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®. KHOANG CACH TU MOT PIEM PEN MOT PUONG THANG, PEN MOT
MAT PHANG
@ Dinh nghia
@ NEu H |a hinh chi€u vudng géc cha diém M trén dudng thang @ thi do
dai doan MH dugc goi la khodng céch tir M dén dudng thang ¢, ki
hidu d(M,a)_ Vay d(M,a) =MH

@ Né&u H 1a hinh chi€u vudng géc cla diém M trén mat phang (P) thi do

dai doan MH dugc goi la khodng céch tir M dén mat phang (P), ki

d(um.(p ))_ vay (rr,(P)) =mH

hiéu
# Chuy:
© Ta quy ugc: -d(M,a)=0 khi va chi khi M thudc a,
@ d(M,(P))=0 khi va chi khi M thubc (P).
# Nhan xét:
% a) Lay diém N tuy y trén dudng thang a, ta luén c6é d(M,a)<MN.
© b) Ly diém N tuy y trén mat phang (P), ta ludn cé d(M,(P))<MN.

© . KHOANG CACH GIUA CAC PUONG THANG VA MAT PHANG SONG SONG.
KHOANG CACH GIUA HAI MAT PHANG SONG SONG

@ Dinh nghia
% Khoang cach giira hai dwong thing song song ¢ va b 1a khoang cach tir mot diém bt
kitrén @ dén b, ki hieu ¢ 7).

© Khoang cach giira dwdong thang ¢ va mit phiang (P) song song voi ¢ la khoang
chch tir mot diém bat ki trén @ dén (P) 1 higu d(a.(P))
P) Q)
@ Khoang cach giira hai mat phang song song va la khoang céch tr mot diém

P) 4 (© ... d(P).0)

© . KHOANG CACH GIUA HAI PUONG THANG CHEO NHAU

bt ki trén dén
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Pinh nghia

Pudng thang ¢ vira vudng gdéc, vua cat hai dudng thang chéo nhau a va
b dugc goi la dudng vubéng géc chung cla a va b.

N&u dudng vudng gbéc chung cla hai dudng thang chéo nhau a va b cat
chiing lan luot tai | va J thi doan ljgoi la doan vudng géc chung clia a va
b.

Khoang céch gilra hai dudng thang chéo nhau la dd dai doan vudng gdéc
chung cla hai dudng thang dé, ki hiéu d(a,b).
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Hinh7

Chu y:

a) Khodng céch gifra hai dudng thang chéo nhau a va b bang khoang
cach gilra mot trong hai dudng dén mat phang song song vdi né va chla
dudng con lai.

b) Khodng céch gilia hai dudng thang chéo nhau bang khoadng céch giira
hai mat phang song song lan lugt chra hai dudng thang dé.
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®. Phan dang toan co ban

‘Dang ®: Khoang cach tu mot diém dén mot duong thang, dén mot mat

phang

# Phuwong phap
# Dinh nghia

2 Néu la hinh chiéu vubéng goc cua diém trén duong thang  thi do dai

M . . a
doan dugc goi la khodng céch tr  dén dudng thang , ki hiéu

MH d(M.a)



H e My
2 Néu la hinh chiéu vudéng goc cua diém trén mat phang thi do dai
MH . , oM B dM(P)

doan duogc goi la khoang cach tu dén , ki hiéu .
# Chuy:
@ Ta quy udc:

d(M,a) =0 M a
) khi va chi khi thubéc ;

d(M.(P)) =0 M (P)

khi va chi khi thudc

xR Q

Nhan xét:
N a d(M.,a)=MN
© Lay diém  tuyy trén dudng thang , ta luén cé :
(P) d(M,(P)) <MN
© Lay diém  tuyy trén mat phang , taluén co

tCac vi du minh hoa
Cau 1: Cho hinh chép O “4BC ¢4 day Ia tam gidc déu canh @ va 94 L(4BC) cho pigt
04 =a
a) Tinh khoang céch tir diém O dén (45C),
b) Tinh khodng cach ti diém O dén dudng thang BC.
Loi giai

Hinh 2

04 1L (ABC) d(O,(ABC)) =0A =a _

a) Ta co , suy ra ‘il

b) vé& AH LBC 3 c¢ OHLBC (dinh Ii ba dudng vudng gdc), suy ra
d(0, BC) =OH

a3

AH =
Tam gidc 4BC déu cé canh bang 4 suy ra 2

- - . 3a 7
OH =JOA* + AH® = |a* + 22 :”j

Trong tam giac vuéng O4H | ta cé z

d(0, BC) =
Vay ta co

asf7
2



‘Dang @: Khoang cach giira cac duong thang va mat phang song song,
gitta hai mat phang song song

&
&

V)

Phwong phap

Pinh nghia
a b
Khoang céch gittu hai dudng thang song song va la khodng céch tir mot
. , a , b d(a5b)
diém bat ki trén  dén , ki hiéu
. oa o, (P LA
Khoang cach gitta duong thang va mat phang song song voi  la
. o . _a B da(P)
khoang cach tu mot diém bat ki tréen dén , ki hiéu .
P @
Khoang cach gitra hai mat phang song song va la khoang cach tu
™ O dPL©))
mot diém bat ki trén dén , ki hiéu .

=Cac vi du minh hoa

Cau 1: Cho hinh lap phuong 4BCD -ABCD ¢ canh bang @. Tinh theo @:

oD (44Cc’c)
a) Khodng céch giira duding thang Va ;
(4u4apD) (BBCC)
b) Khoang céch gira hai mat phang va
Loi giai
B G
: @)
AP g TR
oyeis e R s dle
’/, i :J.: 2l
AI = DI
Hinh 5

pp 144 .d(pp (44cc))=d(p.(44c )
a) Ta cé

o _ ABCD
Goi la tdm hinh vubéng

DOLAC _ DOL A4 po L(44cc)
Ta co va , Suy ra

d(pp (44cc))=d(p,(14cc))=po =
Vay

a2
7



(44D D)/ /(BB CC) d((44pp).(BBCC))=d(4,(BB CC))
b) Ta c6 suy ra

ABLBB _ ABLBC A8 L(855C)
Do va , SUy ra

d((44DD).(BBCC))=4B =a
Vay

‘Dang ©: Khoang céach giita hai duong thang chéo nhau

&
&

V]

®

Phwong phap
Pinh nghia
\ 2 c \ A 7 \ < . \ 2 7 a A\ b
buong thang vua vudng géc, vua cat hai duong thang chéo nhau  va
a b
dugc goi la dudng vuéng géc chung ciia va
. a b

Néu duong vudng goc chung cla hai duong thang chéo nhau va cat

\ I J U a |
ching lan lugt tai va thi doan goi la doan vudng géc chung ciia va
b

Khoang céch gilra hai dudng thang chéo nhau la dd dai doan vuéng gdéc
. d(a,b)
chung cula hai dudng thang dé, ki hiéu

Chu y:

a b
Khodng cach gilra hai dudng thang chéo nhau va bang khoang céch
gitra mot trong hai dudng dén mat phang song song véi né va chira dudng
con lai.
Khoang céch gifra hai dudng thang chéo nhau bang khoang céch giira hai
mat phang song song lan lugt chlra hai dudng thang doé.

i
P 4

Hinh 8




=Cac vi du minh hoa

Cau 1: Cho hinh chép S-ABCD cé day la hinh vudng 4BCD canh @, canh S$4 =a v3

vuédng géc véi mat phang (4BCD)  Tinh khoang céch gitra hai dudng théng
SB

. CD

a) va ;

AB _ SC
b) va
Loi giai
_BC1lSA _ BCLAB BC 1 SB

a) Taco va , Suy ra

. BCLchD BC
Mat khac , SuUy ra
CD

SB
la doan vubéng géc chung cla hai dudng va
d(S5B,CD) =BC =a
.Ta cé

AB 1 (S4D) , «
b) Cach 1. Ta c6 va la hinh chiéu vuéng géc cua
(S4D) AK L SD,KE//AB,EF | IAK

vé

AB L AKX AK L SD

SD

lén
) . Ta cb
AK 1 SC EF//AK
Do

, Suy ra
y EF14B _ EF , AB
. , Suy ra ta cung co va cat tal
F.EF 1 58C EF . SC E

va cat tai .

Cac két qua trén chung to

. . i . AB SC
la doan vudng goc chung cua

va
AK :% :ﬂvll'5
.. 84D R R A i 2 2
Trong tam giac vubdng can tai  ta co
. a2
d(AB,SC) =EF =AK =—
Vay i
) ., )y  sc
Cach 2. Ta c6 mat phang chua

AB

va song song vdi , SuUy ra:



a2

d(AB,SC) =d(AB,(SCD)) =d(4,(SCD)) =AK =—

‘Dang @: Céng thuc tinh thé tich cua khodi chép, khdi lang tru, khéi hép

0O RR
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Phwong phap
Thé tich khéi hdép chir nhat
Thé tich khéi hép chir nhat bang tich ba kich thudc ¥ =abe.

R o i ey e

a
Hinh 12
Thé tich khéi chép

Khodng cach 7 tir dinh dén mat phang ddy cta mét hinh chép goi la chiéu cao
cta hinh chép dé. Nguoi ta chrng minh dugc cdng thic sau day:
Thé tich khoi chép bang mét phan ba dién tich ddy nhan véi chiéu cao

:l Sh
3 .

Hinh 13

Thé tich khéi chép cut déu

PE tim thé tich khoi chép cut déu, ta s& dung cbng thic sau day:

b :lh(5+ S5 +5') ) 5§
3 ~'v6i 7 1a chiéu cao va °>° Ia dién tich hai day.

Thé tich khéi lang tru

Khoang cach ” gitra hai mat phang day cla hinh lang tru 13 chiéu cao cla hinh
lang tru dé.

Thé tich kh6i lang try bang tich dién tich ddy va chiéu cao ¥ =5h.

i

Hinh 15



@ Ta goi khéi lang tru cé canh bén vudng géc véi day la khoi lang tru ddng. Chiéu
dai canh bén @ cua khéi I&ng tru ding bang chiéu cao ” va ta cé cdng thic:
V =8a

i i

Hinh 16

=Cac vi du minh hoa

Cau 1: a) Tinh thé tich cda khéi hop chir nhat cé ba kich thudc la; a4aida

Ve 2 Ve ] 7 A > SABC a
b) Tinh thé tich khéi t dién déu canh
L ABCD -ABCD A 2a X
c) Cho khéi lang tru c6 day la hinh vudng canh , canh bén
A4 =2a oL A4 BCDy 0 AC
, hinh chiéu cua trén trung vaéi giao diém  cua va

D .
. Tinh thé tich khoi lang tru dé.
Loi giai

o , A , i V¥V =6a 4a 3a=T2a"
a) Thé tich khéi hop chit nhat bang tich ba kich thudc:

CH S (4BO) , .
b) Goi la hinh chiéu vubng géc cua  xubng . Ta c6 ba tam giac
_ SHA SHB.SHC HA=HB=HC @ H _ s
vuong , bang nhau, suy ra . Vay la tam cua
L . ABC
tam giac déu
S
A C
M
B ink 17
2 - - . 3a’ 0
AM :”:E.AH =3 AM :”33.5H =JSA* - AH = [a* - TJ :”3 .

Ta co:



.ﬂ:ﬁ .HJE _ﬂ'-‘s.f'ﬁ_

l
3 4 3 12

,  S4BC ] BERE
Khoi t dién déu c6 thé tich I3

. o h=A40=NA 4 - 40° =\4a’ - 2a° =a\2.
c) Chiéu cao cua khéi lang tru:

. o V =5 ‘-h=4a’ -rN'r: :41:1'-"-.45

Thé tich khaéi lang tru: :

Cau 2: Cat khoi chép tam giac déu S-4BC yéi canh ddy bang ¢ va chiéu cao 2¢ bai
mot mat phang song song vadi day va di qua trung diém cac canh bén. Tinh
thé tich khoi chép cut déu dugc tao thanh.

Loi giai

_ABC-ABC _ . A .0 0 o
Goi la khoi chép cut déu duoc tao thanh, va lan luot la tam
) . ABC _ 4ABC )
cua hai day va (Hinh 19). Ta c6:
-
h =00 :__5'(} =22 —,
2 2

Chiéu cao cua khéi chép cut déu la ;

5 _AB:J?: _n':ﬁ

» . AsC 4 4
Tam giac déu c6 dién tich: ;




oL A.B. :A_B g :Aﬂ-ﬁ :E
» . ABC 2 R o, 16 4
Tam giac déu c6 canh nén c6 dién tich:

Do dé, thé tich khéi chép cut déu dugc tao thanh la:

5+£+£‘:%_5:?_ﬂ.ﬂ'ﬁ:?ﬂ'ﬁ_
2 4] 12 12 4 48

V :;—a'i(5+ 55 +58 ):Igﬂ:

©. Dang toan ren luyén

‘Dang ®: Cau trac nghiém nhiéu phuong an lua chon

Cau 1: Cho hinh chép ti gidc déu S-ABCD ¢ canh day 13 a¥2 va tam gigc S4C déu.
Tinh d6 dai canh bén cula hinh chép.

A. 2a. B. av2 c. a3 D. a.
Loi gidi
Chon A

Hinh chép t& gidc déu S-ABCD nen 4BCD |3 hinh vudng cé canh bang a2
nén AC =2a .

Tam giac S4C déu nén canh bén S4=4C =2a

Cau 2: Cho t( dién 4BCD g AC =3a.BD =4a o M. N |3n |yot 13 trung diém 4D va
BC  Biét AC vudbng gbéc BD . Tinh MN

=y v =7 v =27 my =5
A. 2 B. 2 C. > b ,
Loi giai
Chon A
Goi P 1a trung diém 4B

Ta cod ! va

MN =\PM* +PN* =

t4|f—5"



B

Cau 3: Cho hinh chép S-4BC ¢6 day Ia tam gi4c déu canh 4, > 1(4BC)

(4BC) v (SBC) |

mat phang a 60, pd dai canh 54 bang

Goi ! 1a trung diém BC, khi a6 BC L 4l
Mt khac BC L AI.BC | SA= BC 1L (SAI)= BC L SI

Suy ra géc gilra hai mat phang (4BC) va (SBC)Ié Sia

5 ) . tan 814 =22 & 54 =14 tan B4 :ﬂ.ﬁ 34
Tam giéc SI4 vubdng tai 4nén Al 2 2

, goc gilra hai



C&u 4: Cho hinh I&ng try ABC.ABC’ ¢4 tat ca cac canh déu bang @. Géc tao bai canh
bén va mat phang day bang 30" . Hinh chiéu H cla 4 trén mat phang
(4B'C) la trung diém cla B'C’ Tinh theo @ khodng cach gilra hai mat

ph&ng day cua lang try ABC.ABC"

a3 a2

a a
A. 2, B. 3. c. 2. D. 2

Loi gidi

Chon A
G6c tao bGi canh bén va mat phang day bang 30" nén HA'H =30"
Khoang cach gitta hai mat phdng day cda lang tru ABC.ABC" ping

AH =AA"sin H4'H = A4 sin 30° =§

Cau 5: Cho hinh hop chit nhat 4BCD.A'B'C'D" ¢ AD =2a  CD =a A4 =av2 Pudng
chéo 4AC" ¢4 dd dai bang
A. a5, B. a7, c. a6 D. aV3
Loi gidi
Chon B

AC' =4B> + AD 144" = |a* +(2a) +(a2) =aT

Cau 6: Cho hinh hdp chit nhat 4BCD.ABCD' ¢§ AD =2a CD =a,k A4 =a2 pudng
chéo AC" cé d6 dai bang:

A. 5. B. 7. c. a6, D. aV3 .

Chon B



Ta c6 AC =VAD + DC* =a\5 Nap AC =VAC* +CC® =\5a*+2a* =a\T

Cau 7: Cho hinh chép SA4BC ¢g >4 (‘JBC), SA=AB=1a  tam gidc 4BCvubng tai

(SBC)

B (tham khao hinh vé&). Khoang céch tir 4 dén mat phang bang

S

@

Goi H 1a trung diém canh S8,
I4x ~ Bc(BC ™~ (s4B))

b AH ~(SBC)
AH ™ SB

(SBC)

Do d6 khoang céch tir 4 dén mat phang la 2 2



Cau 8: Cho hinh chép S4BC ¢4 day 1a tam gidc vudng tai 4, 4B =a | AC :“\E, S4 yu
ong géc véi mat phadng day va S4 =2a  Khodng cach tir diém 4 dén mat

phang (SBC) bang

a7 2a\/§ 2ax/§ 2a\/§
A. 19 B. 19 . c. 19, D. 19
Loi giai
Chon B

T A ke AD LBC my S4L(4BC)= 54 L BC
= BC 1(54D) = (54D) L (SBC) ma (s4p)n(sBC)=5D
> Ti A ka AE LSD= AE L(SBC)

= d(4:(SBC)) = AE

1 1 1 4
2 : '|+ 2 : 2
Trong 2MBC yubng tai 4 ta cd: AD° AB AC 3a
2a-f5
|ﬁ:|ﬁ+ I.,:Ig.,:'AE:Hﬂ 57
Trong 254D yudng tai 4 ta c6: AE AS" AD™ 12a° 19

Cau 9: Cho hinh chép S-4BC ¢4 day Ia tam gidc vudng can tai B, 254 =AC =2a 3
S4 yubng géc véi day. Khodng cach tir 4 dén mat phang (SBC) 15

2a\/g 4(1\6 a\/g a\/g

A. 3 . B. 3 . c. 3 . D. 3

Loi giai
Chon C



ke AH _EB(HE.S'B)_

e A (s45) (s45)
= BC 1 (S4B)= BC 1 AH —(SAR
BC 1 54(54 L (4BC))

7

Ta co:

'AH | SB

{ = AH 1(SBC)
vi | AH LBC

! . Ay ey =AH
Do d6 khodang cach tu A dén mat phang ($5C) 1y L) _

AC

AC =2a= AB =2= =\Da
Xét tam gidc 4BC yudng cantai B, cé V2
1 1 1 1 1 3
- =—=*% ==t —="=

Xét tam gidc S4Bvubng tai 4, ta cé: AH SA4 AB o 2a a

b g
I P (]

3 3

Joa

),y =AH =2
Vay khodng céch tir A dé€n mat phang (SBC) I 3 .

