GOC TAO BOI TIA TIEP TUYEN VA DAY CUNG
A. Ly thuyét .
1. Pinh nghia: \ B
*) GOc BAX ¢4 dinh nim trén dwong tron canh AX 13 mot tia tiép

tuyén con canh AB chita diy cung AB, goc BAx goi la goc tao

bdi tiép tuyén va day cung

/
A X
+) AnB goi la cung bi chin

2. Dinh ly: S6 do cta goc tao béi tia tiép tuyén va day cung bang nira s6 do cung bi chan.

Ta co: 2gdAnB
B
B
® ° B e
© 0
X A y y A X y A X
Bax =1 Bax == Bax =1
sd 2 54 AB =90° sd 2 54 AB sd 2 54 4B
3. Hé qua: Trong mot duong tron, goc tao bdi tia tiép tuyén va day cung va goc ndi tiép cung
, ‘ e =Bax =L 4
chan mot cung thi bang nhau: 2 sdAnB

4. Pinh ly bo sung (B6 dé): Néu goc BAX (v6i dinh A nam trén dwong tron, mot canh chiva
day cung AB), ¢6 s6 do bang ntra s6 do cta cung AB cang day d6 va cung nay nam bén trong
g6 d6 thi canh AX 1a mot tia tiép tuyén cta dwong tron.

B. Bai tap

Dang 1: Chitng minh dang thirc, cac goc bang nhau

Cach giai: Ta ap dung céc kién thitc sau

- GOc tao bdi tia tiép tuyén va day cung va goc noi tiép cung chan mot cung thi bang nhau




- Hai go6c ké day cda tam giac can thi bang nhau

- Hai tam giac c6 hai cdp goc bang nhau thi cap goc con lai cling bang nhau

Bai 1:

(0)

Cho diém A ndm ngoai dwong tron . Qua

A ké hai tiép tuyén AB va AC véi ©) (B.C \

1a tiép diém). Ké cét tuyén AMN véi 0) (M / \

ndm gitta A va V)
a) Chirng minh AB* =AM.AN

b) Goi H=AONBC. Chtng minh
AH.AO =AM AN

c) Poan thing A0 cit duong tron 0) tai 1.
Chitng minh I 1a tdm dwong tron ndi tiép tam
gidc ABC

Lai giai

1
a) Ta cé Esd Bm
= AABM ~AANB(gg)
b) Ta c6 AO 1a duong trung truyc ctia BC nén = AO L BC
Xét tam gidc vudng AOB | cg: AB® =AH.AO

ARr =8BI(do: B =E1)= BI
c) Chitng minh dugc (do ) 1a phan gidc HBC. ma AO 13 tia phan giac

ctia BAC = I 13 tAm dwong tron ndi tiép AABC

Bai 2:




(o)-

Cho tam gidc ABC noi tiép duwong tron
Tiép tuyén tai A cit BC tai [

IB _AB’

a) Ching minh IC  AC? 1
b) Tinh IAIC b ring AB =20cm = AC =28cm
BC =24cm

Lai giai
a) Xét ABAI vi AACT ¢6: ! chung va MCB =BAr = ABAI ~AACI(gg)

AB IB AR’ IR’
= == =

AC A ACT I¥
Mt khac IA* =IBIC = gpcm.
b) Do ABAI#AACI(gg)

LAl _BI _AB 1A _IC-24 5
cr Al CA IC IA 7
= JA =35cm; IC =49cm.

Bai 3:

(o).

Cho tam gidc ABC noi tiép duwong tron

Tiép tuyén tai A cta ©) cat BC taj P
a) Chitng minh cadc tam gidc PAC va PBA
dong dang

b) Chitng minh PA’ =PB.PC p

c) Tia phan giac trong cia géc A cit BC va

0) lan Iwgt tai D va M. Chitng minh
MB* =MAMD

Loi giai
2) Ta c6 APAB#APCA(gg)

( )




b) Vi APAB#APCA(gg) = pa? —=pPB.PC

1
¢) Ta c6 BAM =MAC =MBC " 2 54BMm

= AMAB#AMBD(gg)= MB’ =MAMD

Bai 4:

Cho nita dwong tron 0) dwong kinh AB.
Trén tia doi cta tia AB 1dy mot diém M . V@
tiép tuyén MC v¢i niva dwong tron, goi H 1a

hinh chiéu caa € trén AB

a. Chitng minh rang CA 13 phan gidc cta
McH
b. Gia sy MA=aMC =2a. iy AB vy CH

theo a7

Loi giai
a. Ta c6: ACB =90° (g6c ndi tiép chan nira duwong tron)

UcH =B(phu.BaB)

= HcH =Hem
em :%{:%sdﬁlf)
2
AMAC ~AMCB(gg)= M2 _MC _ yic? —mamB= MB=MC" —40 > AB =4a- a=3a
b. MC MB MA
ACOM (& =90") = CM.CO =CH.0M = ci =ZML0 _2a.1,5a _ba
X6t OM 250 5
Bai 5:
( ]




(0)

Cho ntra duong tron duong kinh AB va
mot diém C trén nira dwong tron. Qua D trén
doan AB ké duwong thing vudng goéc vGi AB
cat BC tai F . Tiép tuyén ctia nita dudng tron
tai C cit dwong vudng goc & D tai I. Goi E

12 giao diém ctia AC va DF .

a. So sanh ¥EC; fcE; HBC °
b. AEIC can

c. IE =IC =FI

Lo giai
a) Ta c6 ACB =90’ (g6c ndi tiép chan nira duong tron) = EcF =90’

B :chung] _ Ugc :FEC(I}

Xét ACEF, ADBF ¢, & =D

UBc :Fbs(:lsdﬂf:}(z}z- Fec =¥cE =HBC
Lai cé: 2
b. AIEC can tai I
c) Ta co:
&, + FcE =90°; ¥ + HEC =90
fcE =fEc

AICF can tai I = FI =IC,

]ﬂ E:'I :ﬁ

Bai 6:




Cho duomg tron @R hai duomg kinh AB
va CD vuéng géc v6i nhau. Trén tia doi cua

tia CD 13y diém S. SA cit duong tron tai M,

tiép tuyén ctia dwong tron & M cit CD ¢ P,
BM c4t CD ¢ T . Chitng minh rang
a. PT.MA =MT.0A

b. PS =PM =PT

c. Biét PM =R tinh TASM theo R

Loi giai
a. Taco BmP =90°

@1 :51 62)
- W

(cung phu

3 (cung phu 72)

= APMT#AOMA(gg) = P :E = PT.MA=MT.0OA
0A MA

b) S=B (phu g6c MAB), Snp =BMB (phu géc Elfs) = APMS#AOMB(gg)

ma AOMB can tai O = APMS can tai P = PS5 =PM()

Wr, + Pums =o0°
Brv +5 =90° | = B, =Ptv = ampT
S =Bus _ I
Lai c6: can tai P= PM =PT(2)=> PS =PM =PT
MTB#&DMBEQQH = AMATB#ASPM = £ :ﬂﬁ EZE[SP :PMJ = AT.MS =AB.PM =2?R.R =2R*
¢) ASMP#AMOB(®) | SP MS PM MS




Dang 2: Chitng minh hai dwong thang song song, hai dwong thang vuong goc, mot tia la

tiép tuyén cua dwong tron

Cach giai: St dung hé qua vé goc tao bdi tia tiép tuyén va day cung hodc hé qua cta hia goc

noi tiép.

Bai 1:




Cho duomg tron @R véi A 1a diém c6 dinh trén dwing

won. Ké tiép tuyén A% véi ©) valsy M 1a diém bat ki
thudc tia AX. V@ tiép tuyén thit hai MB v¢i duwong tron

(0)

. Goi I 1a trung diém caa MA K 13 giao diém cua
Bl véi (),
a) Chitng minh cac tam giac IKA va IAB dong dang. T

do suy ra tam giac IKM d6ng dang vé6i tam giac [MB

b) Gia st MK cét 0) tai C. Ching minh BC song song
vGi MA,
Loi giai
AIAK ~AIBA(gg) = g LS
2) B IA

== M _K _ Akm ~avB (cgc)
3 IB IM

ma

b) Chitng minh duogc MK =RCB= BC//MA= dpcm,

Bai 2:




o) .

