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@. Tom tat kién thuc

©®. Tong cua hai vecto

o Cho hai vecto @ va b . TU mot diém A tuy v, 18y hai diém B, C sao cho 4B =

a, BC = b Khidé 4C dugc goi la téng cda hai vecto ¢, b va duoc ki hiéu

la @+ b,
[NININ) uuy uuu

o Vay @ + b = AB+ BC = AC

=T}
=2}
o |

Hinh 2
o Phép todn tim téng cla hai vecto con dugc goi la phép céng vecto.
o Tu dinh nghia téng cla hai vecto, ta suy ra quy tac cong vecto sau day:

@ Quy tac ba di€ém
uuug oy uuu

o Véi ba diEm M, N, P, ta c6: MN + NP = MP |

@ Quy tac hinh binh hanh

o NE&u OABC la hinh binh hanh thita cé 04 + OC = OB

w Chay:
o Khi cdng hai vecto theo quy tac ba diém, diém cudi ctia vecto thr nhat phai
la diém dau cla vecto th hai.

s PA An Adiina ning t3- hinh hinh hanh +a rAn Aira hai Fndn fim tAna hai vactn

\_ y




(" @. Tinh chat cia phép cong cac vecto

o Cho ba vectd g, b, ¢ dugc biéu dién nhu

— e

A —— D

© Phép céng vecto co cac tinh chat sau:
@ Tinh chat giao hodn: @ + b = b + g;
v Tinh chdtkéthop: (@ +b) +¢=a + (b + ¢);
@ V@i moi vecta g, talubncé: ¢+ 0 =0+ a = a.
@ Cha y: TU tinh chat két hgp, ta cé thé xac dinh dugc téng cua ba vecto 4, b, ¢
,kihiéula¢véia+b+¢=(a+b)+¢c.
©. Hiéu cua hai vecto
a+(-5) s AL o . . . LA s
o Vecto dugc goi 1a hiéu cua hai vec to 2va bva dugc ki hiéu 1a @- b,
Phép lay hiéu hai vec to dugc goi la phép trir vec to.

@ Quy tac hiéu: Véi ba diém 9-M-N g c§ MN =ON - OM.
0. Tinh chat vecto cua trung diém doan thang va trong tam tam gidc

uu

@ Khi I |a trung diém cta 48, thi hai vec to /4va 1B c6 cung db dai va ngugc
huéng.

v

=M
t

uu uu

2 Do dé, ]Avé IB d(’j| nhau' suy ra A+ 15 =0.
© Trong tdm G cha tam gidc 4BC thudc trung tuyén 4/ va G4 =2GI | gy diém
D d6i xing v6i Gqua I .

\Il/

Hinh 4.16

aju ] ajun} ajuin}

o GA+GB+GC =0




(®. Phan dang todn co ban

‘Dang ®: Chiing minh dang thuc vecto.
=Cac vi du minh hoa
Cau 1: ChocacdiémeE, F, G, H, K. Thuc hién cac phép cong vecto:
EF + FH; FK + KG; EH + HE.
Loi gidi
Ap dung quy tac ba diém, ta cé:

EF FH EH FK KG FG EH HE EE 0
+ = ; + = ; + = = .

Cau 2: Tim téng cua hai vecto @ va b trong Hinh 6.

1 c

/
l

21

b

e

Loi giai
Tacé:d=AB, b= AD,suyrad+ b = AB + AD.
Theo quy tac hinh binh hanh, ta cé6 AB + AD = AC.
Vay @ + b = AC.

, 4 B C D LIl W]NN] LI NN
Cau 3: Cho bon diém “*:£:%:~ Ching minh 45 +CD+B5C =AD
Loi giai
LIl N[N LIl LI N[N N[N
Ta c4: AB+CD+BC =AB+BC+CD

W|N N [N ] |N]N] W|N] ] m|N|N] NN

=(AB+BC)+CD =AC+CD =A4D.

Cau 4: Cho t& gidc ABCD cé 1,/ 1an lugt la trung diém cua AB, CD va O la trung
diém cua /.

Ching minh OA + OB + OC + OD = 0.
Loi giai
Do /, J, O lan luot |a trung diém cta AB, CD va I] nén:

M B 0 JC JD 0 O OJ 0
+ o= T2 T T 2,

[N]N]N) [N]NIN) [S]H]N) uuy

04 OB OC OD
Ta co: + + + =



o 14 O B O] JC_  OJ JD
+ )+ + )+ + )+ + )

uuuy uu uu uu uuu (N[ [N

ol  OJ 4 1B ol OJ JC JD
=( + )+( + )+ ( + ) + ( + )

‘ 1 ) ., ABe= I4=IB
Cau 5: Chung minh rang di€m la trung di€ém cda doan thang .
Loi giai
U U
AR L . AB _I4=IB _ I4 IB
Néu la trurcg dlem cua doan thang thi va hai véc-to , nguagc
) _ IA=-IB
hudéng. Vay
& P wal i U
. IA=-IB _IA=IB _ IA IB )
Ngugc lai, néu thi va hai véc-to ngugc hudng.
41 B, . N e . 4B
Dodé , , thanghang.Vay Ilatrung diém cua doan thang
ABC M N P ) AB AC
Cau 6: Cho tam giac . Cac diém , vé lan luot la trung di€ém cua , va
BC . 0 O-I+DB+DC =0M +ON +OP
. Chirng minh rang véi diém  bat ki ta c6
Loi gidi
{?H +0B +0C =0M + 11‘4+OP+PB+O"» + "»C
Ta co
=0OM +ON +OP + MA + PB + "H’_" P
AR ¥ W] AR AL FEE] AL ﬁ\
=OM +ON +OP + MA+ NM + AN v/  O\N
s :/.-"\‘\\\ ;7\\\
=OM + ON + OP + MN + NM [ N/ N
B P C
=0M +ON +OP +0 =OM +ON +OP
a,b A jrlJ:E =a, E:_” =h
Cau 7: Vdi hai vecto cho trudc, 1ay mét diém  vé céc vecto
A A A'B'=a,BC =b AC
Lay diém khac va cling vé cac vecto . Héi hai vecto va

AC’
c6 moi quan hé gi?



—-—

| i

(4B //a
AR =g =
IAB =a

vidB =a=

{ AB'//la
\AB =a
{ AB//A'B’

e
AB =A'B’

{' BC//BC’
=

BC =BC’

= AABC =A4ABC(c- g<)

{ AC//AC

i =

= AC=AC.

‘Dang @: Tinh dé dai téng, hiéu vecto.

=Cac vi du minh hoa

Cau 8: Cho t&r gidc ABCD. Thuc hién cac phép cong vecto sau:

a) (AB + CA) + BC;
b) AB + CD + BC + DA.

Ap dung tinh chat giao hoan va két hop cla phép cdng vecto, ta cé:

Loi giai

a) (AB+ CA) + BC=(CA + AB) + BC = CB + BC = CC = 0.

b) AB + CD + BC + DA =

(el

AB+ BC + CD + DA = AA =

ABCD

Cau 9: Cho h‘mﬂ thoi

W|N] ] H[N]N]

cGi canh c6 do dai bang 1 va

CE+CD . DE+CD+ BA

cUa cac vecto

Loi gidi

NNy NN ]

L H[N N - . . _
CD =B84 do hai »ectf;CD._BA]]cjun%%mn%jra t‘j“ﬁa —%ﬁ

= CB+CD =CB +BA =CA
000 0ol 0m
- |CE +CD| :|CA| —CA

B4D =120

. Tinh d6 dai



ABC
Xét tam giac , ta co:

BA =BC vaBAC :I;.EAD =60

= AABC deu, hay C4 =BC =1
Dua vao tinh chat két hgp, ta cé:

DB +CD + B4 =(DB +CD)+ BA

ol oof, ol o o odd

~(cp+DB)+BA=CB+ B4 =CA
00 oof ol od

= |DB+CD +3fi|:|r:4| =4 =I

uuu uuu
AB+AC
Cau 10: Cho tam gidc ABC vudng tai A, biét AB=a ; AC=2a . Tinh va
uuu uuu
AB- AC
Loi giai
L Ll L 3
AB + m:‘ = AD| =AD =BC :.,/a: +(2a) =af5 4
L LIl [W[N]N] (HJu|H]
AB - AC| =|CB| =CB =a+/5 a a
D
uuu L uuu uuu
AB+BC| |CA- CB
Cau 11: Cho tam gidc déu ABC canh a. Tinh va
Loi giai
L W] H|N] |N[HYH]
AB +BC| =|AC| =AC =a 4
L uud (NH[N]
AB- AC| =|CB|=CB =a




BAD =60"

Cau 12: Cho hinh thoi ABCD canh a cé . Goi O la giao diém hai duong chéo .
Tinh:
uuu uuu uuu uuu uuu uud
AB +AD BA- BC OB- DC
a) b) ; Q)
Loi gidi
32|IJ (W[H[N} (W[H[N} = . A
AB + AD| =|AC| =AC =2A0 =JAB’ - BO* =a\3 4
BA - BC| =|CA|=CA =a3 ‘l N
B
o7 ood, gof ood, ood
‘DE - DE‘ :‘DD- DC‘ :‘CD‘ =CO :ﬁ
C) &

Cau 13: Cho hinh vuéng ABCD canh a, ¢6 O la giao diém hai dudng chéo . Tinh:

(HIHQN| (HNHN| (HIHQN| puu (HIH{A] (W] H]H]
OA- CB AB+DC CD - DA
a) C
Loi giai
000 000, 000 007, (o0 a2 3 c
OA - CB‘ =|co- CB‘ :‘BD‘:ED ==
LI uuu LIl L g (HJH[N| -
AB +DC|=|AB+ AB| =2|AB| =2a (o)
(N[N (HN]N| (N[N uuu [N[N[N]
CD - DA| =|cD - CB| =[BD| =BD =a\2
©) A D

©. Dang toan ren luyén

‘Dang ®: Cau trac nghiém nhiéu phuong an lua chon

M 2 2 2 AB 2 . \ A \ 2
Cau 1: Cho la trung diém cua doan thang . Khang dinh nao sau day la khang
dinh dung?

IA4+IB=4AB I _ _. . AM + BM =0
A. véi la diém bat ki. B. }
HA+B=IM I _ _. AM +MB =0
C. véi la diém bat ki. D. .

Loi giai



Chon B

M ., AB  AM +BM =0
Vi la trung diém cua nén ta luon co

Cau 2: Cho hinh binh hanh ABCD c6 tdm O. Khang dinh nao sau day sai?

. N]N} uu SN|N) uuu uuu

A. OB+0D =BD B. GH+OC:O_
C. AB =DC. D. AB + AD ZAC'_
Loi giai
Chon A
A D
e
B C

[WINYN] Uy

Ta c6: 9B+0D =0 pan sai.

