A ndm ngoai duong tron ké hai tiép tuyén
AB, AC y6j dwong tron, B>C 1a hai tiép diém. Tir B ké dwong thing song song véi

AC it i b, Dkhic B. Buomg thing AD cat Qi E, E khéc D

— 2
1) Chttng minh t& gidc ABOC npi tiep va AE.AD =AB
2) Chitng minh £CEA =ZCEB

3) Gia stt O©A =3R.tinh khoang cach giita hai dwong thang AC>BD theo R
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x*- (m+3)x-5=0 1) (m

Bai 1.Cho phuong trinh la tham s0)

1) Chitng minh phuong trinh da cho luén ludén c6 hai nghiém trai dau

2) Tim ™M dé phwong trinh d cho c6 hai nghiém ***2 théa méan
a)x, €Z,x,€Z

b)3x, +4x, =-11
) Bigu thre @ 1 - x2‘dat gi4 tri nhé nhat
Bai 2.
1. Theo ké hoach hai t6 dugc giao sdn xuat 600 san pham trong mot thoi gian da

dinh. Do cai tién k§ thuat nén t6 I da san xuat vugt mitc ké hoach 18% va t6 11
san xudt virgt mitc ké hoach 21%.Vi vay trong cling thoi gian quy dinh hai t6 da



hoan thanh virgt mitc 120 san pham. Tinh s6 san pham dwoc giao cia moi t6
theo ké hoach.
x* - 8y’ =0
4 2 _
2. Gii hé phuong trinh ; (X - 80y" +96=0
ty =- x° . Yy =x -

Bai 3.Cho parabol )Y = X'\ duong thang 91 =X~ 2(P)
phan biét A B

cit d tai hai diém

1) Tinh d6 dai doan thing ABva dién tich tam giac ©AB-O13 gic toa do

2) Tim dde Y = X+ dcjt (P)tai hai diém phan biét > sao cho CD =AB

3) Tim tdm va tinh ban kinh dudng tron ngoai tiép tam giac OAB
Bai 4.Cho nita duomg tron OB duong kinh AB-K 13 diém chinh gifia cung AB.Trén
cung KB14ay mot diém M(M #K,B). Trén tia AM 14y diém N sao cho AN =BM.Kgé
day BP song song v@i KM, Q 1a giao diém ctia APv6i BM | E 1a giao diém caa BP va
AM

1) Chitng minh PQME la t¥ giac nai tiép

2) Chitng minh hai tam gidc AKN, BKM bing nhau va AM.BE =AN.AQ

3) Goi RS Ian luot 1a giao diém thit hai cta QA,QB v&i dudng tron ngoai tiép tam
giac OMP.Chitng minh khi M di dong trén cung KBthi trung diém I caa RS
ludn nam trén mot dwong co dinh

Bai 5.

9 9
1/9 - — =X~ [X-—
1) Giai phwong trinh X X

27(x%y + y’z+ 22 + xyz) <d(x + y +2)
2) Cho ba s6 dwong *Y>% Chitng minh (Xy yzrzXx XYZ) (x+y+z)

PE 89
Bai 1.

>
1) Tinh gi4 tri cta biéu thic 2 khi X =25



x =0

x #1

B = x+2 N \/; N 1
2) Rut gon biéu thitc xWx-1 x+dx+l 1-x
B

3) Tim gid tri 16n nhét ctia biéu thitc A

Bai 2. Gidi bao todn bdng cdch Idp hé phuong trinh

Mot xe 6 to can chay quang dudng 80km trong thoi gian da dinh, Vi trdi muwa
nén mot phan tw quang dwong dau xe phai chay cham hon van toc dy dinh 1a 15km/h
nén quang duwong con lai x phai chay nhanh hon van téc dy dinh 1a 10km/ h | Tinh thoi
gian du dinh cuta xe 0 t0 do

Bai 3.
3 N 1 —n
x+1 y+x-1
2 3 _c

1) Giai hé phuong trinh sau ; (X L y+x-1

2 —
2) Cho phuong trinh X =~ MX* M- 1=0 (1) (m 14 tham sd)

a) Tim M dé phwong trinh c6 hai nghiém kép. Tim nghiém kép d6
X,

b) Tim M dé phuwong trinh c6 hai nghiém phén biét v’ %2 théa méan

X, (x1 + 3)+ x,(x, +3) =8

Bai 4.Cho nira dudng tron tim O, duong kinh AB =2R.M 13 trung diém cta ©A N 13

diém bit k thude nira dudng tron tam O ( FAB)-psn o thine qua N va vudng goc

voi MN cjt tiép tuyén tai Ava B ctia nita dudng tron tam O lan lwot tai Cva D
1) Chttng minh tit gidc CAMN npi tiép
2) Chitng minh £CMD =90

Bai 5. Cho Y €Rinoa man XY X =By GTNN cga bigy thire A =X +Y°
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AVX+2 o 3 20-2Jx[x=0
Bai 1. Cho hai biéu thitc VX~ 5 va Jx+5  x-25 [x#25




a) Tinh gid tri biéu thic A khi X =9

a1
b) Chémg minh VX~ 5

c) Tim tat cd cac gia tri cha X dé A=Bx- 4

Bai 2.Hai voi nuwdc chdy chung vao mot bé thi sau 4h48'thi day bé. Biét lvgng nuéic
voi I chdy mot minh trong 1 gid 20 phtt bang lwong nuwdc voi II chdy 1 minh thém 30
1

phut va thém 8 bé. Héi méi voi chay riéng trong bao lau thi day bé ?

Bai 3.

22- y+x+1=4
\/2- y- 3Jx+1=-5
(d):y =mx+3

1) Giai hé phuong trinh

. — 2
2) Cho Parabol P*Y =X ya duimg thang
(P)

a) Ching té d ludn cit * ’tai hai diém phan biét

b) Tim toa do cac giao diém “* B cua parabol (P) va dwong thing (d )khi

m =2.Tinh dién tich AAOB

) Goi giao diém caa d va (P)lé C,D-Tim M dé do dai doan thing CDnhé nhat

Bai 4. Cho (O)du’c‘mg kinh AB-M 13 mot diém c6 dinh trén tiép tuyén tai Acta (O).
Vé tiép tuyén MC va cat tuyén MHK (H ndm gitta M va K; tia MK nim giita hai tia
MB, MO). Cac duwong thing BH, BK cit duong thing MO tai E.F

a) Ching minh ring t¢ gidc AMCO | ¢ giac MGKCva i giac MCHE npi tiép

b) Qua A ké duwong thing song song vai MK, cit (O)tai I, CI cit MK tai N.
Ching minh NH =NK
c) Chitng minh OFE =0OF

Bai 5. Cho 9-D:¢ duwong théa man @ +b+c =3.Tim GTNN cia
_ 111
a+1 b°+1 c*+1

PE 91



x>0
x #1

1 2

: J;+l+x-l

A= Y+l g
Bai 1. Cho biéu thirc ‘/; va

1) Tinh gia tri ctia A khi X =16

p=X"1

2) Chitng minh rang Jx
3) Tim X nguyén dé P =A: Bdat gia tri 16n nhat
Bai 2.

1) Gidi bai todn sau bdng cdch Idp phuong trinh hodc hé phuong trinh : Quang
duwomg Thanh Héa — Ha Noi dai 150km. Mgt 6 t6 tir Ha Noi vao Thanh Hoa,
nghi lai Thanh Héa 3 gid 15 phuit, roi tré vé Ha Noi, hét tat ca 10 gio. Tinh van
téc cia o t lic v&, biét ring van téc ldc di 1én hon van tc lic ve 1a 10km/ h

2) Mot hinh tru c6 béan kinh dudng tron day 1a 6¢™: chidu cao 9cm-Hay tinh dién
tich xung quanh cuaa hinh tru.

Bai 3.
7 45
x-1 y 13
5 3 13
2 22
1) Giai hé phwong trinh sau : x-1 'y 6
- 2(m-Dx+m’ - 3m+3=0 (1)

2
2) Cho phuong trinh X
a) Giai phwong trinh v6i M =3

b) Tim M dé phwong trinh @ 6 hai nghiém phan biét %2 théa man
xp+x0 =3(x, +x,)- 2

Bai 4. Cho nita duong tron (O), duong kinh AB.Lay M bat ky thudc nita dudng tron
(khong triing véi A,B) va C la diém chinh gitta cung AM-Goi D1a giao diém ctua AC
va BM;H |3 giao diém ctia AM va BC

1) Chitng minh t¢ gidc CHMD npj tiép
2) Chitng minh DA.DC =DB.DM

3) Goi Qi giao diém ctia DH va AB.Chitng minh khi diém M di chuyén trén

ntta dwong tron thi duwong tron ngoai tiép ACMQ lu6n di qua mot diém c6 dinh.



Bai 5. VGi 4-D.€1a cac s6 duong théa méan @b +bc =2ac. Tinh gia tri nhé nhét clia
_a+b Lt b

biéu thc : 2a-b 2c-b
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Cau 1.Giéi phuong trinh va hé phuvong trinh sau :

3x- 4y =11 | _
e b)5x* - 15 =0 c)4x - 5% =0
ox- 6y =20
P = 1 + 1 . 'JE+]_ a=0
Cau 2. Cho biéu thitc a-Ja Ja-1) 2Ja la#

a) Rut gon biéu thice P
b) Tim ddé P<-1

Cau 3.

1) Mot khu vueon hinh chit nhat c6 chu vi 46™néu ting chidu dai 5m va giam
chiéu rong 3Mthi chiéu dai gap 4 chiéu rong. Hoi kich thwéc khu viron do 1a
bao nhiéu ?

1
) CD:F@:fl-=|, f({3)
2) Cho ham s6 y=f&)=2x *Tinh f f f[ 2] f

(O)Vé © )cét nhau tai hai diém Ava B. Ké

(0)

Cau 4. Cho hai dwong tron bang nhau
cac duong kinh AQC, A0 D.Goj E 1a giao diém thi hai cia AC véi dwong tron

a) So sanh cac cung nhé BC,BD
b) Chitng minh rang B 1a diém chinh giita ctia cung EBD (ttc 1a diém B chia cung
EBD thanh hai cung bang nhau BE =BD)
PE 93

(P)y=-x (d):y=2x-3

2
va duong thang

(d)

Bai 1. Cho Parabol

a) Vé Parabol (P) va dwong thang * ”trén cung mot mat phang toa do



b) Tim toa do giao diém ctia (P)Vé ()
Bai 2. Hai t6 san xudt cung nhan chung dwgc mot don hang, néu hai té cing lam thi
sau 15 ngay sé xong. Tuy nhién, sau khi cting lam dugc 6 ngay, thi td I c6 viéc ban
phai chuyén cong viéc khac, do dé t6 II 1a 1 minh 24 ngay nita thi hoan thanh. Héi néu
lam mot minh thi méi t6 lam xong trong bao nhiéu ngay ?
Bai 3.Cho (OR)
MN(C,D 1500 triing véi M, N). A 1a diém chinh gitta cia cung nhé MN- Céc duong
thang AC> ADan luot cit (O) tai diém thi hai 1a E-F

, MN 1a day khéng di qua tAm. <> 14 hai diém bat ky thudc day

a) Ching minh LACD =ZAFE v3 ¢ gidac CDFE ngj tiép
2 _
b) Chitng minh AM~ =AC.AE
c) Ké duwong kinh AB.Goi I 1a tAm dwdng tron ngoai tiép tam giac MCE.Chirng
minh M1, Bthing hang.

Bai 4. Véi %Y:Z1a céc s6 thie duong thoa man ding thire % T Y2 +ZX =D

3x+3y+2z

\/E-(x +5)+J6(y +5 +Jz +5

Tim gia tri nhé nhat cda biéu thic
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Cau 1.

A:‘E'l

1) Tinh gi4 tri biéu thic : Vx+ Lgni x=

_\E +5 1 B x =0
2) Rt gon biéu thitc ;"-’ +1 J x #1

3) Tim X dé P =A.B 6 gia tri nguyén

Cau 2. Gidi cac hé phuong trinh sau :

3x-y=5 ) 2x+1-3Jy-2=5
X+2y = dfx+1+Jy-2=17




Cau 3. Gidi bai todn bdng cdch Idp hé phuvong trinh

Hai voi nwdc cung chdy vao mot bé khong cé nwéce thi sau 12 gid day bé, Néu nguoi ta
m& ca hai voi chdy trong 4 gio roi khoa lai va dé voi I chay tiép 14 gio nita thi mdéi day
bé. Tinh thoi gian moi voi chay mot minh day bé.

Cau 4. Cho duomg tron (O Fva dusng thang d khong c6 diém chung véi dudng tron.
Tir diém M thudc duong thing d ké hai tiép tuyén MA MB i dwong tron, Ha OH

vuong goc vai duong thing d tai H. N6i ABcit OH tai K, cit OM taj [.TiaOM

(O;R)

t

dwong tron tai E

a) Chitng minh AOBM 13 tit giac ndi tiép

b) Chitng minh OI.OM =OK.OH

c) Chitng minh E 14 tdm duong tron ndi tiép tam gidc MAB

d) Tim vi tri ctia M trén duong thing d dé dién tich tam giac OIK ¢4 dién tich 16n
nhat.

Céu 5. Cho hai 56 duong % théa man X +Y =1

l 2

X+ —
X

A=
Tim gid tri nhé nhat cta biéu thitc

+| y+—

y
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I.TRAC NGHIEM

Cau 1.Cho phuong trinh 2%~ ¥ = Phitong trinh nao sau dy két hop véi phuong
trinh da cho dé dwgc mot hé phwong trinh c6 vo s6 nghiém ?

Ax-y=5 B.-6x+3y =15 Cbx+15=3y  D.bx-15=3y

Cau 2.Trong cac ham s6 sau, ham s nao dong bién khi X <07

Ay =-2x By =-x+10 C.y z(ﬁ- 2):{2 D.y =-3x

—_ —_ 2
Céu 3.Cho ham s6 ¥ = (¥) 20X 4; a3 tham s6). Két luan ndo sau dy 13 ding ?

Anamss T dat gia tri 16n nhat bang Okhi a <0
) x<0khi a>0

B.Ham s6 nghich bién v&i moi



1) — a==
Cnen [ED = 7 72
D.Ham so f (X)dﬁng bién khi a>0

—9,2 —2y -
Cau 4.Trong mit phing toa do Oxy, db thi cic ham s§ ¥ =2X' 3 Y =3x 1c€'1t nhau

tai hai diém c6 hoanh do 1a :

L B.-1 1 C.1 L 1

Alyy 2 va 2 va 2 D.-1va 2
] inh X = 2x= m =044 nehiém khi

Cau 5.Phuong trinh c6 nghiém khi :

Amz=l Bm=-1 Cm=1 Dim =-1

Cau 6.Cho AABC dgu noi tiép dudng tron 0). S6 do cung ABnhé 1a :
A30° B.60° C.90° D.120¢

Cau 7. Mot hinh vudng c6 canh 6¢m thi dudng tron ngoai tiép hinh vudng c6 ban
kinh bang :

A Eﬁcm B.-J'Et.'m C. S\Ef:m D. wagcm

Cau 8. Ménh dé nao sau day sai ?

A. Hinh thang can noi tié€p dwgc mot dwong tron

B. Hai cung c6 s6 do bang nhau thi bang nhau

C. Hai cung bang nhau thi c6 s6 do bang nhau

D. Hai gbc ndi tiép bang nhau thi cung chan mot cung

IL.TU LUAN

2 —
Bai 1. Cho phuong trinh X - mx+m-1=0 ()

a) Gidi phuong trinh (1)V(’ﬁ m=-2

@)

c) Tim gi4 tri ctia M dé phwong trinh

A . D A0 A
ludn c6 nghiém “**2véi moi gia tri caa M

)

b) Ching t6 phuwong trinh
c6 1 nghiém bang 3. Tim nghiém con lai.

Bai 2.



y =L (p)
a) Vé do thi ham so

c(-2:m) (P)

b) Tim gia tri cia Msao cho diém thudc do thi
(P)

c) Tim toa do giao diém cua duwong thang y=x- D’Své parabol

(0)

duong kinh AB.Ké tiép tuyén BX véi nita duwong tron.
Goi C1a diém trén nira dudng tron sao cho en
CB(D #C,B). Céc tia A€ AD ¢4t tia BXtheo thi twla E-F

Bai 3. Cho ntra duong tron

=8, D1a mot digm tuy y trén cung

a) Ching minh tam gidc ABE vudng can

2 _
b) Chitng minh FB~ =FD.FA
c) Chtng minh t¢ gidc CDFE ngi tiép dugc

- 4]=8- ¥

Ce i A : xy =2+ x°
Bai 4. Gidi hé phuong trinh : '
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Cau 1 : phuong trinh x-3y =0 c6 nghiém tong quat la:

A(xeR;y =3x) B.(x =3y;y€R) C(xeR;y =3 ) D.(x =0;y€R)
Cau2: Capso (2;-3) la nghiém cua hé phwong trinh nao ?

- _ 3x _ _ _
A 2x+y =7 B. ?+y—0 Ox- 2y =6 D 2x- y =7

X-y=5 x-y=-1 '_2x+0y=l '_x+2y=-4

Cau 4 : Mot duong tron di qua ba dinh cia mét tam giac c6 ba canh 1a ©:8:10 Khi d6
ban kinh dwong tron nay bang ..............

—_ o, — 0
Cau 5 : Tit gidc ABCD npi tiép duong tron c6 <4 =4054B =60% i 46 2C- 2D

bang :
A30" B.20° C.120° D.140°



x+2y =1
2x-4y =5

Cau 6. Hé phuong trinh : c6 bao nhiéu nghiém ?
A. Vo nghiém B. Mot nghiém duy nhat C. Hai nghiém D. V0 s6 nghiem
II. TU LUAN :
Bai 1. Giai cac hé phvong trinh sau :
x+2y=5
_BX +4y =5

3x +y =3
|y 2)
2x-y =7

Bai 2 : Hai cong nhan cling 1am mdt cong viéc thi 6 ngay xong . Nhung néu ngudi
thit nhat lam 4 ngdy roi nghi, nguwdi thit hai 1am tiép 6 ngdy thi méi hoan thanh dugc
4

5 cong viéc . Héi néu lam mo6t minh méi ngwdi 1am xong cong viéc trong bao 1au?

Bai 3 : Cho nita dudng tron tim O duwong kinh AB. Goi > D thudc nita duong tron

AD).AD

(€ thudc cung cit BC tai H,AC cgt BD taji E. Chitng minh ring:

a)EH vudng goc voi AB

b)Vé tiép tuyén v6i duong tron tai - cit EH tai I- Ching minh ring : [1a trung
diém caa EH

PE 97
pof 1 , 1 Ja-2[a>0
Bai L. Chobisuthie |\ Va+2 a-2)" Ja laz4
P> 1
a) Rat gon P b) Tim cac gia tri caa 9 dé 3
9
Q=—P
c) Tim t4t ca cac gid tri cia 9 dé 4 6 gia tri nguyeén.

Bai 2. Gidi bai todn sau bdng cdch Idp phuong trinh hodc hé phvong trinh :



Mot trudng A c6 téng s6 gido vién 1a 80-hién tai tudi trung binh clia gido vién
la 35-Trong d6 tudi trung binh cta gido vién nit 1a 32 va tudi trung binh ctia gido vién
nam la 38. Hoi truong A c6 bao nhiéu giao vién nit va bao nhiéu giao vién nam ?

Bai 3.
3Jx- 4y =-8
2Jx+Jy =2

va duong thang

(d); (P)
(d")
cit (P) tai hai diém phan biét v&i moi m #4

(0). (0)

1a tiép diém). Ké duong kinh AOC va day ABvudng goc voi OM tai H

1) Gidi hé phuong trinh sau :

. _ 2 ) _
2) Cho parabol (P):y =2x (d):y=4x-2

a) Tim toa do tiép diém cuta

b) Viét phuong trinh duomg thing (¢ c6 ha s5 goc Mva di qua AL2)

(d")

Ching

minh

Bai 4.Cho duong tron
MA(A

Mot diem M nam ngoai dudng tron ’ké tiép tuyén

a) Chitng minh BC//OM vj tiy gidc AOBM ngi tiép duwong tron
b) Ké day CN cta duong tron (O)di qua H. Tia MN cjt (O) tai diém thit hai D-
2 _
Chitng minh MA” =MN.MD

) Giastt LAOB =120".Tinh do dai cung nho ABva dién tich hinh quat tron AOB
d) Ching minh : Ba diém B-©O:D thing hang

Bai 5. Cho céc s6 thue duwong *Y théa man : Coty- 1 =xy . Tim gia tri nhé nhat
P :i+ 5 1 >+ "{E
cia bieu thge XV X ¥y X*Y
PE 98
Bai 1. Cho céc biéu thic :
Jx +2 X 1 1 (x>0

B =

A= + +
B oy x4 k-2 Jxs2

A khi x =3- 22

x #4

1) Tinh gia tri cua biéu thitc



2) Rit gon B
p-A
3) Tim X théa man X-P <104x - 29- x- 25vsi B

Bai 2.Gidi bai todn bdng cdch Idp hé phuong trinh :

Mot ca n6 di xudi theo mot khiic song trong 3 gio roi di ngugce khic séng dé
trong 1 gi¢y thi dwge 190km. Mot Ian khéc, ciing trén khic séng ndy, ca nd di xudi dong
trong 2 gid va ngugc dong trong 3 gio thi dwge 227km. Hay tinh van téc riéng ciia ca
n6 va van toc ctia dong nwdc, biét van téc riéng ctia cano va van téc ctia dong nwéc &
hai Ian la nhw nhau.

Bai 3.
JX+1+ 1 =1
xX=y
Jx+1- 2 =4
1) Giai hé phwong trinh sau : ! X-Yy
Y =P A 2
2) Cho Parabol (P):y=x'y; duwong thing (@):y =@m+Dx-m*- m+2(m
tham s0)

(P)’(d)vfﬁ m =3
(d) (P)

biét v6i moi gia tri cia M Goi %213 hoanh db cta hai giao diém d6, im ™M
46 -3<x <x,<3

a) Tim toa do giao diém cua

b) Chitng minh rang dwong thang * ' ludn cat Parabol * “tai hai diém phan

Bai 4. Cho 3 diém 44 B.C ¢ dinh va thing hang theo thit ty d6. Mot dwong tron ©0)
thay déi nhung luén di qua B va C sao cho B-O-C khong thing hang. Tir A vé hai tiép

(0)(M,Ne(0) BC)

tuyén AM AN y6i dwong tron sao cho N thudc cung nhé

1) Ching minh tt gidc AMON 13 tit gi4c noi tiép
— 2
2) Chitng minh AB.AC =AN
(0)

3) Goi DIa trung diém ctia BC: duwong thing ND cit
minh ME / /AC

tai diém th hai E-Ching



4) Goi G-H theo thtt tiy 12 giao diém cta AC> AO-Chttng minh MN Juén di qua
mot diém c6 dinh va tam dwong tron ngoai tiép AOHG Juon ndm trén mot
duwong thang c6 dinh.

1 1
A= 5 +
Tin GTNN cta biéu thitc X +y Xy

Bai 5. Cho 7 >0y, X+ =L.

PE 99

I.Trac nghiém

. . 2X- y =b. NI AL i
Cau 1.Cho phuong trinh Phuong trinh nao sau day két hop v6i phuong
trinh da cho dugc mét hé phuwong trinh ¢6 vo s6 nghiém ?

Ax-y=5 B.- 6x+3y =15 C.bx+15=3y  D.6x-15=3y

. s ca e X<07?
Cdu 2. Trong cac ham so sau, ham so6 nao dong bién khi x<0

Ay =-2x B.y =-x+10 C.y :(\/5- 2)x2 D.y =/3x2

— _ 2
Céu 3.Cho ham s6 ¥ = (X) 20X (46 @13 tham s6). K&t luan nao sau day 1a ding

A Ham s6 | O dat i tri 16n nht béing 0 khi @ <0

B. Hams6 | (X)ngmch bién v6i moi X <Okhi a>0
1

-1)= a=
¢ neu [ CD=g © 72
D. Ham s5 | ) dong bien khi a>0

y :2X2Vf:l y =3x-1

Cdu 4.Trong mat phang toa do Oxy, do thi cac ham so cat nhau tai

hai diém c6 hoanh do 1a :
A.l&l B.-l&1 C.l&-l D.-l&-1
2 2 2 2
2 _
Céu 5.Phuong trinh X = 2X= M =0¢6 nghiem khi :

Am =1 Bm=>-1 Cm<l Dm<-1



(0)

Cau 6.Cho tam giac ABC deu noi tiép duong tron "S6 do cung AB nhd la :

A30° B.60° C.90° D.120°

Cdu 7.Mot hinh vudng c6 canh 6¢m thi dwdng tron ngoai tiép hinh vudng c6 ban kinh
bang:

A6\/§cm B.\/gcm C .3\/§cm D.2\/€cm
ILTy luan

2 —
Cho phuong trinh X =~ MX+m- 1=0 (@)

a) Giai phwong trinh (1) vgi m =-2

b) Chitng t6 phuong trinh (1) lun c6 hai nghiém *'*2véi moi gid tri cia M
c) Tim gid tri ctia M dé phwong trinh (1) c6 mot nghiém béng 3. Tim nghiém con
lai.
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x>0
X #9

A:N}q o x| x o 4x

Bai 1. Cho biéu thitc Jx gy Yx-3 Jx+3 x-9

a) Tinh gié tri caa biéu thitc Akhi X =16
b) Riit gon biéu thitc B

¢) Cho M =AB  hiy so sanh M va VM (v6i dieu kien VM 6 nghia)
Bai 2. Gidi bai todn bdng cdch Idp phuong trinh hodc hé phuong trinh :
Hai voi ciing chay vao mot bé khong chita nudce thi sau 6gid 40 phit sé day bé. Néu
chdy mot minh thi voi thit hai chady day bé nhanh hon voi thi nhat 1a 3gio. Héi mdi voi
chdy md6t minh thi sau bao lau sé day bé ?

Bai 3.

6/ x + 2 =\/x+y
3 2 1

+ N ==
1) Gidi hé phuong trinh : [NX*Y  Vx+2 2
(d)y =2mx - m2 +2m

(P):y =x’

2) Cho duong thang va parabol



cat Parabol (P)
(P)

2) Tim ™M dé duomg thing ()
b) Gid sir duomg thang (4
Tim M da Y1Y> = 10xx, - 9

tai hai diém phan biét

cat parabol * “tai hai diém A(Xl;y 1)Vé B(XZ; y 2).

(0)

Bai 4.Cho duong tron tim O duong kinh AB-Diém C bat ky trén nita dudng tron

(C yhic A, C khic B). Ké duong kinh CDcga (O ©)
tia AC,ADJan lugt tai M, N

Tiép tuyén tai Bcaa ~ ’cit cac
1) Chtng minh tit gisc CDNM npi tiép
2) Goi H 14 trung diém caa BN chitng minh O 1a tryc tam AMAH
3) Kéo dai MO ¢4t AH tai K. Chitng minh
a) OK.OM =0A"
EF
b) K thudc duong tron di qua 4 diém M-C,> D, N-Tinh ti s6 AB
Bai 5. Cho ba s6 thue 9> € théa mén dong thoi cac diu kién :
a<b<c,a+b+c =6,ab+bc+ca =9

a) Chitng minh rang 9> €1a hai nghiém ctia phwong trinh bac hai
x*-(6- b)x+(3B-b) =0
b) Chttng minh ring 0 <a<1<b<3<c<4



111Equation Chapter 1 Section 1DAP AN 82 BPE THI GIUA HQC KY II KHOI 9

MON TOAN
PE 01
Bai 1.
-2
2x-5y=-3 |*T 3 . =
= b)x” - 5x+6 =0 =
Sx+4y =-2 1 =
Y73
Bai 2.
(P),(d)

a) Hoc sinh ty vé
b) Ta c6 phwong trinh hoanh do giao diém :

: — —-
Y ix+4=0= x=4=y=-8
X=-2= y=- 2
Toadola (4-8)(-2-2)
Bai 3.
Goi X (gio) la thoi gian chay day cna voi I, y (gi0) 1a thoi gian chdy diy caa voi II
(x,y >1,5),1h30' =1,5h 15’ =%h,20f :%h
l + l :% X :E
b
YO el daem
1,117 s
Theo bai ta c6 hé : 4 3y 5 U0 2
Eh, Eh

Vayvoil: 4 voill: 2



Bai 4.

a) C6: LAEC =ZAFC =90" = AEFC |3 ¢ giac noi tiép

b) ZAKB =ZACF (cing chin AB). LAFC =2ABK =90°
= AABK - AFC(g.9)

¢) ZCAM =ZCFB (ciing chin €K)
= AFMC 3 1t gidc noi tiép = ZAFC =ZAMC =90° = CM L AK
Bai 5.
a’ 2b* 3¢*
= + +
a-1 b-1 c-1
a’-1+1 2b°-2+2 3c¢*-3+3
= + +
a-1 b-1 c-1

u::;+l+—l
a+1

= + (c- 1)+ —

c-1

- P 32\{(::- 1).L +2J2(b- 1).i +2\/3(c- 1).i +12 =24
a-1 b-1 c-1

2(b+1)+i
b+1

+3 +12

= MinP =24 < a=b=c =2
PE 02



L.TRAC NGHIEM

1B 2D 3C 4.5cm 5B 6B
I.TU LUAN
Bai 1.
3x+y =3 5x =10 x =2
1) = =
2x-y=7 y=2x-7 y=-3
x42y=5 [-2x-dy=-10 |¥77° x=-5
= = 5-x <
3x+4y=>5 3x+4y =5 y= 5 ¥ =5

Bai 2.Goi Y 1a s6 ngay médi doi 1am 1 minh xong cong viéc (x,y >6)

Theo bai ta co hé :

1 1 1

—=_ i

x y b x =10

& (tm)

4,64 W=b

X ¥y 5
Vay nguoi 1: 10 ngay, nguoi 2: 15 ngay.
Bai 3.



