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Nguoi lam: Mai Hong Nhung )
Zalo: Mai Nhung - s0 dt zalo: 0399008878
Email: nhungmaign86@gmail.com

CP10: CHUNG MINH BAT PANG THUC VA TIM GTLN, GTNN

Dang 1. Tim gia tri 16n nhit, gia tri nhé nhit
A. Tric nghiém (néu cé)
Caul. (HSG 7 huyén Hoai Nhon, huyén Nam Tra My, huyén Thang Binh 2018 - 2019)

Cho (@~ BY #0ab =30 oo oy nhdt cta ¥ =ab 1a:

A0 B. ~© c.’ D. >
Loi giai

(a- bY +6ab =36
Ta co

6ab =36- (a- bY =36
Suy ra:

36

ab <—
Suy ra 6
= ab <6
Déu “=" xay ra khi a=b==J6
Vay * dat gié tri 16n nht bing 6 khi ¢ =0 = /6.

B. Ty luian
Caul. (HSG 7 huyén Hoai Nhon, Nam Tra My, huyén Thing Binh 2018 - 2019)
, , = - 2 TV = i) b =y =
Tim gia tri nhd nhat cua 4, pidt: 4 |?'¥ 2 +|“' 3.r|+|x} tyzt o “mﬂl
Loi giai
Ta oo |75~ 5% 20:[22- 3x[ 20, |y + yz +2x- 2000[ 20= 420
(Tx =5y
2z =3x

4 Lon_—n . / m4zy =2
Suy ra gi4 tri nhé nhat cia 4 1a 0. piu"= xdy ra khi Xy +yz +2x =2000

x =20,y =28z =30

. — M)y =] - —.
Duing phuong phép thé, tir d6 tim duge : (¥ = 20 =-28,2=-30
x =20,y =28,z =30
x=-20,y=-28,z=-30

vay min4 =0 Dy " ="xay ra khi
Cau2. (HSG 7 huyén Hiép Durc 2018 - 2019)
EDI?|+ 2018
EDIT|+ 2019

b
Tim gi4 tri nho nhét ctia biéu thirc pe-
Loi giai
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Cau 3.

Cau 5.

|- 2017|+2018 _(jx- 2017]+2019)-1 _ |
e 2017]+2019  |x- 201742019 |x- 2017[+2019
|x= 2017|+2019

C

Bié¢u thuc C dat gia tri nho nhat khi c6 gié tri nho nhat

Ma [¥- 2017)20 . |x-2017]+2019 22019

.
o x=2017= € =218
Dau ~ = x4y ra khi 2019
2018
Vay gié tri nho nhat ciia € 1a 2019 khj x =2017
(HSG 7 truwong Ly Tu Trong, truong Phong Dat 2018 - 2019)
A =[2x-2|+|2x- 2003)
Tim gia tri nho nhét cua biéu thirc véi 13 sb nguyén
Loi giai
.. A=|2x-2|+[2x- 2013| =[2x - 2|+[2013- 2x
Ta co:
=[2x- 242013~ 2x| =2011
2013
. (2x-2)(2013- 2x) 20 & | <x <——
Dau ~— xay ra khi =
(HSG 7 huyén Phi Ninh 2018 - 2019)
A =[2014- x| +[2015- x|+[2016- x|
Tim gia tri nho nhét cta biéu thirc
Loi giai
2015- x|=0 4 =[2014- x|+|2015- x|+[2016- x| =[2014 - x|+[2016-
Vi nén

Déu “= xiy ra khi va chi khi x =2015 (1)

Ta co: |2014- x|+ [2016- x| =|x- 2014+[2016- x| =[x~ 2014 +2016- x| =2

(x- 2014)(2016- x) =0 2014 <x <2016 2)

Dau “=" xdy ra khi va chi khi , suy ra

)

To ~“va @) suy ra 4 =2 Dau “=" xay ra khi va chi khi ¥ =2015
Vay 4 nho nhit bang 2 khi X =2015

(HSG 7 huyén Hoai Nhon 2018 - 2019)

M =5- X

. x-2 X M )

Cho biéu thtrc . Tim nguyén dé c0 gia tri nho nhat.
Loi gidi
5-x 3-(x-2) 3

M Cy-2  x-2  x- 2_ I (r#2)

Ta co:
3

=

M nhonhit X~ 2 nhonhat = *- 2 16nnhitva X~ 2<0 = X 1§n nhit va ¥ <2
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Cau 6.

Cau 7.

Cau 8.

= x =1 (XEZ)

Khi d6 GTNN cta M 1a - 2
(HSG 7 huyén Lc Ha 2018 - 2019)

A =[2x +2|+|2x - 2013] v6i ¥ 1a s6 nguyén.

