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PHUONG PHAP CASIO - VINACAL

BAI 1. TIM GIA TRI LON NHAT - GIA TRI NHO NHAT.

1) PHUONG PHAP,

- Budc 1: D€ tim gia tri l1on nhat gia tri nho nhat ciia ham s6 y = f (X) trén mién [a;b] ta st

dung may tinh Casio véi lénh MODE 7 (Lap bang gia tri)
- Budc 2: Quan sat bang gia tri mdy tinh hién thi, gia tri 16n nhat xuat hién la max , gia tri

nho nhat xuat hién la min

-Chuy:
oA N DA .7 . 2 o A b_a e INERY \ A?
Ta thiét 1ap mién gia tri cta bién x Start a End b Step ST (c6 thé lam tron dé Step
dep)
Khi dé bai lién c6 cac yéu t6 luong gidc sin x,cos x, tan x... ta chuyén mdy tinh vé ché
do Radian

2) VI DU MINH HOA
Vi du 1.[Thi thir chuyén KHTN -HN 14an 2 nidm 2017]
Tim gia tri 16n nhat ctia ham s8 y = x* —2x* —4x+1 trén doan [1;3]

67

A. max=— B. max=-2 C. max=-7 D. max=-4

27

Huéng dan giai
Cach 1: CASIO
St dung chirc ndng MODE 7 cua may tinh Casio véi thiét 1ap Start 1 End 3 Step
3-1

19
feong) (7] (i) O] (=9 (3) &> (=) (2] iewt) O) (23 H @ e D H W E E W
BEEMEEHNEAEE

] Math
| Fria
gl l-1052]|-Ua 51U
3l 1.21051-U.998

Quan sat bang gid tri F(X) ta thdy gid tri 1on nhdt F(X) c6 thé dat duoc la

f(3)=-2
O Math
n F (i)
19| 2. 83U |-3. 081
) ”

Vay max =-2, dau = dat dwgc khi x=3 = D4p s6 chinh xac la B
Cach tham khao: Ty luan
X=2
Tinh daoham y'=3x*-4x-4 , y'=0< . 2
3

Lap bang bién thién

Trang 1 Tai liéu Iwu hanh noi bo
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= Nhin bang bién thién ta két luan max = f (3)=-2

¢ Binh luan:

e Qua vi du 1 ta da thdy ngay sttc manh cua may tinh Casio, viéc tim Max chi can
quan sat bang gia tri la xong.

e Phuwong phdp ty luan tim Gid tri 16n nhat, gia tri nho nhat caa ham sd duoc tién
hanh theo 3 budc:
+)Bwéce 1: Tim mién xac dinh cua bién x.
+)Budce 2: Tinh dao ham va xac dinh khoang dong bién nghich bién.
+)Budc 3: Lap bang bién thién, nhin vao bang bién thién dé két luan.

e Trong bai toan trén dé bai da cho sn mién gid tri ctia bién x la [1;3] nén ta bo qua

budce 1.

Vi du 2. [Thi th&t chuyén Ha Long — Quang Ninh Ian 1 nim 2017]
Ham s6 y=|3cosx—4sinx+8| v6i xe[0;27] . Goi M,m Ian luot la gié tri 16n nhat, gia tri
nho nhat cia ham s8 . Khi d6 tong M +m béang bao nhiéu ?

A. 82 B. 73 C. 83 D. 16

Hudéng dan giai
% Cach 1: CASIO
» DE tinh toan cac bai toan lién quan dén lwgng giac ta chuyén mdy tinh vé ché do

Radian
(sFr) oo (4
> St dung chitc ndang MODE 7 cua may tinh Casio véi thiét 1ap Start 0 End 27 Step
270
19
o8 (7] (stFr) (rye) (3] feog (i) ) O] H (@ i e ) DI H B B B @ B
(2] () (103 () (2] (1) (109 () (1 (8 (E
IF] Mz
F G "
| ] 11
c| 0. 3306 | 9. 5386
3l0.661311.9105

» Quan sat bang gid tri F(X) ta thay gid tri l1on nhat F(X) c6 thé dat duoc la
f(5.2911)=12.989 ~13= M

Math

]
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Ta thdy gia tri nho nhat F(X) c6 thé dat duocla f(2.314)=3.0252~3=m

F i
ca b
ca 3
g« B

16
11
18
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Vay M +m=16 = Dap s0 D la chinh xac
% Cach tham khao: Ty luan
=  Ap dung bat déng thtic Bunhiacopxki ta dugc :
(3cosx—4sinx)’ < (32 +(—4)2)(sin2 X+c0s’ X) = 25
= [3cosx—4sin x| <5<« -5<3cosx—4sinx <5< 3<3cosx—4sinx=8<13
= Vay 3<[3cosx—4sinx+8§<13
+¢ Binh luan:
e Néu bai toan lién quan dén cac dai lvong lwong giac ta nén chuyén may tinh vé ché
d6 Radian dé duoc két qua chinh xac nhat.
e Trong B4t ding thitc Bunhiacopxki c6 dang (ax+by)” < (a®+b?)(x*+y*) . D&u =
b

xay ra khi va chi khi =2~
X_y

Vi du 3. [Thi the nhém toan DPoan Tri Diing Ian 3 nam 2017]
Cho cdc s6 X,y thoa man diéu kién y<0,x*+x-y-12=0 Tim giad tri nhd nhat :
P=Xxy+x+2y+17

A. 12 B. -9 C. -15 D. -5

Hudng dan giai
% Cach 1: CASIO
> Tt xX*+x-y-12=0 ta rat dwoc y=x"+x-12 Lap vao P ta duoc
P =(x+2)(x* +x—12)+x+17
> D€ tim Min ctia P ta sit dung chttc ndng lap bang gia tri MODE 7, tuy nhién viéc
con thiéu cta chung ta 1a mién gia tri cuia x . D& tim diéu nay ta xét
Yy<0o X +x-12<0=-4<x<3

St dung MODE 7 véi thiét lap Start —4 End 3 Start % ta duoc:

fwong) (7] (4 () O] () (2) O [T (e O (3 () () ) (H1 ) (2 ) (B
W HODOEEEEEREEDEMEAE

Math
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1.25
Quan sat bang gia tri ta thdy gia tri nho nhétla f (1.25)=-11.6~-12
Vay dap so chinh xacla A
+ Cach tham khao: Tw luan
= Dung phuong phap don bién dwa biéu thitc P chita 2 bién tro thanh bi€u thie P
chtta 1 bién x
= P=(x+2)(X* +Xx—-12)+x+17=x"+3x* —9x—7
Dt f(x)=x>+3x*-9x—7
* Tim mién gid tri ciabién X tacd: y<0< x* +x-12<0<> —4<x<3
x=1
= Khaosatham f(x)tacod: f'(x)=3x*+6x-9, f'(x) :0<:{X_ 3

Sosénh f(1)=-12; f (-3)=20; f (~4)=13; f (3)=20

Trang 3 Tai liéu Iwu hanh noi bo
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Vay gid tri nho nhat f (max)=-12 dat dwoc khi x=1

+¢ Binh luan:

e Mot bai tim Min max st dung phuwong phap doén bién hay. Viéc tim can va tim gia
tri nho nhat c6 sy déng gop rat 16n ctia Casio dé tiét kiém thoi gian.

Vi du 4. [Khao sat chat lugng chuyén Lam Son — Thanh Héa ndm 2017]
Gid tri 16n nhat cia ham s6 y = 2mx+1 trén doan [2;3] 1a —% khi m nhan gid tri bang :
m— X
A. -5 B. 1 C.0 D. -2

Hudéng dan giai
% Cach 1: CASIO

» Ta hi€u néu gia tri nho nhét cua y= —% trén doan [2;3] ¢ nghia la phuong trinh

y +% =0 c6 nghiém thudc doan [2;3]

» Thtt nghiém dap an A véi m=-5 ta thiét lap _10X+1+% =0 . S dung chtrc nang
do nghiém SHIFT SOLVE
EEHOMOBOOEEEHER D HE O ® E)
WROEE

at
S +

—5-¥_ 3
A= -0.064516123
L-R= I

Ta thay khi y :% thi x=-0.064... khong phai la gid tri thuéc doan [2;3] vay dap én
A sai

> Tuong ty nhuw vay ta thady ddp 4an C ding véi m=0 khi d6 y c6 dang =
—X

BUCEmNEHED®E & M2 HEE

:H +§ Math
A= a
L-R= I

Ta thay khi y = % khi x =3 la gia tri thuéc doan [2;3] = ddp an C chinh xac

+ Cach tham khao: Tu luan
2m(m—x)—(2mx+1)(-1) _2m*+1

2

» Tinh daoham y'= >0 véimoi xeD

(m—x) (m—x)
= Ham y ludn dong bién
— Ham y dat gia trj 16n nhat tai can trén x=3

1 6m+1 -1

- Véy y(g):—g@ n_3 —?szo

¢ Binh luan:
o Ta co thé st dung may tinh Casio theo VD1 va VD2 véi chiic naing MODE 7

Ta thdy véi dan an Cham s6 y = —% dat gia tri 16n nhat —% khi x=3

Trang 4 Tai liéu Iwu hanh noi bo
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Vi du 5. [Thi Hoc sinh gidi tinh Ninh Binh nam 2017]

AY ~ - . . 7 - A? ﬂ- N
Cho ham s6 y=asinx+bcosx+x (0<x<27) dat cyc dai tai cac diém X=§ va X=rx .

Tinh gia tri cua biéu thirc T = a+b3
A. T=23 B. T=3J/3+1 C.T=2 D.T=4

Huéng dan giai
% Cach 1: CASIO
» Ta hiéu ham s6 dat cuec tri tai x =X, thi X, la nghiém ctia phuong trinh y'=0
» Tinh y'=acosx—bsinx+1 .

1.3

Ta c6 y'(£)=0<:>—a——b+£=0 (1)
3 2° 23

Laicoy'(7)=0<-a+z=0 =a=x . Thé vao (1) ta duoc
» SHIFT SOLVE

EBEHUO0EDDBOI@EHE SR HE M @ (B 6

) 2)J B3
[F| Math
I N a.+a.

