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OCEONG ®. QUAN HE VUONG GOC
P
>BAI 0. HATDUONG THANGIUGIF OC

@. Tom tat kién thuc

Ve

0. GOC GIUA 2 PUONG THANG
= Dinh nghia

a,b (aab)
@ Gobc gilra hai dudng thang trong khong gian, ki hiéu , la goc
a’ b’
gitra hai dudng thang va  cung di qua mot diém va lan lugt song
a b

song hoac trung véi  va
= Nhan xét

a b
o a) D& xac dinh géc gilta hai dudng thang va ta c6 thé lay diém
0
thudéc mét trong hai dudng thang dé réi vé mot dudng thang qua
(0]
va song song vdi dudng thang con lai.
b 0° =(a,b) =90°
@ b) Véi hai duong thang vz‘a bat ki:

®. HAl PUONG THANG VUONG GOC TRONG KHONG GIAN

@ Dinh nghia

®. Phan dang toan co ban

‘Dang ®: G6c giita hai duong thang trong khéng gian

# Phuwong phap
# Dinh nghia

@ GO4c gilta hai duding thang a,b trong khéng gian, ki hiéu (a’b), la goc gilra hai

dudng thdng ¢ va  cung di qua mot diém va 1an lugt song song hodc trung
véi @ va b,

# Chuy:

o a) D& xac dinh géc gitta hai dudng thang %° ta c6 thé& 1ay mot diém O nam
trén moét trong hai dudng thang dé va vé dudng thang song song véi dudng
thang con lai.

o b) Géc gilta hai dudng thing nhan gid tri tir O dén 90 .

= Cac vi du minh hoa



Cau 1: Cho hinh hop ABCD -ABCD ¢4 6 mat déu 1a hinh vudng va M-V-£.F 150 Juot

la trung di€ém cac canh BC.BA, A4 AD Tipp gdc gilta cac cap duong thang:

b) MN vy3 EF |
Loi giai
B ¢
N 1

A i D

E g

U
Hinh 2

5 1AC AC,BC)=(AC,BC) =HCB =45
a) Ta c6 4AC//AC | suy ra ( ) =( )

vudng can tai B).

(tam gidc 4CB

 AC/IMN.AD I/ (v, EF) =(4C, 4D ) =BaD =60 g
b) Ta c6 AC//MN.AD /IEF gy g | ) =( ) (tam giac

ACD ¢6 ba canh bang nhau).

-Dang ®: Hai duong thang vuong géc trong khoéng gian

Phwong phap

DPinh nghia

Trong khong gian, hai dudng thang a,b dugc goi la vuodng géc véi nhau néu géc
gitta ching bang 90 .

Hai dudng thang %® vudng géc dugc ki hidu 1a @ L6 hodc b La,

Chuy: ,

a) Hai dudng thang vudng géc cé thé cat nhau hoac chéo nhau.

b) Cho hai dudng thang song song, dudng thang nao vudng géc vai dudng nay
thi cling vubng gdéc véi duong kia.

¢) Trong khéng gian, khi cé hai dudng thang phan biét a,b cung vubéng goéc vai
mot dudng thadng th ba ¢ thi ta chua két ludn dugc @//P nhu trong hinh hoc
phang.

O o0oR O 0O R

Q

=Cac vi du minh hoa

Cau 1: Cho hinh hop 4BCD - ABCD c§ 6 mat déu la hinh vuéng. Chitng minh rang
AB L CC,ACLBD

Loi giai

s, . . = . = =0 ‘
Ta c6 CC //BB | suy ra (48.cc)=(45.58 ) =55 =90 .vay 4BLCC



(4c.BD )=(AC,BD) =90

Ta c6 BD//BD  suy ra (hai dudng chéo cta hinh

vuéng luén vuéng goc véi nhau). vay 4C LBD

©. Dang todn ren luyén

‘Dang @: Cau trac nghiém nhiéu phuong an lua chon

Cau 1: Trong khéng gian, cho dudng thang ¢ va diém O. Qua O cé bao nhiéu dudng
thang vudng géc véi dudng thang 4 ?
A. 3. B. v0 sO. C. 1. D. 2.

Loi giai

Chon B
Trong khéng gian, c6 vé s6 dudng thang qua mot diém cho trudc va vudng
gdc véi mét dudng thang cho trudc. Vi vay chon dép é4n B

Cau 2: Trong khdéng gian cho trudc diém M va dudng thang A. Cac dudng thang di
qua M va vubng géc vai A thi:

A. vudng goc véi nhau. B. song song vai
nhau.
C. cung vudng géc vdi mot mat phang. D. cung thudc

moét mat phang.
Loi giai
Chon D
Suy ra tU tinh chat 1 theo SGK hinh hoc 11 trang 100,

Cau 3: Trong khéng gian, cho cdc ménh dé sau, ménh dé nao la ménh dé didng?
A. Mot dudng thang vudéng géc véi mot trong hai dudng thang vudng géc thi
vudng géc véi dudng thang con lai.

B. Hai dudng thang clung song song vdGi dudng thang th ba thi song song
vGi nhau

C. M6t dudng thang vudng géc véi mot trong hai dudng thang song song thi
vudng goc véi dudng thang con lai.

D. Hai dudng thang cung vudng géc véi duding thang th ba thi vuéng géc
v@i nhau.

Loi giai

Cau 4: Trong khéng gian, cho 3 dudng thang %2¢ phan biét va mat phing (P).

Ménh dé nao sau day dung?

(P)Lc ‘| all(P)

A. Néu aLc y3 th



B. Néu @Lcya blcth a//b,
C.N&u albyyblecinale
D. Néu ¢ L1? thi @ va b cat nhau hodc chéo nhau.

Loi gidi
Chon D
Theo kién thirc SGK c6 bén vi tri tuang déi cha hai dudng thang ma néu hai
dudng thang trung nhau hodc song song thi chdng khéng vudng gdéc véi
nhau do dé néu ¢ -Lb thi @ va & cat nhau hoac chéo nhau.

Cau 5: Chi ra ménh dé sai trong cac ménh dé sau:

A. Qua mdt diém O cho trudc cé mét va chi mét dudng thang vudng géc vdi
mét mat phang cho trudc.
B. Qua mét diém O cho trudc cé mdt mat phang duy nhat vuéng géc véi
mét dudng thang A cho trudc.
C. Hai dudng thang chéo nhau va vudng gdc véi nhau. Khi dé cé mét va chi
mot mat phang chra dudng thang nay va vuéng géc vdi dudng thang kia.
D. Qua m6t diém O cho trudc cé mot va chi mot dudng thang vuéng géc véi
mot dudng thang cho trudc.

Loi gidi
Chon D

Qua mét diém O cho trudc cb vd s6 dudng thang vudng géc vdi mét dudng
thang cho trudc. Cac dudng thang nay ciing nam trén mat phang qua 9va
vudng gdc véi dudng thang ay.
Vay D sai.

Cau 6: Trong cdc ménh dé sau, ménh dé nao sai
A. Hai dudng thang clung vudng gdéc véi moét mat phang thi song song.
B. Hai mat phang phan biét cing vuéng géc véi modt dudng thang thi song

song.
C. Hai dudng thang phan biét cing vuéng géc véi mot dudng thang thi song
song.
D. Hai mat phang phan biét cung vudéng géc véi mét mat phang thi song
song.

Loi giai
Chon C

Trong khéng gian, hai dudng thang phéan biét cing vuéng géc véi modt dudng
thang thi cé thé song song hoac chéo nhau.

Dép an C chi dang trong mat phang.
Cau 7: Chon khang dinh ding trong cac khang dinh sau:



A. Trong khong gian hai dudng thang phan biét cing vuéng géc véi mét
dudng thang thi song song vdi nhau.

B. Trong khéng gian hai dudng thang vuéng gdc véi nhau c6 thé cat nhau
hoac chéo nhau.

C. Trong khéng gian hai mat phang cluing vudng géc véi mot dudng thang thi
song song v&i nhau.

D. Trong khéng gian hai dudng thang khéng c6 diém chung thi song song
vGi nhau.

Loi giai
Chon B

Pép 4n A sai do hai dudng thang phan biét cung vuéng géc véi mot dudng
thang cé thé cat nhau hoac chéo nhau.

(A4 L AB
Vi du: Cho lap phuong 4BCD.ABCD g g (AP L 4B Dathsy 44" va AD cat
nhau.

Déap 4n C sai do hai mat phang cung vudng géc v3i mot dudng thang cé thé
trung nhau.

Déap an D sai do trong khdng gian hai dudng thang khéng c6 diém chung thi
c6 thé chéo nhau.

Cau 8: Trong hinh hop ABCPABCD 4 ¢4t c3 cac canh déu bang nhau. Trong cac
ménh dé sau, ménh dé nao sai?

A. BB LBD B, AC LBD c. ABLDC’, D. BC'L4D

Loi giai

Chon A

B

Vi hinh hop ABCD-ABCD 4 t5t c& cac canh déu b&ng nhau nén cac tu giac
ABCD  ABBA  BCCB gay |3 hinh thoi nén ta c6

ACLBD 3 AC//AC'= AC LBD (g qyng).



A'BLAB my 4B/DC"= 4'B L DC" (C dang).
BC'1LBC mj BC//AD= BC 1L AD (D ddng).

Cau 9: Cho hinh 1ap phuong 4BCDABCD' pudng thdng ndo sau day vudng goc vdi
dudng thang BC'?

A. 4D, B. 4C, C. BB, D. 4D,
Loi giai
Chon A
B'a C'
|
A’ ! D,
1
1
1
1
l
A C
A a D
, AD//BC BCL1BC = AD1 BC’
Ta c6: , = ADLBC

Cau 10: Cho hinh chép S-4BCD ¢4 day 1a hinh thoi tam O va $4 =SC, SB=SD Trong
cdc ménh dé sau ménh dé nao sai?
A. AC LSD B. BD L AC C. BD LS54 D. AC LS4
Loi giai

Chon D

Ta c6 tam gidc S4C cantai S va SO la dudng trung tuyén cling déng thai la
dudng cao.

Do d6 SO L AC

Trong tam giac vudng SO4 thi 4C va $4 khoéng thé vuéng tai 4.

Cau 11: Cho hinh 1ap phuong ABCD.A'8'C'D". Tinh géc gitta hai dudng thang 4C va
A'B.



A, 60° B. 45 c. 7§ D. 90°

Loi giai

4 B

Do 4BCD" |3 hinh binh hanh nén 4 B/D'C  suy ra géc gilta hai dudng thang
AC \y AB

bang géc gitta hai dudng thang 4C va D'C v3 d6 chinh Ia goc 4CD =60° (4o

A ACD' déu).
Cau 12: Cho hinh Iap phuong ABCD.ABCD’ Géc gilta hai dudng thang B4  va €D p
ang:
A. 45, B. 60" C. 30", D. 90",
Loi giai
A D
/1
/1
I
, /
B E 1 C’
A\
) A /D
/ //
Iy
!/
B C

co CDIAB= (BA.cD) =(BA'. BA) =HBA =45°

(do 4BB'A" |3 hinh vu6ng).
Cau 13: Cho hinh chép S-4BCD ¢4 ddy 4BCD |3 hinh chit nhat véi 4B =2a  BC =a

Céc canh bén cta hinh chép cling bang a2 Tinh géc gilra hai dudng thang
AB va SC_

A. 45 B. 30° . C. 60° D. arctan2

Chon A



(Ys: s¢) =(Eb:sc) =8cp |

Ta c6 4AB//CD nen

Goi M 13 trung diém cGa CD. Tam gidc SCM vudng tai M va cé SC =av2,
(Ys: s¢ ) =45°

A

CM =a nén la tam gidc vudng can tai M nén Scp =457 Vay

Cau 14: Cho hinh Iap phuong ABCD.ABCD’ Géc gitra hai dudong thang 4C va

BD bang.
A. 60, B. 30° C. 45 D. 90°
Loi giai
A’ D
B’ c’
L:—-————-————--——::-’:
,/I(A \“‘h‘ ’f_F,-"' - D
B C

(%-8p) =(4t:.8D) =90°

Ta c6:

Cau 15: Cho hinh 1ap phuong 4BCD.ABCD  g6c gitra hai duong thang 4B va
BC |3

A. 90

D.