A,B,C
Cau 3: bang thdc nao sau day luén ding véi moi diém bat ki?
AB +CB =AC CB+ AC =AB
L] BI
LIl LILL LILIL) LIl LIl NN
AB- AC =BC BC- AC =AB
cl L] DI
Loi gidi
Chon B

L m]u|N} W|N]N) ms N E|NN)

_ CB+AC =AC+CB =AB
Ta co

., 4 B C 2 s A 1s 4Z , -
Cau 4: Chobadiém , , phan biét. Dang thic nao sau day la dang thic sai?

T oL W] Ly uuu U
BA+ AC =BC B AB+BC =AC

s uu} ajun} S| NN LIl L uliE)
CA+ AB =BC AB- AC =C
C. D.

Loi giai



S]NN) u]N N} uu

A BA+ AC =BC

Ly aNiN] alujn)

B AB+BC =4C

LR L SN N

C CA+ AB =CB
Xétdapan céb
Ll LI NN
CA+AB=BC _
la sai.
.. D  AB- AC=CB
Xétdapan c¢o

ABCD
[a tdm hinh binh hanh

Cau 5: Goi
o N} L L LIl LILLI NN N[N
AB - AD =DB BC- BA=DC- DA
. B. .
LILL LI LILL LILLl NN LILLI LIl
OA - OB =CD OB - OC =0D - 04
D. .
Loi giai
Chon D

W) m|u |} LIl SN N SN N} SN}

OB-0C =0D- 04« CB =4D

[W]W{]

dung theo quy tac ba diém déi véi phép cong.

dung theo quy tac ba diém déi véi phép cong.

theo quy tac ba di€ém doi vGi phép coéng nén

dung theo quy tac ba diém déi véi phép trr.

. Dang thdc nao sau day sai?

[NIN]N]

. _ ABCD . .  CB=DA
Pap an nay sai do la hinh binh hanh nén
Cau 6: Chon khang dinh sai?
A. Néu ! 13 trung diém doan 4B thi Al +IB =AB.

uu uu

B. Néu /! la trung diém doan 4B thi A+ 51 =0

AL +BI =0

uu uu

IA+IB =0

C. Néu ! la trung diém doan 4B thi

D. Néu !/ la trung diém doan 4B thi
Loi giai
Chon B

Ta cé IA+BI =BI+I4 =BA

Véy IA+ BI =0 sai.



M,N,P

Cau 7: Cho ba diém bat ki. Ménh dé nao sau day la dung?
LB ALY LA LA LA LA AN
MP + MN =FPN MP- PN =MN
L] . BI .
L [ W F LR LA LR [ F
MP + PN =MN MP - MN =PN
n . DI .
Loi giai
Chon C

) , . _ MP+ PN =MN
Ap dung quy tac ba diém ta co

Vay C la phuong an dung.

ABC > . . T

Cau 8: Cho tam giac . Khang dinh nao sau day la sai?

LIl NN LIl [NYNTH] (NIN[N}

AB- AC =CB AB + BA =0
Al . BI ]

LIl LIl MIN[N] LI LILIL N[N

AB- AC =BC AB+BC =AC
C. : D.

Loi giai
Chon C
LIl NN LILL
< n . A . 7 Ve AB - AC :CB A 2 . .

Theo quy tac vé hiéu hai véc to ta co: nén khang dinh C sai.

A G A L ABC M 2 ,
Cau 9: Goi latrong tam cua tam giac va la diém bat ky. Chon khang dinh

sai trong céc khang dinh sau.

LI LI L LI S|un} SjiNE) LILLR

AG+BG+CG =0 MA+ MB + MC = 3MG
Al . BI
GA+GB+GC =0 MA+ MB + MC = MG
cl Ll Dl
Loi giai
Chon D

e G \ A 2 L4 ABC \ M \ T ~ AY 7/
Véi  la trong tam cua tam giac va la diém bat ky, ta cé:



mN N g - g mN|N] - LILE] g mN|N]

AG+BG+CG=0U - G4- GB- GC=0U GA+GB+GC =0

u]u N} u]N N}

GA+GB+GC =0

Ly ajuu} LILLR LILLRI

MA+ MB + MC = 3IMG

(=¥ Ll
. . . R ABCD O .., OA+BO
Cau 10: Cho hinh binh hanh tam . Khi do bang
LA (W 7] uu uau Al (S U]
OC+O0B AB CD oCc+ Do
: B. : C. : D. :
Loi giai
4 B
b C
[ ¥] (e ¥ 1] [E ¥ PR ¥ ] wa
L UA+BO=BO+04 =84
Ta co .
L UL
ABCD _ BA=CD
Vi la hinh binh hanh nén
R . L ABCD M e N ) )
Cau 11: Cho hinh vuéng , CO la giao diém cua hai duong chéo. Trong cac
ménh dé sau, tim ménh dé sai?
AB+BC =AC B AB+ AD =AC
BA+BC =2BM S MA +MB =MC + MD
Loi giai
A B
M
D c

Chon D

n AN \ \ ABCD A O 2 Ve \ A Ve
Cau 12: Cho hinh binh hanh tam . BPang thuc nao sau day dung?



[NIN]H] uu uu uuu

0A4A+0C =0 O4+C0O =0

A. B
A40+0C =0 04- OC =0
C. : D. .
Loi giai
A B
o
D C

N ABCD N N AN \ N O \ v 2 AC
Vi [a hinh binh hanh nén la trung diém cua

S 8E =0
Vay .

n e N IIBCDEF \ O \ A > 7 2 7 \ e A \
Cau 13: Cho luc giac déu va la tam cua no. Bang thdc nao dudi day la
dang thic sai?

H[NN] LI UL L UL LLL
04+ 0C +0E =0 BC+FE =AD
A. : B. :
NN LLu W|N|N] WlN N LLIL] Hjujnj H[N{N)
04+ OB +0C =EB AB+CD+ FE =0
C. . D. .
Loi giai
Chon D
A B
F C
E D

LIl LiLu LIl LIl Luu LIl SN}

 AB+CD+FE =AB+BO+ A0 =240 #0
Ta co: )



\ A Y AN \ ABCD E'F
[a tam hinh binh hanh

Cau 14: Goi : hai diém
AB,BC .
. bang thic nao sau day sai?

AI . BI L

LY LA L L LLLI I LLL] AR LAY I

OA +0C +0D +0E +0F =0 BE +BF - DO=0
C. . D.

Loi giai
Chon D
A E B
W
D C

Ta c6 9 9 13n lugt 1a dudng trung binh ciia tam giac DBCD vi DABC

P BEOF 13 hinh binh hanh.

AR LA WAL L e um ubm

Ll LALI L
BE+EBF =BOP BE+EBF- DO=B0- DO=0D- OB=EBD.

ABCD. G
Cau 15: Cho hinh binh hanh Goi

nao sau day dung?

la trong tam cua tam giac

LLLI L LA LALI LLL] LA LA LRI

GA +GC +GD = BD GA +GC +GD =CD
A. : B.

LLL] LA LN L") LLLI LA Ll LRI

GA+GC +GD =0 GA+GD +GC =G
cl ] DI L

Loi gidi
Chon A
B C
A D

LLL LLm L
Vi G 1a trong tAm cua tam gidc ABC nén GA+GB+GC =0.

WL e LU u LT Py v i ) LI.I.I] LU IO i PR §

wu um
Do dé GA+GC+GD =CGA+GC +|GB+BC +CD | = GA+GB+GC]+BC+CD
0 do

lan luot la trung diém



LLL Ll

=BC+0

(B8 1)

=BD

uuu [NININ}

N (4 n ABC 7 > a . Vd ‘CB- CA‘ >
Cau 16: Cho tam giac déu cO canh bang . Khi dé bang?
a3
a\/§ a 2a 2
A. : B. . C. D.
Loi giai
Chon D
H[u[N] ULl HNN}
, CB- CA| =|4B| =a 5 _ 4BC ‘ p
Ta co: do tam giac déu CcO canh bang
i  ABC a _ _ AB+BC |
Cau 17: Cho tam giac déu canh .D0 dai bang
a3
A. 2. B. 2 C. 2a, p. aV3,
Loi gidi
Chon A
H[uN} H[uN} Hu|n]
AB+ BC|=[AC| =AC =a
i \ _ ABCD @ O _ 04+0B
Cau 18: Cho hinh vuéng canh tam  Tinh d6 dai cua vecto
a
2a. 2 a. 3a.
A. B. C. D.
Loi giai
Chon C
A M B
0
D c



. M \ T 2 AB
Goi la trung diém cua

unin LILIl

04+ 0B

duug

= =2|OM| =20M =AD =a.

g g
A . ABCD AB=3 4p=4 _ |[AB*AD
Cau 19: Cho hinh chr nhat , , . Tinh
L L [JH[N] W{NiN}
AB+ AD| =8 AB+ AD| =7
L H]NN] LIt W|NN]
AB+ AD| =6 AB+ AD| =5
Loi giai
Chon D
A 4 D
3
Bl -
Ta c6: AB+AD =AC
by UL by
= |AB +AD| :|AC| =AC =\[AB + BC* =3’ +4* =5
n e ABC A . C N 7 ' M 2 ~ 2 Ve
Cau 20: Cho tam giac cantai . Tap hop cac diém thoa man dang thuc
a[u|n} L H[N
MA + MB| =2 .-wc|
la
\ 2 e AB \ 2 A 7 Y& AB
A. buong thang song song vai . B. buong thang vudng goéc vai
C. Mot diém. D. Mot duong tron.
Loi giai
Chon A
VAR . AB )
Goi la trung diém , ta co:
LI LI LI H[uin

LLILL]
MA + MB :2|MC| e 2|Mi| =2

.-wc| = MI =MC



\ . M ‘ . LC . M
Diéu dé chiing té diém cach déu hai diém , Nén tap hgp cac diém la
. i I
duong trung truc cua doan
. ) . ABC C IC 1L AB . )
Mat khac, tam giac cantai suyra nén duong trung truc cua doan
C . . R AB
song song voi duong thang
i \ _ ABCD a O _ OA +O0B
Cau 21: Cho hinh vuéng canh ,tam . Tinh d6 dai cua vecto
a4
2a 2 a 3a
A. . B. . C. . D. .
Loi giai
Chon C
E
A & B

LI S| uN} L Ly

04+ 0B =0FE =201

Ta co )
el E \ rd 7 4 N N Y AOBE
Vai la dinh th( tu cua hinh binh hanh .
I =4ABnNOE
i[un] Hu|n] LIl uu
OA+0B| =201 =2.|0I =2.01
Suy ra
of =D _a
» ~ A4BD oI . . . 2 2
Trong tam giac vuong ta co la duong trung binh nén .
o0 om,
|GA + R :2.? =a