]
A= -0.064516123
L-R= 0
Ta thay khi y =% thi x=-0.064... khong phai la gié tri thudc doan [2;3] vay dép 4n
A sai
> Tuong ty nhu vay ta thady ddp 4n C ding véi m=0 khi d6 y c6 dang L
-X

FCEmICEHEDNCEMmBEEE

3

—
A= £
L-R= I

Ta thay khi y = % khi x =3 la gia tri thuéc doan [2;3] = dép an C chinh xac

+ Cach tham khao: Ty luan
2m(m-x)—(2mx+1)(-1)  2m?+1
(m—x) (m—x)

» Tinh dao ham y'= >0 véimoi xeD
— Ham y ludn dong bién
— Ham y dat gia tri 16n nhat tai can trén x=3

1 6m+1 -1

- Véy y(3):—§<2> m_3 ?©m=0

¢ Binh luan:
o Ta co thé st dung may tinh Casio theo VD1 va VD2 véi chiic naing MODE 7

Trang 5 Tai liéu Iwu hanh noi bo
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Ta thiy v6i dén én Cham s8 y = = dat gid trj 16n nhét -% Khi x=3
X

g M EO@OBEEDEEAEEE0HEHOEE

F] Math
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BAI TAP TU LUYEN

Bai 1. [Thi thit bao Toan hoc tudi tré 1an 4 nam 2017]
2
Goi M, m 1a gid tri 16n nhat va gia tri nho nhat cia ham s6 y = X—X trén doan [-11]. Khi d6
e

A.le;mzo B. M=¢e;m=0 C. M:e,m:l D.M=em=1
e e

Bai 2. [Thi Hoc sinh gioi tinh Ninh Binh nam 2017]
Tim gi4 tri 16n nhat M ctia ham s6 y =+/x+3+/6-x

A. M=3 B. M=3J2 C.M=23 D. M=2+.3
Bai 3. [Thi thit chuyén Vi Thanh - Hiau Giang lan 1 ndm 2017]

/ k] \ ~ 2
Tim gia tri nhé nhat cia ham s6 y = (X2 —2X+ 3) -7

A. miny=-5 B. miny=-7
C. miny=-3 D. Khong ton tai min
Bai 4. [Thi thit THPT Luc Ngan - Bac Giang lan 1 nam 2017]
Tim m déham 5 y =" ‘m4 dat gié trj 16n nht bing 5 trén [2;6]
J’_
A.ng B.mz—é C.m:E D.m:§
6 5 4 7

Bai 5. [Thi thtt THPT Vit Vin Hiéu -Nam Dinh Ian 1 nam 2017]
Goi M,n lan lwot la gid tri 1on nhat va gia tri nhé nhat cta ham s6 y =‘X3 —3x? +1‘ trén
doan [-2;1] thi:

A. M=19;m=1 B. M=0;m=-19 C. M =0;m=-19 D. Két qua khac
Bai 6. [Thi thit THPT Ngé Gia Tu - Vinh Phic Idn 1 nam 2017]
Gia tri nho nhat ctia ham s8 y =+/1+sinx ++/1+cosx 1a:

A. miny =0 B. miny=1
C. miny=v4-22 D. Khong ton tai GTNN
Bai 7. [Thi thit chuyén Tran Pha — Hai Phong lan 1 nam 2017]
Cho ham s8 y = 3sin x—4sin® x . Gi4 trj I6n nhat cia ham s& trén khoang (—f : gj bing :
A. 1. B. 7 C. -1 D. 3
Bai 8. [Thi HK1 THPT chuyén Ngoai Ngit - DHSP nam 2017]
Goi M,n Ian luwot la gia tri 16n nhat va gia tri nho nhat cua ham sd f (X) = (x2 —S)ex trén
doan [0;2]. Gi4 trj cua biéu thitc P = (m2 —4M
A.0 B. ¢ C.1 D. 2%

2016 |
) la:

Trang 6 Tai liéu Iwu hanh noi bo
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LOI GIAI BAI TAP TU LUYEN

Bai 1. [Thi thit bao Toan hoc tudi tré 1an 4 nam 2017]
2
. \ L4 . 7 A \ .7 . 2 A ? \ ~ X A . /4
Goi M, m la gia tri 16n nhat va gia tri nho nhat ctia ham s§ y =— trén doan [-11]. Khi d6
e

A. M:l/mzo B. M:e;m:o C. M =e,m=1

— D.M=em=1
e e

Huoéng dan giai
2

Lap bang gid tri cho y= f (x) = X—X voilénh MODE 7 Start -1 End 1 Step %
e

oo (M=) ) D@ @ xIE e D EEE0OEOE R E O
B8

= Math = Math
Fril n Fril
e I - e
3l -0.18911.3125 12i0. 157810.02182
-1 0. 0528351573595

Quan sat bang gia tri thdy ngay M =2.7182=e dat dwgc khi x=-1 va m= 2.6x10°~0 St
dung Casio

= Ddp s0 chinh xac la B

Bai 2. [Thi Hoc sinh giéi tinh Ninh Binh nam 2017]
Tim gia tri lon nhat M ctia ham s6 y =vx+3++/6—X

A. M=3 B. M=32 C.M=2/3 D. M =2+3
Huoéng dan giai
o 1A s g . [x+3=0
Theo diéu kién xac dinh thi < -3<k<6
6-x>0

Lap bang gid tri cho y=+x+3++/6—x v6ilénh MODE 7 Start —3 End 6 Step 0.5

g (7] (va) (i) ) (H B H (= ) HE I EEEHR8E 683 0
B E

J | Bl Al )
o |22
1.5 4. 242640687

Quan sat bang gia tri thdy ngay M = 4.2421=32 dat dwoc khi x=—1 va m=2.6x10" =0
St dung Casio

— Dap s6 chinh xacla B

Bai 3. [Thi thit chuyén Vi Thanh - Hiu Giang 1an 1 nam 2017]

o \ ~ 2
Tim gid tri nhé nhat cia ham s6 y = (X2 —2X+ 3) -7

A. miny=-5
C. miny=-3

B. miny=-7
D. Khong ton tai min

Trang 7

Huéng dan giai

Tai liéu Iwu hanh noi bo
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Dé bai khong ndi gi dén mién gia tri ctia x . Khi d6 ta chon Start -9 End 10 Step 1
Lap bang gia tri cho y = (X2 —2X +3)2 —7 vo6ilénh MODE 7

E]@@E]E]E]E]@E]E]@

"

) Math
Fika
-
-3
g

Quan sat bang gia tri thdy ngay miny =-3 dat duwoc khi x=1

= Dap s6 chinh xacla C

Bai 4. [Thi thit THPT Luc Ngan - Bac Giang lan 1 nam 2017]
Tim m déhamsd y = mX—_m4 dat gid tri 16n nhat bang 5 trén [-2;6]
X+

A. ng ]3.1’)12—é Cm:§ szE

Huéng dan giai

Thir véi m = % thi gid tri 16n nhat la 25 = A sai

g @ (E ) ew) O FHE HB @D HRBEEEE8EHREE
BO0MEE

o} Math
n Fikl
3 - El
y 1, 5 25
5 1] -1

Twong te nhw vy véi m=34 thi gia tri 16n nhdt 1a 5.= Dap s6 C chinh xac
o M EE @A NEB@EDDECEAEEERAEEE0
LEE

]
5

i’

C) Math
F Ll
y. 256U
U. E!EE

15
16
11

Bai 5. [Thi thit THPT Vii Van Hi€u -Nam Dinh Ian 1 nam 2017]
Goi M,n Tan luot la gid tri 16n nhét va gia tri nho nhat cia ham s y=|x*-3x*+1 trén
doan [-2;1] thi:

A. M=19;m=1 B. M=0;m=-19 C. M =0;m=-19 D. Két qua khac

Huéng dan giai
Ham chtta dau gia tri tuyét doi ta thém 1énh SHIFT HYP. St dung MODE 7 véi Start -2
End 1 Step 3
19

feone) (7] (sur1) fye) (i) O] (1) B > B Bl o) ) (22 H D E B EHRIE M E
BIEHOMEE

Trang 8 Tai liéu Iwu hanh noi bo
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dl-1.68U112.281

1|
-Z I:I. IE-EHI-EII:IEEIE-S
* Quan sat bang gia tri thdy M =19;m=0.= DPap s6 C chinh xac

Bai 6. [Thi thtt THPT Ng6 Gia Tu - Vinh Phuc Ian 1 nam 2017]
Gia tri nho nhat ctia ham s6 y =/1+sin x ++/1+cosx 1a:

A. miny =0 B. miny=1
C. miny=v4-22 D. Khéng t6n tai GTNN

Huéng dan giai

* Vi chu ki ctia ham sin, cos la 27 nén ta chon Start —27 End 27z Step i—g

» Lap bang gid tri cho y= J1+sinx ++/1+cosx véilénh MODE 7

(str) woog) (4] (o) (7] (va) (10 () (sin) (ae) O OJ & (F) (v) (1 (] [eos) iz OJ OJ (B
(=) (=) (2] ) <109 (&) (2] (e (109 (E) (4] o) (x109 (=) (0 (8] (B
| SEE | 1
g/-0. 8321 1. 612
-1.485353459515

Quan sat bang gia tri thdy ngay M =1.0162~1 = DPap s6 chinh xacla B

Bai 7. [Thi thit chuyén Tran Pha — Hai Phong lan 1 nam 2017]

Cho ham s8 y =3sin x—4sin® x. Gia tri 1én nhat caa ham sd trén khoang ( %j bang :
D.

w nala

A. 1. B. 7 C -1

Huéng dan giai
= Lap bang gia tri cho y = 3sin x—4sin®x véilénh MODE 7 Start —% End % Step %

(stT) (wog) (4] (g (7] (3] (sin) (i) (0] OJ (=) (@) (sin) (api) O] OJ (=) (B) (B) (=) (=] s
WE]@@EWE]@@EWE]E]@@

H FiH)

-1.Uls ﬂ.EﬂHH
-l.2U4l 0. 54BS

-1.57079a53:27

Quan sat bang gia tri 1én nhat la 1= Dap s6 chinh xacla A

Bai 8. [Thi HK1 THPT chuyén Ngoai Ngit - DHSP nam 2017]

Goi M,n Ian luot la gid tri 16n nhat va gi4 trj nho nhat ctia ham s§ f (x)=(x*-3)e* trén
doan [0;2]. Gi4 trj cua bi€u thitc P = (m2 —4M la:

A.0 B. ¢*° C.1 D. 2%

)2016 .

Hudng dan giai

» Lap bang gid tricho y= J1+sin x ++/1+cosx véilénh MODE 7 Start 0 End 2 Step %

Trang 9 Tai liéu Iwu hanh noi bo
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Fi] Math Fi] Math
ol oy gz 1 [ -Ee i 18| 1 B | 3F seu1
| PAeTEE | -20 322 10 el | #5758
iIl1.0526] -5.ua 3|
O.9d75554dz211 =

* Quan sat bang gia tri ta thay m=-5.422 va M =7.389
2 2016 2016
=P =(m’-4M) ~

—(~0.157916)™° ~ 0
= Ddp s0 chinh xac la A.

Trang 10 Tai liéu Iwu hanh noi bo
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PHUONG PHAP CASIO - VINACAL

BAI 2. TIM NHANH KHOANG PONG BIEN - NGHICH BIEN.

1) KIEN THUC NEN TANG

1. Tinh déng bién nghich bién : Cho ham s6 y = f (x) ¢ dao ham trén khoang | . Néu
f'(x)>0 véimoi xel (hodc f'(x)<0 v6imoi xel)va f'(x)=0 tai httu han diém cta
| thiham s6 y = f (x) dong bién (hodc nghich bién) trén |

2. Cach 1 Casio : St dung chitc nang lap bang gia tri MODE 7 ctia may tinh Casio . Quan
sat bang két qua nhan duoc , khoang nao lam cho ham s6 ludn tang thi 1a khoang dong
bién, khoang nao lam cho ham s& luén giam 1a khoang ngich bién.

3. Cach 2 Casio : Tinh dao ham, thiét 1ap bat phuong trinh dao ham, c¢6 lap m va dua vé
dang m> f (x) hodc m< f (x) . Tim Min,Max cua ham f (x) roi két luan.