45°



c B

I\
D | N 4
S <
I N
I N
AN
| \
| AN
N
| \
A= AN — T - — = A
' B
//C
7
7
D' A’

13 cg BCl aD=HB50)=tdB4D) _B

Xét ADA'B c§ A'D=AB =BD nén ADA'B |3 tam giac déu.
Vay BAB =60"

C&u 16: Cho hinh I&ng tru déu 4BCAB'C’ ¢4 canh day bang 1, canh bén bang 2. Goi
G

G 13 trung diém cda CC'. Tinh cosin cta géc gitta hai dudng thang 5¢ va
AB"
J2 J2 J2 J2
A. 6 . B. 4. c. 3. D. 8 .
Loi giai
A C'
B

B
AB'//AB = (b&,45) =(bt,, 48)=Y5c .

Ta cé



AB* +BC - AC
Cos B =
2 AB.BC,

Tam gidc 4BG ¢ 4B=l;
¥
= cos B :£
4,
Cau 17: Cho hinh chép S-ABCD ¢4 tat ca cadc canh déu bang @. Goi I va / 1an luot la
trung diém cta SC va BC, S§ do cla goc (1. €D) bang:
A. 307, B. 60", C. 45, D. 90",
Loi giai
S
1
A D
J C

11// SB
cp ) 4| = &r.cp)=Usk, 48) =884 =60°

Ta co
(vi tam gidc S4B |a tam gidc déu canh @).
Cau 18: Cho hinh 1ap phuong ABCD.ABCD  (hinh vé bén dudi). Géc gilta hai dudng

thang 4C va 4D bang
. .




Bl

D

tdc. 4 p) =t 4 p)=Bac =o0° |

Ta co:
Vi AD=AC'=CD
Cau 19: Cho hinh 1ap phuong ABCD.ABCD canh 4. Goi M 1a trung diém cta €D v
a N 13 trung diém cda 4D". Géc gitra hai duong thdng BM va C'N pbang
C. 60", D. 90°,

° B. 45,
Loi giai

Goi 1 la trung diém cla €D khi d6 IB" 14 hinh chiéu vudng géc cia BM trén
(UBCD) st khac ta c6 BC+NcB =Nep '+ Nes =Bcp =90" = cv L 1B

Do dé6 CNLBM  vay géc gitta BM va CN bang 90,
Cau 20: Cho t(t dién O4BC g OA=0B=0C=a: O4,0B,0C \ 5nqg géc v6i nhau ting
d6i mot. Goi 1 13 trung diém BC . Tinh géc gilta hai dudng thang 48 va Of
A. 45°, B. 30°, C. 90°, D. 60°,
Loi giai

Chon D



B D

Vi t dién OABC ¢ 0A=0B=0C=a: O4.0B.0C \5ng géc véi nhau ting

doéi mot nén ta c6 thé dung hinh lap phuong AMNP.OBDC nhy hinh vé vdi
I 13 trung diém BC nén {r}=opCsc.

Canh cua hinh |ap phuong trén bang ¢ nén AB=AN=NEB =a2 vay tam
giac 48BN géu.

Dé& thay OI//AN nén géc gitta hai duong thadng 4B va O bang géc giita
4B va AN ping 60°,

Cau 21: Cho hinh hinh ldng try ABCD.ABTOC c§ day la hinh chir nhat va
Eap=40" 56 do géc gitta hai dudng thdng 4C va BOL |3

A. 40", B. 20", c. 50", D. 80",
Loi giai
Chon D
A B
D, : c
/,/”/’/’/’0\ \\
o ken c

sp//180® (% 504=(4t 5p)

Ta cé :

Goi O=ACCBD \, BaD=40'P Bap=84=50" b HoB=80°
(% 504 =s0°

Vay .

Cau 22: Cho hinh Iap phuong ABCD.A'B'C'D' ¢6 1/ |an luot 13 trung diém cda
BC va BB' Géc gilta hai dudng thdng 4C va & béang
A. 45", B. 60°, c. 30", D. 120°,
Loi giai
Chon B



_——_———_— - c’

} A . — ! i
Vi I //B'C pap W.4C)=(8'C.4C)

My AC.AB.CB'
AC =AB'=CB",

la dudng chéo cla cac hinh vuéng bang nhau nén

~ MCB' gay. vay - AC)=(B'C. ac) =Hca' =60"

Cau 23: Cho hinh Iap phuong ABCD.4'B'C'D' G4c gilta hai dudng thang 4C va

DA" bang
A. 60" B. 45, C. 90", D. 120",
Loi giai
Chon A
A D
| \\
I AN
B’ l N
- c
| ~
| ~
~
| N
~
1 A S\l p
rcIT T - =
/ S o
/ S o
/ S o
B C

Ta c6 A€ A'C" nen géc gitra hai duding thidng 4C va DA' bang géc giira hai
dudng thdng 4'C' va DA,
Ma 4'C'=DA"=DC" (cic dudng chéo cla hinh vudng).
Suy ra AM'C'D |3 tam giac déu = #C'D =060"
Vay goéc gitra hai duong thdng 4C va DA' pang 60°,
Cau 24: Cho hinh Iap phuong ABCD.ABCD’ Tinh géc gilta hai dudng thdng 48" va
AC
A. 60" B. 45, C. 30°, D. 907,
Loi gidi



Chon A

D'/ \C'
ABCD.ABCD’ a

Gia st hinh lap phuong cé canh la

c . (4B . AC)=(4B" . AC)
Do AC||A'C nén |
AB =AC =CB =a? = BAB =60°

Ta c6: Tam giac 48 C géu nén

_ (4B, 4'c)=(4B", 4C) =B4B =60°

Cau 25: Cho hinh Iap phuong ABCD.ABCD  Géc gilta hai dudng thang 4B° va

CD’ bang
A, 607, B. 45", c. 30", D. 90",
Loi giai
Chon D
4 D
B c
AN
N
AN
N
N
9 ______ —_ —_— D
7
7
7
7
B
C
Ta co: CPVAB
= (4. cp’)=(Ep,. cp’) =908

N\

(vi CDD’C’Ié hinh vudng nén hai dudng chéo

vudng géc).

Cau 26: Cho hinh chép S-ABCD ¢4 day 1a hinh thoi canh @, 54 =a\3 3y SALBC Géc
gitta hai dudng thadng SP va BC bang
A. 90" B. 60" C. 45, D. 30°,
Loi gidi
Chon B



AD//BC,SA L BC = SALAD 5y ASAD yyong tai 4.

AD /! /BC.SD N AD =D = tsb . 5c) =tsh . 4p) =8pa

C&u 27: Cho hinh 1ap phuong ABCD.ABCD  (hinh vé bén dudi). Goc gitra hai dudng
thang 4C va 4D bang

A. 307,

Chon A

tan 8DA =
ASAD yuong tai 4 =

SA4

AD

A’

J3 = Bp4 =e0°

Goi canh hinh lap phuong la 4.

Ta cé

Vi AC'=4D=DC"=aV2 nen tam giac 4CD |3 tam giac déu.
Suy ra €4D =60

Cau 28: Cho hinh lang try déu ABCD.A'B'C'D' ¢4 tat cd cdc canh bang 4. Géc gilta

(4C,4D)=(4'C", 4 D) :E"'A'D_

hai dudng thdng BC' va B'D' bang

A. 30°,

Chon C

D. 90°,



| L
» [

Ta 6 (BC'". B D)Z(BC.BD):EBC’ xét ABDC' ¢4 BD.BC'.DC' déu 13 cac
dudng chéo cua hinh vudng canh bang ¢ nén ABDC' |3 tam gidc déu. Do dé

(8c',8'D") =(BC',BD) =BBC" =60"

Cau 29: Cho lang tru déu ABCABC ¢4 45 =L A4 =2 Tinp g6c gilta 4B" va BC

A. 30°, B. 45, c. 120°, D. 60°
Loi giai
>
', :‘! LA
I
B,
1
c A

Goi I 1a tdm cla hinh chir nhat 4BBA" v M |3 trung diém cua 4C",

IM =IB"=BM :-.E

6 2 suy ra(AB.BC):(Aﬁ.f.-w):ﬂﬁﬁ =60"

Cau 30: Cho t& dién ABCD ¢4 AB=cD=2a_Goi M-V |an lugt 14 trung diém cla
AD va BC Bigt MN =34 g4c gitra hai dudng thing 4B va CD bing
A. 45°, B. 90°, C. 60°, D. 30°,
Loi giai
Chon C



C

Goi -9 1an luot 13 trung diém cta 4C va BD. Khi d6 ta cé
jrPMm/INO/ICD

cp b PMON
FM = .',"r'-Q = ?

= [a hinh binh hanh.
NP o AB
.  MQ//NP//AB,MQ = NP =—
Ta cling co 2
Do AB=CD=2aP PM =MQ=0N =NP=a

s.cp)=ab cosa= ‘cus(ﬂfﬁw)‘ ,
Goi . Ap dung dinh Ii Césin ta c6

MN® =PM*+PN"- 2PM.PN.cos {.QIPN )

U 3a°=d +a- Eﬂﬂ.EDS(ﬂfPﬁ-‘-)

E] CDE(.Q!R-"&-'-) :M :1
2a.a 2
cosc = ||:|:rs[ﬂ.fﬂ-"v')‘ =1 p HB._CD} =60°
nén 2

Cau 31: Cho hinh Iang tru tam giac déu ABCABC g 4B =a y3 44" =a2  Géc gita
hai dudng thdng 4B" va BC’ bang

A. 90" B. 30", C. 60° D. 45,
Loi giai
.
-
P
.
N
A C
M E
B
Chon C
M,N,P,E

. A N ‘o . 2 AB,BR'B'C'" BC
Goi [an lugt la trung diém cac doan thang ' ' ' .



Suy ra MN//AB" 5 NPI/BC' yhi d6 géc gitta duding thang 48" va BC' 13

gbc gitra hai dudng thdng MN va NP
3
MN =NP =53
Ta c6: =
. . , ., a 9a
MP* =PE* + ME® =2a* +— ="
Xét tam gidc PEM yuéng tai £, 4 4
Ap dung dinh Ii cosin trong tam gidc MV ta c6
3a’ N 3a° 9a°
MN® + NF* - MP® 14 . 1
cos MNP = -4 4 4 __
2. MN.NP 3a° 2

2.

4

N 0 5 ' . ' N 0
Do d6 géc MNP pang 120" nen géc gitta duding thadng 48" va BC' bang 00

Cau 32: Cho tU dién OABC g O4. 0B. OC g4 mot vudng goc véi nhau va
OA =0B =0C  Goj M la trung diém cta BC ( tham khao hinh vé bén dudi).
GO6c gilra hai dudng thang OM va 4B bang

A

(o)

90" B. 30° D. 45°

Chon C

o

o

P&t 04=a syy ra OB =0C =a y3 AB =BC =AC =a\2



a2

L .1“;.\; -
Goi NV 1a trung diém AC ta c6 MN//A4B vy 2
Suy ra géc tur. AB):@»I..-W.-*»’)_ xét BMN
a2

) _ ON =OM =MN =
Trong tam gidc OMN ¢4

2 nén OMN |3 tam giac déu

Suy ra BMN =60"  vay tdr, 4p) =tohs. mv) =60

Cau 33: Cho hinh 1ap phuong ABCD.ABCD"; goi M 13 trung diém cta BC . Géc
gilta hai duding thdng 4M va BC pang

o o o o
A. 45, B. 90, c. 30", D. 60,
Loi giai
Chon A
Bg C
N
RN
| N
| \\
N N
AN N
A /// | \\ AN
=~ ! N RN
B’ _:::>._______\ ,
/ - M c
/ -
/ ///
////
L=
A' DY

Gia s canh cua hinh 1ap phuong 1a >0,
Goi N 13 trung diém doan thdng BB'. Khi d6, MN//BC' npeén
(4M.BC') =(AM, MN)

7 &fg
[ F 1 =, jat—
Xét tam gidc ABM vubng tai B ta c6: AM =NAB +BM \ 4

_a\5
2 0
,  Sa®  3a
r , _Jﬁ = lg +— ="
Xét tam giadc A4M vubng tai 4" ta c6: AM =NAd"+AM \J 4 2
’ 7
AN =AM :H 2 MN :E :H‘J:

Trong tam gidc AMN ta cé:



= 2. 2%
cos AMN 2. MAMN 2

CMAT+MN?- AN? T _3a a2 6a” 4
T2 ’

Suy ra E;Mi‘\'r :450 .

Véy (-L].dr’BC’J :(-L].'(I"].’(ﬂr) = E;M;H\'r :450 .

Cau 34: Cho hinh I&p phuong 4BCD.ABCD" Goi M |3 trung diém cda PP’ (Tham
khdo hinh v&). Tinh cd-sin cla gdc gilta hai dudng thang BC va CM

41 BI
D/ Cc
M 5 :
A -3 B
D C
. ! L 22
A. 10 B. 3. c. V3. D. 9 .
Loi giai
Chon A

Goi N 13 trung diém caa A4’ = BN/ CM = e, o) =tsc,8w)

, B'N :,‘a:-l-i :ﬂ:’g;B'C a2 NC :,,2a3+£ :?
Xét tam gidc BNC cé 4 2 4 2

BN +BC-NC| !

