PE SO 31.

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Ham s6 nao sau day dong bién trén R .

X_]_ .I. 1
= =—x - 2x
¥ 3 .

A, Y x+1 B. y=x'-2x° +1 C. y:3x—5in2x. D.

Loi giai
Chon C

y'= 2 >0, VxeR\| -1 =

2
*Ta c6 (x+1) Ham s6 dong bién trén tirng khoang xac dinh™
loaiA.
e Tacs ) =4x' - dx>0,%xe(- LO)U(L +=)= loai B
o Tacg Y =3-2c0s2x>0, xeR= Chon C.
Cho ham s5 ¥ =1 O xac dinh va c6 dao ham trén K. Khing dinh nao sau day 1a sai?

A.Néu ham s 7 =f(x) f'(x)=0, ¥xeK

f'(x)>0, ¥xeK

dong bién trén khoang K thi
f(x)

x) cn A
dong bién trén K.

f(x)

B. Néu thi ham s6

f'(x)=0, ¥xeK

C. Néu thi ham so

f'(x)=0, ¥xeK i f'(x)=0

dong bién trén K.

D. Néu chi tai mot s6 hitu han diém thi ham s6 dong bién trén K.
Loi giai
Chon C

S 2
Cho ham s¢ ¥ =% *3¥" = 9X+15 1500 dinh nao dudi day 1a khing dinh sai?

31 (-9;-5)

A. Ham s6 nghich bién trén khoang B. Ham s6 dong bién trén
+00)

N a1 A N N X
C. Ham s6 dong bién trén R, D. Ham s6 dong bién trén (
Loi giai
Chon D
¢ Tap xac dinh D =R
s )
o Tacg ¥ =3 +6x-9

=0 x=1
y =0« 3
+Cho x=-3
x —o0 -3 1 —+o0
y’ = (0] — 0 -+

7 /42\10 /+oo

+Tw bang bién thién, ménh dé C sai.

— || 2
Cho ham s8 ¥ =V3X~ X Ham s5 dong bién trén khoang nao?

0;;]. g (©:3) C. [;3] D. [wg]

A.
Loi giai
Chon A

* Tap x4c dinh © =0;3],



¥ —&:}D VXE[D'EI

¢ Tacod 24f3x - x° ' 2'.
();3]
2 .

+ Vay ham s6 dong bién trén khoang

Cau5. C6 bao nhidu gid t nguyén cia tham s§ M thuoe doan 203 de ham s
—yd_ 2 _
y=X"- x"+3mx 1Clﬁng bién trén R?
A. 3. B. 4. C. 5. D. 6.
Lai giai

Chon C
+ Tap xac dinh D =R

e Tach y =3x’ - 2x +3m

2
+ Ham s§ da cho dong bién trén R = 3x" - 2x43m =0 y4i mej XER .
|A" =0
- |

1
|_3>[] = 1-9m =0 = m:_=§

+ Do ™M ]a s6 nguyén thudc doan [_20; 5] nén tacg M =Lm=2Zm=3m=4m=5

¢ Vay c6 5 gia tri nguyén ctia ™ théa man.

Cau 6. Co bao nhiéu gia tri nguyén me(-10;10) sao cho ham s6 ¥ =2 - 204m- D)’ +1 dong bién
trén khoang & +OO).
A.11. B. 10. C. 12. D. 13.
Loi giai
Chon B
+ TXD: D =R,

Y =4x*- 4(4m-1)x :4:{[:{2 - (4m- 1)]

1
dm-1=0< mEE- y =0 x =0

¢ Truwong hop: . Suy ra ham s6 dong bién trén khoang
(0; +0) nén dong bién trén khoang x +OO).
ovi ME (- 10;10) va M nguyén nén c6 10 gia tri M thoa man.
x =0
) y =0=|x :Jm
dm-1>0« m:a-Z x:_m

¢ Truwong hop: : .

1
(];+oo)<:> Jim-1<le mEE

¢ Ham s6 dong bién trén khodng

m>—
¢ So diéu kién 4 nén khong c6 gi tri m nao thoa man.
¢ Vay c6 tat ca 10 gia tri ™ nguyén thoa man bai toan.
n o y=flx) . C pen . o o y=f() .
Cau7. Cho ham so y=1 ( ) c6 dao ham lién tuc trén Rva c6 @6 thi ham s6 y=f nhw hinh

duoi



Cau 8.

— 2 -
Ham s6 9 (=2 (x) +x° +2x- 2020 dong bién trén khoang nao trong cac khoang sau day?

A (- 00;3). B. (- 3;3)' C (1;3)' D. G; +oo).

Loi giai

Chon C
gx)=2f(x)+2x+2 :2_[ f'(X}+x+1]

+ Ta co: .
o JX)>0e f(x)>-x- 1
5 y:f'(x) Vi y=-x-1

¢ Quan sat do6 thi ham s trén cung mot hé truc toa do nhu hinh ve.

xe(-ow:-3)u:3)

+ Khi d6, ta thdy véi thi db thi ham s5 ¥~/ () | 6n nam phia trén

dwomng thing ¥ =X~ 1,

* Suyra [ (0 x+1>0 vxe (- w:-3)u(1:3)

g (x) =2 (x) +x* +2x- 2020 (-oo;-3)Vél (1;3)

(a;b)

xac dinh, c6 dao ham cdp mdt va cap hai trén khodng va

¢ Vay ham s6 dong bién trén cac khoang

y=f&)

Cho ham so

X, € (a;b). Khéng dinh nao sau day sai?

A Y (XO )=0 va Y (X” )#0 thi % 13 diém cyc tri ctia ham s6.

x,)=0 .y (x,)>0 .. x 1« 2. cr e s A
B.” (XU) va Y ( 0) thi % 13 diém cure tieu ctia ham so.