[O;@] = AABC
a) AABCpoi tiép vuéng tai C= AC LBC

0:2% |~ ap

AADB npi tiép

—I 7l
AEAB g ; AD L EB,BC L AE,AD 0 BC =| H|
Nén H 13 tryc tam AAEB = EH 1 AB

b) C6 ZIDA =/DAB (ciing chan AD) @)

EH | AB= /DBA+ /E, =90°

AEHD yyong ai p= £EHD +ZE, =90" = /DBA =/EHD(2)
Tit (1) va (2)= £IDA=/EHD= AIHD can tai [ = ID =IH

Lai c6 - ZIDA+ ZIDE =90°, ZEHD + ZE, =90° ma ZIDA =/EHD

= ZIDE =ZE = AIED can tai [ = IE =ID
Ma ID =IH = IE =IH = 113 qrung diém EH
PE 03

I.Trac nghiém

1D 2B 3A 4C

IL.Ty luan

Bai 1.

2x+y =3 o

vuong tai D= AD L BD

x =3

a
) b

Xx-y=6

3x-2y=2 ([3x-2y=2 x =0
— —

-dx+2y =-2 y=

2x-y=1
Bai 2.

a) Hoc sinh ty vé (P)
X, =-2ey, zé(- 2)2 =2= A(- 2;2)



ZACD =sd HTB;ZDCB ZSJETD

0D 13 diém chinh gitta cung AB= ba=Bp ma
= £DCB =ZACD = DC 3 phan giac cia £ACB

/MBI =X sd RE, /MDI =1 sdBC
*Ta cé: 2 2
Ma AE =EC = MBI =/MDI , ma 2 goc trén cing nhin MI = DMIBI; tit gidc ndi
tiép
o, AED =ZDEI (WD =BB), ~aDI =EDI(UE =BC)

da CO.
_ [AE=EI _
= AADE =AIDE  |AD =DI la trung trc cia Al = AI L DE
1 1
ZACD =/ABD =—sdAD ~ ZABD =/DIM :EsdEJM

*Ta co: 2 ma

PE 05

Cau 1.



) '3x-y=5 {'x=2

—
.X+2_}|a' =4 };‘ =1

2)x? - Tx+6=0o

X =

3)y =ax’ A(-2;3)= a(-2) =3=a :%

Cau 2.
D 6 nghiom X =2 2°- 2- m+1 =0 m=3

2)x° - x-m+1=0

qua

o A=0o1+4(m-1) =0 m=>
Phuong trinh c6 nghiém kép 4

1
X =—

Khi dé 2
Cau 3.

Goi Y14 s6 ngdy hai cong nhan lam (xy>4)

Theo bai ta co hé :

1 1 1

—+ — =— '

x y 4 x =8
71 g(tm
_+_:1 _}"

X Yy

Vay nguoi thi nhat : 8 ngay, ngudi thit hai : 8 ngay.
Cau 4.



K
1)ZCEH + ZHDC =180" = CEHD la t gidc ndi tiép
2)ZADC =/ABK =50 ; LACD =ZAKB (ciing chén cung AB)

= ADCA- ABKA(g - g) = = =22
AK ~ AB = AC.AB=AK.AD
AB _IC
3)a)c/mABAK - AICK (9 9)= 5K ~1x
L AC By AB_IC),
Cim ACAK — AIBK (g.g) CK IK 'my BK IK

AK AB BC
Cong “va CK BK IK

e(m+4))x +m>+2m-1=0

Cau 5. Do %013 nghiém cta phuwong trinh X nén ton tai M

ge %5 - (m+4)x, +m’ +2m - 1=0
3 2
= m +(2- Xﬂ)m"'xa - 4x, - 1cé nghiém
= (2- %) - 4(x - 4x,- 1) 20
& -3x; +12x, +8=0
L 62 6+
3

<x, <

PE 06
Bai 1.



x+24x-10 1 x-2[x=0
x-\/;-B \/;+2 \E-B x #9
x#2Jx- 10 Yx+3- (Vx- 2)(Wx +2)
B (Vx +2)(Jx - 3)

_x+fx-7-x+4 _ Jx-3 1

T 2)(x-3) (x+2)Wx-3) Jx+2
b)x =9 - 45 a/(d%- 2) = Jx =5-2

a)A =

1 5
e = =
J5-2+2 5
c)A —lca #—lz x +2 =3< x =l(tmdk)
3 Jx+2 3
Bai 2 | |
2x+y=-14 =3
m=-4,hpt¢>[ * y—S = [x_ N
a) Khi X=y= Y=

{Zxﬂs =3m- 2 [Sx =3m +3 {x =m+1
— —
b) X-y=b y=m-4
x+y=13o m+l+m-4=13= m=8
Bai 3.

y=Xx-D5

x =0

x=-8

x*+8x=0<
1)Khi ™ =~ 3: phirong trinh thanh
2) x*-2(m-1)x-m-3=00)
A'=(m-1Y -(-m-3)=m’- m+4>0
Nén phuong trinh ludn c6 hai nghiém phan biét véi moi M
X, +x, =2m- 2

3) Ap dung dinh 1§ Vi- €t ta co: [xlxz =m-3



X +x =8 (x +x,) - 2xx, =8
m =1
o (2m-2) +2m+6=8o 4m’ - 6m+2 =0 = 1
m =—
2
Bai 4.

C 0 B
1) Xét tit gide ACMD ¢6; ZDMA =2/DCA =90 ZBMA =/DCAiing chin AD
= ACMD]3 tit giac ndi tiép
Xét tif gidgc BCKM ¢ £BKM + ZBCK =90° +90° =180’
= BCKM 13 ¢ giac noi tiép
2) Xét AMABM o6 ZA + B+ ZAMD =180° > /A + /B =90"(1)
6t AAKC o 2K, + ZA + ZKCA =180" = ZK, + ZA =90°(2)
T V@)= £B =2K, /KA =~BCD =90°

— ACKA— ACBD(g.g)= X =4 _ ck B =CACB
CB CD

4) Lay E d6i xting v6i B qua C thi E ¢6 dinh va £EDC =£BDC
Lai c6 £BDC =£CAK (cing phy voi <B) & £EDC =ZCAK
Do d6 AKDE 3 tit giac ndi tiép



Goi O'la tam duong tron ngoai tiép AAKD thi O'ciing 1a tam dwong tron ngoai tiép
AKDE = O'A=0'E = O’€trung tryc cia AE ¢6 dinh

PE 07
C;?u_l 1. |
2x-y:-3ﬁ x =1 b)x* - 5x +6 =0 & x =3
Sx+y =10 y=5 x=2
Cau 2.
a) Hoc sinh ty vé (P)Vé (d)

b) Ta c6 phwong trinh hoanh do giao diém :

X +x-2=0e x=1=>y=1
x=-2=y=4
(1;-1,(-2-4)

Vay toa do giao diém
Cau 3.

Goi "M 13 chizu dai, Y ™ 1a chiu rong
Theo bai ta c6 hé phuong trinh :

(x+20)(y-1)=xy - x+20y =20 ['x =100
— —
_(x- 10)(y +1) =xy +30 x-10y =40 y =6

Vay chiéu dai :109m, chigu réng : 6m
Cau 4.

(x>10,y>1)

(tm)




(0)= OA 1L MA= ZOAM =90°

a) Ta co: MAla tiép tuyén clia
MBI3 tidp tuyén ctia (0)= OB L MB= ZOBM =90
= ZOAM + ZOBM =180° = MAOB; t¢ gidc néi tiép
b) Xét AIBAva AIFB6: ZBIA chung, £IAB =ZIBF (cling chin BF)
B IA

- — =—_= IB* =JF.IA(1)
— AIBA— AIFB IF IB

AE//MB (gt)= ZIMF =/FAM (ciing chin
ZIMF =ZFAM = AIMF — AIAM M _IA

- - - - =9 T = IM?=IAIF(2)
Tir (1) va (2) suy ra IB* =IM*= IB=IM
Cau 5. Ta co:
2(x- y) +16xy 2(x*- 2xy + y*) +16xy

X+ _}) - X+ _},-
2% - Axy+2y° +16xy _ 2x° +2y° +12xy

Xty X+y

UF)

c) Taco:

A=




22X +2y" +34xy  2x +2y° +3
X+y X+

(do 4xy =1)

2|/Gery) - 2%y 43 p(x+y) - dxy+3

X+y X+y
2(x+y) -1+3 2(x+y) +2 2“x+yf+4 '
— = = :2 (X+y)+
X+y X+y X+y | X+y
EZJ(J{ +y).L =2(Co- si)= A=2|(x+y)+ =4
X+y X+y]
MinA =4 x =y zl
Vay 2
DPE 08
Cau 1. |
=0 2x- 3y =11
DX -6x=0 | 73 IO AN o 17
x =6 -4x +6y =5
=2
x> - 9 =0 & x? =9 x =43 X -5x+6=00 (x-2)x-3)=0o | _
Cau 2.

X*+2x+m=0 (@) A'=l-m
1) Phwong trinh (1) c6 nghiém < A'=0 < m =1
.Xl +x, =-2

2) Ap dung Vi et : [xlxz —-m

Cau 3.

Goi *7Y Ian luot 14 s6 ngay doi I>4f 1am xong
Theo bai ta c6 hé phuong trinh :

(x,yeIN*,x,y >16)

1,121

x y 16 x =48
ﬂ (tm)

E+3_1 y =24

x y 4

Vay doi I: 48 ngay, doi II: 24 ngay
Cau 4.



C

H
F

1) Vi ZADH =ZAEH =90° = ZADH + ZAEH =180° = ADHE 13 ¢ gidc noi
tiép
M3 £B + ZCED =180° = CEDB noi tiép
Chitng minh twong ty : CKABIa ttt giac ngi tiép = £ABC =ZCKF
Cau 5.

fG)ix-1),(x+1)= fQ)=0,f(-1)=0

m+n-2-m-2n+4m=0 4m- n=2 m:i
= = = 2

-m+n- 2+m+2n+4m =0 4m+3m =2 =0
PE 09 |
Bai 1. | |

ox+2y =12 7x =14 x=2

— —
2x- 2y =2 2.2-2y= y=1
X =-

b)2x* +5x+3=0<

Bai 2.
a) Hoc sinh ty vé (P)



c-2me(P)= (-Z)Z.ézmm m=2

Bai 3.
Goi Y 1an lugt 1a s6 do 6 1, 6 2 may dugc (x,ye H*,x >10)
3x + 5y =1310 =170
X+5y o | (tm)
x-y =10 y =160

Theo bai ta c6 hé phuong trinh *
Vay t6 1: 170 chiéc do, t6 2: 160 chiéc ao
Bai 4.

2) Ta c6: ZAEH =90° y3 ZAFH =90°
Do d6 £AEH + ZAFH =180" = AEHF |3 ti7 giac noi tiép
Ta lai c6 €AEB =£ADB =90 = E, D ¢yng nhin canh AB duéi 1 goc vudng
= AEDB]3 tit giac ndi tiép

b) Ta c6: LACK =90 (gbc ndi tiép chdn nira dudng tron)

2 tam giac vudng ADBva ACK c4: ZABD =ZAKC (cung chin Ac)

= AABD - AAKC(g.9)
= Ezﬁﬂ AB.AC =AK.AD = AB.AC =2R.AD

AK AC

c) Vé tiép tuyén Ytai C clia (O). Ta c6: OC 10X (1)
Mit khac, AEDB ngi tiép = ZABC =ZDEC
Ma ZABC =/ACx pang ZACx =/DEC= Cx//DE  (2)

T (1) va (2) suy ra OC L DE



Bai 5.

Pt Vx =a,[y =bygi a.b =0, cg:

P =a” - 2ab+3b* - 2a +2009,5

=a’ - 2(b+1)a+3b* +2009,5

=a* - 2(b+1a+(b+1) +2b> - 2b +2008,5
=(a-b-1) +2(b*- b)+2008,5

/ 2

1

—(a-b-1Y +2|b- > +20008 >2008
9
J{:Z
= P =2008 < 1
Y7
PE 10
Bai 1.
(x'-1 41 X(l- xz)z
a) + X - X|i—
x-1 x+1 x -2
(x4 (x-1) X "2 X -2

x(1- xY @ +x) T X

6+242-2 2242
b)x =6+ 242 (tm)=> A= =
pebraEm J6+242  3+42

Bai 2.

Goi x(km)lé quang duong AB (x>15)=
X ,x-15 19

Theo bai ta c6 phuong trinh: 40 30 4

- 3x +4x- 60 _570 o x =90(tm)
120 120

Vay AB =90km, BC =75km
Bai 3.
a) Hoc sinh ti vé do thi

b)
Bai 4.

—(x* +2x +1)(x* - 2x +1). X

‘-2

c(-2me(P)= %.(-2)2 —m o m=2

x(1- xY (1 +x)

quang du’(‘jng BC:x- 15’

4h45' zgh
4



A o) B
2) Ta co: CA=CBGD) 5 sd€A =sdB =180 : 2 =90°

1 1
/CAB ==sdEB =—90° =45° .
2 2 (do ZCABI3 géc ndi tiép chin AB)= ZE =45

AABE 4 ZABE =90° (tinh chat tiép tuyén) va £CAB =£E =45" = AABE yypng can

tai B
b) Xét AAFBvy ABFD c4: ZABF =~-BDF =90°, ~AFB chung

= AAFB- ABFD(g.g)
= AF 2%2 FAFD =FB*

FB ~FD
/CDA =~sdBa =L o0 =45°
c) Taco: 2 2

= ZCDF + ZCDA =180" = ZCDF =180" - ZCDA =180" - 45" =135°
Tt gidc CDFE g £CDF + ZCEF =135" +45° =180" = CDFE |3 ¢ gic noi tiép

Bai 5. bit Vx =a,\[y =b,a,b =0 12 co:
P =a* - 2ab +3b° - 2a+2009,5



=a’ - 2(b +1)a + 3b* +2009,5
=a’*-2(b+1)a+(b+1) +2b* - 2b+2008,5

- 2
b-—| +2008 =2008

—(a-b-1)+2

Il
| wa

= MinP =2008 < (tmdk)

| = o

S Na M=

=
I

P =2008 =

|
Bl O

b
Il

Vay



PE 11

Cau 1.

_'J;+x+ '-J;-x+ x=0
QA= T

Wx(Wx+1)  |]-Vx(x-1)
S e +1 N +1| =(1+ /% )(1- Vx) =1- x
byx =J4- 248 = [(VB- 1) =3- 12 A=1- B+1=2-
Cau 2.

a) Hoc sinh ty vé (P)
ct-2me(P)= (-Z)Z.ézmm m=2

Cau 3.
&
Goi ©YIan lwot 1a s6 40 t6 1, t6 2 may dugc (x,yEH ,x>10)
3x+ 5y =1310 =170
X+5y o 1% (tm)
x-y =10 y =160

Theo bai ta c6 hé phuong trinh *
Vay t6 1: 170 chiéc do, t6 2: 160 chiéc ao
Cau 4.



MI L AB(gt)= #BIM =90°

a)Vi
vi MH LBC(gt)= ZBHM =90’
Ta c6 ZBIM + ZBHM =90° +90° =180°
180°%)

Suy ra t¢ giac ndi tiép(tt giac c6 tong hai goc doi dién bang
b) Vi tit gidc BIMH Noi tiép(c mt).suy ra £MIH =/MBH (1)

bang goc noi ti€p cung chan mdt cung)(2).

Goc tao bdi tia tiép tuyén va day cung
Chting minh twong tu cu a ta 6 & gidc CKMH npi tiép. £MCK =/MHK (3)
1 D,(2) ; B)= ZMIH =/MHK (4)

Chttng minh twong tu ta c6 : £MKH =ZMHI (5)
iy @), (6)= AMIH —~ AMHK (g.9)

_ MH _MI

va _ M -

MK ~MH hay MH® =ML.MK (gpcm)
¢) Chitng minh: ZMHK =/MCK =ZMBC
Chitng minh: £IHM =ZIBM =/MCB
Suy ra ZMHK + ZIHM =/MBC +ZMCB



Suy ra : ZBMC + ZMHK + ZIHM =2BMC + ZMBC + ZMCB =180° (Tgng 3Goc
MBC) gy, ZPMQ+ ZPHQ =180°

trong tam giac

Suy ra t giac PHQ ndi tiép(t gidc cb tong hai goc doi dién bang 180°)
.~ ab
P=|x+—|+a+b
Caub5: X
x+ 2 > fab

Chittng minh: X

P>2ab +a+b =(1||IH+JE)Z
Suy ra |

x=22 e x=ab
b

Déu : “=” xay ra khi va chi khi (X¥>0

(a+JB) = x=Jab

Vay gia tri nhé nhat caa biéu thitc P La:

PE 12
Bai 1.
x>0
a)Q = J; + 1 : 1 + 2 x>
Jx-1 x-dx | [x+1 x-1)|x#1

R S I T ST
Je(x-1) (V- )x+1) Ve(Wx-1)  Jx+r U
b)x =3- 232 = Jx =2 - 1(tmdk)

3- 242 +1
Q="
Q=7 V2
-,/;+2 2
c}Q>2:~szax+1:»2(=x-2,ji+1=(«.#x-1) >0
X
. x>0, x #1)

(dung vGi moi

Bai 2.
Goi X1 thoi gian du dinh, Y 1a quing duwong AB (x,y>0)
Theo bai ta c6 hé phuong trinh:



35(x+2) =y
—
50(x- )=y

x=8

¥ _350™)

Vay AB =350km, thgj gian dy dinh: 8 gio.
Bai 3.

a) Ta cé: ZAHE =90"(AB L MN ), ZAKE =90’ (g6c noi ti€p chan ntra duwong
tron)= ZAHE + ZAKE =90" + 90" =180
= AHKE ]3 it giac ndi tiép

b) Xét ACAE 3 ACHK cg; ZCchung, ZEAC =ZEHK
vay ACAE = ACHK(g - g)

c) Do AM LMN = B3 diém chinh giita cung MN = ZMKB=£NKB (1)
Lai c6: BK / /NF (cing - AC)= £NKB =/KNF 2)
ZMKB =/MFN (3)
Tit (1), (2), 3)= £MFN =ZKNF
= /KFN =/KNF = AKNF c3p
Bai 4.
A=n*+20 +1- 0?2 =(n? +1) - 0?2 =(n? +1- n)(n® +1+n)

Tace: M +1+1>0 13 A>0= n*+1-n>0y3 n* +1- n<n®+1+n

Br)

(ctng chan



2 2
P& A nguyén t6 thi 1 trong 2 wge 1= W+ 1+ N5,

n“+1-n=1= n=0,n=1

n =1= A=3]3 s6 nguyén t6

n =0= A =lkhong phai la s6 nguyén t&
PE 13

I.Trac nghiém

1C 2D 3C 4A

ILTy luan
Cau 5.

1, x| WX

_ : 0
9) J;+J;+l x+\|';(x} )

_ x+1+x \E(“EH)_:H X +1
Cr(Wx ) T Wk

4+Jz_1+l 7
byx =4(tmdk)= P = ==
)x =4(tmdk) NZE
C}ngq%;{”:%: 3x+ Wx +3 =13Jx
J;:S X:9
o 3x-10Jx+3=0< J_:lq x:l(fm}
3 9
xe{g;l} PZg
Vay 9 thi 3

Cau 6.
Goi %lé sO can tim (a>b>0,a,b€N*)
THeo bai ta c6 hé :

a-b=5 a-b=5 a=8
{_ab =(a+b)7+6 [_3.::; - 6b=6 ’_b =3
Vay s6 can tim la 83.
Cau 7.

(tm)



E

a) D& thay <DEC =90°, ZBAC =90’
= /BAC + /BEC =180° = ABED1; giac noi tiép

b) D& dang chitng minh duge AICBIa tit gidc noi tigp — <D 4G,

= /B, =ZE, (2)
Tt giac IDEC ni tiép nen <E2 =< ®)
1y V,(2),3)= ZE =/E,= ED

Tt gidc ABED ngi tiép

1a tia phan gidc cia ZAEI
¢) P& EAla tiép tuyén cia duong tron dudng kinh CDhi <1 =<CM)
Ma tir giac ABED npi tiép nén LE =/B, (2)

Tir (1) va (2) suy ra £C =ZBima ZBAD chyng = AABD = AMCB(g.9)
_, AB _AD _ ,p_ AB’

AC AB

tan (ABC ) ="= _..f_ Ab
Theo bai ra ta co: AC T

AD —AB

Tw (1) va (2) suy ra 2

ap =28

Vay V2 thi EALa tiép tuyén cta duong tron duong kinh €D
Cau 8. Ta co:



2 2 2 2 2 2

1_ x(2y) <X thy Xy +dy (bdtcosi)
M 202 +y?) 4l +y?) 4l +y?)
1 3y 1 3y’ 3

1
=—+ <— 4 =—+—
4 4(x? +y ) 4 4(4}22 +y2j 4 20

= 1"\«1155:;:{i =ga x =2y = MinM =Ea x =2y
M 5 2

_2
5

PE 14

Bai 1.

Dx=7+43 =(2+B) = Jx =2+.3
CJx+1 2+434+1 3+43

“Jx-2 2+ B-2 B3 =341
VR (Wx- 2) +(1- Vx)(x +1)- Vx- 4
B (Vx +1)(Vx - 2)

_x-2x+l-x-x-4_  -3/x-3 3
WVx+)Wx-2)  (Wx+)(Wx-2) 2-x

3 .J;-ZH-::[]«:- 3 +J;+l-=:
2-\/; J;+l J;+l J;+l
= -2+J;-=:D:> x<4

Két hop dieu kién = 0 =x<4thj P<-1
Bai 2.

A

2)B

0

<1
A

Goi @b 1a s can im © <@:b<10,a,b€ N*)
Theo bai ta co hé :
[a+b=9 {a+b:9 [ﬁz?

_ _ = = (tm)
ab =2ba +18 8a - 19b =18 b=2

Vay s6 can tim 1a 72
Bai 3.

D2x2+(2- V3)x- 3 =0



Phuong trinh c6 dang 4~ b+c=2- 2+ V3- 43 =0nén c6 hai nghiém
2) Ta c6 phuong trinh hoanh d6 giao diém :

|

—x"+mx-2=001) , _

> ’ A=m’+4>0= (d )luﬁn cat (P) tai hai diém phan biét
Alx;y,),B(x,;y,)

Ta co vai 0%y nghiém cta (1), theo Vi — et ta co:
X +Xx, =-2m ' '
Lo = Al x;=x’|,B xz;le
xx, =-4 2 2
> ]- 4 2 ]- 4
OA =[x +—x;,0B = [x; +—x;
4 4
1 1| 2 1 4 . 2 1 4
Sonn =EDA.DB :E\/ X+ Exl X, +Hx2

1 1 1 1
=E\I(xlx2 ) + xf.zx;_‘ + foxf + E(xlxz )

1 1 1
=E\](xlx2)2 +fox§ (x + x§)+E(xlx2)i

:%J(- 4y + %.(- 4y [ (x, +x, ) - lexz] + %_(-4)‘

=é\llﬁ+4[(-2m)2 S 2.(- 4)] +16

%Ja(amz +8)+32 :%Jlﬁmz +64 %.Jﬁ —4o m=0

Vay Sow =4 m =0




Bai 4.

1) Vi £MDC + £MIC =90" + 90" =180" = MDIC |3 ¢ giac ni tiép
2) MDCI 13 ¢t gidc noi tiep =~ <MID =£MCD()
AABC vubng can = £ABD =45 = AABD ciing vudng can
= /BAD =45° = ZBAD =/DAC =45 = AD|; phan gidc <BAC
= ABAC can tai A c6 ADphan gic nén ciing 1a dwong trung truc = MB =MC
= /MBD =/MCD(2)
Tir (1) va (2) suy ra ZMID =/MBD =/MBC (dfcm)
3) Taco: HK 1 ID= ZHAI + ZIKH =180 = AHKI ) ¢ giac noi tiép
Ma AHMI ciing noi tiép nén A H. K. M. T thygec mot dwong tron
= AMKI 13 tit giac ndi tiép = ZAMK =90 - ZHAM =45
Lai ¢6 : £DIC =/DMC =ZBMD (MD 1a trung tryc ctia )
= /HMA + Z/HMB + ZAMK =/AMB + #BMD + ~HMA =ZAMD =18("
= ZBMK =180° = B,M,K thang hang.
Bai 5.
a b ¢ a b
-+ ___ = +__ _4+__
b ¢ a ab bc ac

(Hz +b’ +C2)2 (ab +bc +ca)
> >

~ ab+bc+ca  ab+bc+ac
Diau " ="xdy ra © a =b =c
PE 15

Cau 1.

=ab+bc+ca



Ny =ax’ ., AG1D= a(-1) =1= a =1
x =0
x=2

x=-1

q
2)a)x® - 2x =0 =

b)x’ +3x+2 =0 <

x==2

1 +l:5-x
x=-2 X -

c) (x #2)= 1+x- 2=5- x = x =3(tm)

Can 2.Goi ™13 chizu dai, ¥ ™1a chivu rong F" >20,y>0)

x-y=20 [xzﬁ[]

—
Theo bai ta c6 hé phuong trinh 2x+3y =240 [y =40

Vay chiéu dai : 60m, chiéu rong : 40m
2 —
Can 3. D)% - 2mx - 3=0

(tm)

c6 ac <0= pgn phwong trinh ludn c6 hai nghiém phan biét
X, +x, =2m

2) Ap dung dinh Iy Vi— et : (X% =73 Ta 6.

X +x’ =10 (x, +x,) - 2xx, - 10 =0
@m) - 2.(-3)-10=0 = 4m* =16 & m’ =4 = m =2
Hay

(r),(d):

Cau 4.Ta c6 phuwong trinh hoanh do6 giao diém
x*-2(m+3)x+2m- 2 =0

A=(m+3) - 2m-2DD=m*+4m+7>0

=.> (d )cét (P) tai hai diém phan biét. Ap dung hé thitc Vi — et ta c6:
X, +x, =2m+6

XX, =2m- 2
Dbé hai diém c6 hoanh d6 duong

x+x>0 [2m+6>0

= = m=>1
xx,>0 2m-2>0

PE 16

Cau 1.



(- Deerrn) (Wxe)x-Vx+1)| 2(Ux-1)
Jx(Wx-1) Jx(x+1) | (Wx-1)x+1)

_x+x+1- x+x - 1( -1)(x+1) 2“'/_(‘/;*1) Jx +1

a)A =

Jx Tox-1) Vx2@x-1) k-1
A<= Vx +1 1{0:&-1{0@;{{1
Véy05X<1th1A<0
Cau 2.

Goi X (ngdy), Y (ngay) la s6 ngay cong nhan 1, 2 1am XOl‘lg(X’y >4)

Theo bai ta c6 hé phuong trinh :
1 1 1

X j_r' T4 x =12
—
10 1
— 4 — =
XY
Vay nguoi 1: 12 ngay  Nguoi 2: 6 ngay.
Cau 3.

5x+y =5

3
=)= = 7
2x-y=-2 20

7

a) Khi m =5
3
mx+y=5
YT ol M2 (g 20)
2x-y=-2 _2m+10
b) _‘F m+2

dx+3y =12 0 2 OM*30 10 10424 =6m+36 © m =2(tm)

m+2 m+2
Vay m =2 thi thoa de

X =




Cau 4.