Cau 10: Cho hinh chép $-4BC ¢4 day4BC 13 tam gidc vudng tai B va canh bén
SB yuéng géc véi mat phang day. Bigt S8 =3a. 4B =4a. BC =2a khoang cach
tir B dén mat phang $4€) pang

124/61a 3W14a 4a 12v294
A. 61 B. 4 | C. 5. D. 29
Loi giai

Chon A



Tu B ké BI LAC ngj Svéi I va ké BH LSI dé thay BH 1a khodng céch tur
B dén mat phang ($4C)

Ta c6 B-S4C |3 tam dién vudng tai B nén:

I ! I I I I I ol 124J01a

'|: '|+ '|+ 'i: 'i+ '|+ '|: '\ﬁBH:
BH® BS" BC BA Ya 4a 10a 14a 0l

Cau 11: Cho hinh chép S-4BC ¢4 ddy 1a tam gidc vudng dinh B, 4B =a, S4 yuéng
géc véi mat phang day va S4=2¢ Khodng cédch tir 4 dén mat phang

(SBC) bang
250 B 220 Ba
A. 5 . B. 3 . c. 3 . D. 5
Loi giai
Chon A
S
2a
A
'BC L AB
= BC L(S54B)
Ta c6 | BC+54

Ké AH LSB ghi g6 AH LBC = AH L(SBC)

= AH |3 khodng cach tir 4 dén mé&t phang (s5C)



5 2 2.5
U N +|_ﬁ:HﬁjAH::4a:AH:u£a

Ta c6 AH® SA° AB' 4a° 4 4d° 5 5

Cau 12: Cho hinh chép $-4BCD ¢4 day |1a hinh vudng canh ‘/ga S4 vudng géc véi mat

phang day va $4 =a Khoang cach tir A dén mat phang (SBC) bang
Fa S Jou S
A. 3 . B. 2 . c. 60 . D. 3
Loi giai
Chon B
BC 1 AB
BC 154 =» BC 1(S4B)

Ta cé:

l (s48) L(sBC)
. |(s4B)n(sBC) =3B

. R (S4B) . AH L SB = AH :d(AQ(EBC))
Trong mat phang : Ké

1 1.1 4
AH® SA4° AB®  a 3a° 34
J3a

_ d (4:(SBC)) =AH =x2

Cau 13: Cho hinh chép S-4BCcé day l1a tam giac vudng can tai &8¢ =4, S4yysng

gdc véi mat phang day va $4 =a, Khodng céch tir 4 dé€n mat phang (SBC)b
ang

V2a @ V3a
A. V2a, B. 2 . c. 2. D. 2

Chon B



'BC L AC
= BC 1 (54C)
i | BC Ls4

Khi dé (EBC)_(EAC)theo giao tuyén la SC,

Trong (540). ké 4H LSCtai H suy ra AH L (SBC) taifl .

Khodng céch tir 4 dé€n mat phang (SBC)béng AH |

Ta c6 AC =BC =a S4 =a nén tam gidc S4C vudbng can tai 4.

1 1
AH =—5C =—a 2
Suy ra 2 2 .

Cau 14: Cho hinh chép $-4BC cé ddy la tam gidc vudng dinh B, 4B =a, S4 yubng

géc véi mat phang day va S4 =a, Khodng céch tir diém 4 dén mat phang
(SBC) 5,

g
a a6 a2
A. 2. B. . c. 3. D. 2
Loi giai
Chon D
5
Wy
A C
o
B
(SBC)

Ké 4H LSB trong mat phang



BC 1L AB
{ = BC L(54B)
Ta cé: | BC LS54 = BC L AH
(AH 1 BC S
= AH L(sBC) _ g =lgpg =2
) {AH 5B nd(ﬁ,(SBC))—AH_'}EE_ >
Vay B B
Cau 15: Cho hinh Iap phuong ABCD.ABCD’ ¢ canh bang 1. Tinh khodng cach 4 tur
diém 4 dén mat phang (BDA).
B J6 V2
A 3 B 4 c. 2 D. d=\3
Loi giai
Chon A
A D
B} r]‘ i “2 s, ~. < (.:‘;
BV
A’i:_'____‘l‘ _______________ D
0
B ¢

Goi O |4 tAm cla hinh vuéng 4BCD
BD 1 A0

Ta c6 |BD LA = BD 1 (44°0)

Suy ra (BDA ')_(AA'G)_

Suy ra A =d (4, (BDA '))_

A0 =—AC =

tqﬁn

[

Xét tam gidc 440 yudbng tai A4 c6 A4 =I,
AH:ﬂ_ﬁ

NAAR + 400 T 3

d (A4, (BDAY) =£
Vay 3,



Cau 16: Cho hinh Iang tru ding 4BCABC ¢4 day la tam giac 4BC vuoéng tai A c6
BC =2a AB =“‘E, (tham khdo hinh vé& bén). Khodng cach tu 4dén mat
phang (BCCB) |4

A B
C
t— B'
A /
c
a5 a7 a3 a\21
A. 2 B. 3 C. 2 D. 7
Loi giai

Chon C

Vi Iang tru 4BCABC |3 |ang tru ding nén (A8C) LIBCCE )

Do d6 ké AH L BC = AH_[BCCB}.

Vay khoang céch tlr 4dén mat phang (BCCB) |4 doan 4H .

Ta Co’ AC :1!432‘ 332 =a .

11 1 1 1 4 Ja

T =—=% =+t =-—F= AH =
AH™ AB AC 3a a 3a 2

Cau 17: Cho hinh chép S-4BCD c¢ day I1a hinh vudng tam O, S4 vudng géc véi mét
day. Héi ménh dé nao sau day la sai?

_ d (B,(scp)) =24 (0, (scp)). _ d(4,(s8D)) =d (B,(540)).

A B
c. d (c,(548)) =d (c.(s4D)). b. 9 (s.(4BCD)) =54.
Loi giai

Chon B



2 > A =2 7 A s
_Vi O la trung diém ctia BD nén d(8,(scp)) =24(0.(sc)) Do d6 cau A dung.

(SAC)vé (5BD) vuodng goc voi

(SBD)_

- K& AH vubng géc véi SO ma hai mat phdng
nhau theo giao tuyén SO, suy ra 4H vudng géc véi mét phang

d(4.(sBD)) =AH < 04 VA d(B.(54C)) =08 =04 .
Ta co

d(4,(s8D))<d (8,(540)) Do d6 cau B sai.

5 d(c.(s4B)) =CB va d(c.(s4p))=cp nén d(c (s48)) =d(c,(54D)). b

Ta c o]

dé cau C dung.

d(s.(4BCDN =54 10 46 cau D ding.

Vi 84 vudng géc véi mat day nén
Cau 18: Cho hinh chép S-ABCD ¢4 day 4BCD |3 hinh vuong tam O, 54 _(ABED). Goi

I 13 trung diém cta SC . Khodng cach tir / dén mat phang (45¢D) bang do
dai doan thang nao?

A. B, B. /C, C. 4, D. [0,

Chon D

TU gid thiét suy ra O [a dudng trung binh cta ASAC, do g O! /54



10 |/ 54
= JO L(ABCD)

T 6 |54 1 (4BCD)
Vay d(1,(aBcp)) =01
Cau 19: Cho hinh chép tt gidc déu S-4BCD ¢4 day I1a hinh vudng canh 4. Goi M 13

trung diém cta SD . Khodng cach tir ¥ dén méat phang (54C) bang

a2 a2 a a
A. 2 . B. 4 . C. 2. D. 4.

Loi giai

Chon B

i

=
d (M, (54C)) =I—a’[D.(5AC]) ! Do _1 BD ===
2 2 4 4

Cau 20: Cho t& dién déu S-4BCD ¢4 tat ca cac canh déu bang 24, goi M 13 diém
thudc canh $AD$ sao cho DM =2M4 , Tinh khodng cach ttr M dén mat phang

(BCD)
2a\/g 4a\/€ 2a\/g
A. 9 B. av6 c. 9 . D. 3

Chon C




Goi H la trung diém BC, G la trong tam tam gidc BCD, AG la dudng cao cua
tir dién

7 7
‘ pi =20 —ay = 8o =2 g =2
Xét tam gidc déu BCD c6 2 3 3

AG =+ AB" - BG® :Jf_za}f -

Eﬁﬂ I’ _2~.-""f'_'l_ a
3 .

3

Xét tam giac vudng ABG cé

) ;N"E

5
d(M:(BCD)) ==d(A:(BCD)) == AG =
3 3 9

.

Ma
Cau 21: Cho khéi chép S-ABC c6 chiéu cao bang 3, ddy 4BC ¢6 dién tich bang 10.
Thé tich khéi chép 5-4BC pang
A 2. B. I5. c. 10, D. 30,
Loi giai
Chon C
1

] , v =Lgn=L103=10
Thé tich khéi chép S-4BC 13 3 3 .

Cau 22: Cho khai chép S-4BC c§ chiéu cao bang 3, day 4BC cé dién tich bang 10, T
hé tich khoi chép S-4BC bang

A. 15, B. 10, C. 2. D. 30,
Loi giai
Chon B
1 1
V, oo =—hB ==3.10=10
3 :

Cau 23: Cho khoi chép S-4BCco chiéu cao bang 5, ddy 4BC ¢ dién tich bang ©.
Thé tich khéi chop S-4BC bang

A. 11, B. 10, C. 15, D. 30,
Loi giai
Chon B
1 1
Ve o =—Sh =—.6.5 =10
3 3

Cau 24: Cho khaéi chép S-ABC ¢4 chiéu cao bang > day 4BC cé dién tich bang 6-Thé
tich khoi chép S-4BC bang

A. 30, B. 10, c. 15, D. 11,



Chon B

a
Vi o ==
Thé tich khéi chép S-4BC 13 = 3

Cau 25: Cho khéi chép cé dién tich day B =7 va chiéu cao’ =6 . Thé tich khoi chép

da cho bang

A. 42, B. 126, C. 14, D. 56,
Loi giai

Chon C

I :1—3."? :l.?.ﬁ =14
3

Thé tich khéi chép 1a

Cau 26: Cho khdi lang tru c6 dién tich day B va chiéu cao /. Thé tich V' cua khai
lang tru da cho dugc tinh theo céng thic nao duéi day?

1 4
V =—Bh V =—Bh
A. 3 . B. 3. C. V =6Bh, D. V =Bh,
Loi giai
Chon D

Dinh nghia thé tich khoi lang tru 1a V =Bh,

Cau 27: Cho khdi lang tru c6 dién tich day 1a 3¢ va chiéu cao 24- Thé tich khéi lang
tru d& cho bang

A. @ B. 6a’ C. 3 D. 24,

Chon B
Ta c6: V =B.h =3a"2a =6a’
Cau 28: Thé tich khéi l1ap phuang canh 2 bang

A. 6, B. 8. C. 4. D. 2.
Loi giai

Chon B

Thé tich khéi 1ap phuong canh 4@ 13 V =a’,

Vay thé tich khéi 1ap phuong canh 2 1a: ¥ =2" =8

Cau 29: Cho khéi hdp chit nhat cé 3 kich thuéc 345 . Thé tich cta khsi hdp da cho
bang?

A. 10, B. 20, C. 12, D. 60,



Loi giai
Chon D
Thé tich cta khéi hép da cho bang ¥ =3.4.5 =00

Cau 30: Tinh thé tich 7 cta khéi lap phuong ABCDABCD’ | pigr AC =a3

;_3\/&15 1,
3 V= Vo= -\/_ 3 V =—a
A.V=a B. 4 C. V' =33a D. 3
Loi giai
Chon A
B C
I
A — : D
‘.L:_‘H
A = D

Gid s khoi lap phuong cé canh bang x;(x>0)

Xét tam gidc 4'B'C’ vudng can tai B' ta cé:

A'C" =A'B"+B'C" =x'+x’ =2x" = A'C'=xy2

Xét tam gidc 4'4C" vudng tai 4'ta c6

ACY =A'A"+A'C" = 30 =x" +2x © x =a

Thé tich ctia khdi 1ap phuong ABCD.ABCD |y V =a’,

Cau 31: Lang tru tam gidc déu c6 do dai tat ca cac canh bang 3. Thé tich khéi lang
tru da cho bang:

2743 93 ENE) 2743

A, 4 B. 2 c. 4 D. 2
Loi giai
Chon A
s =3V3 93
Pay hinh 18ng tru 1a tam gidc déu canh b&ng > nén 4 4
Chiéu cao cla hinh I8ng tru bang # =3
)
' =5.h Zgﬁ.?ﬁ :H?ﬁ

Thé tich 4 4



Cau 32: Cho hinh lang tru ding 4BCABLY 6 day I3 tam gidc vudng can tai B,
AB=a vy AB=a3 Th& tich khéi lang try ABCABETA |3

o\ @ @ V2
A. 2 B. 0 C. 2 D. 2
Loi giai
Chon D

C'

-
— Spe=—AB =2
Ta c6 A=VAB - 4B* =a2 " 2 2

, , V= AAQS,, =
Thé tich khéi lang tru la 2

Cau 33: Mot khéi chép cé dién tich dady bang ©va chiéu cao bang 5. Thé tich cua
kh6i chép d& cho bang

A. 10, B. 30, C. 90, D. 15,
Loi giai
Chon A
1 1
V' =—Bh =—.0.5=I10
3 3

Cau 34: Cho hinh chép t& gidc S-ABCD ¢ day 4BCD |3 hinh vudng canh ¢, canh bén

S4 yubdng géc véi mat phadng day va $4 =a\2 , Tinh thé tich ¥ cta khoi chép
S.ABCD

v _\Ea3 _N2a v _\Erf
A. 6 B. 4 C. V=N D. 3

Chon D



, 54 1(4BCD) = 54

Ta cé la dudng cao cula hinh chép

ﬂ"ﬁ

3

i ) I 215‘4'5.:'&'|"I :l.ﬂﬁ.ﬁ': =
Thé tich khéi ch6pS-4BCD; 3 3

Cau 35: Cho khéi chép SABC g SA vuéng géc véi day, SA =4, AB=6 BC=10 3
CA =8 Tinh thé tich V' cua khéi chép SABC,
A V=32 B. V =192 c. V=40 pD. V=24
Loi gidi
Chon A

1
o . V=iS. SA=3
Ta c6 BC? =AB*+AC? gy ra MBC yupng tai A, i =24 ° 37

Cau 36: Cho hinh chép ta gidc S-ABCD ¢6 day 4BCD |3 hinh vuéng canh ¢, canh
bén $4 vudng géc véi mat phang day va S4 =v2a_ Tinh thé tich khsi chép

S.ABCD
V24’ V2a’ J24°
A. 6 B. 4 c. V2d D. 3

Chon D



, L S.ABCD T
Ta co SAB{'FJ a .