Vay



ABCD  AB =a, AB L BD, BAD =60 E,F

Cau 22: Cho hinh binh hanh co . Goi lan lugt la
. . BDAD. BE+AF |
trung diém cua Do dai vecto la
aN13 a 10
2 2
A. . B.
a1
2 2a
C . D.
Loi giai
Chon A
B fo

. H \ . 2 AB
Goi la trung diém

BE =ED, AF =HE
Ta cé: nén suy ra:

auin} (NN}

BE + AF

uuu

HD

Ly |N]N] H[N]N] W|N]E] [N ] ==

BE + AF =HE + ED =HD =HD

[ [~

~

HD =JHB* + BD? :J‘ | +(ay3) _af13

BD = ABtan60° =a3

’

il 00, o013

|BE+AF| =
2
Vay
R F 100N 7
Cau 23: Cho hai luc déu co cuong do bang va c6 cung diém dat tai mot
F E 90° F £

diém. Goc hgp bsi  va : bang . Khido6 cuong do luc téng hgp cia  va  bang



190N 503N

A. . B
1002 N 200N
C. . D.
Loi gidi
Chon C
A
Fi
I J
N
IA=FIB =F, L4JB
vé , V& hinh vudng

LiL Uy o

U =IA+IB=F +F,  IJ =NI4+IB* =100y2(N)

Theo qui tac hinh binh hanh cé: , €O
FF  10042(N)
Vay cuong do6 luc téng hop cia  va  bang :
H{HIN] uuu
A \ ABCD a _ |[AB-DAl
Cau 24: Cho hinh vuéng canh . Tinh la:
ujun} LLIl Ll W[N]
AB- DA| =2a AB- D,4| =0
LILILL LIl ULy W[N]H]
AB- DA| =a2 |.43- D.4| =a
C.
Loi giai
Chon C
A B




auin} Ly ujun} ujuin AN}

B =bcC AB - DA|=|DC- DA|=|4C|=4C =a\2
Ta co: nen .
-}JJJ LI
Cau 25: Cho hinh vuéng canh . Tinh ?
S =a S =a«/§
AI . BI ]
S :a\/E S =G\E
L] ] DI .
Loi giai
Chon C
4 D
B e
NN NN N[N NN LILLl '}JJJ s P ‘ﬁ
| 2AD+DB =AD+AB =Ac = [FAD * DB SAC|=AC =ay
Ta co: .
.S :a\/E
Vay .
F, =MA,F, =MB,F, =MC M
Cau 26: Cho ba luc cung tdc déng vao mét vat tai diém  va
vat dang yén.
A
Fi
C ;3 M
F2
B
[ \ N 2 Fl'F2 ~n S 1mN \ Ve EMB :%D " 7/ \ N 2
Cho biét cuong do cua déu bang va goc . Khi dé cuong dé cua

uu



5073V 10073V

A. B
502N 100v2N
C. : D. :
B

Chon D

o . ADBM MA =100 _ MD =1002
Vé hinh vuéng , canh thi :
Theo qui tac hinh binh hanh cé :

F,=-MD F,

Vat dirg yén khi . Suy ra cuong doé cua luc  la:

‘Dang ©: Cau trac nghiém dung, sai

Cau 1. Cho hinh binh hanh 4BCD  C4c ménh dé sau dung hay sai?

Ménh dé

LI Ly aluu

a) CR+CD =CA

g SN} LILL

b) AC+DA=CD

L uuu

©) BA- BC =AC

a7 g LILLI aluu

d) B4- BC+AD =CD

Cau2. Cho bdn didm 458-C:D  C4c menh ¢ sau dung hay sai?

Ménh dé

L
F3

—10042N

bung Sai

bung Sai



c)

d)

Cau 3.

c)

d)

Cau 4.

ABIJ ,BCPQ,CARS. Céac ménh dé sau dung hay sai?

d)

Cau 5.

a)

b) Goi E 1a diém ddi xing véi B qua €. Khi d6 APEC 13 hinh thang.

L S|un} LI

AB + BC =CHA

Sdd

AD + DA =0

L ajuu} S|un} L

AB+CD =AD+CEB

L alun) g aNjN)

AB- CD=AC+ DB

U

BA+ AB =0

LI a|uN] Ly

Od+ AC =0C

SN N mIN| N} M| N]N} W)

O4d- OB+ DC =CB

SN N uuu W) SN N

OB+04- CA=DC

LILLl LIl uu

RJ =RA+ AJ
10 =IB+ QB

PS8 =PC+5C

Ej +FE?+|E;5:U

S|u ] S|NN} LI

AD+ AR =AC

Cho hinh binh hanh 48CD tam O . Cac ménh d sau ding hay sai?

Ménh dé

Cho tam gidc 4BC . Bén ngoai clia tam giac v& cac hinh binh hanh

Ménh dé

Cho hinh vuong 4BCD ¢o canh bang . Cac ménh dé sau ding hay sai?

Ménh dé

bung Sai

bung Sai

Ping Sai



) |AD+A4B|=ay2

d) | AD+AC|=av3

Cau 6.
Ménh dé
a) 4B+BC =AC
b) | 4B- CB|=2a
) | AB+AC|=a 3
d) i o
| BG - BE|:£
Cau7. Cho AMBC Cac ménh dé sau dang hay sai?
Ménh dé
LILILI LI LILILR )
) MA- MB+MC =0 khij didm M 13 mot dinh cta hinh binh hanh 4BCM |
b)  NA+NC+A4B =NB hi diém N tring v6i didm 4.
c) LILL LILIL LIl N[N LIl

d) NA- NB+AC+ND =CD khi N 13 diém dbi ximg véi B qua 4.

MA+BC- BM - AB =BA khi M 1a trung diém cua doan 4C

SN N SN N uuu E|NN) SN}

Cau 8.
L i|u[N} LIl a|ujn} Ll a|N N
a) AB+CD+EF-CB- ED=FA
b) 4B- AF+CD- CBE+EF =DE
[N N W[N[N] H|N[N] [N N
¢©) AB+CD =AD+CRB
d) 4C+BD+EF =AF +BC+ED

Cho séu diém 4 5CDEF 40 ménh dé sau dung hay sai?

Ménh dé

Cho tam giac 4B C déu canh ¢, c6 trong tam G . Cac ménh dé sau dung hay sai?

bung Sai

bung Sai

Ping Sai



Cau9. Cho hinh binh hanh 4BCD ¢ O 13 giao diém cua hai dudong chéo

dung hay sai?

aluu} a|un] LIl

a) 4B+ AC =AD

L LR a]ulN)

b) 4c+B4=4AD

| N]N] M|N]N]

¢) |AB+AD|=AC

S Sl SN

d) Ny | AB+AD|SCB- CD| i ABCD 13 hinh thoi.

Cau 10. Cho lyc gidc déu 4BCDEF tam O Cac ménh d& sau dung hay sai?

Ménh dé

oy [NJNIN)

a)  AB =CD

L sjun} S|un}

b) 4+o0D =AC

L LIy alual

¢) AR+0C =FC

S i S dd NN

d) AB+ AE- FD =AF

. Cac ménh dé sau

bung Sai

bung Sai

Cau 11. Cho hinh binh hanh 4BCD Haj diém M va N 1an luot 13 trung diém cta BC va

AD | Cac ménh dé sau ding hay sai?

Ménh dé

[NININ W) [NININ)

a)  MC =AN

s|u ] LILILL] S|u ]

b) No+MCOC=AN

AN NIN) LiLiu a|NNIN)

€)  AM +CD =BM

SN NN} m]u|N} E|NN) W|NN)

d) AN + AN =AB+ AD

Dung Sai

Ciu 12. Cho tam gitc 4BC . Cac didm M>N-P 1in lugt 14 trung diém cua 4B 4C.BC 4

ménh dé sau dung hay sai?

DPung Sai



LI LI LILILL]

a) M - AN =NM

Al NIN) UL uuy

b) A - NC =MP

SN NN L ajun}

¢©) MN- PN =MP

LI LILLI Ly

d) pp-cP=PC

Cau 13. Cho tam giac 4BC déu canh 4. Cac ménh dé sau ding hay sai?
Ménh dé bung Sai

| N]N] M|N]N] M|N] ]

a) | AB+ AC =AH

i i i

b) |4B- AC=BC
) |AB+AC|=a\3
u|NN) u|NN)

d) | 4B- AC|=a

Cau 14. Cho hinh vuéng 4BCD canh 4, ¢ O 1a giao diém hai duong chéo . Cac ménh d& sau

dang hay sai?

Ménh dé Ping Sai

) O |3 trung diém cia 48D

b) |04- CB|=a 2

¢) |AB+DC|=a

d i i 5
|CD-DA|:”J:

Cau 15. Cho hinh thoi 4BCD canh a, ¢6 BAD =60 . Goi O 1a giao diém hai dudng chéo. Cac
ménh dé sau dung hay sai?

Ménh dé bung Sai



a)

ABAD,ABCD déu canh 4.

b) | 4B+ AD|=a\2

c)

d)

| BA- BC|=a\3

ood  ood
|OB- Dc|:£

Cau 16. Cho ba diém phén biét A,B.C (4 ménh dé sau dung hay sai?

c)

d)

Ménh dé Piing Sai
H|uN] N[N N[N
CA+ AR =BC
Ly N[N NN
AR+ AC =BC
Ly UL UL
AB+CA =CRH
LI LIl |
AR- BC =CA

Cau17. Goi O 1a tdm hinh binh hanh 4B8CD  C4c ménh dé sau dung hay sai?

d)

Ménh dé Piing Sai
LIl NN LILLI
04 - OF =CD
LILLI m[un} UL ULl

OB - 0C =0D- 04
AB- AD =DE

LI || HIN]N) a|NN)

BC- BA=DC- D4

Cau 18. Cho tam giac 4BC . Goi M.N.P 1in luot 14 trung diém cua BC. ¢4 , AB . Cac ménh dé

sau ding hay sai?