A ° B
1) Tt gidc AEMB ppi tiép , vi LAEB =ZAMB =90
(0)= Ax L AB

1
ZAMBI3 géc noi tiép chin 2 dudng tron = LAMB =90

AX13 tiép tuyén clia

AABI 13 tam giac vubng tai A, AM dwong cao = Al *=IM.IB

2) Z£IAF 13 gbc tao béi tia tiép tuyén va ddy cung chin AE

= ZFAM 13 géc noi tiép chin Em
Ta c6: AF1a phan giac £IAM = ZIAF =ZFAM = AE =EM
Lai c6: ZABH v3 ZHBI 13 hai géc noi tiép lan lvgt chdn cung AE>EM pgn
ZABH =/HBI = BE13 duong phan gidc ABAF
1

ZAEB 13 géc ndi tiép chin 2 dwong tron = £LAEB =90
= BE L AF = BE |3 duimg cao ABAF
< BAF |3 tam giac can tai B (vi BE vira 1a duong cao, vira 1a duwong phan giéc)

3) ABAF can tai B, BF 1a duwong cao = BE]3 dwong trung truc cia AF
H,KeBE= AK =KF,AH =HF (1)



AF 13 tia phan giac £IAM = BE L AF = AAHK ¢4 AE vira 1a duwdng cao, vira 1a

duong phan gidc = AAHK can tai A~ AH =AK(2)

Tir (1) va (2) suy ra AK =KF =AH =HF = AKFH |3 hinh thoi
Cau 5.

a=0
P =a- 2\ab +3b- 2\Ja +1 “}

Biéu thitc
3P =3a- 6Jab +9b- 6:Ja +3

= 3P =a- 6Jab +9b +2a- 6:Ja +3

P=(a- ) +2[Va- 2 - 2272

-3 9

= a=—;b=

. Ta co:

MinP =
Vay
PE 17
Cau 1.

o | =

x =0

)x* +8x =0 = [

2)x° - 2x2 +2 =0 = (x- \E)z —0o x=+2

x=2
3)3x" - 10x+8 =0 = 4
73
4)2x° - 2x+1=0 co' A'=-1<0= PTVN
Cau 2.
x - 6x+2m-1=0 (1)

A'=(-3)"- 2m-1)=10- 2m
1) P& phuong trinh c6 nghiém kép = A'=0< m=5= x =-3
= ac<le 2m-1<0e m-::l
2) Phuong trinh (1) c6 hai nghiém trai dau
3) W 4 nghiem % =2= x,=6-2=4
4) 1) c6 hai nghiém phan biét < 10- Zm>0< m<5

%, - x| =4 (x, - x,) =16 (x, +x,) - 4x,x, =16



= 6°-402m-1)=16 <= m =3
Cau 3.

2 —
Xét phwong trinh hoanh do giao diém : * ~ 2mx - 1=0(*)

T 2 —
At=m"+1>0 U)luf)_n ¢6 hai nghiém phan biét
[xl +x, =2m
Theo hé thirc Vi —et : XX, =-1
2 _ s 2 —
Vi X113 nghiém phuong trinh )= X - 2mx, - 1=0 = x7 =2mx, +1

Xt X2 +2myx, +3 Isz(J{l +x,)+4
=2m.2m+4 =J4m’ + 4(1)

AT =G|+ x| =%+ X2 + 2[x,x,|

Z.J(xl +x,) - 2xx, + 2|x,x,| =J4m* +4(2)

T (1) va(2) = A :\,”4m2 +4 - -Jflmz +4 =0

PE 18

Caul.

1) ZA =60° = sd BC =120° = /BOC =120°

/B =70° = sd AC =140° = £COA =140°

= /AOB =360° - (120° +140°) =100°

2) ;1 140° >120° >100° = sdAC >sdBC >sdAB= AC>BC > AB
3)sd BC =120° = BC =R\/3

Cau 2.



a) Do SA-SBC |3 hai tiép tuyén, cat tuyén cta (O) nén AABCni tiép (O)

= LA =£C, (cung chan cung AB)
xét AAMN vy AABC 5. £CAB =ZNAM (chung); ZA =Z2C,(cmt)
= AAMN - AABC(g.9)

b) Xét tit gidgc BCMN 6 £ZN + ZMNB =180 va ZN, =/C,
Ma £C0ZMNB 45; hau nen BCNM 13 1 gide noi tigp
¢) Xét ASBAya ASAC c6 : ZS chung, £/ =4C, = ASBA- ASAC(g.9)
SA SC AC
Do AD]a phan giac ctia AABCpeén :
AB _BD

AC ~ DC (tinh cht phan gic ) )

5B sS4 SA* =SB.SC

T (1) va(2) suyra SA  SC
Xét ASAD ¢6:

/SDA=/A + /C,(/DAC + ZC,); /SAD =/DAB + /A



Ma ZA =£C;ZDAC =ZDAB o oo
= ZSDA =£5AD = ASAD can tai S
> SA=SD= SD* =SBSC

d) T gidc EABC noi tiép nén ZAEB=£C, =ZA (cting nhin cung AB)

Ma ZAEB =/ABE (AMBE can) = ZABE =ZA ma 2 goc @ vi tri so le trong

Nén BE//SAma OA L SA(tinh chat tiép tuyén ) = AO L BE(dfcm)

PE 19
Bai 1. |
3x+2y=lﬁ x=-1
x+y=1 y=2

x =1

b)x* - dx +3 =0 o

x=3
Bai 2.
a) Hoc sinh ty vé
b)  Ta c6 phuwong trinh hoanh do giao diém (P) va (d)

xX*-x-2=0e x=2 = y =4
x=-1 y =1
Bai 3.
Goi X3 quang duang ABY KM/ M3 van 6 dy dinh (0¥ >0)
1h24' =L h
. Theo bai ta co:
x 7 x 7 x 7
(y+10)| =- = | =x o x+10=- —y- 14 =x = 10=- =~y =14 (1)
y y 5 y 5
(y-5)| X +1|=xo x-52+y-5=00 -55+y=5 (2)
y y y
105- 2y =14
y 5 x =280
1y =40 (tm)
- 5£ +y=5 o

Tw(1)va(2)tacohe: L Y






Bai 4.

a) Xét ¢ giac CEHD co:
ZCEH =90° (BE

la duwong cao), ZCDH =90°(AD la duwong cao)
= ZCEH + ZCDH =180" = CEHD |3 1 gi4c noi tiép

BE 13 dudmng cao nén £BEC =90°

CF 13 du’b’ng cao= /BFC :900

Ma £BEC, ZBFC cyng nhin BC duéi 1 géc 90° = BCEF 13 t¢ gic ndi tiép
b) *) Xét AAEH v3j AADC ¢4 :
/AEH =/ADC =90°, /A = AAEH — AADC(g.g)

= AR :ﬁﬁ AE.AC =AH.AD
AD AC

*) Xét 2 tam giac BECva ADC cg:
/BEC =/ADC =90°, ZC chung
= ABEC - AADC(g.g) = BE :E:, AD.BC =BE.AC
AD AC
c) Ta co: L6, =4A (cung phu vaéi ZABC)

£C, =ZA (ciing chén cung BM):£C, =£C, = CByy (i3 phan gic cia £HCM

chung



Lai c6: CB LHM = ACHM can tai C

= CB c{ing 1a dudng trung truc cia HM = H.M 45 xitng qua BC
Bai 5.

(m- Dx*- 2(m+1)+m- 2 =0

co N =(m+1) - (m- 1)(m- 2)=m>+2m+1- m*+3m- 2 =5m- 1
Pé phuong trinh ¢6 hai nghiém phan biét

=< A'>0e5m-1>0« m>é

PE 20

Cau L.

a)x =16(tmdk) = Q _3-16 s>
Jl_ﬁ +2 b

x+124x-2-4(Vx+2) 3 /x 42
T (x-)(x2) (k- 2)Wxe2)
C(Vx-2)Wx-1) gz
C(Wx-2){x+2) Vx+2

b)P

%=1 Q=p o Vx-1 5 6% -6 =5k +10 X <1665 X =256(tm)
P Jx+2 6
Cau II.
_3+437
)X - 3x-7=0 5. A =37 nen phuong trinh c6 hai nghiém : T

b}4x2_ 12x4+9 =0 = (2.3{- 3)2 =) = x:%

f:}2?<2 - 5x+7 =06 A =-31<0= phygng trinh v6 nghiém.
X +x(y-3)+2-y=0 (1
X +y’ =2
(1)5 x +x(y-3)+3- y-1=0
o (x*-1)+(y-3)x- 1)=0
x=1

o (x-1D)(x+1+y-3)=0c
y=2-x



Fx=1= y’=1=> y=H
)y =2-x= x +(2- x) =2 2x¥° - 4x+2 =0 x=1= y =1
Viy (y)e| G1);-1)]
Cau III.
a) Ta c6 phuong trinh hoanh do giao diém : 2x* +kx+2 =0
cs A=k’ - 16
ps Diiep xic vai Pl A=0 k'~ 16=0 & k =4

E (m;m2 + 1)

2 2
b) Ta thay vao (P) ta duge = 2M° =M+l 1y)

Vay E¢(P)
CaulV.
Goi %Y 1a s6 tan ca doi I, doi II danh bit nim 2016
Theo bai ta o hé phuong trinh:
x+y =360 - x =210
11x+1,08y =393 |y =150
Vay ndm 2016: boi 1:210+tan, doi I1: 150tan
Nam 2017:9pi I: 231 tan, Poi I :162¢3n

(360 > x,y >0)

(tmdk)

Cau V.
X d
N N
]
A 0 B

a)Z/KAO =/KMO =90° = KAOM

la t& gidc ndi tiép



b) Theo tinh chét tiép tuyén, KA =KM.KO|3 phan gidc cia LAKM = KO L AM 5
I. Ap dung hé thitc lwong trong tam gidc vudng vao AAOK

= OI.OK =0A

OH 13 e tam cia AKMA= AH L KM, MH L KA

= AH //OM,MH / /OA= AOMH 13 hinh binh hanh

AH =OM =R= He(AR)

Nén
PE 21
I.Trac nghiém
1A 2B 3C 4C
II. Ty luan
Cau 5.
P, 2x+2y —4‘1. [x =2
a) Véi Xx+2y=2 y=0

2% a2
b) P& hé cé nghiém duy nhdt 1 @

Cau 6.
Goi (M3 chizu dai, Y ™a chigu rong © <Y <x<40)
Theo bai ta c6 hé phuong trinh :
x+y =40 X +y =40 X :Sﬂ(nn}
— —

(x+3)(y +5)=xy+195 |5x+3y =180 |y =10
Vay chiéu dai : 39™ chiéu rong: 10m
Cau?7.

(x+y)x+y+2)=72

(y+z)Nx+y+z)=120

_(z +x)(x +y +2) =96
Cong vé theo vé 3 phuong trinh ta duoc :

x+y+z=I12

—
2(x+y+z) =288 |x+y+z|=12 |x+y+z=-12

Fx+y+z=12= x=2 y=4,7z =6
Fx+y+z=-12= x=-2,y=-4,z=-6
cve 7Y =l (9 4 N -

Vay (6 y;2) = (24,6),(- 2;- 4;- 6),



PE 22
Cau l.

I}W:J§1+1+J§1_ 1 =2 - 1442 +1 =22 =VP(dfcm)

2)2x+2016 <0< 2x<-2006 < x<-1008
Cau 2.

2x-y=3 {x =2

—
a) Khi M =2h¢ phuong trinh thanh (X ¥2Y =4 1V =1

m iiu m* #-1
b) Taco: 1 m (lu6n dung). Vay hé phuong trinh ludn c6 nghiém
duy nhat _
mx-y=m+1 y+l=m(x-1)

= - X
X+my =2m y-2=—-

C)
A=(y+D(y-2)+x(x- D=m(x-1)."2+x(x-1)
m
=-x(x- D+x(x-1)=0
vay A =0 khong phu thudc vao M

Cau 3. Goi x(lem / h)lé van toc xe A’ylé van toc xe B (x>0,y > U), Nén ta c6 hé
2(x+y)=150  (x+y=75 X =55
= & (cm)
_x+5:2(y-5) x-2y=-15 [y=20

Vay van téc xe A: 2°km/ B, yan t5c xe B : 20km/ h

Cau 4.



D

a) Taco: £OCN + ZOBN =180" = OBNC 3 1 giac noi tiép
b) AAND 6 hai dwdng cao cit nhau tai O nén Ola tryc tam = NO L AD

ACAO — ACDN = SA €0 _ cacN =co.cD
CD CN

c)
d) Ta co: 2AM +AN =2J2AM AN (Co - si)

— 2 __ 2
Ta chitng minh duogc : AM.AN =AB* =4R*(1)

— 2AM + AN =24J2.4R* =4R\2

. & 2AM =AN = AM =23 (2)
Dau = xdyra 2
1y .= AM —R2

= AAOM vyupng tai O nén M la diém chinh giita cung AB
Cau 5. Ta c0:



P= d + b + <
J(b+l)(b2 -b+1) J(c+l)(c2 - c+1) J(a +1)(a*- a+1)

Ap dung bat ding thitc Cb si ta c6:
2a 2b 2c

P=
(b+1)+(p*- b+l)+(r:+l)+(f:2 - C+l)+(ﬂ'+l)+(ﬂz -a+1)
2a 2b 2c

> + +
b>+2 ¢ +2 a’'+2
2 2 2
= P>a- ab +b- be +cC- cd
b*+2 c+2 a’ +2
2 2 2
6P < 2ab 2bc 2ca

+ +
b>+b*+4 c*+c’+4 a’ +a +4
Ap dung bat ding thitc AM - GM ta c6:
2 2 2
6-p <200, 2bc | 2¢@ _1(,:fabb + b3f2ec + c3f2aa)
Rab WA RKf4a* 3

2(a+b+c)+2(ﬂb+bc+cu)

=6-P=
)
£2(5+b+ﬂ)+2(ﬁ+b+c‘)z 4
9 27
Vay MinP =2 a =b =c =2
PE 23

Cau 1: Nghiém tong quat.
= x =t;y =5- 3t(teR)

1) 3x+y=5
2) 7x+0y =21= x =3y =t(teR)
Cau2: | | |
Sx+2y =12 7x =14 x =2 x =2
— — —
1) 2x-2y =2 2x- 2y =2 2.2- 2y =2 y =2

Vay (x;y)Z(Z;Z) | | | |
3x*- y=5 6x* - 2y =10 11y =44 y =4 y=
— — — “—
2) 2x" +3y =18 6x* +9y =54 3x* - y=5 3x* =9

)= (A EA))
Vay

x =43



2x+by =-4

Cau 3 : D& hé phuong tinh: (P~ Y =5 1han = 2am nghiom .
2-2b=-4 _[b=3
=
b+2a=-5 |a :-4Véy a=-4;b =3

Céau 4: Goi 7 (chiéc) lan lugt 1a s8 o ca t6 thi nhat va t6 thit hai mot ngay may

3x+5y =1310 (170
>

y =160

duoc (x,yeN*) x-y =10

Theo dé bai ta c6 hé: ! .
Vay 1 ngay,t6 I :170 chiéc 4o
ToII: 160 chiéc 4o

Caubs:

1)Ta c6 ZAEH =AFH =90° 4o d6 ZAEH + ZAFH =180°
= AEHF |3 t¢ giac noi tisp LAEB =<ADB =90" = E,D (yng phin canh AB du6i
mot goc vudng= AEDB] 3 ti giac ndi tiép.

1

2)Ta c6 £ACK =90" (G4c ndi tiép chin 2 duong tron)

Xét AADBVA AACK dgu vay c6: LADB =ZAKC (Cung chin
_AB _AD

Hcy= AABD— AAKC(g- g)~ AC AC
= AB.AC =2R.AD

= AB.AC =AK.AD



3) V& tiép tuyén ¥ tai C cua (0) Tacs OCLCx(W
Mit khac AEDB ngj tigp= £ABC =ZDEC 1}y ZABC =ZACx
= /ACx =/DEC= Cx//DE(2);, (1) , (2)= OC LDE
PE 25
Phan I : Trac nghiém:
1D 2C 3A,C 4A 5B 6D 7C 8B,D
Phan II : Ty luan.

a)x’ +2x- 3=0
A'=b"- ac

=1"-1.(-3)=4

-b'+JAT -142 -b- VA -1-2
xL: — :]. X2: = :-3
a 1 a 1
Bail:
x, =l;x,=-3

Vay phuong trinh c6 nghiém la:
by A =D - dac=(- m) - 4.1.(m- 1) =m’ - 4m+4 =(m- 2) =0
viA =0 ngn phwong trinh 1udn c6 nghiém véi moi gid tri cia m.
2 —
¢) Vi phwong trinh X = MX +M=1=0c¢ nghism x =3nén ta co:
2 _ _ 2 —
A"=b"- ac =(-2) - 1.(3) =1
-b+JAT 241 -b- AT 2-1
X,_ = :3,;(2 = = =
a 1 a 1
x, =3;x, =1

1

Vay v6i m=4 phuwong trinh cé nghiém :
Bai 2:

1
:—Xz
a)Ty vé . D06 thi ham s6 2 13 duong c6 dinh 1a goc toa do
O,nhan truc tung 1am truc déi xitng,ndm phia trén truc hoanh vi @ >0

1
. m=—(-2) & m=2
C(-2;m)e parabol (P) , .. " 2

C(-2;2)e parabol (P)

parabol parabol

b) Vi

Vay voi M =2 thi diém



parabol(P)

¢) Hoanh db giao diém cua va dudng thang Y =% 9213 nghiem cta

éx‘? =x-0,5 x =2x- 1< x*- 2x+1 =0 (x+1) =0
phuong trinh: < x- =0 = x =1
Y=x- 0.5 duoc

Vay toa do giao digm 1a 505
Bai 3: a) Trong (O)cég"‘ﬂl :&B(gr)nén sdEA :sd&B =180":2 =90°

1 l 4] o

Z/CAB== EB=-90" =45 (ZCAB B)
2 8d La gbc ndi tiép chin cung

Tam gidc ABE c6 £ABE =90 (Tinh chét tiép tuyén)

ZCAB =ZE =45 pgn tam giac ABE vuodng can tai B

b) AABF v3 ADBE |3 hai tam giac vudng (£ABE =90 Theo CM trén)
ZADB =90" Do 13 géc noi tiép chin nita dwong tron nén £BDF =90" ¢¢ chung géc
AFB

Thay X =lvao y=05

AABF — ABDF = A _FB -
Do dé FB FD pay FB’ =FD.FA
(o) . ZCAD=1 Ba=1 o0 —s5°
c¢) Trong * ’c6 2 sd 2

ZCDE + ZCDA =180" (hai géc ké bu)

Do dé £CDF =180° - ZCDA =180°" - 45° =135’
Tt gidc CDEF 6 £CDE + ZCEF =135" + 45" =180"
Suy ra tit gidc CDEF npi tiép.

2+x°
Bai 4: Ta c6: ™Y =2+x 22 nén YV #Ové g X Thay gia tri nay vao pt thi¥ I
. 2
|X2- 2| —g- 2+ x
Ta co: X
a. 2+ >0
D0|X2_ 2|20nén X

= (2+x2)2 <Bx’ o x*- A2 +4 <0 (¥ - 2)2 =0
= (x*-2) =0 u (x*-2) =0
o xX =20 x=y2;x=-2



Néu % =2 thi %1 =22 néu X ‘/_thl Y> = -2\2
oy, (E2).(-245)

Vay hé co hai nghiém

DE 26
I.Trac nghiém: 1B 2C 3A 4B 5D 6C
I1. Ty luan:

Céau 1: a) Vgi X =0.X#1 thi biéu thic:
\f;+x
\E+l \.-"_ 1

_ ) G- V)

Jx +1 * Jx-1
=(1+x)(1- V)

=1- x

P = +1

+1

x =\4- 23 =J(J§- 1) =‘J§- 1\ =f3-1

P=1-\J3-1)=1-3+1=2-+/3
Thi biéu thitc (3-1)=1- 3 v
(x+3)(y-1D=xy+2
=
Cau?2: _(x-l)(y+3)—xj#-2

o -Xx+3y =5
3x-y=1

b) Véi

Xy- x+3y-3=xy+2
Xy+3x- y-3=xy-2

x =1

HS Tim dang X =1;¥ =2 Vay hé phuong trinh di cho c6 nghiém 1a: {y =2
Cau3: a) VGi M =-2 thi phuong trinh da cho tré thanh:
X = 2(-2-Dx+(-2)"-2-2=0

o X +6x =0 x(x+6)=0



b) x*-2(m-Dx+m*+m-2=0

HStim dwge A" =-3m+3
Diéu kién dé phuong trinh c6 2 nghiém phan biét1a A'>0= m<1

vi Xy nghiém cua phuong trinh da cho nén theo hé thitc vi-et ta co:
X +x,=2(m-1) . x.x, =m* +m- 2
Theo bai ra: X +x; =8= (x +x,) - 2% .x, =8
Suy a [Z(m- l)]2 -2(m*+m-2)=8
Suyra 2m’ - 10m =0
Giai phuong trinh tim dwoc m =0ya m =5
D6i chiéu véi ditu kién M <lta thdy M =5 khong théa man.Vay M =0 phwong trinh
a4 cho c6 hai nghiém phan biét théa man: % *+X: =8
Caud: ayvi M 1 AB(gt)= ZBIM =90°
vi MH LBC(gt)= ZBHM =90’

Ta c6 £BIM + ZBHM =90° +90° =180°
Suy ra ti¥ gidc ndi tiép(tt giac cé tong hai goc doi dién bang 180°)
by Vi tit gide BIMH Ngi tigp(c mt).suy ra <MIH =<MBH (1)
Trong duémg tron (0)co ZMBH =£MCK(

bang goc ndi tiép cung chan mdt cung)(2).

Goc tao bdi tia tiép tuyén va day cung

Chitng minh twong tv cau a ta c6 tf gidc CKMH npi tigp. — 4MCK =/MHK (3)

Tie ),(2 )va (3)= #MIH =/MHK (4)

Chirng minh twong ty ta c6 : ZMKH =/MHI(5)

iy 43 6)= AMIH - AMHK (g.g)
_, MH _MI
MK ~MH hay MH* =MLMK (gpcm)
¢) Chiing minh: ZMHK =/MCK =ZMBC
Ching minh: £IHM =ZIBM =/MCB
Suy ra £MHK + ZIHM =/MBC + ZMCB
Suy ra : £BMC + ZMHK + ZIHM =/BMC + ZMBC + ZMCB =180° (T¢ng 3Goc

MBC)Hay /PMQ + Z/PHQ =180

trong tam giac



Suy ra ti giac MPHQ ndi tiép(t gidc c6 tong hai goc doi dién bang 180°)

P= x+ﬁ +a+b

X

x+ % 5o Jab

Chittng minh: X

P22@+a+b:(x|l'a+\/5)z
x=2 & x =Jab

X
x>0

Caubs:

Suy ra

D4u : “=” xdy ra khi va chi khi !

(Va +b) = x =Jab

Vay gia tri nhé nhat caa biéu thitc P La:

PL 28
Bai 1.
x #0
o 18 _, = 45x- 18x - 108 =x° + 6x
x+6 x x#-6

x =12
< x - 21x+108 =0 ) (tm)
x =

X =8= x=42.2

b)x' - 7x* =8 = (x*) - 7x*- 8 =0 =
X =- 1(ktm)

Bai 2.
a)x - 2x+m=0A"=1-m
Pé phwong trinh c6 hai nghiém : A'=0 <= m =1

X +x, =2 3
= 2-2m=5< m=- E(rm}

XX, =m

(x>8)=

b) Khi d6 ap dung Vi et :
Bai 3.Goi x(cm) chidu rong : X- 8
x =12

x =- 4(ktm)

la chiéu dai

= x(x-8)=48< x*-8x- 48=0 <

Vay do dai hai canh 1a 12cm,4cm
Bai 4.



D

2) Xét tit gise AHCM 5 ZAHC =ZAMC =90° = ZAHC + ZAMC =180°
= AHCM 13 1t giac noi tiép
b) Ta c6: ZMAH =ZHCE (ciing phy “AFC)ma ZHCE =2MCB (dsi dinh)
= SMAH =-MCB
= AADE ¢4 AM vira 1a duwong cao, vira 1a dudng phan giac
= AMDE cantai A
PE 30

Bai 1_.7{2 - 11x+3=0

A =(-11) - 41.3=109>0 2 ohiong rinh c6 hai nghiém phan biét
a)x, + x, =11 b)xx, =3 o)x>+ x> =(x, +x,) - 2xx, =115
Bai 2.



ﬂ}5x+?_ 2x+21 :E(x £42)
x-2 x+2 3
(Gx+7Nx+2)- (2x+21)x- 2) 26

(x- 2)(x+2) 3
= 3(3x% +56) =26(x2- 4) = 17x% =272

= x =16 x =+

X =3=> x=+3

b)x* - 3=2x* & x*- 2x¢*- 3=0 o
x* =- 1(ktm)

Bai 3.
40" =—

wW|nra

(a>6)= a-6

Goi 914 van t6c nguoi I 14 van t6c ngwdi 11 .

Ta c6 phuong trinh :

120 120 _2 _ (1504- 120a +720).3 =2(d* - 6a)
a-6 a 3
2 a =36(tm)
o 2a% - 12a- 2160 =0 <
a =- 30(kim

Vay van toc ngudi thit nhat : 38km /1, yan t6c ngwoi th hai : 30km/ h
Bai 4.

A D
E
H
B C
K

a) Ta cé: £DHB+ ZDCB =90" +90° =180" = BHDC |3 1t gi4c ndi tiép
A2) CAHK ngj tiép

b) = ZCHK =45’

c) Vi AE//CK = AECK 3 hinh thang



PE 32
Bai I.
1B 2D 31-¢2-¢3-a,4-d
Bai II.
a) Hoc sinh ty vé
b) Ta c6 phwong trinh hoanh do giao diém :

%x‘z =x-lo x’ -4x+4=0> x=2=y=1
Vay toa o hai b thi 1a 3D
Bai I1L.
Goi XM quang duemg ABY KM quang dusng BC (XY >0)
anhas =22
4 .
x- y=15 X =9n(m}
—
X +i :E :?5

Ta c6 heé : 40 30 4
vay AB =90km, BC =75km

Bai IV.




AO =0B

a) Xét AAOB 6. (AP =DB = 0D | AB= /ADO =/KDE =90°
I =CEn(0)= ZIEF =90 (EF 12 dung kinh )
= ZIEF + ZKDE =180" = IKDE 3 t¢ gidc ndi tiép

by Taco: MOD=ABOD(ccc) = £0, =20,

= sdAF =sdFB= I, =21, = IF phan gidc ciia ZAIB

Ta c6: LCIA+Z1 =90"= Z1+ 21, =90° . /I, =/1,= ZCIA=/1,
d CO: ma

= IC13 phan giac ngoai cia AIAB

sAIB= A Ay
Vi IC 13 phan gidc ngoai cta CB IB
JAIB - 2K _IB )
Vi IK 13 phan giac trong cta KB IA

0,2)= c_g =%=~ CAKB =CB.AK

Tuw C
) Xét ACIK y3 ACDE ¢4, £ECD chung, £CIK =ZCDE —g(°
Cl _CK _

ZICA chung, £k, =ZB, (cung nhin cung 14)

— ACAE - ACIB(g.9)=> <L =SB - crce =cBCAa)
CA CE

Tir (3) va (4) suy ra CACB =CK.CD

PE 33
Bai L.
1A 2B 3A 4D
Bai IL
37
x- 5y =3 X=g
ox-y=8 | 2
Y79

a) Khi @ =1hé phuong trinh thanh

423 o g #4110
b) D& hé c6 nghiém duy nhatthi 2 @



Bai III.

Goi x(m) y(m) (0<y<x<65)

1a chiéu déli,
x+y =65 o
2x-3y =35

1a chiéu rong
x =46

) _o(m=S =874(m?)

Theo bai ta co hé:
Bai IV.

/ACB %sdHB —45°

a) Ta thay
ZANB =ZAMB =90" = ANMB |3 1t gi4c noi tiép
ZDAC + 2C, =90 m ZCAE + Z/E =90" & ZCAE + £ZC, =90°

b) Taco:
Do d6 £DAC + ZCAE =90° = DE |3 duing kinh cia (©)
AE //BC(LAD)
DB//AC(LBE) seAl
Dodo: ! + l1a hinh binh hanh .
¢) Tathdy:
[EB LD
-
ADLEL 3 tvge tam AIDE = IH | DE



Do d6 : BDKH npi tiép va KHAE 1a tt giac ndi tiép
ZBKH =/BDM (=45") .

