HUGNG DAN HOC SINH 12 SU DUNG MAY TINH CASIO fx 570 ES, fx 570 VN PLUS GIAI TOAN TRAC NGHIEM-PHAN GIAI TiCH.

PHAN A. MO PAU
1. LY DO CHON PE TAI

1. Co s& ly luan

Muc tiéu hang dau cua nghanh gido duc néi chung va ciia nghanh GDBT Binh Duong ndi riéng
trong nhitng nim gan day la ddi mai phuong phéap day hoc nang cao chét luong gido duc, nham dao
tao nhirng con ngudi co day da pham chét nhu: nang dong, sang tao, tu chu, ky luat nghiém, c6 tinh to
chue, ¢4 y thire suy nghi tim giai phap t6i uu khi giai quyét cong viéc dé thich tmg voi nén san Xudt tu
dong hoa, hién dai hoa. Mudn dat duoc diéu do, mot trong nhitng viéc can thiét phai thyc hién trong
quéa trinh day hoc 13 tin dung cac phuong tién hién dai hd trg vao qua trinh day va hoc trong d6 c6 may
tinh cam tay (MTCT) néi chung va may tinh CASIO ndi riéng 1a mot trong nhiing cong cu duge sir
dung nhiéu nhat va khong thé thiéu trong qua trinh day va hoc hién nay.

Mic du may tinh cam tay hay con goi 1a may tinh b6 tai (MTBT) la mot vat dung rat quen
thudc d6i voi hoc sinh trung hoc pho thong, co thé coi MTCT nhu mot dung cu hoc tap cta hoc sinh,
nhung viée sir dung va an dung dé giai toan rat con han ché, da sé cac em chi dimg lai ¢ viéc sir dung
nhiing chiic ndng co ban nhu: cdng trir nhan chia, giai phuong trinh bac hai, bac ba... ma chua khai
thac hét cac chirc ning Vén_ ¢ ctia may tinh, chua biét két hop nhiing kién thirc co ban ctia toan hoc va
chtrc ndng ciia may tinh dé xay dung va hinh thanh mot thuat toan dé ap dung vao giai nhiing dang
toan thuong gip trong chuong trinh Trung hoc pho thong.

Tir khi MTCT ra doi, cac nha gido duc va cac nha nghién ctru di quan tdm dén tac dong cua
MTCT vao thanh tich hoc tap ctia hoc sinh. MTCT ra doi c6 lam giam cac ki nang co ban cua hoc sinh
hay khong? Vao thoi diém dé, cac cude tranh luan dién ra thudng xuyén giita cac nha gido duc hoc,
cac gido vién va co nhimng y kién trai chidu dua ra, c6 nguoi thi ung hd va chap nhap, c6 ngudi thi
khong ddng tinh vi cho rang viéc sir dung mdy tinh lam giam kha nang tu duy 1dgic cta hoc sinh. Tt
nhién moi van dé déu c6 hai mat tich cuc va tiéu cuc ciing giéng nhu viée str dung mdy tinh vao giai
toan néu nhu chung ta biét khai thac mot cach khéo 1éo thi s& dem lai hiéu qua cao trong viéc day va
hoc.

2. Co’ sé thurc tién

Vi sy phai trién ctia cong cu tin hoc, thi may tinh cam tay 1a mot san pham h6 tro rat t6t cho
viéc day va hoc, voi nhing chirc nang dugc 1ap trinh san thi may tinh c6 thé giai quyét hau hét cac
dang toan tu don gian dén phuc tap. Nhung thye té viéc van dung may tinh vao giai toan ciia nhiéu hoc
sinh rat con han ché, chua khai thac hét nhimg tinh ning vén c6 cua may tinh.

Mit khéc do sy d6i méi trong qua trinh kiém tra danh gia ning luc cta hoc sinh ma hinh thirc
thi ciing thay d6i tir hinh thirc Ty luan sang Trac nghiém khach quan doi héi hoc sinh phai tich lity mot
luong 16m kién thirc va phai ¢6 ky nang tinh toan nhanh va chinh xac,c6 kha nang phan doan kha nang
phan tich, kha nang tong hop...Nhung yeu t6 nay ciing thuong bi han ché & cac ddi tuong hoc sinh
trung binh kha tré xuéng. Nhung néu biét sir dung may tinh mét cach thanh thao sé phan nao khic
phuc dugc nhimg han ché d6, gitip cic em day nhanh téc d6 1am bai va ting cudng tinh chinh xéc.
Dong thoi viée sir dung may tinh dé giai toan tric nghiém ciing gitp cac tu tin hon khi lya chon dap an
vi viéc tinh toan bang may chinh xac hon nhiéu so vdi tinh toan bang tay.

Qua qua trinh tim hiéu va nghién ciru t6i da kham phé ra mot sé chtrc ning ctia may tinh
CASIO fx- 570ES, fx-570VN PLUS c6 thé giai truc tiép mot s6 dang toan co ban trong chwong trinh
Giai Tich 12 va khoang 80% sb lugng cau hoi trong cac dé thi thu nghiém cua Bo giao duc va DPao tao,
ddng thoi néu biét két hop mot cach khéo 1éo gitta kién thire toan hoc va nhitng chtrc ning ciia may
tinh chung s& giai quyét dwoc nhiing cau hoi mang tinh chat phan loai ning luc ctia hoc sinh trong cac
dé thi thir nghiém cua Bo gido duc va Dao tao da cong bé Toi thiét nghi viéc huéng din hoc sinh biét
sir dung may tinh dé giai toan 1a mot giai hitu hiéu va rat can thiét trong bdi canh hién nay voi hll’lh
thirc thi tric nghiém khach quan thi hai yéu quan trong hang dau d6 13 “’nhanh’’ va “’chinh xac’’. Dya
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vao co s& 1y luan va yéu cau thuce tién trén nén toi chon dé tai “Huong din hoc sinh 12 sir dung mdy
tinh CASIO fx-570ES, fx-570VN PLUS gidi todn triic nghiém-Phan Giai Tich”’, voi mong mudn
gitp hoc sinh c6 mot tai liéu hudng dan chi tiét cach sir dung may tinh cam tay dé giai mot so dang
toan thuong gip dé vuot qua ky thi tot nghiép trung hoc qudc gia sip téi.