Ménh dé bung Sai

a) Tu giac BMNP vy APMN |3 hinh binh hanh

b)

UL u]ulN) Ly

BM+CN+ AP =0



d)

L ajuin} ajuin} UL

AP+ AN - AC =BM

aluu} LI g alNN ] g alun)

OA+ OB +0C =OM +ON +OP y4i O 13 didm bit ki

Cau19. Cho 5 diém 4-B-C.D-E C4c ménh d& sau dang hay sai?

c)

d)

Ménh dé Dung Sai
a|Nu] aJNIN} H|N ]
AB+ BC =CHA
L LI LI LILLI NN} LI

AB+BC+CD+ DE =CE + AE

UL g g

AC+BD =A4AD

LI ujuin} sjun} s|u ]

AB- CD=AC- BD

Cau20. Cho 6 diém 4 B:-C.D:E. F phan biét. Cac ménh dé sau dung hay sai?

c)

d)

Ménh dé Dung Sai

L LI LIl

AB+BD =AC

NN M|N] ] SN LI

AB+DF +BD+ F4 =0

LI sy} Ll aluu}

BE- CE+CF- BF =0

LI s|un} S|uN} S|u ] s|u ] LLILI

AD+BE+CF =AE+BF +CD

Cau 21. Cho hinh binh hanh 4BCD v&i M va N 1an luot 13 trung diém cta BC va 4D . Cac

ménh dé sau dung hay sai?

d)

Ménh dé Dung Sai

S|u ] LLILI S|uN}

DA+ DC =DB

Ly alNjN) g g

CM+CN+AB=CD

Uy oy

MA+MC =0

UL H]ulN) H]uinlE)

AM +CD =BM



Cau 22. Cho 4BCD [3 hinh vudng tdm O ¢6 canh @. M 13 mot diém bét ki trong mit phéng.

Céc ménh dé sau dung hay sai?

[N{NIN) [N{N{N]

a) OC =40

m]u|N}

b) | 4B+0D|=40

SN | N]N] m|N|N]

©) |AB- OC+0D|=0

LI LI a|NnE} LLLR

4 o dai vecto MA- MB= MC+MD ping DC

Cau 23. Cho tam giac 4BC du c6 canh bang 3¢ . Cac ménh dé sau ding hay sai?

Ménh dé

A0 =3a

&
N’
=]

A(HN] A (H[H]

b) |4B- AC| =2a

H[H[N] LI H[H[N]

¢) |4B- CB- AC| =0

A [H[H] UL

d) AB+ AC| :ﬂﬁ

bung Sai

Ping Sai

Céu 24. Cho tam giac 4BC véi tryc tam H . D 1a diém dbi xtmg voi B qua tam O cia

duong tron ngoai tiép tam giac 4BC . Cac ménh dé sau dung hay sai?
Ménh dé

uuu uuu

a) OB =DO
b) CH//DA
) HA=AC

g [ H]N)

d) 4D =HC

Dung Sai



LOI GIAI
Cau 1. Cho hinh binh hanh 48CD Khi d6:

LI u]ulN) LI

a) CB+CD =CA

Ly M|N]N] M|N]N]

b) AC+DA=CD

LIl LIl S|E|N}
¢) BA- BC =AC
LILLI LILILI LILL] LILLl

d) BA- BC +AD =CD

Loi gidi
a) Dung b) Sai ¢) Sai
CHE+CD =CH .
Ta co: (quy tac hinh binh hanh).
AC+DA=DC , B
Ta co: (quy tac ba diém)
BA- BC+ AD =BA+CB+ AD
:[E_"JTEHEJQHHEJ —CA+AD =CD . )
(quy tac ba diém).
Cau2. Cho bén diém 45-C-D Khi do:
LILL] L LIl
a) AB+ BC =CA
b) AD+DA=0
AB+CD =AD+CB
¢) ;
LIl H|uN} H| NN} H[uin}
AB- CD=AC+ DB
d)
Loi gidi
a) Sai b) DPung ¢) Dung
LIl LILILY Hjuin} UL
AB+CD =4AD+CEH
Ta co:

mIN| N} SN} m|u |} uuu

= AB+CD- AD- CE =0

M| N]N} uuu Ll LILg

= AB+CD+ DA+ BC =0

d) Dung

d) Pung



mu|N} m|u |} mN| N} SN}

= (AB+ BC)+(CD+ DA) =

= AC+CA =0
(ludén dang).

s N M| N]N} mIN| N} LILg ms N uug mIN| N} LILg

) AB-CD=AC+ DB = AB- CDh- AC- DE =0
Ta co:

i a4 Sdd i

= AB+DC+CA+BD =0

ﬁ{%+%}+{&+5&} naAmEA =0
(ludén dung)

Cau 3. Cho hinh binh hanh 4BCD tam O . Khi do6:

[N N §] [A]N] )

BA+ AR =0

a)

Wy uud Uy
Od+ AC =0C
b)

SN N uuu SN|N}

OA- OB +DC =CB
©)

OB + 04~ CA=DC
d)

a) Dung b) Dung ¢) Sai d) Dung

L uuu uuu Ly uuu b L uuu W] Ly o uad

OA- OB +DC =0A+BO+DC =BO+0A+AB =BA+AB =0 BA, AB _ .
Ta co: (do 1a hai vecto doi

SN N M| N]N} SN} s N SN} m|u |} M| NN} m|u |} M| NN}

OB +04- CAH GB+GA+.4L” GB+GC =DO+0C =DC
nhau);

Cau4. Cho tam giac 4BC . Bén ngoai ciia tam giac v& cac hinh binh hanh
ABIJ  BCPQ,CARS. ey do

SN u]N N} uug

a) RJ =RA+A4J

b) 10 =IB + 0B

¢) PS =PC+5C
d) Rj +“:'+P5:D

Loi giai



a) bung b) Sai ¢) Sai

SN} LILLl N Ny NN m|N) m|N|N] NN SN NN

RJ =RA+ AJ. 10 =IB +BO,PS =PC+CS
Ta co:

R +1Q +PS
Khi do:

:{JRJ;'EI. +}5,.r }+{FJB +%} +(PC +ES}

:5&?+C5}+£BI+IB}+{CP+PE}
0 00 'm0 -
=55+BE+CC =0

RI+IQ+PS =0
Vay

Céiu 5. Cho hinh vudng 4BCD ¢4 canh bang @. Khi do:

LILLI
a) AD + AB =AC

b) Goi £ 1a diém ddi ximg véi B qua C. Khi d6 4DEC 13 hinh thang.

NN W|N]N]

| AD+ AB|=a-2
c)
| AD+AC|=a\3
d)
Loi giai
a) Dung b) Sai ¢) Dung

, AD+ AB =AC
Theo quy tdc hinh binh hanh ta c6 .

. AC? =AB* +BC?
Theo dinh 1i Pytago:

=& +a =2& = AC =a\2

| AD+ AB|3AC|=AC =a2
Vay

d) Pung

d) Sai



. E \ + R A Ja 7. B C
Goi  ladiém doi xing v6i  qua .

CE =AD =a,CE//AD ADEC
Do nén 1a hinh binh hanh.

AD+ AC =AE . _ ABE
Ta co: . Ap dung dinh li Pytago cho tam giac :

AE? =AB? +BE? =& +(2a)’ =5a = AF =a\/5

|AD + AC |=AE =5
Vay

CaAu 6. Cho tam giac 48 C qéu canh 4, ¢6 trong tam G Khi d6:
LILILI H|NN) H|NN)

a) AB+BC =AC

| AB- CB|=2a
b) ;

| AB+ AC |=a 3
c) ;

00 ool
| BG - BC |:£
d) B

Loi giai

a) bung b) Sai ¢) Pung d) Sai

AB- CB=AB+BC =AC=| AB- CB|3 AC|=AC =a
Ta co:

BDC H ., AD _BC
V& hinh binh hanh ,go0i lagiao diém va

H 2 . . AD _ BC
Suyra latrung diém cua ca va .



, AB+ AC =AD AH _ ABC
Theo quy tac hinh binh hanh: . Tacod la dudng cao cia tam giac nén

AH =JAB?- BH? = :§

13

AD =2 AH =a-3
Suy ra: .

g alun)

|AB+ AC |4 AD |=AD =a3.

s N SN} LILg s N SN N} uuu

BG- BC =BG+ CB =CB+BG C'G

Ta co:
2 2
CG=AG == AH == a3 :”"E’
o 3 3 2 3
Dé thay
i md  ood
|BG - BC |HCG |=CG :i.

Vay

Cau7. Cho A4BC Khi do:
MA- MB+MC=0 . M ABCM
a) khi diém  1a mot dinh ctia hinh binh hanh

LIl H|uN} LILIL Hjuin}
NA+NC+AB=NB ., N 4
b) khi diém  trung véi diém
a|NIN} a|NN §) NN} a|N ]

MA+BC- BM- AB=BA M ” AC
c) khi  la trung diém cta doan
NA- NB+AC+ND=CD N . B A
khi  la diém doi ximg véi  qua

Lo giai



a) bung b) Sai ¢) Pung d) Sai

LI LIl AN §)

MA- MB+ MC =0
a) Ta co:
- ij\. ij»rmcaﬂgn
(BM +MA)+MC =0 _
i 0 00

= BA+MC =0<= BA=CM
, M ABCM
Vay diém la mét dinh cua hinh binh hanh

Sl i i S Jd44 Sdd NN Sdd i NN S

NA+NC+ AB =NB < (NA+ AB)+ NC =NB = NB+NC =NB o NC =0

b) Ta co: . Vay diém
N \ r.* ‘;’\ C
trung voi diém
MA+BC- BM - AB =BA = MA+(BC +MB) =AB +BA o \f4+ MC =0 M
c) Ta co: .Vay 1a
AC

trung diém ctia doan
L L LI L HIain} L SIE N} Lun L Lun Ly

NA- "»B+AC+"|.-D =CD < (NA+BN)+ AC =CD + DN ﬁBA+AC =CN <= BC C'-.,.
d) Ta co:

L B C
Vay ladiém doéi xing voi  qua .
Cau8. Cho saudiém 45:C-D-EF Khi do:

U uLd Wig udd g LI
) AB+CD+EF - CB- ED =FA4
a .

ms N uuu ms N ms N ms N MmN}

AB- AF+CD- CE+EF =DE

LILL] S| uN} ajuin} aju ]

AB+CD =AD+CEH

d) AC+BD+EF —AF+BC+ ED

Loi giai

a) Sai b) Sai ¢) Dung d) Pung



SN N} LIl m|u |} mN N uuu mN N SN N} SN}

AB+CD+EF CBE- ED= AB+CD+EF+BC+DE
a) Ta co

L SN N} MmN} SNN) mIN|N} m|u |} m| NN} SN N} mIN|N} LIl

I[AB+BC}+|[CD+DE}+EF =AC+CE+EF =AE+EF =AF

MmN} uuu mIN|N} ms N NN mIN| N} mN| N} mN| N} uuu
.
b) Ta co

NN SN W|N]E] NN H[N]N] NN NN m|N|N] u|N N [N ]

) AB+CD =4AD+CB= AB- AD =CB- CD = DR =DB
c) Ta co: .