.\ = ZBKA =90
ZHKA =/HEA(=45")

s

AB= TK zlAB

Lay T la trung diém cua 2 maT cd dinh
2

Do d6 K di dong trén
PE 34
Bai 1: a) Rut gon A:
VGi X =0y3 x #9
Ta co

_x+2fx-100 1 Wx-2
x-Jx-6 Jx+2 Jx-3
x+2x - 10 1 Jx-2

T(x+2)(x-3) Vx+2 Jx-3

x+24x-10- L(Vx - 3)- (Vx- 2)(Jx+2)
B (Vx +2)(Jx - 3)

_x+2v’;-10-~4’§+3- x+4
(W +2){x-3)
_ Ax-3
(Wx+2)({x-3)
1
J;+2
b)Tinh gi4 tri ciia A khi X =9~ 453y X=9- 45 (thoa man PKXD)
1 1 1

A: —_ J—
9- 45 +2 : J5- 2|42
Thay s6: \I V5 + \/(\’g- 2) +2 ‘ ‘+ (ViJg-z}[])

1 1 \B
J5-2+42 5 5

a5

Vay khi X=9- 45 thi gia i cia 5



1

A=—

c)Tim gia tri cia X dé 3

1 1

A=—
Tacé 3 Ticla VX +2

:%c; ¥x+2=3= »J;:]_C? x =1

Vi X =1(théa manx Z0va % ig)'Véy x =113 gia tri can tim.
Bai 2 : a)Thay M =-4 vao hé phuong trinh da cho ta duoc:

2x+y=-14 ([3x=-9 x=-3 x=-3
— —
X-y=> X-y=> -3-y=> y=-8
Vay khi M =-4 thi hé phuong trinh di cho c6 nghiém duy nhét
(x;y)=(-3;-8)
2x+y=3m- 2 ['3x23m+3 x=m+1 x=m+1
— —
b) Ta c6: X-y=> X-y=> m+l- y=5 y=m-4

Hé phuon trinh c6 nghiém (x; Y )théa man: x+y =13

o m+l+m+4=13 2m=8c m=4 (1)Vay m =413 cic gié tri can tim.

Bai 3: 1)Thay ™ =-3 ta ¢ phuong trinh:
x =0

x=-8

¥ +8x =0 x(+8) =0

2) phuong trinh 0 ¢6 2 nghigm khi:
A'z=0< (m-1) +(m+3)=20= m*- 2m+1+m+3=0

2

em-m+d4>0e [m- | +==>0

ludn dung vGi moi m.Chung t6 phuong trinh
c6 2 nghiém phan biét véi moi m.
4) Do phuong trinh ludn c6 2 nghiém phan biét v6i moi m,theo hé thirc Vi ét ta co:

x +x, =2(m-1) (1)
X, - X, =-m-3 (2)
X +x =10 (x, +x,) - 2xx, =10 = 4(m- 1) +2(m +3) =8

e 4dm'-6m+10=8< 2m’ - 3m+1=0




Bai4: 1)+) Ta c6 ZAMB =90 (G6c néi tiép chin nwa dudng tron)
= ZAMD =90". T giagc ACMD 5 <AMD =ZACD =90",= ACMD Np; tigp dudng
tron duong kinh AD.
+) Tt gidc BCKM npj tiép
2)Chitng minh ACKA dbng dang CBD = CK.CD =CACB
3) Chttng minh BK L AD
Chitng minh goc BNA=90"= BN LAD K¢t luan : B-K-N thing hang
5) Lay E d6i xting v6i B quaCthi E c6 dinh va <EDPC =£BDC, 15 c6:
#/BDC =ZCAK (ciing phu véi £B)= ZEDC =ZCAK. 5 45 AKDE 13 1 giac noi
tiép.Goi O'la tdm dwong tron ngoai tiép AAKD thi O’ ciing 1a tim dwdng tron ngoai
tieps ti? gidkc AKDE pén O'A=0"E = O'thudc dwong trung truc cia doan thing AE
co dinh.
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Cau 1: Nghiém tong quat.
= x =t;y =5- 3t(teR)

1) 3x+y=5
2y 7x+0y =21= x =3y =t(teR)
Céu2: | | |
ox+2y =12 7x =14 x =2 x =2
— — —
1) 2x-2y =2 2x- 2y =2 22-2y=2 y=
Vay l..':;lc;y)=(2;2} | | | |
3x*- y=5 6x* - 2y =10 11y =44 y =4 y=
— — — —
gy [2x*+3y =18 [6x*+9y=54 [3x’-y=5 [3"=9  |x =+/3
)= ((FA)(-3A)
Vay _
2x+by =-4
Cau 3 : P& h¢ phuong trinh: (X~ Y =72 ahan'®™ 2 lam nghiem thi.
2-2b=-4 [b=3
—
b+2a=-5 |a=-4

Véy a=-4:b=3
Cau 4: Goi 7 (chiéc) lan lugt 1a s8 do cta t6 thit nhat va t6 thit hai mot ngay may
3x +5y =1310 170
—
y =160

Theo dé bai ta c6 he: (X~ Y =10 |

Vay 1 ngay,t6 I :170 chiéc 4o

duoc (x,yeN*)



TolII: 160 chiéc 4o



1)Ta c6 ZAEH =AFH =90° 4o d6 ZAEH +/AFH =180°
= AEHF |3 ¢ giac ndi tisp ZAEB =<ADB =90" = E,D (yng phin canh AB du6i
mot goc vudng= AEDB] 3 tit giac ndi tiép.
1
2)Ta c6 £ACK =90" (G4c ndi tiép chin 2 duong tron)
Xét AADBVA AACK dgu vay c6: LADB =ZAKC (Cung chin

AB _AD _
HC)= AABD— MKC(g - 90~ ac ~ac = ABAC =AK.AD

= AB.AC =2R.AD
3) Vé tiép tuyén ¥ tai C cua (0) Ta g 9C LCx(1)

Mt khidc AEDB ngi tiép= £ABC =£DEC 3 ZABC =/ACx
= /ACx =/DEC = f:x,u_[:lﬂliz)ttf (1)va (2)= OC LDE
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Cau 1.

y=ax’ - AGCLD= (-1).a=1<a=1

q



x =0
2)a)x’ - 2x =0 <

x=2
5 x=-1
byx” +3x+2=0<
x=-2
0 1 +1=5-x(x;¢2)@ 1+x-2:5-x
x-2 x-2 x-2 x-2
= x-1=5- x<= x=3(tm)
x,y>0
Céu 2. Goi X1a chiéu dai, ¥ 1a chiéu rong \ ¥~ 2"
- y =20 =60
xs3y =20 [x 4™
Theo bai ta co he : (=X F2Y = y=

Vay chiéu dai : 60m, chiéu rong : 40m

Cau 3. x' = 2mx-3=0
"2
a)A'=m" +3>0 o phuong trinh lu6n c6 hai nghiém phén biét
X, +x, =2m
XX, ==3

b) Ap dung hé thitc Vi — et ta c6: !
X +x =10 (x, +x) - 2xx, =10

= 2m+6=10= m=2

(p),(d):

Cau 4. Ta c6 phurong trinh hoanh do giao diém
x* - 2(m+3)x+2m- 2 =0

A=(m+3) -0Cm-2)=m>+4m +11>0

Nén (d)cét (P) tai hai diém phan biét
x +x,>0 [2m+6>0
x>0,x,>0=>1" “ o m>1
xx, >0 2m-2>0
Do ) '
Cau 5. Hoc sinh tr dién vao cho trong
Cau 6.

1)C =2xR =8x ~25,13(cm)
2)S =aR* =1.4" ~50,3(cm’)



Cau 7.

HE =HD = ED )
1, 2) Vi AOED can tai O ma 2 = OH LED= ZOHA =90

Ma £OBA =Z0CA =90" | C4 3 g6c nay déu nhin OA dudi goc 90°
= O,H,B,A,C cling thuoc dwong tron dudng kinh OA

3) Vi AB, AC |3 hai tiép tuyén cua (O) tai A = AB=AC= AB =Hc
Trong duong tron dudng kinh OAvira xét & cau a. ta co:

/BHA :%H_B

Z/CHA =%&A .= /BHA =/CHA= HA

U =Hc

1a phan giac ctia £BHC
4) Goi K 1a giao diém ctia OAva (O) Ta co:

/BOK =BK, /BKC :%Ec :%.ZBK -BK = /BoCc =/BKC

/BOK =/BHA 1
Ma 2

AB = /BHA =/HKC



Ma £CKH vi £BHAI4 hai géc dong vi nén CK //AH hay CK //AE
PE 37
Bai 1.

DVx =7 +43 =243 A =% =3 +1

+f3-
Vx | 1-4x  Jx+4 (x=20
-J;+l \E 2 x- \E 2

x #4
V(- 2)+ (- )@+ Vx)- Vx -4y ok 41- x- Jx- 4
(Vx +1)(Vx - 2) - (x+)(x-2)

o -3x-3 -3(Vx +1) -3
(W) 2) (e+)(Wx-2) V-

S}P—E-:l 3 x+l

Jx - 2[ 2"
QLHQB-_H
J:E+l J;+l
Vay 0 =x<4thi P<-1
Bai 2.

2)B =

S0 2-Jx>0o x<4

Goi ab 13 6 can tim (a,beN*,a,b <9)
a+b=9 a+b=9

- - — —
ab =2ba+18  [8a-19b =18

. Theo bai ta c6 hé phuong trinh :
a=7
b=2

(tm)
Vay s6 can tim 1a 72
Bai 3.

D2x?+(2- B)x-PB=0=|* "5

x=-1

2) Ta c6 phuong trinh hoanh do giao diém cta (p )’(d): X' +2mx- 4=0
(d) 4, (P)

Vi ac <0pgn phwong trinh c6 hai nghiém phan biét , do d6
phan biét

tai hai diém



Bai 4.

a)MI L AC,MD L BC= /MIC + ZMDC =90° +90° =180

= MDCI |3 it giac ndi tiép

bMDCI | gidc ndi tidp = ZMID =MCD(1):;

AABC vupng can = £ABD =45 = AABD ciing vudng can

= /BAD =45" = /BAD =/DAC =45" = AD13 tia phan gidc cia £BAC
= ABAC can tai A, c6 AD1a phan gidc nén dong thoi 1a trung truc

= MB =MC = /MBD =/MCD(2)

1),(2)= £MID =/MBD =./MBC(dfcm)

c) HK LID= ZHAI + ZIKH =180° = AHKI ppj tiép

ma AHMI ciing noi tiép (vi ZAHM =90 =ZAIM) = A, H,M K1
duwong tron

= AMKI ppj tigp = £AMK =90° - ZHAM =45°

Lai c6 : £DIC =/DMC =2/BMD (MD 1a trung trc 5C)

cling thudc



= /HMA + Z/HMB + Z/AMK =/HMB + /BMD + /HMA =/ZAMD =180"
= ZBMK =180" = B,M K (hing hang

Bai 5.
G3
E —(a*+ab-b?)
a) Xéthiéu: b
:rf- a’b- ab’ +b’ :(ﬂ- b) (a +b)}

b b B Vi a,b>0)
l.']3
— =a’* +ab- b*
Vay b
b—zb2+bc-cz € = +ca-
Chitng minh twong ty: € b
3 b3 C3
= —+ —+_—=ab+bc+ca
b ¢ a
Dau " ="xdyra © a =b =c
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Bai 1.
1-(V5-1) 5. 5
x=6-25= Jx=\5-1= A= =
1+(y5-1) b5
1) Taco
2)B = 15- Vx + Z(J;-S) Jx- 5
(Vx +5)(Vx-5) (Vx+5)(x-5)| Vx+1

B Jx +5 Jx-5 1 (x=0
T(Vx+5)(x-5) Vx+1 Jx+1[x#25

3) Vi X =0,x 25

1-Jx 1 -x

= A- B=a < - —a< X —a
1+x  fx+1 1++/x
= - Jx =a(1+x) e (a+1DJx =-a

TH1: @ = 1:V6 nghiém

Jx=—9

TH2:a #-1, Phuong trinh c6 dang a+l
Phuong trinh nay cé nghiém théa X =0, x #25




a+1 -1=a =0 a#*—
= - 6a #-5
~49 45 M -1<a <0
a+1
-1<a =0
a:{ -5
a#_-
Do @ #- 1ngn gi tri can tim cta 6
-l<a =0
a: 5
a#->
3]

Do @ #- 1nén gid tri can tim cta
Bai 2.
Goi X1a s6 cong nhan, Y 1a s6 ngay dv dinh (x,ye N*,x>10)
Theo bai ta c6 hé phuong trinh :
(x+10)(y- 2)=xy [-2x+10y=20 [x=50
= =
_(x- 10)(y +3)=xy  [3x-10y =30 y=12

Vay co6 50 cong nhan, lam trong 12 ngay

(tm)

Bai 3.
L S S ~
Jx-1 y+2 x-1=1 X =2
1) = 1S 5
3 + 2 —_ 1 _}.‘ + 2 —- E J,-' - E
Nx-1 y+2 - '
2) Phuong trinh hoanh do giao digm F (@)
x, =3= A(3;9)
x'=2x-3=0o |
x, =-1= B(-1;1)
c(x;x?) . A" B'.C'1 A R ~ 0
b) va “*»P>% lan lvgt la chan duong cao ha xuong &x
Suac =Sanes + Sacen = Seeew =26 +4x+6=8-2(x- 1) <8

= MaxS =8 <= C(L:1)



Bai 4.

N C

1) Tac6: AN =NC = ZABN =ZNMC = BMHI |3 t giac ndi tiép

2) Theo cau a, tit giic BMHI ngi tiép
= /HMB + ZHIB =180°" )3 £NIH + ZHIB =180°" = ~HNB =/HIB

Xét ANIH vy ANMB c; £MNB chung,
ZHMB =/ZHIB(cmt)= ANIH - ANMB(g - g)
- M _NH _ N1.NB=NM.NH

NB

NM
3) Tacé: MA=MB= ZACM =-MNB= KINC|j t¢ giac noi tiép

= ZKIN =ZKCN (ciing chan KN)ma ZKCN =ZABN (ciing chan AN)
= ZKIN =ZABN | mj ching dong vi =~ KI//AH()
Theo cau 1, t gidc BHMI npi tiép = £IMB =ZIHB (cung chin 1B)

Ma £IMB =ZCAB mj ching dong vi = IH //AK(2)

Tir (1) va (2) = AHIK 13 hinh binh hanh



ZAHK %(sdEHB +sd4N)= 2akH =L (saAm + safc)

Laicé: 2

= ZAKH =/AHK = AAHK 4p tai A= AH =AK

Hinh binh hanh AHIK c¢ AN =AK = AHIK |3 hinh thoi= KH ]a dwong phan giac
ZAKI = 1A phan giac £KIH

4) Goi 0,0, 15, lwgt 1a tAm dwdng tron ngoai tiép AANH vy ABNH

- AO,AH 0,., AO,BH 0, . Z/AOH =2/ANH

cantai 1va cantai "2, co
.KBOEH ZZKBNH = Z/-'llOH :£B02H ma SANH =-BNH

= Z0,AH =Z0HA=Z0,HB =Z0,BH

Goi D la giao diém cuaa AO, va BO, co:

AADB can tai P= M.0,Dthing hang

C6 ZAMD =/MAB =/ANM = MAL; tiép tuyén cia \O)= <MAD =90" o mp

(0)=D co dinh

Ta chirng minh dugc : ZAOH =ZADB = HO,//DO,
- /AOB =/HO,B= HO,//DO,

duong kinh cta

1t gige T9PO13 hinh binh hanh = 9:H =DO,
co Bt R, =0A+0,H =0A+0,D=AD
(0]
A,D 5 dinh = ADkhong doi ~ % * Rekhong doi
Bai 5.Ap dung BDT Co- si ta co
3
'ﬂ—3+l+£23§/13=:3.l
b a a b b
3 3
b_ £+£23.£ C_3+1+£23.—
Chitng minh twong ty: ¢ b b ¢ a ¢ c a
ad 1 1 b 1 1 ¢ 1 1_.(1 11
= —+—F+—F+—F+—F—F—+—+—=3| -+ —+—
b a a ¢ b b a ¢ c a c
a b ¢ 1 1 1
O >+t
b ¢ a a b ¢
PE 39

I.Trac nghiém
iIC 2D 3B 4A 5C 6C 7D 8B
I1. Pung, sai : a)S b)b )b d)S



II. TU LUAN

Bai 1.
2x-3y=1 [x=5 Y =4 [x=£2
a = b)x” - 5x" +4 =0 < =
x-4y=-7 |y=3 x* =1 x =+l
Bai 2.
2x* - (dm +3)x+2m*-1=0 (1)
A =(4m+3) - 42(2m* - 1) =24m+17
) A0 24m+17 20 e m="1
Pé “ c6 nghiém thi 24
Bai 3.
5

(x>0,y>20)25'=—h
Goi X1a van toc xe khach, Y 1a van téc xe du lich 12

x- y=20
100 100 _5 =

Theo baitacohé: ! ¥ x 12
Vay van tc xe du lich: 80km/h, van tc xe khach: 60km / h

y =60(tm) = x =80(tm)
y =-80(ktm)




a) Vi E1a giao diém cua hai phan gidc £Bva £C cta tam gidc ABCnén AE ciing

1a phan gi4c cia £A. Khi d6 AF>AD dgu 1a phan giac trong £BAC pén
A,E, Dthing hang
b) Ta c6 : £EBD + ZECD =90" +90° =180" = BECD |3 1t gi4c ndi tiép
¢) Xét ABIE va ADIC ¢ : ZEBC =Z/EDC (ciing chan EC) ; ZBIE =/DIC (ggi
Bl IE
= — =—= BI.IC =ID.IE

dinh) = ABIE = :ﬁDIG[gg:} ID IC
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Bai 1.



2 3

Dx=2(m= p=V16___9
16 2 8
-3(x=0
)M =AB = —— LX) Jx- 3(x
\/;-3 x-9 2 x #9

:\/;+3+\/;+11 \/;-3:2(\/;4*?):\/;4»?
(Vx-3)(Wx+3) 2 2(Jx+3) Wx+3
4

J;+3

Jx=0= Jx+3=3= M <1+
\%i

IM =1+

W&
La| =1

MaxM =L & x =0
Vay 3
Bai 2. Goi %714 56 gior voi 1, voi 2 chdy mot minh day b§ % >12¥ >12)
Theo bai ta c6 hé :

1 1 1

—+—_= .

x y 12 x =20

A (tm)

4.3 3" |y=3

x y 10
Vay voi 1: 20 gio, voi 2: 30 gio
Bai 3.

Xx+3y =2
m=3= =
2x +4y =3

1) a) Khi

Y T om- 4

2x+dy =3 3= 5 2Gm-8)

[x+my =2 - {2x+2my =4
X = m'zz
2

2x+4y =3

m- 2
Dé %Y d6i nhau thi :

2(3m- 8 ]
L 26m-8)_ -1 c;(ﬁm-lﬁ).Ez-lalZszlcrmz%

m- 2 2m-



2 _ 2 _
2) Hoanh d5 A Bla nghiém he =X =X- 2© X +x-2=0

GEE Y= Ao 1):B(2:- 4),0(0:0)

s

Xy =-7= Vg =-
= OA=+2,0B =2V5,AB =\/18 = OB =0A® + AB* = AOAB vusng tai A

_OAOB 218 _
= S, = S T =3(cm

Bai 4.

)

a) Ta c6: £ADB =90" (g6c noi tiép chin nita dwong tron)
= ZQPB =90 Tll’dllg tu: ZDMA :900

Ma chiing cung nhin ME = PQME la t? giac ndi tiép
b) Xét AAKN v3 ABKM c6:
AN =BM, /KAM =/KBM :P(TM;AK =BK (Ka =kB)
= AAKM =ABKM (c.g.c)



ZAQM + ZQBP =90°
. = ZAQM =/MEB
. /MEB + ZQBP =90
c) Ta co:
xét AMMQ 3 AEMB 6 -
ZQMA =ZEMB =90°, ZAQM =/MEB(cmt)

= AAMQ - AEMB(g.g) = AM —AQ

EM EB
1 1 1 1 1 .
/PBM =—PBK +=KM =—MB+-KM ==BK =45
Ta c6 : 2 2 2

ABME Vu('jng can = MC =MB

AM _AQ _ AM _AQ (AN =MB)= AM.BE =AN.AQ
MB BE AN BE
d) Ta c6: £MPO =/MPB + ZBPO =/MPB + ZABP
—L1hp+1Ap 1Bk + LUp =L Uk =45° = aAMPO
2 2 2 2 2 vuong can tai O
Goi J 1a trung diém caa MP = J]3 tdm duwong tron ngoai tisp AMOP
MI 13 trung diém caa RS = 1J L RS
Mt khic ZQRS =ZQMP =/QAB= RS //AB
Bai 5.
A=x*+3x+L=x?- x4 2adxsi- L
X x 4

2

+4x+l- 1

x 4

4x+l >2, /4)(.l =4 < x :l
Vi X X 2

MinA O+4-%—15 X 1

Vay



Jx 3 6Jx-4[x=0

Jx-1 dx+1 1-x |x#l
Vx(Wx+1)+3(Vx - 1)+4- 6x

) (Vx - )(x +1)

_x+ x+3\/;-3+4-6\/;_ x- 2Ux +1
0 (r-)Wxs) (Vx-1)(Wx+1)
I CCEE ) BN
_(\/;-1)(\/;+1)_\/;+1

b)P =-1e ﬁ-iz-lﬁl- Jx =/x +1e Jx =0 < x =0(tm)
X+

\/§-1_\/§+1-2_1 2

a)P =

c = - <1

)\/; +1 \/; +1 \/; +1
Bai 2.
Goi Xkm/ M3 Lan e xe du lich >20)

50' =2h

Van toc xe khach: X- 20; 6 Nén ta c6 phwong trinh:

100 100 _5
x-20 X 6
= (100x- 100x +2000).6 =5x(x - 20)

) x =60(tm)
< 5x°-100x-12000 =0 &
x =- 40(ktm)

Vay van tdc xe du lich : 60km / h, yan téc xe khach: 40km/ h
Bai 3.

2 — —"
2) Vi (P)di qua AGC1D)=> (1) a=1ea=1

b) Hoc sinh ty vé (P)
c) Ta c6 phuwong trinh hoanh do giao diém :



K- 2x-3=0e [NV
x=-1=>y=1

Vay toa do giao diém (3,9),(- 1)

d)OA =+/90,0B =+/2,AB =229

Ap dung hé thiic Hé rong véi P 1a nita chu vi

=S =\/p(p- a)(p- b)(p- c) =3(cm®)

Bai 4.

a) Xét tf giac OAHM 5 £ZOAM =ZOHM =90" = OAHM 13 ¢t gi4c ndi tiép
Tt gidgc AMBD 6 ZOAM =Z0BM =90° = AMBO pp; tigp
Nén 5diém AM,B,0,H cung thudoc mot duong tron
MA =MB
b) Ta co: OA=0B la trung truc cta AB= MO L ABy4j1
= 113 trung diém AB = £OIK =ZOHM =90’

xét AOIK vy AOHM (g Z0IK =Z0HM =90 (Cmt),ZOChung

}: OM



Ol OK

= AOIK — AOHM (g.9) = —— =——= OI.OM =OH OK (dfcm)
OH OM
c) Xeét AAOM vuong tai A, 4 AI LOM = OI.OM =0A’ =R’
R2

OI.OM =OH.OK = OH.OK =R’ = OK =
M3 OM

Do O c6 dinh, d ¢6 dinh = OH ¢ dinh = K ¢6 dinh
d) Tir T ha IP L OK, 45 OK 6 dinh
s _IDOK
Xét AOIK g ™" 2 ID13 dwong cao img v6i gbc vudng
(KD +ODY OK?
=S

OIK —

= ID?* =KD.OD <

4

Dau " ="xay ra © AOIK yugng can

Bai 5.

A= x+3Vx (x>2) = X-2+3/x-2+2
x+4\/x 2+1° 7 |[(x- 2)+4x- 2+4]-
(\/ 2+1)( 2+2) (\/ 2+1)( 2+2)
(r-2+2) -1 Wx-2+0)(x-2+3)

_vx-2+2 1 2.
Nx-2+3 Vx-2+3 3
Iqmin :g@XZZ

Vay 3

PE 42

Bai 1.

2 — —
@)3x”+15=0 A =-180<0= pp ;410 trinh v6 nghiém

)k - (243 - 1)x- 243 =0 A —(243- 1) +4243 =13+43 =(2\3 +1)

ﬁ =2\3+1 nén phuong trinh c6 hai nghiém phan biét :

X1:2\/§- 1;2\/§+1:2\/§
2J3-1-2/3-1
X, = > =-1



X2 =4 => x=x
)3x*-10x*-8=0e | = 2
x° =- —(ktm)
3
Bai 2.
a)x* +3x+m-1=0

A =3"- 4(m- 1) =13- 4m

2 A20213-4m=>0< msg
Pé phuwong trinh c6 hai nghiém 4
X +x,=-3

Khi do ap dung dinh ly Vi—et : {X1Xz =m-1

Bai 3.



a) Ta co . MB,MC |3 hai tiép tuyén cua (O)nén MB 1 OB,MC LOC
= ZOBM =/0CM =90" = OBMC 3 it gi4c ndi tiép c6 tam K 14 trung diém ciia
OM

MB _MD )
= — =——= MB® =MD.MA

c) d) MB,MC |3 hai tiép tuyén cua 0)
= MB =MC,MO 3 (ia phan giéc cia £BMC
= AMBC can tai M nén MO duwong phan giac nén la dwong cao
= MH.MO =MB?, 4, 445 MD-MA =MH.MO(=MB?)



AMDH — AMOA(c.g.c)= /MHD =/MAO =
(OAH)Cé 0A =OD(=R)

Vay Tt giac OADH ng;j tiép
Xét duong tron
= BA=PD= ~AHO =/MAO

Do d6, ZAHO =/MHD(=2/MAO)
d)Z/AHO + Z/AHB =/MHD + /BHD(=90")

= /AHB =/BHD :LAHD

ZAOD

ZAHD =/A0OD, ZACD = = LAHB =/ACD

- /CAH + ZACH =/BCD + Z/ACH
= /CAH =/BCD 3 £BCD =/BAD

Vay <BAD =/CAH
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Bai 1.
_7+11 3
Y26 2
=
L o7-11 1
a)6x’ - 7x-3=0 4 A =121 > 26 3

b)x? - (1++/3)x ++/3 =0

Co a+b+c=1-1- V3+43=0pa, phuwong trinh cé hai nghiém :
x, =1,x, =3
2
=8 =42+/2
o)x'-7x*-8=0e X =82 x=2V2
x* =- 1(ktm)
Bai 2.
a) Hoc sinh ty vé (P)
X, =2= y, =- 1o o B(2;-Dey=x+m
b) 4
= -1=2+me m=-3

2 _ (1) L .
Bai 3. a)x” - 2x- m+3—0c(5 A'=(-1)-(m+3)=-2-m
Phuong trinh c6 nghiém < A'20e -2-m20e m <-2
{xl +x, =2

b) Khi d6 ap dung dinh Iy Viet; (%X =37 M
Bai 4.

a) Xét tt gidc BFEC ¢g; £BFC =ZBEC =90" = BFEC ¢¢ 2 géc cling nhin BC

dudi 1 goc 90" = BFECT; ¢ giac noi tiép
b) Xét AAKBya AADC ;. £AKB =ZADC, ZABK =ZACD

= AAKB— AADC(g.g) = AR _AC  AK.AD =AB.AC
AB AD
) Xét t giac NHDK c6: £NHD + ZNKD =180" = T giajc NHDK 13 t¢ giac noi

tiép
d) Goi Q12 hinh chiéu cia H 1én PFoc6 :
QV NAD =I, EI N DF =S = SI =SF
PE 44
Bai 1.



x+y=3 x =1
a) <
2x+y =4 y =2
{3(x+y)+9=2(x-y) {x+y=-1 {le
b) = =

2(X+y):3(X-y)- 11 y =-2

4a- 3b =4 a=4
= =
-6a+7b=4 b=4

x-y=3

ggli ?;< (gi0) 1a thoi gian ngwoi thit nhat lam xong , y (gio) la thoi gian ngwoi thit hai
lam xong %Y >16) Theo bai ta c6 hé :
r,1r_t 1
jx v 16 24 (kem)
3 6 1 5
T2 Ut
Bai 4.

ZBNM =/DAM + ZADN (géc ngoai ANAD)

My £BAM =/DAM (AM |, phan gise <BAC)
ZABM =ZADN (cting chén cung BC)

= /BMN =/BNM hay ABMN

cantai B
b) ABMN can nén BF dwong cao ciing 1a duong phan giac nén BF 1a phan giac
g6c CBD
= ABDF — ADEF(g.g) = DE _BE _ pp =FE.FB(dfcm)
EF DF
Bai 5.
1 1 1 1 1 1 b c bc
+ + >2 < >]1- +1- = + >
a+l b+l c+1 a+1 b+1 c+l b+l c+1 (b+1)(c+1)T

1 ac 1 ab
ZZJ( D 1Z2J( DG +D)
11’dngtu’:b+1 a+1)(c+ Cc+ a+ +



Nhan vé theo vé :
. 1 g a’b’c’ _ 8abc
(@+DB+D)c+1)  \(@a+1)’.(b+1).(c+1) (a+DB+1)(c+1)

= abc §1=> Max M :1@ a=b=c :l
8 8 2

PE 45
-22x+y =5

Cau1: a) Thay ™ =2vao c6 hé phuong trinh {ZX +3y =1

-4x+y =5 -4x+5=5
= =
2x+3y =1 4x+6y =2

7y =7 y =1 y -1
= P -

2x+3y =1 2x+3.1=1 x=-1
Vay nghiém cua hé la (x;y)=(-1;1)

X =—
- m
Néu m#0 thi m 3 hé lubn c6 nghiém duy nhat ' ~
ps (1) dwong thi m<0

Cau 2 : Goi chiéu dai va chiéu rong hinh chit nhat lan luge 1a *Y m(xy >0)

Thi chu vi manh vuon la (x+ Y ).2(m)
(x+y)2=34e x+y=17Q1)

x +3(m)
y+2(m)

Ta c6 phuong trinh
Néu tang chiéu dai 3M thi chiéu dai méi 1a
Néu tang chiéu réng 2m thi chiéu rong mdi la
Dién tich méi tang thém 45m* ta c6 phuong trinh:
(x+3)(y+2)=xy+45 = xy+2x+3y+6 =45 = 2x+3y =39(2)
Tw (1)Vé(2)ta c6 hé phuong trinh:
{x+y:17 {2x+2y =34 {x+y:17 {x =12
(=4 (=4 (=4
2x+3y =39 2x+3y =39 y =5 y =5 (tmdk)

Vay chiéu dai hinh chit nhat 1a 12m chigu rong 1a 5Sm.