C. Ham s8 dat cuc dai tai * thi y'(x) =0.

D. Y (x,)=0 va Y (x,)=0 thi % khong 1a diém cyc tri cia ham s8.

Loi giai

.4
¢ Vidy ham s6: Y =X

« Tap x4c dinh: D =R



Cau 9.

Cau 10.

o Taco: y=x'= y':4x3.

Y =0 x=0
. .

+ Bang bién thién:

+ X =0 13 diém cuc tidu caa ham so.
, y'=12x" = y"(0) =0

b y'(x,)=0 v y(x,)=0 "

¢ Suy ra khong thé khang din i %0 khong 1a diém cyc tri ciia ham

SO.
# - 2
Cho ham s6 ¥ =1 ¢6 dao ham xéc dinh va lién tue wen R gige | 090 =% & Dl - 4).
Hoi ham s6 ¢6 bao nhiéu diém cuc tri?
A1l B. 2. C.3. D. 4.
Lai giai

Chon C
e Tacshamss ¥ =1 ¥ ¢ dao ham xéc dinh va lién tuc trén R

x =0

x=1

—
x =2

fO)=x(x-D(*-4)=0 |y=-2
*
+ Nhan xét X =0 13 nghiém kép, ¥ =522 13 cac nghiém don ctia dao ham nén ham s5 da
cho c6 3 diém cuc tri.

_— 2 . . _
Tim tt ca cac gia tri thyc cia tham s6 M dé ham s6 ¥ =% +MX" dat cyce tidu tai X =0,
A.m=0 B. m=0, c.m<0, D. m>0,

Loi giai
Chon B
« Tap xac dinh: D =R

Tacg: ¥ =X +mx’ = y =4x"+2mx =2x(2x* +m)
. : .

x =0

=4
m
x;.' —

y =0 = 2x(2x° +m) =0 Y
‘ .

+ Néu M =0 ta 6 bang bién thién:



Cau 11.

¥ T . ’/"_H:

+ Tir bang bién thién ta c6 ham sd dat cyc tiéu tai X =0

* Suyra M =0 théa man yéu cau bai toan.

* Néu m<0,
x =0
y=0e -m
Xx==|—
2
*
Bang bién thién
*
_ — +
x —0 - T‘m 0 Tm
V' - 0 + 0 - 0 +
+a 0 +on
I-III \ ’//’J ‘\\* /”/"'
Yer Yer

+ T bang bién thién ta c6 ham sd dat cyc dai tai X =0,
* Suy ra M <0 khong théa man yéu cau bai toan.
+ Vay ham s6 dat cuc tiéu tai X =O0khi m =0,

y=x'-(m-1)x*- 3x+m+1

Cho ham s6 bac ba . Tim céc gia tri cia tham s6 ™ dé do thi

ham s6 c¢6 hai diém cye tri d6i xitng nhau qua goc toa do.

m =1 {m #1
A m=-1 B.Mm=1 c.lm=-1 p. m#*1
Lai giai

Chon A
Tap xé4c dinh: D =R,

‘=3 - 2(m?- 1)x-3 y" =6x- 2(m*- 1
Tace Y =3 - 2m*-x-3, y =6x-2(m*- 1)
R rang 303 =790 o bhurong trinh ¥ =0 luén c6 hai nghiém phan biét i dau.

= D6 thi ham s6 ludn c¢6 hai diém cyre tri.

Theo tinh chat cia ham s6 bac ba, hai diém cuc trj cia d6 thi cia ham s6 d6i xitng vGi nhau qua
diém uon cua do thi.

Nhuw vay, theo dé bai, o phai la diém uon caa do thi.

i -

y' (=0 [m*-1=0
—
y(0) =0 m+1 =0

=m=-1




Cau 12.

Cau 13.

y =ax’ +bx’ +cx +d (a #0) A@;3) Vi B(3:-1)

Cho ham s6 bac ba c6 do thi nhan hai diém
y :>a|xr +bx* + ||+ d‘

1a hai diém cuc tri. Khi d6 d6 thi ctia ham s6 c6 bao nhiéu diém cuc

tri?

A. 5. B.7. C.9. D. 11.
Lai giai

Chon D

Ta cg ¥ =3ax +2bx+c

e 2
=lalx| +bx" +clx +d‘ﬁ = f (|x
xhids Y la 1 y=|f ()}
Theo dé bai, A, B lan lugt 1a diém cuc dai, cuc tiéu cta do thi ham s6, dong thoi do thi ham s6
c6 2 diém cure tri c6 hoanh do dwong.

Suyrahamss ¥ | (D) 622+ 1= 5 diem cu tri.
Theo dé bai ta 1ap duwgc hé phwong trinh sau:

pye [ =ax’ +bx’ +ox+d.

yW=0  (3g42h+c=0 (1)
‘y'(B):D . |27a+6b +c =0 (2)
y()=3 a+b+c+d =3 (3)
y(3)=-1 27a +9b +3c+d =-1 (4)

T phuong trinh (4) c6 d =-1- 27a- 9b - 3c- d
(3a+2b+c =0 fa =1
27a+6b+c=0 = {b=-6=>d =-1

Thay vao (3) ta dugc: 13a+4b+c =-2 c =9

s v =1(x)

Nhw vay do thi ham s c6 dang:

Nhw vay ham s6 Y= qu‘)

Y :‘f(\x\)‘ c6 6+ 5 =11 diém cuc tri.
f(x)=x"-3x" +3(m- Dx+m

€6 6 giao diém vdéi truc Ox.

Suy ra ham s6

Cho ham s6 P& khoang cich tir digm 1% den dusng

thang di qua hai diém curc tri cia do thi ham so la 16n nhat thi gia tri cda tham s6 ™ nam trong
khoang nao sau day?
A (23) g, ©:1) c @2 p, CL0)
Loi giai
Chon C
Tap xac dinh: D =R,

Ta c6 f(x)=3x" - 6x+3(m- 1).

r 2 L
Phu’o?ngtrinhj"_Dm"f 2x+m I—D.CéA:B-ﬁlm.