Tim gia tri nho nhét cua biéu thirc
Loi giai
A =[2x+2|+[2x- 2013| =[2x + 2|+ |2013- 2x| =[2x + 2+ 2013 - 2x =2015
Ta co:
2013

, (2xr+2)(2013- 2x) 20 - 1l =x ===
Dau " =" xay ra khi 2
Vay Maxd =2015 kpj x =-1

(HSG 7 huyén Viét Yén 2018 - 2019)

Cho 4 sb khong 4m a,b,¢,d {65 man a+b+c+d =1. Goi S 1a tong cac gia tri tuyét doi
cua hiéu tung cap $6 co duoc tir 4 sb nay. S ¢6 thé dat duoc gia tri lon nhét béng bao nhiéu?

Loi giai
Gia su @ =b =c =d khi d6:
S :|a- :‘J|+|a- C‘|+|ﬁ" d|+|b- c|+|b- d|+|c- {?’|
S=la-b)+la-c)+(a- d)+(b-c)+(b-d)+(c- d)

S =Ga+b)- (c+3d)
Do c+3d =0= 5£3&+b.5 =3a+h khi ¢ =d =0,11:1Cdé a+b =1

Do @ =<lta c¢:
Vay S¢o thé dat duge gia tri lon nhét béng 3,
(HSG 7 truwomg Lé Hong Phong 2018 - 2019)

P =Qx-5y) - 15y~ 6x) - [y~ 90|

S =2a+(a+b)=2a+] <2141 5 <3

Tim gié tri 16n nhét ciia biéu thirc:
Loi giai

e _12_ e B :_ .
Tacé:P_("x 5p) - (15p- 6x) - [y - 90|

P=(2x- Sy): - (6x- |5_].’): - |xp- 'EJC*|
P =(2x-5y) - 9.Qx- 5p) - |xp- 90|

P =-[8.2x- 550 +]xy- 90

(2x- 5}1)] =0 8.(2x- 5}!): =0

Ta thay véimoi X, Y nén v6i moi Y
xy-90=0 . .
‘ Y | v6i moi Y

Ir-5u) -
Khi d 5-Cx-5y) +[xp-90[=0 . moi Y

8.2x- 57) +[xy- 90]] <0

Suy ra
Hay P =<0 v6i moi ¥V

voi moi XY
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Cau 9.

Cau 10.

Cau 11.

Cau 12.

(2x-50yY =0 |E=2
=13

5
o xy=90[ =0 =
Dau ~ = xdy ra khi | | (v =90

X_V oy
pat 5 2 ta duoc * =5k, y =2k
. k=3
5k2k=90=k =9=
Ma ¥ =20 nen k=-3

Néu k=3= x=I15y=0

Néu k=-3=x=-15y=-0
x=15y=06
x=-15y=-06

MaxP =0 <
Vay
(HSG 7 trwong Binh Han 2018 - 2019)
’ 9 =|r= 7 -
Tim gia tri nho nhat cta biéu thirc 4 |'T .,DDI| * |'T l|
Loi giai
A =[x= 2001+ |x- 1| =|x- 2001|+[1- x| =[x~ 2001+1- x|=2000
Viy biéu thirc dat GTNN la 2000 = [ =x <2001
(HSG 7 trwong Thanh Cao 2018 - 2019)

Tim GTNN ctia bidu thitc : 2 =~ 2000|+[2007- 2

Loi gii
. A =[c- 2000 +[2007 - x| =[x~ 2006+2007 - x|
Co
fow_n_, e (x-2006)(2007- x) =0 2006 <x <2007
Dau = xayra

Vay A =1 2000 <x 2007
gy

(HSG 7 trwong Thanh Mai 2018 - 2019)

Tinh gié tri nho nhét ctia biéu thuc: 4 :|.r— 2DD8| +|r ) EDD9| - EDIE}| + |.r - 201 ll +2011
Loi giai

Ap dung tinh chat ‘a‘ =‘- a‘ va |ﬂ|+|b| 2|ﬂ * b| , ddu " =" xay ra khi ab =0 vy

|ﬂ|3_"[:|'=' a =0

Ta c6: [~ 2008|+[x~ 2011 =[x 2008|+[2011- x| =[x~ 2008 +2011- x| =3

Lon " . A= ?- = A : -
Déu " =" xay ra khi 2008 =x =2011y; [ 009| 20 , ddu “=" xay ra khi X =2009
- 2 = L _—n . =
|”1 "mﬂ| _ﬂ"déu =" xay ra khi ¥ =2010
= A4=3+2010 =2014. Ping thirc xay ra khi * —=00% =2010
x =2009
A, =2014« 2010
Vay r=e