Cau 37: Cho hinh chép S-4BC 6 day Ia tam gidc déu canh 4, canh bén 54 vuéng

a3

gbc vai ddy va thé tich cua khéi chép dé bang 4 Tinh canh bén 4.

a3 a3
A. 2 B. 3 C. a3. D. 2a/3.
Loi giai
S
4 C
B
3”3
Vy e ==-Saipe-SA = SA =545 — =af3
’ 1. il a ﬁ
4

Cau 38: Cho hinh chép $4BC ¢4 day 4BC |3 tam gidc déu canh <. Biét

SALUBC) 5 54=a¥3 Tinh thé tich khéi chop S-4BC.
a a a 3a’
A. 4 B. 2 c. 4 D. 4
Loi giai

Chon C



Ta c6 54 15 dudng cao hinh chép

s N3
Tam gidc 4BC déu canh @ nén 4
v _ ﬂ:ﬁﬂf _a
Vay thé tich can tim 1a: =~ 3 4 4,

Cau 39: Cho hinh chép S-A4BC cb day la tam gidc déu canh . Canh bén SC vubng

géc véi mat phang (ABC), SC =a  Thé tich khéi chép S-48C bang
a3 a’\2 a3 a3

A. 3 B. 12 c. 9 D. 12
Loi giai

Chon D
A

By Lo 0

ABC T 4 5_ABC _3 : _1- - IE

C&u 40: Cho tr dién 4BCD ¢ 4D vyudng goc vGi mat phang (4BC) gt day 4BC |3
tam gidc vudng tai B va AP =10.4B=10.BC=24 Tinh thé tich cla to dién

ABCD
1300
V=—"
A. V =1200 B. V =960 C. V =400 D. 3
Loi giai
Chon C

B

Vigep =~ 4D 4B.BC =L10.10.24 =400
Ta c6 3 2 6



Cau 41: Cho tir dién 4BCD ¢4 tam gidc 4BDdéu canh bang 2, tam gidc 48C vudng
tai B, BC =3 Biat khodng cach gilra hai dudng thang chéo nhau 4B va
g
CD bang 2 . Khi dé dé dai canh CD I3
A. V2. B. 2. c.l. D. V3.
Loi giai
Chon A

Dung hinh chit nhat 4BCE, goi M:Nian lugt I3 trung diém 4B.CE,
MH LDN tai H

Ta cé

(AB 1 DM

{ = AB L (DMN)= CE L(DMN)= MH L CE

| AB L MN

| MH L DN T
i = MH 1 (CDE) = d(48,cp) =d [ M:(CDE)| =MH Vit
| MH L CE tai H 7

Tam gidc DMN ¢4 DM =MN =3 = H trung diém DN, ma

v 3 I
MN™ - MH™ =—
2
= DN =1

Xét tam gidc PNC yubng tai N €D =JDN +CN =2




Cau 42: Cho hinh binh hanh 4BCD  Qua 4:B-C-D |an |ugt vé& b6n nra dudng théng

Av.By.C2.Dt ¢yng phia so Véi (4BCD)

(4BCD)

song song véi nhau va khéng nam

trong mat phang . Mét méat phang ) lan lugt cat cac nla dudng
théng '.II_'EB\C_"DI tal A.B.C.D théa mén A4 =2 BB =3.CC’ :—1 Héy tl’nh

DD’

A. 3. B. /. C. 2 D. 5.
Loi giai

Chon C

Goi ! 13 giao ctia 4C va BD. I’ |3 giao diém cta 4C" va BD' Khi d6 I 13
duong trung

binh cla céc hinh thang ACC4 ya BDD'B’ Theo tinh chat cGa hinh thang ta
cé

2l =BB' +DD =44 +CC =2+4=06= DD =3
Cau 43: Cho tir dién 4BCD cé tam gidc ABD déu canh bang 2, tam gidc 48C
vudng tai B, BC =3 Biét khodng cach gilta hai dudng thdng chéo nhau
i
AB va CD pang 2 . Khi dé dd dai canh €D |3
A. V2. B. 2. c.l. D. V3.
Loi giai
Chon A



Dung hinh chir nhat 4BCE, goi M:Nian luot 1a trung diém A8:CE

MH 1 DN taj H

Ta cé

(AB L DM

{ = 4B L (DMN)= CE L(DMN)= MH LCE

| AB L MN

| MH LDN '
= MH L(CDE) —d | M — MH =

JMH CcE = d (4B,cD) =d [ M;(CDE)| =MH = :

| tai H

Tam gidc DMN ¢4 DM =MN =3 = H|3 trung diém DN, ma

= DN =1

Xét tam gidc PNC yudng tai N CD =JDN +CN° =2

Cau 44: Cho hinh chép S-ABCD g 4 _(ABCD), S4 =2a = ABCD |3 hinh vudng canh

bang 2. Goi O 13 tdm cta 4BCD, tinh khodng céch tir O dén SC.
a2 a3 a3 a2
A. 4 . B. 3 . c. 4 . D. 3
Loi giai

Chon B



kg OH LsC= d(0,5C) =0H

oc =4C _aV? —
2 2 ., SC=NSA +A4C" =ayo

T
soric ~asac = O S o 0CSA_aV12a _a\
oC  SC sC 2af6 3
Cau 45: Mot hinh lap phuong dugc tao thanh khi x€p miéng bia carton nhu hinh vé
bén.
A B

Tinh khodng céch tr diém O dén dudng thang 4B sau khi xép, biét rang do
dai doan thang 4B bang 24,

a5 a5 a5
A. 2 . B. 4 . c. 3. D. a5
Loi giai
Chon D
A.’ D
M
Bl’ i ! ', 0 Cl’
1/
L)
[ |
/
Il 7 |
% el
< N
-~




Sau khi x€p miéng bia lai ta dugc hinh [ap phuong ABCD.A'B'C'D' canh 24,
O 13atdm claa 4'B'C'D’,
Goi M- |an luct 1a trung diém cac canh 48:4'5.

I
OM =—A'D'=a
= MN =A44'=2a 2

{ABLOM
Lai c6: (ABLMN = 4pion = d(0.4B)=ON =Jor’ + MN* =a5

Cau 46: Cho hinh chép S4BC c6 tam giac 4BC 1a tam giac vudng tai 4, AC =av3
HBC =30 Géc gitra SC va mat phang 4BC bang60 . Canh bén 54 vuéng

g6c véi day. Khodng cach tur 4 dén (55C) bang bao nhiéu?
a6 a3 2ay3 3a
A. V35 B. V35, c. V3 D. V5
Loi giai
Chon D

Dung 4AM L BC. AH L SM
Ta c6:

AM L BC
| = BC L(S4M)

SA LBC | = AH LBC 3 AH Lsm = AH L(SBC)
= d (4;SBC)=AH

Tam giac SAC vudng tai 4 = S4 =AC.tan 00 —a3:3 =3a

asdc =aBac €-¢-8) = s4=p4=3q

I I I 1 1 4

= = + _ = + =

Tam gidc 4BC yudngtai 4 AM° AB° ACT 94 3a° 9a




I 1 I I I 4 5

= = + = = + =

Tam gidc SAM yudng tai A AH  SA AM’ AH' 9a° 9a° 94
J5

Cau 47: Cho hinh chép SMNPQ ¢4 day 1a hinh vudng canh MN =3a\2  SM vudng
g6c v6i mat phang day, SM =3a  ygi 0<a€R Khoang cach ti diém M dén

mat phang (SNP) bang

A. a3 B. 2av6 C. 2a\3 D. av6
Loi giai

Chon D

Goi H |a hinh chiéu cGa M trén SN . Ta cé:

(NPLMN _ \p (SMN)
) = NP L (SMN
| NP LSM | my SH c(SMN)= NP LsH
[SHLNP | o (SNP)
; = L(SN
[SH LSN hay khoang céch tir diém M dén mat phang (SNP)
bang MH
I 1] T J '}

Vi — .w.*t SM _= BG;BGJ: e Jo

Trong tam gidc vuong SMN ¢4 VMN? +5M° \9a® +184°

Cau 48: Cho hinh chép S-4BCD ¢ dudng cao 4 =2a, ddy 4BCD |3 hinh thang

p AB=2a,AD =CD =a

vudng & 4 va . Khodng cach tir diém 4 dén mat

ang (SBC) bang

ph
2a 2a
A. V3 B. V2 c. 3 D. av2.

Chon A



+ Lay E la trung diém 4B = t(& gidc ADCE |3 hinh vudéng canh bang ¢
= AC =a2

A A — — = 3

ACB g, ACTHBC =(av2) +(av2) =40 =a5" AACB yydng tai €

= BC L AC (1)

SA L(4BCD)= pr | sy (2)

T (1) va (2)= BC 1(54C)

+  Dung AH LSC ¢4 AH 1 BC (vi B¢ L(s54¢).(54C) > 4H )
= AH 1 (sBC)= d(4:(SBC)) =4H

,
Iﬁ: |ﬁ+ Iﬁ:|ﬁ+ Iﬁ:?’ﬁ:AH:i:d(g;(sgc)}
AH?  AS® ACT 4a° 2a° 44 3

Cau 49: Cho hinh chép S-4BC ¢4 S4 vubng gbc vdi mat phang (4BC)

, day 4BC |3
tam gidc vudng can tai B, AC =a 2 Goi G la trong tdm tam gidc S4B va
K 1a hinh chiéu cta diém 4 trén canh SC ., Goi ¢ |a gbc gilta hai mat phang

(4BC) va (AGK). Tinh cosa | biét rang khoang cach tir diém 4 dén mat

a
phang (KBC) bang V2

cosar =§ COS¥ ——— cosd ——— Cosdl ———

Chon D



Tam gidc 4BC yudng can tai B ma AC =a\2 suy ra A8 =BC =a
Do BCLBA BC Lsd (y SAL(BC)y Lo BC L(S4B)

Goi H la hinh chi€u cta diém 4 |én SB, thi 4H LSB AH LBC (v

AH =d (4,(sBC)) =L
BC L(SAB) oy, AH L(S4B) o el

Ap dung hé thic lugng cho tam gidc vudng S4B véi dudng cao 4H | ta dugc:
1 1 1 1 1 1 1

'i: 'i+ 'i: 'i: 'i_ W:_-‘
AH™ SA" AB° 5S4 AH AB° a = S4=a pén tam gidc S4B vudng

can tai 4 do dé trong tdm G thudc 4H .

Ty AH L(SBC)= AH LSC o 4k 1 sC pap SC L (4HK) hay SC L(4GK)

. SCL (4GK) va M 1(4BC)

vV (4GK) va (4BC)

nén goc gitra hai mat phang
chinh 13 géc gilta hai dudng thang SC va S4 hay ¢ =€54.

Y L _V3
Theo trén ta c6 SC =VS4 +4C° =a\3 suy ra AC a3 3

Cau 50: Cho hinh 1ap phuong 4BCD.A'B'C'D' canh a. Tinh khodng cach tir 4 dén

mat phang (4'8D) theo «.

a3 a3
A. 3 . B. a3 C. 2a\3 D. 6

Loi giai

Chon A



Goi I =ACNBD 5 H |3 hinh chiéu cta 4 1én dudng thang 4'7.
| BD L A1

|BD L Aq'= BDLAH
Ta c6: -
-:jg—iﬂ: AH L(A'BD)= d(A,(A'BD)) =AH
I_\:I_'+ I_|: : +I—_|:i_|=:-,ch:ﬂﬁ
AH® A AA" fa\.@}: a a 3
Ta c6: 2

Cau 51: Cho hinh lang tru tam gidc déu 4BC.A'B'C' cé tat ca cac canh bang 4.

Khodng céch tir 4 dén mat phang (4'BC) bang
a12 a21 a6 a3
A. 7 . B. 7 . Cc. 4 . D. 4
Loi giai
Chon B
A’ Fold
\B
E
A \\ \\C
D

B
Goi D 13 trung diém canh BC, E |3 hinh chiéu cla 4 lén 4'D.

BC L AD
{ = BC L(4DA")= BC L AE
Ta c: | BC+A44
[AE LBC AE L (4'BC)
= 4
{AE_A'D d(4.(4'BC)) = AE

- , suy ra



a3

AA'=a,AD =
Trong tam giadc 4'4D cé: 2
5
I-.: I.,+ Iﬁ:L_‘+iﬁ:iﬁ=ﬁAE:ﬂ£:u
AES AA" AD' & 3d 3a N

Cau 52: Cho hinh Iang try ding ABCABC ¢4 gay 4BC |3 tam giac vudng tai 4,
AA'=AC =a y3 AB=a\3 Khoadng céach tir diém 4 dén méat phéng (4'8C)

bang
a2l a3 av21 a7
A, T B. 7 . c. 3. D. 3
Loi giai
Chon A

KéAE_BC (E€EBC). AH LAE(HeA'E)

BC L AE )
|~=v— BC 1L (A'AE)= BC L AH

Ta cé: BCLA4]

M3 AH L AFE= fiH_f_ABC}.

Do d6 khoadng cach tir diém 4 dén mat phang (1 BC) pang 4H .
1 1 1 4
+

Xét tam gidc 4BC vudng tai 4 ta cé AE° AB ACT 3a
Xét tam giac AAE vudng tai 4 ta cé
1 1 1 4 1 7 a~21
7

s E———t——=—+—-=—-= 4AH =
AH™ AE° AA 3a a 3a




Cau 53: Cho t¢ dién O4BC g OA0B.OC 45 met vuéng géc. Biét

0A =a,0B :3”=G‘::""J§. Tinh khoang céch tur diém O dén méat phang

(4BC)
& 2a\/§ a\/ﬁ a_
A V2 B. V19 c. V19 p. V19
Loi giai
Chon B

A

Trong tam gidc 048 dung dudng cao OH , trong tam gidc 9CH dung dudng

BC 1L OH

{ = BC L(04H)= BC L0I(2)
cao 1 = O LCH() ‘Mat khac ta co [ BC+04

LTu
(1) va (2) suy ra @’ 1 (480)= d(o:(480)) =01
Xét tam giac OAB vuéng tai 0 cé
2 2 F 4 ]
OA =a,0B =2a= OH :J o 05" :Jj'ﬂﬂ =2
o4’ +08 \sa® 5
Xét tam gidc OCH vuong tai O cé
¥ 2 2 = 4 -
' :ﬂﬁ__GH :i::r o = GC_: o1 - :Jl._.ﬂ-‘ :Hﬁﬂ
NG oc*+or 19 9
)
d (0:(4BC)) =01 :“ﬁ”.
Vay Jio
Cau 54: Cho hinh chép t& gidc S-ABCD ¢4 day 4ABCD |3 hinh binh hanh tam 9> mat
phang (54€) vudng géc vGi mat phang (SBD). Biét khodng cach tur O dén

cac mat phang (s48).(sBC).(scD) lan luot 1a 1;2;‘6. Tinh khodng cach 4 tu

O dén mat phang (SAD).

i=[2
A. 20



W
Il
=]

0w
2
Il
ot & =

Loi giai

Chon B
Cach 1:

B'

Goi P-4:%V 1an lugt 1& cdc khodng cach tu O dén cdc mat phing
(548),(sBC),(5CD).(5DA).

(54C) dung duong thadng qua O vudng géc véi dudng

thdng SO cét hai dudng thang $4:5C |an lugt tai 4-¢"

Trong mat phang

(s5D) dung dudng thadng qua O vudng géc véi dudng

thédng SO cét hai dudng thdng 5250 |an luot tai 8-0".

Trong mat phang

Do (54¢) L (58D).(54c)n(5BD) =50.4'C' L 50 nan 4'C 1L (s8D)
= A'C'LB'D"

Khi d6 t& dign OS4'B' ¢ US.04%0B" 3ai mot vudng gdc nén ta chiing minh
dugc

— =t ——+—=()
Ching minh tuong ty: ¢ ©5 0OB" 0CY
] | 1 I

_-.: -.+ -.+ -.(3)
u OS5 oCc" oD"

’




1 1 1 1
—=——% —+ - (4)
v a8 abv o o4v

1 1 1
—t—-=—+—
(”._(3)-_(3)-_(4) ta cé - T Y N
TU

1 1
4 =

l
NG

p=lg=2u :JE =

I
— — =1 S
e

A

Dung méat phdng qua O, vuéng géc véi SO, cdt cac dudng thang
SA. SB,SC.SD |41 |yot tai 4-B-C-D'= so L(4BCD)
vi (540) L(sBD) = 4°c’ LBD’
I ! »

T2 o SO0 047 o087 d(0(s4)) ()

1 1 1 1 |

'!'+ -1+ ¥ = . -
so* o8® oc? do,sBC)) 4 (2)

I 1
SO° ¥ oc? +GD'3 ~dlo,(sc’D)) s | 3)

I1-+ I.-1+ I.-'!n: I e :L_’
so* op? o04? d(o(sp4)) & (@)

. RPUL R DR B 11
DW= 145=3+ 7 = d =15

Cau 55: Cho hinh choép S-4BCD ¢4 day la hinh chit nhat, canh 48 =24D =2a. Tam

giac S4B déu va nam trong mat phang vuéng géc véi day (4BcD) Tinh
khodng céach tir diém 4 dén mat phang (SBD).

a3 a3 a
A. 4 . B. 2 . C. 2. D. a4,



Chon B

\A_""_____
S

K& SI L A4B.

., SAB day vi n3 < 2 A . 2. (4BCD)
Do tam giac déu va nam trong mat phang vuong goc vai day :

= 713 trung diém clha 4B va ST —(ABCD).

s
= SI :“”f —a3.

ASAB §éu canh 24

IK 1BD(KeBD) AH LBD (Hesp) = K Z%AH
Ké
" 7 LSK,(JesK) ().
IK LBD
T cg | ST L(ABCD)= SILBD = gD 1 (SIK)= BD LIJ (2).

Tir (1) va (2) suy ra /L (SBD)=d (. (s8D)) =1,

| | | 1 5 _2a _a
— = —+ - = — = ﬁ:".-!H——:'fK——.
Taco: AH® AB AD  AH® 4a° J5 J5
1 16
Lﬁ:lﬁ-l- Iﬂ::r == | a\j_:m(f(f 53[;].)_ ﬁ
- sr IxK IJ- 3a
24 (1,(SBD)) = :@

I 13 trung diém 4B ~ d (4,(sBD))



Cau 56: Cho hinh chép t& gidc déu S-ABCD cb canh day bang 24 va chiéu cao bang

av3  Khoang cach tir 4 dén mat phang (scD) bang.
a3
A 2. B. 4. c. a3, D. 2a.
Loi giai
Chon C

Vi chép S4BCD |3 chép déu nén 4BCD |3 hinh vubng canh24,

Goi O la tam hinh vubng, ta cé Eﬂ_(ABCD].