Cau 14.

Dé d6 thi ham s6 ¢6 hai diém cue tri thi phwong trinh Y =0 ¢6 hai nghiém phan biét.
Suy ra A>0=m<2

O

Thuye hién phép chia ta duoc:
g(x]:lx- . h(x)=0C2m- 4)x+2m- 1
Thuong 3 3vadu - .

Nhu vay fa)=f"(x)g(x)+ h(x).

Gia s Y105 050D 13 o diem cuc trj ciia dd thi ham sé.

ff'(xl]:f'(xz):[] ’
—h

FG0) = Fx)g (x)+ i) = | T =0)

SUYra f(xz):f'(xz)_g(x2)+h(xz) f(xz):h(xzj.

Nhw vay duong thang di qua hai diém cuc tri cta do thi ham s6 la
(d):y =(2m- 4)x+2m- 1= (d): 2m- 4)x- y +2m-1=0

= 2mx+2)=4x+y +1 *)
R rang (*) véi moi m khi ¥ =~ Ly :3, hay ()
Ti I ha H L) i B Rgrang [H <IA= maxIH =IA |

IAL1(d) hay (d) L IA =(3;3)

lubn di qua diém AG-1; 3).

Nén yéu cau bai toan ltic nay
2m-4 -1
— =

nha la véc to phap tuyén.

3
m == (TM) :
33 2 Nhuvay M€ ®2),

et
C6 bao nhiéu s6 thye duong m & do thi cia ham 55 ¥ =%~ 2(m) +1

thanh mot tam giac vuong can.

c6 ba diém cure tri tao

A. 2. B. 1. c.0. D. 3.
Li giai
Chon B
et
Ham s ¥ 2(mx]1+1.
ot
Tacs V=X 2(rr1>r)2+1.
—
Phuong trinh y=X 2(mx}2+1.

. oo od I T
Khi d6 ba diém cuc tri cia do thi ham s6 1a: 2D, B(m;1-m ); clmt-m ).

Theo tinh chat ctia ham trung phuong, AABC (an tai A
D6 thi ham s6 c6 ba diém cuc tri tao thanh tam giac vuong:

_ _ et Y m? Y=
Coen 1. ABAC =0 m.(-m)+(-m*)(-m*) 0
sm-m=0=m(m-1)=0= m=0 (KTM)

m ==l

Cdch 2: AB* + AC* =BC” |



m =0 (KTM )

o 2(m +m*)=dm* o m’ =m’ =
m==l

Nhuw vay c6 1 s6 thye dwong m thdéa man.

— 7 2 2
Cau15. Cho ham sg ¥ =X *3X +2MX- 1" 5a 1a 66 nghich bien trén mot doan c6 do dai t6i da
bang 2 Tham s6 m thudc khodng (hodc nita khodng) nao dwdi day?

Al 2 B. 2], c. [0+, p.\ 2/
Loi giai
Chon A

Ham s6 da cho 1a ham béc ba c6 hé s6 a dwong.

LA T o 2 —
Taco ¥ =3 +Ex+2m.Phu’cmgtrinhF =0 = 3x" +6x +2m =0
co A =9-6m
A=le ml:i
Néu 2 thi ham s6 khéng c6 cyc tri, ham s6 dong bién trén R .
m=>

= loai cac gia tri
A=0=ms< 3 "o
Néu 2 thi phwong trinh ¥ =" ¢4 2 nghiém phan biét.
xix, (x <x,)

(x5%,)

Theo tinh chat ham s6 bac ba, ham s6 da cho nghich bién trén khoang .

Gia st hai diém cuec tri ciia ham so6 c6 hoanh do lan lwot la

Theo de bai, =~ % <2o (x,-x) <do (x+x) - 4xx, =4

(X, +x, =-2
8m
’m = 4- —=4=m =0
XX, =— 3
Laico 3
mE[O,E]
2

Keét hop diéu kién, suy ra

Cau 16. Cho d6 thi ham so y=f&) trong cac khang dinh sau, s6 khang dinh ding la

limy=1=y=1__ o
| la tiém can ngang cua do thi.

limy=-1= x =3

II. =7 la dwong tiém can ditng cua do thi
limy=-c=y=1 . . o

I, «—1 la dwong tiém can ngang cta do thi.
lim y =4wc= y=-3 L .

IV, #=-3 la duwong tiém can ngang cuta do thi.

A0, B. 1. C.2. D. 3.

Loi giai
Chon B

_2x+1

y= )
Cau17. Gidtricia ™ dé tiém can ding cia do thi hams6 ~ X*+m di qua M &3 15,

A. 0. B. 3. C. 2. D. -2



Cau 18.

Cau 19.

Loi giai

Chon D
el

#Tap xéc dinh 2 “RYU-mM)

lim y=-og lim y=4c= x=-m
¢ - smm -m*

=

la dwong tiém can ditng cua do thi.

¢ TCD: X =-m qua M(23)e m=-2

V5- 4x- x*

y :(x‘* S 3x+2)(x+2)

Xac dinh s6 cac duong tiém can caa do thi ham s6

A.3. B.2. C. 4. D. 1.
Lai giai
Chon B
|-y _nl

¢ Tap xac dinh D_[ 50\ 2'.

y= J5- d4x- x°

(-3 2)(x + 2 [ ol ’
o xéhamss XTI ) 6 tp xéc dinh 1a D 5DV g thi ham s6

khong c6 tiém can ngang.

J—(x—l}(x+5} _ JA- x)(Cx+5) J(x+5)

TG DG DGD @ OG- DGD - i 06 Dxe)
thi

¢ Ngoai ra,

lim y =lim 5-4x- 4w = x =1

sl T e (4% - B+ 2 )(x+ 2
x=113 nghiém ctia mau: ( }( ) la tiém can dirng.
o lim y=ow=x=-2 L

xe-2 la duong tiém can ding
Cho ham s5 7 — f () c6 bang bién thién nhu sau:
T
X —ab 1 +on

N A N , < ea A N m e 1o e = X] j» N
Puong tiém can ding va tiém can ngang ctia do thi ham so y =T (x) lan lwot 1a?