II. PHAM VI VA DOI TUO'NG NGHIEN CU'U
1. Pham vi:

bé tai “Hwdng dan hoc sinh 12 str dung mdy tinh CASIO fx-570ES, fx-570VN PLUS gidi
todn trdc nghiém-Phan Giai Tich”
- Nghién ctru cac chirc nang giai toan cia may tinh CASIO fx-570ES, fx-570VN PLUS
- Kha nang sir dung may tinh CASIO cua hoc sinh vao giai toan.
- Céu trac cta dang dé thi tric nghiém mén Toan.
- Ung dung cho phan Giai Tich 12.

2. béi tworng:
- Lahogc sinh 16p: 12A4; 12A5 truong THPT Tay Son nam hoc 2016-2017.

III. MUC PICH NGHIEN CU’U

1. Béi voi Gido vién:

- Trén co s& nghién va tim hiéu mot s chtrc ning ciia may tinh CASIO fx-570ES, fx-570VN
PLUS va cAu triic cua dé thi thir nghi¢m cua B giao duc va Pao tao, cling nhu cac dang toan thudong
gip trong chuong trinh giai tich 12, dé tim ra phuwong phap xay dung thuat toan va canh thirc bAm may.

- Gido vién ap dung cong ngh¢ thong tin vao qua trinh giang day gop phan d6i méi phuong phap
day hoc nham nang cao chét lugng gido duc.

2. béi vé'i Hoc sinh:

- Gilp hoc hiéu biét thém mot s6 chirc nang cua may tinh cam tay noi chung va loai may CASIO
noi riéng dé tir 46 van dung vao giai toan tric nghiém.

- Reén luyén k¥ nang tinh toan, kha nang tu duy biét cach tim ra phuong phap giai todn bang may
tinh.

- Gitp hoc sinh ddy nhanh tdc d6 lam bai, ting cudng tinh chinh xac va hon nita biét khai thac
hi€u qua thanh tyu cia khoa hoc hién dai trong pham vi cho phép.

IV. NHIEM VU NGHIEN CU'U

- Nghién ciru chirc nang giai toan cua may tinh va nhiing dang toan ma may tinh co6 thé giai
quyét dugc. Tir d6 giup hoc sinh van dung vao giai toan mot cach nhuan nhuyén.

- Rén luyén k¥ nang giai toan tric nghi¢m.

- Dua ra mot gidi phap hitu hi€u cho hoc sinh trong qua trinh lam bai trac nghiém, nham tiét
kiém thoi gian va dat dugc két qua cao trong ky thi Trung hoc phd Qudc gia sip toi.

- Nham néang cao chat luong giang day va hoc tap.

. - Thong qua dé co thé mo ra huéng nghién ctru vé viée str dung may tinh CASIO cho cac chuyén

de khac.
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V. PHU'ONG PHAP NGHIEN CU’U VA TU LIEU NGHIEN CU’U

1. Phwong phap
- Phuong phap mo ta, dam thgai truce tiép dbi tuong.
- Phuong phép phan tich va tong hop.
- Phuong phap thong ké mo ta.

2. Tai liéu nghién ciru
- Sach giao khoa Giai Tich 12.
- Sach huéng dan sir dung may tinh CASIO fx-570ES, fx-570VN PLUS
- Dé thi hoc ky I ndm hoc 2016-2017 ctia S6 GDDT Binh Duong.
- D¢ thi thir nghiém mén toan 1an 1 va lan 2 cta B6 GD va BT.
- Ky nang glang day hoc sinh theo hinh thirc thi trac nghiém mén Toan cua Ts Nguyén Thdi Son
- Mot sd bai viét vé cach sir dung may tinh CASIO trén mang Internet.
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PHAN B. NOI DUNG

1. HWONG DAN SU DUNG MAY TINH CASIO CASIO fx 570 ES, fx 570 VN PLUS

1. Ki hiéu va chirc nang cac loai phim loai phim trén may tinh.

1.1 Phim chung.

Phim Chike nang
M may.
Tét mdy.

[l [a[V]>]

Cho phép di chuyén con tro dén vi tri dit liéu hodc phép toan can
sura.

[o] [1]...[9]

Nhap céc chir s6 ( Nhap ting so).

L]

Dau ngin cach phan nguyén v6i phan thap phan cua s thap
phan.

[ [

Cac phép tinh cdng, trir, nhan, chia.

Xoa hét.
DEL Xoba ki tu vira nhép
(—) Déu trir ctia s6 am.
CLR Xo6a ma hinh.
1.2 Phim nhé.
Phim Chire nang
RCL Goi sb ghi trong 6 nho.
STO Gan (Ghi) s6 vao 6 nho.

Céc 6 nhd, mdi 6 nhd nay chi ghi duge mot sb riéng. Riéng 6
nhé M thém chic nang nhd M+; M- gan cho.

Cong thém vao 6 nhd M hoac trir bét ra 6 nhd M.

1.3 Phim dac biét.

Phim

Chirc nang

Chuyén sang kénh chit Vang.

Chuyén sang kénh chit Do.

An dinh ngay tu déu kiéu, trang thai, loai hinh tinh toan, loai don
vi do, dang s0 biéu dién két qua...can dung.

Mo; dong ngodc.

Nhan véi lily thtra nguyén cua 10.

Nhép sb 7.

Nhap hodc doc d9, phut, giay.

Chuyén don vi giita d9, radian, grad.
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Rnd Lam tron gia tri.
nCr Tinh t& hop chap r ciia n.
nPr Tinh chinh hop chap r cta n.

1.4 Phim ham.

Phim Chire nang

- Tinh cac gia tri cta sin, cosin, tang khi biét s6 do ctia mot goc
sin| |cos| [tan N ; ’ ’ ; ’
[sin] [cos| [tan] ot cung

0 3 = Tinh s0 do cua mot goc, mot cung khi bict gia tri cua sin, cosin,
|sm ||cos ||tan |

tang.

|10g| |10gDD| Logarit thap phan, Logarit ty nhién.

Ham s6 mii co sd e, co sd 10.
Binh phuong, 1ap phuong...

Yol |4 Can bac 2, Can bac 3, can bac n
x S6 nghich dao.

S6 mii.

Giai thira.

Phan tram.

Abs Gia tri tuyét ddi
u bl |d Nhap hoic doc phan s, hdn sb, Poi phéan sb ra sd thap phan, hd
c ’ c SO.