_,} rlr # =
2B'N.BC lﬂwfﬂﬁ Jio

costBlc, o) Z‘EDS Wg 'C‘

Vay



Cau 35: Cho ti dién 4BCD  Goi P, € 1an luot 1a trung diém cla cac canh BC, 4D

a3

Gia sir 4B =CD=a yj e . S6 do g6c gilta hai dudng thdng 4B va
CD |3
A, 90" B, 45° c. 30. D. 60"
Loi gidi
Chon D

IP //AB
10//CD do IP,1Q lan lugt la cdc dudng trung

Goi ! 13 trung diém cua 1€, khi d6 [
binh cta tam giac CAB 3y ACD
Suy ra géc gilra hai dudng thang AB 3 €D |3 géc gilra hai dudng thang Py 10

Xét tam giac [PQ, ta cé

(a| )’ IHJ?_&.:
| 2

| a
+
2

2

b | =

P +10° - PO’ ‘
cos PIo = ”'EIQ Qo _

|. ﬂ._

2.
2

Bro =120

suy ra

Vay géc gilta hai dudng thang 48 va P ¢4 s6 do 1y 180" - 1200 =007,
Cau 36: Cho hinh chép S-ABC ¢ SA =SB =SC =4B=AC =a | BC =a2 Tinh s6 do cla
géc gilta hai dudng thang 48 va SC ta dugc két qua:

A. 90" B. 30", C. 60", D. 45,

Loi giai
* Goi H Ia hinh chiéu vudng géc ctia S 1én mat phang (ABC), theo dau bai
S4 =SB =5C y3 tam gidc ABC yubng can tai 4 ta cé H |a trung diém cua



(MN // AB
BC . Goi M, N |an lugt Ia trung diém cta 54, SB ta c6: V/5C = ge4c
gitta 4B va SC |a géc gitta MN va HN
AB _a SC

, i . MN=—=—{HN=— oy =224
Xét tam gidc AMNH ta cé: 2 2 2 2 2

ASHA yuébng tai H)

= tam giac AMNH |3 tam gigc déu = MNH =60" vay géc can tim I3 60° .

S

B

Cau 37: Cho t@ dién ABCD ¢4 AB=CD=2a_Goi M, N |an luot 13 trung diém cula
BC vy 4D, Biét MN =a¥3 Tinh g6c gilta 4B va (D,

A. 45, B. 307, C. 90°, D. 60"
Loi giai
A
N
B D
C

Ké MP 43, NP /I CD nén géc g|fj‘a AB va CD la géc g|fj‘a MP va NP_

MP® +NP* - MN® _a’ +a’ - 3a’ 1

cos kP = i _
2.MP.NP 2a° 2 = WPy =120

Vay g6c gitra 4B va €D pang 60°

Cau 38: Cho hinh 1ap phuong ABCD.ABCD  Goi M trung diém céc canh CD.



cosin c(ia géc gitra 4C va CM |3

A. 0, B.

Ta cé AC/HAC" nén géc gitta 4C va €M cling bang géc gitra 4C" va CM |3

Yem
. cr =9¥3
Goi canh cGa hinh I1ap phuong c6 do dai 1a @. Khi dé 4C =av2 2 |
, oM =% am =2
trong tam gics vudong CCM cb 2), 2 ( trong tam giac vuodng

a
MD =—
AMD 2 AD=aV2),

ey st oAt
; L, o ) cos Hlcm = - - =
Xét tam giac 4 MC ta cé 2AMCM 2,

Cau 39: Cho hinh chép S-4BC c6 day Ia tam giadc déu canh @ =4J2em | canh bén
SC vudng gbc véi day va SC=2cm  Goj M, N |3 trung diém clda 4B va
BC | Géc gilta hai dudng thang SV va CM |3
A. 307, B. 60, C. 45, D. 90",

Loi giai



Goi ! 1a trung diém cta BM , ta c6 M//CM nén géc gitta SN va CM |5 gébc
gitta SN va N . xét tam gidc SM 6 SN =VSC N =448 =243,

NI :i—c.-w :%4-.5.? =Jo

cr =Jom® +mr® =24+2 =26 = sr=\sc? +cr =J4+20 =30

B,'I”F 5.','|r:: + .','lr:.lr: - Ef: _IE +t| = 3':' _ - IE _ ﬁ

cos SNT = - - R

Vay ISN.NI 223:6 324 2 = Bvr=135°
Vay géc gitta SN va CM pang 45,

Cau 40: Cho lang tru tam gidc déu ABC.MNP ¢4 tat ca cac canh bang nhau. Goi 7 |
a trung di€m canh 4C . Cosin cla géc gilta hai dudng thang NC va B bang

6 Jio J6 Ji3

A. 2. B. 4 . C. 4. D. 5




Goi 7 la trung diém ctia MP . Géc gilta hai dudng thang NC va 1B bang géc
gitra hai dudng thang NC va N/,

=P _sa’

Tacé 2  NC'=NP+PC* =24* JC*=JP +PC’ 4
a3 +(9JE):- ﬂﬁ‘
2 2
cos v =22 +,-’_~.,-'c-__ Jc* Eﬂﬁ.ﬂﬁ

Xét tam gigc NC cé: 2NJ.NC > _
6
4

Cau 41: Cho t&rdién 4BCD ¢ AB =CD =a Goi M va N |an lugt 1a trung diém cua
AD va BC |, Xac dinh d6 dai doan thang MN dé& géc gilta hai dudng thang
AB va MN béng 30° .

a a3 a3 a

MN == MN =2 MN =222 MN ==
2 . - - 3 . - 4

Loi gidi



1

2

, PM =Lcp =L ap =pn
Goi P la trung diém clta 4C. Suy ra 2 . Do d6 tam giac

PMN can tai P. Lai c6 géc gitta 4B va MN bang 30" nén géc gitta MN va
PN pang 30", vay tam gidc PMN |3 tam gidc can cé géc & dinh bang 120°,
My =22

3
Taco P N3 =MN nén 2

Cau 42: Cho hinh Iap phuong trinh ABCD.ABT O Goj M |3 trung diém ctia DD’ (
tham khao hinh vé dudi day). Tinh césin cla gbc gilra hai dudng thang

BC vy CM
1 D
g C.-
/1 A Ar
,.e/ /
i T - N ¥
S ¥
[T o
22 1 1
A. 9 B. V10 D. 3

B

ké BN song song véi CM . Ta dugc (BC:CM)=(BC:BN) =Rp'c

Ta 6 B'C =\BB* +BC* =a\2

CN = AN® + 4AC’ :%H

e



Ap dung dinh Iy ham s6 césin trong ABNC, ta dugc

BN*+BC*- NC* _ 1
2BNBC Jio

Cau 43: Cho ti dién 4BCD ¢ AC =3a.BD =4a Goi M.N |30 |ugt 13 trung diém 4D va

cosNB'C =

BC  Bjét AC yubng géc BD . Tinh MN

My =>4 My =14 My =27 My =23
A. 2, B. 2, C. 2 D. 2
Loi giai
Chon A
Goi P la trung diém 4B
(AC /| PN
o= PNLIPM  py=AC 34 p, BD _,,
Ta c6 | BDIPM va R 5
. > —  Sa
MN =JPM* + PN? =—

Cau 44: Cho hinh lang try 4ABCD.ABCD" ¢4 day |a hinh chit nhat va EAD =40" | 5§ do
géc gilra hai duding thang 468D |3

A. 40° B. 20", C. 507, D. 80°,

Loi giai

Chon D

40°
50°

50°




Vi BD//BD" nap te:5'p) =tc;sp) =Hos =s0 véi O 1a tAm hinh ch{r nhat
ABCD

Cau 45: Cho hinh lap phuong ABCD.A'B'C'D' ¢ canh bang ¢ Gdc gilra hai dudng
thang CP' va 4'C" bang.
A. 30°

B. 90" c. 60°. D. 45"
Loi giai
Chon C
A' D!
Br i s ,
i ’/6;\/5 C
1 a2
A ) D
a ;ﬁ\\‘\
B* “C

Ta thay 4'C/4C= tcbh. 4 cn=tdp, ac) =¢

Do cac mat cua hinh lap phuong bang nhau nén cdc dudng chéo
AC =CD' =AD" =a+2

Suy ra

Cau 46: Cho t(r dién 4BCD ¢ AB=AC =AD =1, BAC=60", Bap=90", BAC =120"

tam tam gidc BCD
1

A. V6

Tinh c6sin cha géc tao bdi hai dudng thang 4G va €D, trong d6 G 1a trong

1
D. V3,




Cau 4a7:

*AABC gay = BC =1

*ACD cantai 4 c €D =VAC* + AD* - 24C.AD.cos120° =3
*A4BD yuong can tai 4 c6 BD =2

*ABCD ¢ CD' =BC"+BD" = ABCD yyfng tai B.

Dung dudng thdng ¢ qua G va song song €D, cét BC tai M.

Ta c6 MG//CD= (4G.cp) =(AG, .-WG)_

Goi I 1a trung diém cda BC, xét ABDI yuéng tai Bcé DI =VBD'+BI°

2

m=tic=1B8¢_1 P ]

IM _MG _IG _1 _
Ta c6 IC CD ID 3 3 372 6. 3 3 .

IG Zl.fD =
3

b | —

Xét AIM yuodng tai I c6 AM =NAI* +IM°

'-ﬁ"+‘ Sy
(2] 2] 43
2 2 _ 1 - 9
cos ljp — A" +ID* - AD 3.‘5.3
2ALID 22
J a3l ‘ 17 3143 _4B
AG =N A +1G* - 2411G.cosp {1 21 12 2 2 9 3.
Xét AAMG ¢4
BEERE
_ 1
_|4G° +Gar? - an?| 3_\5_*«5 0
EDS(AG._.-WG)Z‘CDSQG:‘H"_| I AG.GM | 3 3
Cho hinh vudng 4BCD canh 4a, 18y > K |4n lugt trén cac canh 48: 4D sa0
cho BH =3HA, AK =3KD 1ran dudng thdng vubng géc véi mat phing
(4BCD)

tai H 18y diém S sao cho SBr =30" Goi E 1a giao diém cua CH va
BK | Tinh cosin ca géc gilra hai dudng thang SE va BC,



28 18 36 9
A. 339 B. V39 c. 539 D. 539
Loi gidi
Goi { 1a hinh chi€u vudng goéc cta £ 1én 4B ta cd A4BD =ABCH |
= Hpp =Hcr = WER =90°

A H 1 B

7

cos(SE: BC) =cos(SE; ET) Z‘EDSEETL SH = BH tan30° :aﬁ_

Ta co:
9 - - . 8la®  2a+f39
HB _HE g HB” 24 op s vHE = [3a7 + 220 =29
HC HB HC 5 25 5
HE HF o= HE? _27a st =JSHE 2 1L = a2 +" 27a :Eﬂ\-‘lﬁﬂ
HB HE HB 25 | 25 ] 25
EZE :i:,"- Eri ZBE
BC HB 25 25
Ap dung dinh ly cosin cho tam giac SE! ta dugc:
'"raJ ‘ 3fm [ 2aos1 |
2 2_ 2 | | 25
cos 87 =2F :E‘r & - — | _ 18a
285EET 5 ...ﬂ*f‘ 9 3I6g 5439

5 25



Cau 48: Cho hinh chép déu S-A4BCD ¢4 tat ca cac canh déu bang ¢. Goi M, N |an
luot 1a trung diém cta 4D va SD, S§ do cua géc gilta hai dudng thang
MN v3 SC 13
A. 45, B. 60", C. 307, D. 90°,

Goi P la trung diém caa €D,

Ta cé: NP /| SC = (."P.ir."'lr".jj'f) :(."P.i".-"l.-". .-"lr"P).

MN = NP 4 MP =

Xét tam gidc MNP ta c6: 2, 2, 2

= MV +Np =L 42 =2 7 ,

= Bovp =000 = (v, 50) =MV, NP) —g(°

Cau 49: Cho hinh Iap phuong ABCD.ABCD  Goj M, N, P |an luot la trung diém céc
canh 4B, BC CD’" Xac dinh géc gitra hai dudng thdng MN va AP,

A. 60" B. 90° C. 30", D. 45,

Loi giai

A' BV

|

D | P C’

[

(B |

1] ]

1 ]

11 |

11 |

] ]
————&+4+-\--iB

// A M%\\ ~
s \ N




Ta c6 t& gidc AMCP |3 hinh binh hanh nén AP/MC

= (8. 4pP) =(bv. prc’) =N

Goi canh hinh vudng cé d6 dai bang <.

