TRUONG THPT NGUYEN TRAI
TO TOAN

MA TRAN PE KIEM TRA CUOI HOC Ki 2 - LOP 12

Hoc vaAn mén hoc Nang luc toan hoc
NL tu duy va 1ap ludn NL gii quyét van dé NL mo6 hinh hoéa
toan hoc toan hoc toan hoc
2 AA Noi A A A A A A
Chu dé dung Cap dé tw duy Cap dp tw duy Cap dp tw duy
Biét Hiéu |VD| Biét Hiéu ]‘)7 Biét | Hiéu | VD
Nguyén | OITN | OITN ( C?(gl;) OITLN
ham (TD1.2) | (TDI.1) ' (MH2.1)
Rewen i OITN | OITN 0ITN | 01PS
Tich. phan (TD1.2) | (TD1.2) (GQ1.3) | (GQ2.1)
phan gng
(ztie) | B 1 0ITN 01PS 01TLN
cia tich (TD1.2) (GQ1.4) (MH2.1)
phan
gli‘r‘l"’f‘;fé .| 01N 01DS TLN
2 (TD1.2) (GQ1.4) (MH2.1)
phang
Phwong
trinh Phuong
it trinh
phing, f}‘lg;ng 0ITN ( GO(;)?) 0ITLN
dudng trong (TD1.2) ' (MH2.1)
thang, e
<, % | khong
mat cau gian
(19 tiet)
g?;fnnfé .| 01N 0ITLN
A : (TD2.3) (MH1.1)
cau
kién (MH2.1)
Xac suat | Cong
c6 diéu th@c xac
o | | omy | oy
A (TD1.2) | (TD1.2)
cong
thire
Bayes
Tong 07TN 03TN 02TN 04bS 06TLN
Til¢ 17.5% 7.5% 5% 40% 30%




PHAN L. Tric nghi¢ém mdt phwong an. Thi sinh tra 1i tir cau 1 dén cau 10. Mdi cau chon 1 phuong an
dung nhit.

f(x)=cosx+6x

Caul. Ho tat ca cac nguyén ham cia ham so la:

A, Sinx+3x" +C B. - sinx+3x" +C C.sinx+0x"+C . -sinx+C

Loi giai
Chen A

cosx +0x Mx= [cosxdx + [6xdx = [cosxdx +6 [vdx =sinx+3x" +C
Tacé:Jt x+6x X .r g Ir .r * IT T .

Cau2.  Choham s f|x| thoa man f (x)=3—5cosx vaf (0)]=5. Ménh d& nao duéi ddy dung?

P o Y e i
N (x) =3x+5sin x+2 ./ (x) =3x- Ssinx 5

C. F(x)=3x- 5sinx +5. D. F(x)=3x+35sinx +5-

Loi giai
Chon C

o f(x) :J'_f"l{r}dx :J'(B- Scos x)dx =3x- Ssinx+C
co .

Ta
Lai c6: f(0)=5= 30-35sin0+C=5= C =5 Vay f(x)=3x- 5sin x+5
() =e" (& - 4 . .
Cau 3 Cho F(x) la mot nguyén ham ctia ham so A (T T). Ham so Flx) c6 bao nhiéu diém cuc
tri?
AL B. 2.
C.3. D. 0.

Loi giai
Chon C

F) = [fdx e F)=f (e F&)=e (2 - 42)

Ta co:
L x =0
Fix)=0= ¢ (¥ -4x)=0=
. x =+l
Viy:
Ta thiy phuong trinh© ()=0 ;3 nghiém phan bidt nén ©- () 41 déu qua ca 3 nghiém do.

Vay ham sb F ) ¢6 3 diém cuc tri.