4. Cach 3 Casio : Tinh dao ham, thiét 1ap bat phuong trinh dao ham. St dung tinh nang
giai bat phuwong trinh INEQ cua mdy tinh Casio (d6i v6i bat phuong trinh bac hai, bac ba)

2) VI DU MINH HOA

VD1-[Dé minh hoa thi THPT Qudc Gian Ian 1 nam 2017]
Hoi ham s y = 2x* +1 dong bién trén khoang nao ?
1 1 .
A. [_OC;_EJ B. (0;+oc) C.(—§,+OCJ D. (—oc,O)

Hudng dan giai

% Cach1:CASIO MODE 7

> Dé kiém tra dap an A ta st dung chirc nang 1ap bang gia tri MODE 7 véi thiét 1ap

Start —10 End —% Step 0.5

@@@@@@@E]E]@E]E]@E]@@

Fe |
e | B
al -8.5| TE2a
5l 23] 13Ta3

-10
Ta thay ngay khi x cang tang thi f (x) cang giam = Dép 4n A sai
» Tuong tu nhu vay, dé kiém tra dap an B ta cling sit dung chitc naing MODE 7 voéi
thiét lap Start 0 End 9 Step 0.5
BO@mIPDICHNEE0EE00EE
Fria
la IEé
3

Ta thay khi x cang ting thi tuong ting f (X) cang taing = Dép 4n B dung
< Cach2: CASIO PAO HAM
» Kiém tra khoang (— oc;—%j tatinh f '(—%—0.1)
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A E QN D@ HDeHE ORI EHO MDA

B

I Fi Maihnp

AR ] P
_E1&
125

Pao ham ra &m (ham sd nghich bién) = Gia tri —% —0.1 vi pham = D4ap an A sai
» Kiém tra khoang (-cc;0)ta tinh f'(0-0.1)
@ @® @ @ @ @ [oEL) (0eL (EL) (pEL) EL) [EL) (=)
B Math &
o [ened
i L2 +1]|x=—DiE

T1EE
biém 0-0.1 vi pham = D4ap an D sai va C cling sai = Dap an chinh xacla B
» Xac minh thém 1 [an nita xem B dung khong . Ta tinh f'(1+0.1)= % = Chinh
xac

SIIHSINmanlels

Math &

é%[2x4+1]|x=1+DP
{531
125
¢ Cach3: CASIO MODE 5 INEQ

» Ham s6 bac 4 khi dao ham sé ra bac 3. Ta nham cac hé s6 nay trong dau. St dung
mady tinh Casio d€ giai bat phuong trinh bac 3

i ®DREEEEUENEUESE
A% A

IS
RO rang x>0
¢ Cach tham khao : Ty luan
» Tinh dao ham y'=8x’
= Dé&ham s6 dong bién thi y'>0< x*>0< x>0 .

Véy ham s dong bién trén khoang (0;+ o)

% Binh ludn:

e Khi sit dung Casio ta phai d€'y : Ham s& dong bién trén khoang (a;b) thi sé luén
tang khi x tang. Néu ltc tang ltic giam thi khong dung .

Bai 2-[Thi thit bao Toan hoc tudi tré Ian 4 nam 2017]
Ham s8 y = x> +3x* + mx+m ddng bién trén tap xéac dinh khi gia tri cia m 1a:
A. m<1 B. m>3 C. -1<m<3 D. m<3
Huéng dan giai
% Cach1:CASIO
» Dé€ giai cac bai toan lién quan dén tham s6 m thi ta phai c6 lap m
Ham s8 dong bién < y'>0< 3x* +6x+m>0< m>-3x’ -6x = f (X)
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Vay dé€ ham s6 y dong bién trén tap xac dinh thi m> f (x) hay m> f (max) v6i moi
X thudc R
> D€ tim Gi4 tri 16n nhat cua f(x) ta van dung chitc ning MODE 7 nhung theo cach

dung cta ky thuat Casio tim min - max

o D HE MO HAEHEmmNEEE0E0NMEDE

Fril
| lliil’F -183
- -] -1uy
3 =11 =105

> Quan sat bang gid tri ta thdy gia tri 1én nhat cua f(x) la3 khi x=-1

[F:] Math
n Fina
] - 1]
| 3
10 1] 1]
-1
Vay m>3

+» Cach tham khao : Tu luan

* Tinh dao ham y'=3x"+6x+m

= Dé&ham s6 dong bién thi y'>0<«> 3x* +6x+m>0 vdi moi xeR (¥)
SA'K09-3m<0<m=>3

¢ Binh luan:

e Kién thtec (*) ap dung dinh ly vé ddu cua tam thitc bac 2 : “Néu tam thic bac hai
ax® +bx+c¢ c6 A<0 thi ddu ctia tam thitc bac 2 ludn cung dau véi a” .

VD3-[Dé minh hoa thi THPT Qudc Gian Ian 1 nam 2017]

n A, 2 7 .7 . 2 A \ A tan X— 2 AVN o« A7 A
Tim tat ca cac gia tri thyc cua tham s6 m sao cho ham s6 y :t— dong bién trén
an Xx—m
khoang (O;z
4
m<0
A. B. m<2 C.1<m<?2 D. m>2

1<m<2

Hudng dan giai
% Cach1:CASIO
> DE bai toan dé nhin hon ta tién hanh dit an phu : Bat tanx=t . D6i bién thi phai
tim mién gid tri cua bién madi. D€ lam diéu nay ta st dung chirc ndng MODE 7 cho
ham f(x)=tanx .
(stF) (ong) (4] woog) (7] (tan) (i) O] O] E) (&) (0] (&) () xi07) (5 (&) (=) (A )
) ED0E0EE
Frnl

O.0ul
0. 08z

| ] 1]
HILIE E |
31 0. 0826 |

Ta thdy 0<tanx <1 vay te(0;1)
Bai todn trd thanh tim m d€ham sg y = % dong bién trén khoang (0;1)

» Tinh dao ham : y,:(t—m)—(t—Z): 2-m

(Cmy ()
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(t-m
» Két hop diéu kién xac dinh t—m¢0<:>m¢t:me(0;1) )
<0

m <
T (1) va (2) ta dwoc
1<m<?2

= Dap an A la chinh xac

% Binh ludn :

o Bai todn chita tham s6 m & dwdi mau thuong danh lira chiing ta. Néu khong tinh
tao ching ta sé chon luén dap an B

e Tuy nhién diém nhéan cta bai toan nay 1a phai két hop diéu kién 6 mau s6. m=t ma
te(0;1) vay me(0;1) .

VD4-[Thi thit bado Toan hoc tudi tré 1an 3 nim 2017]
Vi gid tri nao cua tham s6 m thi ham s& y =sinx—cosx+ 2017/2mx dong bién trén R
A. m>2017 B. m<0 C. m2 L D.mZ—L
2017 2017

Hudéng dan giai
% Cach1:CASIO
» Tinh dao ham y'=cosX+sin x+2017~/2m
—sin X —Ccos X
——=f (X
20172 )
D& ham s6 luén dong bién trén R thi m>f(x) ding voi moi xeR hay

y'>20<m>

m=> f (max)
> DE€ tim gid tri 1én nhat ctia ham s6 ta lai str dung chitc nang MODE 7. Vi ham f (x)

la ham lwgng giac ma ham luwong giac sin x,cos x thi tuan hoan véi chu ki 27 vay ta

sé thiét lap Start 0 End 27 Step i—g

(str) woog) (4] (wong (7] () (=) (sin) (i) O] OJ (=) feod) (e O I @ (2] (0] (1)
@E]@E@E]@E]@ x0) (F DB E

Math

!
>

Fixl
| ﬁT =J.al
2|0.3306| -U-al
l0.66131 -U-al

Quan st bang gid tri cia F (X)) ta thay f(max)= f (3.9683)~5.10"
F: Math
] Finl
Eﬁé Y. T4al
219:F |Ua 9-1al
Y. 2991 4. Bal
SaFESTETEEE

1
Dav 13 1 oid tri ~ Ay m>
ay la 1 gia tri 2017 vay

¢ Cach tham khao : Ty luan

12
13
u

= Pép an chinh xacla C
2017

—Sin X —Cos X g (x)
20172
* Theo bat dang thiee Bunhiacopxki thi
(—sinx—cosx)’ < ((—1)2 +(-2)° )(sin2 X+C0s” X) = 2

= Tinh dao ham y':cosx+sinx+2017\/§m. y'>0<m>
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—J/2 <(—sin X—C0SX) <~/2

<t
2017\/ 20172
J2 1

f (x) dat gia tri 16n nhat I = —=m> f(max)= ——
() dat gid tri 16n nht 1 20172 2017 (max) 2017

+» Binh luan:

e Vichu ki ctia ham sinx,cosx 1a 2z nén ngoai thiét 1ap Start 0 End 27 thi ta c6 thé
thiét 1ap Start -z End -7«

e Neéu chi xuat hién ham tan x, cot x ma hai ham nay tuan hoan theo chu ki 7 thi ta

c6 thé thiét lap Start 0 End 7 Step %

VD5-[Thi thit chuyén Tran Phti — Hai Phong Ian 1 ndm 2017]
Tim m d&ham s3 y = x®+3x* + mx+m nghich bién trén doan c6 d6 dai ding bang 2.
A. m=0 B. m<3 Cm=2 D. m>3
GIAI
+ Cach1:CASIO
> Tinh y'=3x*+6x*+m
Ta nhd cong thire tinh nhanh “Néu ham bac 3 nghich bién trén doan c6 d¢ dai bé“mg
a thi phuong trinh dao ham c6 hai nghiém va hiéu hai nghiém béng a”
Vi a la mét s6 xac dinh thi m ciing la 1 s8 xac dinh cht khong thé la khoang =
Dép s6 phaila A hodc C.
Véi m=0 phuong trinh dao ham 3x* +6x=0 c6 hai nghiém phan biét {X = va

khoang cach gitta chiing bang 2
= Ddp an A la chinh xac
¢ Cach tham khao : Tw luan
= Tinh y'=3x*+6x’+m. D& ham s6 nghich bién trén doan c6 dd dai bang 2 thi

phuong trinh dao ham ¢6 2 nghiém X, X, va [ —%,|=0
X +X, =-2
» Theo Vi-et ta co m
XX, :E
= Gidi | x| =2 (% %) =4 (% +%,) —dxx, =4

4—4?m_4<:>m 0

BAI TAP TU LUYE

Bai 1-[Thi thit chuyén KHTN -HN I4n 2 nim 2017]
Cho ham s8 y=—x*+2x*+1 . Ménh dén nao dudi day ding ?
A. Ham s8 dong bién trén khoang (— o; —1)

+aoc
+oc)

B. Ham s6 dong bién trén khoang (— o
C. Ham s6 dong bién trén khoang (O,
D. Ham s6 dong bién trén khoang (Z;
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Bai 2-[Thi th@ bao Toan hoc tudi tré Ian 3 nim 2017]
Trong cac hang sO sau, hay chi ra ham s0 giam (nghich bién) trén R

I e

Bai 3-[Thi Hoc sinh gidi tinh Ninh Binh nam 2017]

4 A? \ A m _1 X +1 A oA A \ 2
Tim cac gia tri thyre ctia tham s6 m dé ham s6 y = (2—) dong bién trén ting khoang
X+m
xac dinh
-1
A. m<2 B. {”“ C. m#2 D. -1<m<2
m>2

Bai 4-[Thi thit chuyén Ha Long - Quang Ninh 1an 1 nam 2017]

n 7 .7 . 2 A A1 N A m_SinX . A A » T
Tim cac gia tri thiee cia tham s6 m dé ham s6 y = ——— nghich bién trén khoang [0; Ej
COos™ X

A ms2 B. m<> C.m<> D.m>2
2 2 4 4

Bai 5-[Thi thtt chuyén Vi Thanh - Hiu Giang l4n 1 nam 2017]
Tim tat ca céc gia tri thiee cia tham s6 m sao cho ham s8 y = 2sin® x—3sin® X+ msin x dong

bién trén khoang (0; %J

A. m>0 B. m<> C.m>3 D.m>2
2 2 2

Bai 6-[Thi thtt chuyén Luwong Vin Tuy lan 1 nim 2017]
Tim m dé€ham s§ y =mx’—x*+3x+m—2 dong bién trén khoang (-3;0) ?