T c6? (4,(scp))=2d(0,(scp)) |

Goi K trung diémCD = OK LCD | ajc6 CD LSO,

Suy ra CD 1 (50K) suy ra (Sr:ﬂ)_(mﬁ:)_

Trong (s0K) ke O LSK = OH 1(scp)=d (G.(SCD)}:QH.

Xét ASOK yudng taiQ, duong caoOH | ta cé

3 -+ - =—+—=0H =
OH- OK° OS5 a 3a

I I I I I 5;13 = d(4,(scp))=20H :ﬂﬁ

Cau 57: Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh 4a. Goi H la diém

thuéc dudng thang AB sao cho 3HA+ HB =0 Haj mat phang (54B) va

(srC) déu vudng goéc v3i mat phang ddy. Tinh khodng céch tir B dén mat

ohang (SHC).



Trong mat phang (4BCD) dung BI LHC

.

(54B)n (SHC)=5SH i1 1 (4BCD)
(SAB) L(ABCD):(SHC) L (ABCD) N

Ta co:

v

BI LHC

{ = BI L (SHC)= d(B.(SHC)) =BI
Khi d6: (BI+5H

Xét  trong tam giac BHC vuong tai B ta co:
5 7
Iﬁ: Iﬁ+ Iﬁ: 1 4 1 - .ﬂﬁ:BI:Iuﬂ
BI° BH > BC (3a) (4a)y 144a” 5
12a
(sHC)

Suy ra: Khodng céch tir B dén mat phang bang T.

Cau 58: Cho hinh chép S-4BCD ¢( tat ca cac canh déu bang 4. Goi £ |a trung diém

cla canh 4. Tinh khoang cach tir S dén mat phang (FCD)?

S
A. 2 . B. V5 . c. Vil | D. V9 |

Chon C



Goi @ =ACNBD G=SONFC= G |3 trong tdm tam gidc S4C,

d(s,(Fcp)) _sG _
. d(0.(FcD)) 0G = d(s.(Fcp)) =24 (0,(Fcp)) =21

Do dé
Lai c6: 4BCD |3 hinh thoi nén O 13 trung diém cda ¢ BD vy oc LoD

_ J.S’G_(AECD)

My; 54 =SB =SC=5D  [0A=0B=0C=0D = 4BCD |3 hinh vuéng.

=

) )
= OC =0D :”‘fF = 05 =\[sc’ - oc* :“";‘F = OG :'go.s' _aN<

0

1 I 1 1 22

== —

Khi d6: OGCD |a t& dién vuéng dinh O I oOC

|
= h Z,I—a
22

= d(s,(Fcp)) =2h :\Ea

Vay

Cau 59: Cho hinh chép $4BC ¢6 S4 yubng géc véi mat phang day. Biét goc
BAC=30") SA=a vy BA=BC=a_ Goi D I3 diém d6i x(ng véi B qua A4C.
Khoang cach tir B dén mat phang (5¢2) pang

/i 21, i V2

A. T B. 7 . c. 14 | D. 2

Chon A



Do D Ia diém déi xting véi B qua 4Cva DABC can tai B nén t& giac
ABCD |3 hinh thoi canh 4. Suy ra DBCD |3 tam gidc déu canh 4.
_ f:w’??
Goi M 1a trung diém ctaCD, suy ra BM ™ CD y3 ' 2
Qua diém 4, dung dudng thang song song véi BM va cat CD tai K.

a ~.I"_
2

. AK =BM =
Khi a6 4K~ CD 3
FCD ™ AK
; P D~ (s4K)P (SCD)~(S4K)
Taco 16P 754
Trong mat phadng (S4K)  dung 4H " SK  ygi H1 SK suy ra AH 7 (SCD) 4
H,

Do 4B song song véi mat phang D) nén d(B,(SCD))=d(4,(SCD)) = AH

xét DS4K yubng tai 4, ta c6

11 1 1 4 7 J21

—= —+ —=— 4+ _=_—_Pb 4H="4
AH- S4 AK° a 3da  3da 7

Cau 60: Cho hinh chép S-ABCD ¢4 ddy ABCD |3 nira luc gidc déu ndi tiép dudng tron
duong kinh 4D =2a | §4 yybng géc véi day va 54 =af3 Goi H 1a hinh chiéu

cla 4 |én SB . Khoadng cach tr # dén mat phang (scD) bang
a\/g 3a\/6 a\/g 3a\/g
A. 3 . B. 8 . c. 2, D. 16

Loi giai
Chon D



Do 4BCD 13 nira luc giac déu ndi ti€p dudng tron dudng kinh 4P nén t& giac
ABCD ((ing noi ti€p dudng tron dudng kinh 4D, Goi ! 13 trung diém 4D thi

cac tam giécﬂAE‘ch‘ﬂCD déu canh @ va ACLCED  pap

AC =AD" - CD’ :ﬂﬁ_ L&y KeBC:Me AD sao cho HK ||SC: KM ||CD
= d(#:(scp)) =d (k:(scp)) =d (rm:(scD))

ISAB A 1 SB =2a

vubdng tai c6 va
SHSB =SA* = sy =9 _3a _ SH 3 _KC_MD
2a 2 SB 4 CB DI
mMp _mp 3 d((scp)) 3 (AC 1 CD

- = = = @ @ O o=_
AD 2pr 8  d(4:(scp)) 8 5 cDLsd €D L(s4C)
. Do

Vay :
S4C r AN LISCD dlA:SCD)) = AN
Tro mp(SAC) kg AN L5C 4 N thi ( )= ala( ) :
a6
A a sa=ac=a3y 5. N7
£SAC \upng can tai 4 (Do ¥4 =AC =av3 ) nan 2
d (H:(scD)) =d (Mm:(sCD)) :g.m‘ :3‘:—f

Vay

Cau 61: Cho hinh chép S4BCD day I3 hinh thoi tdm O canh «, HBC =60"
3a

S4 =———
S _(ABCD), 2 . Khoang cach tr O dén mat phang (SBC) bang
W sa La sa
A. 8. B. 8. C. 4, D. 4.



Chon A

Cach 1:

xét MBC 544 do Upc =60° vy 4B =BC
Lay ! 13 trung diém BC, ke AH LST i H
BC L S4= BC L(85471),4H c(541)= BC L 4H

Ta c6: 4 LBC my
Tuyy = AH L (sBC) tai = A =u'[.4~[5.-5'£_'i}.
Al a3
Ta c6: MBC gau canh = 2
xét ASA! vudng tai 4 cé:
T O a3 o A =~ (45D

Ta co:

i (D"UBL:H _9C L 4(0,(sB)) =La(a,(sae)) =22
d(A(sBC)) 4c 2 2 8

Cau 62: Cho mot chau nudc hinh chép cut déu (hinh v&) cé chiéu cao bang 3dm , day
la luc gidc déu, do dai canh ddy 16n bang 24m va d6 dai canh ddy nhé bang
ldm  Tinh thé tich cla chau nuéc

A. -




Loi gidi

o 2f] s o[ 1F] 8

Dién tich day cla chéu bang T
Chiéu cao cla chau bang # =3,

Thé tich chau bang

:g(s,+5:+,f.ﬁ) w’_ 3“‘!_ JMT‘

Cau 63: Cho hinh chép S-4BC ¢4 ddy 4BC |3 tam gidc déu canh @, canh bén $4
vudng géc véi mat phang day, goc gitta S4va mat phang (SBC) pang 45°
(tham khao hinh bén). Thé tich khéi chép $-4BC bang

S




Goi M Ia trung diém BC thi AM LBC yi SA LBC pan BC L(S4AM).

Ké AH LSM tai H thi AH —(SBCJ. Suy ra géc gitta S4va mat phang (SBC)

sS4 =am =23

bang ASH =UsM =45" po g6, ASAM yudng can & 4 va 2

poo L @ a3 _a

Suyra 3 2 4 8

Cau 64: Cho khéi chép SABCD ¢é day 1a hinh vudng canh 4, SA vudng géc véi day

va khoang céch tir A dén mat phang bang 2 . Tinh thé tich cla
khéi chép da cho.
@ NE @
A. 3 B. @ c. 9 D. 2
Loi giai

Chon A



Ta c6 BCLABBC LSA= BC LAH g AH LSB= AH L(SEC)

d(A:(sBC)) =AH :@

Suy ra 2
11,1 g,
Tam giac SAB vuéng tai A c6: AH® SA° AP .
1 a
V. =—8AS8 =—.
Véy SABCD 3 ABCD 3

Cau 65: Cho khéi chép S-ABCD 6 day ABCD Iy hinh chi nhat, 4B =a, AD=a\3

(SBC)

SA yubdng géc véi mat phdng day va mat phang tao véi ddy mot géc

60" Tinh thé tich ¥ cta khéi chép S-4BCD

A. V=3 B. 3 C. V=a D. 3

Chon C

Ta cé S socp :\Eﬂ_.



(SBC)N(4BCD)=BC
e Lsac(sec) = UsAc).(4Bcp)) =ts5: 48) =884

. \BC L AB = (4BCD)
Vi !
Vay 9B4=60°

tan 60° =>4 = 54 = AB.tan 60° —a3
Xét tam gidc vuéng S4B cé AB

1
R Vs asen == S isep34 ——ﬂ‘ BG-JF =a’
Vay 3 3

Cau 66: Cho hinh chép S-ABCD ¢4 day la hinh vuéng canh 4, $4 vuéng géc véi day,

SC tao véi mat phang (SAB) mét géc 30", Tinh thé tich khéi chép S-ABCD
20 J2d* J6a
A. 3 B. 3 c. 3 D. 2d
Loi giai
Chon B

S =@

ABCD

+) Do ABCD la hinh vudng canh a nén:

BC 1 (SAB
+) Chitng minh dugc (84B)= g6c gilta SC va (SAB) 1a CSB=30°,

+) bat SA=x= SB:‘J'XE +d  Tam gidc SBC vuong tai B nén

_BC
0
tan(CSA =tan 30" = J_ =5
Ta dugc: SB=BCY3 = X' +& =af3= x=
1 g
1i"}II-S-'I.E'-C.E' 3'5‘4‘5-1335' _3GJ_ 3

Vay (bvtt)



Cau 67: Cho hinh chép S-4BC ¢4 day Ia tam gidc vudng can tai & canh bén $4
vudng géc véi mat day, bit A8 =4a. 58 =0a. Th& tich khéi chép S-4BC 13 V.

3
a

Ty s6 3 13
5

J5 S5 35

A. 80 B. 40 C. 20 D. 80
Loi giai

Chon B

Ta cé:

+ DABC yudng can tai ¢-48 =42 syy ra
AC =BC =2a4/2.

1 s
S 5o =—AC.BC =4a’.
2

L

Do do6: =

+ 5S4 1(4ABC)= 54 1L AB= D ABC vubng tai A

SA =SB - AB’ =J(6a) - (4a) —2a.f5.

+ Khéi chép S-ABC ¢ 34 1(4BC)

5
=y :;—5_:.&..5/1 :%4943.2:14@ _Sa'\5

3
ﬂa _ ﬂ.‘a _JE
3 3825 40
Vay ty so: 3

Cau 68: Cho hinh chép tam gidc S-4BC cé ddy 4BC [a tam gidc vudng tai B,
4B =a UCB=60" canh pan 54 vudng géc véi mat day va SB hop vdi mat
day mot géc 45°. Tinh thé tich V' cla khdi chép S-4BC,

. _aE\}B a‘\fg _ a a‘\fg
Vo= V V =——— Vo=
8 12 c. 23 D. 9

A. 1

Chon A



A8 3

., = B —=—a
ABC |3 tam giac vuong tai B, 48 =a, Ues =60 tan60" 3

(3. (480)) =tds, 4B) =45°

nén tam giac S48 vudng cén tai S = 54 =48 =a

1 1 3 3
Vi oe == S BABC.SA =—a.a £a =4 3
§ 18

3 Sviac-SA =

[

!
3

Cau 69: Cho hinh chép S-4BCD ¢4 day 4BCD |3 hinh chir nhat 4B =a vy 4D =2a

canh bén S4 vuéng géc vai ddy. Tinh thé tich ¥ cla khéi chép S-4BCD pijét

géc gilta hai mat phang (SBD) va (4BCD) bang 60°.
i :a"«fﬁ p :a3u’ﬁ I,:fla}JE V :a"u’ﬁ
A. 15 B. 6 C. 15 D. 3
Loi giai
Chon C
K& AE LBD

(&8b).4BCD)) =8E4 =60°

Xét A4BD vubng tai 4

_ ADAB _2a* a5
JaD* + 47 a5 5

Xét ASAE yuodng tai 4

AE

5S4 = AE.tan60° :zﬂf{:l"fﬁ

Khi dé thé tich S-4BCD

i 2af15 . - * 15
P :ELSAS,{BL':D _1 H:ﬂ__la- _4a NH

3 15



Cau 70: Cho hinh chép S-ABCD ¢g 4B =53.8C =33 g4c Bap =Bep =90 | 54=9 3

SA yuéng g6c véi day. Biét thé tich khéi chop S-ABCD ping 66V3 | tinh

(SBD)

cotang cla géc gilta mat phang va mat day.

S

D
B
C
204/273 Jo1 3273 991
Al 819 . Bl 9 L] cl 20 DI 9
Loi giai
S
D
B
C
| |
Ve ooy =—SAS 4oy = 0043 =95, = 5. =443
Cé: 3 3
| |
—AB.AD +—BC.CD =#+f3 = 54D +3CD =44
Suy ra 2 2 . (1)

Ap dung dinh Ii Pitago trong 2 tam giac vudng ABD:BCD 5 ¢6:

AB* + AD* =BD” =BC" +CD" & CD" - AD" =48 (2)
AD =4
47

AD =—
Tu (1) va (2) suy ra



=47 Aﬂf.ﬂ=:- AD =4

AD =—
2 khoéng thdéa méan do tir (1) ta cé: 5

Trong tam gidc 4BD, dung AH L BD |aic6 5S4 L BD = BD LSH

Vay géc gilra (SBD) \ 5 day la géc SH4.,
¥ 3 3 2
) BD :@.AH :AB.AD :.,U«.I'H'?E cot Bri4 :AH :“U-J.,'??&
Dé tinh BD 91 54 8219

Cau 71: Cho hinh chép S-4BC ¢4 day 4BC |3 tam giac déu, 54 l(‘JBC). Mat phang

(SBC) (4BC)

cadch 4 mét khoang bang ¢ va hop véi mat phang g6c 30", Thé

tich cta khéi chép S-4BC bang

8a’ 8a’ J3d 4q’
A. 9 . B. 3 . c. 12, D. 9 .

Goi I la trung diém sta BC suy ra gbc giita mp(SBC) va mp(ABC) la

514 =30°

H |3 hinh chiéu vudng géc cta 4 trén S suy ra d(4,(sBC)) =aH -4,

AH
Al =——— =2a
Xét tam gidc 4HI vubng tai H suy ra sin 30
Gid st tam gidc déu 4BC cb canh bang *, ma 4l 1a dudng cao suy ra
2a —T£=-" X - 4a
2a=x=== . J?T
" 4a |’ NN PR E)
5.:'Hl.' = = — =
Dién tich tam gidc déu 4BC |3 V34 3



2a
54 = Af tan 30" :E

Xét tam gidc S4/ vudng tai 4 suyra

I | 4a°\3 2¢ 84°
S Ly e &
Vay 3 33 B9

Cau 72: Cho khéi chép S-ABCD ¢4 ddy 4BCD |3 hinh vudng canh 4. Hai m&t phang

(54B) 5 (SAD) o yusng géc véi day. Tinh thé tich khéi chép S-ABCD pit

rang SC =av3
4 V :I:Z"_'1 I _a ﬁ ” _ﬂ?\ﬁ
A. If;S---TBL".'} :aﬁ . B. 5. ABCD 3 c s.ABCh T 3 D F.ABCD — 9
Loi giai
Chon B
Vi hai mat phang (54B) va (s4D) cung vudbng gb6c véi day. Ma
(s4B)N(54D)=SA _, 5S4 L(4BCD)
nén

Ta co: AC :a-JE. 54 :m :J(HNE)- - (ﬂﬁ)- =a

W, —i—sAs —I—ﬂa: _a
Thé& tich khéi chép S4BCD |y. ~ ™" 3 7% 3 3

Cau 73: Cho lang tru ding ABCABC ¢ day la tam gidc déu canh ¢ A4 =2a. Goi
M.N |an luot la trung diém céc canh A4, BB va G |a trong tdm tam giac
ABC | M3t phang (MNG) cat CA.CB |5n |ugt tai £>F. Thé tich cda khéi da
dién c6 sau dinh ABMNEF 544

2\/§a3 \/grf 2a’ \/§a3

A. 27 B. 27 C. 27 D. 7




C B
~
E 2 T
A b
7-1 TR W o N
M
C’ i B’
A'

Do MN I {ABC)= [.-‘Irf.-"»"G}f"l[ABC]I:EF.-".-"AB. Goi P 1a trung diém CC'. Ta ¢c6

MNP.EFC |13 mot chép cut.