A Xx=2 v Y=l B. khéng c6 tiém can ding, tiém can ngang ¥ =2
c. Xx=Ly=2 p. Y =2x=1
Lai giai
Chon C
lim y =-o0
Tir bang bién thién, ta c *~ @ nén X =1 1a dwong tiém can ditng;
lim y =2

X nén ¥ =2 1a tiém can ngang.



Cau 20.

Cau 21.

_(Em “1)x+2

. Y= 2
Tat ca cac gia tri thuwc cua tham s6 m dé do thi ham so 2x" - 3x-2 ¢4 diing ba tiém can 1a

m<1 m #1
5 5 5
m>— m #*— l1<m<— 1<m=<=—
A. 2 B. 2 C. 2 D. 2
Loi giai
Chon B
1
X #F2 xFE- —
+ Diéu kién 2

lim y =0= y =0

* x— o la tiém can ngang cta do thi.
x=2,x =- l
*Dé do thi ham s6 c6 3 dwong tiém can thi 213 2 tiém can ding ctia do thi.
((2m-1).2+2 20 m 1
. - 5.
fzm—l).[—l%zﬂl m#2
Suy ra: -2
Cho ham s Y =T (X) ¢g bang bién thién nhu sau.
X —a 1 2 +a0
3 2
-2 0
_ 5
Y =5 2
Tong sO tiém can ngang va tiém can ditng ctia do thi ham s6 f(x)- .
A.2. B. 0. c.6. D. 3,
Loi giai
Chon B
B 5
Y5 2
+ S6 tiém can ding ciia db thi ham s6 f(2)~ 2 4ing bing s8 nghiém thyc ciia phuong

5f(0-2=0= (=2

trinh;

f)=2

¢ Ma s6 nghiém thuc cia phwong trinh 5 bang s6 giao diém cua do thi ham so

2
—_ y 5
y=f(x) v6i duwong thing 5,

2
5

+ Dua vao bang bién thién ta thdy duong cét dd thi ham s6 7 =1 ) t4i 3 digm phan

- >
i

biét. Vay do thi ham s6 f(x)-2 c6 3 tiém can ding.



Cau 22.

Cau 23.

) SI ) )

lim —=—; Iim —— =- —
¢ Laico xo+05f(X)- 2 8 x=-=5f(x)- 2 12, do thi ham s& c6 2 tiém can ngang
_5.,__ 9
Y=gy ==
a8 12 vay t6ng s6 tiém can ngang va tiém can diing ciia db thi ham s5 14 5.

Cho ham s6 ¥ = () lign tyc trén doan 2215 6 a0 thi nhu hinh v& dudi.

. R " s s L e . - 22| .,
Goi M va M Jan luwgt 1 gia tri 16n nhat va nho nhat cia ham s6 da cho trén doan [ ’ ] Gia

tri cia M - M bing bao nhiéu?
A. 4. B. 0 c.8. D. 2.

Loi giai
¢ Dura vao do thi ta thay:

. M :Ha:i f(x):f(ZJ =5 " m :{_112151 f(x):f(-g):_3

QVéy M - m=8
_ a3 . _

Cho ham sg ¥ =4sin” t+3sint- 1
25,
A. 16’

_ .2 . - .
o Xét ham s5 Y =4sin”  +3sint l,dét x =sint
teR= xe[- ;1] y=4x’+3x-1

. Tim GTNN, GTLN cua ham s6 da cho

B. " 16, c. 61 D.
Loi giai

* Vi
_ P f
« Tim GTNN ciia ¥ =4sin” (+3sint - 1, ta di im GTNN cta ham sé
y=g(x)=4x" +3x-1 xe[- 11]
y'=g'(x)=8x+3=0e x=- %E[— 1:1]

*
25

(1) = (o Sy 25
g(-1) =0;g(1) =6;g( a} s

* Taco

. 25
max y =6;min y =- —
* Vay *® R 16



Cau 24.

Cau 25.

Cho X » ¥ 1a céc s6 thuc théa man * * Y =VX-1+\2y+2. Goi M, m lan luot 1a gia tri 16n
L2 2 - -
nhit va nho nhat caa T =X *Y +2G+Dly + D484 oy s Man,

A. 41, B. 42, C. 4.
Chen C
. Ger y) =(Vx- 1+42J7 +#1) =3(x+y) = 0=x+y =3,

Loi giai

D. 44,

— 2 2 —
JP = 4y 20+ D0y +1)+8f4- x- y =(x+y) +2(x+y)+2+8,/4- (x+y)

e it =f4- G+ yhire(12]

o FO)=(4- Y +2(4- 1)+ 248 =t* - 10¢* +8t + 26

*T
t=2e[12]

f(t) =4 - 20t +8 =0 = |t =-1+~2 &[1;2]

t=-1- 2 e[1;2]

* Taco
e Tacs [0 =25(2)=18.

o Vay M =25m=18= M +m =43.

Goi M, m lan Iwgt la gia tri 16n nhat gia tri nhé nhat caa ham so

-]
2] Gi4 tri ctia biéu thitc 3M + M bing bao nhitu?
27 40

A. 2. B. 10, c. 3.

Loi giai
Chon D

¢ Xét ham so -1 ham s lién tuc trén tap xac dinh

X -2x
y -1

*

+ Bang bién thién

x'-3x+3

x-1 "
trén doan

b | =

max v =- 3 mi ——13
I-z:'ly_ ,E':'r[y_ E
e Theo BBT c6 | 2!

k2| =~



Cau 26.

Cau 27.