A.m=0 B. m=+1 C.3m=+1 D. m=1
Bai 7-[Thi th THPT Bdo Lam — Lam D‘f)ng Ian 1 nam 2017]

X

Tim tat ca gia tri thwc cta tham s& m sao cho ham s& y:% déng bién trong
e —m
, 1
khoang (IHZ;OJ
A. me[-1;2] B. me[—%;ﬂ C. me(L2) D. me[—%;ﬂu[lﬂ)

Bai 8-[Thi thit chuyén Tran Phti — Hai Phong 1an 1 nim 2017]
Tim t4t ca cac gid tri thue m dé€ ham s6 y =2x°+3(m-1)x* +6(m—2)x+3 nghich bién trén

khoang c6 d¢ dai 1én hon 3.

m > 6
A[ B. m>6 C. m<0 D. m=9
m<0

LOI GIAI BAI TAP TU LUYE
Bai 1-[Thi thit chuyén KHTN -HN I4n 2 nim 2017]
Cho ham s6 y =—x*+2x* +1 . Ménh dén nao dudi day dung ?

A. Ham s dong bién trén khoang (- o;—1)
B. Ham s6 dong bién trén khoang (—oc;0)
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C. Ham s6 dong bién trén khoang (0;+ o)
D. Ham s8 dong bién trén khoang (1;+ o)
Huéng dan giai
Giai bat phwong trinh dao ham véi 1énh MODE 5 INEQ

®DREREEHNE0EREUESE
AsAsBaAil

Ai-la.04051
RG rang ham s& dong bién trén mién (—oc;—1) va (0;1) = Déap s6 chinh xacla A
Bai 2-[Thi thtt bao Toan hoc tudi tré Ian 3 nam 2017]
Trong cac hang sd sau, hay chi ra ham sd giam (nghich bién) trén R

S )

Hudéng dan giai
Ham s0 ngich bién trén R tic la ludén giam

Kiém tra tinh nghich bién y = (gj ctia ham véi chitc ndang MODE 7 Start -9 End 10 Step 1

o D B e @ OB MNPBEmONEEEDE0DEIE
e | F 57

0. 6b03
-g|0.6314
=110. 12Ul

Ta thdy f(x) ludn ting = A sai

Tuong ty nhw vay , véi ham y = (ij ta thdy f(x) ludn giam = Dap an chinh xacla D

22

@@@@@@@@E]@E]E]@E]

F] Math
Frnl
| ﬁ-— I 1585
- -] Ubae
E | =Tl 14ul. |

Bai 3-[Thi Hoc sinh gidi tinh Ninh Binh nam 2017]

m-1)x+1
Tim cac gia tri thye ctia tham s6 m d€ ham s6 y = % dong bién trén tirng khoang
+
xac dinh
A m<2 B. {"“_1 C. m#2 D. -1<m<2
m>2
Hudng dan giai
P (3-Dx+1 .
Chon m=-3 . Khao satham y =-~——-+—— v0i chitc nang MODE 7

E]@E]E]E]@@E]@E]E]E]@
BHOOEOE
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e

F]
Finl
-0.333

E |

=1

Ta thay ham s0 lac tang ltc giam = m=-3 sai = A, B, C déu sai
= Dap s6 chinh xacla D

Chu y : Viéc chon m khéo 1éo sé rut ngan qud trinh thir ddp én
Bai 4-[Thi th&t chuyén Ha Long — Quang Ninh Ian 1 nim 2017]

Tim céc gia tri thueec ctia tham s6 m dé€ ham s6 y = m _Szm X nghich bién trén khoang [O; %j
COS™ X
A.mzE B.ms§ C.msE D.sz
2 2 4 4
Hudng dan giai
TR 3-sinx . ..,
Chon m=3 .Khao sat ham y = >— VOi chitc nang MODE 7
C

S™ X
(stiFr) (wooe) (4] ong) (7] (B (3] (=] (sin) (p) O O & ey (e O OJ (3 (=) (=) (0] (=)
(o) 10 (=] (6] (=) ) [x107) () (6] (2 (10 (0] (&

F Math
I'FI":"'I:‘IT F g
1 -

c« 3905
0. 3582 3. 0207
0. 3858

3. 0565
0. 35059539535

13
Iy
15

Ta thdy ham s0 lac tang lac giam = m=3 sai = A, D déu sai
Chon m=1.3 . Khao sat ham y = % v0i chitc nang MODE 7

fwooe) (7] (&) (1) (=] (3] (=) (sin) (i) 5] O) @ [eod) () O OJ (23 (=) (=) (0] (=) ey
k9 ) (6) &) e (0] (H (6] I W ) &

F]

Fixa
| ] 1.3
2| 0.0275] 12734
31 0.055111.24B1

Ta thdy ham s6 lu6n = m=1.3 ding = B la d4p s6 chinh xac (Pap 4n C khong chira 1.3
neén sai)

Bai 5-[Thi thit chuyén Vi Thanh - Hiu Giang Ian 1 ndm 2017]
Tim tat ca cac gia tri thiee cia tham s6 m sao cho ham s§ y = 2sin® x—3sin® X+ msin x dong

bién trén khoang (0; %j

A. m>0 B.m<E C.m2§ D.m>§
2 2 2
Hudng dan giai
Chon m=5 . Khao s4t ham y =2sin® x—3sin® x+5sin x vdi chttc nding MODE 7

frong) (7] (2] (sin) (i) O] O] (29 (3] & (=) (3] (sin]) (wrw) ) O (o3 (= (8] (sin) (i) O
03 E 0 E [ ke (& (2) & A &) (5 (2) 0 E
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S L W PR ¥ W F S N St R g A LA I R U LA AR FATSA S FIY SR AL AR TR LI 4 IF S LIRLEL FANF RSP LN J o

F]

Frnl
| ] 1]
2| O« I157]-0.8U"1
031Ul I=-1.112

Ta thay ham s6 luon giam = m=-5 sai = B sai
Chon m=1 . Khao sat ham y = 2sin® x—3sin® x+sin x vdi chttc ning MODE 7

EORPREEPEEDDE

Frnl
| ] 1]
2| O« 157|0.0906
Ji0.314110.0B15

Ta thdy ham s0 lac tang lac giam = m=1 sai = A sai

Chon m :g . Khao sat ham y = 2sin® x—3sin’ X+gsin X véi chite ndng MODE 7

MNELxMREFHBNEEEEE

F]

Fixd
| ] 1]
2| O« 157|0. IGEE
Ji0.314ll O.236

Ta thady ham s6 luon tang = m= g ding = Csai

Bai 6-[Thi thit chuyén Lwong Vin Tuy lan 1 nim 2017]
Tim m dé€ham s§ y =mx® —x*+3x+m—2 dong bién trén khoang (-3;0) ?
A. m=0 B. m=+1 C.3m=+1 D. m=1
Hudéng dan giai
Tinh dao ham y'=3mx’ —2x+3 : Ham s0 dong bién
< 3MX* -2x+3>0< m> 2;(_23: f(x)
X
Vay m> f (max) trén mién (-3;0) . Tim f (max) bang lénh MODE 7

@E]@@@E]E]E]@@@@@E]E]

e

-« BUZ
-c. BEU

F] Math
Frhl
-0.333
-0. 358
-0.381

Ta thay f(max)= 0.3333...=% = m 2% sai = D la dap s6 chinh xac

Bai 7-[Thi thit THPT Bao Ldm — LAm Dong lan 1 nam 2017]

g 2 .7 . 2 ~” \ A - - 2 AN . A
Tim tat ca gia tri thyec cta tham s6 m sao cho ham so yz% dong bién trong
e —m
, 1
khoang [InZ;Oj
A. me[-1;2] B. me[—%;ﬂ C. me(L2) D. me[—%;ﬂu[LZ)
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Hudng dan giai
Chon m=1.Khao satham y = € :11_22
e —

fwoog) (7)) (=) (i) (x10 (%) (i) O & (=) (1] (=) (2) O (aees) (x10) (o) () O] & (=)
-@@@EE@-@@@B@EE}@-E}E@@

v6i chitc ndang MODE 7

FIIHII
Iﬂlﬁﬂ-F 3. BBEE
gl=1.313]|3. 1356
3l -l.24l J.HIYU

-1.3535529435451
Ta thdy ham s6 ludn tang trén = m=1 nhan = A, D c¢6 thé dung
e —(-1)-2
e’ —(-1)
%%@@@@B@@@@@@@B@@@

ﬁ FIIH:I

o, '."E';'IE-EEIE-i 11

Chon m=-1.Khao satham y= v0i chitc nang MODE 7

Ta thdy ham s& luon khong ddi (ham hang) = m=-1 loai = A sai va D la dap s8 chinh
Xac

Bai 8-[Thi th&t chuyén Tran Phu — Hai Phong 1an 1 nim 2017]

Tim t4t ca cac gid tri thue m dé€ham s6 y=2x°+3(m-1)x*+6(m—2)x+3 nghich bién trén

khoang c6 d¢ dai 16n hon 3.

m>6
A[ B. m>6 C. m<0 D. m=9
m<0
Hudéng dan giai
+X,=1-m
Tinh y'=6x’+6(m—-1)x+6(m—2) . Theo Vi-et ta ¢ : {Xl ?
XX, =m-—2

Khoang nghich bién 16n hon 3 =[x —X,| >3 (% —%,) >9 & (% +%,)’ —4xx,~9>0
< (1-m) -4(m-2)-9>0
St dung MODE 7 véi Start —3 End 10 Step 1 d€ giai bat phuwong trinh trén

RO ODEmNDNEC0mIEn0EnEEEE
SlalulS[a[S

F]

] Fixd ] Frnl
E | = 1 g -5
y ] 1] 10 D 1]
5 I -5 N 1 1

m>6
Ta nhan duwoc {m -0 = A la dap s6 chinh xac
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PHUONG PHAP CASIO - VINACAL

BAI 3. CU’C TRI HAM SO.