- - - I - C'P
L-:'H\'-.f-‘.'-" :r’.f-‘n'.'-.rk.“ - L'..rx.“..l.'.rt' :;L.:'m'..s.'sl' ) 3 (5"'""“ +5-‘.'-*'L' * '\,‘5-.;\.“5.‘:.*1' )

|.J§ﬂ:.r}} ﬂ.ﬁﬂ:"h‘z':ﬁﬂ:‘*_ ﬁﬂ:"ﬁ':\ﬁﬂ:. Eﬁa"
=] ——|l2a)- —] —— — — =
21 4 | il 4 3] 4 4 13] 4 27
.
5l_r'._,"- :5-'|‘jl.' :EGE;E :ﬁ :E -~ = ANCEF — ACAB
Trong d6 . 4 c4 CB CI 3
- ..}-2 ..}-2
== 5'.':‘-‘ :‘ = 5'.'.:':‘5 :‘ - Eﬂ:
ti s 3 3] 3] 4
2q 2
Scer =I—CE .CF sin BCF :I— a4 2a E :ﬁﬂ
Hoac 2 2 3 3 2 9

Cau 74: Cho hinh chép $-4BCD ¢4 day 4BCD |a hinh vudng canh @, mat bén S48 |
a tam giédc can tai § va nam trong mat phang vudng géc vai day; géc gilra
SC va mat phdng ddy bang 45°. Tinh thé tich khoi chép S-4BCD bang:
PENE] a3 a5 a5

A. 12 B. ¢ C. 24 D. ©

Loi giai
Chon D



Goi H la trung diém cta 4B, ASAB cgn tai 5= SH L AB
(S4AB) L(ABCD)

(54B)n(4BCD)=AB! = SH 1 (4BCD)
SH c(S4AB).SH L AB

& (uscp)) =Scr =45°

= ASHC yyo6ng can tai 4

2l 2l ] : 5
= SH =HC =BC® +BH" = |d° +“'I :"":r

2 . S,p =AB’ =a

| I a5 a5
= V:\'..;m-n :—-5_:-HL-J-1-5'H =——ia. 5 =

0

Cau 75: Cho hinh chép S-4BCD ¢6 day 4BCD |3 hinh chir nhat, tam gidc S48 |a tam
gidc déu canh @ va nam trong mat phang vudng goc véi ddy. Mat phang

(SCD) ta0 véi day géc 30°. Thé tich khéi chép SABCD |32
a3\/§ a3\/§ a3\/§ 5a3\/§
A. 4 B. 2 c. 36 D. 36
Loi giai
Chon A

Goi H, K lan lugt la trung diém 4B va CD,



SH L(4BCD) 5 (d%’)e(ﬂﬂfﬂ)) =SkH =30° |

Suy ra
H L = EH m :ﬂ'}?’ :I_ :?
Xét ASHK yuyéng tai H, c6 tan 30 RN
y lems, Zla3 e _a\B
Vay 3 R 3 2 2 4

Cau 76: Cho hinh chép t& gidc S-ABCD ¢6 day 4BCD |3 hinh vudng canh bang

V2a Tam gidc S4D can tai S va mat bén (54D) vudng goc vGi mat phang
day. Biét thé tich khéi chép S-ABCD pang 3 . Tinh khodng cach 7 tir B dén
mat phang (SCD).
h :ia h :éa h =£a h zﬁa
A. 3 B. 2 C. 5 D. 3
Loi giai
Chon A

Goi H |a trung diém cla 4D . Nén SH L AD

(54D) L(4BCD)
(s4D)N(ABCD)=AD = SH L(ABCD)

AD 1 SH .
: I ';1--------------------------'--B
Ta Co/: 5.-1’3['}} :2{12 :.": /,\;/ff
- D“' C
. 3_4&"\__'
= SH = 3 = _'3 =2a
5 2a

ABCD
Goi I |a hinh chiéu ctua H 1én SD

d (B:(scp)) =d (4:(scp)) =24 (H:(scD)) =21H

a3
SH.HD SH.HD T a 2
iH = D :‘J - = = = = =—da
SH- + HD- .| Al
J(Eﬂ)' + G:E ‘
Ma -
4
d(B:.(scp))="a
Vay 3

Cau 77: 111Equation Chapter 1 Section 1 Cho hinh chép t& gidc S-4ABCD ¢4 day

I3 hinh vudng canh bangv2a. Tam gidc SAD can tai S va mat bén (54D)



4 5
—a
vuéng géc vai Illét phéng déy. Biét thé tich kh6i Chép S.ABCD béng 3

Tinh khodng cach # tir B dén mat phang (scD)
hzia hzga h:ia h :§a
A. 4 B. 3 C. 3 D. 3
Loi giai
Chon C
Goi /13 trung diém cla 4D . Tam giac $4D can s
tai S ,\\
= SI LAD / N
."ll 1 \\\ \\ \'\\\
(ST LAD S NN
(s4D) L (4BCD) St 1(45¢D) TN i
Ta cb - H/,f\\ //
\
= SI'|3 dudng cao cla hinh chép. DL %&/
l 4,1,

Vi yen ==SIS o S —a’ =—SI.2a° = SI =2a
Theo gia thiét 3 3
Vi 4B song song V4i (scD)
= d (B,(scD)) =d (4,(scp)) =24(1,(sCD))
Goi H 13 hinh chiéu vuéng géc cta 7 1én SD,

‘ST LDC
= [H LDC
Mt khac (1D L DC Ta c6
'IH 15D
= 1H L(scp)= d(1,(scp))=1H
\IH 1 DC
! o)
I: I_MZI_‘+ I_':I_'+4_'::uff-j:£

Xét tam gidc SID vubngtai [H~ ST ID° 4a 2a

= d(B,(scp))=d(4,(scp)) =2d(1,(scD)) :%a

Cau 78: Cho hinh chép S-ABCD ¢4 dady 4BCD |a hinh vudng va tam gidc S48 déu
nam trong mat phang vuéng gdéc véi day. Biét khoang cach gitra hai dudng
thang $4 va BD bang V21 Hay cho biét canh ddy bang bao nhiéu?

A. 21 B. 2 c. V3 D. 7
Loi giai
Chon D



Gia st 4B =a. Goi H 1a trung diém caa 8= S ~AB= SH 1(45cD)

oo a0 0m,00 00, 0OO0m g |
sABD =(SH + HA)(BA+BC) =HABA =—a°

Ta cd 2
00 o, 0l ond I 5
2 e} — 2 _ : — 1=
= a «.L.CG.E(EA._BD)—ER = cas(.S'A._BD)——E == sin (S4. BD) = ‘s
Viascn —LsH 4D :lﬂﬁ.ﬁ‘: ., L Ve e =£a-‘
; 3 3 2 5 AT

I . 3.1 7 3
© =SABD.d(s 5,510 (54, BD) =|£_}ﬂ' = Ea.aﬁ.ﬁ.\g =|£_}ﬂ' = a=7

Cau 79: Cho hinh chép S-4BCD ¢4 day ABCD |3 hinh thang vudng tai 4 va B,

BC :lfiﬂ =a N . 2
2 . Tam giadc S4B déu va ndm trong mat phang vuéng géc véi
; 15
an o =—
day, géc gitta SC va méat phang (4BCD) bang 2 sao cho 5 . Tinh
thé tich khoi chép S-ACD theo @,
. a . a ; _93£ ; a3
Vs aco _? Vs aco _? o Viien = p D Ve sen = 6




Goi H Ia trung diém 4B, tir gid thiét ta cor 7 -(4BCD)

(sc.(4BCD)) =5cH =a

HC =yBH? + BC* :,’Lﬂf SH =HC.tan ct :,‘lﬂf.T”
P&t 4B =x  ta cé: 4 , 4 3

SH:x\E ’£+ﬂ3.‘\!‘r:;_5:.‘l"}3
Mat khac 2 .vaytaco: V4 . 2 e x=a,

1 ﬂ'-\.r’?_s
0

=a’ V,,,=—SHS, , =
¥ 3

a

AD+BC) AB : 2
S _( ) :?m 5. 255

ABC T

ABCI ACH

] - Al

i s
’ ’

Cau 80: Cho hinh chép S-4BCD cé day 1a hinh chit nhat; 48 =@:4D =2a 13 gisc

S4B can tai S va nam trong mat phang vudng gdéc véi ddy. Goc gilta dudng

thang SC va mp(ABCD) bang 45" . Goi M |3 trung diém cta SD. Tinh theo
a khodng cach 9 tur diém M dén (5403,
a+f1513 _ 2ayJ1315 a«1315 _2a4J1513
d= d="—""" d = d=""N """
A. 89 B. LR of 89 D. 89

= SH 1 (4BCD)

Goi H la trung diém doan 48

CH :,14:;3 + 4 :ﬂ.{ﬁ
Xét LBCH yubng tai B, cé: 4 2

asf17 H‘Jﬁ
2

, ) o  SH= 1SC ==
Xét 8SHC yudng can tai H, cé: 2 2

2 2 -
SA = ,'?” + L :3f:a
Xét £SAH yubng tai H, cé: 4 4 2

Xét MBC yudng tai B, c6: AC =va’ +4a” =a5.




= Sisu _Tﬂ:
a"‘\-"ﬁ 1 aaﬁ
V. . =l :—.EH.E._HI'...I =— I e =1 =
z. A E I 3 . L ] G

Ta co: : 2

1 a-f17 1 J89 a~f1513
Voo ==V = Ve vie == 8-S = a.d d=
F.ACM 2 5..4CH IE Mé F.MAC 3 DAL IE = 89

Cau 81: Cho lang try 4BC ABC ¢4 thé tich bang 24. Goi M>N va P 1an lugt 13 cac

diém nam trén cac canh 48-8C 3 BC sao cho M I3 trung diém cda

AB. BN :EEC BPZLBC ) i ) .
4 va 4 . Puongthang NP cat duong thang BB tai £ va

dudng thang EM cat dudng thang 4B tai 9 Thé tich cta khéi da dién 16i
AQPCAMNC s

59 5 49 2
AI 3 Bl 3 cl 3 Dl 3
Loi giai
E
Q >,
i,
"3 V. WU TS Vs
B ) >\
M

bat S, |an luot |a dién tich ddy va chiéu cao cla lang tru da chota cé S.
h :24 Vé

F =F -V NAT . , , N
AQPCA MNC ABC A BC BPOB NM ) Trong dé BPQB .'\-;'lr‘{ |a ChOp CUt cd Chleu cao h .

EB _EP EQ BP _BQ PO |
Ta c6 EB EN EM BN BM NM 3, Do d6 hai tam giac

. k =—
ABPQ = ABNM theoty s6 3

r_B’\, 3-"’?5_5 I__S:EE;EHI :‘l‘ r:I_
suyra ' BC B4 42§ 3] Taw T2



o

= SK— ‘—_E.l'r__ 24:5:‘; 13
BPOE N 3

I =2 - __=
.:. I_:lll\- .-:. I'.r"'l.. 3

Cau 82: Cho khéi chép t& gidc déu S-ABCD ¢4 canh ddy bang ¢, gdc gilta mat bén

L
L.»J|.c,

va mat day bang 60°. Thé tich V' cla khéi chép S-4BCD ping

v _a'\3 V_ﬂ‘\ﬁ V_a‘\/g ; a2
A. 2 B. 2 C D. 6
Goi O la tdam caa ddy, goi M |a trung diém caa BC,
SO 1 BC
Ta 6 OM LBC nén (som) L BC suy -
|(scp),(4BcD)| =(sm,0Mm) =5mo =60°
or =L8c =2 so=oatan o0’ =43
Cé 2 2, 2
> 4/ - pe N !J.:\-.:'l‘il.'l"l :IEGE 18C T :l ﬁ'ﬁ‘: :ﬂ-.ﬁ
Thé tich khéi chép S-4BCD |3 3 3 2 6

‘Dang ©: Cau trac nghiém dung, sai

Cau 1: Cho hinh chép S-4BCD ¢4 day Ia vudng canh 4. Biét S4 vudng géc véi mat

phang day va 54 =aV3 ya dudng cao 4H cla tam giac S4B .vé dudng cao
AK cuta tam giac S4D . Khi d6:

a) BC LAH
a3
b) Khodng cach tir 4 dén mat phing SBC) pang: 2
a2
c) Khodng cach tir 4 dén mat phang BD) pang: 7



a5

d) Khoang cach tir € dén mat phang (1K) pang: 3

Loi giai
a) bung b) Pung c) Sai d) Sai

'BC L SA( do S4 L (ABCD))
= BC L(S4B)= BC L AH
|BC L 4B

Ta c6: ,

m3a SB L AH pan AH L(SBC) hay d(A,(SBC)) =AH

Tam gidc S4B yudng tai 4 cé dudng cao 4H nén

| 11 ABSA _ a-afi a3

T = —+——= AH = =
AH® " AB® SA' JaB* +s4* o' +3a® 2

d(A,(SBC)) =AH ===~

a3
2

Vay

Goi O 13 tdm hinh vuéng 4BCD thy 40 LBD  t3 |ai c6 SALBD nén
BD J_(.S',-!C}ll (*)

Ké dudng cao 4E cha ASAO tny 4F L BD(gg (%),
Vay AE L(SBD) pay d(A.(SBD)) =AE

o 2 AC a2
Ta c: AC =a\2 (dudng chéo hinh vudng), suy ra 2 2
3 a2
4 = SA-40 _ > _ay2l
- 2 2 - o P - ';I'
JSA4T + A0 JBaf , 2a
Tam giac S40 vyuéng tai 4 cé: '



d(A,(SBD)) =AE =

a21
Vay 7
'SC L AH
) = SC L(A4HK)
Ta ching minh dugc 4K L(SCD) knj go: |5¢ +4K
Goi £ =SCN(AHK) tny SC L AF

Khi dé: d(C,(AHK)) ZCF.

Ta c6: SC=NSA +AC° =3a" +2a° =a\5
Tam gidc S4C yuéng tai 4 cé duong cao 4F nén:

AC?  2a° _EGJE
cs a5 5

2a -\E

5

CF.CS =AC = CF =

d (C.(AHK)) =CF =

Vay
Cau 2: Cho hinh chép SABCD c6 day ABCD I hinh chit nhat véi 4B =av2,
AC=a\3 Canh bén S4 =2a v3 vudng géc véi mat day ABCD) | kni d6:

a) AD//(SBC)
a3
b) Khoang cach tir D dén mat phang (S8C) pang: 3
2a\/§
c) Khoang céch gilta hai dudng thang $P-48 pang: 5
24’
d) Thé tich khéi chép S-4BCD pang: 3
Loi giai

a) bung b) Sai c) bung d) Sai

a) Ta c6: AD!/BC= AD//(SBC)= d(D,(SBC)) =d(A4,(SBC))
Trong m&t phang S4B kg AH LSB tai H (1)

'BC | AB
= BC L(S4B)= AH L BC

Ta co: [BC LS4 L (2)

TU (1) va (2) suy ra AH L(SBEC) hay d{ A, (SBC)) =AH .

Tam giadc S48 yubng tai 4 cé dudng cao 4H nén:



. Y - ¥ o
L Vb SAAB 2a a2 _umﬁ_

S st a5 i +2a 3
2
d(D,(SBC)) =d(A.(SBC)) =AH :“"""@
Vay 3

b) Trong mat phang (54D) k& AK LSD taj K . (3)

(AB 1S4
= AB L (SAD)= AB 1 AK
Ta c6: (A8 +A4D (4)
TU (3) va (4) suy ra 4K la dudng vudng géc chung cla hai dudng thang
chéo nhau 485D

Tam gidc 4CD vuéng tai D nén 4D =\4C*- cD" =3a*- 24" =a
Tam gidc S4D yuéng tai 4 c6 dudng cao 4K nén

| | | 4k = SAAD 2a -a 2a5
— = — + — = = = = .
AK™ 54" AD” JSA+ 4D \J4d +a 3

EG\E

5

d(AB,S5D)=AK =
Vay

5.;&';1 = -ﬂﬁ :ﬂ:ﬁ

c) Dién tich day hinh chép la:
Thé tich khoi chdp can tim la:

! LI e C
3

3 (don vi thé tich).

Cau 3: Cho hinh chép S-4BC cé mat bén (518) yudng géc v6i mat day va tam giac
SAB géu canh 2a. Biét tam giac 48C vudng tai € va canh AC =a\B3 ki d6:

a) SH L(4BC)

p) 4(5.(4BC)) =a\3



d(C.(548)) =3
c) 3

a3
d) Thé tich cta khéi chép S-4B8C pang ©
Loi gidi
a) bung b) Pung c) Sai d) Sai

a) Goi H 13 trung diém 4B, ma tam gidc S4B géu nén SH L 4B

Ngoai ra (54B8) L(4BC) nap SH L(4BC).
Y
d(S,(ABC)) =5H ==~ V3 =af3( \
Ta c6: 2 do tam giac S4B géu canh 29).
s
2a 2a
B A
aV3
q)
C

Ké dudng cao CK cla tam gidc 4BC,

'CK | AB
) = CK L(SAB)= d(C.(SAB)) =CK
Ta c6: (K +5H

Xét tam gidc 4BC vuong tai € cé:

BC :JABE_ AcC? :J4ﬂ:_ 3a° =a:CK :CA ‘CE _a 3 a _ﬂﬁ

AR 2a 2
asf3
d(C,(SAB)) =CK =
Vay 2
P A . , N , . A ABC :lfif B :I_ 3 a :ﬂ-ﬁ

Dién tich day hinh chép la: 2 2 1

., L Ve :I—EH S\ e _! a3 L 3 _a
Thé tich khoi chop la: 3 3 2 2



Cau 4: Cho hinh chép S-ABCD ¢ day ABCD |3 hinh chit nhat véi 4B =2a 4D =a
Hinh chiéu cta S 1én mat phang (4BCD) |3 trung diém H cha 4B va
Scr =45 kni g6:

a) BC L (545)

arfo

d(H,(SBC)) =——
b) 3

c) Goi K 1a trung diém CD khi d6: P L(SHK)

d(H.(SCD)) _ao
d) 2

Loi giai
a) bung b) Pung c) Pung d) Sai

a) Ké dudng cao HE trong tam gidc SBH (1)

'BC | AR
BC 1 (SAB)= BC LHE

=
Ta cé: ' BC LSH( do SH L(ABCD)) . (2)

TU (1) va (2) suy ra HE 1 (§BC) hay d(H,(SBC)) ZHE.