) . e, —
Bai 3: a) Vi db thi ham s6 ¥ =% di qua 233 nan thay * =3Y =320 ham s c6:

3=a.3 = a = a =— 2 A(33)
3 vaykhi 3 thido thi ham s6 ¥ 9% di qua
y —lx2 m 1 2 _2
by ps B@M isc do thihamss © 3 thi 3 3
, ==x* 1==n’=n’=3= n=+/3
pe €D uoc do thihamss ~ 3 thi
Bai 4:

A B

a) xét nita duwong tron (O)cé goc ACB =90° (G6c noi tiép chan nita dwong tron)
= /BCD =90° (K& bu véi goc ACB)

= twong ty c6 adc =90

= ADE + BCE =90" +90" =180" M3 DvaC 1a hai dinh d6i nhau cua td gidc
CHDE = CHDE ppi tiép

= CHE =CDE (Géc ndi tiép cung chin cung CE .

b) XétABMD vy ACMB c6: BMD chung
MBD =MCB (Géc noi tiép va géc giita tiép tuyén va day cung chin cung B
= ABMD - ACMB (g-2)

D)



BM MD
- —

CM  BM (canh twong itng)
= BM.BM =CM .MD

= BM? =CM.MD

c) Vi 4diém AC,D,B cung thudc nita duong tron
Nén tit giac ACDB npi tiép dwoc

= CDE =BAC (Géc ngoai bing goc trong & dinh ddi)
Ma CHE =CDE (cmt)

= CHE =CAB

PE 46

I.Phan trac nghiém:

,B 2,D 3,B 4B 5D 6,C

II.Phan ty luan:

(0)

Bail: Rutgon X
A 4+22

b) Thay x=\6+2y2 vao A ta duoc V6+212

) A=-1o X +x-2=0 tacé:a+b+c:1+1+('2):0
= x=1x=-2
Bai2: a) Thay M =-3vao pt

b)Tinh ding delta

c) Tinh A =-2m

Bai3:
a) VEé do thi:
1, 1, v 1
, - y=—x*eom==(-2) =—4=2
by piem CC 2™ e do thi P cia ham s 2 2
Vay néu M =2 thi diém el 2;m)thuC)c (P)

Bai4:



A ” B
O

a) Taco CA=CB (gt)nén sdCA =s@CB =180":2 =90°

1 1 o
CAP 2 stB 2.90 o (CAB la goc noi tiép chan CungCB) = E =45
Tam gidc ABE ¢4 ABE =90° (Tinh chat tiép tuyén)va

CAB =E =45" Nén tam gidc ABE vudng can tai B

b)AABF va ADBF 13 hai tam giac vudng(ABF =90° Theo CM trén

ADB =90 (o 13 goc ndi tiép chan nita dwon tron nén BDF :90°)Cé chung goc

AFB pén AABF — ABDF

_ FA_FB

FB FD hay FB®* =FD.FA

CDA :l CA :%.90(’ =45°

c) Tacé 2 sd
CDF +CDA =180 (hai g6c ke bu) do d6
CDF =180° - CDA =180° - 45° =135°
Tt gidc CDEF o6 CDF +CEF =135" +45° =180°

Nén tt gidc CDEF ngi tiép duoc.



Bai5: Dit Jx =a,y =b g a,b =0
Taco:
P =a* - 2ab+3b’ - 2a+2009,5=a" - 2(b+1)a +3b* +2009,5

—a*- 2(b+1)a+(b+1) +2b* - 2b+2008,5
=(a- b-1Y +2(b - b)+2008,5

=(a- b- 1) +2| b*- b+% +2008,5-%

2

—(a-b-1) +2 +2008 >2008

b- L
2

v6imoi a,b

2008 <

Vay P dat GTNN la
DE 47
Cau 1: Nghiém tong quat.
1) 3xty=5 — X =ty =5- 3t(teR)
2) 7x+0y =21= x =3;y =t(t€R)
Cau?2:
S5x+2y =12 7x =14 x =2 X =2
= L= (=4
1) 2x- 2y =2 2x- 2y =2 22-2y =2 y =2
vay (6»)=(22)
3x*- y =5 6x°- 2y =10 [1ly =44 y =4 y =4
L= = 5 = ) =
%) 2x*+3y =18 |6x*+9y=54 [3x’-y=5 [3x*'=9 |x=4/3



vy O3 (B34
| 2x+by =-4

bx - ay =-5 (1-2)

Cau 3 : Dé hé phuong trinh: {

{2- 2b =-4 {b =3
(=4

b+2a=-5 a—-4vay a=-4;b=3

nhan lam nghiém thi.

Cau 4 : Goi Y (chiéc) Ian luot 13 s6 do cia t6 thi nhat va to tht hai mot ngay may
3x +5y =1310 {170
=4

* v — _
duge Y EN™) Theo dé bai ta c6 he: {X y =10 y =160

Vay 1 ngay,t6 1 :170 chiéc 4o
T6IL: 160 chiéce 4o
Caub:
1)Ta c6 £ZAEH =AFH =90° 4 d6 ZAEH + ZAFH =180°
= AEHF 13ttt giac noi tiep LAEB =ZADB =90" = E,D (yns nhin canh AB duéi
mot goc vudng = AEDBT 3 tit giac noi tiép.
1
2)Ta c6 £ACK =90 (Géc noi tiép chin 2 dudng tron)
Xét AADBVA AACK g vay c6: £LADB =ZAKC (Cung chén
AB _AD
= AB.AC =2R.AD
3) Vé tiép tuyén X tai C cia ©) Tacs OC LCx()
Mt khac AEDB ni tiép= £ABC =£DEC my ZABC =ZACx
= /ACx =/DEC= Cx//DE(2) ., @) , (2)= OC L DE

DE 48
Bai 1.
- Goc ¢ tam la goc co dinh trung vdi tam duwong tron , 2 canh la 2 ban kinh
- Go6c noi tiép la goc c6 dinh nam trén duwdng tron, hai canh la hai day cung.
Bai 2.
{3)( +y =3 {SX =10 {x =2
(=4 [ =4
2x-y =7 2x-y =7 y—-S'Vay (x;y)=(2;-3)
Bai 3.



3x* - 4x+1=0 3x’- 3x- x+1=0= 3x(x- 1)- (x-1)=0
x=1 1
o (x-DBx-1)=0s 1S :{1;—}
X =— 3
3
Bai 4.
— 2 . — 2 —
2) Db thi ¥ =9 qua A(;2)= 2=a.1 = a=2
b) Hoc sinh ti vé do thi
Bai 5.
Goi @14 s6 hang chuc, b1a s6 hang don vi (&P €N5a<b<10)
Theo bai ta c6 hé :

{2a- b=-1 {2(1- b=-1 {a =3
< (tm)

- (=4
ba - ab =36 -a+b=4 b=7
Vay s6 can tim 1a 37
Bai 6.
A C
B

ZAOB

a) Ta c6: OS 1a tia phan giac (tinh chat hai tiép tuyén cat nhau)

= £ZBOS :%AAOB 2%.120" =60"

ZBCA Zl.ZAOB =60° ’ AB)
Mit khac 2 (cting chén cung
= /BCA =2BOS (dsng vi)= OS //AC



b) ABOD ¢5 OB =OD(=R); /BOD =60" nan ABOD gay
Do d6: OB =BD =R
Tuwong ty ta c6 : OA=AD =R
= OA =OB =BD =AD =R
Vay i gidc AOBD]3 hinh thoi

PE 49
Cau 1.
>0
a)P = 1 + 1 : Jx *
x-\/; \/;-1 x-2\/;+1 x #1
2
_ 1+\/; (\/;'1) _x-l
Jx(Wx-1) Vx X
2
b)x = (tmdk)
"=
2 -1
:>P:2_\/§ :\/§
22
2-3
- 2(x-1)-
c)P>1@X—1>l®M>O@2(X-1)-x>0©x>2(tmdk)
X 2 2x
Vayx>2
Cau 2.
Goi X1a chidu dai, ¥ 1a chigu rong (0 <P <@ <36)
x+y =36 X =25
2y =97 1y =11""™
Theo bai ta ¢6 hé phwong trinh : (SX ¥y =97 [y =11

Vay chiéu dai : 25M, chigy rong 11m

Cau 3.
3x-y=1 x =1
m=1= =
) K X+2y=5  |y=2
{3x- y=2m-1 {3X- y=2m-1 {7y =7m+1
b =3 =

=
X+2y =3m+2 3x+6y =9m+6 3x-y=2m-1

y=m+1



m =1
X +y' =5 m?+(m+1) =5 2m* +2m- 4=0 < )
m =-

Cau 4.
y =(a-2b)x+b (d)

(d) qua AQ1;2),B(-4;-3)
(a- 2b).1+b =2 a=3
(a- 2b).(-4)+b=-3 {



Cau 5.

D

a) Xét tt giac BEFI co:
ZBEI + ZBFI =90° +90" =180" = BEFI |3 ¢t gi4c ndi tiép

b) Chtng minh dwgc : AIAC — AIDB

2-£é::E2:>LQH3:IClD
IC IB

Ap dung hé thitc lwong trong tam gidc vudng:
= AE.AF =AD.AB 3 AD.AB =AC® = AC’ =AE.AF
c) Theo cau b, ZACF =ZAEC= AC)3 tiép tuyén cta duong tron ngoai ti€p
ACEF )

Miit khac £ACB =90° (g6c noi tiép chin nita dudng tron) AC LCB(2)

Tir (1), (2) suy ra CB chita dwong kinh ctia dwong tron ngoai tiép ACEF, 3 CB g
dinh nén tdm duwong tron ngoai tiép ACEF thuoe CB ¢6 dinh khi E thay d6i trén cung
BC

Cau 6.
Ta co:

%+b22 /% zm,§+cz@§+d zrad;ng@



= %.4+b+c+d +ezJE(JE+JE+JE+JE)
< a+b+c+d +e2\/g(\/5+\/z+\/3+\/2)

mn mn <:>£:b :C :d :e
Dau = xdyra 4
PE 50
Cau 1.
0
a)P = 1 + 1 : Jx Xz
x-Jx AJx-1) x-2dx+1{x#1
2
_ 1+\/; (\/;'1) _x-1
W(Wx-1) Vx x
2
b)x = tm
) 2+\/§( )
2 -1
:>P:2+\/§ :_\/§
2 2
2+\/§
C)P<1@L1<1@M<O@X-2<O
2 X 2 2X 2Xx

Do Xx>0=2x>0= x- 2<0e x<2
Vay 0<x<2y3 x #1
Cau 2.
Goi X1a chiéu dai, Y 1a chiéu rong (don vi:
{x +y =36 {x =20
© (tm)
= ta c6 hé : 2x+3y =88 y =16

Vay chiéu dai 1a 20m, chiéu rong 1a 16m
Cau 3.

cm,0<x<y<36)

{SX -y=3 {x =2
=
a) Khi M =2 hé phuong trinh thanh (X T2Y =8 ¥ =3

3x-y=2m-1 6x- 2y =4m- 2 7x =7m X =m
(=4 (=4 (=4
b) X+2y =3m+2 X+2y =3m+2 xX+2y =3m+2 y=m+1



m=2
> m2+(m+1) =13 2m2 +2m- 12 =0 =

m =-3
Cau 4.
a-b=0 a=1
= { =4
(d):y =(a- 2b)x +bqua AQ@0),B(-23) |-2a+5b=3 |b=1
Cau 5.
A &
a) CD L AB i K= ZBKN =90° y3 ZBMN =90°
= ZBMN + ZBKN =180" = BMNK |3 47 giac noi tiép
b) Xét AAKD va ACKB ¢4, 4K, =£K, =90°
Vva £ADC =ZABC (cung chén EC)
~ AAKD — ACKB(q - )= 2 =KC _ xakB=KCKD
KD KB
Xét AACN vy AAMC c6: £CAM chung; £C =£M (cung chin AD :EC)
= AACN - AAMC = AC AM = AC®* =AM .AN
AN~ AC
¢) Taco: LACN =ZCMN = AC]j; tiép tuyén cia duong tron ngoai tiép tam giac

CMN
Goi O'1a tdm duwong tron ngoai tiép ACMN



= 0'C LCAyy £ACB =90"= AC LO'B= C’B’O'tha?lng hang nén O'€CB¢g

dinh. Vay khi M chuyén dong di qua O’ c6 dinh.
Cau 6. Ta co:

2+b z@;ng ac;£+d Z\/E;g+e Zx/E
4 4 4 4

= %.4+b+c+d+e2\/ﬁ+\/a+\/a+@
= a+b+c+d+ez\/a(\/5+\/g+\/g+\/g)

=4 =b =c =d =e
Diu " ="xayra 4
PE 51
I/ Trac nghiém:
1B 2A 3D 4C
5/ 1)S 2)P 3)D 4) S

II/Ty luan:
3x* +6x-9=0s |
Caul: a) x=-3
{-x+2y =1 {x- 4=3 {x:7
(=4 (=4
b) x-y=3 y =4 y =4

CﬁuZ:a) Xz' 2mX+m2' m-2=0

a) D& pt c6 2 nghiém phan biét trai ddu.= ac<0e m’- m-2<0e -1<m<2
ﬁ{x1+x2 =2
2
b) V6i -1<m <2 4p dungviet (%% =M - m-2

Ta C(j'xl2 +X22 =4 (Xl +X2)2 - 2X1X2 =4
m=-1

22-2(m*-m-2)=4e m-m-2=0e { }

Hay m=2 (théa man)

360

Cau 3 : Goi ala chiéu dai(a>0) = chiéurong: @ theo dé ta cé pt:



@u (a- 6)=360 < 360 +2a- 2160 _ 12 =360
a a
5 a =36
e 2a%-12a- 2160 =0 =
a =- 36(ktm)

= chigu dai : %™ chigurong : 10m
Cau 4: Ta c6 phuong trinh hoanh do giao diém.
< A=0
X' - kx+4=0 gg (P)Vé(d)tiép xdc nhau < k*-16 =0 = k =4

Khi d6 toa do giao diém: (-2;4) hoic (234)

Caubs:

A

E

a) Xét tw giac AHEC 6 ZAHC =ZAEC =90° = AHEC 13 1 gi4c ndi tiép
b Ta c6 £BAH =ZACBQ) cyna phy vai £B)
Mz MHB =AAHD(c.g.c)= /BAH =/HAD(2)
1y W, (2)= ZACB =/HAD(3)
Ma <£HAD =ZBCE (4)(Cf1ng chan cung
1y 3).(4)= ZACB =/BCE = CB

PE 52
Caul.

HE)

1a tia phan giac caa £ACE



0@ =M 2122
\/ 2 4+2 6
x+12 1 4 x <0

b)P = + -

) -4 Ix+2 Jx-2|x=4

Cx+12+4x-2- 4(Vx+2) g Jx410- 4k - 8
o (x-2)Wx+2) (x-2)(Wx+2)

Coxeadxe2 (Wx-1D)Wx-2) f .
“(x-2)(x+2) (x-2)Wx+2) x+2

Q4 L5 x-1 s(Vx+2)
p =t T8 Ixe2 6(Vx-1)

o 5Jx +10 =6x - 6 & /x =16 = x =256(tm)

Q_
Vay X =256¢hi P
CauIl.
a)x’ - 3x- 7 =0

+4/37

2

A=(-3)- 41.(-7)=37>0 x ==

b)dx* - 12x+9=0 < (2x- 3)° =0 = x :%

€)2x*- 5x+7 =0

A =(-5) - 42.7 =-31<0

= Phuong trinh vo nghiém
x*+x(y-3)+2-y=0 @)
x> +y’ =2 (2)



Mo x*+x(y-3)+3- y-1=0
= (xz- 1)+(y- 3)(x-1)=0
o (x-1D(x+1+y-3)=0

x=1
(=4
y=2-X
vg X=1= Qe 1y’ =2 y=+

Vi ¥ =27 X thay vao (2) dugc :
x +(2-x) =20 2x*- 4x+2 =0 x*- 2x+1=0o x =1= y =1
Vay ()| 4;1);G;- 1)
Cau III.
a) bé (d):y:kx-'-ztiép xtc
-2x° =kx+2 ¢4 A =0
© 22X +kx+2 =00 A =0 = k*- 16 =0 = k ==4

. 2
b) Gia sﬁ’E(m’m +1)€(P)

= m’+1=-2m" & -m’ =1(vp ly). vay E€P
CaulV.
Goi XY 1a s6 tan ca doi 1> danh bét trong quy I nam 2016
Theo bai, ta c6 hé phuwong trinh :
{x +y =360 {x =210
Nd (tm)

1,1x+1,08y =393 |y =150
Vay nam 2016, d6i I: 210 tan, d6i II: 150 tan
Nam 2017, d6i I: 231 tan, doi II: 162 tan
Cau V.

(P)

thi phuwong trinh hoanh d6 giao diém

(0<x,y<360)



a) KA, KM 13 tiép tuyén cua ()= 20AK =20MK =90°
= KAOM |3 tit giac noi tiép
b) OK it AM tai I. Ta c6: KA =KM,0A=0M = OK |3 qyemg trung truc clia
AM = OK L AM tai11a trung diém caa AM
= AOAK vupng tai Acg OI =OK
= OL.OK =OA’ (he thic lugng trong tam gidc vubng)
MH 1 AK
OA 1 AK

= H 13 trye tam AKMAnén AH L KM v3 OM L KM
= AH //OM 1)

}:, MH / /0A(2)

Tit (1) va (2) suy ra AHMO I3 hinh binh hanh ma HO L MA(OK L AM )

= AHMO 13 hinh thoi néen AH =AO =R
= H € duwong tron (A;R)C()' dinh

Vay khi K chuyén dong trén AX thi quy tich diém H 1a dwong tron
PE 54
Bai 1.

(A;R)



3

2

X3_1 x> +1 X(]_' XZ)

a)A = +X X T S

x-1 x+1 X" -2

2—
:(x2+x+1+x)(x2-x+1- X)- Xz ° )
x(1- x).A+x)

XZ- 2 _XZ' 2

=+x) -0 x(1- )<)2.(1+x)2 X

X:m:A:4+2\/§ :2\/§+2
b) Thay V6+242  \3+2
x =1

OA=-1le x*+x-2=0
x=-2

Bai 2.
Goi X(km)lé quang duong
:g h

nen ta co phuong trinh:
X XDy =o0(m)
40 30 4
Vay quing dudng AB:90KM,  quang dueng BC:75km
Bai 3.

a) Hoc sinh ty vé

c(-2:m)e(P)= %.(- 2) =m e m =2

AB(x>15), quang duwong BC:x- 15

4h45'

b)

rx-3y=g |10 x =5

o)l 3y =7 < 7-x< 2

X+ = = =

Yy Yy 3 Yy 3

(x+3)(y-1)=xy+2 -x+3y =5 x =1

[ —t [ —t

(x- D(y+3)=xy- 2 y =2

Bai 4.

3x-y=1



2) vi MI L AB(gt)= ZBIM =90°
MH L BC(gt)= /BHM =90°
Ta c6 : £BIM + Z/BHM =180" = BIMH |3 % gidc noi tiép
= /MIH =/MBH (D)

b) Vit giac BIMH npi tiép (cmt)
(0),/MBH =/MCK MC) 2)

= /MCK =/MHK (3)

Trong (cung chan cung

Tir (1), (2), (3) suy ra “MIH =<MHK  (4)

Chttng minh twong tu ta c6 : ZMKH =ZMHI (5)
T (4), (5) suy ra AMIH — AMHK(g.9)
o MM v =Mr.MK

MK MH

¢) Chitng minh : £MHK =ZMCK =ZMBC

Chitng minh dwogc : £IHM =ZIBM =/MCB

= /MHK + /IHM =/MBC + Z/MCB
= /BMC + /MHK + Z/IHM =/BMC + /MBC + /MCB =180°
Hay £PMQ+ZPHQ =180" = MPHQ; giac noi tiép

Bai 5.



P = x+a—b +a+b
X
:P22@+a+b:(\/a+\/5)2
(b
(=4 _x @x:\/g
Diu"="xiyra (X0
~ Minp =(Va +b) = x =Jab
Vay
DE 55
Bai 1.

- Goc ¢ tam la goc co dinh trung vdi tam duwong tron , 2 canh la 2 ban kinh
- Gobc noi tiép la goc c6 dinh nam trén dudng tron, hai canh 1a hai day cung.
Bai 2.
{3x +y=3 {SX =10 {x =2
(=4

=
2x-y =7 2x-y =7 y=-3 (x;y) =(2;-3)

. Vay
Bai 3.
3x2- 4x+1=0< 3x*- 3x- x+1=0< 3x(x-1)- (x-1)=0

x =1
= (x-1)Bx-1)=0< 1S :{1;1}
X =— 3
3
Bai 4.
— 2 . — 2 —
o) b thi ¥ =’ qua A(2)= 2=a1’= a =2
d) Hoc sinh tw vé do thi
Bai 5.
Goi @14 s hang chuc, b1a s6 hang don vi (@P€N5a<b<10)
Theo bai ta c6 hé :

2a- b=-1 2a- b=-1 a=3
— = = (tm)
ba- ab =36 -a+b=4 b=7

Vay s6 can tim 1a 37
Bai 6.



A C
B
£AOB (tinh chat hai tiép tuyén cat nhau)

a) Ta cé: OS 13 tia phan giac

= ZBOS :%AAOB 2%.120" =60"

1 0
ZBCA —E.LAOB =60 AB)

Mat khac (cung chan cung
= ZBCA =/BOS (dong vi)= OS //AC
by ABOD g OB =OD(=R) 3 /BOD =60" sy ABOD gay
Tuwong ty ta c6 : OA=AD =R
= OA =0OB =BD =AD =R
~ Vay wt gidc AOBD13 hinh thoi
PE 56
Cau 1.

3x+y =3 5x =10
Da) = =
2x-y =7 y =2x-7

X
y
{x+2y =5 {2x+4y =10 {x =-5
= =4

3x+4y =5 3x+4y =5



2 — =\- ? - —
2)3x_ - 4x+1=0  A=(-4) - 431=4>0 . phuong trinh c6 hai nghiém phén

4+/4
L= =1
6
4-4 1
X, = =
biét | 6 3
Cau 2.
1) Goi Y 1a s6 ngay nguoi thit nhét va thi hai xong viéc
1 1 1
7 7Ta (x=12
Yt { _, (mdk)
x 4

Theo bai ta c6 hé phuong trinh :

Vay nguoi 1: 12 ngay, nguoi 2: 6ngay.

Cau 3.

mx+y =5 {mx+2x =3 {(m+2)x =3(1)
(=4 =

Ta cé: {ZX- y=-2 2x-y =-2 2x- y=-2

Hé phuong trinh da cho c6 nghiém duy nhat < PT(1)

o m+2# 0= m #-2

c6 nghiém duy nhat

= 2 X= &
(Do " m+2 o m+ 2

10+ 2m
2X- y = 2 y=
Khi dé hpt 2+m
Thay vao hé thic va két luan



Cau 4.

A ) B
1) Tt gidc AEMBngi tiép vi LAEB =ZAMB =90
AX 13 tiép tuyén tai A cia dwong tron (0)= Ax L AB
ZAMBI3 géc noi tiép chin nira dwong tron = £LAMB =90
AABI 13 tam gi4c vudng tai A c6 duong cao AM = Al > =IM.IB
2) ZIAF 13 géc tao bdi tia tiép tuyén va day cung AE nén £FAM 13 géc ndi tiép
chan EM
Ta c6: AF la tia phan giac cia £IAM = ZIAF =ZFAM = 4E =EMm
Lai c6: ZABH va ZHBI 13 hai géc noi tiép 1an lugt chin AE va EM
= ZABH =/HBI = BE |3 duong phan gidc cia ABAF
ZAEBI]a géc ndi tiép chén nita dudng tron = £AEB =90 = BE L AF = BE]3
dwong cao cia ABAF

= ABAF 13 1o side can tai B CBE vira Ia duding cao vira 1a duong phan gidc)

3) ABAF can tai B, BE1a duomg cao = BE 13 dwong trung trie cia AF
= H,F € BE = AK =KF,AH =HF (1)



AF 13 tia phan giac cia £IAM vj BE L AF = AAHK ¢ AE vira 1a duong cao, vira 1a
dwong phan giac = AAHK can tai A~ AH =AK(2)

Tir (1) va (2) suy ra AK =KF =AH =HF = AKFH ]3 hinh thoi

Cau 5.

Bigy thiee P =4~ 2vab +3b- 2Ja +1(a,b >0) . o

3P =3a- 6+Jab +9b- 6Ja +3= 3P =a- 6Jab +9b +2a- 6/a +3

= 3P :(a- 6\/E+9b)+2 a- 3\/E+% +3—%

- 3P =(Ja-3Jb) +2

:Pz-l

2 (v6i moi

2
3 3 3
\/E-— - —>-— (voimoia,b =0
2 2 2 ( )

a,b >0)

Ja-3Jb =0 a=

(tmdk)

N N e

~ no__n 5
Dau = xayra

MinA =- l@
2

Vay
DE 57
Bai 1.
2x- 5y =-1 x =2
a) <
5x- 6y =4 y=1

2 1

+—— =3

x-2 y+1 x-2=1 X =3
=4 =

4 3 y+1=1

b).
) y =0

(x-2 y+1

Bai 2. Goi **Y 14 s6 san phdm dwoc giao ctia té 1, 2 (0<xy<600,x,yeN)
x+y =600 {x =200

=
0,18x+0,21y =120 |y =400

Theo bai ta c6 hé : { (tm)



Vay t6 1: 200 san pham. 6 2: 400 san phdm
Bai 3.

a) Hoc sinh ty vé

b) X, =- 1= Ya :Z;XB =)= Vg =8

Phu’o’ng t[‘inh AB Cé dang y =ax + b qua hal dlfém A(' 1, 2), B(2,8)

{-a+b:2 {a =2
=

f =4
2a+b=8 |b=4 (d):y=2x+4

Bai 4.