1) KIEN THUC NEN TANG

1.Diém cuc dai, cuc tiéu : Ham s6 f lién tuc trén (a;b) chita diém x, va c6 dao ham trén
cac khoang (a;X,) va (X,;b) . Khido:

Néu f'(x,) d6i ddu tir &m sang duong khi x qua diém x, thi ham s& dat cuc tiéu tai diém
XO

Néu f'(x,) ddi dau tir duong sang &m khi x qua di€ém X, thi ham s& dat cyec dai tai diém
XO

2.Lénh Casio tinh dao ham

2) VI DU MINH HOA

VD1-[Thi tht chuyén KHTN -HN I4n 2 ndm 2017]
Cho ham s& y =(x —5)3’/X_2 . Ménh dé nao sau day dung ?
A. Ham s6 dat cuc tiéu tai x=1
B. Ham sO dat cuc tiéu tai x=2
C. Ham s0 dat cuee tiéu tai x=0
D. Ham s6 khong c6 cuec tiéu
Hudng dan giai
% Cach1:CASIO
» DEkiém tra dap an A ta tinh dao ham ctia y tai x=1 (tiép tuc man hinh Casio dang
dung)
@ E

[F| Math &

o
3 (x5 TE )| b
1. BEBEEEEET

Ta thdy dao ham y'(1)#0 vay déap s6 A sai
» Tuong tw v6i dap an B (ti€p tuc man hinh Casio dang dung)

@@@@E Math &

A [ pyogy SE
A [ x-5) T2 )| b
0
Ta thdy y'(2)=0 . Day la diéu kién can d€ x =2 la diém cyc tiéu ctia ham s6 y

Kiém tra y'(2-0.1)=-0.1345... <0

eHUEHDE

Math &

3
3 [e-m TRZ | o
0. 1345646179

Kiém tra y'(2+0.1) =0.1301...>0
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SUSHENENEEE T E S

Math &

3 [ -5 TZ )
Sl w-m T )| p
0. 1301494443
Tom lai f'(2)=0 va ddu cua y' d6i tlt — sang + vay ham s6 y dat cuc tiéu tai
X=2
= Ddap an B la chinh xac
+» Cach tham khao : Tw luan

* Tinh dao ham:: y'=§/x_2+(x_5)_§ 1 :3X+2(X_5):5(X_2)

xo 3x 3Yx

= Tacd y'=0=5(x-2)=0<x=0

Y>>0

Xx—2>0

5(X—2) x>0 X> 2
>0 =

33x {x—2<0

x<0

x<0

y'<0&=0<x<?2
Vay y'(2)=0 va y' doi dau tir am sang duong qua diém x =2
% Binh ludn:
e Trong céac bai toan tinh dao ham phttc tap thi cach Casio cang té ra c6 hiéu qua vi
tranh dwoc nham 1an khi tinh dao ham va xét ddu cua dao ham.
VD2-[Thi th&t bao Toan hoc tudi tré [an 3 nam 2017]
Vi gid tri nguyén nao ctia k thiham s6 y =kx* +(4k —=5)x* +2017 ¢4 3 cuc tri
A k=1 B. k=2 C. k=3 D. k=4
Hudéng dan giai
% Cach1:CASIO
» Tinh dao ham y'=4kx’ +2(4k —5)x
Ta hiéu : BPé ham s6 y ¢6 3 cyc tri thi y'=0 c6 3 nghiém phan biét (khi d6 duong
nhién sé khong c6 nghiém kép nao)
Ta chi can giai phuong trinh bac 3 : 4k +2(4k-5)x=0 véi
a=4k,b=0,c=8k-10,d =0 . D€ lam viéc nay ta st dung mdy tinh Casio v4i chtrc
nang giai phuong trinh bac 3 : MODE 5
» Tht dap an A véi k=1

g (5 AEONEEEHUNOOEOEE

F:] Math¥ [F] Math Wik
= =
dE _AE
z =
F] Math A

AS=

Ta thu dwoc 3 nghiém X, = =——% =0

0
. 2
FEary
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= Dap an A la chinh xac
¢ Cach tham khao : Ty luan
= Tinh dao ham y'=4kx’ +2(4k —5)x
* Ta hiéu: Dé ham y c6 3 cyc tri thi y'=0 c6 3 nghiém phan biét (khi d6 duong
nhién sé khong cé nghiém kép nao)
x=0
4kx* —(10-8k)=0 (2)
D€ y'=0 ¢ 3 nghiém phan biét thi phwong trinh (2) ¢6 2 nghiém phan biét khac 0
2= 18-8k

= y'=0<4kC +2(4k-5)x=0<

>0=0<k<?2

Vay k =1 thoéa man

+«¢ Binh luan:

e Dao ham la phuong trinh béac 3 ¢6 dang ax’ +bx* +cx+d =0 (a#0) néu c6 3 nghiém
thi sé tach dwoc thanh a(x—x,)(X—X,)(X—X;)=0 nén vé trdi ludén d6i ddu qua cac
nghiém. = C6 3 cuc tri
Tuy nhién néu dao ham la phuong trinh bac 3 chi ¢é 2 nghiém thi sé tach thanh
a(x—xi)(x—xz)2 =0 va sé c6 1 nghiém kép. = ¢6 1 cuc tri
Mo rong thém : néu dao ham la 1 phwong trinh bac 3 ¢6 1 nghiém thi chi d6i dau 1
lan = c6 1 cuec tri

VD3-[Thi thit THPT Kim Lién — Ha N6i Idn 1 ndm 2017]
S6 diém cuc tri cia ham s6 y = |X|3 —4x* +3 bang :
A.2 B. 0 C.3 D. 4
Hudéng dan giai
s Cach1:T.CASIO
> Tinh dao ham chira dau gia tri tuyét doi

3 1
(|x|3)'=[(«/x_z)s]:{(xz)z}‘zg(xz)z.2x:3x|x|
Vay y'= (|x|3 —4x? +3)' =3x|x|-8x
> S0 diém cyec tri twong tng voi s6 nghiém cua phuong trinh y'=0 . Ta si dung

chitc nang MODE 7 d€ do nghiém va su d6i dau cua y' qua nghiém.

fwoog (7] (3] () O (swe) foye) (et OJ @ (=) (8) (e O] E) (B (=) (8] (=) (1]
OO

Math F| Math
by FiRl " F il
B - -1B g = 5
1 -3 1] ] 0
| - y 11 | -5
-3 (N
Fi
Finl
12 ﬁ-’ -4
13 | |
Iy | 1B

Ta thdy y' d6i dau 3 lan = Co6 3 cuc tri
= Dap an C la chinh xac
VD4-[Khdo sat chat lugng chuyén Lam Son — Thanh Héa ndm 2017]
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Tim tat cac cdc gia tri thuc cia m dé ham s6 y = x° —3mx’ +3(m2 —1) X—3m? +5 dat cuc dai

tai x=1
A" B. m=2 C. m=1 D. m=0
m=2
Huéng dan giai
% Cach1:CASIO
» Kiém tra khi m=0 thi ham s c6 dat cyc dai tai x=1 khong.

) (= @ P e EEE I EHE®RE

Math &

(43 -geB)|

0
*eEHDUAE

Math &

(WS-, b
=7
100

SUCHENENENEE TR

Math &

(WS-, b
(=35

100
Vay y' déi ddu tir am sang dwong qua gia tri x=1 = m=0 loai = Dap 4n A hodc
D sai
» Tuong ty kiém tra khi m=2

& ([P EeEEE @ HEEIED®E

Math &

(Y3 -EHEGHT b

I
@HOMLOE

(43 GHZagH-T b
&3
100

SUCHCHUCHONNEINE

Math &

(4B g+ b

100
Ta thdy y' d6i dau tir dwong sang am = ham y dat cyc dai tai x=1 = Dap an B
chinh xac
¢ Cach tham khao : Ty luan
* Tinh dao ham : y'=3x* —6mx+3(m*-1)

, X=m-1
= Taco y':O<:>[
X=m+1

m=0

m-1=1 m=2
=
m+1=1

biéu kién can : x=1 la nghiém ctua phwong trinh y'=0< {
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= Thitlai véi m=2 khi dé y'=3x"-12x+9 .

'—0 x=1
=0
y x=3

{x >3
y'>0< va y'<0&e=1l<x<3
x<1
Vay y' doi ddu tir duwong sang am qua diém x=1 = Ham y dat cyc dai tai x=1

+¢ Binh luan:

e Viéc chon gia tri m mot cach khéo 1éo sé gitip chiing ta rit ngan qua trinh chon dé

tim dap an dang.
VD5-[Thi Hoc sinh gidi tinh Ninh Binh nam 2017]
Cho ham s y=asinx+bcosx+x (0<x<2r) dat cuc dai tai cac diém X:% va X=7 .

Tinh gia tri cta biéu thtee T =a+ b/3
A. T=23 B. T=33+1 C.T=2 D.T=4
Huéng dan giai
s Cach1:T.CASIO
» Tinh dao ham y'=(asinx+bcosx+x)'=acosx—bsinx+1

B3

Ham s6 dat cuyc tri tai x:%:acosg—bsin%+1:0<:>%a—7b+l:0 (1)

Ham so dat cuwee tri tai X:%: acosz—bsinz+1=0< -a-0b+1=0 (2)

T (2) tacd a=1.Thévao (1) = b=+3
Vay T =a+by/3=4 = Dap an D la chinh xac
VD6-[Thi thit chuyén Ha Long — Quang Ninh 1an 1 nim 2017]
Viét phuong trinh duong thang di qua hai diém cuc tri cia &6 thi ham s&

y:%x3—2x2+3x

A. 2x+3y+9=0 B. 2x+3y—-6=0 C. 2x-3y+9=0 D.
—-2X+3y+6=0
Hudng dan giai
% Cach1:CASIO
> Goi 2 diém cuc tri caia d6 thila A(x;Y;),B(X,;Y,) . Ta khong quan tam dau la diém
cuc dai, dau la diém cyec tiéu. Chiing ta chi can biét duwong thang can tim sé di qua 2
diém cuc tri trén.
X;X, la nghiém ctia phuong trinh y'=0 . D€ tim 2 nghiém nay ta st dung chttc
ndng giai phuwong trinh bac 2 MODE

@@@EBMQ@@@@
h1=

3

[F| MathWik

hZ=
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X/
L X4

7
°e

Ta tim duwogc x, =3;x, =1
Dé tim y,;y, ta st dung chirc ndng gan gia tri CALC

EH®E® M) B = (2] MW O] @) ([ &) fm O] k) (3]
B

Math &

SHE =243

I
Khi x=3 thi y=0 vay A(3,0)
L&
1 [P Math &
SR =T +TR
4
5

Khi x=1 thi y:g vay B(l;gj

Ta thdy duong thang 2x+3y-6=0diqua A va B = Dap an chinh xac 1a B

Cach tham khao : Ty luan

Phuong trinh duong thang di qua 2 diém cyc tri 1a phan dw ctia phép chia y cho
y'

Tinh y'=x*-4x+3

Thuc hién phép chia duoc : 1x3—2x2 +3x=(lx—gj(x2 —4x+3)—gx—2
3 3 3 3

Vay phuong trinh can tim c6 dang y = —§x+ 2<2x+3y-6=0

Binh luan :
Cach Casio c6 vé hoi dai hon nhung lai c6 vu diém tranh phai thyc hién phép chia
y cho y'.

BAI TAP TU LUYE
Bai 1-[Thi thit bao Toan hoc tudi tré Ian 4 nim 2017]
Ham s6 y = x*+x* +1 dat cuec tiéu tai :

A. x=-1 B. x=1 C. x=0 D. x=-2
Bai 2-[Thi th&t THPT Yén Thé - Bac Giang lan 1 nam 2017]
Gid tri cia m d€ham s& y =—x>—2x* + mx+2m dat cuc tidu tai x=-11a:

A. m<-1 B. m=-1 C. m=-1 D. m>-1
Bai 3-[Dé minh hoa thi THPT Qudc Gian Ian 1 nam 2017]
Tim gi4 tri cyc dai ctia ham s8 y = x* —3x+2

A. 4 B.1 C.0 D. -1
Bai 4-[Thi HK1 THPT Chu Van An - Ha N6i nim 2017]
D5 thi ham s8 y =e*(x* ~3x—5) c6 bao nhiéu diém cuec trj ?