Tinh gié tri ciia ham s0.

ellile)
EH
§1Q

Do nghiém cua phuong trinh.

d .

d—D Tinh dao ham ctia ham so tai xo.
X

LDEI Tinh tich phan
N Chuyén sang dang a*10"

H 3
~|||Q

Poi toa @0 Decac ra toa do cuc

=
[¢]
(9}

~

Doi toa do cuc ra toa dd do Decac

Nhap so ngau nhién

ii
QS
ﬂ:ﬁ:

Phén tich mot s6 nguyén ra thira s6 nguyén t6.

2. Cac hinh nhap dir liéu

Dé nhap dit liéu (biéu thire chiva bién hay chit s6) tir ban phim vao man hinh may tinh c¢6 ba hinh
thirc nhép do la:
- An phim goi tryc tiép dang biéu thirc (chu yéu dung cho cac dang biéu thirc da dugc ghi mau trang
trén phim).
- An t6 hop phim SHIFT va phim chi biéu thirc twong tmg néu dang biéu thirc dugc ghi mau nau &
gbc trén bén trai ctia phim.
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- An t6 hop phim ALPHA va phim chi biéu thirc twong tng néu dang biéu thirc dwgc ghi mau dé & goc
trén bén phai ctia phim.

II. CAC DANG TOAN THU'O'NG GAP.

1. Cac bai toan lién quan téi dao ham va Khao sat ham so.
1.1 Dang 1: Tinh gia tri ciia ham sd, ciia biéu thirc.

Bai toan: Tinh gia tri ciia ham sd y = f(x) tai xo
Cu phap: )

+ Nhap biéu thirc f(x)

+ Bam phim |CALC| ( Khi d6 may hoi X? )

+ Nhap gia tri

+ Bam E

% Vidu 1: Tinh gia tri cia ham s f(x) =—x’ +6x+1 tai x = 2.
Budre 1: Nhap biéu thirc —x° + 6x + 1 vao man hinh bang cach bam lan luot cac phim sau:

[HazprAl] [ |3lle] el laLpral ][]l

Khi d6 trén man hinh may tinh xuat hién nhu sau:

cCASIOl naTuraL-UPA.M
Math &

Budc 2: Nhan phim may hoi X?
Buwée 3: Nhap x = 2 bang cach bAm cac phim sau: E'

Budrc 4: Nhin diu bang E duogc két qua:

Vay: f(—V2)=1-442.
2 f— f—
4 Vidu 2: Tinh gid trj cita bidu thirc P = 2522 tai y= L.y -]
Xy 2 2

> 2x* -2 : e
Buée 1: Nhap biéu thite X" v40 man hinh bang cach bam lan lugt cac phim sau:
Xy

EIALPHAIIALPHAIIS < DI|[V|[4LPHA|])|[ALPHA|[S < D]

Khi d6 trén man hinh may tinh xuat hién nhu sau:
CASIO

Math &

Budic 2: Nhan phim may hoi X?

Buéce 3: Nhép x = _?1 bang cach bam cic phim sau: E
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Buéc 4: Nhin diu bang E may héi Y?

Buwée 5: Nhap y =% bang cach bAm cac phim sau:

Buée 6: Nhan diu bang E duogc két qua: —4

®,
°n

0,
L X4

Nhén xét: Chirc nang phim khong nhitng giup ching ta tinh dwoc gid tri cua ham $0,
ciia biéu thirc theo mot bzen ma con c6 thé tinh dwoc gla tri cua ham $6, ciia biéu thirc theo
hai, ba.., bién. Do d6 néu biét két hop chire ndng nay véi mot s6 phép bién doi todn hoc ta cé
thé gidi dbro’c nhitng cdu trdc nghiém chi trong vong vai gidy.

L 1 1 e U ‘. .2
Vi du 3: cho hAim s6 y = Zx“ +—Xx" +m.véi gia tri ndo ctia m, do thi ham so di qua diém
(-1;1)?
=7 -1

A.mzl. B. m=—. C.m=—. D. m=
4 4

N
-lkl\l

(Dwa theo bai tap 7 trang 44 SGK Gidi Tich 12-Co bdn)
Bai gidi:

+ Phan tich:

, 1 4 1 2 1 4 1 2
-Tacd: y=—x"+—x"+meSm=y——x ——x" (*
Y 4 2 Y 4 ()

2

- Pé tim m cac em chi can thay x =—1; y = 1vao (*) la tim dugc gia tri ctia m.
- Tuy nhién néu em nao khong tu tin voi kha ning tinh toan ciia minh, dong thoi dé tiét kiém thoi gian

trong khi 1am bai thi ching ta st dung churc nang

e /10 bién dé tim m nhw sau:

Budc 1: Nhap biéu thirc y —%x“ —%xz vao man hinh bang cach bim lan luot cac phim sau:

[ALPHA[S < DIE 1viall>l4LPHA EEEE

Khi d6 trén man hinh may tinh xuat hién nhu sau:

Math

Buére 2: Nhan phim may hoi Y?

Bude 3: Nhap y =1 bang cich bam phim:

Buéc 4: Nhan ddu bing [=| may hei X?

Budc 5: Nhap x = —1 bang cach bim cac phim sau: E

‘ . s . 1
Buwée 6: Nhan dau bang E duoc két qua: 7

Vay chon dép an A.
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e Vi du 4:V¢i gia tri ndo cia m thi 6 thi ham s y = x* + (m —1)x + 5 ¢t truc hoanh tai diém c6
hoanh @6 —2?

A.m:%. B. m=—. C. m=—. D m=——.

Cach 1:
+Nhan thay giao diém ciia d6 thi ham sé voi truc Ox la diém (-2;0) = x =-2; y = 0 nén thyc hién

giong nhu vi du 3 theo cac budc sau:

3
i . —-Xx +x-5
- Rt m theo x va y ta dugc: m _ YT vXTS
X
3
A 1R , X +x-5 , 1y £, 1A
- Nhap biéu thuc L7 T Va0 may, man hinh xuat hi¢n:
X
[F] Math A
e e
5

-Nhin phim m vanhap y =0, x=-2 (vidd thi ham sb cit truc Ox tai diém (-2;0)

- Nhan déu E duoc két qua: _71

suy ra m= T.Véy chon dép an B.