. Vay phuong trinh

B

ZOBA=/0CA=90°(AB,AC ;1 . .x
a) la hai tiép tuyén)
= ZOBA+ Z0OCA =180" = OBAC 3 1t giac ndi tiép
b) Xét AOEBvy3 AOBD 4. ZEBA =2/BDA (cing chin cung BE)
EA BA

/DAB chung = AEBA— ABDA(g - g) > — =—— = AB? =AE.AD(dfcm
g (g-9) BA DA (dfcm)

) GoiIla giao diém ctia COva BD
BD//CA,CO L AC= BD 1 CI
Xét AOBD cjn tai O c6 dwong cao OI = Ol ciing 13 dwong trung tryc ctia doan BD

= CB=CD= BC =BC= /BDC =/DBC (hai goc noi tiép cung chan hai cung
bang nhau)



Lai c4 . <DEC =/DBC = /DEC =/BDC(3)
aico:

Tt gidc CEDBpbi tiép dudng tron (O) nén £BDC + ZBEC =180
- /BEC =180° - #BDC(1)
My £DEC + ZCEA=180° = ZCEA=180° - ZDEC (2)
Tir (1), (2), (3) suy ra <BEC =£CEA (dfem)
d) Goi H la giao diém cia BC va @K 3 hinh chidu cia B 1én CA
Ap dung dinh ly Pytago vao AOBAvupng tai B ta c6:
OB’ + AB* =0A> = AB =+yOA?- OB?> =2R\2
Ap dung hé thite lvong vao AOBAvu()ng tai B, duong cao BH ta c6 :

2
AH _A32 AH (2\/§R) 8R
2 — - - =
AB’ =AH.AO  _ A0, | 3R 3
BH.AO =OBBA | _OBBA RIVIR 22
AO BH == =3 R

Dé dang chitng minh BH =CH
42

= 2BH =—-R
3 yy AC =AB=2\2R

Trong tam giac ABC c6:

NG 285
1 1 BCAH 3 V3 16
S.  =—BC.AH =—BK.AC = BK = = =—R
ABC "o 2 AC 2J2R 9

P
Vay khoang cach tir BD dén AC1a 9
Bai 5.



x? +2018V2x% +1 =x+1+2018Vx* + x+2

o x*- x- 1+2018(\/2x2+1- Jx? +x+2):O

[2)(2 +1- x> - x- 2]

o x°- x-1+2018. =0
V2x2 +14+UxE +x+2
2— -
o x*- x- 1+2018. Xx-x-1 =0
V2x2 +1+Ux% + X +2
+
xz-x-1:0(:>x:1_\/g
< 2018 ’
1+ >0(VN)
X 1 X X2
+
Vay
DE 59
Bai 1.
22
xX+2y =6 7 X =3
a Yo / b)x’- 4x+4 =0
3x-y =8 _10 x =1
Y 7
Bai 2.

c) Hoc sinh ty vé
d)  Ta co phuwong trinh hoanh d6 giao diém (P) va (d)
x =2 y =4
=
x=-1 y =1

(P),(d); (24),(-11)

xX*-x-2=0e

Vay toa do
Bai 3.
Goi x(km)

AB,y(km/h) (x,y>0)

la quang duwong la van téc dy dinh

1h24' :Zh
. Theo bai ta co:



+10) X- 2] =x o x+10%- Ly 1a=x o 10%- Ly =14()
y 5 y 5
(y-5)| X+1|=xeo x- 5% +y-5=00 -55+y=5 (2)
y y y
10%- 2y =14
y 5 x =280
=1y =40 ™
_5£+y:5 -

Tr(1)vaQtacohe: L Y
vay AB =280km, yan (¢ dy dinh: 40km/h
Bai 4.

d) Xét t giac CEHD co:
ZCEH =90° (BE

la duwong cao), ZCDH =90°(AD la duwong cao)
= ZCEH + ZCDH =180" = CEHD |3 1t gi4c noi tiép

BE 13 dwong cao nén £BEC =90

CF 13 dwomng €90 Z/BFC =90°

Ma 4BEC, ZBFC qyng nhin BC duéi 1 géc 90° = BCEF 13 ¢ gidc ndi tiép



e) *) Xét AAEH vy AADC ¢4 .
/AEH =/ADC =90°, ZA = AAEH — AADC(g.g)

= ﬂ :E: AE.AC =AH .AD
AD AC
*) Xét 2 tam gidc BECva ADC c6:
/BEC =/ADC =90°, ZC chung
= ABEC - AADC(g.g) = E :£:> AD.BC =BE.AC
AD AC

f) Ta co: £C, =24 (cung phu vaéi £ABC)
£C, =4A (ctng chan cung BM), 2C, =2C, = CByj yjq phan giac cia £HCM
Lai c6: CB LHM = ACHM can tai C
= CB ciing 13 dudng trung truc cia HM = H.M 45i xttng qua BC
Bai 5.
(m-1Dx*- 2(m+1)+m- 2 =0

Cé A'=(m+1) - (m- D(m- 2)=m* +2m+1- m*+3m- 2 =5m- 1

bé phuong trinh c6 hai nghiém phan biét

chung

=< A'>05m-1>0« m>é

PE 60
Cau 1,23 512 42427 =243
Cau 2.
(Vx +1)(x- Vx +1) 2(Vx - 1)({/x +1)
a)A = - (x>0

X-Vx+1 Jx +1
=Jx +1- 2Jx +2 =3- Jx

) A>0 < 3- /x>0 x<9
Vay 0 =x<9thj A>0
Cau 3.
y=ax+3

Cau 4.

qua (-2,3)> 3=-2a+3= a=0



a)N10- x* +Vx* +3 =5 x> +3 =5- 110~ x*
o x*+3=25-10410- x* +10- x* © 10V10- x*> =2x%*- 32
& 5J10- x2 =x2- 16 & 25(10- x?) =x* - 32x* + 256

2:6 =
o x'-7x*+6=0= X o | X /6
x? = x ==l
_u
5x-y =7 X_7
b 3x- 2 3@ 6
X - =
y y=2

Cau 5.
Goi XM 13 chigu dai , Y™ 1a chizu rong X>2Y >1x>)
Theo dé ta co hé :

(x+3)(y+2)=xy+48  [2x+3y =42 x =12
{(x- 2)(y- 1) =xy- 22 @ {-x- 2y :-24(:) {
Cau 6.

=g (™

C

a) Vi Y1a tiép tuyén nén OM L xy
vay AD//OM //BC (cing +X)



Xét hinh thang ABCD ¢y OA=0B = MC =MD

b) OM 13 duwong trung binh hinh thang ABCD nén :

oM :%: AD + BC =20M =2R

(khéng doi)
c) vé ME L AB

S apcp :%(AD + BC).CD :%.2R.2ME =2R.ME
Dé thay ME <MO.psy " :"Xéy ra < E =0

Vay Ome < M 13 dau mit ca ban kinh OM L AB
PE 61

Cau 1.3V2 - 58 +7:/18 =142

Cau 2.
w1 2(xvx-1)
\/;+1_ X+ x+1(XZO)
_(&- DWx+1) 2(Vx- 1)(x+/x +1)
B \/;+1 ) X++/x +1

b)A>0©1-\/;>O© \/;<1:> x<1
vay 0 =<x<1lthj A>0
Cau 3.
y =ax- 3
Cau 4.
a)x/10-x2+\/x2+3:5(-\/ﬁ<x<\/ﬁ)
= x> +3 =5- 10- x?
o x> +3=25-10+10- x* +10- x*
& 104/10- x* =32- 2x* & 5410- x? =16- x°
o 25(10- x?)=256- 32x2 + x* & x*- 7x2 +6 =0
x* =6 =+

= X _\/E(tm)
x> =1 x =+

2x-y =7 4x- 2y =14 x =11
b = =
3x-2y =3 3x-2y =3 y =15

a)A =

=Jx-1- 2Jx +2=1- Jx

qua diém (-21)= a(-2)-3=1= a=-2

(=4




(>2,y>1) 00 bai ta c6 hé pt:

(tm)

Cau 5. Goi X1a chiéu dai, Y 14 chiéu rong

(x+3)(y+2)=xy+48  [2x+3y =42 x =12
= (=4

(x-2)(y-1)=xy- 22 -x-2y=-24 |y=6

12m, chiu rong 1a 6m

Vay chiéu dai la
Cau 6.

2) Vi ¥ 11 tiép tuyén nen OM L%y, AD//OM //BC(Lxy)
Xét hinh thang ABCD ¢5 OA =0B= NC =ND

b) ON la dudng trung binh hinh thang ABCD nén;

on =2P*BC . Ap 4 BC =20N =2R
2 (khéng doi)

c)d) S ,pop ~Lap+BC)cD =L 2R2NE 2R NE
2 2 (v6i ME L ABtai E)

Dé thdy NE <NO.psu " ="xayra < E =0
Vay max © N 13 dau miit ciia ban kinh ON L AB

PE 63
Bai 1.
X - B% x(1- x) 2
|| e Y PR (I MY | (R ) SR Sk
x-1 x'-2 x(1- x)Y (1 +xY
-2 x -2
—(x+1) (x- 1y — % -
x(1- xY @ +x) X
b)x =6 + 242 (tm) = A:5+2J§- 2 _2J2+2
JE.+2J§ J3+JE
Bai 2.
4h45’—§h
Goi X(km)lé quang duong AB (x>15)= quang duong BC:x-15 4
X +x-15 :g

Theo bai ta c6 phuong trinh: 40 30 4
- 3x+4x-60 :5?0 & x =90(tm)
120 120
Vay AB =90km, BC =75km
Bai 3.
¢) Hoc sinh tu vé do thi




c-2me(P)= %.(-2)2 —m e m=2

Bai 4.

E

A O B
d) Ta co: CA=CBG) 5, sd€A =sd€B =180" : 2 =90°

1 1
/CAB ==sd€B == 90" =45’ .
2 2 (do £CAB1; géc nbi tiép chin AB)= ZE =45

AABE ¢ ZABE =90° (tinh chét tiép tuyén) va £CAB =ZE =45" = AABE yygng can

tai B
e) Xét AAFBv3 ABED c4: ZABF =-BDF =90°, ~AFB chung

= AAFB- ABFD(g.g)

— E:ﬁ: FAFD =FB*
FB FD

/CDA =~sdBa =L o0 =45°
f) Ta co: 2 2

= ZCDF + ZCDA =180" = ZCDF =180" - ZCDA =180" - 45" =135°
Tt giac CDFE g £CDF + ZCEF =135" +45" =180" = CDFE |3 ¢ gic noi tiép

Bai 5. Bit Vx =a,\Jy =b,a,b =0 ta co:
P =a’ - 2ab +3b” - 2a +2009,5



=a’ - 2(b +1)a + 3b* +2009,5
=a’*-2(b+1)a+(b+1) +2b* - 2b+2008,5

f 2

—(a-b-1Y +2|b- % +2008 =2008
a_3
o 2 2
— MinP =2008 < [ (tmdk)
h=—
T2
9
X :H
P =2008 = X
y ==
PE 64
Bai 1

B 1 +\/; x-Jx  x+1++/x \/;(\/;'1)_\/;
Jx-1 x-1)2dx+1 (Vx-1)(Vx+1) 2Jx+1  Jx+1
c)P :ABZS\/; SS'O =0= MaxP =0 <= x =0
\/;+1 0+1
Bai 2.

Goi M (XM;y M )lé giao diém nén toa do M la nghiém hé :
S5x-17y =8 Xy =O
=4
15x+7y =82 Yy =1
P& 3 dudng thing dong quy thi M G1EQ@m-Dx- 2my =m +2
e (2m-1)5-2m=m+2e 'm=7e m=1

3k
Bai 3.Goi X (san pham) la s6 san pham moi ngay lam dugc (xeIN*)



600

Nén s6 ngay dv dinh : X . Ta c6 phuong trinh :
200 +g 600 _ 600 200 N 1200 _600- x

. le
x+10 3 x X x+10 3x X
o 600x +12200x +1200 :600 "X 3x> +30x - 6000 =0
3x° +30x X
x =40
x =- 50(ktm)

Vay mbi ngay xudng lam duwoc 40 san pham.

Bai 4.
B N
A
C
/ABM =/ANB = sdBm
a) 2
AB _AM

= — ="——= AB’ =AN.AM
Chttng minh dwge: AABM = AANB(g.9) AN AB



b) Ching minh AO 1 BC, ap dung hé thitc lvgng trong tam giac vuong ABO 3 st
dung két qua cdu a= AB° =AH.AO

2ABI =,CBI(Br =B1)= BI

¢) Chtng minh dugc 1a phan giac ciia £ABC
Ma A0 13 tia phan giéc cia £BAC = T3 tam dudng tron noi tiep AABC
Q= 3x+2y N 6 )
Bai 5. Ta c6: 6 3x+2y (4o XV =6)

Diit t =3x+2y=t=2,3x2y =12

t 24) 18__ [t 24 18 5
5> Q=|o+ |- 2t 2022
6 t) t 6t 12 2

5 {x =2
Qmm == < _
Vay 2 =
DE 66
Bai 1
2x- 5y =-1 x =2
Sx- 6y =4 y=1
2 1
-+ —
x-1 y+1 x-1=1 x =2
b)- = =
4 3 y+1=1 y =0
x-1 y+1

Bai 2.Goi ©Y 14 s6 san pham cua hai to (x,y € N*,x,y <600)
{x +y =600 - {x =200
Theo bai ta c6 hg : (918X 0,21y =120 1y =400
Vay t6 1: 200 san pham, t6 2: 400 san pham
Bai 3.
a) Hoc sinh ty vé
by AG12),B(28)

Goi ¥ = *b13 phyong trinh

{-a+b:2 {a:2
= [—t .
2a+b=8 |b=4 Vay (d):y=2x+4

(tm)

(d) iA,Be(d)

.V



Bai 4.

/OBA =/0CA =90° (AB, AC

a) la tiép tuyén cua (O))
= ZOBA+ Z0OCA =180" = OBAC |3 (¢ gi4c noi tiép
b) Xét AOEBvy3 AOBD ¢:
/EBA =/BDA (ciing chan BE%<DAB o
EA BA )
= AEBA— ABDA(g - g) = — =— = AB? =AE.AD(dfcm)
BA DA
) GoiIla giao diém ctia COva BD
BD//CAyy CO L AC= BD LCI
Xét AOBD cjn tai O, OI dwong cao = OI'13 trung tric ciia BD
= CB=CD= BC =€D= /BDC =/DBC = /DEC =/BDC(3)
Tt gidc CEDBngi tiép (0)
= /BDC + /BEC =180° = /BEC =180" - #BDC(1)
vy £DEC + ZCEA =180° = /CEA=180" - /DEC (2)
iy 10.(2),(3)= ZBEC =£CEA(dfem)

d) Goi H1a giao diém cta BCO0A
K14 hinh chiéu ctia B 1én CA
Ap dung dinh ly Pytago vao AOBAvugng tai B, ta c6:



OB’ + AB* =0OA® = AB =JOA’ - OB* =2\/2R
Ap dung hé thitc lwong vao AOBAvusng tai B, BH dwong cao ta cé:

2
{ABZ:AH.AO . A== 17 T 3R 3
BH.AO=OBBA |, OBBA | :R.zﬁR :NER
AO k 3R 3
BH =CH = BC =2BH :ﬂR
Dé dang chitng minh 3
vi AC =AB =2\/2R
Trong AABC c6;
S isc ~1pcan =LBr.ac
2 2
W28,
BC.AH 3 3 16
= BK = = ="
AC 2J2R 9
6
Vay khoang cach tir BD dén AC1a 9
Bai 5.

x* +2018v2x* +1 =x+1+2018Vx* + x +2
(\/2x2+1-\/x2+x+2)(\/2x2+1+\/x2+x+2)

o x*- x-1+2018

V2x2 +1 4% + x+2
1

e (x*- x-1)[1+2018. =0
\/2x2+1+\/x2+x+2
o x-x-1=0e lel;\/g

PE 67
Cau l.



a)P = 1 + 1 : Vx x>0
x-x  Afx-1) x-2x+1{x#l
2
o 1+4/x (Vx-1) _x-1
Ix(Wx-1)" Jx X
2
b)x = (tmdk)
2- 3
2 -1
= P:Z_\/§ :\/§
22
2- 3
-1 1 2x-1)-
C)P>1®X—>—@Q>O@2(x-l)-x>0@x>2(tmdk)
X 2 2x
Cau 2.
Goi X1a chicu dai, ¥ 1a chigu rong (0 <P <a<36)
x+y =36 X =25
3x+2 —97® _11(tm)
Theo bai ta c6 hé phwong trinh : (2% <Y = Y=
Vay chieu dai : 25™ chigu rong :11m
Cau 3.
{3x-y: {x:
m=1= _ _
@) Khi x+2y =5 y =2
3x-y=2m-1 3x-y=2m-1 7y =7m+1 y=m+1
b = = =
X+2y =3m+2 3x+6y =9m+6 3x-y=2m-1 X =m
2 2 _ 2 2 2 m =1
X+y " =5em +(m+1) =5 2m’ +2m-4=0< 5
m =-

Cau 4.
y =(a-2b)x+b (d)

(d) qua AQ:2),B(-4;-3)
(a- 2b).1+b =2 a=3
T a- 20))+b=-3" {b =1



Cau 5.

a) Xét tr gidc BEFI co:
ZBEI + ZBFI =90° +90° =180" = BEFI 3 tf giac noi tiép

b) Chitng minh dugc : AIAC — AIDB

Aa_D, IA.IB =IC.ID
IC IB

Ap dung hé thitc lwong trong tam gidc vudng:

= AE.AF =AD.AB 3 AD.AB =AC® = AC’ =AE.AF
c) Theo cau b, ZACF =ZAEC = AC)3 tiép tuyén ctia dwong tron ngoai ti€p

ACEF )

Mit khac £ACB =90° (g6c noi tiép chin nita dudng tron) AC LcB(2)

Tir (1), (2) suy ra CB chita dwomg kinh ctia dwomg tron ngoai tiép ACEF,m3 CB g
dinh nén tdm dwong tron ngoai tiép ACEF thuoe CB c6 dinh khi E thay d6i trén cung
BC

Cau 6.

Ta co:

94b22,|% = Jab, S e 2Vac:d +d 2ad; L + e 2 ae
4 4 4 4 4

= %.4+b+c+d +ezﬁ(\£+ﬁ+ﬁ+@)

< a+b+c+d +ez\/E(JB+JE+JE+@)

@g:b:c:d:e
Dau ' ="xdyra 4
PE 68
Cau 1.
a)P = 1 + L VX x>0
x-~x Ax-1) x- 2dx+1| x #1

. 1++/x (\/;'1)2 _x-1
Vx(Wx-1) e x




b)x = tm
) 2+\/5()

2 -1

_2+\/§ _ \/§

= P = =-

2 2

2+\/§
C)P<1@L1<1@M<O@X-2<O

X 2 2X 2Xx

Do X>0= 2x>0= x- 2<0e x<2

Vay 0<x<2y3 x #1

Cau 2.

Goi X1a chiéu dai, ¥ 1a chiéu rong (don vi:

x+y =36 x =20
(=4

2x +3y =88 y =16

cm,0<x <y <36)

{ (tm)

= taco hé:

Vay chiéu dai 1a 20m, chiéu rong 1a 16m

Cau 3.

3x- y =3 {x =2
=4

¢) Khi M =2 hg phuong trinh thanh {X *2y=8 |y=3

{3x- y =2m-1 {GX- 2y =4m- 2 {7)( =7m
(=4 (=4
d)

|

=4
X+2y =3m+2 X+2y =3m+2 X+2y =3m+2
m =2
= m?+(m+1) =13 2m* +2m- 12 =0 &
m=-3
Cau 4.
a-b=0 a=1
= (=4
(d):y =(a- 2b)x +bqua AQ@;0),B(-23) |-2a+5b=3 |b=1
Cau 5.
d) CD L AB i K= £BKN =90° y3 ZBMN =90°
= ZBMN + ZBKN =180" = BMNK |3 17 giac noi tiép
e) Xét AAKD va ACKB . <K, =ZK, =90°
Va £ADC =ZABC (cung chan QC)
~ AAKD — ACKB(q - g)= ~2 —KC _ kA kB =KCKD

KD KB

X =m

y=m+1l



Xét AACN va AAMC co: £ZCAM Chung- £LC=4LM (Cﬁng chin Q.D :EC)

= AACN — AAMC = AC _AM = AC? =AM .AN
AN  AC

f) Tacé: LACN =ZCMN = AC]; tigp tuyén cia dudng tron ngoai tiép tam giac
CMN
Goi O'1a tam dwong tron ngoai tiép ACMN
= 0'C LCAyy £ZACB=90"= AC LO'B=> C,B,0'

dinh. Vay khi M chuyén dong di qua O’ c6 dinh.
Cau 6. Ta co:

%+b Z\/E;%+CZ ac;%+d Z\/E;%+e Z\/E
= %.4+b+c+d+e2@+\/g+\/a+@
& a+b+c+d+e2\/5(\/5+\/z+\/g+\/2)

thiang hang nén O'€CB¢g

g—b =c =d =e
Diu " ="xayra 4
PE 69
Bai 1.
a)P = Vx T +6\/;_4 =
\/;-1 \/;+1 1- x [ x#1

_\/;(\/;‘*1)"'3(\/;' 1)- 6Jx+4 _x+/x+3J/x-3-6/x +4
) (V- )(Wx +1) (k- D)x+)

x- 2Jx +1 (Vx - 1)2 Jx-1

T )W) (- )Wxen) Ve
)P =-1 Jx-1 =-1o Jx-1=-Jx-1o 2/x =0 < x =0(tm)

\/;+1
\/_ 1 _Jx+1-2 2 b
\/;+1 \/;+1 \/;+1
Bai 2.
Goi Xkm/ M3 ot e xe du Tich® > 200 = van tsc x khéch: X~ 20



50" ZEh,

6 theo bai ta c6 phuong trinh :
100 100 _5 _ 100x-100x+2000 _5

x-20 x 6 (x-20x 6

x =60(tm)

x =-40(ktm)

Vay van toc xe du lich: 60km/h, van toc xe khach: 40km/h
Bai 3.

)AG-1D)e(P):y=ax’*=> 1=a.(- 1) = a=1

b)Hoc sinh ty vé

< 5x° - 100x- 12000 =0 <

(P),(d):

c) ta c6 phwong trinh hoanh do giao diém

x=3=y=9
X2 - 2x-3=0 J

x=-1= y =1
Toa dd giao diém la (3,9),G;1)
d)OA —3? +9? =3./10,0B =+/2, AB =45
p _3@ +2 + 4\/5
2

Ntra chu vi
Ap dung cong thiec Hé — rong v6i p 1a niva chu vi, ta 6 :

s =p(p- 0A)p- OB)(p- AB) =6(dvdt)
Bai 4.




a) Xét tt giac OAHM ¢4
ZOAM =ZOHM =90" = Ty giac OAHM ppj tiép
Tt giac AMBO ¢4 : £LOAM =Z0BM =90" = giac AMBO pg;j tigp
Vay 5 diem M, B0, H ing thude mot dudng tron.
MA =MB

b) Ta co: OA=0B 1a dwomng trung truc cia AB

= MO L ABt3i 1= I 14 trung diém AB= ZOIK =ZOHM =90°

xét AOIK vy AOHM (4. £OIK =/0OHM =90°

OI _OK

OH oM = OI.OM =OH.OK (dfcm)

c) Xét AAOM vuong tai A, c6 Al LOM

}=> OM

ZOchung = AOIK — AOHM (g.g) =

2
. - OH.OK =R* = OK =—
= OI.OM =0A" =R" 3 OI.OM =0OH.OK OH
Do O ¢4 dinh, d ¢ dinh ® OH ¢§ dinh = K ¢6 dinh
Vay ABluén di qua K c6 dinh
d) Tt Tha ID LOK Do OK 5 dinh




_ID.OK
xét AOIK ¢ ™ 2

, (KO +ODY’
= ID° =KO.OD <
ID1a dwdng cao ng vGi goc vudng
OK*
= SOIK = : VI L 1]
4 Dau " ="xayra © AOIK |3 tam giac vudng can

Bai 5.

x+&h-2(x>”: (x- 2)+3Vx-2+2
X+4Jx-2+1 [(x- 2)+4m+4]-1

_(m +1)(m +2) _(m +1)(m +2)
 (xmz+2) -1 (Wx-2-1)(x-2+3)
Jx-2+2 1

1-

CJx-2+3 0 Jx+2+3
1
o ——— max © \Wx- 2 +3)min
AD]H ’X—2+3 ( )

Ta c6: Vx-220= Jx-2+3=3
in - < X:2

Vay 3

PE 70

Bai 1.
J9+2 3+2 -5

a)A: = =
J9-5 3-5 2

3 +20-2J§

\/;+5 x-25

_ Jx +5 _ 1
(Vx+5)x-5) Jx-5

\/;+2_ 1
Jx-5 Jx-5

A=

3(Vx- 5)+20- 2
~ (Vx+5)(Vx-5)

x>0
x #25

b)B =

C)A:B‘X-4‘<:> _‘X-4‘:> \/;+2:‘x-4‘

< ID S%



Jx+2=x-4 x=9
= © (tm)
Jx +2=4- x x =1
Bai 2.
24]
X,y >—
Goi X (gio) 1a thoi gian chay voi I, Y (gi®) 14 thoi gian chay voi II 5
4h48' :ﬁh 1h20' :ﬂh, 30’ :lh
5 3 2
Theo bai ta c6 hé phuong trinh :
1,1_5
X y 24 X =8
] = (tm)
4,11 ly=n
3x 2y 8
Vay voi 1: 8 gio, voi II: 12 gio
Bai 3.

J2- y-3Jx+1=-5 |Jx+1=2 [(x=3
2) Ta c6 phuong trinh hoanh dé giao diém cta (P) va (d):
x* = mx-3=0cs A=m"+9> 0 (v6i moi m) nén (d)cét (P) tai hai diém phan biét
B(- ;1)

1){2\/2- y+x+1=4 ~ [«/2- y=l_ {y -1

x*-2x-3=0e

Khi M =2 ta cé:
= 0OA =3\10,0B =+2,AB =4./5
Ap dung hé thtic Hé rong véi P 1a ntta chu vi
= S . :\/p(p- a)(p- b)(p- c) =6(dvdt)
)x’-mx-3=0=>A=m"+9>0

Yo =mx. +3
—

yp =mx, +3

X, =-1=y, =1

nén 2 do thi luén cat nhau tai C va D

= CD :\/(xC - xD)2 +\/(me - 3- mx, +3)

:\/(xC +x,) - 4x.x,.(1+m?)



Xc + X, =m

Ap dung hé thitc Vi — et ta c6: {XCXD =-3

= CD =Jm? +12.(1+ m?) =12
vay Ming, =V12 & m =0
Bai 4.

M

a) AMCO ¢ £A+ £C =180" ngn 13 tf gidc noi tiép
Z/CMB :%sd@‘B :%(sd@BY - sdBmy) :%(sd@BY - sdBHY ) =£CNE
= ZCME + ZCHE =180" = CMEH 13 (¢ gi4c ndi tiép
/CKB :%sd@‘B :%(sd@BY - sdBHX ) =CME
= ZCME + ZCKF =180" = MCKF 13 (¢ gi4c ndi tiép
b)ZCNH :%(@"H +ki1) :%(Q\H +8H)
g2t _
=_HAc = .2c0a=scox
= CMDN 3 tit giac noi tiép = £DNM =ZDCM =90° = ON L MN = ON 1 HK
Nén N 14 trung diém ctia HK



c) Ta c6: £DAB =2DCB (cling chén cung BD)= £ZDCB =/ECM (d6i dinh)
vy £ECM =ZEIM (MICE
Xét AMIE va AMAE c6:
MI =MA, Z/IME =/AME,ME
= /MAE =/DAB

Mt khdc /MAE + Z0OAE =90° (=/MAB)

Vi ZDAB + ZCBF =90° (ADAB vuong tai D)= ZOAE — /OBF
Xét AOAE y3 AOBF g

ZAOE =/BOF, OA =0B(=R), ZAOE =Z0OBF

= AOAE =AOBF(c.g.c) = OE =OF

Bai 5.

Ap dung bat dang thitc Bunhia ta co:

a’* +1<@+1)(a+1)=2a+2

Chttng minh twong tu : b* +1<2b+2,c* +1<2c+2
1 1 1 3
+ + >_
2a+2 2b+2 2c+2 4
Déu “=” xay ra < a =b =c =1

4 tt giac noi tiép)

chung = AMIE =AMAE(c.g.c)= ZMAE =/EIM

= A>

PE 71
Bai 1.
1)A:\/;_1:\/£_1:2
y) y)
>
2)B = X+2 N \/; N 1 x>0
x\/;-l x+\/;+1 1-\/; x #1

:x+2+\/;(\/;-1)- (x+ x+1): x- 24/x +1
(Vx- D)(x+x +1) (V- 1)(x+x +1)

k) R

_(\/;-1)(x+\/;+1)_x+\/;+1
Jx-1

B _x++Jx+1_ 2

3)

Z_ \/;-1 _x+ x +1
2




x>0 x+/x 0= x++/x +1>1

:>Egzzz<:> x =0
A
Bai 2.
80

(>0 an tsc du dinh : X

Goi X(gio) la thoi gian dw dinh
Theo bai ta c6 phuwong trinh :
20 60 20x 60

30 + 30 =X < + =X

X X
& 1600x + 200x° +4800x - 900x> =x(6400- 400x - 150x)

< 150x° - 300x> =0 < x =2(tm)
Vay thoi gian dy dinh 1a 2h

Bai 3.
31+ 1 -
x+1 x+y-
D, ;
- :5
(x+1 y+x-1
1 1 3t+u =2 t=1
=t ! 2%-3u=5 |u=-1
pat X*1  ¥Y*+X-1 haphyong trinh thanh : U= U=
1
x+1 x+1=1 x =0
= =
1 —1 y+x-1=-1 y =0
yrx-1 Vay (x;y) =(0;0)

2 —
2) xX-mx+m-1=0 (1)

a)A =m*- 4(m- D) =m?- 4m+ 4 =(m- 2)

bé phuong trinh W c6 nghiém kép < A =0 = m =2
{xl +x, =m
b) Vi moi ™ dp dung Viet ta co: (%% =M1

Ta co: N (x, +3)+x,(x, +3) =8



e x> +x2+3(x, +x,)- 8=0

o (x + x2)2 +3(x, +x,)- 2xx, - 8 =0

m =2
haym®> +3m-2m+2-8=0e m°+m- 6=0<
m=-3
Bai 4.
C N
D
A —e—

1) AC1a tiép tuyén tai Actia (0)= AC LOA= ZOAC =90

MN LCD= /CNM =90°
Ta c6: £CAM + ZCNM =180 = CAMN |3 tit giac noi tiép
2) Tt giac CAMN ngij tigp (0)= £CAN =2CMN (cung chan cung
£OBD =90°(BD 1: (i&, tuyén)= <DBM + ZDNM =180°
= BMND npi tiép (0)= «DMN =/DBN @)N)
= /CMN + /DMN =/CAN + ZDBN
Ma £DBN =/BAN (ciing chén BN)
= /CAN + /DBN =/CAN + ZBAN =/BAC =90°
= /CMD =/CMN + ZDMN =90°
Bai 5.