Cau 28.

max |y| :E; min |y| =3,

[ 3 (.1
¢ Suyra! “? 2]
* Vay 3M +m =16
MGt sgi day co chiéu dai 28m dwgc cat thanh hai doan dé lam thanh mot hinh vuéng va mét
hinh tron. Tinh chiéu dai (theo dgn vi mét) cia doan day lam thanh hinh vuéng dwgc cat ra sao
cho tong dién tich ctia hinh vuéng va hinh tron la nho nhat?

56 112 84 92
A. 4tpP, B. 41P. c. 4tpP, D. 4P,
Loi giai
Chon B
Goi i, 2 ™) a1 1t 13 chu vi hinh vudng va hinh tron, © < b+l <28)
Goi 4, R (m) lan lwot 1a canh caa hinh vuong va ban kinh ctia hinh tron. Khi dé ta co:
I +1, =28
II =g = a :I_'
4
[ =27R e R =1 =287 1
2r 2T
Tong dién tich ctia hinh vudng va hinh tron la:
2 _ y 2
-5 :ﬂz +HT.R2 :II—-I‘-JT- 28 II ‘
1 2T | 0<1 <28
Yeéu cau bai ton twong duong voi tim € (%28) & S dat gis tri nho nhat. Ta c6:
5':!'_'- 28- 1 | D | = 112
8 | 27 L oa+4
;112
Lap bang bién thién ta dwgc S dat gid tri nhé nhat tai L om+4,
. — -'! - . — -
S6 giao diém cta duwong cong (€):y =x"- 2x+1 va duong thang diy=x-1p
Al B. 2. C.3. D. 0.
Loi giai
Chon B
Phuong trinh hoanh do giao diém cua © va d la:
x=-2

—
a-2x4l=x-1< x'-3x+2 =0 x =1

Do dé, 56 giao diém ciia db thi C? va dudng thing d 13 2.

oy — 3 2 _
Tat ca gia tri ctia tham s6 ™ dé do thi ham s6 (C):y=-2x"+3x +2m- 1

diém phan biét la

cat truc hoanh tai ba

[}*-~_tm5l [lc:mc:l l5m<:1 - _eme—
A. 2, B. 2, c. 4 2 D. 2 2,

Loi giai
Chon B



Cau 29.

Cau 30.

(©)

Ta c6 phuong trinh hoanh do giao diém cua va truc hoanh la:
-2x7+3x* +2m-1=0 = 2x'- 3x* =2m- 1. (1)

©) €))

va truc hoanh chinh 1a s6 nghiém cta phwong trinh = .

)

S6 giao diém caa

— 3 2
Mat khac s6 nghiém cua @ chinh 1a s6 giao diém cua do6 thi clia ham s6 ¥ =2% - 3

véi duomng thang n Y =2m-1,

x =0
y =6x° - 6x =0 =

.Taco

y =2x" - 3’ x=1

Xét ham so
Bang bién thién

Tl 0 1 +00
- 0

+ 0 +
Foo
y 0 /
-1
— 00

1

oA w < , (C) . d . ~ ~ = =1l=<2m-1<0=0<m=—

Khi do yéu cau bai toan < cat ~m tai 3 diém phan biét 2
2x+1

y
Cho ham s6 x+1 ¢4 d6 thi (C). Goi S 1a tap tat ca cac gia tri ctia tham s6 m dé duwong

thang d:y=x+m-1 c4t do thi (C) tai hai diém phan biét A, B sao cho AB :2"6. Tinh tong
binh phuong céac phan t cua S.
A. 38. B. 52, C. 28. D. 14.
Loi giai

Chon B
Phwong trinh hoanh do giao diém ctia (C) vad la

2x +1 [x#-1

=x+m-1<
x+1 X' +(m-2)x+m-2 =0 (*).

d cat (C) tai hai diém phan biét < phwong trinh (*) c6 hai nghiém phan biét khac -1
A, >0 Tm-zf-4ﬁﬂ'2}>ﬂ

L =
(-17- (m-2)+m-2#0  |1%0

Khi dé, Alx;x +m-1) va B(x;x, +m-

5 m<2
m -8m+12>0=

(**).

mz=06

1}, vai * va *2 1a hai nghiém ctia phwong trinh (*).
. AB=23 o AB’ =12 2(x,- x) =12 (x, +x,) - 4xx, =6

Hon nira,
m =4+410
m’-8m+6=0<=
voi MR T2 gy XX =M= 2 (i) Tir d6, ta c6 m=4- 10

g4 I
S = 4- f10;4+ /10
So diéu kién (**), ta nhan hai gia tri m trén. Do do, | |
2
i 4-J10) +(4+/10) =52
Vay, tong binh phwong cac phan t¥ cia S la ( )2 ( )

2 B
-3 +1 AGB:1) 1

— 3
Phuong trinh tiép tuyén ctia do thi ham s6 ¥ =* tai diém
A Y =-9x-26 B. Yy =9x- 26 c.y=9x-3 p. Y =9x+2



Cau 31.

Cau 32.

Loi giai
Chon B

Ta c6 : yfzgxz -bx = _}’:(3) :9

Phwong trinh tiép tuyén cta d6 thi ham s6 tai diém AG;1) la: ¥ =9(x-3)+l e y=9x- 25.
Vay, chon B.

_ -
Cho ©) 13 do thi ham sg ¥ = [ () =x"- 3" +4

c6 hé s6 goc kK =24 13
A, Y =24x- 76y =24x+32 B, ¥ =24x- 76y =24x- 32
c. ¥y =24x+76y =24x +32 =24x+76,y =24x- 32

. Phuong trinh tiép tuyén cta do thi ham so

D. Y
Loi giai

e g el
o Tacg ¥ =F(x)=3x"-6x

* Tiép tuyén c6 hé s6 goc k =24 =Y =K
= ['(x)=3x"- 6x =24 &, 347 - gx- 24 =0
x=4

x=-2

—

o Vo ¥ =47y =20
Phuong trinh tiép tuyén la y =24(x- 4)+20 = y =24x- ?5.