Cho duong tron va

D, trong do6 tiép tuyén chung MN song song
(0),N _,
va

vGi cat tuyén EDF M va E thudc

F thudc (I), D nam gitta E va F. Goi

theo thit ty 1a giao diém cua

Goi G 1a giao diém ctia EM-FN  Ching

minh:
a) Céac tam giac GMN v3 DMN bing nhau

b) GD 14 dwong trung truc caa KH

cit nhau tai € va

K,H

NC,MC yg; EF

a) Ta c6 BMN =E =BMN

ByM =NFD =BNG = AGMN =ADMN

Loi giai

b) Chttng minh dugc MN 13 dwong trung truc ctia GD

= GD LEF(1)

Goi / 1a giao diém caa DC va MN

IM _JN [ _cl
Tacg DH DK| CD]
. ... IM =JN|=+JJC.ID
Mat khac ( )
= DH =DK(2)

Tw (1)(2) = dpcm.

Bai 3:




(0)

Cho ntta duong tron duong kinh AB | tiép

tuyén AX. Goi C 1a mot diém trén nita dudng

tron. Tia phan gidc cua E€Ax it nita duwong

E,AE 3 BC 4t nhau ¢ K

tron ¢
a. AABK 13 tam giac gi? Vi sao
b. Goi I 1a giao diém caa AC va BE. Chiing

minh rang IK//Ax

c. Chitng minh rang OE//BC A

Loi giai
a) BE 1 AK(E =90)
B = =Lsille
B =l :%sdﬁc BB
A =4 (g0

AABK ¢4 BE la dwong cao, dwdng phan gidc nén can tai B

KI L AB
AABK = = OE//BC

b) I 1a trirc tAm cha ma:BC L AC




Bai 4:

Cho duong tron 0) dwong kinh B. Buong T
thing d tiép xic vdi dwong tron & A, qua |

diém T trén duwong thing d ké tiép tuyén

IM v6i dwong tron (M 1a tiép diém ). Goi P

va Q lan lwgt 13 hinh chiéu cuda M trén AB

va trén dwong thing 9 . Ching minh ring

a. AM.PQ.OT 4500 quy tai !

b. MA 1a tia phan giac cta &mo; fp
 AAIQ, AATM, AAIP,MOM a0 dang.

C

Lai giai
a. Tt giac APMQ 13 hinh chit nhat = AM NPQ =1

= OT ]a duong trung tric cia AM = OT ¢t AM tai trung diém ! . Vay c6 dpcm

Hvp =MAQ(sin)

= Hmp =HMQ = MA
WiAQ =AMT =L sl ?
b. 2 1a tia phan giac PMT .
HMQ =MAOGsIt) 3 AOAM can tai O, ta co: BaM =BMA = Hvo =M= MA phan giac
oMQ

c. MIQ cantai I, AAMT cantai T, cé: FAQ =MAT = AIAQ#ATAM (gg)

Twong tw: AAIP can tai I, AMOM can tai O, c6: tAP =MAO = AIAP#AAOM (gg)




Bai 5:

(0)

, difm A ndm ngoai

AB, AC

Cho duwong tron
dwong tron. Ké cac tiép tuyén va cat
tuyén ADE vGi dwong tron (D nam gitta A
va E). Tia phan gidc cud géc DBE cit DE
& I.CMR:

BD _CD

a. BE CE

b. Al =AB =AC

c. CI 1a phan gidc PCE

Loi giai
a) Xét AABD, AAEB | 5.
: chung

Eazﬁ,:%sdﬁn

BD AB
= AABD ~AAEB = —=""J1
(99) BE AE“

CD _AC

D _AC (9),aB =ac(@)=> 2 =D
Twong ty ta c6: CE AE

BE CE
ARr :EI +E¥ :;H_iz +Eﬁ

Al =AB
=
AB =AC

b. Ta co: El :ﬁz * El (goc ngoai ca tam giac),

E, :E? = H —Br = AABI = Al =AB =AC

cantai A

R =8,

Lai cé:

1
E =& =——&p
c. MCI cantai A ~ K =6+ 72

-8 =k

1, lai co: 2 (go6c ngoai cua AICE) ma:

2 (dpcm).