&

fg{.x}dx =-2

5

]tf[x}dr =3
u 2

, Jif(x)+ g(x)ldx
Caud4. Ne¢ va ? thi 2 bang:
A5, B. 3. C. 1 D.3
Loi giai
Chon C
J[]‘l[.‘r}+g|{rr}]d‘r = J‘flf.‘r}d'r - J‘g(.‘r}d‘r =3-2=I.
. ) JJ‘F (x)dx
Caus. Cho Fx) 1a mot nguyén ham ciia ham s6 S (x)=dcos x5 va thoa man F(0)=1 .Khido °
bang.
-3 37 3T’ 37°
+ 4 T+ — -7+ —
A, 2 B . C 2, D.
Loi giai
&t I = J(4|:r:rs: x- SHr = J(— 3+ 2cos2xtx =-3x +sin2x +C.
 F0)=ls Cc=l= F(x)=-3x+sin2x +I
Ta co: .
J'(- 3x +sin2x+Ddx = - %.‘r: - SC0S2x+x =3 ix
Vay ° o B ! B
*In(1+2:
erz%lns+bln?n+clnl +2(b+0)
Cau6. Cho! 7% - ,v6i @, b ¢ 13 cac sé nguyén. Gia tri ciia © “T1a
A0, B. 9. C.3. D. 5.
Loi gidi
' 2
w=In(l+2x) du :"T+|
T
dv =—dx y=-—-2
Dét | X X

: 1+ 2 '
n( ﬁ T)dr: _l_g

2 3_}
1n(|+2.r# + J:dT —- E1|15+31|13+21|‘12
x” | X _ X 2
Suy ra ! b

Do dé a+2(h+c)=-5+2(3+2) =5

Cau7.  Dién tich hinh phing gidi han boi hai duong ¥ =% = % va ¥V =2%- 4 ping



Cau 9.

41
c. 3.

W &

A. 36,

I

Loi giai
Phuong trinh hoanh d6 giao diém ctia hai dd thi da cho la:

x =0

r:—4:3r—4¢x:—3r:ﬂﬁ[ ,
x=2

Dién tich hinh phing gidi han boi hai do thi dé cho la:

2 o

S ::‘ﬂ(x: - 4)- (2x- 41 dx :‘ﬂ.‘(’: - 3.‘r|d‘r :-J(E.T- .‘r:)d'r =

Oxyz

Trong khong gian , cho hai diém

(a)
Truc

try ctia doan thiang 48

. ., s _
A (@):4x +2y +12z+7 =0

C. (a):dx+2y-122-17 =0

I

LI

o AB . A8 =(-2:-1:0)

U;E;- 1
Goi - ' 1a trung diém cu

U;E;-l

@ !

qua

(@):-2(x)- [ -3

2

: =(-2:-1
Mit phang | vaco vrpr " =C 20 16)

+6(z+1)=0e 4x+2y-12z-17 =0

Trong khong gian Oxyz, cho hai diém M(1;0:1) va N(3:2:- 1)

tham sb 1a

x=l+2t x =1+t x=l-1t
¥ :2;‘ v =t ¥ =t
AL z=l+¢ B. z=1l+t¢ C. z=l+¢
) _.u_:_l’ =(2:2:= 2 1:1- -
Puong thang MN nhan MN =(2:2:- 2) hoac u(LL

anA4,Bva C.

- =

A4Q0;3;-4) . B(-1;2:2)
va

D. 367
x| 3_4
7 =

0 3

. Viét phuong trinh mit phang trung

B ():4x- 2y +12z 417 =0

9 s Ve o —
D. (ct):4x- 2y- 12z 7=0

nén co PT:

. Puong thang MN cé phuong trinh

x =1+t
JJ:I"
z=l-t

Y la véc to chi phuong nén ta loai ngay phuong



Thay toa d6 diém M(1L;0;1) vao phuong trinh ¢ phuong 4n D ta thay théa mén.

Oxyz mf(U;U;'3) M (4:0:0)

Cau 10. Trong khong gian , cho mit cau () co ta va di qua diém . Phuong trinh

() ..

cua la

4y +(z43) =25 Wyt +(z43) =5

A. B.

w4yt +(z-3) =25 ¥4y +(z-3) =5

D.

C.

Phuong trinh mit cau

(8) g oy 1(0:0:- 3)

. 24 +(z43) =R
CcO ta : .

va ban kinh R 1a: *

CMe(s)= 42 +0 +(0+3) =R = R? =25
Ta co: .