Luru y: Viéc bam may chi tiét cac em tu bim nhe. ..!

Cach 2:
+ Phan tich:

y—x+x-—

“ A ’ 5 N e N Ko ’ N 4 \ e .
- Viécrat m = (theo x va y) trong bai nay tuong doi phirc tap va mat thoi gian.

X
- Biét hoanh d6 giao diém 1a x = -2, tung ddi giao diém 1a y = 0. Nén ta chon giai phép thir

vGix = —2va gia tri cia m trong timg dap 4n vao biéu thitc y = x* + (m —1)x + 5 néu duoc y = 0thi chon
gia tri cua m trong phép thur do.

+ Chi tiét cac budc bam may nhu sau:

Budre 1: Nhap biéu thirc x° + (m—1)x+5 vao man hinh bing cach bam lan luot cac phim sau:

[azprAl) | |BITH [z prAlM [Tl [aLpaAl ]3]

Khi d6 trén man hinh may tinh xuat hién nhu sau:

AT +M-115+9

Math &

Budc 2: Nhan phim may hoi X?
Budée 3: Nhap x = —2 bang cach badm phim: E
Buéc 4: Nhin ddu bang E may héi M?

Buée 5: Nhapm = %( thir dap 4n A) bang cach bam cac phim sau: @
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Buwéc 6: Nhin ddu bang E duogc két qua: —2 0.

Math & ]

A7 +H-115+5
-2

Vay loai dap an A.
. IS @H@ N “1 I
Bwoc 7: Nhan phim vanhipx=-2;m= 5 (thtr dap an B), ta duoc két qua: 0.

Math

I ™ [F]
B +(M-12%+5
]

Vay chon dap an B.

1.2 Dang 2: Tinh dao ham tai 1 diém.

Bai toan: Tinh dao ham ciia ham s6 y = f(x) tai xo
Cu phap:

+Dbi véi fx 570 ES, fx 570 VN PLUS bim: di( f(x))
X

X=Xy

B3

% Vidu 1: Tinh dao ham ciia ham sé f(x) = x* —§x3 +xVx —l+l tai x, =1.
X
-Dé sir dung CASIO fx 570 ES va fx 570 VN PLUS ta thuc hién theo cac budce sau:
Buére 1: Nhap biéu thie x* —%xS +xx 1 +1vao man hinh bang cach bam lan luot cac phim
X
sau:

[sHIFT]|[*= IALPHAIBE@IEHTI arPrA| D] Vel
EB@ D[]0

Khi d6 trén man hinh may tinh xuat hi¢én nhu sau:

M j [F] Math & ||

%[ n '%*’:{E'%*lh =1l

Buwéc 2: Nhin ddu bang E duogc két qua: 5.5

[ w ] Math &
e
0. o

Viy

% Vidu 2: Pao ham cia ham s y =™ tai x=0 c6 gia trj bang:
A0 B.1 C.e D. 2e

(Trich Cau 28 ma dé 209-Dé thi hoc ky I nam hoc 2016 -2017 ciia S6 GD va BT Binh Dwong)
+ Cac bwéc bam may.
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Buéc 1: Chon don vi tinh Radian bing cach bdm [SHIFT|[MODE][4].Khi 6 man hinh may cé
dang:

NATURAL-LIP.AM.
[} Math A

vao man hinh bang cach bam lan lugt cac phim sau:
x=0

[SHIFT] j::. [4LPHA|x10*][x*|[sin|[ALPHA DIPI][>][o].

Khi d6 trén man hinh may tinh xuat hién nhu sau:
M F Math &

d r.siniEl
il Mg

Buée 2: Nhap biéu thire 4 (e0)
dx

Budée 3: Nhin diu bang E dugc két qua: 1

M F Math &

i il
A le=stnt

Vay chon dap an B.

1.3 Dang 3: Tinh don di¢u ciia ham sb.

Bai toan 1: Cho ham sb y = f(x) c¢6 dao ham trén K (K 12 khoang hoiic doan hoic nira
khoang). Xét tinh don diéu ciia ham s6 trén K.

1 Co s6 Iy thuyét:

-Néu f'(x)>0,Vxe K va f'(x)=0chi tai mot s6 diém hiru han thi f(x) dong bién trén K.
-Néu f'(x)<0,Vxe K va f'(x)=0chitai mot s6 diém hiru han thi f(x) nghich bién trén K.
2. Giai phap: Sir dung phwong phap loai trir.

-Dung chirc ning di( f (x))‘ dé tinh f'(x,)véi x, € K.
x

X=Xo

+Néu f'(x,)<0thi f(x)khong dong bién trén K.
+Néu f'(x,)>0thi f(x)khéng nghich bién trén K.

% Vidu1: Him s y=x’ —2x* + x+1. Ménh d nao duéi day ding?

A. Ham s6 nghich bién trén khoang [%, lj B. Ham s6 nghich bién trén khoang (—oo; éj

C. Ham s6 dong bién trén khoang (%, lj D. Ham sb nghich bién trén khoang(1; + )
(Trich Ciu 4 Dé thi thir nghiém lan 2 ciia B¢ GD va DT)
Bai giai:
Cac buéc bAm may:
Buée 1: Nhap biéu thirc x* —2x” + x +1. 1én man hinh bang cach bam lién tiép cac phim sau:

|SHIFT| j:. |ALPHA|W|3||>||—||2|| ALPHA |M|x7ll+|| ALPHA|)|+[1]>] 4LPHA])|

Khi d6 man hinh xuat hién nhu sau:

Gv: Nguyén Vén Ky-Trwong THPT Tdy Son 10
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Math

9 (B Z i),

Budc 2: Thir phwong an A.
T 1 T LA X I
- Nhan phim may héi X? Ta chon gia tri 5 € g; 1 |va nhan dau E duoc két qua:

Math &

243 ExE+H+1Mb

£|.
-Tir két qud trén chwa két lugn dwoc tinh diing, sai ciia phwong dn A. Nhung logi dwoc C
Budc 2: Thir phwong an B.

- Nhan phim may hoi X? Ta chon gid tri 0 € (—oo; %) va nhan dau E dugc két qua:
Math &
(43052 a1 )[p
1

- Tir két qua nay ta logi dwgc pho’ng dan B.

Buée 3: Thir phwong an D.