’V(ﬁx:—zn y=-16

Phuong trinh tiép tuyén la y=24(x+2)-16 = y=24x+32

Cho ham s6 bicba ¥ = ) ¢6 db thi 12 dwdmg cong hinh bén duéi.
yA

W

(x- D(x*-1)

(x)=
Db thi ham s6 ’ G- 2f () 64 cabao nhieu dudmg tidém can ditng
A. 1. B. 2. C. 3. D. 4.
Léi giai
Chon A
f(x)=0 (1)

f2l)-2f(x)=0e f (=2 (2).

¢ Ta xét mau so:
¢ Dva vao do thi ham s6, ta thay:



Cau 33.

yA

IV

-1 1o 1

W

+) Phuong trinh @ 6 nghiém M ~¢

= f(x)=(x- a)(x- 1)2'

X5

<1 (nghiem don) va *: =1 (nghiém keép)

+) Phuong trinh 2) €6 nghiém x, =bela;- 1), X, =0 oy X =c>1

= f(x)-2=(x-b)x(x- E').

(- D -1) (x- 1) (x+1) _ x+1
FO[f00-2] (- -1 .(x- BIxCx- ) (- )= DIxlx- )

gx)=
Do dé

= 6 thi ham s5 0 Y G 54 dudng tiém can ding.

2x-2
y=fx)=
Cho ©) l1a d6 thi ham so6 X-2 M 13 diém thudc do thi ©) sao cho ti€p tuyén
cua © tai M cét hai dwong tiém can tai hai diém AB thoa man AB :2"@. Goi S 1a tong
cac hoanh dd cua tit ca cac diém M thoa man bai toan. Gid tri cia S 1a
A. 6. B. O. C. 8. D. 7.
Lai giai
Chon A
2x- 2
 y=f)= e D=R\2
¢ Ta cod x-2 ¢4 tap xac dinh la 1“l. ps thi ham s6 c6 hai dwong tiém
canla X =%y =2
. -2
y' =f"(x)= v
¢ Taco X-2 .
M[ ;Em -2 ‘
*Goi ' M2 thugc db thi ham s6.
-2 2m- 2
y= (x- m)+
- m- 2
# Phuong trinh tiép tuyén 9 cua © tai M la (m- 2)
¢ Giao diém vdi tiém can ding
-2 2m- 2 -
= y= _(2-m)+ o y= 2 +2i’l’]‘ 2:2m
Cho X =2 (m- 2) m- 2 m-2 m-2 m-2
2
A 2;—m]
Vay giao diém cia dudng thing d va duong thing tiém can ding X =213 | M- 2],

¢ Giao diém vdi tiém can ngang



b2 a2
Cho y=2 (m‘ 2)2 m- 2

= -2(x-m)+(2m- 2)(m- 2) =2(m- 2)°

= - 2x+2m+2m’ - 6m+4=2m" - 8m+8
o 2x =4dm- 4
= x=2m- 2

=2

Vay giao diém cta duong thang d va dwong thing tiém can ngang Y =213 ACQm-2; 2).

2

2m —20

Tacé:AB:EJEa[zm_L;}E...[Z_ :

e 4(m- 2¥ + 16 =20
(m- 2)°
= (m-2)"-5(m-2)" +4 =0
- (m- 2y =1
(m- 2y =4
[m =3
m =1
L —1]
m =4
_m:[]

Vay S=3+1+4+0=8

| 2
Cau34. Chohamss ¥ =% = 4 *3 pj thi ctia ham s6 da cho 1a

YA YN

C. : D.

Loi giai
+ Vi la d6 thi ham s6 bac 4 nén loai dap an A va B.

(0;4)

* T ham s6 ta c6 do thi cat truc tung tai diém nén loai dap an  D.

fi —
Cau 35. Co6 bao nhiéu gia tri am cua tham s6 ™ dé phwong trinh JZDZDm +42020m +x° =x c6 hai
nghiém thyc phan biét



A. 1l B. 0. C. Vb sb. D. 2.

Loi giai
Chon A

. JZDEDm+1,‘2[]2[]m+x2 =x' = EDZUm+wJZDZUm+x2 =38
= 2020m +x° ++f2020m+ x° =x" +x°(1)

f@O=t*+t . [0;+0) g [O=20+1>0, ¥ =0 f@)

trén , ta suy ra luén
ST LV =
dong bién trén [ )

2 1 2
[:]_} = f(\M)—f(x )‘:‘ fz[]z[]m +x2 :xz < 2020m :}fd— xz .

¢ Xét ham so

* Khi dé
x =0
cH g (x) =4x" - 2x;g (x) =0 = | x = L
4 4 NG
1
ot _ 2 A= T
+ Xétham s 9(¥) =X - X - 2,
¢ Ta c6 bang bién thién
1 0 1
X =0 .JE \E i
g(x) 0 | 0 o

— =
gtx) \ / ¢ \ /

1 =

4 4

2020m =- 1
= 4
¢ T bang bién thién suy ra phwong trinh da cho c6 2 nghiém 2020m >0
1
m=- ——
< 8080
m=10
_ 1
¢ Vi M am nén 8080 . vay c6 1 gia trj can tim.

Cau 36. Hinh nao sau day la hinh chép tam giac



Cau 37.

Cau 38.

Cau 39.

Cau 40.

=]

Hinh 3 Hinh 4
C. Hinh 4. D. Hinh 2.
Loi giai

Hinh chép t& giac co tat ca bao nhiéu canh
A. 6. B. 20, Cc. 12, D. 8.

Loi giai
Chon D

B
C

Hinh chép tit gi4c (vi du nhw hinh vé trén) c6 4 canh bén va 4 canh day nén co tat ca 8 canh.