. 7+ (z4+3) =2

Vay phuong trinh can tim la: w4y +(z43) : .

PHAN II. CAu tric nghiém diing sai. Thi sinh tra 10i tir cdu 1 dén ciu 4. Trong mdi ¥ a), b), ¢), d) & mdi cdu, thi sinh
chon ding hodc sai.

.J‘_f(r)d'r =-1 fg(x)a’r =-2
Cau 1. Biét ? va ’

J'—E_f'(t )dt =2

a)
[/ G+ g =
b)
hﬂ_f'(r)-l-ﬂ.‘r:] dr =-20= a =3
c) *
y=x - 3x- Ig (x)dx
d) Ham : ddng bién trén (0;+00)
Loi giai
i[f'(x)a’:r =-1= ]'—2_3"(; Yde =2
a) Dung. : :
3 3 2
ﬂ_f(.‘r)'l- g(.r)]d.‘r = J’f(x)rir+ J'g(x}n’r =1
b) Dung. : ’ ’
c) Sai

1 1

(+ar]de=-20 e [F(d+ fabdv=-20 -1+ =
ﬂ,f[r]ﬂ;r.r ld‘r— 20 = ;[f[_r]dr+;|'ardx_ 20 - 1+—==-20

= g==3



y=x -3x+2= 3y =3x-3

d) Sai.Taco

. x=-1

y =0

1 =]

X ] 1 1 +co
v + 0 0 +

Yy ¥ _»

.

Ham s ddng bién (- o0,- l)va (1, +0)

Céu 2. M6t 6 t6 dang chay véi van toc 20 /s thi ngudi ta nhin thdy mot chuéng ngai vat nén dap phanh. Tir thoi

5 5 \ \ ST —=-M+2 : 2
didm do, 6 t6 chuyén dong cham din déu véi van toc " (1)=-2r+20 , trong d6 ! 1a thoi gian (tinh bing gidy) ké tir
g g glay
luc dap phanh.
a) O to dung lai sau 10 giay.
. os@) o el v o2 ()
b) Quang duong ma xe 0 to di dugc trong thoi gian  (gidy) 1a mdt nguyén ham ctia ham so .

¢) Tur thoi diém dap phanh dén khi dung lai, 6 t6 di duoc quing duong 13 90m.
d) Quing dudng ma 6 t6 di duoc trong 15 gidy cudi bang 125 m.
Loi gidi
, = I PR, Ty — §
2) Ding. Khi 6 t6 dimg laita co ) =0= ~2+20 =0 = 1 =10(s).
b) Duing. Ta c6 s(e) = Jr(.’)dr _
¢) Sai. Ta c6 quang duong 6 t6 di dugc tir luc dap phanh dén khi dimg lai 14

s :Illl'r(.r)d.r :I.[(— 2% +20)dt =(- £ + ED.r:I|,'," =100(m)

d) Sai. Trong 5 gidy trudc do, 6 to van di véi van tdc 20 m/s nén quang duong 6 t6 di dugc trong 5

Lo 5.20=1000m)
gidy nay la .

£. s =2
Vay quang duong ma 6 t6 di dugc trong 15 gidy cuoi bang 100+100 =200 (m).

Oxyz M(1:2:3)

Cau 3. Trong khong gian > cho diém va ba diém 4,8,C 1an luot 13 hinh chiéu vudng goc cua diém
M(1;2:3) (P)

1én cac truc toa do. Goi 1a mat phang di qua ba diém A.B.C. Céc khang dinh sau dung hay sai?

A . 10632
a) Mot vecto phap tuyén ciia mat phang (P) " (6:3; )

) i+l+§ =0.

al 2 3

(P)_

b) Phuong trinh mit phang (P

M (3:0:-2)

¢) Piém thudc mit phing



6
5 Ie \ A A O A - 2 (P) M ;
d) Khoang cach tur goc toa do ¢ dén mat phang bang /.
Loi gidi

Goi 4,8,C 1an luot 13 hinh chiéu vudng goc cua diém M(1;2:3) len O%- Oy, 0z

: A(I;D;D).B(D;E;D).C(D;D;?J.