Xét tam giac C'CM yyubng tai C cé

CM =JC'C* + MC* =JC'C? + BC? + MB’ :Tﬂ

: ——— _Sa
CN =JcC+on? =22

Xét tam gidc € CNvubdng tai € c6

=
Ay =€ _avd
Ma 2 2
. e MN-CN? 5
. CDSEI}WC = uc wt" -!‘: N :£
Xét tam gidc CCM ¢4 IMC MN 7
= Mvc =45 = (-Q-"»".,AP) =45°

Cau 50: Cho hinh chép $-4BCD ¢4 ddy 1a hinh vudng canh ¢, canh bén S4 vuéng
gbc vé6i day, 4 =a_ Goi M |3 trung diém SB . Géc gilta 4M va BD |3
A. 60", B. 30", C. 90", D. 45,

Loi giai

Esl; ave) =(Kv; avr ) =Huw

Goi N 13 trung diém SD khi a6 MV IBD  guy ra

a2

-

AN =AM =MN = \ o
2, suy ra AMN |3 tam giadc déu, nén AMN =60

Cau 51: Cho t& dién déu 4BCD | M |3 trung diém cta canh BC. Tinh gia tri cla
cos(AB,DM)



Py
2|5
S

B

Gia st canh cua t( dién déu bang a.

Goi N 1a trung diém cua AC.

(48,0M ) = (r1n,DMm |

Khi d6:
MN =2 DM =DN =ﬂ.
Ta co: 2 2
a J_
: MN® +MD’ - ND? 2 3
cosfIMD = = =N
¥
2 MN MD z.a.a‘E 6
¥ >

cos(AB,DM ) = el
Vay 0
C&u 52: Cho hinh Iap phuong ABCD.ABCD" Goj M-N-P |50 |ugt 1a trung diém cua
AB.BC.CD" x4ac dinh géc gitta MN va AP,
A. 60° B. 30°. C. 90° D. 45
Loi giai
Chon D



Ta c6 MN song song 4C (Budng trung binh)
(MmN, AP) =(A4C, AP)
Gia st hinh 1ap phuong ABCD.ABCD ¢§ dd dai cac canh bang !

Xét tam gidc 4PC cé:

'-‘ IZ
I'+‘_

AP :JF-I- 5
- ; AC:'J|:+|: :ﬁ’ I T

Theo dinh 'y ham s  trong tam gidc 4PC  ta cé:

cosPac=—4 4 :I—=v Bic =45

Cau 53: Cho t& dién SABC g S4=5B=5C=AB =AC =a;BC =aJ2 | Gec gitta hai
dudng thdng 4B va SC bang
A. 0, B. 120", C. 60", D. 90°,
Loi giai
Chon C



Goi M-N.-P |55 |uot 1a trung diém cua BC-5B.54
Géc gitta 4B va SC 13 géc gitta PN va MN |
My =2 =np

¥

i

-

ﬂﬁ:-ﬂﬁ
2 2

a
PC =BP :”f: PM =JPC*- cM® ‘\j 5

Suy ra tam gidc MNP |3 tam giac déu = Wive =60°
Vay géc gitta 4B va SC bang 60",

Cau 54: Cho lang tru déu ABC.DEF ¢4 canh ddy bang ¢, chiéu cao bang 24. Tinh
cosin c(ja géc¢ tao badi hai dudng thang 4C va BF,

5 V3 ¥s N
A. 10 B. > C. > D. 10
Loi giai
Chon A

B

Goi M-N.L |an |uct I3 trung diém céc doan thang BC.CF.AB

(MN [/ /BF
= (4c;BF)=(MN;ME)
Khi d6: | ME!/AC

Tinh géc Emn

Xét tam gidc MNE | ta co:



MN :]—BF :]—JBCE +CF° :]_Ja: +4a’ :”"JIrE
2 2 2 5

EC =

ME =L ac = a3
) ]

b | S

i -

; > {3 7
NE =JEC* + NC* =, ,—’m- =
4 2

a S5a° Ta’

ME® + MN? - EN? _
cos By = WE" + MN™ - EN _4 4

4 4
IMEMN ,a a5 2.5
Suy ra: 2 2

5
. cos(4C:BF) =gos Buw| 5
Vay 10
Cau 55: Cho t&r dién déu 4BCD canh @, Goi M |a trung diém cla BC. Tinh cé-sin
cha g6c gilra hai dudng thang 48 va DM ?

3 V3 V3

1
A. 2. B. 6 . c. 3. D. 2.

Chon B

Goi N 1a trung diém cua 4C. Khi d6, ABIMN nén
(DM, 4B) =(DM, MN)



) DM =DN = MN =—
Dé& dang tinh dugc 2 va
Trong tam giac DMN,, ta cd
ﬂ:
cos Bagy =PM_*MN" - DN° 4 :E
2DM.MN L a3 a 6
“ 2 2
cos BAw :£ >0 cos (DM, MN) :E
Vi 6 nén 0.
NE)
cos(DM, AB) ==
Vay 0.

Cau 56: Cho t& dién 4BCD c§ 4B, AC AD d6i mét vudng gdéc vdi nhau, biét
AB =AC =4D =1 5§ do gbc gilta hai dudng thang 4B va €D bang
A. 45, B. 60, C. 30°, D. 90",

Loi giai

Chon D

L
Goi M:N-P 1an Juot 1a trung diém cua cac canh BC. AC 4D
| MN [/ AB

i ]
MV == 48 =
Trong A4BC ¢4 ! 2

b | —

(Tinh chat dudng trung binh)

V2

|vp=Lep =¥2
Trong A4CD | 6 !

MP =JAP? + AM* =

Trong AMP | c6

[

(Tinh chat dudng trung binh)




(MN /| AB
~ 7" = (4B:cp) =(Mn: NP) =Wivp
Ta c6 | MPICD

Ap dung dinh ly Cosin cho AMNFP | ¢4

k) f::']
I.-'

I:J—

NP+ NM* - MP’
cnsﬂ!.-"v’P: : — =]
2NP.NM J‘

5

I:J—

= Wvp =90

Hay (4B:cD)=90 _

Cau 57: Cho hinh chép S-4BCD ¢é day ABCD |3 hinh chit nhat, 4L (ABCD) S4 =a

AB =a BC =a\3 Tinh cosin cga géc tao badi hai dudng thang SC va BD
3 ¥s V3 v3
A. V10 B. 5 C. 5 D. 10

Loi giai

K& OM ||SC = (SC.BD) =(OM,BD)

Ta c6 ABCD |3 hinh chir nhat c6 48 =a, BC =av/3 = AC =BD =2a

2 2 5
BO = BP =a OM _¥: 54 :AC :”'j:r”_ BM =S4 + AB ”“'F

’

’

: e I pag? z
cos(1ro5) < OM + BO" - BM :J:

20M .BO 5

3 =

) 5
cos(SC,BD) g
Cau 58: Cho ti dién 4BCD ¢y 4B =CD =2a GoiM , N |an luct 1a trung diém 4D va

BC  Bigt MN =a\3 gdéc gilta hai dudng thang 4B va CD bang
A. 45 B. 90"

C. 60°, D. 30,

Loi giai



Chon C

Goi P 1a trung diém4C, ta cé6 PMICD vy PNIAB, suy ra

(44, cp) =(FAr, Pv)

D& thay PM =PN =a

_PMP+PN - MN® _a’ +a’ -3a’ _ |
Xét APMN t3 cé 2PM.PN 2.a.a 2

= Wen =120° = (4s.cp)=180" - 120° =60°

Cau 59: Cho hinh chép S-4BC cg 5" (4BC)

Sd=a,AB=a,BC=a\2

va tam gidc 4BC yuéng tai B,

.Goi 7 13 trung diém BC . Césin cla gbc gilta dudng
thadng 4 va SC 13?

2 5 2 J2
3

A. V3 B.

C. V3 D. 8

Loi giai

B

Goi H 13 trung diém SBta cé SC//HI



Géc gilta dudng thang 4 va SC bang géc gilra dudng thang 41 va HI

2 2 ]
. VAB® +54° _ a2

1
2 2 2

- - . a 3
Al =+ AB* + BI* =1fa' +% =\l;a

SC NS4 +4C _a +3a°

2 7 7

i i

AH =

HI =

I
=]

A" = AH" + HI" suy ra tam giadc AH! vuéng tai H

HI 2
EDSQFH =—=,|—
Al 3

=
. cosdim = JZ
Cosin cla goéc gilra dudng thang 41 va SC 13 3

Cau 60: Cho ti dién 4BCD goi M, N |an luot |a trung diém cha BC va 4D, Biét

iy =43
AB =CD =a, 2 . Tinh géc gilra hai dudng thang 4B va (D,
A. 30", B. 90" C. 60°, D. 120,
Loi giai
Chon C
D
N
y
B
P M
C

] MP =PN =
Goi P 1a trung diém cta 4C, ta c6: MP/[AB  PN[ICD v3

b | S

Do MP/AB ya PNIICD nén géc gitra hai dudng thang 4B va CD bang géc
gitta hai duong thang MP va PN ,
MP* + PN® - MN* 1

cos MPN = : = _ _ .
Xét tam gidc MPN | cé 2.MP.PN 2 = MPN =120"

Vay géc gilra hai dudng thang 4B va CD bang 60° .



Cau 61: Cho t& dién 4BCD Goi M, N |an lugt 13 trung diém cta BC, 4D, Biét
vy =3
AB =CD =a y3 2 . Géc gilta hai dudng thadng 4B va €D bang
A. 307, B. 90", C. 120" D. 60",

Loi giai

Chon D

AB|| NE
CPIIME han géc gitra hai dudng

Goi £ lan luot la trung diém cua BD. Vi
thdng 48 va CD bang géc gilta hai dudng thang NE va ME
a +ﬂ: i la®
ME*+NE - MN" _ 4 "4 4 _
2ME.NE ,a
2

bt | =

cos WEN =

Trong tam gidc MNE ta cé:
Suy ra MEN =120" Vay gdc gilra hai dudng thang 4B va CD |3 60°

Cau 62: Cho hinh chép S4BCD ¢4 day “4BCP 13 hinh chit nhat véi 4B =a
:AD =av2 ;54 =2a :SA L(ABCD) 1y, cqsin géc gilta hai dudng thdng SB va
AC

NG 2 1 1

4 B. V5. c. VIs. D. V5.

Loi giai

A.

Chon C



. H s . . SD= OH //SB (5B, 40)=(0H, AC)
Goi la trung diém cua .D

o do )
| a\/g
OH =—SB =
, SB =+/5a; SD =a«/6; AC =a-/3 2
Tinh  duogc a a6 ""“'r, suy ra 2
AH :I—ED:”JE.:
2 2
3 ,.5 5 3,
Q 4&‘ +4ﬂ = _}ﬂ
cos AOH = =
AO:W{—’T g_ﬁﬂ_ﬁﬂ ZE EDS(EB.AC):#
) , 3 ¥ A n
- .Dodé - - 15 nen .

Vay géc gitta hai duding thang BA’ va B’'D’ bing 60°.

Cau 63: Cho hinh Iap phuong ABCD.A'B'CD’ Tinh géc gilta hai duding thang 4B

va AD’",

A. 90° B. 60° c. 45° p. 30°
Loi giai

Chon B

Vi la hinh 1ap phuong = 6 mat déu la hinh vudng bang nhau nén cac dudng
chéo cla ching déu bang nhau

= 4 C =4B =BC’

e A1 Yl 4R RN — S AR — g0
T co: AP JBC = (4'B:AD’)=(4'B:BC’)=,4'BC =60



‘Dang ®: Cau trac nghiém duang, sai

Cau 1: Trong khéng gian, cho ba duding thang phan biét %%:¢ . Xac dinh tinh ding
sai cac ménh dé sau?

a) Néu a//b thi (@.¢) =(c.b)
b) N&u ¢/ /b thy (@:b) =(a.c)
c) Néu aLebLle gpyalib,

d) NEu @ Le th (b)) =(e.b)

a) Ménh dé dung.
b) Ménh dé dung.

a,b

c) Ménh dé sai, vi c6 thé chéo nhau.

d) Ménh dé sai.