Tam gidc BCH yubng tai B cé:

CH :-JB::* +BH’
:\-Jﬂ: +a :ﬂqﬁ.

Tam giadc SCH vuéng tai H cé:

tan SCH :%: SH =arf2.
c

Tam gidc SBH yuéng tai # cé dudng cao HE nén



1 1 |
HE" SH® BH’
SH ‘BH

1}'5H:+BH3
_ ﬁ‘ﬁ i _w‘E

_\J"Eﬂ: +a’ B

a\fo

d(H.(SBC)) =HE =

= HE =

Vay

b) Goi K |a trung diém CD thi HK |3 dudng trung binh cta hinh chit nhat
ABCD nap HK//BC//AD= HK 1LCD

P

{CD_HF{

= CD L(SHK)
CD L SH

Ta co: !

Ké dudng cao HI cla tam giadc SHK

P

{HF_SF(

= HI 1 (SCD)
\HI L cD( do CD L(SHK), HI = (SHK))

Ta co:
Tam giadc SHK vuodng tai H cé dudng cao HI nén

. d 7.
'ﬂ:'ﬁ+ I;:-Hf: SH -HK :a-J:ﬂ :aJE_
HI*  SH® HK® JSH> +HEK® 2a°+a® 3

d(H.(scD)) =Hr =2Y°

Vay

Cau 5: Cho hinh hdp chit nhat 4BCD ABCD g 48 =a.AD=b, A4 =c pj g,

2) AB L (4ADD 4')

N e
b) Khodng cach tir diém 4 dén dudng thdng BD bang: Ja’+b* +c’

c) Goi 1>/ theo thir tu 13 tdm cla céc hinh chit nhat APPA.BCC B khi g6

IJ 13 dudng vudng géc chung cla hai dudng thang 4D va BC.
d) Khodng cach hai duding thdng 4D va BC bang 24

Loi gidi
a) bung b) Sai c) bung d) Sai



D.l C.F

n
S
’
()
A S B
’ (B}
~ Pr II
! : [}
Y " B
’ [
v r “
*\ J : l‘
~ '
VA N DU J
! \\ H ‘l
SN e )
/ . H f
[l
’I \‘ .' *
r
/ et HY
c S - I e ST T C
- -
! 2 Doy
‘ -
’ - ,-” b ]
PRy
27"
z
A a B

2 \ ./ ’ }r 44- BD :gdH
Ké duong cao 4H trong tam gidc 48D, suy ra d( ) .

X R . o v ar A AB L(ADD 4
Vi ABCD -ABC |3 hinh hgp ch{r nhat nén ( ].

suy ra AB LAD hay tam gidc 4BD vudng tai 4.

Tam gidc 4BD vudng tai 4 c6 dudng cao 4H nén

L _ v, ABAD avb® +¢°

AH®  AB° AD® JAB +4AD*  Ja* +b +¢&
d(48D)=—E *c
Vay -.,-‘ﬂ'+."1'+n-'_

ABIICD
Vi ABCD -ABCD |3 hinh hép chif nhat nén (4B =CD
= ABC D |3 hinh binh hanh.
D& thay 1>/ 1an luot 1a trung diém cta 4D va BC suyra Y 13 duding trung
binh cta hinh binh hanh ABCD = IJ//AB 'ma AB L AD nén &/ L 4D (1)

, AB L (BCCB)= ABLBC= I/ LBC
Ta co:

. (2)
Mat khac &/ cat ca hai dudng thang AD,BC (3

T (1), (2), (3) suy ra & 1a dudng vudng géc chung cla hai dudng thang
AD va BC Taco I/ =4B =a,

: Cho hinh chép déu S-4B8C ¢4 canh day bang @, goi O 13 tdm cua day va

_a3
3. Khi dé:

S0




A0 =
a) 2
d(0, s4) =2Y°
b) 0
or =23
c) K& dudng cao 4/ cua tam giadc 4BC, khi do: 6
d(0.(sBC)) =
d) 12

Loi gidi
a) Sai b) bung c) bung d) Sai

Ké dudng cao A/ cua tam gidc 4BC, ta c6 O thudc A/,

Trong mat phang 41 | dung OH L SA taj H = d(0,54) =OH

7 ¥
\ a0 =2ar=2 0B a3 g,
Tam giadc 4BC déu canh @ nén 3 3 2 3 .
a3 A
OH :ﬁ: 3 :ﬁh\f"a
Tam gidc 540 vyuéng can tai O nén 2 2 6

d(0,54) =0H =2

o
—
Vay
Ta xét khoang cach tir O dén mat bén (SBC),
Ké dudng cao 9K cla tam giac SO! . (1)
'BC 1L SO( do SO L{ABC))
= BC L(SAI)= BC L OK

Ta co: (BC LAl (2)



TUr (1) va (2) suy ra 9K L(SBC) phay OK =d(0,(SEC)),

a3
o :ﬁz 2 :ﬂﬁ
Ta co: 3 3 0

Tam gidc SO yudng tai O cé dudng cao OK nén

a3 ﬂ-\E
- ' 5
L _ 1 1 o= SO0 _ 3 "6 _afi5
0OK® SO* or Jsot +or? J3a3+3rf 15
9 36
a5

d(0,(SBC)) =0K =
Vay 15

: Cho l8ng try ding ABC -ABC ¢ 4AC =a.BC =2a,4CB =120 . Goi M la trung
diém cla BB . Khi dé:

d(cc (ug a))="2"!
a) 7

a21
12

d(cc', Am)=
b)

0 A4 L(ABC), A4 L(4BC)

d) Biét khodng cach gilta hai mat ddy I&ng tru bang 2¢. Khi d6 thé tich khéi
lang tru la: 03\5.

Loi gidi
a) bung b) Sai c¢) bung d) Pung

T cg. CC 11BB = cCl/(4BBA) . d(cc.(uBB 4))=d(c.(485 4 )).

Trong mat phéng (4BC) ke CH LAB taji H (1)
Vi ABC-4BC |3 hinh lang try ding nén 44 L(4BC)= CH LAA (3,

TU (1) va (2) suy ra ct 1(488 4)= d(c, (485 4))=cH |

Xét tam giac 4BC | c§ AB* =CA* +CB* - 204 -CB cos120 =7a" = AB =ayT



: Cho hinh chép S-4BCD ¢4

a

Y
e

S
.
~

Cl
' . |
e =—CA CB sinC =—AB CH
Dién tich tam giac 4B8C |3; MBC T >
a2a ﬁ
= H _CA-CB sinl20 e 5 a2l
e o7
=
d(cc (45 4))=crr =32
Vay 7

‘cc //(4BB A)

T 2 , 1AM c(4BB 4
AM va CC 3 hai dudng thang chéo nhau ma ! ( )

Ta cé

d(cc,am)=d(cc (4BBA)) =

_a\21
nén [

. TR o , N oAd L{ABC), A4 L\ABC
Vi ABC -ABC |3 hinh lang tru diing nén ( ) ( ).

= =2
Dovéyd([ﬂﬁf},(ﬁﬂf)) AA =2a

Khéi lang tru 4BC -4BC cé chiéu cao h =44 =2a | dién tich day la:

Y
/

-

1 : 1
5=5, =—CACB smnl20 =—a 2
- 2 ¥

-

V' =5Sh :ﬂ-.j?T 2a :ﬂﬁﬁ

Thé tich khéi lang tru la: 2

bing . Khi dé:

B

d(A,(SBC)) =X"a
a) 3

54 L(4BCD),54 =af3, 4BCD la hinh vuéng canh



b) AD//(SBC)

3

d(D,(SBC))=""q
c) 2

) d(M.,(SBC)) :Ea

d) Goi M 13 trung diém S4. Khi dé: 4
Loi gidi

a) Sai b) bung c) bung d) Pung

Ké AH LSB tai H

BC 1 54
= BC L(S4AB)= BC L AH
Ta co: |BCLA4B
Ta lai c6: AH LSB= AH L(SBC)= d(A,(SBC)) =AH
1 | 3
AH = = :£ﬂ
\{ 1, 1 J N
Ta co: SA4° AB (N3a) a

d(A.(5BC)) :ﬁa
Vay 2

AD//(SBC) = d(D,(SBC)) :Ea
Ta co: 2

Ta c6: MA cat (SBO) tai S

g 3

—_— =—a.

d(M.(SBC)) MS 1
= = = a
2 4

' |
d(A(SBC) A5 2 “M.(SBC))=2d(A,(SBC)) =3

Cau 9: Cho hinh chép S4BC c§ day & tam gidc 4BC vudng tai B c6
4B =LUCB =30 gigt SA yusng géc véi mat déy va SA=2. Goi H I hinh
chiéu cta 4 trén B, Khi d6:

g) d(4.5B) =AH



d(B,(S54C)) :%
c) BC =3
V3
d) Thé tich khéi chép S-4BC pang: 6
Loi gidi

a) bung b) Sai c) bung d) Sai

= -

Tam giac S4B vuéng tai 4, dudng cao 4H nén AH' SA° AB

SA-AB 21 245
JSA& + A J2 417 5

Trong m&t phang (4BC) k& BI LAC taj I
Mat khac Bl LS4 (do $4L(ABC). BI =(ABC))

Vi vay B L(S4C) gy d(B.(SAC))=BI

. BI . 3
s1n EAC =——= Bl =AE sIn o6l :£
Tam gidc 4Bl vudng tai / co: AB 2,

J3

d(B,(SAC)) =BI =

Vay

andca =25 = pc =28
Tam giac 4BC vuéng tai B c6: BC tan 30




I
=—BAEBC =

B

5 :51..:' C N
Dién tich day hinh chép I3: 2 . Chiéu cao hinh chép
h=S4=2
Thé tich khoi chép S-4BC |3: 3 32 3 (don vi thé tich).

Cau 10: Cho hinh I3ng try tam gidc déu 4BC -ABC ¢4 canh day bang 2¢, khoang
ABC) bing 2 . Khi dé:

cach tir diém 4 dén mat phang
a) Trong mat phang (4BC) (o anisc tai H . Khi dg: B'C'LAAH)

o) ¢ ((4BC).(4BC))=a.

¢) Dién tich day caa lang try la: @'¥5
d) Thé tich khéi lang try 1a: @'V3
Loi giai
a) biing b) Pung c) Sai d) Pung
Trong mat phang (48cC ), k@ AHLBC tai H.
Trong mat phang (AAH), ké AK L AH tai K. (1)

C

BICI_A’_IJ I I I I :‘BICI_{MIH}:'AIK_BICI{Z}
T c4: |B'C'LAAY(dOAA' L (A'B'CY)
ay3
. R AK L(4ABC cf’(A-(ABC)):Aﬁ::
Tu (1) va (2) suy ra ( )hay 2
r‘iHZEH ﬁ =axf3

Tam gidc 4BC déu cé dudng cao 2 .



Tam gidc 44H vudng tai 4 c6 duong cao 4K nén
| 1 1 | 1 |

— = —+ — = — = — —= 4 4 —a.
AK- AH AA da- 3a- AA

Hai mat ddy lang tru song song vd&i nhau va cé khodng cach la:
d((4BC).(4BC)) =44 =a.

(2a)*3 _ 3

A s , a s L L, . S iEe =a +3
Dién tich day cua lang tru (day la tam giac déu) la: 4

V=44 -5 .. =a a3 =P (

Thé tich khoi lang tru la: don vi thé tich).

Cau 11: Cho hinh tam giadc déu 5-4BC c§ canh day bang @ va canh bén bang ?
(a ;tb). Cac ménh dé sau dang hay sai?

a) boan thdng MN |3 dudng vudng géc chung cla 48 va SC (M va N |an

luot 1a trung diém cha 4B va SC),

b) Géc gilra cdc canh bén va mat dady bang nhau.

(4BC)

c) Hinh chiéu vuéng géc cia S 1&n trén mat phang
giac 4BC,

la trong tam tam
d) S4 vuong géc véi BC .

Loi gidi
a) Sai b) bung c) bung d) Pbung

0 ASAG =ASBG =ASCG | Syy ra gbc gilra cac canh bén va ddy bang nhau.

|54 =SB =5C
i |48 =AC=BC "suy ra hinh chiéu vubng géc ctia S 1&n trén mat phang
(4BC)

|3 trong tAm tam giac 4BC,

' BC 1 (S4r)= BC LS4



54 L (4BCD)

Cau 12: Cho hinh chép $-4BCD ¢4 va day A4BCD |3 hinh vudng tdm

O . Cac ménh dé sau ding hay sai?
a) ((sBc).(4BCD)) =584

b) d(D,(s40)) =D0

o) (5¢. (s4D)) =EsD
d) d(cD.sB)=BD

Loi giai
a) bung b) Pung c) Pung d) Sai

d: sai vi BD khéng vudng géc véi €D,

Cau 13: Cho hinh chép S4BCD ¢¢ S4 =X y3 tat cd cac canh déu bang nhau va bang
a . Cac ménh dé sau dung hay sai?

a) (s4c) L (4BCD)
b) Tam giac S4C |3 tam gidc vuéng.

<) (EAC)_(EBD).

h=
d) Chiéu cao cula hinh chép S-4ABCD |3 2

Loi giai

a) bung b) Pung c) Pung d) Sai

S,




TG gidc 4BCD ¢d 4 canh bang nhau = 4BCD |3 hinh thoi.
Goi H 13 hinh chiéu vudng géc cla s |én 4B8<2)
Vi s8=sc =sp = H |atam dudng tron ngoai ti€p ABCD
Vi ABCD can nén # thudc trung tuyén ké tu C.
= He AC
Nén dap an 4 € dang.
Ma ta c6: = He AC
AABD =ACBD =ASBD (c-¢c-c)= AD=CO =50= SO :l;irj_"
Ma ta co: 2
= ASACyubng tai S. Do d6 dap &n b dung.
Trong tam giac S4C, ke SH LAC,

'BD L 50
= BD 1 (54C)= BD L SH
Khi d6 ta co: | BP+AC = SH L (ABCD)

1 1 1 1 1 ax
= - _|:_2+_:::~ SH =h =

Suy ra: SH> sS4 SC° a x ,.fﬂ:m:.

Do d6 dap an d sai.

CAu 14: Xét khoi tir dién ABCD b canh 4B, CD théa man 4B° +CD” =18 y3 c4c canh
con lai déu bang 3. Biét thé tich khéi t& dién 4ABCD dat gid tri 16n nhat ¢

danh Ty . x, yEN, Ger) =1 4 ménh dé sau ding hay sai?
a) x+3° - xp >4550 _
b) '+ 2x+y }ESSU.
<) X - xp 4y <5240
d) -y =19602 _
Loi gidi
a) bung b) Sai c) Sai d) Sai



Pat AB =a
Goi M 1a trung diém CD= CD LAM cD L BM = €D L(4BMm)

| | 1
=—8 ., CM+=5,,, DM =—§
3 Sm 3 S 3

I =V o+ ABM

LD
Khi dé ABCH ABMC ABM .
Do 4M |3 trung tuyén cla tam gidc 4CD nén:

2042 +4D%)- cp* 2(5°+5°)- (18- &*) g +4°
4 B 4 T4

AM* =

Tam giac 4BM can tai M (vi AM =BM ) nén:

s —l—.AB.JAM:- AB| _1 a 82 :a\/@

- 2 ]

27 Va4 4

. I..Ilj % .I'

1 avfR2 - 32 = = 82 A +I8- 4 3R
Voo =3 A8-a® = B .,Ha (18- 4*) = o 5 =7 = ax=3y =5

Cau 15: Néu ba kich thudc cta hinh hoép chit nhat dugc tang 1én hoac gidm di lan

lugt ki K ks an, nhung thé tich van khong thay déi. Cdc ménh dé sau diang
hay sai?
ke k,k, =1

a)

p) ki +k +k =kkk
<) ki +hy + ks =1
d) Fik Hhk +hk =1

Loi giai
a) bung b) Sai c) Sai d) Sai



Goi @, b, ¢ 1an luot 13 ba kich thudc cda hinh hop chit nhat.

Khi tang (giam) ba kich thudc nay Ién k k, , k5 1an thi hinh hop chr nhat méi
c6 ba kich thudc 1a 59, kb k¢ Theo gia thiét, ta c6

abe =(ka).(k,b).(kc) =(kkk dabec = kik, = (do @, b, ¢ 13 cac s6 duong).

Cau 16: Cho hinh chép tam giac déu S-4BC ¢4 d6 dai canh ddy bang ¢, canh bén

bang a3 | Goi O I3 tam cla day 4BC, % |3 khoang cach titr 4 dén mét
ohang (s5C) (SBC)
sau dung hay sal?