- Nhén phim may hdi X? Ta chon gia tri 2 € (1' + oo) va nhin déu E' duoc két qua:
Math &

9 (3o 2x2+x+1nb

- Tir két qua nay loai D.
s Qua cac phép thi trén ta thay cac phwong an B, C, D déu sai, vdy dap an dung la A. Chon dap
an A.
& Chu y: Cdach lam trén chi tim phuong dn sai, khong dung dé tim phuong dan dung. Vi né ding
voi mot gia tri thi né chwa chdc dung voi moi giad tri.
% Vidu2: Him sd y=—x° +3x* —4 dong bién trén khoang nao?
A. (-3 0) B. R C. (0;2) D. (2;+»)
Bai giai:
Cac buéc bam may:
Buére 1: Nhap biéu thirc —x’ +3x* —4 1én man hinh bang cch bam lién tiép cac phim sau:

[st1rT || ALPHAI| Bl Bl azrHA] [ [FTale[ALPHA])]

Khi d6 man hinh xuat hién nhu sau:

-:1:-:[ 3{3+EF{E 4]|x i

Budc 2: Thir phwong an A.
-Nhan phim @ may hoi X? Ta chon gié tri —1 € (—o0; 0) va nhan déu [=] duoc két qua:

Gv: Nguyén Vén Ky-Trwong THPT Tdy Son 11



HUGNG DAN HOC SINH 12 SU DUNG MAY TINH CASIO fx 570 ES, fx 570 VN PLUS GIAI TOAN TRAC NGHIEM-PHAN GIAI TiCH.

Math A

S [-RF+3K2 -4, b

- Tir két qua trén loai A va B. |
Buéc 2: Thir phwong an C.
-Nhan phim @ mdy hoéi X? Ta chon gid tri 1€ (0;2)va nhan dau [=] duoc két qua:

S [-XF A E-4]| 1;

- Tir két qua nay chwa két luan dwoc gi vé phwong 4n C vi méi ding tai mot diém chua chic
ding hét.
Budc 3: Thir phwong an D.

- Nhén phim may héi X? Ta chon gia tri 3 e (2; + oo) va nhan dau El duoc két qua:

Math A

S [-RF+3K2 -4, b

_E|

- Tir két qua trén loai D
Vay chon C.

Chu y: Phwong phap trén khong chon dwoc dap dung ma chi logi triv dwoc cdc phwong dn sai.

4
% Vidu3: Cho ham s y = %— 4x* —4. Ménh dé nao sau day dung?

A. Ham sb dong bién trén céc khoang (~2;0) va(2; + o).
B. Ham s6 nghich bién trén céc khoang (-2;0) va(2; + o).
C. Ham sb dong bién trén cac khodng (—o0; —2).

D. Ham s6 dong bién trén c4c khoang (0; 2).

(Trich Cdau 27 ma dé 209-Pé thi hoc ky I nam hoc 2016 -2017 ciia S¢ GD va BT Binh Dwong) + Cac

buéc bAm may:
4
Buwéc 1: Nhap biéu thire % —4x* —4. 1én man hinh bang cach bam lién tiép cac phim sau:

[ E|v||z||>||—||4||ALPHAW|—||4||>||ALPHAM

Khi @6 man hinh xuat hién nhu sau:
W F] Wath &

D[ 5 -447 4] g

Budc 2: Thir phwong an A va B.
- Nhan phim may hoi X? Ta chon gié tri —1 € (—2; 0) va nhén dau [=] duoe két qua:

L%[%-#x;-ai]'f:g

- Tirkét qua trén loai B.

Gv: Nguyén Vén Ky-Trwong THPT Tdy Son 12
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- Nhan phim may hoi X? Ta chon gia tri 3 € (2' +00) va nhan déu [=] duoc két qua:

Math A

- Chua két luan dugc tinh ding sai cua ménh dé A.
Buéc 2: Thir phwong an C.

- Nhan phim may hoi X? Ta chon gia tri -3 ¢ (—oo; —2)vanhén dau [=] duoc két qua:

Math &

- Tir két qua nay loai phuong an C.
Buwéc 3: Thir phwong an D.

Nhin phim mdy hoi X? Ta chon gi4 tri 1 (0;2)va nhin du [=] duoc két qua:

B Math &

5 (-a7-4))

- Tur két qua trén loai D
Viay chon A.
Nhan xét: Qua hai vi du trén ta thdy trong 4 phirong dn dwa ra chi c6 mét phwong dn diing thi phirong
phap thir dé logi trir 3 phwong dn sai la kha thi. Nhung néu trong trieong hop thir md chi loai trur dwoc
mot hodc hai phwong an sai thi sao? Luc nay con tity thudc vao tirng dang ham sé
Ma ta c6 thé tim ra mét vai tinh chdt ciia ham s6 d6 d@é tim cdach xir 1y. Chiing ta cing tim hiéu vi du
sau:
% Vidu 4: Him s6 y = x* —2x” +1 d6ng bién trén khoang nao?
A. (-1,0) B. R C. (-1;0)va (I;+ o) D. (I;+o)
Bai giai:

Cic buéc bAm may:
Buére 1: Nhap biéu thirc x* —2x? +1 1én man hinh bang cach bam lién tiép cac phim sau:

|SHIFT| j:. |ALPHA||4||>||—||2||ALPHA|D!|x2 [+ [1]> [ 4LPHA]))|

Khi d6 man hinh xuat hién nhu sau:

Math &

9 (yd_oyZa)|,

Buwdc 2: Thir phwong an B.
- Nhan phim méy hoi X? Ta chon gia tri —2 € R va nhan déu E duoc két qua:

Math &

9 (yd_oyZ )] b

-4 |

- Tir két qua trén loai B.
Buée 3: Thir phwong an A.
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x . | Loz .
Nhan phim may hoi X? Ta chon gia tri T (~1;0) va nhan dau [=] duoc két qua:

S yaooyZ)| b

=
z

- Tir két qua nay khong loai dwgc phwong an C.
Buwéc 4: Thir phwong an D.

Nhan phim may héi X? Ta chon gid tri 2 € (1' + oo) va nhin déu E' duogc két qua:

Math &

9 (yd_gyZ )] b

=4

- Tir két qua trén chwa loai dwoc phwong an D.

Bwoc 5: Do nghiém y’ = 0.