Cau 2: Cho hinh lap phuong ABCD -ABCD  Khi doé:

a) BD//BD

b) (4Cc,BD ) =90

c) Tam giac 4CD géu
d) (4C, A B) =30
Loi gidi
a) bung b) bung c) Bbung d) Sai
Ta c6: 58 //PD.BE =DD = BDD B |3 hinh binh hanh = 8D//BD

y (4C.BD ) =(AC,BD) =90

Viva (do 4C va BD |a hai duong chéo hinh vubng
ABCD),
B, c’
A i D
‘:‘il';:"""""""'""":.'-' C
g ’ ___.::'.‘.w: ---------




Ta c: 4D /BC.AD =BC= ABCD |3 hinh binh hanh = 4 B//CD

Vi vay (4c, 4 B)=(4c.cD ).

Goi @ la canh cuUa hinh lap phuong thi 40 =CD =AC =av2 (dudng chéo cua

hinh vuéng canh ).

. o« (4ac,cp)=HcD =60
Suy ra tam gidc 4CD déu nén ( ) :

Vay (AC. 4 B) =60 |

C&u 3: Cho hinh chép S-4BCD ¢ day 1a hinh thoi. Goi ¥V theo thirty 13 trung diém
cla doan SB.SD  khi dé:
a) MN //BD

b) MN va AC |3 hai dudng thadng chéo nhau.
c) AC LBD

d) (MN,AC) =90
Loi gidi
a) bung b) bung c) bung d) bung

Xét tam gidc SBD cé MN |3 dudng trung binh, suy ra MN//BD (1)
M&t khac: 4C L BD (hai dudng chéo trong hinh thoi). ()
T (1) va (2) suy ra 4C L MN pay (MN.AC) =90
C&u 4: Cho t&rdién déu 4BCD ¢4 canh bang “M 13 trung diém canh BC, N |a trung
diém cua 4C . Khi do:
a) MN //AB

-
MD =ND =2¥<
b) 2

c) (AB,DM ) =(MN,DM )




3

cos{ AB, DM ) =
d)

Loi giai
a) bung b) Sai c) bung d) Sai

. C

Goi N la trung diém ctia 4C nén MN |5 duong trung binh cta A4BC

(MN [ {AB(¥)
=
v =L ap =2
| 2 2
\ \ vp =D =73
Vi ABCD ygy AACD |3 cdc tam gidc déu canh bang ¢ nén 2

TUu *) suy ra: (AB,DM ) :f_."lff.-"l.-"._D.-‘pf}.

Xét AMND | ta cé:

.ﬂ.2+-ﬂ£"-_-ﬂ‘ﬁ-‘-
MN>+MD*- ND* |2 2 2 3
cos Bvw = = \ f - :£}g

DMN -MD L a a3 6

“2 2
= Bun 13 g6c nhon.
cos( AR, DM) —ﬁ

vay (4B.DM) —(MN,DM) =BMn nen 5

Cau 5: Cho hinh chép S-4BCD | cé ddy 4BCD |a hinh thang vudng tai 4 va D. Goi
E 1a trung diém coa 4B. Bigt AB=2a.AD=DC=a

SA _2aV3
SALAB,SALAD 3 3

, dong thoi

. Khi dé:

a) (58,DC) —5B4



tan 854 :£
b) 2

c) DE//BC
d) {ED,BC} %5242

Loi gidi
a) bung b) Sai c) bung d) Sai

Vi CD//AB
= (SB,DC) =(5B, AB) =884

(ASAB yu6ng tai 4 nén SBA<90 ),

Xét ASAB yubng tai 4, ta co:

Eﬂﬁ
tnBpa="1 -3 _Y° .
AB 2a 3 = 8B4=30

vay (S8.DC) =884 =30

Goi £ la trung diém cla 4B.
vi BE//CD.BE=CD =a pnan BCDE |3 hinh binh hanh = DE//BC

Khi g6: (SD:BC) =(SD.DE)

NV T SO o
 SER =sA? + A =20 4t =20 sp* =54+ 4D? =1
Ta cé: 3 3 3

.
’

DE® =AD® + AE* =2a’

-
SE =SD :”J“_'._DE —a2
Suy ra 3 .

Ap dung dinh If ham c6sin cho tam giac SPE | ta duoc:



S0 +DE” - SE° 2a’ J42
cos SpE = = a = ~0= EpE
28D -DE a1

2.1 -m.E 14

3

la géc nhon.
vay (SD.BC) =(SD,DE) :BDE_ Suy ra; (SD.BC) —KpE ~62,42 .

Cau 6: Cho hinh chép SABCD c6 day 13 hinh thoi canh 4. Cho bigt 54=a\3,
SA L AB,54 _AD_ Khi dé:

a) (4B.54) =90
b) SALCD

c) (8D, BC) =(sD,CD)
d) Sp4=60°

Loi giai
a) bung b) Pung c) Sai d) bung

Vi CD//A4B (hai canh d8i trong hinh thoi) nén (€0:54) =(45,54) =90
Vay S4LCD.

Vi BC//4D (hai canh d6i trong hinh thoi) nén (SP-8€) =(SD, 4D)

Tam gidc S4D vuéng tai 4 co:

sS4 a3
tanSp4 =22 =N _f3
n 1D -J_

a
= §p4 =60
= (SD,BC) =(SD,AD)
=8p4 =60

Cau 7: Cho tir dién ABCD ¢ AB =AC =AD =1 3 BAC =BAD =60 ,EAD =90 Goi I va
J 1an lugt la trung diém cta 4B va €D Khi dé:



a) CD =\/§
b) Tam giac BCD vuéng can tai C.
c) L AB
d) &/ LCD
Loi giai
a) bung b) Sai c) bung d) Pung

7/ L4 p ay . \ 7/ 7/ O N . L4
Cac tam giac ABC va ABD can tai Avacé goc 60" hen hai tam giac

4BD géu canh bang 1.

Tam giac ACD vubng can tai Acé:

CD =\ +T =2

Tam giac BCD c¢:

BC? =1,BD* =1,CD* =2

hay BC* + BD* =CD*

suy ra tam gidc BCD vudng can tai B.

Al =B :E

Ta co: 2 néntam gidc JAB cantai/ .

Mat khac ! la trung diém 4B nén I/ L 4B,

Tam gidc 4BC vya 4ABD déu canh 1 nén

Vi vay tam giadc /€D cantai /, ma 7 la trung diém CD nén &/ LCD

a) 4BCD 13 hinh chr nhat.

b) AC LBD,

ABC y3

Cau 8: Trong hinh hop ABCD -ABCD ¢4 tat cd cac canh déu bang nhau. Khi dé:



c) ABLDC
d) BC LAD,

Loi giai
a) Sai b) bing c) bing d) Pung

Vi hinh hop ABCD -ABC D c6 tat cd cac canh déu bang nhau nén cac ti giac
aBcp  ABBABCCE qay 13 hinh thoi.
AC L BD 3y AC//AC = AC LBD,
AB L1 AB my AB //DC = AB L DC
BC LBC my BC//AD= BC LAD
C&u 9: Cho t& dién déu 4BCD ¢ cac canh bang 4. Goi M-V 1an luot 1a trung diém

cla 4B va CD  Khi dé:

NA =NB _a 3
a) 3

a2

:‘fﬂ“.. —
b) 2

M ool 2
MN -BC =—
c) 3

d) Géc gilra dudng thang MN va BC pang 45°
Loi giai
a) Sai b) bung c) Sai d) Pung



AN.BN 13n |ugt 1a cadc dudng trung tuyén cla hai tam gidc déu A4CD y3

3
NA =NB =2
ABCD n é n 2

Do d6 ANAB can tai N va MN L 4B,

Xét AAMN yubng tai M . Ta c6:

. W2 i 3 =
MN =\JAN? - AM* :J 4 3‘ [ﬂ‘ :”‘E
2 | 2 2
pit 4B =a,AC =b, 4D =c
o0 0D 000 (000 m0 (00 g-—p " |

MN =AN - AM =—(AC+ AD)- —AB=- —a+-b+—c
2 2 2 2 2

u|N N N N} L

BC=AC- AB =-a+bh
000 0od0  Oood TS 11 1s . )
MN -BC =AM :(—a+b}1 - 5a +;b +;r: :;(a' -ab-ac-a-b+b +b -c‘)
—-—h . ) ﬂ'
ah =a ¢ =b-=a cosol =— . . .,
Do 2 vy a =bT=c
imi ood g ==~ 2
MN -BC L a —Ta:— I—a: - I—az tal+—a* | =L
3 3 . 3 7 .
Suy ra < < - = = =
Goi % la goc gilra MN va BC,
md ool a
[ o "II'ITI _"| 2 ﬁ .
Ta co cosg = =—=—=—— Suyra ¢g=45.
|MN| | BC| a2 . 2
3

C&u 10: Cho hinh hop ABCD ABCD ¢4 6 mat 1a hinh vudng canh @. Khi d6:
a) BC //4D

b) (4D, B C)=90



o (40.pC)=(8¢,DC)

d) BC'D =90
Loi giai
a) bung b) Pung c) Pung d) Sai

C’

-
-
-

————
-
fam"

Ta c6: BC //AD nan (4p.BC)=(BC.BC)=90 -

Ta c6: BC /4D nap (4D-DC)=(5C .pc)=Kcp

Ta c6: ABCD géu nén BC D =60 _

Cau 11: Cho hinh lang tru tam giac 48C ABC g A4 LABAA LAC 5 ¢85t 3 cac
canh déu bang @. Goi M 13 trung diém 44 . Khi d6:

2) (4B,cc)=Han
b) (4 B,cC)=45"
- (4 c,.mB)=Ban

d) Bun ~42.6.
Loi gidi
a) bung b) Pung c) Sai d) Sai




Ta cg. A4//€C= (4B,cc)=(4B,44)=4B

Ma A4 AB yubng can tai 4 nén A4B =45
Goi N 13 trung diém cta 4C

AC!IMN = (4C,MB) =(MN,MB) =BuN

Ta co:
Xét AMNB 4.
N R 3
MB =MN = |a° + la :£ﬂ_ gn =2 B
| 2 2 2
F - y 2 F 1 w2
2 {:ﬂ - {ﬂ
2 2 7
cos BMN = \ =" = Bumn =456
5| 10
2 a
2

Cau 12: Trong khdéng gian cho ba dudng thang phan biét a.b.c cac ménh dé sau
dung hay sai?

a) Néu ¢ va b cung vudng géc véi ¢ thi a//b,
b) Néu allb yy cla thy cLlb,
c) Néu gdbc gilta ¢ va ¢ bang gdéc gilta b va ¢ thi @//b,

d) Néu ¢ va b cung ndm trong mat phang (@) /e

thi géc gilra ¢ va ¢ bang
géc gilta b va .

Loi gidi
a) Sai b) bung c) Sai d) Sai
Néu @ va b cung vudng géc véi ¢ thi @ va b hodc song song hodc chéo
nhau.
C sai do:
Gia st hai dudng thdng ¢ va b chéo nhau, ta dung dudng thang ¢ 13 dudng
vudng géc chung cla ¢ va b . Khi d6 géc giita @ va ¢ bang véi géc gitta b va
¢ va cling bang 90°, nhung hién nhién hai dudng thang ¢ va b khéng song
song.
d sai do: gid st ¢ vudng gbc véi ¢, b song song véi ¢, khi dé gdc gilta ¢ va
¢ bang 90", con géc gitta © va ¢ bang 0.
Do d6 b dung.

Cau 13: Cho hinh 1ap phuong ABCDABCD  Cac ménh dé sau ding hay sai?



a) Goc giita hai dudng thang BD'va 44 bang 60°,

b) Géc gilta hai dudng thang 4Cva B D bang 90 .

c) Géc gilra hai dudng thdng 4Bva D'Chang 45",

d) Géc gilta hai dudng thang 2'Cva 4'C'bang 60° .
Loi giai

a) Sai b) bung c) biung d) bung

Vi ABCDA'B'CD'|3 hinh 1ap phuong nén géc gilta hai dudng thang BD va
AA’b\éng 90°
Cau 14: Cho hinh hop ABCD.ABCD ¢4 tat ca cdc canh déu bang nhau. CAc ménh
dé sau dung hay sai?
a) AC'LBD,
b) BB LBD,
c) ABLDC
d) BC'LAD,
Loi gidi
a) bung b) Sai c) bing d) bung

Chu y: Hinh hdp cé tat ca cac canh bang nhau con goi la hinh hop thoi.

a dung vi:



4C LBD N
{ o = 4A'C'L BD
\BD' /| BD
b sai vi:
'A'B 1L AR ) .
{ ., .= ABLDC
c dung vi: |48 1 PC
'BC' L BC o
{ ., . = BC'LAD
d dung vi: (BC I AD

Cau 15: Cho hinh chép SA4BCD ¢4 ddy 4BCD |3 hinh binh hanh tam O,

54 _(ABED). Cac ménh dé sau dung hay sai?
a) 4D L5C
b) SC LBD
c) SOLBD,
d) S4LBD,
Loi gidi
a) Sai b) Sai c) Sai d) bung

54 L(4BCD)
= S4 L BD

, |BD c(4BCD .
Ta co: ! ( ) = d dung.
Cau 16: Cho hinh chép S-4BCD ¢6 day la hinh thoi tdam O va S4 =5C  SB =SD  Céc
diém M>N|an lugt 13 trung diém 4D va CD . Cac ménh dé sau ddng hay sai?
a) MN LSD
b) BD L MN
c) BD 154,
d) MN LS54
Loi gidi

a) bung b) Pung c) Pung d) Sai



(AC LBD ur ur um
SD =50 +—BD
Xét phuong &n 4: Do A€ 150y 2 nén 4CLSD ma

MN //AC (tinh ché&t dudng trung binh) suy ra MN LSD
Tuong tu ta chiing minh dugc 8D L MN vy BD L 54

Ta cé tam giadc S4C cantai § va SO |5 dudng trung tuyén cling déng thdi la
duong cao.