2 1 khodng céch tur O dén mat phang . C4dc ménh dé

a) SO L (4BC)

b) dl =d2
c) di :3d2

S
d =d, +d, _Say2
d) T33
Loi gidi
a) bung b) Sai c) bung d) bung

Do tam gidc 4BC géu tam O suy ra 40 L BC tai M |3 trung diém cta BC .

a J_ 1 a J_ ﬂﬁ

AM = MO =—AM =—"" 04 ——A M =
Ta co: 3 3

Tu  gid  thist hinh  chép déu suy ra  SO0+UEC),

z 3
50 =St - OF =.[3a7- 2L :“”‘fa

9 3

OK _OM _|

OK L SM.AH L SM = AH//OK, =
Dung AH AM 3




'BC L 50
J = BC L(SAM )= BC LOK

cé | BCLAM
(OK 1 SM
- = 0K L(sBC),AH L(sBC) (do AH //OK)

c6 |(OK LBC

0 |
Tt d6 co @ =4(4.(sBC) =4 =30K:d, =d (0,(sBC)) =0K

Trong tam gidc vudng OSM ¢4 dudng cao 9K nén:

2 g
1 _ 1 1 _36 09 :QQ:GH:HGJ:

OK® oM® S0° 3a 24a S8a 33

Sﬂwﬁ

d =d +d, =40K =
) 33

Vay

Cau 17: Xét khai t& dién 4BCD ¢4 canh 4B =x, cic canh con lai déu bang 2V3  cac
ménh dé sau dung hay sai?

a) Dién tich tam gidc BCD b&ng Seco =33

V sen :%1‘\}3 6- x°

b)

y=2
) Khi X =3 thi 4
d) Khi * =3V2thi thé tich khéi t& dién 4BCD dat gi4 tri 16n nhat.

Loi gidi
a) bung b) Sai c) Sai d) bung
o
N
B c

M
D
Goi M, N |an lugt 1a trung diém CD va 4B; H |3 hinh chiéu vudng géc cla
A4 |én BM

CD L BM '|

= D L (4BM )= (4BM) L(4BC)
CD L AM |

Ta co:



M3 A LB - BM =(4BM)n(4BC)= AH L(4BC)

23 = AM =BM :g 2.3 =3

Do 4CD y3 BCD |3 hai tam gidc déu canh

MN =AM - AN? = o- "T

Tam giac AMN vyuéng tai NV, co:

g(zﬁ ) =33

1l 5 :
Lai co:

V.:‘H-.'J"I ZEAH .EHI.';"I —g

gt 5, =L 20 s B e

V.:‘H-.';'u :g.‘f\,‘?&ﬂ - _‘l.': 5% M# :?’ﬁ

Ta co:

Suy ra V4o 16n nhat b&ng 33 khi ¥ =36~ x" = =32

D<x <43 . N
Cau 18: Cho hinh chép S-4BCD ¢ SC =x (0< \E) cac canh con lai déu bang 1 (th
am khao hinh vé&). Biét rang thé tich khdi chép S-4ABCD |§n nhat khi va chi

Ja

X =—
kh] b (LT,bEZ)

. Cdc ménh dé sau dung hay sai?

a) a - Zb{SD
b) @ - 8b =20,
c) bg- a-::-zl

d) 2a- 3" =-1,



a) Sai b) bung c) Sai d) Sai

. s  ~ > ~ o 2 ABCD N — — A
Goi H 13 hinh chiéu cda S lén mat phang ( ), vi 34 =58 =5D nén
HE€ A0 ygi O |3 trung diém cta BD

Ta xét hai tam gidc SBD va 4BD c6 canh BD chung, SB=4B  SD=A4D ngn
ASED =AABD suy ra AQ =50 =0C do dé ASAC Vuéng ta| S

g :v! (1+)G3- ¥)

_ I _I i' 2 _ 3 = .".':
mes 20T = BO=TE S 2 (0<x<453)
o7 — s,ii.sr: - X ]
Mat khac VsS4 +5C° l1+2
,Jr:(?a - .‘I.':)
Vs ancn = I SHS oy =/ ‘—:I_
Vay B 4
— X :ﬁ
Thé tich khoi chép S-ABCD |§n nhat khi va chi khix™ =3- x° 2
{a =6
vay (P =2 suyra @ - 8 =20,
Cau 19: Cho hinh chép S-4BC ¢4 3 l(‘md, tam giac 4BC vudng tai B (tham khao

hinh vé).



AVC
B
Cac ménh dé sau ding hay sai?

(S4B)

a) Khoang cach tir € dén méat phang |a doan BC.

b) 3(1(5.43)_

(540)

c) Khodng céch tir B dé€n mat phang la doan 4B,

d) SBLBC,
Loi giai
a) bung b) Pung c) Sai d) Pung

54 1(4BC)= S4A L BC

(BC L 54
) = BC 1(S4B)= BC L 5B
(BC L 4B = DPap an 5P daung.

(S4B)

Suy ra khodng céch tr € dén mat phéng 1 doan BC . bap 4n 4 dung.

AABC vubng tai B nén 4B khéng vuong géc vai (s4C)

C .

. Vay dap an sai la

Cau 20: Cho hinh chép $-4BCD ¢4 day 4BCD |3 hinh thoi tdm ©, canh @,

3a
. SO =— — P =
QBC:tSO”, so 1 (4BcD) va 4 gat ! _“J(G'(EAB)), ! _(‘J(D'(EAB)).
z=d (CD.EAJI Cac ménh dé sau dljng hay sai?
3a
X =—
a) 4.
c) V=EEY,
15a
X+y+I =

d)
Loi gidi
a) Sai b) bung c) Sai d) bung



a3

CM =———

Tam gidc 4BC déu canh ¢ nén dudng cao 2 . Goi N 13 trung diém
= ON L aB;on =23
cla AM 4
Ké OH L SN = d(ﬂ,(EAEJ) =0OH
3 3
I — = I_\ - I - O :lcw :ﬂﬁ 50 :_ﬂ:';- OH :_f4|
OH 507 ON° . 2 4

da
x :‘-‘?’(G-(E"‘B):':g v=d(D,(54B)) =2.d(0,(54B)) =2x z =d (CD, 54)

’

—d(p,(54B)) =2x

15a
Y+y+z =5y =——

Vay

Cau 21: Cho hinh hop chit nhat “ABEPABED ¢ b3 kich
AB =a,AD =b, A4,

thudc
—% Cac ménh dé sau dung hay sai?
a) khoang céch gilra hai dudng thang 4B va cG, bang 0.

ab
b) khoang céch tlr 4 dé€n mat phang (8,8D) b&ng Va' +b*

abc
c) khodng céch tir 4 d€n mat phang (8,8D) bang Na' +b* +c*



d) BDI = fa': +||L-|‘: +I'.':
Loi giai
a) bung b) Pung c) Sai d) bung

Ay B,

D,

(6

d(4B,cC)=BC =b= Cau A ddng.

1 1 1 a’ +bh ah
d(4.(BBD))=AH: — — =+ — = = AH =
: AH® a b (ab) Ja® +b°

. Cau B dung.

Suy ra cau c sai.

Suy ra cau d ding, dudng chéo hinh chit nhat bang 57 =Ja +b +ct

Cau 22: Cho hinh Iap phuong 4ABCD.ABCD' canh a. Cac ménh dé sau ding hay sai?
a
a) Khoang cach tir diém 4 dén (4BD) bang 3,
b) D6 dai doan A€ =a\3.
c) Khodng cach tur diém 4 dén (CDD'C) bang a2 |
3a

(BccB) bing 2 .

d) Khodng céch tir diém 4 dén
Loi giai
a) Sai b) bung c) Sai d) Sai



o'
Iy ™
:II"m A
~ o
B /I 11 N\
P | A
I N
! 1 ~
I ] ‘ ‘l\
F i | }H \
! [ ,l ~
! I \ .
! A ’ i » D
7 ,.ch:-,‘——- -t --=
! I# 5*0____..--
I - _..-"'"F—F— ~
B sl -~ > A
A0. A4 a

d(4:(4BD)) =AH =—— ="

Ta cc’) '\Jlﬁﬂz +.’4.’4r: ﬁ
AC = AC +cC” =a3

d(4:(cpp'c)) =AD =a:d(4:(BCCB)) = 4B =a.

ABCD.AB,C,D

Cau 23: Cho hinh lap phuong ' canh bang 4. Cac ménh dé sau ding

hay sai?

a
a) Khoang cach tir diém 4 dén (8,8D) bang 3.

a
b) Khoang céch tir 4B dén 5P bing V2

c) Khodng céch tur diém 4 dén (DD C,) bang a2 |

d) AC] —ﬂ‘\jil
Loi gidi
a) Sai b) bung c) Sai d) Sai
Ay D,
1 \\
1
B, I 1 \\ $1
"h\ A | \\
TN >
P ~
! 1 “h\ ,/
f ' ,"‘h\ \\
! | 4 >~ Ay
I I ) \.\ \
/ ~ 3
, AJe — Do = — L =yiD
) /’ %"" - = -
J ,"’ _‘__,.--"""“\M
BYr=—" ‘




Ta dung A7 LA4D= AH 1(4,BcD)

AB = d(A4B:BD)=d(A4B:(4BCD))=AH =2

Do 4B/ Ny

Lai c6 d(4(cppG)=aD=a 5 AC =a\3

‘Dang ©: Cau trac nghiém tra 16i ngan

Cau 1: Cho ti dién déu 4BCD ¢4 canh 24, Tim doan vudng géc chung cla hai dudng

thang chéo nhau AB,CD 3 tinh d6 dai cta né theo «.
Tra 10i: a2
Loi gidi
1,J AB,CD
Goi theo th( tu la trung diém cula
ABC.ABD 7 4B

Cac tam giac déu cé la trung diém nén

(AB L cCI
{ = AB L(ICD),

' AB L DI IJ c(ICD)= AB L 1J

ma . (1)
ACD.BCD J , CD

Tuong tu, cac tam giac déu cé la trung diém nén
([CD 1L AJ
{ = CD L (ABJ),

CD 1 BJ

ma IJ ¢ (JAB)= CD LIJ (2)



A4 .
Tu (1) va (2) suy ra la doan vubng gdéc chung cla hai duong thang
AB,CD

cr =29 B —a3:. 17 =JcI* - ¢ =\3a%- a® =a?

2
Ta co:

Cau 2: MOt bé cé duge lam bang kinh c6 dang hinh hép chit nhat c6 ba kich thudéc la
0.0m:2m:0.8m Tym thé tich va do dai dudng chéo clia bé ca do.

0.96(m*)  2,236(m)
Tra loi: va

Loi giai

a=0,6mb=2m
’

Thé tich cla bé ca hinh hoép chit nhat cé ba kich thudc
c =0,8m V =abe =0,6 2 0,8 =0,96(m")

hY

la:

Do dai duong chéo bé kinh hinh hép chr nhat la:

d =ya® +b7 +¢* =J0,6° +2° +0,8° =5 =2,236(m).

Cau 3: M6t céi hop hinh [ap phuong, bén trong né dung mét mé hinh doé chai c6
dang hinh chép t& gidc déu ma dinh cda hinh chép dé trung véi tam ctia mot
mat chiéc hop, gid s& hinh vuéng day cda hinh chép trung véi mét mat cda
chiéc hop (mat nay cung vGi mat cha dinh hinh chdép la hai mat déi nhau).
Biét canh cla chiéc hdp bang 30¢m | hay tinh thé tich phan khéng gian bén
trong chiéc hop khong bi chiém bai mo6 hinh dé choi dang hinh chép (m6
hinh d6 choi dugc lam bdi chat liéu nhua dac bén trong).



18000(em’*)
Tra loi:
Loi gidi
v =30" =27000(cm’)
Thé tich cai hép (khéi lap phuong) la:

Xét d6 choi c6 dang hinh chép t& gidc déu, chiéu cao cta hinh chdp bang vai

h =30cm
mot canh cua hinh lap phuong, hay , day cua hinh chép cé dién tich

5 =30° =900 cm”

Thé tich khoi do choi (khoi chép t& gidc déu) la:

v, :%Sﬁ :13 900 30 =9000 (cnr’ ).

Thé tich phan khéng gian bén trong chiéc hdp khéng bi chiém béi mé hinh
v =¥, - ¥, =27000- 9000 =18000(cm’)
do6 choi dang hinh chép:

Cau 4: Cho hinh chép S-ABCD ¢4 day la hinh vuéng canh @, tam gidc S48 déu va
nam trong mat phdng vudng géc véi day. Tim thé tich khéi chép S-ABCD

a3
. 6
Tra loi:
Loi giai
CH . AB SH 1 AB S4B
Goi la trung diém , Suy ra (do tam giac déu).
(SAB) L(ABCD) SH 1 (ABCD)
Mat khac nén
a3
SH = ) S.iscp =a’

Pudng cao hinh chép 1a ~ dién tich d&y hinh chép



Thé tich khéi chop la:

(don vi thé tich).

T ————————
-
-

‘e g---
-.
o
‘\

B C

Cau 5: MOt hinh chép cut déu 48C ABC ¢4 canh day 16n bang 44, canh day nho

3a
bang 24 va chiéu cao cla né bang 2 . Tim thé tich cda khéi chép cut déu
doé.
7a3\/§
rd \ - 2
Tra loi:
Loi giai

0,1 ABC ABC:K.J
Goi theo thirtu la tam cua day I6n va day bé theo thir tu
\ . 2 2 BC \ BC
la trung diém cua va :

h =IO _3a L

i 2 . . . ; . ABC-ABC

Ta cé la chiéu cao cua hinh chép cut déu .

A.F




Dién tich hai day hinh chép cut déu la:

S, =Susc = 4

(4a’3 _ o s _s.. _(Eﬂiﬁ '3

Bc

Thé tich khoi chdp cut déu la:

v :;—#(5, +J5,5,+5,)

|§ .3%(433\{?:4. 1,‘4:?:\-';?: -a:ﬁ +ﬂ:£)=?ﬂ;}ﬁ
) ~ (don vij thé tich)
Cau 6: Mot khéi rubik 3>3 (dugc chia lam 27 khéi 1ap phuong nhd) cé dang mét hinh
1ap phuong véi kich thudc canh bang 6¢m

Tim thé tich cta khoi rubik dé, biét khodng had gilra cac khéi lap phuong nhé
khéng dang ké.

116(0?}?3 )
Tra loi:

Thé tich khéi rubik la:

=6" =l In‘_‘l(cm'-‘).



Cau 7: Cho hinh chép S-4BCD ¢§ SAL(ABCD).54 =2a. ABCD |3 hinh yudng canh béng
a.Goi O 1a tdm cuaa 4BCD

) ) ) S . DM M ., oc
Tinh khoang cach tu  dén VGi la trung diém

J190

d(S,DM) ==

Tra loi:

i

SK | DM K= d(5,DM)=5K

Ké tai
‘DM LS4
= DM 1L (SAK)= DM L AK
DM L SK
Ta co6:
~ AKMA ~ AOMD
Ta co:
- Bﬂﬁ w1+ 2 ?’Jm
_ K4 _am _ A _AM -OD _ 4 _ ;
oD DM DM 'aﬁ"+'aﬁ" 5
2 4
SK =S4 + AK> :Jf_za}f +‘ B‘ima‘ = "Ijgr‘ja
Ta co:
-J'IEJD
d(5,DM) = a
Vay )

Cau 8: Cho t& dién S-4BC trong d6 4:-58-5C yuéng gdc véi nhau timg doi mot va
SA =3a.5B =a,5C =1a Tinh khodng cach tir 4 dén dudng thang BC.



75

d(4,BC)="""ga

Tra loi:

3a

I
1
1

\\\ c’:
P-————

B

AH 1 BC H= d(A,BC)=A4H
Ké tai

BC 1 54
= BC L (S4H)= BC LSH

BC L AH

Ta co:

| | 2.5

SH = = = i
J | | | 1 5
2 + 3 '.+ =
SC° S§B° (2a) a

(25 ‘ 75
o — o
s ] s

Ta co:

AH =\SA* + SH® :\)Ba}: +

Ta co:

75

Vay
Cau 9: Cho hinh chép S-4BCD ¢4 day 1a hinh vudng canh ¢, hai mat phang (545) va
(SBC) cung vuéng géc v6i mat phang (ABCD) 5 SC =a\5  Tinh khodng
cach tir D dén mat phang ($4C).
2

—d

Tra loi: 3



_BH1SO H

Ke tai
'AC L SB
= AC L(SBD)= AC LBH
| AC LBD
Ta co:
BH 1 50= BH 1(SAC)= d(B.(SAC)) =BH
Ta lai cé:

SB =ySC* - BC* =y(a5)" - a* =2a
Ta c6:

Ta co:

-

d(B,(S4AC)) :ga
Vay

DB , (84C) 0
Ta co: cat tai

_ d(D,(s4C)) _DoO
d(B.(SAC)) BO

)
=1= d(D,(SAC)) =d(B.(SAC)) :ga

Cau 10: Cho hinh chép S-4BC ¢4 day 1a tam gidc déu canh @54 L(ABC) 5 SB =2a
Goi G I3 trong tdm tam gidc 4BC . Tinh khodng cach tir ¢ dén méat phang

(SBC)
Jis
2 N - a
Tra loi: 15



CAILBC _ AHLSI  H

Ke , ké tai
'BC L SA
= BC 1 (SAI)= BC L AH
|BC L Al
Ta co:

AH LSI= AH L(SBC)= d(A,(SBC)) =AH
Ta lai cé:

SA=\SB* - BA* =|J(2a)* - a® =3a

Ta co:
b = | _ | :JEG
JI N 1, 5
s# 7 ar |WBay LB
|
Ta coé:
d(A,(SBC)) :Ea
Vay
. G4, (SBC) g
Ta co: cat tai
_ d(G,(SBC)) _GI _I | Ji5

= == d(G,(SBC)) =—d(A,(SBC)) =2~"a.
d(A,(SBC)) AI 3 3 15

Cau 11: Cho hinh chép S-4BC ¢ day 1a tam gidc vudng can tai &5 L(ABC) g
H 13 trung diém BC . Biét 4B =SC=a, Tinh khodng céach t& B dén mat
phang (54€),

e

Tra loi: 3
Loi giai



<>

CHILAC  HKL1SI K
Ke , ke tai

'AC L SH
= AC L(SHI)= AC L HK
| AC L HI

Ta c6:

HK 1 SI= HK L(SAC)= d(H.(SAC)) =HK
Ta lai cé:

HI :la
2

Ta co: :

SH =+[5C" - HC® =

| _ | _JE
J 1, 1 1,1
s HEE AR )

Jo

d(H.(SAC)) =

HK =

Ta co:

Vay

. BH , (84C) C
Ta co: cat tai

_ d(B,(54C)) _BC
d(H,(S54C)) HC

=2 = d(B.,(5AC)) =2d(H,(SAC)) :?a

Cau 12: Cho hinh chép déu 5-4BC ¢ day canh @ va canh bén 24 Tinh khodng céch
tlr 4 dén mat phang (SBC).