Suy ra
x y z
o ( ) ) —+=+—=le 6x+3y+2z-6=0
Vay phuong trinh mat phing theo doan chdnla I 2 3
a) Dung.
b) Dung.
, .' 0:-2 N Ve f =
c) Sai. Thay toa do diém M (3:0: )Véo phuong  trinh Ox+3y+2z-0=0 ta co
I(--6= . M3:0:-2 .
6.3+3.0+2(-2)-6=8 #0 nén diém M (3:0: )khéng thudc mat phang (P).
- 0| 6
a(o.p) =1L -0
d) Pung. Tacod Vo' +37 427 7
J'_r =3+
d : ‘_1 =1
4 -1: ) =7
Cau 4. Trong khong gian véi hé toa @ @7 | cho diém AL va hai duong thing (z=amt
x =3+ 2
d, iy =3+t

A dz.

> vudng gbc véi d va cat
w, =(1:1:- 1)

. Goi d 13 duong thang di qua

a) DPuong thing d, co vecto chi phuong la

. . . ) 2m :
b) Motdiém M tiy y nim trén duong thing d, c6 dang MG +2m3+m: D).

¢) Giao diém cua d va d, 1a diém 8(5;4;0).
M (2:a:b)

d) Biétring 9 di qua diém .Khido T =2a+b=3

Loi giai

a) Sai. Duong thang d c6 vecto chi phuong 1a u, =(1;0;- 1)_

. . . ) 2 -
b) DPung. Mot diem M tuy y nim trén duong thing d, c6 dang M (B +2m3+m D).

c) Sai.

Goi d la dudng thang can tim, d cit d, tai B. Do Bed, = B3+213+1 "D).
. —(1+24" 2 +¢"-

Duong thang d ¢4 vecto chi phuong 1a AB =(1+2432+1" I).

Ta 6 dld o ABlu = AB.u, =0= 1+2t +0+]1 =0<= t =-1 B(1;2;0)

d) bDung.

. Vay



SN

vico Ve 1a A8 =CEE-D 0 hvong trinh 12

Puong thang d cAn tim di qua B(1;2;0)
x-1 yp-2

! . .
Thay toa do M (2;a:b) vao phuong trinh d | ta c6:

Suy ra ¢ =Lb =l hay T =2.1+1 =3

PHAN III. Cau tric nghiém tra 16 ngin. Hoc sinh tra 10i tir cau 1 dén cau 6.
Cau 1. Mot vién dan duogc ban 1én theo phuong thing dimg tir mat dat. Gia sir tai thoi diém t gidy (coi 1a thoi diém vién

v(t)=24.5-9.8:(m/5)

dan duoc ban 1én), van toc ctia nd duoc cho boi . Tinh quang duong vién dan di sau 2 giay

dau.

Cau 2. Cit mot vat thé (1) baéi hai mat phéng vuong goc voi truc Ox tai ¥ =0 y3 x =2 Mot mat ph'fmg tuy y vudng

x(0=x<2)

gbc voi truc Ox tai diém c6 hoanh do cit vat thé do co dién tich thiét dién 1a mot hinh vudng c6 canh

béng Ja' . Tinh thé tich vat thé (T ).

Cau 3. Mot san van dong duoc xay dung theo mo hinh 13 hinh chdp cut PAGD.BECFE ¢4 hai day song song v&i nhau.
Mat san OAGD [ hinh chit nhat va dugc gén hé truc Oxyz nhu hinh v& duéi (don vi trén mdi truc toa do la mét). Mt

san OAGD ¢¢ chidu dai O4 =100m , chiéu rong OD =060m v3 toa do diém 3(10;10:8).

i

(OBED)

Tinh khoang cach tir diém G dén mat phing . Pép s6 1am tron dén hang phan chuc.