Do d6 SO L AC syy ra tam gidc ASO4vudng tai Onén4C va S4 khong thé
vuong tai 4.

Ma theo tinh chat dudng trung binh ta c6 MN//AC v3ay MN khéng vudng
géc véi 4,

Cau 17: Cho hinh chép S-ABCD ¢4 ABCD |3 hinh thoi tdm O va S4 =5C, SB =5D
Cac ménh dé sau dung hay sai?

a) AC Ls4
b) SD L AC,
c) SALBD,
d) ACLBD
Loi giai
a) Sai b) bung c) bung d) Pung



Do dé 4C LSO nén 4AC khéng vudng goéc vai S4.

Cau 18: Cho hinh chép S-4BC ¢ day 4BC|a tam gidc vudng tai B, canh 54 vudng
gdc vai day. Goi H 1a chan dudng cao ké tr 4 cla tam gidc S48, Cac ménh
dé sau dung hay sai?

a) SALBC,
b) 4H L BC
c) AH L AC
d) 4H LSC

Loi giai
a) bung b) Pung c) Sai d) bung

S

o SAL(4BC)= SALBC [ 4 541 BC dang.

o BCLABBC LSA= BC L(SAB)= BC LAH [ ss 4H | BC dang.

o AH LSBIAH L BC= AH L(SBC)= AH LSC o <c Al | SC dang.

Vay khang dinh sai la 4H L AC

Cau 19: Trong hinh Iap phuong 4BCD.ABCD  Cic ménh dé sau ddng hay sai?
a) AC LBD,
b) ABLDC,



c) BC'LAD,
d) CB"LBD

Loi giai
a) bung b) Pung c) Pung d) Sai

A’ D’

B | c

B - C
Xét lan luot tung dap an:
a) Ta c6: AC L(BDD'B)= A'C LBD

b) Ta c6: AB 1L(4BCD)= A'B L DC .

<) Ta cé: B€ L(4DCcB)= BC'LAD
d) Ménh dé sai.

Cau 20: Cho hinh chép $-4BCD ¢4 day la hinh thoi tdm O va S4 =5C SB=SD  C4c
diém M>N|an lugt 13 trung diém 4D va CD . Cac ménh dé sau dung hay sai?
a) MN LSD
b) BD L MN
c) BD LS4,
d)MN LS4

Loi giai
a) bung b) Pung c) Pung d) Sai




(4ac1BD 1m 0m 0o
SD =SO +—BD
Xét phuong &n 4: Do (A€ L9593 2 nén ACLSD ma

MN //AC (tinh chat dudng trung binh) suy ra MN LSD
Tuong tu ta chdtng minh dugec BD L MN g BD LS4

Ta c6 tam gidc S4C cantai § va SO |a dudng trung tuyén cling déng thoi la
dudng cao.

Do d6 SO L AC syy ra tam gidcASO4 vubng tai Onén4C va S4 khéng thé
vuong tai 4.

Ma theo tinh chat dudng trung binh ta c6 MN//4C vay MNkhéng vubng
géc véi 4,
Cau 21: Cho hinh chép S-4BC ¢g 34 L(4BC) 5 a4BC vudng 6 B, 4H |3 dudng cao
cla AS4B, Cic ménh dé sau dung hay sai?
a) 54 LBC
b) 4H L BC
c) AH L AC
d) 4H LSC
Loi giai
a) bung b) Pung c) Sai d) bung
T g SALUBO) s 541 BC

Ma &BC yuéng tai B: 48 L BC,

SA 1 BC [AH L BC
) = AH L SC =(SBC)
AB 1 BC = BC LAH <(SAB) | 4H 1 sB
(AH L AC
| = AC L AB c(SA4B)
Ngy (54 +A4C thi A4BC yudng tai A (V6 ly).
vay AH L AC

Cau 22: Cho hinh chép ti gidc déu S-A4BCD ¢4 tat ca cac canh bang 4. Cac ménh dé
sau dung hay sai?

a) G4c gilta dudng thadng 4 va BD bang 90",

b)Gdc gilta dudng thdng SB va 4D bang 90°.

c)Géc gilra dudng thang SC va 4B bang 90°.

d)Géc gilta dudng thang SD va BC bang 90°,
Loi giai



a) bung b) Sai c) Sai d) Sai

Goi ©O=ACnBD, Do SABCD |3 hinh chép t&r gidc déu nén
S0 L(4BCD)= BD 1 SO

Mat khac BD L AC,

Suy ra DB 1 (S54C)= DB LSA

Vay géc gilta dudng thdng S4 va BD bang 90°.
Cau 23: Cho tirdién O4BC ¢4 04,08.0C g4 mot vuéng géc vaGi nhau (hinh bén dudi
). Goi H 1a hinh chi€u vuéng géc cta © trén mat phang (ABC).

A

B

Cac ménh dé sau ding hay sai?

a) AH _(OBC)_

b) H la truc tdm cla tam gidc 48C,
1 1 1 1
¥ = 7] + 7] + 7]
c) OH® 04" 0B ocC

d) 04 LBC

Loi giai



a) Sai b) bung c) bung d) Pung

‘04 LORB

= 04 L (0BC)

+ i lo4loc ma AH L(OBC)= O, A H 2

= o L (0BC)

OH L(ABC) (0BC) =(4BC)

Ta lai c6 , tr d6 suy ra (méu thuan).
Vay a sai.
+ Chirng minh b dung.

‘04 L OB
= 04 L (0BC)= 04 L BC

That vay, ta cé (o4 Loc

Ma BC LOH (i OF _(ABC)::BC)
= BC L (04H), AH c(0AH)= BC L AH

Tuong ty BH L AC

Suy ra H |a truc tdm cla tam giadc 48C,
+ Ching minh ¢ dung.

That vay,

Goi M =AH M BC

Xét tam giac vudng O4AM c§ OH LAM — OH® 04" OM~
5 BC 1(0AH)= BC LOM

I I I
OM L BC = —=—t -
oM™ OB°  OC

1 1 1 1 1 1
= = - = - -

oH® 04 oM’ o4 0B oc

M Tam giac vudng OBC c6

+ Chirng minh d dung.

‘04 L OB
= 04 L (0BC)= 04 L BC

That vay, ta cé (04 Loc

Cau 24: Cho t& dién 4BCD, goi -7/ 1an lugt 1a trong tam cac tam gidc 4BC va
ABD , Cadc ménh dé sau ding hay sai?

a) VLCD,
1
b) DC

c) ey



d) /C va JD déng quy tai mot diém.
Loi gidi
a) Sai b) bung c) bung d) Pung

D

B

Goi M |a trung diém cla 4B,
Vi ©-7 1an Iuot 13 trong tdm céac tam giac 4BC va ABD pén JSDM. I<CM
Do d6 IC va JD déng quy tai M .
M _ w1 _L b1
Xét tam gidc MCD ¢4 MD MC 3 pén /CDy3y DC 3,
Vay ménh dé &/ LCD |3 sai.

Cau 25: Hinh chép S-ABCD ¢4 day la hinh vudng, hai mat bén (s4B) va (s4D)

vudng géc véi mat day. 4K 130 luot 13 dudng cao cla tam gidc S4B,
tam gidc SAD . Cadc ménh dé sau dung hay sai?
a) HK 15C.
b) SA L AC,
c) BC L AH
d) AK LBD.
Loi giai
a) bung b) Pung c) Pung d) Sai



¥-domomomm=s

e

B C

Hai mat bén (54B) va (s4D) vudng goc véi mat day (4BCD) nén
54 1 (4BCD)

5S4 1 (4BCD)

= 854 L AC nén dap &n b dung.

BC 1 AB

BC LS4 = BC L(SAB) . BC 1 4H nan dap an c dang.

Mat khac 4H L SB nén suy ra 4H LSC

Tuong tu, ta cling dugc 4K L SC nén SC L(4HK) hay SC L HK nén dap an
a cling dung.

Cuéi cung, néu 4K L BD ma BD LS4 ngn BD L AD, diéu nay mau thudn
véi gia thiét 48CD |3 hinh vudng, vay dap an d sai.

Cau 26: Cho hinh chép $-4BC ¢4 canh 54 L(4BC) va day 4BC |3 tam gidc can &

C.Goi H va K lan lugt |a trung diém cla 4B va SB, Cdc ménh dé sau dung
hay sai?

S

a) CH LS4,
b) CH LSB,
c) CH L AK |

d) 4K LSB,



Loi giai
a) bung b) Pung c) Pung d) Sai
Do A4BC can tai € nén CH L 4B Syy ra CHL(S{B}. VAay cac cau A, B, C
dung nén D sai.
C&u 27: Cho trdién 4BCD ¢6 cac tam gigc 4BC: ABD. ACD |3 c4¢ tam gidc vudng tai
A, Cac ménh dé sau dung hay sai?
a) BCD |5 tam gidc nhon.
b) BCD |3 tam giadc vuéng.

<) AB _(BCDJ_

d) .{C_(BCD).

Loi giai
a) bung b) Sai c) Sai d) Sai

B

C

Cach 1:
BC* +BD - CDF
L'fJ.EEI'BD =
Ta cé: BC.BD
- BC +BD* - CD* =AB* + AC* + AB* + AD*- (AC* + AD*)
, , , . 2AF
= BC+BD* - CD* =2AB" = cos€BD = >0
BC.BD
2AD° 24CF
cos EDC = =0 COs BC n = =0

Tuong tu: DB.DC 3 BC.CD

vay ABCD |3 tam giadc nhon.

AB L (BCD)= AB L BD

Néu khi d6 A4BD cé 2 g6c vudng

y AC 1(BCcD)= AC L BC

NE khi d6 A4BC ¢4 2 géc vubng



Néu BCD |3 tam gidc vudng ta gia s vudng tai B thi C0° =BC" +BD’ (o c4c
tam giac ABC. ABD. ACD 15 c4c tam gidc vudng tai 4 nén

CD* =AC* +AD", BC® =AB + AC", BD" =AB" + AD" | . g6 24B° =0

Cau 28: Cho hinh chép S-4BCD cé day 13 hinh chit nhat, > _(ABCD),MESBsao cho
MS =3MB  Cic ménh dé sau ding hay sai?
a) AM L BC
b) 4M L AD
c) CD LAM
d)CD LSD
Loi giai
a) bung b) Pung c) Sai d) bung

Ta cob
'BC L 54
= BC 1L(S4AB)= BC L AM.
(BC L 4B Vay a dung.

Ching minh tuong tu ta cé

AD 1 (54B)= AD L AM _Vay b dung.

CD 1 (S4D)= CD_SD.Véyd dang.

Do (€D, AM)=(4B, 4M )< 90" Vay c sai.

Cau 29: Cho hinh Iap phuong ABCD.AB CD. C4c ménh dé sau ding hay sai?
a)AD L BB,

b)AC LDB,



c)AD L AB.
d)AC LBC,

Loi giai
a) bung b) Pung c) Pung d) Sai

A D

Ta co
+) AD/BC 5 CB LBB nan AD LBB’, vay khéng dinh a ding.

+) ACTAC 3y AC LDB nan AC'LDB  yay khéng dinh b ddng.

AB L (ADD'4")

+) nén AD LAB vay khang dinh ¢ dung.

) AC=AB'=BC pap HCB'=60° suy ra goc gitra ACva BC bang 60° . vay
khang dinh d sai.