V165 a

Tra loi: 45



OH L1 SI H

Ké tai

'BC LOI

= BC L(S0OI)= BC LOH

| BC LSO

Ta co:
OH L SI= OH L(SBC)= d(0.(SBC)) =0H

Ta lai co:

or =1 a3 :Eﬂ

) 3 2 6
Ta co: ;
i - 22
SO =SB’ - OB = r_za}l-‘:-”‘ﬁ‘ :Eﬂ
'3 2 | 3
oH- L 1 _V165
J 1 1 1,1 45
mz D!'z ; w ; 2
‘ V33 ‘ ER
1 3 ! 1 6
Ta co:
d(0,(SBC)) =Y 5
. 45

Vay

A0 . (SBC) /
Ta cé: cat tai

o dABBO) A _5_, 1 a(SBC)) =3d(0,(SBC)) Z%a

d(O,(SBC)) Ol

Cau 13: Cho hinh chép déu S-4BCD ¢4 day canh 24 va canh bén a\ﬁ, goi M 13
trung diém 4. Tinh khodng cach tir M dén méat phang (SBC)

V30

—a
Tra loi: ©



d(O,(SBC)) =0H

Dung va ching minh dugc

Ol :E.Ea:a
2

Ta co:

S0 =\/5B8? - 0B =J(aﬁ)2- ‘ 22 —J5a

Ta co:
d(O,(5BC)) :@ a.
Vay
MO/ (SBC)= d(M ,(SBC)) =d(O,(SBC)) :ga
Ta lai cé:

Cau 14: Cho hinh chép S-4BCD ¢ day I3 hinh chit nhat c6 48 =40 =2a 15m giac
SAD géu va ndm trong mat phdng vudng gdc véi day. Tinh khodng cach tir
A dén mat phéng (SBD).

J3

Tra loi: 2



I 2 2>
Goi la trung diém cua

ASAD S LAD
Vi déu nén
((SAD) n (ABCD) = AD
(SAD) L (ABCD) — S 1 (ABCD)
| Trong(SAD), S L AD

Ta cé
dll ,(SBD)) =IK
Dung va ching minh dugc
_ AHDI ~AADB
Ta co:
= EZEZ? IH :J":."B”:;|I = a.d :ﬁa
AB BD BD Jaif.,.{gaf 5
”‘: = 1 = 1 :E.ﬂ
1 1 1 1 4
92+H,2 ¢ a\}_.2+.\f— \ 2
‘ 2a3 ‘ Sa
| 2 7 1 5 7
Ta cé:
d(I,(SBD)) :ga
Vay
41 , (SBD)  p
Ta co: cat tai
_, dA(SBD)) _AD _, _ 44 (SBD)) =2d(1.(SBD)) V3,
d(I,(SBD)) ID 2

Cau 15: Cho hinh chép SABCD ¢g 4 L(ABCD).SA=3a. ABCD |5 pinh vudng canh
bang 4. Tinh khodng cach gilta hai dudng thdng 4C va SB,



. d(AC,SB) =
Tra loi:

Bx//AC= AC//(5Bx)
Dung

d(AC,5B) =d(AC,(SBx)) =d( A,(SBx))
Suy ra

d(A,(SBx)) =AK
Dung va ching minh dugc

AEB a
AH =—— =
 AMHB . H 22
Ta co: vuong can tai nén
Ta c6:
k= | _ | ;Jﬁﬂ
J 1 1 1 1 19
3 + 3 3 + 3
54° AH (Ba)y | a |
N
duc,sﬁ}:?’fa
Vay

Cau 16: Cho hinh chép S-4BC ¢4 day Ia tam giac déu canh @54 L(ABC) 5y SC =2a
Tinh thé tich khoi chép S-4BC,

[
—d

Tra loi:

Loi giai



2a
A C
= a
B
; 1
Vs 1ac =3 S sc 54
a +f3
5.:'|'5l. = 4
54 =SC*- AC* =\[(2a)* - a* =\Ba
1 a3 I,

:.:_,!fq__:__ w3 =—a’

S.ABC 3 4 J- 4ﬂ

Cau 17: Cho hinh chép SABCD ¢4 day 1a hinh vudng canh 9S8 LABCD) /5
SD =3a  Tinh thé tich khéi chép S-ABCD

V7

Tra loi: 3

Vs iscn :g S pen SB

- =a’

SB =«SD* - BD® :-Jf_?m]l: ~(a2) =Ta
=V, sen :% a’ [Ta zﬁﬂa

Cau 18: Cho hinh chép déu S-4BC ¢4 ddy canh @ va canh bén 24 Tinh thé tich khai



Vit
a

Tra loi: 12

.ﬂﬁ.‘: _Eﬂ
3 3

50 =+/SB" - BO" :Jf_za}*-

a3 B3 T
= F . . a = a

|
SABC Ty 300 12

Cau 19: Cho khéi lang tru ding 4BC-ABC ¢4 day la tam giadc vubng can tai
4,BC =2a iy AC =a\T Tinh thé tich khéi Isng tru d3 cho.
Tra 16i: V3¢
Loi giai

B' c'




V=5, ‘AA

R
AB =AC :% =\2a
7

> 2
S e :(J:ﬂ} =a”

100 -}
Ad=Jac*- ac? :Jf_a...-’?_f - (V2ay =5a
= Vs isc =a’ 'NE” :'Jgﬂﬁ

Cau 20: Cho khéi 1ang try déu 4BC -ABC ¢4 tat ca cac canh bing @. Tinh thé tich
khoi lang tru da cho.

V3
a

Tra loi: 2

B’ C'

V :5.:'31.' A ‘4
a3 3 .
= d =——11
2 2

Cau 21: Cho hinh hop chit nhat 4BCD -ABCD g 4B =a.AD =2a Bigt thé tich khoi
hop chir nhat 1a 14¢” . Tinh chiéu cao 4C.
Tra loi: 3V6a

Loi giai



A’ B

DF Cr
a
“!/‘ """""""""" B
/2';
D C
V' =AB -AD -AA4
¥ 14a’
= A4 = Sl

AB -AD a 2a
AC =AAA? + AC? =JAA* + AB* + AD*
={(7a) +(2a)* +a* =3Joa

Cau 22: Cho hinh chép déu S-ABCD ¢4 day canh a va chiéu cao SO =2a_ Goi

M.N.P O 1an |ugt 1a trung diém cta 4555650 Tinh thé tich khéi chép
cut géy ABCD.MNFPQ

7 5

Tra loi: 12




Cau 23: Cho hinh chép $-4BC ¢4 ddy 1a tam gidc déu canh 4, chiéu cao cla hinh
chép ké tir S 13 2a. Biét dién tich tam giac SBC |a 3a” . Tinh khoang cach tir
4 dén mat phang (SBC)

3

Tra loi: ©

Vi sc :I_ S o SH :I__ﬂ_ﬁ _
3 - 3 4
Vs asc ::I)’_ Swe {?rfA,[EBC}}
3 -J?_’ﬂ'-‘
!..-"
= d(aspoy =0 " BB,
Sac 3a 4]

Cau 24: M6t hinh hdp chir nhat ABCD -ABC D ¢6 ba kich thudc la 2¢m:3cm yy 6cm
Tinh thé tich cta khéi ti dién 4CBD”,

2 yae, 12(0cm’
Tra loi: (em’)
Loi giai
A’ B’
D’ ; ¢l
ol 2
AR v e B
3 N
D e
v o=y - wv o+ V)
ALE D ASCI-A8C O o -ACh & A8 AAd B0 C -8 C 0

=23.6-4 7,

co

=36-4——236=12(cm’)

1 1
32



Cau 25: Cho hinh lang try 45C ABC 6 day la tam gidc déu canh @. Hinh chiéu
vudng géc clia 4 1én mat phang (4BC) trung véi trong tdm tam giac 48C,
a3
Biét khoang cach gitta hai dudng thdng 44 va BC bang 4 . Tinh thé tich
V' cta khéi lang try ABC.ABC
a3

Tra loi: 12

Loi giai
\  BC BC L (44 M)
la trung diém cua thi
. MH . ., AAM MH 144 _ HM 1BC
Goi la duong cao cua tam giac thi va nén
HM | \ A4 _ BC
la khoang cach va :

a3 rw'r?: AA:—i

AAHM =AGAM = AAd=——-

4 4

Ta cé

2 ' . a . 4a’
= A4 :4|AA'-T‘m3Aﬁ' :T

_da” _2a

= A4 4° ﬁ/;ff_?

Pudng cao cua lang tru la

o _-J?;ﬂ: _1.’4'3\-';?_&
N
Thé tich




Cau 26: Cho td dién S “4BC trong dé S4-58-5C yuéng géc vé6i nhau timg doi mot va
SA =3a,5B =a.5C =1a_Tinh khodng cach tir 4 dén dudng thing BC .

q
d(A4,BC) = s
Tra loi: 5

[

~-he

B

AH L BC ~ H= d(4,BC)=4H

Ké tai
'BC 1 54
{ = BC L(SAH)= BC LSH
|BC L AH
Ta co:
2,05
SH = : = : :HJ:H
J 1 1 1 1 5
) + ] ] + ]
SC° SB (2a)y a
Ta co:
= -
AH =\JSA® + SH’ :J{Ba}: - “"E’ﬂ :?:’Cﬂ
Ta co:
q
d(A, BC) Z?J:a
Vay i

Cau 27: Cho hinh chép SABCD ¢4 day |4 hinh vudng canh ¢, hai mat phang
(54B) vy (SBC) cung vudng géc véi mat phadng (ABCD) vy SC =a\5  Tinh

khoang cach tir D dén mit phang €
2
—da

Tra loi: 3



_BH1SO H

Ke tai
'AC L SB
= AC L(SBD)= AC LBH
| AC LBD
Ta co:
BH 1 50= BH 1L (SAC) = d(B.(54C)) =BH.
Ta lai cé:

SB =ySC* - BC* =y(a5)" - a* =2a
Ta c6:

1 1 2
BH = = =1
3

JI**' |ﬂ |ﬁ+ 1 ﬂ
SB* OB’ (2a) -ﬂﬁ-‘-

Ta co6:

5
d(B,(SAC)) :éa

Vay
Ta co: Ccat tai
_ d(D,(SAC)) _DO _ 2

= 1= d(D,(SAC)) =d(B,(SAC)) ==a.
d(B.(SAC)) BO (D.( )) =d(B.( ) 32

Cau 28: Cho hinh chép déu $-4BC ¢4 ddy canh ¢ va canh bén 2¢. Tinh khodng céch
tr 4 dén mat phang (SBO),

V165

—da
Tra loi: 15



_OHL1SI  H

Ke tai

'BC LOI

= BC L(SOf)= BC LOH

| BC LSO

Ta cé:
OH LSI= OH L(SBC)= d(0,(SBC)) =0OH
Ta lai cé:
i - y 2
or 2 a3 _3  so=\sg- 08 =|(2a) - ‘ :ﬁ‘ :Ea
~3 72 —?” '3 2 3

Ta cé: ;

OH = 1 _ 1 :JIL‘JS p

J 1, | | 45
A ER N,
Ta co:
d(0,(SBC)) = ‘”ﬁa
. 45
Vay
) A0 . SBC) _ I

Ta co: cat ( tai
- 4(4,(SBC) _AI =3 = d(A,(SBC)) :35(0,(536}}:“”]5

d(0.(SBC)) oI @

Cau 29: Cho khéi 18ng try ding 4BC-ABC ¢4 day |a tam gidc vubng can tai
4,BC =2a iy AC =a\T Tinh thé tich khéi Iang tru da cho.

Tra loi: V3a',

Loi giai



A’ _
a\/7
B \2—3 “““““““““ c
A
V=S AA
2a
AB =AC :F =J2a
_{\"’Eﬁ‘]': _ .2
5.|'|‘5|.' - ] =da

A4=JAC - 4C =\[(aVT) - (N2a) =\5a
= V. s =q° '\-‘Eﬂ Z\Eﬁ"—‘.

Cau 30: Cho hinh chép S-4BC ¢4 day Ia tam giac déu canh @54 L(ABC) 5 SC =2a
Tinh thé tich khéi chép S-4BC,
[

Tra loi: 4




5.|'|'5|.' :ﬂ- 3
4
SA=ySC*- AC* =\J(2a)* - a* =3a
1 a*3 1|
L)’ ) = . 3{? e 3
= Vs s 3 2 v 4”

Cau 31: Cho hinh chép S4BC cé day la tam gidc déu canh a, 54-L(4BC) v
SB =2a Goi G |a trong tdm tam gidc 4BC . Tinh khodng cach tir G dén mat
phang (S8C),

Jis
a

Tra loi: 15

_AILBC _ AH1SI H

Ke , ké tai
(BC 1 SA
= BC L(SAI= BC L AH
|BC L Al
Ta co:

AH L SI= AH L(SBC)= d(A,(SBC)) =AH
Ta lai cé:

SA=\SB* - BA* =|J(2a) - a® =3a

Ta co:
b — | _ | :Jﬁﬂ
J 1 1 1 1 5
2+ 2 2 +. y 2
SA> Al (ﬁﬂj a3
2
Ta c6:
d(A.(SBC)) :Ea

Vay



ga (BCO)
Ta c6: cat tai

— d(G.(SBC)) _ar :l = d(G.(SBC)) :Igd(g,(sgc}} :%m

d(A,(SBC)) Al 3

Cau 32: Cho hinh chép S-ABCD ¢g SAL(ABCD).SA=3a, ABCD |y hinh yudng canh
bang 4. Tinh khodng céch giita hai dudng thang 4C va SB,

d(AC, SB) :Nﬁ
Tra loi: 19

i

Bx//AC= AC//(SBx)
Dung

d(AC,SB) =d(AC,(5Bx)) =d(A,(5Bx))
Suy ra

d(A,(5Bx)) =AK
Dung va ching minh dugc

AB a
AH =—— =—
 AHB __  _H . V2 2
Ta co: vuong can tai nén
k= I| - |I :3],!;_99
+ '-.-‘r|_+ .
J.S’A: AH? (3a)
Ta cé:
d{AC,sﬁ}:Bfa
Vay

Cau 33: Cho hinh chép S4BCD ¢4 day 1a hinh vudng canh @S58 L(ABCD) 5
SD =3a  Tinh thé tich khéi chép S-ABCD

V7 s

Tra loi: 3



5

ABCD

SB=\SD* - BD® =\[(3a)’ - (aV2) =\Ta= ¥, :% @ 7 :g”ﬁ'

=1

Cau 34: Cho hinh lang try 48C ABC ¢§ day la tam gidc déu canh @. Hinh chiéu
vudng géc cla 4 1&n mat phang (4BC) trung véi trong tam tam giac 4BC.
a3
Biét khoang cach gilra hai dudng thdng 44 va BC bang 4 . Tinh thé tich
V' cha khéi l8ng try 4BC -ABC
a*\3

Tra loi: 12

Loi giai
A -
H
A C
M

B
\  BC BC L(44M)
la trung diém cua thi
. MH , ., AAM  MH 144 _ HM LBC

Goi la duong cao cua tam giac thi va nén

. B} 3 A4 _ BC
la khoang cach va .



AA-HM:AG-AMﬁﬂJi-AA:G S P
4 2 3
Ta cé
4l @ . _4d’
ﬁAA':4|AA'—ﬂ—‘ﬁ3AA':L
| 3 3
: )
o A4 =3 L a2
9 3
dG= | 39 _e
. 9 9 3
Puong cao cua lang tru la
L _a N3k _a'\fB
3 4 12

Thé tich

Tai liéu duoc chia sé bdi Website VnTeach.Com
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