 AC+BD+EF =AF + BC+ED
d) Ta co:

A[NIN) | N]N] | N]N] W|N] ]

SAC AF} (]BD BC}HER ED}_
ﬁFC+CD+DF =0« FD+DF =0.

cAB - AF+CD CB+EF =FB+BD+EF =FD+ EF =ED

Ciu 9. Cho hinh binh hanh 4BCD ¢4 O 13 giao diém cta hai dudng chéo. Khi do:

LILLI mjuin} ajuin}

AB+ AC =AD
a)
LLILI LLL| H[NIN)
AC+BA =AD
b)
| AB+ AD|=AC
c)
. |AB+AD|3CB-CD|  4BcD
d) Neu thi la hinh thoi.
Loi giai
a) Sai b) Pung ¢) Dung
UL LILL] LIl
AC + B4 =BC = AD ABCD
a) Ta co: (vi 1a hinh binh hanh).
| AB+AD|2AC|=AC  4BCD
Ta co (vi la hinh binh hanh).
| AB+AD|3CB- CD|=| AC|3 DB|= AC =BD
b) Tacé:
ABCD ) . ABCD
Vi 1a hinh binh hanh c6 hai duong chéo bang nhau nén

Cau 10. Cho lyc gidc déu ABCDEF tam O Khi do:

d) Sai

la hinh chir nhat.



[NN{E} [N7NIN]

a) AB =CD

LI aNN] aNN]

b) 4B+0D =AC

LI Uy Ay}

¢) AB+0C =FC

d) AB+AE- FD =AF

a) Sai b) Pung d) Pung

AB+0OD =AB+BC =AC  BCDO
(do 1a hinh binh hanh).

Ta co:

| AB+AE- FD=AD+DF =AF _ ABDE _
Ta co: (do 1a hinh binh hanh).

Cau 11. Cho hinh binh hanh 4BCD  Hai diém M va N lan luot 1a trung diém cta BC va

AD  Khi do6:

a) MC =AN

aluu} LIl aluu}

b) NC+MC =AN

SN NN S| NN Sju/NIE)

¢) AM +CD =BM

N NN} M|N] ] SN SN

d) AM + AN =AB+ AD

a) bung b) Sai ¢) Dung d) Pung

o ABCD, AMCN
Dé thay tur giac 1a hinh binh hanh



A N D
MC =AN NC+MC =NC+ AN =AN + NC =AC
Vi nén ta co:
. CD =BA A . AM +CD =AM + BA =BA+ AM =EBM
Vi nén ta co:
NC =AM AD+NC —AD+ AM =AF F
Vi nén ta co: , la dinh cua hinh binh hanh AMED.
 AM + AN =AB+ AD
Vay

Cau 12. Cho tam gisc 4BC . Cac diém M-VN-P 1in luot 1a trung diém cua 45- 46 BC gpi

do:
LLiug 101 Ll
a) AM - AN =NM
LILRILl LiLnl LIy
b) MN- NC =MF
LIl LI LI
C) MN-= PN =MF
101 LILL] H[NN)

d) BP- CP =PC

Loi giai

a) bung b) Sai ¢) Pung d) Sai

o AMPN,MNCP
D& thdy tir gidc 1 hinh binh hanh




LI L LI JJJ S|uN} ajuin}

o ﬂ‘f_]]ﬁ ]‘jLF (NC=MF)
M o TV i mHP

BP-CP = BF+PC =BC

Céu 13. Cho tam giac 4BC du canh <. Khi do:

g) | AB+AC =AH

LILg mIN| N} SN N}

by | 4B~ AC =BC

H[N]N]

)|AB+AC|—GJ_

s uN] s uN]

d) | 4B~ AC|=a

Loi giai
a) Sai b) Sai ¢) Dung d) Dung

i ood . md
| AB+ AC|=2AH |=2 -AH =2 -“':E

—a-3

| AB- AC|2CB|=CB =a

Céu 14. Cho hinh vuéng 4BCD canh 4, c¢6 O 1a giao diém hai duong chéo . Khi do:

a) O 1a trung diém cua AC,BD

b) |I-r_l_;j4 = Eé |:ﬂﬁ

W|N]E] H[N]N]

| AB+ DC |=a

c)
ool ood 5

|CD- DA |:“',’F

d) )
Loi giai
a) bung b) Sai ¢) Sai d) Sai
o 0 AC,BD

a) la giao di€m hai duong chéo nén  la trung diém cua



o oof  omd ood  odd a2
|0A- CB|=CO- CB |2 BO|=B0 =~

2
b)

| 4B+ DC|= AB + AB|=2| 4B |=2a
c)

Sdd Sdd

|CD- DA|2ZCD- €B|=BD|=BD =a\2

Cau 15. Cho hinh thoi 4BCD canh @, ¢ BAD =60 .Goi O 1a giao diém hai duong chéo. Khi
do:
a) ABAD,ABCD 33, canh 4.

ENN) g

)|AB+AD|_aJ_

0 | BA- BC|=a3

ool ood
|OB- DC |_ﬂ"r
d)
Loi gidi
a) Dung b) Sai ¢) Pung d) Dung
) ABAD.ABCD a
a) Gia thiét cho ta déu canh

Jd4d i

| AB+AD |2 AC|=AC =240 =248 - BO" =a\3
b)

| BA- BC|2CA|=CA =a3
c)

i ooi oo ood oob a3
|OB- DC|3 DO- DC|3CO|=C0O =40 =

2

d)

Céu 16. Cho ba diém phan biét 4-5-C  Khi dé:

CA+ AB =BC

a)

LLILI u]ulN)

AB + AC BC

L a|i ) aug)

AB+CA =CE



LLILI LIl H|EN]

AB- BC =CHA
d) .
Loi giai
a) Sai b) Sai ¢) Ding d) Sai
Xét cac khing dinh:
CA+A4B =CB =- BC ,
a) Ta co . Viy a) sai.
AB+AC=AD#BC D . ABDC _
b) Ta co (vé61  la diém théa man 1a hinh binh hanh). Vay b) sai.
AB+CA =CA+ AB =CB
c) Taco . Vay c¢) dang.
AB- BC=CA< AB =BC +CA=BA '
d) . Vay d) sai.

Cau 17. Goi © 1a tAm hinh binh hanh 4BCD  Khi d6:

04 - 0B =CD
a) .
LILLl S| NN} Ll LIl
Of- 0C =0D - 04
b)
AB- AD =D§B
c) .
BC BA =DC- DA
d)
Loi giai
a) bung b) Sai ¢) Dung d) Pung
Xét cac khing dinh:
GA 08 =84 =CD
a) Tacod . Vay a) dang.
~ L uuu
= AD
05- 06 =C -
QD= 04 =4D

b) Ta co . Vay b) sai.



AB- AD=DB ___ ,
c) Taco . Vay c)ding.

Py ua|i| UL Hu|

BC-B4=A4

]]‘j- ]j% Iﬁ
DC- D4 =4C

d) Ta co . Vay d) ding.

Cau 18. Cho tam gidc 4BC . Goi M-N-P 1in luot 1a trung diém ctia B¢ 4B Khi do:

_ BMNP  APMN
a) T gidc va 1 hinh binh hanh

LILLIL aluln) g

BM+CN+ AF =0

b)
LILLI NN} a NN} H|N N|N]
AP+ AN- AC =BM
c)
LILLl L LI SN E) ajun} S|uN}
O4+O0OB+0C =OM+0ON+0OF O » ,
d) vol  la diém bat ki.
Loi gidi
a) Dung b) Ding ¢) Sai d) Ding
[S]N () [S]N] )
BMNP = BM =PN
1a hinh binh hanh .
LIl H| NN}
N » AC = CN =NA
Vi  latrung diém cta .
Do d6 theo quy tic ba diém ta co

BM+CN+ AP =(PN + NA)+ AP =PA + AF =0

LILLI aJNIN} H|NNIN}
_ APMN AP+ AN =AM ‘ ,
Vi tr giac 1a hinh binh hanh nén , két hop vo1 quy tac tru

= AP+ AN- AC+BM =AM - AC+BM =CM +BM

LILig S|NIN N

CM+BM =0 M . BC
Ma do  latrung di€m cua

LIl N[N LIl H[N|N[N]
_ AP+AN- AC+BM =0
Vay



Theo quy tic ba diém ta co

[N NIN] (NN} (NN N} [N]N]N} [N NININ} [N]N]N}

04+ OB +0C =(0OP +PA}+{OH + HE}+{ON + NC)

[ SN uuu SIS NN} [S]N]N) [S]N]N) [SIN]N N} uuu (S]]

_{GW+GT+GP}+PA+HB+%C =(OM +ON +OP)- (BM +CN + AP)

NN N|N) [N]N]N) [N H]N] U LIy [N]H]N] oo [N]N]N) [NIN]N)
R , BM+CN+ AF =0 O4d+ 0B +0C =0OM +ON +0OF
Theo cau b) ta co suy ra

Ciau 19. Cho 5 diém :B8:C.D.E xpi do:

o [SIN]N) (W] §)

a) AB+ BC =CA

Ly [N]N]N) [N]N]N) (NN N} [N]N]N) Ly

AB+BC+CD+ DE =CFE + AE
b)

[W]H N} [NIN]N} [N]N]N]

AC+BD =AD
c)

[N N} [N]N]N} [N]N]N} [N]N N}

AB- CD =AC- BD
d)

Loi giai
a) Sai b) Sai ¢) Sai

[S]NIN} [S]N |} uuu [S]N |} uuu [N [N N

u —[AB+BC}+(CD+DE} —AC+CE+ AE

a)
b VT:AC+ BD =AD + DC + BC+CD

=AD+ BC +(DC+CD) = AD +BC:VP

(S|8N} add (SR8} ol ol S

VT:AB- CD =AC+CB- (CB + BD)
c)

[S]N N uuu (S]] uuug [S]N]N) uuu [S]N N} uuu [S]N]N)

=AC+CE- CB BD =AC- BD+CB- CE =4AC- BD

CAu 20. Cho 6 didm 4 B-C-D:EF shan biét. Khi do:

Ly [N|N]N] [N]N]N]

a) AB+BD =AC

b) AB+DF +BD+ F4 =0

d) Dung



LILL] s|u ] ajun} LILL]

BE- CE+CF- BF =0

c)

LLILI LI ujuiN) L LI L

d)AD+BE+CF:AE+BF+ED

Loi giai

a) Sai b) Ding ¢) Pung d) Ding

AB+BD =AD
a)
b) AB+DF +BD+ FA =AB+BD+DF +F4A =44 =0
) BE-CE+CF-BF =BE+FEC+CF+FB=BE =0
v

LI S|un} LI S| i L LLILI

AD+BE+CF =AE+BF +C

M|N]N] H[N]N] W|N]E] NN m|N|N] NN LILLl W|N]E] M|N]N] NN u|N N SN

= AD-CD+CF =AFE- BE+BF = AD+DC+CF =AE +EE+ BF

[NIN]E) [NIN]E)

= AF =AF

Cau 21. Cho hinh binh hanh 4BCD véi M va N 1an luot 1a trung diém cua BC va 4D Khi

4 .
do:
LILL] LRIl N[N

a) DA + DC =DB

Ly ajuin} S|un} LIl

b)CM+CN+AB=CD

Uy [N EyuT]