A. 1 B. 0 C.2 D. 3

Bai 5-[Thi HK1 THPT Viét Ptrcc - Ha N¢i nam 2017]
Ham s8 y =[x’ —x? +4 c6 tit ca bao nhiéu diém cuc tri

A.2 B.1 C.3 D. 0
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Bai 6-[Khao sat chit lwgng chuyén Lam Son — Thanh Héa nam 2017]
Cho ham s6 y=f(x) c6 dao ham f '(X):x(x—1)2(2x+3) . 56 diém cuec tri cua ham sd
y="f(x)la:

A.2 B. 3 C.1 D. 0
Bai 7-[Thi thtt bao Toan hoc tudi tré Ian 3 nam 2017]
Cho ham s6 y=(x—1)(x+ 2)2 . Trung diém ctia doan thang ndi hai diém cuc tri ctia d6 thi
ham s6 nam trén duong thang nao dudi day.
Bai 8-[Thi thit chuyén Vi Thanh — Hau Giang Ian 1 nam 2017]
Tim t4t ca cdc gid tri thyc ctia tham s6 m sao cho ham s y = x* —3x* +mx ¢4 2 diém cuec tri
trai dau .

A. m<0 B. O0<m<3 C. m<3 D. Khong c6 m
thoa
Bai 9-[Thi HK1 THPT Chu Van An - Ha Noi nam 2017]
Tim tat ca cdc gia tri thuc cia tham s6 m dé ham s§ y=mx* +(m-1)x*+2 c6 dung 1 cuc
dai va khong ¢ cuc tiéu

m<0

A. m<1 B. C. m<0 D. m>1

m>1
Bai 10-[Thi thtt chuyén KHTN -HN I4n 2 nidm 2017]
Tim tap hop tat ca cac tham s m d& & thi ham s8 y=x*+x> +mx—-m—2 ¢4 2 cyc trj nam
& hai ntrta mat phang khéc nhau véi bo 1a truc hoanh
A. (—oc;O) B. (— oc;—l)\{—S} C.(— oc;O] D. (— oc;l)\{—S}

LOI GIAI BAI TAP TU LUYE

Bai 1-[Thi thiét bio Toan hoc tudi tré Ian 4 nam 2017]
Ham s6 y =x*+x*+1 dat cuc ti€u tai:
A x=-1 B. x=1 C. x=0 D. x=-2

Hudng dan giai

Ngoai cach tht [an lwot ting dap an dé 1dy két qua. Néu ta ap dung mot chut tw duy thi
phép thiz sé dién ra nhanh hon. Db thi ham bac 4 d6i xtrng nhau qua truc tung. Néu ham
sO dat cyee ti€u tai x =—1 thi sé dat cuc tiéu tai x=1. = Dap an A va B loai vi ta chi duoc
chon 1 dap an.

Thtt voi x=0

(suer) (=) () D) (29 (A & (H () DI (@A B I @@ EHO0EOE
SOIOIOIOIOE NS

Math & Math & Math &

e v as RSN I - E a1 g ot VI
=1 =1
I T Z50 Z50
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Ta thay f'(0)=0, f'(x) ddi dau tir am sang dwong = x=-1 la cuc tifu =Dé&p an C
chinh xac

Bai 2-[Thi th&t THPT Yén Thé - Bac Giang Ian 1 nam 2017]
Gié tri cia m d&ham sd y=—x°—2x*+mx+2m dat cuc tiéu tai x=—-11a:
A. m<-1 B. m#-1 C.m=-1 D. m>-1
Hudng dan giai
Thtt dap an, wu tién tht gid tri xdc dinh trudc. Véi dap an C khi m=-1

=y=-X-2x"—x-2

Er) (B S ) D EIEHR) e O EH ) ERIeEME
SHLUUIUESSSOSEHE

E[—}:S—EHE K2 b aal AT 72 Eb 2 (-%3- 72 Eb
1 1Dn 1Dn

Ta thdy f'(-1)=0, f'(x) d6i ddu tir &m sang duong = x=-1 la cyc tiéu =Dap an C
chinh xac
Bai 3-[Pé minh hoa thi THPT Quéc Gian Ian 1 nim 2017]
Tim gi4 tri cec dai ctia ham s8 y = x* —3x+2
A. 4 B. 1 C.0 D. -1
Hudng dan giai
x=-1

Tinh y'=3x*-3 . Tim di€ém cuc dai cia ham s6 la nghiém phuong trinh y'=0 < [x 1

Khao sat si d8i ddu qua diém cuc tri x=—1 bang cach tinh f '(-1-0.1) va f'(-1+0.1)

() (B S ) D@ EE R O EH =R =M E
SHLUUUES®SSOSEHE

Math & Math &

(S ge )], b (-3, b
&3 57
100 100

Ta thay f'(x) d6id4u tir dwong sang &m = x =-1 la diém cuc dai ctia ham s6
Gié tri cuc dai f(-1)=(-1)’~3(~1)+2=4 =Dap an chinh xacla A chinh xac

Bai 4-[Thi HK1 THPT Chu Van An - Ha N0i nam 2017]
D0 thi ham s y =¢* (X2 —-3x —5) c6 bao nhiéu diém cuc tri ?
A. 1 B. 0 C. 2 D. 3
Hudng dan giai
Tinh y'=e"(x* ~3x—5)+e*(2x-3)

Dung MODE 7 dé tim diém cuec tri va khao sat sy d6i dau qua diém cuc tri
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(o) (7] (k) (x109) (=) (el O =@ =05
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Fi] Fi]
el ] g
1 O. 193] E -4 17
B —al -maan I ylaig.3s

Ta thdy f'(x) d6i d4u2lan = Ham s c6 hai diém cuyc tri
=Dap an chinh xac la A chinh xac

Bai 5-[Thi HK1 THPT Viét Ptic — Ha Néi nam 2017]
Ham s6 y = |X|3 —x%+4 cb tat ca bao nhiéu diém cuc tri
A.2 B.1 C.3 D. 0
Hudng dan giai
x=0

Tinh y'=3x|x|-2x . y'=0< . Duing MODE 7 véi thiét 1ap sao cho X chay qua 3

x=t2
3

gia tri nay ta sé khao sat duoc sy do6i ddu cua y'

fioog (7] (3] () O] (sarn) fye) (i) OJ @ (=) 2) (e I E) (=1 00 B (=) 2) E) (2]
EO0EEE

F] F] Math F:| Math
o * P81 6l -n"333 | of 3553 ol g Bl
H|-0, BEB 0 1 o s e ol M-
Bl-0.333|0.3333 gl0.3333|-p.333 I | |
=0, SESESSSS55T O O, SSSSS5555 7T

Ta thdy f'(x) d6i ddu 3 Tan = Dap an chinh xac 1a C chinh xac
Bai 6-[Khao sat chat lwong chuyén Lam Son — Thanh Héa nidm 2017]
Cho ham s6 y= f(x) c6 dao ham f '(X)=X(X—1)2(2X+3) . S0 diém cuc tri cia ham so&
y="f(x)la:
A.2 B.3 C.1 D. 0
Huéng dan giai

Tinh y'=0<|x=1 .Dung MODE 7 vdi thiét 1ap sao cho X chay qua 3 gia tri nay ta sé

khao sat dwoc sy d6i dau cta y'

frong) (7] (i) O] (J e ) = D D (@A DRI B ENEEEHRE

DOUEEO0MHEREE
g | Fo | g R |
2l -1,15(6.E171 8| 0,25 |-0. 37
3 : 0 g - 0
ul -1.251-3. 154 1ol 0. 25/0.uszl
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Ta thay f'(x) d6i ddu 2 Ian =Dap an chinh xac 1a A chinh xéac

v

Cht ¥ : Néu quan sat tinh t€ thi ta thay ngay (x—1)° 1a lity thita bac chn nén y' khong
d6i ddu qua x=1 ma chi d6i ddu qua hai iy thtra bac 1é x (hi€u la x*) va 2x+3 (hiéu la
(2x+3))

Bai 7-[Thi thtt bado Toan hoc tudi tré Ian 3 nam 2017]
Cho ham s6 y =(x—1)(x+ 2)2 . Trung diém ctia doan thang ndi hai diém cuec tri ctia d6 thi
ham s ndm trén duong thang nao dudi day.

A 2x-y-4=0 B. 2x-y+4=0 C. 2x+y+4=0 D. 2x+y-4=0
Hudng dan giai
Ham s6 6 dang y=(x-1)(x+2)°<y=x"+3x*-4 C6 dao ham y'=3x*+6x

X=-2 {yzo
=

l=0
y C{x=0 y=4

Vay d6 thi ham s& c6 hai diém cyc tri M (=2;0),N(0;4) . Trung diém cta hai diém cuec tri
nay 1a I (-12) . Diém nay thudc duong thang 2x+y+4=0 = Dap s6 chinh xac la B

Bai 8-[Thi thit chuyén Vi Thanh - Hiu Giang lan 1 ndm 2017]
Tim tat ca cac gia tri thirc ciia tham s6 m sao cho ham s6 y = x* —3x* +mx ¢4 2 diém cyec tri
trai dau .

A. m<0 B. O0<m<3 C. m<3 D. Khong c6 m
thoa
Hudéng dan giai

Tinh y'=3x’-6x+m . D& ham s6 c6 2 diém cuyec tri trai dau thi phwong trinh y'=0 ¢4 hai
- A A A &) ~ /4 . - A \ AN m /4 /4
nghiém phan biét trai dau = Tich hai nghiém la s6 am <:>§< 0o m<0 =bap an

chinh xac la A chinh xac
Cha y : Néu quén dinh 1y Vi-et ta c¢6 thé dung phép thir. Vi dap an A chon m=-5 chang
han sé thay ludn y'=0 c6 hai nghiém phan biét va hai nghiém nay d6i dau.
Bai 9-[Thi HK1 THPT Chu Van An - Ha Noi nam 2017]
Tim t4t ca cdc gia tri thue ctia tham s6 m d€ ham s§ y=mx*+(m-1)x*+2 c6 dtng 1 cuc

dai va khong ¢ cuc tiéu
m<0

A. m<1 B. C. m<0 D. m>1
m>1

Hudng dan giai
Tinh y'=4mx’+2(m-1)x . D& ham s6 ¢4 dung 1 cuc dai va khong ¢6 cuc ti€u thl y'=0 ¢6

dung 1 nghiém va y'(x) d6i ddu tir dwong sang 4m qua diém do.
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Chon m=-5 . Dung MODE 7 tinh nghiém y'=0 va khao sat sy d6i ddu ctia y'(x)

oo (7 (4] X ([ FH B O] ) DI B0 FH 2 A EE =0 0w O

EEHOEMOOOEME
" FiH? et
1 0| i
11 | -3

Ta thay f'(x) d6i d4u 1 Ian tir duong sang am= m=-5 thoa = Dap an dung c6 thé'la A,
B, C

Chon m=5 . Dung MODE 7 tinh nghiém y'=0 va khao sat sw d6i dau cua y'(x)

EEOCOHOEOEEEOE®O®OHEEDEE

] Fixl
|
I _q |

Ta thdy f'(x) d6iddu 1lan tir &m sang dwong= m=5 loai = Dé4p an B sai
Chon m=0.5 . Duing MODE 7 tinh nghiém y'=0 va khao sat sy ddi dau cua y'(X)

gg(:NZDC)ED[:]C]CDCZNZDC)CDCZNZDC)C:H:]E]E][:H:H:JE]

Math

F]
] Frnl

Ta thdy f'(x) d6i dau 1lan tir dwong sang am= m=0.5 thoa = Dap an A chinh xéc

Bai 10-[Thi thit chuyén KHTN —-HN Ian 2 ndm 2017]
Tim tap hop tat ca cdc tham s6 m d€ d6 thi ham s y = x* +x* +mx—m—2 6 2 cyc tri nam
& hai ntta mat phang khac nhau véi bo 1a truc hoanh

A. (-;0) B. (- oc;-1)\{-5} C.(- 0] D. (- 51)\{-5}
Hudng dan giai
Tinh y'=3x*+2x+m . D& ham s6 ¢4 dung 2 cwc dai thi y'=0 cé 2 nghiém phan biét

<:>A':1—3m>0<:>m<% — Ca 4 dép 4n déu thoa

Chon m=-5 . Ham s& c¢6 dang y = x*+ x? —5x+3. Tinh hai diém cuc tri ciia ham s& bang

lénh giai phuwong trinh MODE 5

MQ@@@QEB@@@@EMM
W= hZ=

=

1 =]
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T dosuyra f(x)="f(1)=0;f(x,)= (‘2)2%
KOHREERE KOREEReD
=255
0 ZT

Dé hai cuc tri nam vé hai phia truc hoanh thi f (x)f(x,)<0.=m=-5loai = B hodcD
o thé dung.