Cau 4. Trén mot phan mém da thiét ké san khau 3D trong khong gian Oxyz. Tinh goc giita hai tia sng c6 phuong trinh

4.X_Y _

i 4 E d,_X‘i_Y‘i_Z']
lan luot 1a 201 -1y 3 3 9

Cau 5. Trong khong gian h¢ tryc toa do Oxyz (don vi trén moi truc 1 kilomét) mot tram phat song dién thoai ciia nha

I(1;-2:-3)

mang Vinaphone dugc dat ¢ vi tri ' va duoc thiét ké ban kinh phu séng 1a 5000m



St dung phuong trinh mat ciu dé mo ta ranh giéi bén ngoai ving phu séng trong khong gian.
Cau 6. Mot binh dung 50 vién bi kich thudc, chét liéu nhu nhau, trong d6 c¢6 30 vién bi xanh va 20 vién bi tréng. Léy
ngau nhién ra mot vién bi, roi lai 14y ngiu nhién ra mot vién bi nita. Tinh x4c sudt dé 1ay duge mot vién bi xanh & 1an

thtr nhat va mot vién bi trang ¢ lan tha hai (d4p sé 1am tron dén hang phan chuc)

DAP AN

t)= [(24.5- 9,8 )dx =24.5t- 4,9 +C
Cau 1 Quang duong vién dan di dugc la: s(0) .f[ ' .81 ' ’

= s(t)=24,5t- 4,9¢° +C

t =0= s(0)=0
Chon

= C=0
= s(t)=24,5t- 4,9

s(2)=24,5.2-4,92° =29.4m
sau 2 gidy dau quiang duong vién dan di 1a

sG) = A =

Cau 2. Dién tich thiét dién la
v = [5G Mx = [Pdr =4
@, TS

Thé tich cta vat thé la



Cau 3. . Mot san van dong duoc xay dung theo mo hinh 13 hinh chop cut YAGD.BCFE ¢4 hai ddy song song v&i nhau.

Mit san O4GD 13 hinh chit nhét va duoc gén hé truc @2 nhu hinh v& dudi (don vi trén mdi truc toa do 1a mét). Mt

sin OAGD ¢ chidu dai O4 =100m _chidy rong OD =60m ya toa do diém ° (10;10;8)

e ] I|'

Tinh khoang cach tir diém G dén mat phing (OBED).

oD =(0:60:0).08 =(10:10:8)

) Ly dug
, : ={ 0D, 08| =(480;0;- 600) =120(4;0;- 5)
Vecto phap tuyén cua mat phang (OBED)lé ! [ ' l o o

, . :0:;  n=(4:0:-5
Phuong trinh mat phang (OBED) di qua diém 0(0:0:0) va c6 vecto phap tuyén n =(4:0:-5) la:
4x-5z=0

4.100- 5.0
q , . (OBED) d(G,(GBED)):| ~ | 400441 ~62,5m
Khoang cach tir diém G dén mit phing 1a: V16425 4l
=2;1;- | '=13;3;9
Caud. des vice 2=FED d g yrep @ =039)
23+1.3+(-1).9
cos(d,d") = | : | =0

Jf +124(- 1) 432 +37 497 (d.d') =90°

Ta co: . Suy ra

Céu 5. Phuong trinh mit cdu dé mo ta ranh gidi bén ngoai vung phu séng trong khong gian 1a:

Ge- 1) + (y+ 2 +(z+3) =25

Cau 6.

Goi A 1a bién cb: “Léy duoc mot vién bi xanh & 1an thir nhat”,
Goi B 1a bién ¢6: “Lay dugc mot vién bi trang & lan tha hai”.

ta can tinh x4c suat Pl NB)

Theo cong thitc nhan x4c suit Pl nB)=F(4).F(B]4)



P(4)=
Vi c6 30 vién bi xanh trong tong s6 50 vién bi nén

LA | L
o | 2
| e

Néu A da xay ra, tuc 1a mgt vién bi xanh da duogc léy ra & 1an thar nhét, thi con lai trong binh 49 vién bi trong do6 s6 vién

20
P(B| 4)=—
(l)w

bi trang 13 20, do d6

o P(4nB)=P(4).P(B|4)=
Vay xac sudt can tim la

| el
.l_-|t=.:'
g i I e |
b
WO
Jl
(e
(\e]
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