¢) MA+MC =0

LILLILI Luu S|uiu{N}

d) AM +CD =BM

a) Dung b) Sai ¢) Sai d) Dung



B M C
L L a NN}
o, DA +DC =DB
Theo qui tac hinh binh hanh ta c6:
W NN aJNIN} u|N N}

AMCN CM+CN =C

Do la hinh binh hanh, ta co6:
CM+CN+AB =CA+ AB =CB

Suy ra

AMCN
Do la hinh binh hanh, ta co:

MA+MC =MN < MA+MC+ ND +DM =MN + NM =0

[W[w]N] [N N} LILR L A[N]N] g SN N S|NN N
ABCD CD =BA AM +CD =AM + B4 =BM
Do 1a hinh binh hanh, ta c6 , suy ra

Céu 22. Cho 4BCD [3 hinh vuéng tdm O c¢6 canh ¢. M 1a mot diém bét ki trong mit phang.
Khi do:

(NN W] Uy

a) OC =40

| AB+0OD|=A40
b)

| AB- OC + 0D |=0
c)

LLILI L H|N[NE) NN
. MA- MB- MC+MD DC

d) B¢ dai vecto bang

a) bang b) Plng ¢) Pung d) Sai



D C
OD =BO= AB+0D =AB+ BO = A0
a) Ta co
| AB+0OD|=A40
OC =40 AB- OC+0D =AB- AO+OD =0B+0D =0= | AB- OC + OD|=0
Ta co suy ra

b) Ap dung quy tic trir ta co

NN SN N LLILn] S|NN N} NN L

MA- MBE- MC+MD =BA- D

A B \ + R A , 5 B A
Lay ladiém doi xing cua  qua

[ Jddd UL H{un UL UL buu
) -DC =AB = BA- DC =BA+ AB =EB
Khi d6

Lt LU Ll oo
| MA- MB- MC +MD |=

-

BB |=BB

Suy ra

Cau 23. Cho tam giac 4BC déu c6 canh bang 3¢ . Khi dé:

NE)

A0 =3a
2

a)
AHN] LILIL

AB- AC| =2a

b)

(N[N} Ll A(N[N]

AB- CB- AC|=0

H[N[H]

LILL
AB +AC| —af3

d)



a) bung b) Sai ¢) Pung d) Sai

3a 3a

D

b - e =Eh | b - HC14EB 1=cB =34
Ta co:

L mN N uuu mIN|N} m|u |} SN N m|u |} LILL]

AB- CB- AC=4B- AC- CB =CB- CB =0

LLig NN H[N]N]

=| AB- CB- AC|=0

LI s|un} sjun}

ABDC - AB+AC=4AD O
Dung hinh binh hanh , Theo qui tac hinh binh hanh ta c6 Goi la giao
_!O —'." ﬁ AN uNN] WINN]
7 4D  BC, AT 5| 4B+ AC|2 AD|=AD =240 =3a3
diém cua va Ta co

Cau 24. Cho tam giac 4BC voi tryc tam H . D 1a diém d6i xtmg v6i B qua tim O cua

duong tron ngoai tiép tam giac 4BC . Khi do:

a) OB =DO

b) CH//DA

Uy uuu

¢) HA=AC

uuy [N]N]N)

dy AD =HC

Loi giai

a) Dung b) Ding ¢) Sai d) Ping



BD = OB =DO
Ta co la duong kinh

AH L BC,DC LBC= AH//DC

(D)
CH LAB, DAl AB= CH//DA
Ta lai co (2)
- HADC = HA=CD,AD =HC
Tu(l)va(2) Tugidc 1a hinh binh hanh

‘Dang ©: Cau trac nghiém tra 16i ngan

SN N LRl uuu m| NN} SN} ms N

Caul. Cho tam giac 4BC va diém P thoa man | 7B *+ P4+ PC|SPB+PC- PA|
| PC+PB- PA|R PC+PA- PB| gy q¢ | FPA+FC- PB|SPA+FB- PC| diing hay sai?

Traloi: ..................

Cau 2. Cho tam gidc ABC(AB < AC), AD 14 phan giac trong ctia goc 4. Qua trung diém M

ctiia canh BC | ta ké duong thiang song song véi 4D, cat canh 4C tai £ va cattia B4 tai F .

Biét ring 4B =6 v3 4BD =3BM _Tiph: | CM - EM|?

Traloi: ..................

uu

F

Cau 3. Cho hai lyc v B o diém dat O tao voi nhau goc 00 | biét rang cuong do cua hai

E

lyc *! va F déu bang 100N | Tinh cuong d6 tong hop cia hai luc trén?

Traloi: ..................

Ciu 4. Mot dong song chay tir phia Bic xudng phia Nam véi van tdc 10km/!h | c6 mot chiée
ca nd chuyén dong tir phia Dong sang phia Tay v6i van toc 35km/ h 5o v&i dong nude. Tim van
tdc clia ca nd so voi bo?

Traloi: ..................

uuu uuuu

Cau 5. Cho hinh vuong 4BCD canh 2% M 13 trung diém BC . Tinh |45 +5M
Traloi: ..................

Cau 6. Cho hinh vuong 4BCD canh 2a,M 1y trung diém BC . Tinh | AB+AC+AD]|

Traloi: ..................



Cau 7. Cho hai tam giac vudng 4BC va DBC ¢4 chung canh huyén BC . Goi / 14 trung

diém BC . Biét raing BC =V2 va 4D =120 Tipp [HA+1D]

Traloi: ..................

A s r A J4 4 J4 A \ —. ::?
Cau8. Cho tam giac vuong 4BC ¢o cac canh goc vudng l1a 4B =1, AC =2

LI ajun} HNuN] uuuu

L M AC - AB =AM _ AM
biém  thoa man . Tinh d¢ dai vecto ?
Traloi: ...............

A .y A o ; A \ = =2
Cau9. Cho tam giac vudng 4BC ¢o cac canh goc vudng la AB =1, AC =2

. N CN =CA+CB+CI | . 4B , CN
biém  thdéa man vol  la trung diém . Tinh d¢ dai vecto ?

Traloi: ...............

uu

Cau 10. Cho hai lyc Fols o diém dit 4 tao voi nhau goc 45 , biét rang cuong do cua hai

4 va F lan luot bang 60N.90N ‘Tinp cuong do tong hop cua hai lyc trén?

luc
Traloi: ...............

[WN{N] [NIN[N]

Cau 11. Cho tam gi4c vuong can 4BC tai 4 c6 4B =a_Tinh | AB+AC|,

Traloi: ...............

(NN]N] (NN N}

Cau 12. Cho hinh chit nhat A8€D- A8 =3.AD =4 pyy, | AB+AD]

Traloi: ...............

L L N} H[N]N]

F, =MA, F, =MB

Cau 13. Cho hai luc cung tac dong vao mot vat tai diém M . Cuong dd hai

Uy ud

luc £ F in luot 1a 300N va 400N, AMB =90°  Tim cuong do cua luc tac dong 1én vat?

Traloi: ...............

L SN} U L LiL SN

F, =MA,F, =MB,F, =MC

Cau 14. Cho ba luc cung tac dong vao mot 6 to tai diém M va o616 ding

g ug W[N]}

yén. Cho biét cuong do hai luc £, F, déu bang 25N va goc 4MB =60° . Khi d6 tinh cuong do Fy .



Traloi: ...............

K

Céau 15. Cho hai luc £ déu co cuong do b'fmg 100N va co cung diém dat tai mot diém.

K F.

Goc hop boi Frya b bang 90 . Khi d6 tinh cudng do lyc tong hop cia 1 va 12

Traloi: ...............

M|N]N] u|N} Ll N} S|N]EE]

B =MAF, =MB.F, =MC yno tac dong vao mot vat tai diém M va vat

Cau 16. Cho ba luc
dung yén. Cho biét cuong do cia Fo ks qdy bang 100N va goc UMB =90 Khi do tinh cuong

~ F.
do cua luc 3.

A
-
Fi
e
B -
(l F3 h&
—
F2
B

Traloi: ...............

Céu 17. Cho tam giac 4BC vudng tai 4, biét 48 =a v B =60 Tinh |4B+BC| vy

uuy (WIEE}

| AB- AC)|
Traloi: ...............

Cau 18. Cho hinh thang 4BCD ¢¢ hai day 48 =@CD =2a Goi M.N 13 luot 1a trung diém

AD vi BC Tinh | DM~ BA- CV|

Traloi: ...............

Ciu 19. Cho tam gidc 4BC vudng tai 4 c6 4BC =30 y3 BC =a\5

) AB+ AC
Tinh d0 dai cua vecto



Traloi: ...............

M[N]N] H[N]N]

Cau 20. Cho hinh vudéng 4BCD ¢4 tam 1a O va canh @ Tinh |OA CB|. |C‘D DA
Traloi: ...............
Céu 21. Cho hinh vudng 4BCD canh @ tam O va M 1a trung diém 4B . Tinh d6 dai cta

[N|NIN] W[N]}

vecto OA+OB

Traloi: ...............

LOI GIAI

SN i NN

Cau 1. ChotamglacABcvadlemPthoaman"ﬂ‘g”j’4 PC|3PB+PC- PA'

SN N} uuu mu}

|:"-'C+PB PA|:}PC+PA PB| Khld0|PA+PC PB|:}PA+PB PC

| dung hay sai?
g hay
Tra loi: Dung
Loi gidi
|PB+PA PC|:tPB+PC PA| | PB+CA|3 PB+ AC|
Ta co tuong duong voi ,
' PB  AC . ' , PB
hai vecto va c6 giad vudng goc hay hai duong thang
AC ‘ | PC+PB- PA|= PC +PA- PB|
va vuong goc. Tuong ty dicu kién tuong duong
| PC+ AB|=PC+ BA| PC 4B
, suy ra hai vecto va c6 gia vudng gdc hay
_ . PC 4B P ~ 4BC
hai duong thang va vuong goc. Tu d6  1a tryc tdm tam giac ,
P4 BC
suy ra hai vecto va c0O gia vudng goc, tuong tu cach lam Bai 4 ta suy ra
|PA+BC|3PA- BC|  |PA+PC- PB|2PA+PB- PC|
hay
ABC(

Cau 2. Cho tam gidc AB < AC), AD 13 phan giac trong ctia goc 4. Qua trung diém M

ctia canh BC | ta ké duong thiang song song véi 4D, cat canh 4C tai £ va cattia B4 tai F .

S| EuN] S| EuN]

Biét rang 48 =6 va 4BD =3BM _Tinh: |CM - EM |?