Tace: XY 220 = xy+2/xy <8 hay (Vo +1) =0

=> Jxy+1<3e xy <4

CN)

(cung chan

Tacé: ©O- xyY =(x+y+1) =x>+y? +1+2(x+ y +xy) =x>+ y> +17



vi ¥ <4= 9- xy=>5=> (9- xy)2 >25= x*+y°+17>25=> A>8
Dau "="xayra © X7V =2
Vay MinA=8< x =y =2
DE 72
Bai 1.
2) Toa ds PP{d) 13 nahiem phuong trinh
=1 =1
XAx-2=0e | Y
xX=-2=y=4

by A(;1),B(-2;4)= AB =4/18,0A =+/2,0B =20

= S :\/E\/E —
= OB’ =OA’ + AB’ = AOAByupng tai A 2
Bai 2.
Goi Y 1an lwgt 1 6 chi tiét t6 1, 11 1am dugc
(%, y €IN%,%,y <860) 1pc0 bai ta c6 he -
{x +y =860 {x =360
© (tm)

1,15x +1,1y =964 y =500

Bai 3.
K

3

N

D

a) Tacé: AB LCD i E= £FEB =90" | ZAMB =90 (chan duong kinh AB)
= BMFE 4 £FEB =/FMB =90 = BMFE |3 1 gidc ndi tiép

b) Xét AKABcg AM LKB,KB LAB= F 3 ryc tam AKAB
= BF | AK(dfcm)



Goi G1a giao diém BF va AC

Ta c6: BEGK 1a tit gic ndi tiép = <FBE =ZAKE (ciing chén cung ©F)
Ma AAKE vy AFBE c6:

/AEK =/FEB =90°, /FBE =/AKE(cmt)

— AAKE — AFBE(g.g) » £ =Af _, KEFE =BE.AE
BE FE

) Co: ZIKM + Z/DMB =90°, Z/EKB + Z/KBE =90’
Ma ZOMB =/KBE (vi AOBM ¢an tai O)

Chttng minh twong ty = AIMF can tai I
= IM =IF = IF =IK(dfcm)

Bai 4.
a a(1+9p%)- 9ab? 9ab?
= =d -
Co: 1+9b° 1+9b° 1+9b°
ab’>  9ab’ a 9ab? a
= - < = - =a- = - =
C6 1+b* =6b(c5si) 1+9b°  6b  1+9b 6b  1+b
b 3bc c 3ac
>b- —; >q- —
Tuong ty : 1+9¢’ 2 1+9d’ 2
a b C 3ab 3bc 3ca
= ~+ ~+ ~>(a+b+c)- +— ¢
1+9b° 1+4+9¢c° 1+4+9a 2 2
1 3(ab+bc+ca) 1
ab+bc+ca <—= <—
Ma 3 2 2
a b c 1 1
= + + >1- —=—
1+9a®> 1+9b°> 1+9c¢° 2 2
a b C 1
= + + >_
1+9b*> 1+9c¢* 1+9a> 2
mn mn @ a :b :C :1
Dau = xdyra 3
PE 73
Bai 1.
1A 2B 3C 4A

Bai 2.



2(x+3)-3y=5 (2x-3y=-1 X =

2
5
—=-2y=-1 —Xx-2y=-1 3
5

X {—y 1 =
2 2 y =
Bai 3.
2x-3y=-5 [x=-1
{ X y_ . {x_ L AG1LD)
a) Toa dd Alanghigmhe (3X*Y="2 V=
2
(d):y==x+5=> 7 ‘ y:-Ex+b
b) 3 duong thang (d) can tim co dang 2 di qua
A(-l;l):.«b:-l y:-éx-l
2 nén phwong trinh dudng thing can tim : 2 2

2x- 3y =-5 -
y @{X:S m (1)

c) Tacohé (d,),(d,): {(m"'Z)X' y=-m 3m+4

bé (dl)cét (d, )tai diém nam bén trai truc tung thi phwong trinh (1) c6 nghiém am

m>5

m
<0 4
3m+4 m<-—

= x<0e

Bai 4.
— 10 <ab <99

Goi ab13a s6 can tim ( ) Theo bai ta c6 hé :

{3a- 2b =11 {Ba- 2b =11 {a =7

- = =4
ab- ba =18 |9a- 9 =18 |b=5
(tm)

Vay s6 can tim 1a 79

Bai 5.

{mx- 4y =10 {mx- 4y =10
(=4

X- my =-5 - mx +m’y =5m

5m -10
= x=-5+ =
m+2 m+2 m+?2
Vi dién tich hinh chit nhat 1a -2

5 |-10]_
m+2|m+2)|

PE 74
Cau 1.

o y(m*- 4)=5m- 10 y =

0,5< (m+2) =100 <

=

m+2 =10 [m:8

=
m+2=-10 m=-12



1)/8 ++/18 - 1/50 =0
2)a)3 - 27 =0 X =9 x =13
x =0

x =2
3) gig oy M (2-12)e(P)= 3.(-2) =-12
yvay M(¢2-12)2(P)

Cau 2.

Goi *Y1a 56 40 t6 I, IT may duogc

b)0,3x”* - 0,6x =0 = x*- 2x =0 =

(vo 1)

(x,y€IN*,x>10)

x-y =10 x =170
Ta c6 hé {3X +5y =1310 < { y :160(071)
Viy t6 1: 170 chiéc 4o, t6 2: 160 chiéc 4o
Cau 3.
M \/;+\/7 x>0
\/;+\/§ \/7 - o Ox ey
_ (\/;+\/;)(x- \/E.Fy)_ \/7 \/;-'-\/7
ol (- ) +y)
(- )
RS e T e

Cau 4.



AC)

1)ZABC =ZAKC (cung chan cung
2) Xét AADB vuong va AAKC yuong c6
ZABD =ZAKC (cing chan AC) & AABD — AKC(g.9)

3)AABD - AAKC(cmt) = % 2%2 AB.AC =AK.AD = AB.AC =2R.AD

PE 75
Cau 1.
x =7
3x- 4y =11
< 5
5x- 6y =20 y :E
b)5x> - 15=0 < x> =3 x =+/3
x =0
c)dx- 5% =0 = x(4- 5x) =0 = 4
X =—
5

Cau 2.



op= 11, 1 Na+1(a>0
-Ja Ja-1) 2Ja la#l
_ 1+Ja  2da 2
Ja(Va-1)Va+1 a-1
bP<-1e +1<0<:>\/_ <0 Ja-1<0e a<1
f 1 Ja-1
Vay 0<a<lthi P<-1
Cau 3.
1) Goi X1a chidu dai, y Ia chizu rong © <Y <X <23)_Theo bai ta ¢6 hé phuong
x+y=23 x+y=23 x =15
= = (tm)
sinh (x+5)=4(y-3) |x-4y=-17 |y=8
Vay chibu dai : 15m , chiéu rong :8m
2
1 1) 1
2)f(-1D)=2.(-1) =2 -=|=2|-=| ==
)f fl-5 S =5
F(2)=2.2% =8 f(3) =6

Cau 4.




ZABD =/ABC =90’
AC =AD
a) C6 AABC =AABDy; (AB chung -~ CB =BD
Do (O)’(O’)béng nhau = Bc =Bp
b) E€duong tron dudng kinh AD = £AED =90°
Lai c6 : BC =BD(cmt)= EB 1a trung tuyén AECD vyupng tai E= EB =ED
Vay BE =BD = B\ diém chinh gitta cung EBD



Bai 1.
3x+y =3 x =2 x+2y =5 X=-5
1a) = b) =
2x-y =7 y =- 3x+4y =5 y =5
2 — v (. 2_ —
2)3x" - 4x+1=04 A'=(-2) 3'1_1>0nén phwong trinh cé hai nghiém
1
X, =1,x, =—
M = Laa, o ——(1+2\/E+a) (1+\/_) N
1- Ja 1++Ja 1++a
Bai 2.

Goi x (ngay), y(ngay) lan luot 1a s6 ngay lam xong ctia ngwoi thit nhat va thi hai
(x,ye IN*, x, y > 4)

(1 1 1

— =

x y 4 {x:12

< =

g+1+l:1 y_6
Theo bai ta c6 hé phwong trinh : (X X Y

(théa man)
Vay nguoi 1: 12 ngay, nguoi 2: 6 ngay

Bai 3.
mx+y =5 m 1
2x- y=-2 A . — F— S m #-2,
c6 nghiém duy nhatkhi 2 -1 Khi do:
3 3
mx+y =5 (m+2)x=3 | “p+2 T2
2x - —-2® = = 3 = 2m+10
XY= y=somxoy 5o, il

m+2 Y m+2



Bai 4.

A

O B

a) AX1a tiép tuyén tai A cla (0)= Ax L AB
ZAMB]3 géc noi tiép chin nira dwong tron = £AMB =90°
= AABI 13 tam gidc vudng tai A c6 duong cao AM = Al " =IM.IB
b) £IAF 13 gbc tao béi tia tiép tuyén va day cung chin AE, ZFAM 14 g6c noi tiép
chdn cung EM
Ta c6: AF 13 tia phan giac cia £IAM
= /IAF =/FAM = AE =EM
Lai c6 : ZABH va ZHBI 13 hai géc ndi tiép 1an luot chén cung AE> EM
= /ABH =/HBI
BE 13 dwong phan giac caa ABAF
+)= ZLAEB]3 gbc noi tiép chin nita dwong tron
= ZAEB =90" = BE L AF = BI |3 dudng cao ABAF
Xét ABAF ¢4 BE vira 1a dudng cao, vira 1a duong phan giac = ABAF can tai B4
c) ABAF can tai B, BE dwong cao = BE13 dwong trung truc cia AF



H,K € BE > AK =KF,AH =HF (1)

AF 13 tia phan giac cia £IAM va BE L AF

= AAHK ¢4 AE vira 1a duong cao, vira 1a dudng phan giac
= AAHK cgn i A= AH =AK(2)

1y W, (2)= AK =KF =FH =HA= AKFH |3 |s 1 o

Bai 5. Bigy thie P =9 2Jab +3b- 2<Ja +1(a,b =0)
Ta co:
3P =3a- 6+Jab +9b - 6/a +3

= 3P =a- 6Jab +9b +2a- 6Ja +3

- 3p=(Va-3vp) | +2|(Va) - 2.\/E.g+

3
2

!
2

< 3P :(\/5- 3\/E)z+2

2
J.3].8..8
2 2 2

ab>0= P >- l
Véi 2

Vay
DE 78
Bail.
X+y=5 x =2
1a Y =
x-2y=-4 y =3
x =8

x=-1

b)x’- 7x =8 x*- 7x-8=0<

2)(v20 - Va5 +/5) /5 =0

Bai 2.

— X2 (2,5):> Cl.22 =5 a :E
1)Y 79 qua 4



a>0
a #1

2)a)B =

\/E_ 1 a-\/a_a+\/a
2 2Jall Ja+1 Ja-1
a-1va(a- 1) - Ja(Ja+1) 2Ja2)
_2\/5' a-1 B 2 B

b)B=-4 < -2Ja =-4 = Ja =2 & a =4(tm)

_2\/5

Bai 3.Goi %P1 hai canh ciia tam giac (0<a,b<48)

a+b =28 a =15
= (tm)
a-b=2 b =13

Vay do dai hai canh 1a 15cm,13cm

Bai 4.

A

.Tacohé:

a) £OBE =Z0OCE =90° (tinh chat tiép tuyén)= OBEC 3 t¢ giac noi tiép

/IAQ =/ADC

b) Do d//AI pgn ZIAQ =ZAQE (so le trong) ma

:%sdEC]



= ZAQE =ZADC 4 AADC 3 MQE .
/Achung , ZAQE =/ADC(cmt)
— AADC — AAQE(g.g)= 2L —AC _, Ap AE =AQ.AC
AQ AE
¢) Chitng minh dugc: 2ECQ can tai E = EC =EQ (1)
Chiing minh twong tv = AEPB can i E = PP =EB ()

Ma EB =EC (4nh chat tiép tuyén) O
1 1,(2),3)= EQ =EP
Bai 5.
Ty dtb+c=0=a+b=-c= (a+b) =(-¢c) = a*+b*- ¢* =-2ab

2 42 2 __ .2 212
Chitng minh twong ty: 2 +¢ - @ =2bc; ¢ +a"- b" =-2ca

1 1 1
= 2 _ >t 5 2 _ >t 2 12
a‘+b°-c¢° b +c°-a° a +c°-b
1 1 1 a+b+c
+ + = =

"~ -2ab -2bc -2ac  -2abc



PE 87

Bai 1. | |
+ vy =0 =8
A=4hpte | ; _Bﬁ{x_l
1) Khi " Yy = _y—.
x+y:3c]-3ﬁ 3y =3a- 9 - y=a-3
2y (X~ 2y-6 x+y=3a-3  [x=2a
a) x> +3y+2 =0 4a’ +3(a- 3)+2 =0
a =1
o 4a*+3a-7=0< -
aqa=-_
4
x<0 2a <0
(x;y) 21050 1q- 350 9€°
b) M%Y) huoe goc phan e thiehai Y a
M (x;y)

Vay khong c6 gia tri ctia 9 dé thudc goc phan tw thit hai
Bai 2.
Goi *7Y1a s6 chiéc 40 mdi ngay t6 1> may dugc
3x+5y=1310 [x =170
X+5y o X (tm)
y =160

(0<x,y<1310,x,y€IN*)

Theo bai ta c6 he X~ Y =10 .
Vay t6 1: 170 chiéc 4o, t6 2: 160 chiéc 4o.

Bai 3.
1) Giasw
vay M ¢(P)

2) Ta c6 phuong trinh hoanh do giao diém (P),(d): 2x" +4x+2a+b =0
A'=4-2(2a+b)=0= 2a+b =2
= 2x" +4x+2=0> x=-1= y=-2
= N(-5;-2)= ON =\J(0+1) +(0+2) =5
3) Khi 2a+b =8 ta ¢ phuong trinh hoanh dd giao diém:
2x* +4x +8 =0 (VN)

Vay khong c6 diém E-F théa man
Bai 4.

M(m;m* +1)e(P):y =-2x% 5 . MM =m* +1(V6 1§)




Dmx* - 2(m- 2)x+m+2 =0
A =(m-2) - m(m+2)=-6m+4
(1) = -m+4d=0= m{E
Pé ' c6 hai nghiém phan biét 3
x +x, =2m+4

X, =m+2

2) Khi d6, &p dung Vi —et L .Tacé

3
30y +x,)+4x%, =5 3.2m+4)+4(m+2)=5< 10m =-15< m =- > {tmdk)

Bai 5.

y

(0))
= ZOBA+ Z0CA =180" = OBAC |3 t gi4c noi tiép

1)ZOBA =/0CA =90° (AB, AC 13 i tuvén ot
a tiep tuyen cua

Xét AOEByy AOBD ¢6: ZEBA =ZBDA (ciing chin BE), 2DAB chung

= AEBA- ABDA(g.g) = EA_BA 4B =AE.AD(dfcm)
BA DA
2) Goi 1 giao diém cta COva BD, BD//CA,CO LAC= BD LCI



Xét AOBD cjn tai O c6 dwdng cao O = OI ciing 1 dwong trung tric cia doan BD
= CB=CD= BD =BC= /BDC =/DBC (hai goc noi tiép cung chan hai cung
bang nhau)

/DEC =/DBC < /DEC =/BDC (3)

Tt giac CEDBngi tiép duong tron (O)nén :

/BDC + /BEC =180° « /BEC =180° - /BDC (1)

Ma ZDEC + ZCEA =180° = £CEA=180"- ZDEC(2)

3) Goi H 1a giao diém ctia BC:©A K13 hinh chiéu ctia B 1én CA

Ap dung dinh ly Pytago vao AOBAvuéng tai B ta co:

OB’ + AB® =0A* = AB =+JOA’ - OB® =22R

Ap dung hé thiic lu’dng vao AOBAvuéng tai B, dudng cao BH ta c6:

Lai cé:

AB? (2v2R) ¢

AB’ =AH.AO AH = AH =————=_R
—AH. - AO | 3R 3

| AO BH =—rp—=73

Dé dang chitng minh : BH =CH

_42

= 2BH===R  Ac=AB=22R
Trong AABC ¢4 :
Snc =éBC.AH =%BK.AC
42 8
BC.AH _ {R 3R 16
= BK = E =R
AC 22R 9
15,
Vay khoang cach tit BD dén AC1a 9
PE 88
Bai 1.

Dx*-(m+3)x-5=0 (@)
A=(m+3)Y-4.(-5)=(m+3) +20>0



Nén phuong trinh lun cé hai nghiém **2ma % € trai ddu nén phwong trinh c6 hai
nghiém trai dau

N _(m+3)+\/Z

b 2

) :(m+3)-\/Z
2)a) ' ’ 2

2
DE XX €Z s JAez= \/(m+3) +20€Z

2
= (m+3) +20)3 5 chinh phuong

= (m+3) +20=a*(aeZ)< (a- m- 3)(@+m+3)=20
a- (m+3)
a+(m+3)
= m+3€|4-4 = me(1;-7|
b){3X1+4X2 =-11 _-11- 4x,
X,X, == 5 3

=

e (+1;420); (22, 110);(4; 5)]

S A 5 (1144x,) =15

© 4x; +11x, - 15=0 & (x, - 1)(4x, +15) =0

X, =1= X, =-5= X, +Xx, =-4=> m+3=-4 m=-7
< 15 4 -29 -29 < 65
X, =-—=> X, === X, +X, =——= m+3=——— m=- —

4 3 12 12 12

c) Ta co: Q =[x, - x,[20

= Q? :(x1 - X, ) =X, - 2XX, + X,

=(x, +x, ) - 4x,x,

Ma X1t X, =m +3;xx, =- 5= Q° =(m +3) +20

Ta thay (m+3) >0=> Q*>20= Q >20(DoQ >0)
Dau " ="xayra ©® m+3=0< m=-3

vay GTNN ¢ Q =V20 & m=-3
Bai 2.



x(SP)(x€IN*/x <600)
>k

S6 san pham dugc giao cia t6 2 1a ¥ (SPIy €N,y <600)

x+y =600 {x =200

=
Theo bai ta c6 hé phwong trinh : {0’18X +0,21y =120 |y =400
Vay t6 1: 200 san pham, t6 2: 400 san pham.
X3 - 8y3 =0 X3 :(2y)3
2) =
x* - 80y” +96 =0 x*- 80y*+96 =0

1) S6 san pham duwoc giao cua to 1 la

(tm)

X =2y
< 4 2 4 2
(2y) - 80y* +96 =0 = 16y* - 80y* +96 =0
_-x :2\/§
y2 = y:i\/g _X :'2\/5
Al = = |
y = =2 ||x=22
B :-2\/5

Vay (X;y)E[(2\/§;\/§);(- 2\/5 3);(2v2;42); (- 2425 \/5)]

Bai 3.
1) Ta c6 phwong trinh hoanh do giao diém

- x+2=0e | AT Ya=]

Xp =-2= ¥ =-4

= A(L-1),B(- 2;-4),0(0;0) = AB =32,0A=\2,0B=25
Ap dung cong thitc Hé rong véi p 1a niva chu vi, ta cé:

Soms =y/P(p- OA)(p- OB)(p- AB) =3(dvdt)

2) Ta co: AB :3\6. Ta c6 phuong trinh hoanh do giao diém ctia (P)Vé CD la
X' - x+a =0 (2)
(2) Jhai 6 2 nghiem phan bigt < 1- 4a>0
= Cx;-x +a),D(x,;x, +a)
= €D =2(x - 1)’ =2|Cq +x,) - 2, | =2.1- 40 =2- 4a
= AB* =CD* & 2- 4a =18 a=-4
3) Goi phwong trinh dudng tron ngoai tiép AOABI3 :



x> +y* - 2ax- 2by +c =0 A, O, BE€ qiwyng tron nén :
.C:U .ﬂ =-1
-2a+2b+c=-2 b=-2

4a+8b+c=-20 [c=0 5 I :-2),R=1+4- 0 =5

Bai 4.

B

O

a) Tac6: £LAPB =90’ (g6c noi tiép chin nita dwdng tron) ZQPB =90

Chiing minh twong ty: £DMA =90°
Ma chiing ciing nhin ME = PQME 13 ¢ gigc ngi tiép
sd kM

AM =BM, /KAN =/KBM =
b) Xét AAKN vy ABKM c¢:



AK =KkB(KA =RB)= AAKN =ABKM (c.g.0)

ZAOM + ZOBP =90° AM
Q Q s LAQM =/MEB = _AQ
. /MEB+ /QBP =90 EB .
Ta co: . Ta co:
/PBM =L BK + LRv =L B + LM (L MKB =2KBP
2 2 2 2 (so le trong))

= lﬁK —45° = ABME
vubng can = ME =MB

AM AQ AM AQ (AM =BM)
MB BE AN BE
= AM .BE =AN.AQ

c) Ta co:
/ZMPO =/ZMPB + /BPO =/MPB + ZABP

Lo+ lAp =1Bk + LAp =L Uk —45°
2 2 2 2 2

= AMPO yypng can tai O

Goi J1a trung diém ctia MP = J1a tdm duong tron ngoai tiép AMOP
Ma I 14 trung diém RS = IJ L RS

Mt khac, £QRS =ZQMP =ZQAB= RS//AB

Mall LRS= 1J L AB
Goi O'1a trung diém cta OK

OO' 1l AB
1 = [J//00"
O0O'=—R
Co: 2 . Ta co:

ZRJS =180° - ZRJP- /SIM

=180° - (180° - 22QPM )- (180° - 2/QMP)
=2(/QPM + Z/QMP)- 180°

=2(180° - ZLPQM )- 180° =180° - 2/PQM
=2.(90° - ZPQM ) =2/MBE =90°

= ARJS yupng can tai J
o T _JR _JP R

R



00'=JI =

Vay
' o'1=0J =X
= OO'lJ 13 hinh binh hanh nén 2
| or1=2 ,
Ta c6: O'c6 dinh nén 2 khong doi
O"i
= I'yon thudce V2 ) yi 01 trung diém OK

Bai 5.

= -3=<x<0,x =3

x-—=0
biéu kién : X

Thi:-3 <x<0,q o VI (*)20,VP(*)<0= PTVN
Th2:x =3,

*)e=9- szz- qu‘x- E+;=<- 9
X X X

o x +x-9=2x.[x- E4:r(.'=<2+;:~z- 9)2 =4x°
X

o (x2-9)+2x(x*- 9)+ x> =4x(x* - 9)
= (x2 - 9)- 2x(x2 - 9)+x2 =0

9
x__
X

:1+~j§
_1- J_

. > 3(tm)
o(x-9-x) =0 x*-9-x=0e

(ktm)

2 27(x*y + y'z+ 2x +xyz) <d(x+ y +2)

Giasw: X =Y =Z.13 ¢6:



VT (*) =2?(x.xj; +Y.VZ+Z.IX + XY )
<27.(x.xy + y.xz + z.yz + xyz)
=27(xy + 2xyz + yz*) =27y (x + z )

- 3
zg.Zy(x+z)(x+z)£§ 2y +x+32+x+z

=4(x + y +z)’ =VP(dfcm)



PE 89

Bai 1.
1)A:\/2—5-1:2
2
>
2)B = xX+2 N \/; N 1 x >0
xx-1 x+Jx+1 1-+Jx|x#1

:X+2+\/;(\/;-1)- X- \/;_1:2X+2- \/;_ X - \/;_1
(\/;- 1)(x+\/;+1) (\/;- 1)(x+ x+1)

IR S S (V) B
_(\/;-1)(X+\/;+1)_(\/;-1)(X+\/;+1)_X+\/;+1

Jx-1
3)§:x+ x+1_ 2
A x-1  x+x+1

2

B 2
Vi X205 x+ X202 x+fx 412l A7 2T X
Bai 2.
80

Goi Xla thoi gian dy dinh (x>0)= van toc du dinh : X . Ta c6 phwong trinh
20 60 20x 60x

80 _ 80 . 7 -
80 < 80 .., 80- 15x 80 +10x
X X
20 60
o =1 < 1600 + 200x + 4800 - 900x =(80 - 15x)(80 +10x)

80- 15x = 80+10x
© 6400- 700x =6400 - 400x - 150x” < 150x” - 300x =0 < x =2(tm)
Vay thoi gian dy dinh 1 2 gio .

Bai 3.



-

3 1

+ =2
x+1 y+x-1 x+1=1 x =0
1); = =
2 3 _c y+x-1=-1 y =0
[ x+1 y+x-1

2) )X’ - mx+m-1=0 (@)
A=m?- 4(m-1)=m*- 4m+4 =(m- 2)
Phuong trinh (1) c¢6 nghiém kép < A =0 < m =2
X, + X, =m
d) Ap dung hé thiic Vi — et ta cé: {X1X2 —m- 1. Ta co:
x,(x, +3)+x,(x,+3) =8 = x* + x> +3(x, +x,) =8
o (x, +x,) +3(x, +x,)- 2x,x,- 8 =0
haym® +3m- 2(m- 1) =8
m =-3

m =2

om+m-6=0e

Bai 4.
MN L CD= /CMN =90°
Ta c6: £CAM + LCNM =180" = CAMN |3 t¢ giac noi tiép

2) Tt gidc CAMN ngi tisp = £LCAN =ZCMN (géc ndi tiép cling chin eN )

Ta c6 : BD]1a tiép tuyén tai B cta (0)= £0BD =90

= ZDBM + ZDNM =90" +90° =180° = BMND13 ¢t gisc ndi tiép

= /DMN =/DBN = /CMN + Z/DMN =./CAN + ZDBN

Ma £DBN =2BAN (gc noi tiép va goc tao bai tiép tuyén ddy cung cling chin 1
cung) = ZCAN + /DBN =/CAN + Z/BAN =/BAC =90’

= /CMD =/CMN + ZDMN =90°

Bai 5.
Tacs: ©O- xy) =(x+y+1) =x>+y? +1

Vi <42 9- xy 250 (9- xy) 2252 A>8

~ nwo__n 5 Lt - -
Dau = xayra x=y=2



MinA =8« x =y =2

Vay
PE 90
Bai 1.
a)x =9(tmdk) = A:\/§+2 :j
J9-5 2
b)B_3(J§-5)+20-2J§_ Jx+5 1
(500 +) (-5l vs) Vo
\/;+2 1
C)A=B|x- 4 < = x- 4o |x- 4 =Jx+2
=Bl g = dfe - 4
[ x =9
x-4=x+2 x-Jx-6=0 _\/;:-Z(ktm)
= 1= = | .
4- x=x+2 x+\/;-2:0 x =1
|\x == 2(ktm)
Vay xe(9:1]
Bai 2.
Goi ©Y 1a s6 gig voi 1> chay riéng day bé
1h20 =21 30" =2h ahag' =22}
3 2 5
(1 1 _5
X'y 2 X =
1* 7 o 177 (tm)
4.1 _1 (=12
Theo bii ta c6 hé phuong trinh 13X 2Y 8
Bai 3.
7 79
22- y +/x+1=4 V2- 3 y—a
) = =
J2-y-3x+1=-5 | g9 |-
4 16
2) a) Ta c6 phuwong trinh hoanh do giao diém cta (P), (d)lé :



.2
X - mx-3=0 A=m'+12>0= (d) 4 p) i hai diem phan biat

b) Khi M =2 | ta c6 phuong trinh hoanh dd giao diém

X, =3= =9
x’-2x-3=0e | ° s

X, = 1=y, =1

= A(-1;1), B(3,9), 0(0;0)=> AB =44/5,A0 =+/2,0B =310
Ap dung hé thitc Hé rong v6i P 1a nia chu vi
= S, :\/p(p- a)(p-b)(p-c) :6(dvdt)
c) Hooanh do C,Dthga man x* - mx- 3=0
{xc + X, =m {yc =mx. +3
= =

Xo.Xp =-3

Yp =mxp, +3

cD? =(x.- x, Y +(y. - y, )

=-2x.x, + (2 +x3 )+ (y2 + y2)- 2y0y,

=6+ (x, +x,) - 2x.x, +(y2 +y2)- 4ycy,

=m’ +12[m(x. + xD)+6]2 - 4(mx, +3)(mx, +3)
=m? +12 +(m* +6) - 4| m’x.x,, +3m(x. +x,)+9]
=m? +12+(m? +6) - 4(- 3m* +3m? +9)

=m? +(m® +6) - 24 >|- 24| =24

< Min., =v24 & m =0



Bai 4.