= Chon m=0 . Ham s8 ¢ dang y=x’+x*—2. Tinh hai diém cuc tri cia ham s6 bang 1énh

giai phwong trinh MODE 5
e (5REEER2E0EEE
A1= hz=
ps
5 I
T dosuyra f( (—%j =f(0)=-2
::{3+::l::2 _E [P Math & ::{3+::l::2 _E [P Math &
=0
Z7 -2

= D& hai cuee tri nam vé hai phia truc hoanh thi f (%) f(x)<0.=m=0 loai = Bla dap s6

chinh xac
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PHUONG PHAP CASIO - VINACAL

BAI 4. TIEP TUYEN CUA HAM SO.

1) KIEN THUC NEN TANG

1.Ti€p tuyén ctia d6 thi ham s6 tai mot di€ém : Cho ham s6 y = f (x) c6 d6 thi (C) va mét
diém M (X,;Y,) thudc d6 thi (C) . Tiép tuyén cua d6 thi (C) tai tiép diém M la duong
thang d c6 phuong trinh: y=f'(X,)(X—%))+Y,

2.Lénh Casio : qy

2) VI DU MINH HOA

Bai 1-[Thi thit THPT Luc Ngan — Bac Giang Ian 1 nam 2017]
Tim hé sd goc cta ti€p tuyén cua d6 thi ham s6 y = L inx tai diém cé hoanh do bang 2
X

A Lo B. L c 3 D
2 1 1

1
4
Hudng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (X,;Y,) = Phuong trinh tiép tuyén y = f (X, )(X—X, )+ Y,
> St dung mdy tinh Casio dé tinh hé s& goc tiép tuyén tai diém cé hoanh d6 bang 2
=k="1'(2)

B (EEE0@ED®EH0EN N®RE

Math &

B [-L-1nCx]| .2k
-0.25

> Tathiyk=f'(2)=-025= _% .
= B la dap an chinh xac
Bai 2-[Thi thit chuyén Ha Long — Quang Ninh lan 1 nadm 2017]
Cho ham s§ y=-x°+3x-2 ¢6 do thi (C) . Viét phuong trinh ti€p tuyén cua (C) tai giao
diém cua (C) véi truc tung.
A. y=-2x+1 B. y=3x-2 C.y=2x+1 D. y=-3x-2
Hudng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (X,;Y,) = Phuong trinh tiép tuyén y = f (X, )(X—X, )+ Y,
» M lagiao diém cua d6 thi (C) va truc tung = M 6 toa d6 (0;-2)
Tinh f'(0)=0

FHEE@MINDEDCEIMINEIDEDE
S (-R5+38-20] b
3

Trang 33 Tai liéu Iwu hanh noi bo



TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

» Thé vao phuong trinh tiép tuyén cé y=3(x—0)-2< y=3x—-2
= B la dap an chinh xac
Bai 3-[Thi thit chuyén Nguyén Thi Minh Khai lan 1 nidm 2017]
S6 tiép tuyén v6i do thi (C) : y=x°-3x*+2 diqua diém M (30) la:
A 4 B. 2 C.3 D.1
Huéng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (X,;y,) = Phuong trinh ti€p tuyén y = f'(x,)(x—X,)+Y, Trong
do hé s8 goc k= f'(x,) =3x7 —6x,
» Thé f'(x,) vao phuong trinh tiép tuyén duwoc y = (3X§ —~ 6X0)(X — Xy )+ X5 —3%; +2
Tiép tuyén di qua di€m M (1,0) = 0=(3x; —6X, ) (1—X, )+ X; —3x; +2
& -2% +6X; —6%,+2=0
St dung may tinh v6i lénh MODE 5 d€ giai phuong trinh bac 3 trén

(5 HWEHREEEEE8EEE
Y=

1
» Ta thdy c6 1 nghiém x, = Chi c6 1 tiép tuyén duy nhat.
= D la dap an chinh xac
Bai 4-[Thi th bao Toan hoc tudi tré 1an 4 nim 2017]
Cho ham s8 y = x* —3x” +2 c6 d6 thi (C) . Puong thang nao sau day la tiép tuyén cta (C)
v6i hé s6 goc nhd nhat
A. y=-3x+3 B. y=-3x-3 C. y=-3x D. y=0
Hudng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (Xy;y,) = Phuong trinh ti€p tuyén y = f'(x,)(x—X,)+Yy, Trong
d6 hé s goc k = f'(x,)=3%7 —6x,
> Tim gia tri nhé nhét cia k bang chtic naing MODE 7
wlulambEEloEbEEElEnuEbE
n F (il 0

Ta thay f'(min)=f'(1)=-3=>x =-3 =y, =1°-3.12+2=0
» Thé vao phuong trinh tiép tuyén cé y =-3(x-1)+0< y=-3x+3
= D la dap an chinh xac

Bai 5-[Thi thét bao Toan hoc tudi tré Ian 4 nam 2017]

Cho ham s8 y = ))((Li (C) Goi d la khoang cach tir giao diém hai tiém can cta (C) dén
+
mot tiép tuyén bat ki cua (C) . Gid tri Ién nhéat d c6 thé dat duocla:
A. 33 B. 3 c.\2 D. 242
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Hudéng dan giai
% Cach1:T.CASIO
> Goi tiép diém 1a M (x,;y,) = Phuong trinh ti€p tuyén y = f'(x,)(x—X,)+Y, Trong

, 1
dohésd goc k=f'(x,)=— .
n \ N > N Xo +2
Thé k,y, vao phuong trinh tiép tuyén cd dang : y=— (X=X )+ 2—
(% +1) X +1

X, X +2
= =X+Y— ~— =
(% +1) (% +1)" % +1
» Ham s6 c6 tiém can ding x=-1 va tiém can ngang y =1 nén giao diém hai tiém
canla 1(-11).
Ap dung cong thiic tinh khoang cach tir 1 diém dén 1 dwong thing ta c6 :

T IR B S
a0 Cor) %
[12J o
(%, +1)

Dung may tinh Casio véi lénh MODE 7 d€ tinh cac gia tri I6n nhat nay.

s by (B) B (@ ([ e D) H O D@ HOEHE

i )@ A O FH O @ = E) ke O] (F (2) @ AW O] (4
OoEOOEO@OEOFOONEEEOEBEOEE
HEEO00EMOE
" FIZH:? et
o e | 72 i 1112
g =11 EFRFROF

> Ta thiy h(max)=+2
= Cla dap an chinh xac
Bai 6-[Thi HK1 THPT Viét Dttc — Ha N6i nam 2017]

2X—11 (H), M ladiémbatkiva M e(H) . Tiép tuyén véi (H) tai M tao véi

Ham s6 y=

hai duong tiém can mot tam giac cd dién tich bf?mg :
A. 4 B. 5 C.3 D. 2
Hudng dan giai
% Cach1:CASIO
> Goi tiép diém 1a M (x,;y,) = Phuong trinh ti€p tuyén y = f'(x,)(x—X,)+Yy, Trong

d6he 8 goc k= f'(x)=——— .
(%-1)
" \ . - a 2%, -1
Thé k,y, vao phwong trinh tiép tuyén c6 dang : y=— - (X=X, )+ (d)
(% —1) X, —1
» Ham s0 ¢ tiém can dang x=1 va tiém can ngang y =2 va giao diém 2 tiém can la

1(1;,2)
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Goi E la giao diém cua ti€p tuyén d va tiém can ding = E (l; 01]
X, —

Goi F la giao diém cua tiép tuyén d va tiém can ngang = F (2x, -1;2)

> Do dai IE=‘E‘=\/(1 1) (ZXO ]
o1

Do dai IF = \/ (2% -1-1)° +(2-2)" =2|x, -1 Ap dung cong thikc tinh khoang céch

tr 1 diém dén 1 duong thang ta c6 :

1 1 2

» Dién tich AIEF =§|E.|F=§.m.2|xo—q=2 = D la dap an chinh xac
Xy —

BAI TAP T U LUYEN

Bai 1-[Thi thit chuyén Khoa hoc tw nhién 1an 3 nim 2017]
Chohamso y = 2X—+11 . Tiép tuyén tai diém c6 hoanh d9 bang —1 ¢ hé s§ gdéc bang :
X —

AL B. L c 1 D 1t
3 6 3 6

Bai 2-[Thi thit chuyén Quéc Hoc Hué 1an 1 nam 2017]

. A s o g aen NP X—-1
Tim toa d0 cua tat ca cac diém M trén do thi (C) cta ham s6 y =—— sao cho tiép tuyén

Xx+1
cta (C) tai M song song véi duong thang d :y :%X+%
A. (0;1),(2;3) B. (1,0),(-3;2) C. (-32) D. (1,0)

Bai 3-[Thi thit chuyén Thai Binh lan 1 nam 2017]

Cho ham s6 y :X—_; c6 d6 thi (C) . Tiép tuyén cta (C) tai giao diém cta (C) va truc
X+

hoanh c6 phuong trinh la :

A. y=3x B. y=3x-3 C.y=x-3 D. y=%x—%

Bai 4-[Thi thit nhém toan Doan Tri Diing lan 3 ndm 2017]
Viét phuong trinh tiép tuyén ctua d6 thi ham s6 y=x®>-3x biét ti€p tuyén song song voi
duong thang y=9x-16

A. y=9x+16 B. y=9x+12 C. y=9x-10 D. y=9x-12
Bai 5-[Thi thit Group nhém toan Facebook Ian 5 nam 2017]

Tim toa d6 diém M ¢ hoanh d6 4m trén d6 thi (C):y = % X —X +§ sao cho ti€p tuyén tai

M vuong goc véi duong thang y = —% X +§

A. M(-2;0) B. M[ _3; —%j C. (_1;3 b. M (;gj

Bai 6-[Thi t6t nghiém THPT nam 2012]
Cho ham s6 y = % X" =2x*(C) . Viét phuong trinh tiép tuyén cta (C) tai di€ém c6 hoanh do
X=X, biét f"(x,)=-1
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LOI GIAI BAITAP T U LUYEN