Cau 30: Cho hinh chép t& giadc S-4BCD ¢4 day la hinh vuéng tdm O, canh 4B =a,
Canh bén S4=v2.5C y3 5B =SD=a ( hinh v& tham khao). C4C ménh dé sau
dung hay sai?

a) SBLSD,
b) BD LS4,

c) BD LSO



d) SOLAC,

Loi giai
a) bung b) Pung c) Pung d) Sai

S
{0

Theo gia thiét ta cé ASBD can tai S nén S0 L BD(I}.

1,
Mat khac t& gidc 4BCD |5 hinh vudng nén ACLBD (“).

@, @ BD L(SAC)= BD LSC s pp | s4.

TU ta co

Xét ASBD ¢4 SB=SD=a y3 BD=a\2 suy ra ASBD yuéng tai S nén
SBLSD
ASAC ¢4 SA=\2.5C nen duding trung tuyén SO khong vudng goc véi 4C

Vay khang dinh SO L AC g3j,

Cau 31: Cho hinh chép S-ABCD g SALUBCD) s qa0 ABCD |3 hinh chif nhat. Goi
O 13 tdm cta 4BCD v3a I 13 trung diém cla SC . CAc ménh dé sau ding hay
sai?

a) BC LSB,

b) (SAC)Ié mat phang trung truc ctia doan BD.,

e _(ABCD)_

d) Tam gidc SCDvubng & D.
Loi gidi
a) bung b) Sai c¢) bung d) Pung



«BC L(S4B)= BC L SB

*BD khong vudng géc véi 4C nén BD khdéng vudng gdc Vi (SAC).

54 L(4BCD)
« |s41lor

= ol L(4BCD)

« CD L(SAD)= CD LSD _a  ASCD vuéng & D.
Cau 32: Cho hinh chép S4BCD ¢4 day 4BCDI3 hinh vudng va S1L(ABCD) G

1.J.K |an luot 13 trung diém caa 48-BC.5B  cac ménh dé sau ding hay sai?

a) (WK) I/ (SAC)

b) Géc gitta SCva BDIa 60°

) BDJ_(UK}_

d) BD 1 (54C)

Loi giai
a) bung b) Sai c) bung d) bung

i AC K [T 54

a)bung vi
b)SaI BD_[EﬂC}ﬂ BD 1 5C



c)Blng vi (WK) 1/ (SAC)

d)Ding vi D1 AC, BD 1 54

Cau 33: Cho hinh chép S-A4BC ¢g 54 =SB =5C =a, 45B=BSC  cac menh dé sau ding
hay sai?

a) SCL4B,
b) SB LAC,
c) SALBC
d) S4L1S8C,
Loi giai
a) Sai b) bung c) Sai d) Sai

Goi M 13 trung diém 4C | H |3 hinh chiéu cla S trén mat phang (ABC).

Vi $4 =58 =5C nén ta cé H la tdm dudng tron ngoai ti€p tam giac 48C,
Dé& thay ASAB =ASBC = AB =BC= AABC can tai B,
Khi 6 BM vira 1a dudng trung tuyén vira 1a dudng trung truc canh 4C.

(AC L BM
= AC L(SBM)= 5B L AC

Do vay HE€BM suy ra (A€ LSH

Cau 34: Cho lang try ding ABCABC gay ABC yupng tai B. Cac ménh dé sau ding
hay sai?

a) 44 1L BC
b) BC L 4B,
c) 44'LBC

d) ABLBC,



a) Sai b) bung c) bung d) Pung

A’ C'

B'

Xét dap an A, ta thay 447/ BB" nay 44" L BC' thy BB" L BC (vg ly) do d6 dap
an A sai.

-

BC 1 AB , ,
i = BC 1 (4BB )= BC | AB
Xét dap an B, ta c6 | FC - 55
Xét dap an C, dé thay 44" L BC (v A4 _(.{BC)).
(AB L BC , _
{ ,= AB L (CBR)= AB | BC
AB L BB

Xét dap an D, tacé !

Cau 35: Cho ti dién O4BC ¢ O4.0B.0C gai mat vudng géc véi nhau. Goi # 1a hinh

chiéu cta O trén "P(4BC)  Cac ménh dé sau dung hay sai?
a) H 1a truc tdm A4BC
b) 4 1a tdm dudng tron ngoai ti€p tam gidc 45C,
| 1 | 1
- = ] + ] + 7]
c) OH o4 0B ocC

d) CH |3 dudng cao cla A4BC,
Loi gidi
a) bung b) Sai c¢) bung d) Pung

Ta c6 04 L(0BC)= 04 LBC ;5 OH L BC = BC L(0OAH)= BC L AH

Tuong tu, ta cé 4B LCH  suy ra dap &n a, d dung.
1 1 1 1 1 1
— +

T k] 5 = -\.+ -\.+ 3
Ta Cé GH- GA- G.Ir- GA- GB- GC- , Vé’| .Ir :ﬂH IHIBC' Suy ra d’ép én c

dung.

Cau 36: Cho ti dién 4BCD ¢4 AB LCD 3 AC LBD Goj H |3 hinh chiéu vuéng géc

cla 4 1&n MP(BCD)  Ccac ménh dé sau ding hay sai?



a) H 1a tryc tdm tam giac BCD,
b) CD L(ABH) .
c) AD L BC,
d) (BD,CH)=90°
Loi giai
a) bung b) bung c) bung d) bung

CD L AB
{ = CD 1(ABH)= CD L BH
CD L AH

Tacé ! . Tuong ty BD LCH

Suy ra H 13 truc tam ABCD  Suy ra dép 4n a, b, d dung.

BC L AH
i = BC L AD
BC 1L DH

Tacéd ! , Suy ra ¢ dung.
Cau 37: Cho tirdién O4BC ¢4 ba canh 4. 95. OC §6i mét vudng géc. Goi H 1a hinh

(

chiéu cta O lén 4BC). Cac ménh dé sau duang hay sai?

a) 04~ BC.
1 _ 1 1
7] = 7] + El + s
b) OH 04 0B 0C

c) H 1a tryc tdm DABC.
d) 30H® =AB" + AC* + BC",
Loi giai

a) bung b) Pung c) Pung d) Sai

"

;GA ~ OB

GA&GCD 04~ (0BC)P 04~ BCP

dap an a dung.

Tuong tu chiing minh dugc OC ™ 4B.

a

IOIABC
Ha OH ™ Al



{OI ™~ BC
b BCc~(o41)b BC ™~ 0H P OH ~(A4BC).
BC ™ OA

Ta co6:
A

OH o4 oI 04 OB 0C  Papan b ding.

I AB ™ OC

~ b AB~(OCH)P 4B~ HC(1).
AB ™~ OH

Tuong ty BC ~0H (2).

Ta co:
i (0 ya 2P H g truc tam D4BCP p3p 4n ¢ ding.

‘Dang ©: Cau trac nghiém tra 16i ngan

Cau 1: Cho hinh chép SA4BCD ¢4 day 1a hinh vudng canh aV2, bigt S4=a,
SC =av3 Goi M-N theo th ty Ia trung diém cac canh 425D Tim géc cua
hai dudng thdng MN va SC,

Tra 1oi: 90

Vi MN |3 dudng trung binh cla tam gidc S4D  nén
MN [ /SA= (MN,SC) =(54, 5C)

Tam gidc 4BC vudng tai B cé:



AC =+AR + BC’
:Jf_ﬂﬁ}: +(a2) =2a.

Xét tam gidc S4C, ta cé:

54° +5C =AC* (do & + (af3) =(2a)*)

Suy ra tam giac S4C yubdng tai S.

_ (MN,SC) =(54,5C) =90 hay MN L SC.
Vay

Cau 2: Cho t¢ dién A4BCD ¢g AB.AC.AD gai mot vudng géc véi nhau, biét
AB =AC =AD =l Tim géc cla hai dudng thadng 4B va (D,

Tra 1oi: 90
Loi giai

Theo dinh |i Pythagore, ta tinh dugc 8¢ =CD =8D =2

Goi M-N:P |an Juot 13 trung diém cla cac canh 5C-A4C. 4D
D

Tam gidc 4BC cé MN |3 dudng trung binh

MN [ /AB

Tam giac 4CD cé NP |5 dudng trung binh

‘NP//CD

£

NP =Lcp =
A 2 2

nen ° =
BC

AM =——— =
2

|G

Tam gidc 4BC vudng tai 4 cé dudng trung tuyén

Tam gidc AMP vudng tai 4 cé:



MP =JAM* + AP? =

MN [ /ARB
o = (AB,CD) =(MN,NP)
Ta co: |[VE/lED
MN? :I—._ NP? =I—._.-WF: =3 PR .
Tam g|a'c MNP co: 4 2 4 hay MN~- + NP :.'1IJF'_

Suy ra tam gidc MNP yuéng tai V.
Vvay (4B.CD) =(MN.NP)=90" . 4B 1 CD
Cau 3: Cho tr dién déu 4BCD  Tim géc cta hai dudng thdng 48 va CD,
Tra 1oi: 90
Loi gidi

Gia s t&r dién déu cé cac canh bang 24, Goi M.N.P theo thi tu I3 trung

diém ,-IC,BC,BD.
(MN [ [AB
MN :? =a
Vi MN |5 dudng trung binh cta tam gidc 4BC nén ! =
(NP//CD
vr=L
Vi NP |5 dudng trung binh cGia tam gidc BCD nén ! =
(AB,CD) =(MN,NF)
Suy ra
A
B D

C
Cac tam giac 4BD-BCD |3 tam gidc déu canh 2¢ nén

Eﬂﬁ :ﬂ-.ﬁ

2

AP =CP =




Tam gidc 4CP cantai P c6 M la trung diém 4AC nén MP LAC,

Suy ra MP =ICP* - cM* =\3a’ - @* =a\2
Tam gidc MNP ¢4 MN? =a’ , NP* =a* ,MP* =2da° hay MN® +NP* =MP*
Suy ra tam gidc MNP vubng tai V. Vay 48 LCD,
Cau 4: Cho hinh l1ap phuong 4BCD “ABC D  Tinh géc gita dudng thang €D véi méi
dudng thang 28-40
Tra 1oi: 60
Loi giai
on e~ (BB.cD)=(cc.cp)=Bcp =45 o o s
Vi BB //CC nén ( )=( ) (do ACCD yydng can tai
CH.
vi BC/HADBC=AD = BCD A |3 hinh binh hanh.

Suyra CD /4B,

T 6. (cp,Ap)=(4B,4 D}.

B’ c’
Gia st canh cla hinh 1ap phuong 1a @, tam gidc 4 BD c6 ba canh cling bang

a2 (dudng chéo trong cac hinh vudng canh @ ). Suy ra tam gidc 4 BD déu.

Do vay (cp.4D)=(4B,4D)=84D =00 |

Cau 5: Cho hinh chép S-4BCD ¢4 tat ca cac canh déu bang @. Goi I va 7 1an luot 13
trung diém cdia SC va BC. Tim s6 do cta géc (V-CD) .
Tra 16i: 60

Loi gidi



B” 7 C

T& gidc 4BCD ¢6 bén canh bang nhau nén 4BCD |3 hinh thoi, suy ra
CD//AB

(17 //SB
I :1—53 :g
Ta c6 & 1a dudng trung binh cla tam gidc SBC nén ! 2 =

Do vay (1/:CD) =(4B.SB)

Mt khac, tam giac S4B c6 ba canh bang nhau nén S84 =60

Vay ({J,CD) =(AB,.5B) =884 =60 .

Cau 6: Cho t& dién 4BCD ¢ AB vyubng géc v6i CP0-M |3 mot diém thudc canh BC
(khéng trung B va C ). Mat phang (@) qua M song song véi 4B va CD |an
lugt cat BD-AD.AC 5; N.P.Q Ty gigc MNPQ |3 hinh gi?

Tra loi: hinh chit nhat....
Loi giai

Ta co:

{f_n}; /AB, AB = (ABC)

= MQ//AB
)N ({ABC) =MQ

v

{ (a)//CD,CD = (BCD)
==
(@) N(BCD) =MN

MN/ICD,

Hoan toan tuong tu, ta ching minh dugc
Tuong tu ta c¢: VF//AB.FOIICD,
Do d6 tir gidc MNP |3 hinh binh hanh.

M3t khac: (AB.CD) =(MQ, MN) Z.ELMQ =90

Vay ti gidc MNPO 13 hinh chit nhat.



Cau 7: Cho t& dién ABCD ¢ AC =a.BD=3a Goi M.N |31 |yot I3 trung diém cua
AD va BC | Bjét AC vyubng gbc véi BD, Tinh d6 dai MV,

a10

Tra loi: 2

Loi gidi
Goi P 13 trung diém doan 4B,

ta c6 NP |a dudng trung binh cta A4BC

I
= NP Z;AC =—, NP/ /AC.

b | &

Tuong tu: MP 15 dudng trung binh cta A4BD
= mp =g =3 \mpiiBD.
2 .