I F

a) MA, MB 3 hai ti€p tuyén cat nhau

MA 1L AO ZMAO =90°
= =

MC 1 CO ZMCO =90°
= AMCO13 t¢ gidc noi tiép
MA =MC
OA=0C 1a trung truc caa AC = OM L AC
Ma tiz gide OAMC i tigp = £LOMC =£CAO

= /MAO + /ZMCO =180°
]»:> OM

= /CMO =/CHB 3 £CHB + ZCHE =180 (ka bu)
= Z/CMO + ZCHE =180" = MEHC |3 1t gi4c néi tiép



ZMOC :l ZAO0C

b) 2 — /MOC =/AIC

ZAIC :%LAOC
\

= Al //MK = /MNC =/AIC

= /MOC =£MNC = MONC |3 t giéc n6i tigp= <MNO =2MCO =90°

= ON L HK = N3 trung diém HK

c) Ta c6: £DAB =ZDCB (cung chin BD )va £DCB =/ECM (doi dinh),
<ECM =2EIM (MICE 1y (4 gisc g ticp)

Xét AMIE vy AMAE cg: MI =MA, ZIME :AAME, ME chung

= AMIE =AMAE(c.g.c) = /MAE =/EIM

Vay c6 £MAE =/DAB

Mt khdc: /MAE + ZOAE =90° (=/MAB)

vy £DAB+ ZOBF =90 (ADABvuang tai D)= ZOAE =/OBF
Xét AOAE vy AOBF .

ZAOE =/BOF (dsi dinh), OA =OB =R, ZOAE =ZOBF

= AOAE =AOBF(g.c.g)= OE =OF

Bai 5.
Ap dung bat dang thitc Co — si ta dugc:
1 2 2
e
a +1 a +1 2a 2
1 b 1 c
>1- = >1- —
Tu’dng tw b2+1 2 C2+1 2

Cong vé theo vé ta dugc:
1 1 1 a+b+c 3
+ + >3 =

a’+1 b*+1 c*+1 2 2
Diu " ="xayra © a=b=c=1
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Bai 1.
l)A_J}+1_J1_6+1_§
Jx o V16 4
0
SY: o [ O S Y | L
\/;-1 x-\/; \/;+1 x-1)| x#1

o1 xete2 o (W )Wxs)(Wx- D)W1) g
W) (- )Wx+) T (W )(We)

Jx+1 x-1_ 1

3)P=A:B = : —
: NN PN
P. . ! max < +/x - 1min
Jx-1
Do x>0,x #1= MinJx =2 P =1 =2 +1e x =2
J2-1

Vay MinP =2 +1o x =2
Bai 2.

1y Goi XM/ My an e tie ve > 0= yan e e di : X +10%km / h)

10h- 3h15' =27

Thoi gian ca di lan veé : 4 . Theo bai ta c6 phwong trinh :

150 150 27  300x+1500 27
—+ - =
x x+10 4 x(x+10) 4
= 27x% +270x =1200x + 6000 < 27x* - 930x - 6000 =0
x =40(tm)

e 50
x =- —(ktm

5 (ktm)
Vay van toc lic vé 1a 40km/h
2)S,, =27rh =27.6.9 =108z (cm?)
Bai 3.

1
t=———u
x-1

1
1) bat Y, hé phuong trinh thanh :



5 1
t-du=g |t {x-1=3 {x=4
= = =
5t +3u :E :l y =6 y =6
6 6
2) Khi ™ =3 phuong trinh (1) thanh : X - 4x+3 =0
x =3
o x*-3x-x+3=0e (x-3)(x-1)=0 )
X =

b)x* - 2(m- Dx+m* - 3m+3 =0
A =(m-1) - (m*- 3m+3)=m- 2
Dé phurrong trinh c6 hai nghiém phan biét © A'>0< m>2
{xl +x, =2m- 2
—m2
Khi do, theo Vi — et ta co: XXy =m" - 3m+3
xf +x22 :3(x1 +x2)- 2o (x1 +x2)2 - 2X,X, - 3(x1 +x2)+2 =0
hay @m- 2Y - 2(m? - 3m +3)- 32m- 2)+2 =0

o 4m* - 8m+4-2m* +6m- 6- 6m+6+2 =0

o 2m’-8m=0< m =4
m =0(ktm)

Vay m =4

Bai 4.
D
c B
0

A Q

1) T giac CHMD ¢ £DCH =ZDMH =90" m3 2 goc & vi tri doi nhau nén
CHMD 13 ti7 giac ndi tiép



2) Xét ADMC vy ADAB ¢4 4D chung, £DMC =£DAB (vi t¢ giac CHMD npi
tigp)~ APMC — ADAB(g.9) = DA.DC =DB.DM

BCDQ 5 tigp vi £BQD =£BCD =90

(cung chan @D) @

/BMH =/BQH =90°

Wiy ()

= ZCQD =£ZMQH Z%ACQM

3) T gidc
= /CQD =/CBD
T giagc BMHQ
= /MQH =/CBD

noi tiép vi

(ctng chan

Tw (1) va (2)
ZCBM ZlLCOM = LZCOM =£ZCQM

Cé 2 , ma 2 géc ndy cung nhin canh CM dwéi

mot géc bing nhau™ CMQO; giac noi tiép

= Puwong tron ngoai tiép ACMQ 15 di qua diém O c6 dinh

Bai 5.
ab+bc =2ac= b = 2ac
Ta co: a+c¢  thay vao P ta c6
2ac N 2ac
P_G a+C+C a+c _a+3C+C+SG_1+§£ c -4
9q- 29€ .. 2ac 2 2¢ 2{c a)
a+c a+c
Dau " ="xayra © a=b=c
PE 92
Cau 1.
3x- 4y =11  [9x-12y=33 |X~/
= = 5
5x- 6y =20 10x+12y =40 y:E

b)5x*-15=0 < x> =3 x =+/3

X

=0
c)4x-5x’ =0 = x(4- 5x) =0 = L4
5

Cau 2.



op=[ L, 1 Na+1{a>0)  1+Ja  2Ja _ 2
a-va a-1) 2Ja la#1) Ja(Va-1)Va+1 a-1
P < 1o 2 < e 2¥acl o 1+da g
Ja-1 Ja-1 Ja-1
:>\/E-1<O(dol+\/a>0):>a<1
Két hop véi digu kign = 0<a<l1
Cau 3.
1) Goi a1a chiéu dai, b1a chiéu rong (0<b<a<23).Theo bai ta c6 hé
a+b=23 a+b =23 a=17
= = (tm)
a+5=4(b-3) |a-4b=-7 |b=6
Vay chiéu dai 17m, - chigy rong : 6m
) f(-D)=2.(-1) =2 f(2)=8

-1] = r(V3)=6




a) Hai tam giac vuong ABC,ABD bang nhau vi c6 canh huyén bang nhau va canh
AB chung = CB =BDmj (0)=(0)= €B=BD
b) E niim trén dudng tron dwdng kinh AD nén LAED =90°
DoBC =BD(cmt) = EBjy dwong trung tuyén cia AECD vugng tai E va EB =BD
Vay BB =BD < B3 diém chinh gitta cung EBD

PE 93
Bai 1.
a) Hoc sinh ty vé (P) va (d)
b) Ta c6 phwong trinh hoanh do giao diém (P),(d ):
) x=1= y=-1
X" +2x-3=0«
Xx=-3=>y=-9
Vay toa d6 (P),(d):(;-1),(-3;-9)
Bai 2.
. X NN TS LS s \ (x,y >15)
Goi X(ngay), y (ngay) la thoi gian to I, IT lam xong
(1.1 _1
—_ - =
x y 15 x =24
6 30 ]y=a™
Theo bai ta c6 hé : Xy

Vay t6 I: 24 ngay, t6 II: 40 ngay

Bai 3.




ZACD :%sd(Q,N +N/IE): (sdQ,M +sdﬂ/IE) —sdQE

a) Ta co:
/AFE :%sdQE = /ACD =/AFE = ZACD =/AFE
Ma
= CDFE |3 ti7 giac noi tiép (goéc ngoai bang goc trong tai dinh d6i dién)
b) Xét AAMC vy AAEM c6:
/MAC =ZEAM chung; ZAMC =ZAEM

= AAMC — AAEM
o AN _AC | Am? =AEAC
AE ~ AM
) C6 I1atam dwong tron ngoai tiép AMEC = IM =IE =IC
C6 £AMB =90 (g6c noi tiép chan ntra duwong tron)
C6 24IMC =180° - ZMIC =180 - 2/MEC (po <MIC =22MEC)
Ma £CMA =/MEC = 2/IMC +2/CMA =180° = ZIMC + ZCMA =90’

= IM 1 MAtai M, ma BM L MAtai M nén M1 Bthéng hang

(hai goc nodi tiép chan hai cung bang nhau)

Bai 4.
3x+3y+2z
\/6(x +5)+\/6(y +5)+\/z +5
3x+3y+3z

\/G(X +y)(x +z) +\/6(x +y)(y +27) +\/6(z + x)(y +z)

\/B(X +y).2(x +2z) SE(SX +3y +2z)

Co:
G+ y)2(y +2) <2 (x4 5y +22), JZ+ )+ y) <= (x+y +22)
Tuwong tu: 2 2
2(3x+3y+3z) 2
= > =
9x+9y +62z 3
Pang thirc xdy ra khi :
3(x+y)=2(x+z)=2(y +z)
{x =y =1
S {z+x=y+z <
z =2
Xy +yz+zx =5
MinP :g@ x=y =1z =2
Vay 3
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Cau 1.

J9-1 1

\/§+1_2
_(\/;+5)(\/;- 1)+(\/;+1)+8 B x+5\/;+4
0 (r-Wxe) (Wx-D)(Wxe)
(R a) e
C(x-1)Wx+1)  Jx-1
\/;-1\/;+4_\/;+4: 3

Dx=9= A=

3)P =AB = , — 1+
) \/;+1 \/;-1 \/;+1 \/;+1
Peze > ez= (Vx+1)eU®) =13 (dovx +1>0)
\/;+1

= x€[0;4)
Cau 2.

3x-y =5 X =2
a) o

x+2y =4 y=1

2Vx+1-3y-2=5 [Jx+1=4 {x=15
b) = =

4x+1+Jy-2=17 |Jy-2=1 |y=3
Cau 3.
Goi *7Y 1a thoi gian mbi voi chay diy bé (x.y> 12). Theo bai ta c6 hé :
1,11

x y 12 x =21
g 4 T y=28"™

X Yy

Vay voi I: 21 gig, voi II: 28 gid
Cau 4.



B

2) Vi MA MBI tigp tuyén cia (OOnen ZOAM =ZOBM =90° = AOMB thysc
dwong tron dwong kinh OM
by Vi MAMB1; tisp wyén cia O
{MA =MB
= = OM
OA=0B =R 1a trung trirc ciia AB= OM L AByj |
xét AOIK vy AOHM 4. £O0IK =ZOHM =90°; Z/IOK
~ AOIK — AOHM (g - g)= 2L =% o, orom =ok.on
OH OM

¢) MAMB 3 hai tiep tuyén = MD1a phan gisc AAMB can

VEAM =1 sdAE
- 12 - /EAM =/EAB
/EAB :Esd BE

chung

Mit khac ZEOA =ZEOB= sd AF =sd BE = AE1 phan gisc /MAB
= E13 giao diém 2 phan giac AMAB
= E3 tam duwong tron ndi tiep AMAB

d) Xét AOAM vyong tai A, duwong cao Al



= OI.OM =OA’ (h¢ thiic lwong)
Ma OK.OH =OI.OM =0A’

Do OH,OAyhang d6i nén OK khong d6i= K c6 dinh ma <OIK =90°
= I €duong tron dwong kinh OK
Tel1ké ID LOK t3i D

ID.OK
So = p <2&

Khi d6 2 ma
= Soi16n nhét khi M nam trén d sao cho I ném chinh gitta cung OK
Cau 5. Ta c0:

x+y22\/5:> 0<xys%

:x2+y2+i2+i2+4

Xy
15
+ —
16xy xy

1
y+—
y

1
X+—|+

X

A=

22xy+2.i+4:2 +4

Xy

Xy +

1 15
+

'16xy  16xy

+4 =2 2.l+£ +4:§

= A>2 T
16.—
4

2 [xy

Vay 2 2
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I.Trac nghiém
1B 2C 3B 4A 5B 6D 7C 8D
IL.Ty luan
Bai 1.
m=-2= 1o x’+2x-3=0<
a) Khi
b)x’ - mx+m-1=0 1)

A=m?- 4(m-1)=(m- 2) >0

C)(l)cé mot nghiém béng 3
= 9-3m+m-1=0m=2= x, =x,+x,- x, =2- 3=-1

x=-3

(voi moi m) = Phuong trinh ludn c6 hai nghiém % %2



Bai 2.
a) Hoc sinh tu vé (P)

c(-2zm)e(P) = %.(- 2 =m e m=2
c) Ta c6 phwong trinh hoanh do giao diém (P) va (d):

xX*-2x+1=0e x=1= y=—

2
2

Bai 3.

—0o—

A 0, B

a) Xét AABE c4; £EBC =ZCBA (chin hai cung bing nhau)
BC L AE(ZBCA chin nira duong tron)= BC vira 1a dwong cao, vira 1a phan gidc nén
AABE can ma AB L BE (do BK 1a tiép tuyén ) nén AABE vuéng can
b) Xét AABF v3 ABDF ¢4 : £F chung,
1
ZABF =/BDF (Bx]3 tiép tuyén nén £BDP chin 2 dwong tron)



= AABF — ABDF(g.g) = FB _FA .k’ —FD.FA
FD BF

ZADC =X sdc =1 za0C =45°
c) Ta cé: 2 2

= /CDF =180° - ZADC =180° - 45° =135°
Xét ¢ gidc CDFE o6 £E + 4D =180°

= CDFE |3 ti7 giac noi tiép
{‘xy- 4‘ =8- y*(1)
Baia, X =2+X (2)
(D= 8- y* 0= |y <\8
)= x*+2 :‘XH}" SZ\/E‘X‘
= x° - 2\/§‘X"" 2 <0
o (‘x‘- \/5)2 <0e ‘X‘ =2
x=/2= y =22
x=-2= Y= 2V2
i (x;y)e[(ﬁ:z*ﬁ)?("@'Zﬁ)}
ay

=

DE 96
I.Trac nghiém
1B 2D 3C 4.5(dvdt) 5B 6B
ILTy luan
Bai 1.
3x+y=3 x =2 x+2y =5 x=-5
1) Y < 2) ‘¢ =
2x-y =7 y=-3 3x+4y =5 y =5
Bai 2.

Goi *Y 1a s6 gidy ngudi 1, 11 lam (Y €N.x.y >6)



Theo baitacohé: !

Vay nguai I: 10 ngay, nguwoi I1: 15 ngay.
Bai 3.

E

A B

[O; ] = AABC
a) AABC ppi tiep vuéng tai C= AC L BC

I\J‘g N‘g O

[O; ] = AABD
AADB npi tiép

AD 1 EB
AEAB 4. BC L AE

vuéng tai D= AD L BD

=
b) C6 £IDA =ZDBA (cling chdn AD)
EH 1 AB= /DBA+ ZE, =90° (1)
AEHD vugng tai = <EHD + £E, =90° (2)
Tir (1) va (2) @ £DBA=ZEHD



= /IDA=/EHD = AIHD c4p ai 1= ID =IH
Lai cg . £IDA+ ZIDE =90° (3) ZEHD + £E, =90° (4), ZIDA =ZEHD(5)
Tir (3), (4), (5) = AIED can tai I

= IE =ID 3 ID =IH = IE =IH = I]3 trung diém EH
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Bai 1.
- 0
a)P = 1 + 1 .\/E 2|
Ja+2 a-2) Ja la#4
_\/E-2+\/E+2 2
(\/E- 2)(\/E+2) Ja +
b)p>lzi-l>0@6'\/5'2>o@4-\/5>0@a<16

3 \/E+2 3 3(\/E+2)

P>
Véy 0<a<16,a ¢4thi 3
9 2 9

T4 Ja+2 2(\/5 2)

QEZ:9§(2(\/E+2)) 2(Va +2)eu @) =139

0)Q =—

=—(tm)
Thay cac trvong hgp ta co :
Bai 2.
>k
Goi 9]a so6 gido vién nit, b 1a s6 gido vién nam (a,beN*,a,b<80)

a+b =80 a =40
(=4
35

tm
32a +38b _ b:40( )
Theo bai ta c6 hé : 80
Vay c6 40 nit, 40 nam
Bai 3.
y 3Jx - 4 y=-8_ Jx =0 {x:O
2x +4Jy =2 Jy=2 (r=4

2) a) Toa do (P).(d) la nghiém phuong trinh :
2x° - 4x+2=0> x=1=> y =2

Vay toa do giao diém la (1;2)
X+b A(1;2)

b) (d')cé dang Y =™ qua
= 2=m.l+b=>b=2-m= (d):y=mx+2-m



Ta c6 phuong trinh hoanh do giao diém cua (P),(d):
2x° - mx+m- 2 =0¢6 A=m*-42.(m-2)=m*- 8m+16 =(m- 4)2 >0

Nén phuong trinh luén cé hai nghiém véi moi M #4

vay (@) cst (P) tai hai diém phén bigt khi m %4
Bai 4.
1
BO =0A =0C =—AC
a) Xét tam giac ABC c6 2 pén AABCvuong tai B nén

ZABC =90° = BC 1L ABpy AB LOM = OM //BC
Vi OM L ABt3i H nén HA =HB
X6t AAOB o OA =OB =R = AAOB can tai O ma OH L AB= /AOH =/BOH
Xét AAOM vz ABOM c6; |
ZAOH =/BOH, OA =OB,OM chung
= AAOM =ABOM (cgc)= /MOA =/MOB =90° = OB | BM
Xét tt gide AOBM o5 ZOBM +ZOAM =90° +90° =180°
= AOBM 13 t¢ giac ndi tiép
/MAN :LMDN[ zlsdgN]
b) Xét AMAN v3 AMDAc6: ZAMD chung, 2
MA _MD

= AMAN — AMDA(g.g) > —— =——= MA?> =MN.MD
MN AM



ZR120° _27R

AB:l = —
c) B0 dai cung nho 180 3
_IR _27R’ Jsz
quat(AOB) — 2 - 6 3

d) Tt gidac NADB pg;j tiép (O) nén : LAND =ZABD (ciing chin AD ) @)
MO//BC = /MHN =/BCN (dong vi)
Ma £MBN =2BCN (cting chin cung BN)= ZMBN =ZMHN
= Tt giac MNHB ngj tigp = £MBH =ZHND
= /AND =/ABD= /MBA=/CDN  (2)
Tir (1) va (2) suy ra ZMBA+ ZABD =/CND + ZDNA
= /MBD =/CNA =90° = MB | BP
Ma MB L BO= B,0,D 506 hang.
Bai 5. Ap dung bat dang thitc C6 si ta c6:

(x+y)

cpy XY

Xy < :>(x+y

= 4(X+y)2- 8(X+y)+4s(x+y)2
= 3(x+y) - 8(x+y)+4 <0

o (X+y- 2)[3(X+y)- 2] <0

< %SX+y <2

véi XY Szta co:

P:i+ 1 +\/EZL+ 1 +\/E

Xy )<2+_y2 x+y Xy X+y

:1+212+1+\/E ! >12
2xy x"+y"  2xy 2 (x+y) 2xy 2

\/ESHTY =1= P>1+1=2

Lai cé:
Vay MinP =2 & x =y =1
DE 98
Bai 1.



Dx=3- 242 = Jx =./(2-1) =2-1
_\/;+2_\/§-1+2:3+2\/§

N PR o

Z)B:x+\/;+2+\/;-2: \/;(\/;"‘2) _ Jx
(Vx- 2)(Wx+2)  (Vx-2)(Vx+2) Vx-2

3)P:é—*/;+2 Jx-2 x-4

B_ \/; ' \/; B X

xP <10/x - 29- \/x- 25 & x- 4- 10/x +29 ++/x- 25 <0

o Jx- 25 <- x- 10vx - 25 Jx- 25 =- (Vx- 5) = x- 25=0 < x =25(tm)
Bai 2.

Goi x(km / h)lé van toc ca n6 (x> y> 0)
ylam/h)\3 yan t6c dong nuse
Theo bai ta co hé :
3(x+y)+x- y=190 x+y=49 [x=46
< < (tm)
2(x+y)+3(x- y)=227 |x-y=43 |y=3
Vay van toc cano: 46km/h, van tdc nuwéce : 3km/ h
Bai 3.
\/x+1+x_ =1 Jx+1=2 3
1) ) Y = 1 e { :4
\/X+1' =4 X-y_-1 Y=
k X-y
2) Khi m=3= (d):y =7x- 10
Toa d5 (P), (d) 1a nghiém phuong trinh X* = 7x +10 =0
x=5= y =25
=
x=2=>y=4
Vay toa do (P)(d):(5,25),(2;4)

2b) Ta c6 phwong trinh hoanh do giao diém :
x*- Qm+Dx+m’>+m- 2 =0



A=4m’>+4m+1- 4(m2+m- 2)=9>0

X, =m+2 X +x, =2m+1

=

.2 _

. Ap dung hé thitc Vi-et {Xlxz =m’+m- 2
x+3>0

X, - 3<0> (X1+3)(X2- 3)<0

e xx, +3(x, - x,)<9

X, =m-1

-3<&<x2<32{

haym® +m- 2+3(m+2- m+1)- 9<0

o mi+m-2<0> -2<m<1
Bai 4.

M

e

N

Q)AM, AN |, o tigp tuyén = OM L AM,ON L AN = ZOMA =ZONA =90°

= M, N thupe dwong tron dwdng kinh OA= AMON 13 t¢ gi4c ni tiép
b) AB 1a tiép tuyén = £BNA=2NCB
AB AN

= AABN - AANC(g - g)= — =——= AN’ =AB.AC
AN AC

¢) O 1a trung diém BC = OD L BC= ZODA =90’
ZODA =Z0ONA =90" = ODNAJ; ¢ gi4c ndi tisp = £NOA =£NDA
Xét AAOM vy AAON 6



ZAMO =Z/ANO =90°,0M =ON, AO chung
= AAOM =AAON(ch- cgv) = £ZNOA =/ZMOA

= /NDA =ZNOA =ZMOA :% ZMON

(0): /ZMEN =1 MON = /MEN =.NoA
Xét 2 , ma ching dong vi= ME//AC
d) ODNAJ; ¢ giac nbi tiép (cau ¢) = £NDA =ZNOA
/NOH + /ONM =90° = /NOH =/MNA= /GNA =/NDA

— AAGN — AAND(g.g) = 26 _AN ,
AN AD = AG.AD =AN

AC.AB =AN*(cmt) = AG _ACAB
Ma
A,B,C 5 dinh = D6 dinh = AGkhéng d6i nén G c6 dinh
Vay MN di qua G 6 dinh

1 1 4
x,y>0> —+—2=
Bai 5. V6i Xy x*y
A:21 2+i:21 - 1 N 1
X +y xy x +y° 2xy 2xy
22? +1hayAz42i
X"+ y +2xy  2xy (x+y) xy
2
+
x+y22\/5=>xyé(x y) :1:> AZ4+L:6
4 4 21

Mat khac : 4
MinA=6< x =y :l

Vay 2
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I.Trac nghiém

1B 2C 3B 4A 5B 6D 7C 8D

II.Ty luan

Bai 1.

x*-mx+m-1=0 (@)



x:-2+ﬁ
X=-2- ﬁ

b) X -mx+m-1=0 1) A=m*-4(m-1)=(m- 2) =0

am=-2= )e x’+4x-3=0<

(v6i moi m)
Vay (1) ludn ¢6 hai nghiém vGi moi M

) pe P06 1 nghiem 12 3 khi :

F-3m+m-1=0= m=4= x +x, =3= x, =1

PE 100

Bai 1.

a)x =16(tmdk) = A _2f16-1_7
Jie 4

_2\/;.(\/;+3)+\/;(\/;- 3)- 4x
 (x+3)(Vx-3)

_2x+6Ux+x-3Ux-4ax _ 3x-x -Vx(Vx- 3) _-x
(Vx+3)Wx-3)  (Vx+3)(Vx-3) (Vx+3)(Vx-3) Vx+3

2Jx-1 -Jx _1-2Jx

Jx Ux+3  Jx+3

Xétde M >M i M >1
1- 2\/;>1¢:> 1- 2\/;>\/;+3@ \/;<-2
Jx+3 (vd 1y)

Véy M <M
Bai 2.

c)M =AB =

=

Xy>o
&4 20

Goi **7Y 14 thoi gian 2 voi chay day bé

6h40" =221
. Theo bai ta c6 hé :
1

1
y 3 11

= =- —(ktm
1 3 {y 120( )
+ - =
y 20

X |l— x|~




Vay phuong trinh vo nghiém

Bai 3. _
\/X+2:0(kt)
) m
6Jx+2 =[x +y WXty =0
Dy 3 2 _1e | 20 _382
+ = / —<Y X =—-
\/x+y Jx+2 2 ) X+2 3 o 9
14018
| X+y:40 _y:T

3) Ta c6 phwong trinh hoanh do giao diém (d),(P)
x’-2mx+m*- 2m =0

A'=m?- (m?- 2m)=2m

= (d)cét (P)tai hai diém phan biét © A'>0= m>0
X, +Xx, =2m

_ 2.

Ap dung dinh 1y Vi-et : {Xlxz =m’ - 2m

vy, +10xx, +9 =0 = (xx, ) +10(x,x,)+9 =0
o (m?- 2m) +10(m* - 2m)+9 =0

m’-2m=-1 m =1
N =
m’-2m=-9 me
Bai 4.
M
C
A (0]
H
D




1) Xét ZANB+ ZNAB =90° = ZANB =90° - ZNAB =90° - ZDAB
Xét ADABvuong tai D va ABla duong kinh

= /DAB + /ABD =90° = /ANB =/ABD :%sdQD =/ACD

= /ANB =/ACD ma" Z/ACD + /MCA =180° = /MCD + Z/ANB =180°
= Tt giac MCDN ppi tiép
2) Ola trung diém AB,H 13 trung diém BN
= OH 13 dwong trung binh = OH //AN
Ma £NAC =90" (vi £ZNAC =£DAC mj3 DC 1a dwong kinh cta (0))
= /DAC =90° = AN L AC= OH L ACy3 AD L MN = O\ tryc tam AAMH
(vi HO L AN, AO L MH)
3) Xét AOAK vy AOMB 6 .
ZOKA =Z0BM =90°, ZAOK =/MOB (45; dinh)= ACAK —~ AOMB(g.)
OA OK

= — =—""= OK.OM =0A.0OB =R’
OM OB
4) OK.OM =0AOB =0D.OC

_, OK _OD

OC  OM vz £KOD =£COM (dg;i dinh)~ AKOD — ACOM(g - g)
= /CMO =/ZKDO = ZCMK =/ZKDC
= Tt gide KDMC npi tiep hay K €dwong tron di qua 4 digm M>N.C,D
Bai 5.
Ttir gia thiét caa bai toan , ta suy ra
a®+b?+c? =(a+b+c) - 2(ab +bc+ca) =18

Mat khac, vi a’b’cdu’dng nen :

b+c) 6- a)
9:ab+bc+ca<a(b+c)+( c) =a(6-a)+( 20)
2
38 34<0
Hay 4 tr d6 suy ra 0<a<4 Dovay 0<a<b<c

Khi dg 18 =a° +b* +c* <ac+bc+c’ =cla+b+c)=6c= c>3

Bay gid ta chitng minh € <4, That vay, gia si ¢ 24, khi d6 ta duoc c* 24c ,tasuyra:

(a+by , (6-c¢)
+c’ + 5 +

18 =a* +b* +c* > 4c

c




CZ
—-2c<0e= 0<c<4
Hay 2

Mau thuan véi € =4, vay € <4

Trdétaco: 3<c<4

Ciing tit ddy tasuyra a<b<c<4

Ta chitng minh @ <1.That vay, gia st @ =1. Khi d6 ta duoc :
13a<b<c<4,suyra:

(a- 1)(a- 4)<0;(b- D(b- 4)<0;(c- Dlc- 4)<0

Hay a’ <5a- 4,b*> <5b- 4; ¢* <5c- 4

Cong vé theo vé ta dugc :

a’+b*+c’<5(a+b+c)-12 =18

Diéu nay mau thuan a’+b’ +c* =18

Do d6 a<1l.yay 0<a<l1

Cubi cing ta chitng minh 1<b <3

That vay, vi @<1lya c<4 do d6:
b=6-a-c>6-1-4=lhay b>1 Ta can chitng minh b <3
Gia st b 23 ta co: (b-3)e-3)=0

Hay b€ >3(b+c)- 9=3(6- a)- 9=9- 3a

Hay a(b+c-3)=<0

Danh gid cubi cting sai vi 3<¢ <4.vay D =3sai, do dg b <3
Vay ta duge 1<b <3