Néu mot khdi chép cé dién tich ddy bang B va chiéu cao bang h thi c6 thé tich dugc tinh theo

cong thirc
v =Lgh v =L 2Bh
A.V =7Bh B. 3 . C.V =Bh, D. 3 )
Loi giai
v =Lgn

Thé tich kh&i chép c6 dién tich ddy bing B va chiéu cao béng ! 1a

Néu mot khéi lang tru cé dién tich day bang B va chiéu cao bing R thi c6 thé tich dwoc tinh
theo cong thirc

A.V =aBh, B %Bh. C.V =Bh D" Z%EBh .

Thé tich khi ling tru c6 dién tich day béing B va chiéu cao bang 1 1a V =Bh_

Loi giai

Cho hinh chép i gidc déu S-ABCD ¢ SA=avll cgsin géc hop bdi canhSB va (ABCD)

1
bing 10 . Thé tich cia khéi chép S-ABCD bing



Cau 41.

121 & 121 121 & 11
—dad —a
A. 150 ) B. 50 C. 500 ) D. 500

Loi giai

Chon C

Goi canh hinh vudng dy 1a X goc hop béi canh SB va ABEP) 13 a6¢ nhon $BO
1~ OB 1 U w2 o1 0 x= V11

Spo=—0 === — U x=—=a
- 11 SB 2ail 10 532
Thé tich cta khéi chép S-ABCD bing

g 11a?- 11 a’

1 1 /sci oc T 1
V=250, 3 SC™- OC" .8 |- —ax = 0 11, 121,

252 3 500 500
Cho hinh chép S-ABCD ¢ dagy ABCD 13 hinh vudng canh 9, canh bén SA vuéng géc véi
mit phing ddy. Goi M 13 trung diém cia CD . Biét khoang cach giita hai dwong thing BC va

a3
SM bing 4 . Thé tich ctia khéi chép da cho theo 9 1a:
a’\3 a’\3 a’3 a*\3
A. 4 . B. 2 . c. 6 . D. 12

Loi giai
Chon C

= BC //(SMN)

* Goi N 13 trung diém cta AB
, = d(Bc,sM)=d(BC,(sMN))=d (B, (SMN))



Cau 42.

d(B,(SMN)) BN _
Cd(A,(SMN)) AN = 4(B.(sMN)) =d (A, (sMN))

¢ Taco
o Ko AH LSN = AH L(SMN)
d(A,(sMN))=aH =9¥3
. 4
1 _ 1 . 1 . 1 _ 11
* Xét ASAN vubng tai A c6 AH 13 dwong cao: AH° AN | SA? xS ANE.
a a3
= SA= AN.AH — 204 :aﬁ
JAN‘Z-AHE [ﬂ-z ﬂ«ﬁlz 2
J.z. |4 ‘
3
. = Vs anco :%--5:!'15__”{.” :%_gﬂl _Ga f

Cho hinh chép S-ABCD ¢4 day 1a hinh thang vudng tai A va B. Hinh chiéu vubng géc cia S
(ABCD) AB =a,BC =2a,BD =a/10 ..

trén mat day tring véi trung diém AB. Biét
giita hai mit phing SBP va miit phing day 1a 60 . Thé tich khi chép S-ABCD theo 4 1a:
3V30 V30 s V30 s V30 s
A. 8 B. 4 c. 12| D. 8 .
Loi giai

Chon D

S

|

i D
B® c

* Goi H 1a trung diém AB ~ SH J‘(ABCD}.

« k¢ HK L BD(K€BD)

Ta o6 ((sBD),(ABCD)) =3KH =60
¢ laco .

* Goi AM 1a dwong cao ctia tam gidc vudng ABD

o Tacs AD =BD*- AB® =3a_



Cau 43.

Cau 44.

ABAD _a3a _3ai0 _AM _3a10

AM = = = HK
. BD afi0 10 2 20
SH =HK.tan SKH =20Y10 20 6o =3Y30
¢ Do do: 20 20
3
V. anen :LSH.S_W.” _L 1 (AD+BC).ABSH =1.(3a + 2{1).{1.3':]@ 4 30
e Khidse: 3 32 6 20 8
Cho hinh chép SABCD ¢ dgy ABCD 13 hinh vudng. Tam gidgc SAB 1a déu va nim trong mit
phing vudng géc day (ABCD), goi H 1a trung diém AB . Biét thé tich khéi chép S-ABCD
a*\3
bing 3 . Tinh khoang cach @ tirdiém H dén mit phing (SCD).
J _aﬁ d= 2a+21 J _GJE
A. 14 B. 7. C. 6 . D. d =2a,
Loi giai
Chon B
+ Goi AB ZX(X}D],suyra 2 2,
1 3
L, .. ; . v :_'SH'S.-H'.'HIJ S
* Ta co thé tich khoi chop S.ABCD 13 3 6
W3 a3
X' =4 V3 = x =2a
¢ Theo gia thiét, ta c6 6 3 .
2 2
d (H,(scp)) =HK :./ SH.HM _20¥21
e Tacé SH*+ HM 7
d= 20@
* Vay 7 . 0

Cho khéi chép S-ABCD ¢4 day ABCD 13 hinh binh hanh, goi M 1a trung diém cia SC . Mit

phing chita AM va song song v6i BD cit SB,SD 13 nigesai P Q. Biét thé tich khdi chép
S.ABCD bing V . Tinh ti s6 thé tich giita khi chop >-APMQ v S .



'
N

Chon C

* Goi

* Do

+ Ké duong thing qua I song song BD cit SB tai P, cit SD tai Q Vay

=
| =

=
D=

O =ACnNBD;I=50nAM

(p)

chita AM va song song BD nén P) qua I vasong song BD.

(P) E(APMQ)-

SI _2_SP_SQ

¢ Tacé I 1a trong tam ASAC pgn SO '3 SB SD.

* Taco

V,

SAMP T

V,

*

* Vay

5.ACH

Voo _SM SQ _1
s5C

V.