Tra loi: 8



mIN| N} mIN| N} SN N}

CM - EM =CM + ME =CE

Ta co:
CE CM BA BD
ME | AD = (1) AD| MF = —(2)
CA ™~ BF BM
Ta co: )
CE AB _BD
, BM =CM BF AC €D
Nhan theo vé (1), (2) voi , ta dugc:
BD _AB
.. ... 4D , A CD AC
Theo gia thiét, la phén gidc cia goc  nén (4).
E =1= CE =8F
BF
Twr (3) va (4) suy ra (5).
BF B‘H‘ 4 3 3
Tu (2): (6).

CE =BF =8
Tu (5) va (6) suy ra .

| CM - EM |2 CE |=CE =8

Vay

Cau 3. Cho hai lyc Fols o diém dit O tao véi nhau goc 60 , biét rang cuong do cua hai

E

lyc *! va F déu bang 100N | Tinh cuong d6 tong hop cia hai luc trén?

Tra loi: 1004/3N
Loi gidi



 AB F, =OA,F, =OB 7
Chon cac diém thdéa man (hinh v€). Goi1 diém  la mot dinh ctia hinh
OACB F,+F,=0OA+0B=0C
binh hanh , khi do6 ta co (quy tac hinh binh hanh).

Ll LIl

—DC‘ Wo's

F, +

2

Cuong do tong hop hai lyc 1a:

~ OAB 0OA=0B=100 AoB =60 ~ 0OAB |
Xeét tam giac co va nén tam giac déu.
N ol . OAB
Goi 1a tdm hinh binh hanh , khi do cling la duong cao tam giac déu

10043 503

o1 =
5 OC =201 =10043

Do do , suy ra

K. F, 100/3N
Vay hop luc cua c0 do 1on la .
Ciu 4. Mot dong soéng chay tir phia Bac xubng phia Nam véi van tdc 10km/!h | c6 mot chiée
ca nd chuyén dong tir phia Dong sang phia Tay v6i van toc 35km/ h 5o v&i dong nude. Tim van
toc clia ca nd so voi bo?
Tra 1oi: xap xi S0 Hm/h.

Loi gidi



Hudug ca nd

z
BAC 5
2 bbb o :ﬁ'
SERERERE: ¥
S b
.'ﬂ"!.__ - H_Ff! %
i o i oot N
o R 0o FOHG
g T 2
WAkl
u [N E]
-vl'z,\ \ Al A o 1a YT A 3As o re 1x , .
Goi lan lugt 1a vecto van téc cua dong nude doi voi bo va ca no doi voi dong nude. Khi
Y+vy, v, =AD,v, =AB
dé van toc cua ca n6 doi voi bo chinh la tong . bat vol  la vitri cua ca
no.
ABCD 'l...-&+l.-’:_: =AB+ AD =AC.
Veé hinh binh hanh , ta co:
, AC =107 + 35 =553 ~36,4km/ h
Theo dinh li Py-ta-go:
) ) ) 36,4km/ h
Vay van toc cua ca nd doi voi bo 1a xap xi

CAu5. Cho hinh vudng 4BCD canh 24M 13 trung diém BC . Tinh |48 +8M

Tra loi: 3\6
Loi giai




| AB+ BM |2 AM |=AM
Ta co:

AM? =AB? +BM? =(2a)’ +a? =5a’ = AM =a\5
Theo dinh 1i Py-ta-go:

=AM =aV5

S| NN LIl

AB+ BM

A

Vay

|NIE) S

Cau 6. Cho hinh vuéng 4BCD canh 24-M 13 trung diém BC . Tinh | 48 +AC +AD|,

Tra loi: 4a2

Loi giai

AB+AC+AD =(AB+AD)+AC =AC + AC
Ta co:

uuu [NN}E)

E . A C AC =CE
Goi doixingvoi qua ,suyra

) AB+ AC+AD =AC+ AC =AC+CE =AFE
Khi do: :

AE =24C =22ay2 =4a2  AC a
Ta co: (do la duong chéo cua hinh vudng canh ). Vay

| AB+ AC + AD |= AE =4a-[2

Cau 7. Cho hai tam giac vudng 48C va DBC ¢4 chung canh huyén BC . Goi 7 14 trung

diém BC . Biét rang BC =2 3 WD =120 Typp | 1A+ ID|

J2

2

b

Tra loi:

Loi giai



A

iy

E
D
| AB- AC|2CB|=BC =2
Ta co
I4,ID , _ ABC DBC
Taco lan luot 1a dudng trung tuyén cia cac tam gidc vuong , , nén:
.
u=mp =5 V2
2 2
. HED _IA=ID o . Hmp=120
V¢ hinh binh hanh , ma nén /AED 1a hinh thoi; dong thoi , én
P4E =60 INZTE
. Do do deu.
i oi od 3
| 1A+ ID |2 IE |=IE =14 :#
Vay i
A s r A J4 4 J4 A \ —. :--}
Cau8. Cho tam giac vuong 4BC ¢o cac canh goc vudng la 4B =1, AC =2
LI ajun} HNuN] uuuu
L M AC - AB =AM _ AM
biém  thoéa man . Tinh d¢ dai vecto ?

J5

Tra loi:

Loi giai



M

L LI S]EIN ) m|uN} S|ENIE)

AC- AB =AM = BC =AM

Taco:
A . M
V¢ hinh binh hanh ,tacodiém  thdéa man.
LLILL - -
| AM |=AM =BC = +2° =[5
Ta co: .

Cau9. Cho tam gidc vuong 4BC co cac canh goc vuong 1a 48 =1 AC =2

. N CN =CA+CB+CI | . AB ' CN
biém  thdéa man vol  la trung diém . Tinh d¢ dai vecto ?
317
jd . 2
Tra loi:
Loi giai
M
A
T c
I

ACBD CA+CE=CD
V¢ hinh binh hanh , ta co:

. CN =CA+CE+Cl = CN =CD+C
Khi do6:

uu [NYN{N]

. .. N vl D ~CI =DN
Lay diém  d6i xing vé1 qua ,tacd .

CN =CD +CI < CN =CD +DN < CN =CN
Do do: (théa man).



|CN|=Ccn =3c1
Ta co vO1

ood 3\_1’_

|CN|=

Vay

Cau 10. Cho hai lyc Foty o6 didm dat 4 tao véi nhau goc 45 , biét rang cuong d6 cua hai
luc £ va F, lan luot bang 60N.90N ‘Tinh cuong do tong hop cua hai lyc trén?

Tra loi: =139,06 N

Loi giai

A P 60N B

bat
ABCD
V¢€ hinh binh hanh
F +F, =AB+AD =AC
Ta co:

Bap =45 = UBc =135 AD =90=BC

2

Vi
Theo dinh i cosin ta co :
AC* =AB*+BC*- 2AB -BC -cos135

=607 + 907 - 260 90 % ~19336,75= AC =139,06.

uu L uln|
F.F |F| +Fz| ~139,06 N
Vay vecto hop luc cta c6 d0 1on la:

[WN{N] [NIN[N]

Cau 11. Cho tam gidc vudng can 4BC tai 4 ¢4 4B =a Tinh |AB+AC|



Tra l1oi: a2
Loi gidi
D,  ABDC
Goi  la diém thdéa man tir giac 1a hinh vudng.

=| AB+ AC|2 AD|=AD = AB\2 =a 2.

(NN]N] (NN N}

Céu 12. Cho hinh chit nhat #BCD-AB =3.4D =4 iy [AB+A4D]

Tra loi: 5

Loi giai

T NIRRT T TR - -
AB+ AD =AC =|AB+ AD|3 AC|=AC =|AB’ +BC* =5
Ta co:

Cau 13. Cho hai luc F, =MA,F, =MB cung tac dong vao mot vat tai diem M . Cudng d6 hai

Uy ud

lwe £%2 13n lugt 12 300N va 400N, AMB =90 Tim cudmg do ciia luc téc dong 1én vat?

500(N)

Tra loi:
Loi giai
7 F, +F, =MA + MB =MC C ? AMBC
Ta c6 tong luc tac dung 1én vat: (V61 1a diém sao cho la
hinh binh)
L
| + £, FMC|=MC

Khi d6 cuong do luc tac dung 1én vat:

LLILI H[N[E]
MA = MA|=|F| =400N  MB 3 MB|=]F,

=300 N

Ta co: ,

Uavs =90 AMBC
Mat khac, do nén la hinh chir nhat.



MC =~MA® + MB® =+/400° +300° =300(N)
Khi do:

F, =MA,F, =MB,F, =MC

Cau 14. Cho ba luc cling tac dong vao mot 6 t6 tai diém M va 6 to dimg

Uy uu (N[N}

yén. Cho bidt cuéng o hai luc 77> ddu bang 25N va géc AMB =60° Khi do tinh cuong do 15 |

253(N)
Tra loi:

fﬁ + F; =MA+ MBE =MD , AMBD
- Ta co: (vo1  la diém sao cho 1a hinh binh hanh)

Al L

MA 3 MA|=|F| =25 MB 3 MB|=|F,|=25N

- Ta co: va
25./3
vp =2 25 =253(N)
UriB =60 AMAB o _ 2

- Do nén 1a tam gidc déu. Khi do:

. fi + F; + F; =
- Do 6 t6 dung yén nén cuong do luc tac dung Ién 6 t6 bang 0 hay

N[N}

F. = (F+F)=|F|=|]- (F +F) 2 DM |=mD =253 (V)
3 1 2 3 1 2

Suy ra:

F,  25J3(N)
Vay cuong do cia  1a



K

Céiu 15. Cho hai luc £ déu co cuong do béng 100N va co cung diém dat tai mot diém.

K F.

Goc hop boi Fiya B bang 90 . Khi d6 tinh cudng do luc tong hop cia 1 va 2

Tra loi; 100V2(%)
Loi giai

[A=F,IB=F, IAJB
Vé , V& hinh vuong

L] =IA+IB =F, +F, IJ =147 + IB* =1002(N)

, CO

9 F F,  100§2(N)
Vay cuong do luc tong hopcia  va  bang .

uuu g LIl Uy ENINN)

Cau 16. Cho ba hIC 'F| :"r’-irfiF: :"rfEE —MC

cung tac dong vao mot vat tai diém M va vat
dung yén. Cho biét cuong d6 cua o by gy bang 100N va goc UMB =90 Khi do tinh cuong

~ F,
do cua luc 3.