Bai 1-[Thi thit chuyén Khoa hoc tw nhién 1an 3 nam 2017]

Choham s y= 2X +11 . Tiép tuyén tai di€ém c6 hoanh d¢ béng —1 c6 hé sO goc bﬁmg :
X —
AL B. L c -t D. -1
3 6 3 6
Hudng dan giai
Hé s6 gdc ctia tiép tuyén la dao ham tai tiép diém =k = f'(-1)= —%
GA(EEEBHOQRQAmOOE0ee=EAE
] Math A

G | PO

] L

= Dap s6 chinh xacla C
Bai 2-[Thi thit chuyén Quéc Hoc Hué 1an 1 nam 2017]
n A 2 ~ 2 4 N A AN . 2 \ A X— 1 oA A
Tim toa do cua t4t ca cac difm M trén d6 thi (C) cia ham s y = oo Bae cho tiép tuyén
X+

cua (C) tai M song song véi duong thang d:y = % X +%

A. (0;1),(2;3) B. (1,0),(-3;2) C. (-32) D. (10)
Hudng dan giai
Pé bai hoi cac diém M nén ta du doan c6 2 di€ém, lai quan sat thdy dap an B dwoc cdu tao

tir dap an C va D nén ta wu tién thir dap an D trude.
Tiép tuyén song song voi d nén ti€p tuyén cd hé s6 goc bﬁng hé s0 goc cua d va béng %
Tinh f'(1)= % — Diém M (L0) a mot tiép diém
E]E]@E]@@E]E]

o [ =1 e
crAke 1

z
Tinh f'(-3)= % = Piém M (-3;2) la mot tiép diém
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Slolalslals

e o |

0.5

= B la dap an chinh xac

Math &

Bai 3-[Thi thit chuyén Thaéi Binh Ian 1 nim 2017]

c6 d6 thi (C) . Tiép tuyén cta (C) tai giao diém cta (C) va truc

Cho ham s6 y= x=1
X+2
hoanh c6 phuong trinh la :
A. y=3x B. y=3x-3 C.y=x-3 D. y:%x——
Hudéng dan giai
Goi tiép diém 1a M (X,;Y,) = Tiép tuyén y = f (X, )(X—% )+ Y,
M 1la giao diém ctia d6 thi (C) va truc hoanh =M (L,0) = x, =1y, =0
Tinh hé s& goc k = f'(1)
HEE@ENINC@MIDDEEDNE
at
i[_ﬁ—i]
dx b #+2 |_'.|:=1
5
5 [ en n 1 1 1
Thay vao ta co tiép tuyén y=§(x—1)+0<:> y=3%"3

= Ddp s6 chinh xacla D
Bai 4-[Thi thit nhom toan DPoan Tri Diing Ian 3 nam 2017]
Viét phuwong trinh tiép tuyén ctia do thi ham s6 y=x*—3x biét ti€p tuyén song song vai
duong thang y =9x—16
A. y=9x+16 B. y=9x+12 C. y=9x-10 D. y=9x-12
GIAI
Goi tiép difm 1la M(X;Y,) = Tiép tuyén y=1f'(x)(Xx—%)+Y, v6i hé s& goc
k=1f'(x)=3x% -3
Tiép tuyén song song v4i y =9x—16 nén cd hé s8 géc k=9 <3’ —3=9 <> x, =+2

V6i X, =2=Yy,=2= Tiép tuyén: y=9(x—2)+2<> y=9x—16 Tinh hé s6 géc k= f (1)

= Dap s6 chinh xacla A
Bai 5-[Thi thit Group nhém toan Facebook lan 5 nam 2017]

2 7 AN A A A AY.N . 1 2 - A ~ .
Tim toa d diém M c6 hoanh d6 4m trén d6 thi (C):y = 5 X* —X +§ sao cho tiép tuyén tai

M vudng géc véi duong thang y = —% X +§
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A. M(-2;0) B. M(—3;—Ej C. (—1; ij D. M (l;gj
3 3
GIAI
Goi tiép difm la M(X;Yy,) = Tiép tuyén y=1f'(x)(Xx=%)+Yy, v6i hé s& goc
k=1f"(x)=x—1

- ~ A /4 r. 1 2 A /4 A ~ 4
Tiecp  tuyén  vudng goc  Vvoi y=- 3 X+ 3 Dén o hé s0  goc

k.(—%jz—l@k:3@ X -1=3 X, =42

= Ddp s0 chinh xacla A
Bai 6-[Thi t6t nghiém THPT nam 2012]
Cho ham s8 y = % x*=2x*(C) . Viét phuong trinh tiép tuyén cta (C) tai diém c6 hoanh d6

X=X, biét f"(x,)=-1

5 5

y=_3x_§ y=3x_§ y:—SX—Z y:—3x+z
A. 54 B. 45 C. : D. :
=3x+> = 3x+> —3x—> —3x+>
y x+4 y x+4 y =3x g y 3X+4

Hudng dan giai

Goi tiép difm la M(X;Y,) = Tiép tuyén y=1f'(x)(x—%)+Yy, v6i hé s& goc

k:f'(xo):x§_4x0

.

Xo:]-;yo:_z

Tacod f"(X)=3x -4 =3 —4=-1 X =1= .

Xo ==Ly, =——

0 Yo="7

V6i x, =1 Tinh hé s6 goc k = f'(1)

FEEHNCEUEmEOBEHEEDmMODBENE
at

A rlwd oz

e [ FHH 207 ) ey
-3

Thay vao ta cé ti€p tuyén y = —3(X—1)—£ oy= —3x+%

= Dap s6 chinh xacla D

Vi x, =—1 Tinh hé s goc k = f'(1)

OOEHE
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2 [ Lxe-2x2)|,_p
5

Thay vao ta c6 tiép tuyén y:3(x+1)—£<:> y:3x+%

= Ddp s6 chinh xacla D
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PHUONG PHAP CASIO - VINACAL

BAI 5. GIO'l HAN CUA HAM SO.

1) KIEN THUC NEN TANG
1.Quy woc tinh gioi han v6 dinh :
" X—4oo= x=10°
" X—>-—0=x=-10°
" XX X=X +107
" XX =>X=x-107°
" XX, > X=X, +107°

2.Gioi han ham lwong giac: Iirrgw =1, Iirr(}ﬂ =1
X— X u—> u
X_ In(1+ X
3.Giéi han ham siéu viét : lim &=t =1 fim M%) _g
x—0 X x—0 X
4.Lénh Casio : r
2) VI DU MINH HOA
N ) e2x _ .
Bai 1-[Thi thi THPT chuyén Ngit lan 1 nam 2017] Tinh ¢idi han lim————— bang :
y g g 0 Jxad_2 g
A. 1 B. 8 C.2 D. 4

Hudéng dan giai
% Cach1:CASIO
» Vi x—>0=x=0+10"° Str dung may tinh Casio véi chttc nding CALC
(=) (i (109 (o) (2) (ew) O] & (=) (1) @ (va) (i) O () (4] & (=) (2] [eae)
DRITUEHEEE

Math &
E<H—1

fF+d -2 1gooooi

1Z5000
, 1000001

» Tanhan dugc két qua ~
125000
= B la dap an chinh xac
Chu y : Vi chung ta st dung thu thuat dé tinh gidi han , nén két qua may tinh dwa
ra chi xap xi dap an, nén can chon dap an gan nhat.

sin X

Bai 2-[Thi thit chuyén Amsterdam 1an 1 ndm 2017] Tinh gidi han Iing bang :

X
A1 B. -1 C.0 D. +
Hudng dan giai
% Cach1:CASIO
» Vi x—>0=x=0+10" St dung may tinh Casio vdi chttc naing CALC
(cacc) (= (ueet) (xi0 (7 (sin) () ) B & (=) () @ () (3 eaie) (0] () (1] (@]
HEEOE
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[F: Math &

ESinlAY
i

1. d00aao49
» Tanhan dwgc két qua 1.00000049 ~1
= A la dap an chinh xac

3 —
Bai 3 : Tinh gi¢i han : lim 20 —>
3n°+n°+7
Al B.1 c.t p. 1
3 1 2

Hudng dan giai
% Cach1:CASIO
> Dé bai khong cho x tién téi bao nhiéu thi ta hi€u day la gidi han day sd va X -+«
=) (ew) O] (1 (3) & (H (@) (i) O (=) (5] @ (3] () O] (=) (3) O () ()
NEEE0E
AR b=
SRS +RE+T

0. 3335353342
1

» Tanhan dugc két qua 0.3333333332 ~ 3

= A la dap an chinh xac
2 _ 5n+2

Bai 4 : Két qua gidi han lim la:
3"+2.5"
A -2 B. 2 C.1 D, -2
2 2 2

Hudng dan giai
% Cach1:CASIO
» Dé bai khong cho x tién téi bao nhiéu thi ta hiéu day 1a giéi han day s6 va X —+oc
. Tuy nhién chiing ta cht y, bai nay lién quan dén liiy thtra (s6 mii) ma may tinh chi
tinh dwoc s6 mi toi da la 100 nén ta chon x =100

B2 EHE e ) E 2@ E) @ e ) 3 2 X) (5] () [
Dl @D 0E

Math A
=Gt
S E SN 25
z

» Tanhan dwoc két qua —%

= A la dap an chinh xac
Cht y : Néu ban nao khong hiéu tinh chat nay cta may tinh Casio ma ¢d tinh cho
x=10° thi may tinh sé& bdo 15i
COAO0RIBEOE
Math ERROR

CAC] :fCancel
C41CeliGoOLO
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Bai 5 : Tinh gidi han : lim 1+i+i+...+ L
12 23 n(n+1)

A.3 B. 1 C.2 D. 0
Huéng dan giai
% Cach1:CASIO
» Ta khong thé nhap vao may tinh Casio ca biéu thirc n s hang ¢ trong ngodc duoc,
vi vay ta phai tién hanh rat gon.

1 1 1 2-1 3-2 n+1l-n
1+ —+—+...+ =1+ + +...+

12 23 n(n+1) 12 23 n(n+1)
=1+l—1+l—g+ .+1_i=2__1

2 2 3  n n+l n+1
> Dé bai khong cho x tién téi bao nhiéu thi ta hi€u day la gidi han day sd va X -+«

BEEIQEDBIDOUHBIE

Math &

1. 999953995
> Tanhan duoc két qua 1.999999999 ~ 2
= Cla dap an chinh xac

1 n+l .
Bai6:Cho S = 1 1 1 +l . Gid tri ctia S bang :
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Hudéng dan giai
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» Tanhan dugc két qua %

= B la dap an chinh xac

Cha y : Trong tu luan ta c6 thé st dung cong thiic cua cdp sO nhan lui vo han dé

tinh
Bai 7: Tinh gidi han : lim 2<HY
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Huéng dan giai
< Cach1:CASIO
» Pébaicho x—>0" = x=0+10"°
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Hudng dan giai
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» Pébaicho x—>1 =x=0+10"°
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« Tanhan dwoc két qua chira 10 ~ 0
= Cla dap an chinh xac

Math &

Bai 9: Tinh gidi han : L =lim(cosx+sinx)™"
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A. L=x B. L=1 C. L=e D. L=¢?
Huéng dan giai
% Cach1:CASIO
> Deébaicho x—-0 = x=0+10"° . Phim cot khdng c6 ta sé nhap phim tan
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% Tanhan duoc két qua chira 2.718...~e
= Cla dap an chinh xac
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