C

B

Khi dé: (AC. BD) =(PN.PM) =BPN =90 o AMNP \y6ng tai P.

Vi vay



MN  =PN +PM? = || &

a+J10
2

Cau 8: Cho hinh chép S4BCD ¢4 day la hinh binh hanh tdm ©O. Biét
84p =8cp =90 Tim géc cla hai dudng thang SB va AC,

Tra loi: (S8:4C) =90

Goi M |a trung diém canh SD.,

Khi d6 OM |3 dudng trung binh cla tam gidc SBD nén OM //SB

Do vay (SB.AC) =(0M, AC).
Coam =P
Tam gidc S4D vubdng tai 4 cé trung tuyén 2
SD

CM =—
Tam gidc SCD vuéng tai € c6 trung tuyén .

Suy ra tam gidc MAC can tai M, ma O la trung diém 4C nén

OM LAC hay (OM, AC) =90 134 (1) va (2) suy ra (SB:AC) =90 oy 5B 1 AC,

Cau 9: Cho ti dién 4BDC ¢g 4B =AC y3y DB =DC Tim géc cla hai dudng thdng
BC y3 AD
Tra loi: 90
Loi giai



Goi M-N.P.Q |30 |ugt 13 trung diém caa AC-AB.BD.CD

D& dang ching minh dugc MNP 13 hinh binh hanh.

da
Dé dang ching minh dugc AMBD =ANCD (c-c-c).

Suy ra hai trung tuyén tuong Gng V¢ =MP
Suy ra MNPQ |3 hinh chit nhat = MNLMO g AD//MQ 5 BC//MN nen
AD 1 BC

Cau 10: Cho hinh chép S-4BC ¢g 4B =AC.54C=54B Tinh 6 do cua géc gitta hai
dudng thadng S4 va BC,

Tra loi: 90

Cach 1:

a4 Sdd <l a4 S Jd4d S dd i 4

Ta c6: AS -BC =AS {AC- AB)=AS -AC - AS ‘AB

= AS -AC cos84C- AS -AB cosBAB =0

Do d6 s do cua gdc gitta hai dudng thang $4 va BC bang 90.
Cach 2:



vi 4B =AC.54c =548 nén ASAC =ASAB  gyy ra SB =5C, do d6 hai tam giac
ABC y3 SBC |3 tam gidc can. Ching minh tuong tu bai 1 (trang 194) ta dugc
S4 1 BC

Cau 11: Cho hinh hop ABCD -ABCD ¢6 6 mat la hinh vudng. Tinh sé do cla gdc
gitra hai duding thadng 4C va BD.

Tra 1oi: 90

Loi giai
A D’
B; \3
R st D
A T
B C

AC//AC nén (4C:BD)=(AC;BD)=90.

Cau 12: Cho hinh hép ABCD -ABCD ¢4 6 mat la hinh vudng. Tinh sé do cla g6c
gita hai duding thdng B4" va €D,

Tra loi: 45
Loi giai
A’ D'
1
1
L
. !
B III- T C'
]
i
A
;O D
] ’!
o’
B C

- = = =45
CocD//AB = (BA.cD)=(BA,BA) =4B4 =45 (do ABB'A' I3 hinh vudng),

Cau 13: Cho t& dién déu 48CD  Goi M 13 trung diém cta canh BC . Cosin cla géc
gitra hai dudng thang 48 va DM bang?

N

Tra loi: ©
Loi gidi



Ké MN//AB ¢4 MN |3 dudng trung binh cta A4BC,
MN :ﬂ

Suy ra

Do d6: (4B. DM) =(MN,DM) =BuN =a

Goi t&r dién déu 4BCD cé canh bang 4.

MN =—,DN =DM =

b | =

a3
2

MN® +DM?* - DN* 3
= Q05 = :£
2 -MN -DM o

Cau 14: Cho hinh hop 4BCD ABCD ¢4 6 mat Ia hinh vuéng canh bang 4. Goi
M.N |an luot 13 trung diém cGa canh 44 va 4B . Tinh s6 do géc gitra hai
dudng thang MN va BD.,

Tra 1oi: 60

Goi P 13 trung diém canh 4D .

Vi ABCD -ABCD |3 hinh 1ap phuong canh @ nén 48 =B8D =D 4 =a2



a\2

2

MN =NP =PM =
Suy ra

= (MN,BD) =(MN, NF) =00 _

Cau 15: Cho hinh I3ng tru tam gidc 4BC -ABC ¢ day 4BC |3 tam giac can
AB=AC =a BAC =120  canh pen 44 =aV2 vy 44 LAB A4 LAC 1inh g6c
gitta hai dudng thang 4B" va BC,

Tra 1oi: 60

Loi giai

) = m = = Sy

Trong (4BC) k& 4D sao cho 4ACBD |3 hinh binh hanh.

T c6: BC//AD nan (AB;BC):(AB;HD)ZEAD.

Ta c6: AD =BC=a\3,4B =\JAB*+ AB" :aﬁ’
DB =BB* + AC" =a\J3

Vay tam gidc B AD déu nén B 4D =60

Cau 16: Cho hinh chép S-ABC ¢g SASB.SC gai mot vudbng géc véi nhau va
SA =58 =5C =a Goi M l|atrung di€m clha 4B . Tinh gbc gilta hai dudng thang
Tra 1oi: 60
Loi giai
Goi NV 1a trung diém cta 4C. Khi d6 géc gitta SM va BC bang gdc gilra
SM yy MN |

Ta c6: AB =BC =CA



SM =]—AB . » ., . .
2 (trung tuyén trong tam giac vudng ung véi canh huyén).

SN :L AC
2

2 (trung tuyén trong tam gidc vuong ung véi canh huyén).

MN =LBC
2

Suy ra SM =MN =5N hay tam giac SMN déu.
Do d6 (SM:BC) =8Mn =60

Cau 17: Cho hinh hép 4BCD ABCD ¢4 6 mat la hinh vudng. Tinh sé do cla g6c
gita hai dudng thang 4C va 4D?

Tra 1oi: 60

Loi giai
A B’
;o C
D
PALL L B
D e

Ta c6- (4c,4D)=(4C,4D)=Bac =60 |

Vi AD=AC =CD



Cau 18: Cho tirdién 4BCD ¢ 4B vudng géc véi (BCD) | Bigt tam giac BCD vubng tai

AR =
C va

hai dudng thdng 48 va CE?

L, AC ZHJE.CD =a . . i i ) .
. Goi £ la trung diém cla 4D . Tinh gdc gilra

asJ0
2

Tra 1oi: 45

-
BC =JAC? - 4B :”'“E. BD :“’“""E

Ta cé: 2 2

i

Goi M 13 trung diém BD = ME//AB

ME =L 4 =NO oy 28D :”JE
7 4 > 4

= ACME yydng can tai M .
Ta c6 (AB.CE) =(EM ,CE) =€EM =45
Cau 19: Cho hinh chép S 4BCD ¢4 day 4BCD |3 hinh vudng canh ¢, canh bén $4 v

udng goc vé6i 4B vy 4D.54

=4, Goi M I|a trung diém cha SB. Tinh géc gilta
AM 3 BD.

Tra 1oi: 60

Loi giai
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Goi N 13 trung diém cda SD khi d6 ta c6 MN//BD = (AM.BD) =(AM,MN)

-
, aur =Lsp =2
Theo gia thiét ta cé: 2 2
»
AN ——.S'D _”"r_ _135 _“”{“_

= MMN gay = HMN =60 | vy (AM,BD) =00

Cau 20: Cho hinh chép S 4BCD ¢4 t4t cd cidc canh déu bang 4. Goi I va J 1an luot
I3 trung diém cta SC va BC . s6 do cta géc *-CD) pang?

Tra 16i: 60

Goi 9 1a tdm cua hinh thoi 48CD

(OJ /1 /CD
0J :éCD
= 0J |3 dudng trung binh cta ABCD | Suy ra ! 2

Vi ch/loJd= (IJ,CD) :[H._GJ}.



Xét tam gidc 107, ¢4 ! 2
vay (/.CD) =(11,0J) =0 =60

Cau 21: Cho t@ dién déu 4BCD canh a. Goi M |a trung diém 4D . Tinh géc gilta hai
dudng thang MC va BD,

Tra loi: 73,22

Goi N 1a trung diém 4B . Ta c6 MM //BD ngn (MC,BD) =(MC,MN) :@M,.x-'_

a3

CM =CN =——=,MN =

b | B2

Xét AMNC c6 2 Ta co:
ﬂ\}’_‘ [ a J?:‘
5
cos BMN = - J_ = By =73.22
o
T2 02

Cau 22: Cho hinh chép S-ABCD ¢6 day 1 hinh vudng canh «. Bigt 54 ~458.54 LAC
3 SC=a5 Tinh géc gitta SB va €D,
Tra loi: 60

Loi giai



pommmmmmmmeee T 0y

o) B

pé RN

C
Ta c6: AB//CD nap (SB.CD) =(SB.AB) =5B4
T co: SA=NSCT - ACT ={(a5) - (av2)* =a\3
54 3

tan 884 =22 =27 — [3= 8BB4 =60

Xét ASAB yubdng tai 4: AB  a

Cau 23: Cho hinh hop 4BCD -ABCD cd 6 mat la hinh vudng canh bang 2. Goi
M.N 1an luot I3 trung diém cla canh 44 va 4B . Tinh s6 do géc gitra hai
dudng thdng MN va BD,

Tra 1oi: 60

Loi giai
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. MNT e = (MN.BD)=(BA.BD)=HBD
Ta c4: MN//B ABD//BD = (MN.BD)=(BABD)

Ta cé: AMBD déu nén ABD =60
Cau 24: Cho hinh chép S-4BC ¢ 54 =SB =5C.BsC =E54 =60 B4 =90 o EF |3,

lugt 13 trung diém cha 4B va SC . Tinh s6 do gdc cla hai dudng thdng EF v
N SC
a sSC,

Tra 16i: 90

Loi giai



Goi SA =SB =SC =a

Ta c6: ASAC.ASBC
AC =BC =a

can va cé 1 géc 60 nén |1a hai tam gidc déu. Suy ra

ASAB vuéng can tai S nén 4B =av2

Xét A4BC c6: AC =BC =a y3 AB =av2 nen A4BC yyusng can tai C.

CE =5E :E

Suy ra 2

ASCE cantai E c6 EF |a trung tuyén nén la dudng cao = EF L 5C

C&u 25: Cho ti dién déu 4BCD ¢ cac canh bang «. Goi -V 1an lugt 1a trung diém

cla 4B va CD ., Tim géc gilta dudng thang MN va BC,

Tra loi: 45

Goi P 13 trung diém cua 4C

Ta c6: MP//BC= (MN,BC) =(MN,MP) =Fun

Ta c6: AMBN cantai N c6 MM 13 trung tuyén nén 1a dudng cao

N5

=—au
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= MN =+fBN* - MB’ :J

a3 "a
2 | 2




i ﬁ y 2

MP +MN* - NP? | 2 ¢
2-MP-MN  _ a

xét AMNP ¢ S 2

Cos EM N =

5l
t~..3|f:ﬂ

Suy ra E.-'Lﬂ'r :45 .

Cau 26: Cho ti dién 4BCD Goi M-N |an lugt 1a trung diém cta BC va 4D . Biét
4B =CD =22a vy MN =a\6 Tinp géc gitra 48 va €D,
Tra loi: 60

Loi giai

Goi P 13 trung diém cua 4C.

~ MP =NP = 224 =24

Ta cé: MP//BC= (AB,CD)=(MP,FPN) 3
Xét AMNP 4.
cosbipy = MPT+NP - MN
o 2 -MP -NP
_2(2a)' - (ayf0)' _-1
= 2 "'Eﬂ 'ﬁﬂ - 2

vay (MP.PN) =60

Cau 27: Cho ti dién déu 4BCD  Goi M 13 trung diém cla canh BC . Tinh cbsin cla
géc gilta hai duong thang 4B va DM .
Tra loi: (AB.MD)~73,2
Loi giai



bat AB =a

Goi N 13 trung diém cta 4C

oaNy o
Ta c6: MN//AB= (4B,MD) =(MN, MD) = MD=ND = 2 »MN =
1
VT 2 army? a
cos Myp MV +MD* - NDF - [27] :E
2 -MN -MD L1 B 6
o —d a
Xét AMND ¢§: 27 2
Suy ra NMD ~73,2 Vay (4B.MD)=T3.2",
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