A
Fi
, o
C F3 M
F2
B
1002N
Tra 101:
Loi giai
ADBM MA =100  MD =100:2 -
V& hinh vudng , canh thi . Theo qui tac hinh binh hanh c6
i uu (N[N} - ﬁ )
MA + MB =MD F, =-MD F, |F|=100v2N

. Vat dung yén khi . Suy ra cuong do cua lyc  la:



Céu 17. Cho tam giac 4BC vudng tai 4, biét 48 =a v B =60 Tinh |4B+BC| vy

oy (W N]N]

B~ 4c
Tra loi: V3 va 2a
Loi giai

| AB+ BC |2 AC|=AC =AB tan 60 =af3

b

000 0oo  Om a

| AB- AC|2CB|=CB = =2a;

cosol

Ciu 18. Cho hinh thang 4BCD ¢6 hai day 48 =®-C€D =2a Goi M.N 13n Iyot 1a trung diém

AD va BC . Tigh | DV - B4~ CV|

W|NN)

3a
Tra loi: 2
Loi giai
0 00 00 OO 4B+CD 3a
| DM - BA- CN |2 MA+AB+ NC|=| MA* AB+ BN |SMN[=MN =———=—".

Ta co:

Cau 19. Cho tam giac 4BC vuong tai 4 co 4pc =30 va BC =ﬂ"\/§'

) AB+ AC
Tinh d6 dai cua vecto

a5

Tra loi:

Loi giai



A C
D _ ABDC
Goi  la diém sao cho tur giac 1a hinh binh hanh.
AB+ AC =AD

Khi d6 theo quy tac hinh binh hanh ta c6

 ABC A _ 4BDC
Vi tam giac vuong & nén tur giac 1a hinh chir nhat

AD =BC =a 5
suy ra

| AB+ AC|2 AD|=4D =a\5
Vay

Sdd Sdd Sl Sdd

Cau 20. Cho hinh vuong 4BCD ¢4 tim 1a O va canh @ Tinh |94~ CBL[CD- DA

a2
.2 a2
Tra loi: va
Loi gidi
uuu uuu LIl LILILY ajun} LILILY LIl
OA =CO d4- CB =C0O- CB =80
Vi O 1 tdm cda hinh vudng nén suy ra
00 ool oo 3
|0A- CB|=BO :”:C
Vay ]
ABCD CD =B CD- DA =BA+ AD =BD
Do 1a hinh vudng nén suy ra
H[NN] = = uuu T
| BD|=BD = AB* + AD* =a+J2 |CD - DA|=a2
Ma suy ra

Céu 21. Cho hinh vuéng 4BCD canh ¢ tam O va M 1a trung diém 4B . Tinh d6 dai cta

vecto OA+OB



Loi giai
E
A B
Q
D C
Goi 1la diém sao cho tir giac 1a hinh binh hanh khi dé né cling 1a hinh vuéng

Ly m|N|N] Lig N N} Lig

OA+ OB =OF =| 0A+OB|=0E =AB =a
Taco

Cau 22: Cho hinh binh hanh ABCD c6 O la giao diém hai dudng chéo va mot diém
M tuy y. Chirng minh rang:

(N[N uuu

a) B4 + DC = 0.

uuy uu [N]N]N] [RININ N}

b) MA + MC = MB + MD

Loi giai
ABCD DC =AB = BA+DC =BA+ AB =BB =0
a) [a hinh binh hanh nén
UL H[N[NE} LU LIl UL LI nu|n| UL LIl Huin|
MA+MC =(MB+ B4)+(MD+DC) =(MmB+MD)+(B4+DC)
b)
muin| L LIl LI

—MB +MD( ViBA+ DC =0)

Cau 23: Cho tlrgiac ABCD, thuc hién cac phép cdng va tru vecto sau:

uuu [N]EIE) [N]N]E) uuy

a) 4B + BC 4 CD 4 DA;

[NIN|N) uuy

b) AB - AD

uuu uuu

c) CB - CD

Loi giai



LLILL a[HIN] auin} auin} AN} ujun} aHN] AN aluin} UL

LI
AB+BC+CD +DA =(4B+BC)+(CD +DA) =AC+C4 =44 =0

a)

AB- AD =AB+ DA =DA+ AB =DB
b)

L i|u[N} a|ujn} H|u|N} H|u L a|ujn}

CE-CD =CE+DC =DC+CE=0DF
c)

Cau 24: Cho tam gidc déu ABC canh bang a. Tinh do dai clia cac vecto:

[NEH] [S[N]N}

c) uéZ - BC
Loi giai
A B
CN .
UL UL uuu L
BA+ AC =BC = |BC|=BC =a
a)
ABDC (0]
b) Dung hinh binh hanh , giao diém cua hai dudng chéo la  ta co:
AB + AC =AD

AD =240 =2J4B° - BO® =2 |4 - ‘ a

| 2]

A(NlN]

AB+j4uC|:|j4JE?| —AD =a 3

=

SN} m|. ) uuu s N SN N ms N

BA- BC =BA+ CHR =CE+ BA =CA
C)

(W[N]

LI UL
BA- BC|:|CA| —CA =a

=

Cau 25: Cho bén diém batky 4, B, C,D . Hay chiing minh rang

a) AB+BC+CD+DA =0 b) AC- AD =BC- BD

Loi giai



LLu a[HN] AN LILIL LILIL u[un} aHlN] LILLL LILIL AN}

AB+BC+CD +DA =(4B+BC)+(cD+D4)=4C+C4 =0

a) Taco
~ L L1l LIl
AC- AD =D
]ﬁ ]J? ]]f L L L ajN N
BC- 8D =DC AC- AD =BC- BD
b) Ta cé nén

Cau 26: Cho hinh binh hanh A4BCD  Hay tim diém M dé BM =AB+AD  Tim moi

quan hé giita hai vec to CDva CM |
Loi giai

N\M

C

D

, o pmhahewmi=ie oM
Ta co6 thep quy tac hinh binh hanh nén la dinh thu tu

BACM
cua hinh binh hanh ( nhu hinh vé).

S dd i Sl i

CAu 27: Cho tam giac déu4BC canh 4. Tinh d6 dai cac vec to 48~ 4G AB+AC,

Loi gii
i . AB- AC
a) Tinh d6 dai vecto
L o L H|un| L LI
Up-ie=ts  |[AB-AC =|cB|=cB =a
Ta co nén
) . AB+ AC
b) Tinh d6 dai vecto
B D
% C
A _BC3 a3
~H Ja trung diém clta BC= AH LBC. Syy ra 2 2

Goi

D \ T 7 L4 ABDC \ N\ .
Dung la diém sao cho tu giac la hinh thoi.



Lﬁﬁ + Lﬂc = E’J —AD =2 AH :z.ﬂ —af3.
4B+ 4C|=|4D| )

lai co
Ta
Cau 28: Hinh 4.19 biéu dién hai |l_J’CF" 2 cung tac dong Ién mot vat, cho
Ll 3 [ - W] W]}
F|=3N,|F|=2N _, .
' L . Tinh do 16n cda hop luc F+F,

=
Hinh 4.19
Loi giai
. AB =F,AC =F,
Goi -
, F+F =AB+ AC =AD =F
Ta co -

ABD

Xét tam gidc

AD =« BA® + BD" - 2BA.BD c0os60’

= [9+4- 232 =7.

;

:ﬁf\.’.

u
F

Vay
Cau 29: Cho hinh vuéng ABCD cé canh bang a va ba diém G, H, K thod man: K4

+ KC =0, GA 4+ GB 4+ GC = 0. HA + HD + HC =0,

LUy uuu uuu

Tinh d6 dai cac vecto K4, GH | AG
Loi gidi




AC = ABJ2 =a2

Ta cé
14 =0
+)
-
AC= AK =L a2 _a2
2 2
Suy ra K la trung diém
Ji}j4+;b+ﬁ:f =0 H ADC
+) ,suy ra latrong tdm cta tam giac
2
= DH ==-DK ZI—DB(I)
3 3
GA + GB +GC =0 ABC
+) , suy ra G la trong tam cula tam giac
)
= BG==BK :lBD(E)
3 3
(L2)= HG =lap = a2
3 3
-
KG =KH =— HG _””j“_
Ma (2)
; 3 82 = y 2 =
- 46 :m\] o[ of2|
oog
- Jdg] =2
0 W:— ]]] ﬂ\r ]J] _aVf5
K== 3
Vay

Cau 30: MOt con tau c6 vecto van téc chi theo hudng nam, van tdc cia dong nudc
la mdt vecta theo hudng ddéng nhu Hinh 17.Tinh do dai vecto téng cla hai vecto
noi trén.

Loi giai



30 km/h
/

\

(
10 kmfﬁJ G

Hinh 17

o
e

uuy [N]N]N)

AB BC
Goi vecto van toc cua tau la , vecto van toc cla dong nudc la vecto

LI ajulu} LI

F =AB+BC =AC
Ta c6 vecto téng la
H[H[H]

|[F|dAC| =4C =J 4B + BC* =430° +10° =10J10 (km/h)

Do dai vecto t6ng la

1010 (km/h)

Vay do dai vecto t6ng la

Cau 31: Cho dudng tron tam O. Gia st >8 13 hai diém ndm trén dudng tron. Tim

diéu kién can va da dé hai vecto 94 va OB d6i nhau.
Loi gidi

uuu uuuy

04 OB & 0OA,0B 0OA =0B
Hai vecto va ddéi nhau hai tia ddéi nhau va

=0 AB AB )
la trung diém cua hay la dudng kinh cla dudng tron

uuy uuuy

04 OB AB
Vay diéu kién can va du dé hai vecto va doi nhau la la duong kinh cldia dudng

(0)

tron

LIl LI L HIu|NN)

Cau 32: Cho 4BCD |3 hinh binh hanh. Ching minh MB - MA =MC- MD y&i moi

di€ém M trong mat phang.



Loi giai
AM =- ;\JA, Dy =- MD
Ta c6:

= MB- MA =MEB+ AM =AM + MB =AR

[N]N § W] [S|N]EE) [S]N]N N [S|N]N N} [S]NN N [S]N]NH) [N N]N}

MC- MD =MC+ DM =DM +MC =DC
Tuong tu ta cé:

[NININ) [NN}N)

AB =DC
Ma (do ABCD la hinh binh hanh)

(N EIH} [N|E]N] [N|SEN] [NIS|E A}

= MB- MA=MC-MD
(dpcm).

Cau 33: Hai con tau xuéat phat cung lac tir bo bén nay dé sang bd bén kia cla
dong séng véi van toc riéng khong déi va c6é do 16n bang nhau. Hai tau luén dugc
gilr 1di sao cho chuiing tao véi bG cing mot géc nhon nhung mét tau huéng xudng
ha luu, mot tau hudng 1én thugng ngudn ( hinh vé). Van toc dong nudc la dang k€,
cac yéu to bén ngoai khac khéng anh hudng dén van téc cla cac tau. Héi tau nao
sang bo bén kia trudc?

Lo giai
vl =vr +vJ'J
Goi tau th& nhat la tau hudng xudng ha luu cé van téc thuc té la
vz :vr - vJ'J

tau th hai la tau hudng 1én thuogng nguon cé van toc thuc té la

s VI >v2 4
Ta thay nén tau tha nhat sé sang b bén kia trudc.
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