- Nhén phim may hoi X? Ta nhép gia tri-1va nhén dau E duogc két qua:
| Math & ||

o (ya_ Eﬁiﬂ]lx-n

- Nhén phim may hoi X? Ta nhép gia tri 0 va nha"in dau E duoc két qua:

| Math & ||

o (ya_ Eﬁiﬂ]lx-n

- Nhén phim may hoi X? Ta nhép giatri1va nha"in dau E duoc két qua:

| Math & ||

o (- E}:Eﬂ]lx'n

Théy cac két qua ctia phép thir trong budc 5 déu bang 0. Vay x = 0; x =1 1a cac nghiém cua y’ =0.
Ma ham s6 y’ 1a ham bac 3 do vay y’ khong déi du trén cac khoang (—1;0) va (1; +oo) két hop véi két
qua 6 budc 3 va bude 4 suy ra y'> 0 trén cac khoang (—1;0)va (1;+c). Véy chon dap an C.
% Vidu 5: Him s6 y =+/2+x—x nghich bién trén khoang nao?
A. (l;2j B. (_—1;2j C. (2 +x) D. (-1;2)
2 2
Bai giai:
Cac buéc bAm may:
Budre 1: Nhap biéu thirc di(\/ 2+ X -X° ) 1én man hinh bang cach bam lién tiép cac phim sau:
X x=X

SHIFT]|[ "= a2l ALPHA|])|[-] ALPHA|||>||>|| ALPHA()|

Khi d6 man hinh xuat hién nhu sau:

[F] Math &

2 (2 ) e
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Buée 2: Thir phwong an A.
A , , %] .y . 1 \ A A A 5
- Nhan phim may héi X? Ta chon gia tri 0.6 € 5; 2 |va nhan dau E duoc két qua:

Fi Math &

éi[fz+x W )]

-[. 05651541049

-Suyra f'(0.6) < 0nhung chua thé khang dinh dugc A 1a dap an dﬁg.
Buée 3: Thir phwong an B va D.

X . L -1 L .
- Nhan phim may hoi X? Ta chon gid tri 0 € (?, 2) va nhan dau E duogc két qua:

7] Math &

gi[J2+x W )|
0. 3535533906

-Suyra £'(0)=0.3535...>0 Vay ham s6 khong nghich bién trén cac khoang (%1, 2) va (-1;2).

Loai B va D.
Buéc 4: Thir phwong an C.

Nhan phim may hoi X? Tachon gia tri x=3 ¢ (2; + oo) va nhan dau E M4y bao 16i nhur sau:

Math

CAC] Cancel
C4lCel:GOLo

M K]
Math ERROR ‘

- Suy ra khong ton tai f'(3). Loai C.
+ Toém lai Chon A.

Bai toan 2: Cho ham s y= f(x,m) (mla tham $0) ¢ dao ham trén K (K 1a khoang hoic
doan hoic nira khoang). Tim m dé ham s6 dong bién (nghich bién) trén K.

1 Co sé 1y thuyét:
- Néu dx, € K sao cho: f'(x,) >0thi f(x)khong nghich bién trén K.
-Néu 3x, € K sao cho: £'(x,) <0thi f(x)khéng dong bién trén K.
2. Giai phap: Sir dung phwong phap loai trir.
- Dung chtrc nang di( f (x)) dé tinh 1 '(x,, m).

X

X=Xo

-Duya vao tinh chét trén dé loai nhitng phuong an sai.

7

% Viduy 1: Cho ham séy = x* —3mx +5 dong bién trén khoang (-1; 1) thi gia tri cia m bang?
A. 1 B.2 C.3 D. -1
Bai giai:
Cic buéc bAm may:

Budc 1: Nhap biéu thic di(X P _3MX + 5) 1én man hinh bang cach bam lién tiép cac phim sau
X

x=X

|SHIFT| j = |ALPHA||x—”||3||>||—||3|| ALPHA|M +| ALPHA Immlsll >\ ALPHA IM
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Khi @6 man hinh xuat hién nhu sau:

Math

2[R -3M+5)|

Budée 2: Thu phuong an A.
- Nhan phim may hoi X? Ta chon gié tri 0 (—1;1)va nhan dau [=] may hoi M? Tanhap 1 (1
gi4 tri ciia m trong phuong 4n A) nhan tiép ddu E duogc két qua:

Math &

D[ XF-3M+5)| .k
-3

. x
- Tur két qua trén loai A. vi voi { thi f'(x)=-3<0

Buée 3: Thir phwong an B.
- Nhén phim mdy hoi X? Ta chon gia tri 0 (—1;1)va nhén dau [=] may héi M? Ta nhap 2 (2

gi tri ciia m trong phuong 4n B) nhén tiép dau E dugc két qua:

Math &

D (%3 -aME+5)| E

. x=0
- Twr két quda trén logai B. vi voi { 5 thi f'(x)=-6<0
m

Buéc 4: Thir phwong an C.
- Nhan phim may hoi X? Ta chon gié tri 0 (—1;1)va nhan dau [=] may hoi M? Tanhap 3 (3
gi4 tri ciia m trong phuong 4n B) nhén tiép déu E duogc két qua:

Math &

2 (%ZF-3MR+5)| .o g

. x=0
- Tir ket qud trén loai B. vi voi { 3 thi f'(x)=-9<0
m
Budc 5: Thir phwong an D.
- Nhén phim mdy hoi X? Ta chon gia tri 0 (—1;1)va nhén dau [=] may hoi M? Ta nhap -1 (-1

gi4 tri ciia m trong phuong 4n B) nhén tiép dau E duoc két qua:
Math &

2[R -3M+5)| .k
3

. x=0
- Tir két qud trén nhdn D vi voi { | thi f'(x)=3>0.Vay chon D.
m

% Vi du 2: Tim tit ca cac gid tri ciia tham s6 m dé ham sé y = ln(x2 +1)—mx+1d6ng bién trén

khoang (—oo; +00).
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A. (—oo;—l]. B. (—o0;—1). C. [—l; 1]. D. [1;+oo).
(Trich Cdu 9 Dé thi thir nghi¢m lan 2 ciia Bé GD va DT)
Bai giai:

Cac buéc bAm may:

Budc 1: Nhap biéu thuc i(ln(Xz +1)—MX+1)

p 1én man hinh bang cach bam lién tiép cac phim
X

x=X

sau:

|SHIFT| j:. [In| ALPHA||x—2||+||1|Dl|—|| ALPHA|M +| ALPHA|) |+]1]>[ 4LPHA])|

Khi d6 man hinh xuat hién nhu sau:

“ 2+ 1) M+ 1], i

Budre 2: Thir phuwong an C va D, vi trong hai phuong an nay déu chira m =1.
- Nhén phim . may hoi X? Ta chon gia tri 2 (—oo + oo) va nhan diu E' may hoi M? Ta nhap 1

vi(le [—1; I]Va le [1; +oo)) nhéin tiép ddu E dugc két qua:

Math &

(2 +1) b
0.2

. x=2
- Tir két qua trén loai C va D. vi véi { { thi f'(x)=-0,2<0
m=

Bugre 3: Thir phuong an B.
- Nhén phim may héi X? Ta chon gia tri 2 € (—oo + oo) va nhin déu EI may hoi M? Ta nhép

—2 € (—0; —1) nhén tiép dau [=] duoc két qua:

Math

(1 n(R2 1) M
2.9

- Tir két qua c6 thé phwong dn B ding?
Budc 4: Thir phwong an A.

- Nhan phim may hoi X? Ta chon gid tri 2 € (—o0; +0) va nhan diu E' may hoi M? Ta nhép
—-le (—oo; —1] nhén tiép diu E duoc két qua:

Math &

(1 n(K2 1) M-
1.9

- Nhan thay v6i m=-2¢ (—oo; —1) vam=-1le (—oo; —l]thi f'(x) > 0nhung (—oo; —1) c (—oo; —1]
- Nén chon dép 4n A. Vinéu A sai thi B ciing sai.
% Vidu 3: Tim diéu kién cua tham sé m dé ham s y = %1;8 +(m—1)x+7 nghich bién trén R la:
A.m>1 B.m=2 C.mc<1 D.m=>2
Bai giai:
Cic buéc bAm may:
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Buée 1: Nhap biéu thic di(_?l)ﬁ +(M—1)X+7j 1én man hinh biang cach bam lién tiép cac
X

x=X
phim sau:

]

SHIFT j:.

—(=lacprial)|x 3|V I3|e || (arpralp | i) azprial) |+ 7)o | Lpral))

Khi d6 man hinh xuat hién nhu sau:
F:] Math &

=2 M1 0T | e

Buée 2: Thu cac phuong an A; B va D.
- Nhan phim . mdy hoi X? Ta chon gid trj 0 € (—oo; +o0)va nhan dau [=] may hoi M? Ta nhap 2

(Chon m = 2 thoa ca hai diéu kién trong phuong 4n A; B va D) nhan tiép dau E duoc két qua:

o[ =53 =53¢ (1 e b
1

. x=0 . .
- Tw ket qua trén loai A, B,D. vi véi { ) thi f'(x)=1>0 nén ham s6 khong nghich bién vdi cac
m =

gia tri vira thtr. Vay chon C.

1.4 Dang 4: Cuc tri ciia ham sd.

Bai toan 1: Cho ham s6 y = f(x) xac dinh, lién tuc trén khoing (a;b). va cé dao ham trén
(a;b). Tim diém cuec tri cia ham sd.

1. Co s& ly thuyét: Sir dung qui tic tim cuc tri.
- Tim TXD
- Tinh f’(x). Tim cac gia tri x,(i=1,2,3...n) ma tai do f'(x,)=0 hodc f'(x,) khong xdc dinh.
- Lap bang bién thién.
- Tir bing bién thién suy ra cdc diém cyec tri. i .
% Neu gidi quyet bai toan theo huwong tw lugn thi chung ta can phdai thyc hién day du cac
budc trong qui tac trén. .
s Doi voi bai toan trac nghiém thi chung ta chi can thhuc hién hai budc chinh sau:
+ Tinh f’(x). Tim cac gia tri x,(i=1,2,3...n) ma tai do f'(x,)=0 hodc f'(x,)khong xac
dinh. ’
+ Xét dau f(x).
2. Gidi phap bam may:
. d X .
- Dung t0 hop chitc nang d_( f (x)) va |CALC| dé do nghiém x,cta f'(x)=0.
X X=X,
- Dung chirc nang |CALC|dé kiém tra x,la diém cuc dai hay cuyc tiéu.
% Chuy:
-Neu f'(x,)=0va f'(x) doidau tir dwong sang am khi qua x, thi x, la diém cwc dai cia ham
$0.
- Neu f'(x,)=0va f'(x) doidau tir am sang dwong khi qua x,, thi x, la diém cyc tiéu cia
ham sé.
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% Vidu 1: Piém cuc tiéu cia dd thi ham s6 y = —x’ +3x+4 1a?
A x=-1 B. x=1 C. (-12) D. (16)
Bai giai:

Buﬁchlﬂﬁpbﬁuﬂwcé;(<X3+1X+4)

x=X

—_—

X
[saIFT] [ o[ aLPHA])|x° [3]+[3[ 4LPrA]) [+]4]>] ALPHA])|

Khi @6 man hinh xuat hién nhu sau:

Math A

S [-rF+3x+4]) ..

Budc 2: Thir phwong an A.

- Nhén phim may hoi X? Ta nhap gia tri —1( Kiém tra x, =—1trong phuwong an A cé la diém

cuc tri khong?) va nhén diu E duoc két qua:

S (=53 d)| Lk
I

- Suy ra x = —11a diém cuec tri ctia ham so.

Budéc 3: Kiém tra x, =—11a cwe dai hay cuc tiéu.

1én man hinh bang cach bam lién tiép cac phim sau:

- Tiép tyc nhan phim may hoi X? Ta nhap gia tri —1-0,1(Kiém tra ddu f'(x) phia trai x,=-1)

va nhan dau E dugc két qua:

Md 3 i} Math &
EE—}: +E}i+4]| :EEE
“100

- Tiép tuc nhan phim may hoi X? Ta nhap gid tri —1+0,1(Kiém tra ddu f'(x) phia phai
X, =—1)va nhén déu E dugc két qua:

Thay f'(x) d6i du tir am sang duong khi qua x,=—1.Vay x,=-11a diém cuc tiéu cua ham sb.

Buéc 4: Tim y_,.