(HSG 7 truwong Thanh Thuy 2018 - 2019)
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Tim s6 nguyén X dé M dat gia tri nho nhét, tim gia tri nho nhat do:
Loi gidi
x-14 _-10- (4-x) -10

M= = - 1
4-x 4-x 4-x

-10
M nho nhét khi va chi khi 4= X nho nhit
-10 _ 0 -10

Xét X<4thi 4-x ; x>4 th 4-

-10 10

r <:> r

Tachi xét X <4thi 4- ¥ nhonhdt 4~ X 16n nhat
= 4- x =1 (vi miu nguyén duong nhé nhit)
Vay * =3khi g6 MinM =-11

>0

Dang 2.1. Bit dang thirc vé chirng minh tong phan s6 tw nhién

Dang 2.2. Bit ding thirc vé chirng minh tong liy thira

A. Tric nghiém (néu cé)
B. Ty luan

Caul. (HSG 7 huyén Vinh Yén 2018 - 2019)
1 2 3

Ching to:

Loi giai

']‘ ol
34=1424 24 200
S

2018
Suy ra 3

2 3

' 2019
=[1+2+ _+..+
3 ¥

3 2019 )
S
3:._”-:: .

1 2
34- 4 -[__ﬁ _
'3 37 7

EA :I+I—+I—_\I+...++I|"
j ¥ 3

|
e (1)

1 1 1
B=l+—+—+. 4+

3 2018

2019

"’A::I+I+I—+ +
3 ¥

bat

+|—+...+ :
3 3

3B 3+|+I
3

217

Suy ra

' | | | 1
= 3+l+—+—+. .+ |- I+ +—+..+
3 3

337 3 ¥

iB- B
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Cau 2.

3 1
B :;_ 3018 2
B<= (2)
1) () 24<= = 4A<—=075
Tu va suy ra
% %
l+;:+i+...+“glf 0,75
Vay 3 3 3 3

Ta cé 3 3- 3." 3-:”- 3-:||.

iB :l+l+L+L+ ..... + l

3 03 3 37

vay 2

Dang 2.3. Bit ding thirc vé chirng minh tich ciia mgt day
Dang 3. Bit ding thirc dang chir

A. Tric nghiém (néu c6)

B. Ty luian

Cau 1.

(HSG 7 huyén Kinh Mén 2018 - 2019)

a,b,c .
Cho la do dai ba canh cua tam giac. Chirng minh rang:

ab+bc+ca =a +b +c <2(ab+bc+ca)
Loi giai

(a- b =0= a* - 2ab+b*> =0 = a* +b* =2ab
Ta co:

b*+¢c* =2be; ¢ +a’ =2ac
Tuong tu ta cling co:

= 2(&3 +h +c:)21(ﬂb+ac+bﬂ

= gh+ac+bc <a’ +bh” +c° )

=" = g =h=ce= A4BC
Dau X4y ra deu
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o @ ab+ac+be =a” +b" +¢ <2(ab+ac+bc)
Tor va ta co:
Cau2. (HSG7 truwong Ly Tu Trong va huyén Loc Ha 2018 - 2019)
a
Cho ba s6 duong 0 =a =b =c =1 ching minh rang bc+1
Loi giai
Vi 0=a=b=r =l nén
(a- D(b-1)z0= ab+lza+h = <!
ab+]l a+bh
= (2) b o<t (3)
P V) = 3
Tuong tu be+l b+c : ac+1 a+c .
a b c a b c
+ + = + + (4)
Do d6 be+l ac+l ab+l b+c a+c a+b
a b c 2a 2b 2c Aa+b+c)
+ + < + - =
Ma b+c a+c a+h a+b+c a+h+c a+b+c a+bh+c
@ ) R
4 S ==
TI‘I Vé. suy ra b-lf""l ﬁ'f""l ﬂb"‘l (dpcm)
Cau 3. (HSG 7 huyén Tién Phwéc 2018 - 2019)
a +a, ...
Chirng minh rang: Néu 0<a,<a...<a, thi: &*d*a
Loi giai
L D=a <a, <..... <, A
Ta co: ! ? nén suy ra:
a, +a, +a, <3a, 1)
a, +a. +a, <3a, (©))
a, +a,+a, <3a, )
g . (1) (2 B) ,
Cong ve véivé cia , ta duoc:
a +a, +...+a, <3(a, +a, +a,)
a, +a, +.... +a1, <3
vi @ty +a, }Dnén ta duoc: & T +ag

Ap dung bt dang thtrc tam gidc, ta co:

a+b>c= ac+bc>c’

b+c=a= ab+ac=a

a+c=>h= agh+hc }b:{:v a +b +¢c" <2(ab+ac+bc)

=
ab+] a+b M)

Tai liéu dugc chia sé bdi Website VnTeach.Com

https://www.vnteach.com
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