5.ACD
1

=
3

V. —EH

SAPMG T E

1"’:; AMP T

- E-
v
2

5|

2
3
v
6

La | =

vV VW
==
3 Vv

SAPMO

1
3

SAMGQ T

=V —l_
3

1
3.

M| =

Vv
6

Cau 45. Mot hinh ling tru ding c6 day 14 hinh chi nhét véi kich thuge 1a 10€M va 156 Biat dign
tich xung quanh bang tong dién tich hai day. Khi d6 thé tich hinh lang tru la:

A, 300 cmz_

Chon B

B. 900 cm

Af

3. C. 50 Cma. D. 900 sz.
Loi giai
D c
|
! B
Dj— B e Yol
/
/
/
BF

¢ Hinh lang tru ditng c6 day la hinh chi¥ nhat chinh la hinh hop chit nhat.

¢ bat

AA =x (cm)



=254,

+ Dién tich xung quanh bang tong dién tich hai day: Swa
, = 2.(10+15).x =2.10.15 = x =6 (cm)

o Thé tich hinh hgp chit nhat: * seo-anco =10-19.6=900 (cm)

Cau 46. Cho hinh ling try ABCD.ABCD' ¢4 day 13 hinh thoi canh @ va BAD =120° canh ben hop
(ABCD)

vOi mdt day mot goc 60° , hinh chiéu vudng géc ctia B " trén mit trung vGi trung
diém AB . Thé tich khéi ling try ABCD.ABCD  pang
a*V3 a3 a’ 3a*
A. 4 . B. 2 . C.I. Q.T.
Loi giai
Chon D

S wen =AB.AD.sin BAD :Ea‘*
Dién tich hinh thoi ABCD bing 2

Goi H 1a trung diém cia AB ~ BH L (ABCD).

Goéc gitta BB va mit phing (ABCD) 1a BBH =60"

B'H =BH.tan 60 =2¥>
Ta co 2
E}
V=S,.,.BH zﬁﬂz_ﬂ _3a
Thé tich khéi ling try 1a: 2 2 4
Cau 47. Cho hinh hop chit nhat ABCDABCD’  duemg chéo AC =06 v 130 véi mat ABCD) s

g6c bing 30", AB =a _Thé tich khéi hdp chit nhat ABCD.ABCD’ png
a*\21 a’y21 3a®
A @ B. 2 . c. 4 . D. 4.
Lai giai

Chon B



Cau 48.

B

c
Goc gifra A'C vamat phing (ABCD) 1a Heca =30° _

3{1\5

2

AC =A'C.cos30° :aﬁ.% =

_a'6

2

Ta co

A'A =A'C.sin 30° :a.ﬁ%

BC =+ AC* - AR’ =
Trong tam giac ABC 6

a4
2

S
Dién tich hinh chit nhat ABCD bing

=AB.BC =

ABCD

a* 14
2

a*f14 af6 _a‘sfﬁ

L R L V=550 AA =
Thé tich khoi hop chit nhat la: 2 2 2
Cho hinh chép it gidc deu S-ABCD (6 thé tich béng 1. Goi M 1a trung diém cia >> NV 1a
diém d6i xing cia A qua D . Miit phang BMNY chia khsi chép S-ABCD thanh hai khdi da
dien, goi ) 13 knsi da dién chifa dinh S . Thé tich khai 1) béing

7 4 el 3
A. 12, B. 7. c. 12, D. 7.

Lai giai

Chon A
+ Trong mp (SAD); MN n 5D =E . trong mp (ABCD); BN nCD =F  Khi 6 thiét dién cia
mit phing (BMN) i hinh chép S-ABCD 13 ¢ giac BMEF

NE :ENM

* Ta c6, E 1a trong tam tam giac SAN nén 3 ; F 1a trung diém cta BN



Cau 49.

Cau 50.

Viero = NE . NE . ND _Ell :l = Vs :l: Vorrams =2Vyeen
o Viumen NM NB NA 322 6 V., O
1
Ve — d{f'3 1-'*'”']]'5”‘”- _ED 2.DN-DF l l —i =V —i'v,-" —i
* ""r.'i..-m{:n dl.‘ix.-\ﬂ{.'IJ]'S.-'.Hi.'IJ SD . AD? 3.4 12 NEFD 12 5_ABCD 12
o 7
Vorrae =Wamrp === Vi =V o = Vorraus :E
Cho hinh chép t gidc deu S-ABCD ¢6 déy 1a hinh vudng canh 92 | biét thé tich kh6i chép
3a’
V=
bang 2 Tinh tang ctia goc giita canh bén va mat day (ABCD )?
9 3V2 N2
A V3. B. 4. c. 2. D. 4
Loi giai
S

=2a’

SABCD

Dién tich hinh vudng ABCD 13

Goi O 1 tam cita hinh vupng ABCD = SO L (ABCD)

W _9a
Sipcn 4 .

= 50 =

Goc gitra SA va mat phang (ABCD) la §AO'

AO :lAC =

2

tan 540 :5— =
Ta co A0 4
Cho hinh chép t giac déu S.ABCD M 13 trung diém cua 5C, Mat phang (P) qua AM va
song song v&i BD cat SB | SD tai N K Tinh ti s6 thé tich cia khéi S-ANMK v khi chop
S.ABCD

2 1 1 3
A9 B. 3 c.2 D. 5
Loi giai



Goi H 1a tam hinh vuéng ABCD | E =5H NAM = E 13 yrong tam ASAC
_, SE __SK _SN _2
SH SD SB 3.

Vs..s.fm ZMK.SM —El—lz,v _lv
Ta co Viine SASDSC 372 3 s.akM — g Vs ABcD
Vi an 1
Tsaww 1 1,
V 3 5.ANM 6 £ ARCD
Tuwong ty ' s.4sc .

=—Vi g gvs ABCD — gvs. ABCD

T d6 Voamee =Voame Vo anu G