. : . 2 d
- Dung phim E' di chuyén con tré tdi vi tri moc ma trong bicu thire d—(—X 43X+ 4)
X

x=X

( Nhu hinh minh hoa ¢ dudi day)

A=),

- Nhin phim dé xo6a churc nang di( )| khi @6 man hinh c6 dang:
X =
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\ﬂrx3+sx+4 “ E

- Tiép tyc nhan phim may hoi X? Ta nhap gid tri —1(Tinh y.. = f(-1)) va nhan déu E duoc
két qua: 2

—i3+3+

Suy ra diém cyc tiéu clia dd thi ham s6 1a: (—1;2). Vay chon C.

s Chuy:
- Néu ¢ buéc 2 cho két qua f'(~1) # 0 hodic ¢ buéc 3 cho két qua f'(—1—0.1)> 0 thi chuyén qua
thir phuwong dn B
- Cin néim vitng hai khdi niém diém cwc tiéu ciia ham sé va diém cwc tiéu ciia do thi ham so, néu
khong sé chon A la sai.

% Vidu 2: Piém cuc dai cia ham s y = %x“ —2x* -3 1a?

A x=0. B.x=—2;x=+2. C.(0-3)  D.(—v2;-5);(¥2:-5).

Bai giai:

4
Budre 1: Nhap biéu thirc di(XT -2X° -~ 3] 1én man hinh bang cach bam lién tiép cac phim sau:
x
x=X
SHIFT j = E |ALPHA)|x |4V [2]>]-|2] 4LPHA) | x* [ -[3]>] 4LPHA])|

Khi @6 man hinh xuat hién nhu sau:

Buée 2: Thu phuong an A.
- Nhén phim may hoi X? Ta nhap gia tri 0 ( Kiém tra x, = 0 trong phuwong an A co la cuc tri
khéng?) va nhan du [=] duge két qua:

M [} Math A

2[5 -one- 3]':‘13

-Suyra x = 01a cuec tri ctia ham sb.

Budre 3: Kiém tra x, = 01a cuc dai hay cuc tiéu.

- Tiép tuc nhan phim may hoi X? Ta nhap gia tri 0—0,1(Kiém tra ddu f'(x) phia trai x,=0)va
nhén du E duoc két qua:

Math &

-3l

193
=00

- Tiép tyc nhan phim may hoi X? Ta nhap gia tri 0+0,1(Kiém tra ddu £ '(x) phia phai x,=0)

va nhan dau E dugc két qua:
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h'ld ek EIE Math & ||
rd R ] | L
_1g9g
S00
Thay f'(x) ddi déu tir dwong sang 4m khi qua x, =0. Vay x, =0 1a diém cuc dai ctia ham sb.

Viy chon A.

Nhan xét: R4t may trong bai toan nay 1a do sy sdp xép x =0 & phuong 4n A. nén viéc kiém tra khong
mat nhiéu thoi gian ma chon duoc ngay dap an ding. Trong truong hop x = 0 nim & phuong an khac
thi kinh nghiém chung ta nén kiém tra phuong 4n chtra x =0 trudc.

2
, \ A x +3 A A s (o an a2,
% Vidu 3: Chohamso y = T M¢énh de€ nao dudi day ding?
X+
A. Cyc tiéu ciia ham s6 bang —3. B. Cuyc tiéu ciia ham s6 bang 1.
C. Cuc tiéu cua ham so bang —6. D. Cuc tiéu ciia ham so bang 2.

(Trich Ciu 6 Dé thi thir nghiém lan 2 ciia B¢ GD va PT)
Bai giai:

1én man hinh bang cach bam lién tiép cac phim sau:

2
Budre 1: Nhap biéu thirc d[X+3
dx\ X+1

xX=

a7 | [ o = [aLPHal)| 2 [V [ALPHA [ leTaLPHA)]

Khi d6 man hinh xuat hién nhu sau:
M B Math

o [HE+3

dxl A+1 ]|I=F'=i

Bwéc 2: Thu cac phuong an.
- Nhén phim may hoi X? Ta nhap gia tri -3 ( Kiém tra x, =—3trong phuwong dn A co la diém cuec
tri khéng?) va nhan dau E duogc két qua:

L} F] Math &

i[}:ha]
cEd T | P

-Suyra x =-3la diém cuc tri cua ham sb.
- Tiép tyc nhan phim may hoi X? Ta nhap gia tri 1 (Kiém tra x, =ltrong phwong an B c6 la

diém cuec tri khong?) va nhén dau E duoc két qua:
M Fi| Math &

i[:ﬁi2+3]
g | Tt M=

-Suyra x =1 la di€m cuec tri cua ham so.

- Nhén tiép phim méy hoi X? Ta nhap gia tri -6 ( Kiém tra x, = —6 trong phuong dan C co la

diém cuec tri khong?) va nhén dau E duoc két qua:
M ] Math &

i[HE+3]
ax . w1 =

=M
0. 34
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- Thiy f'(—6)=0.84#0= x, = —6 khong phai 1a diém cyc tri cia ham sb.
- Nhén tiép phim may hoi X? Ta nhap gia tri 2 ( Kiém tra X, = 2trong phuong dn D c6 la diém

cuc tri khong?) va nhan diu E duoc két qua:

M | Math &
jL[HE+3]
dxl x+1 | =

0. 5555555556

- Thiy f'(2)#0= X, =2 khong phai la diém cuc tri cia ham sb.

Budée 3: Kiém tra X, =—3 co phai la diém cuc tiéu cia ham sé hay khong?
- Tiép tuc nhan phim may hoi X? Ta nhap gia tri —3—0,1(Kiém tra ddu f'(x) phia trai X, =-3)
va nhan dau E duoc két qua:

| Mi[;:-:;E.FS] F] Math i
dx L =+1 |.‘-l:=i='=i
0. 09297052154

-Ta thdy diu ciia f'(-3-0,1) > 0 nén ngieng vigc kiém tra x, = -3 ¢ day.

Budc 4: Kiém tra x, =1 c6 phai la diém cyc tiéu ciia ham s6 hay khong?
- Tiép tyc nhan phim méy héi X? Ta nhap gia tri 1-0,1(Kiém tra du f'(x) phia trai x, =1) va
nhén du E duoc két qua:

7] [F] Math & |
=

i
-0, 103033241

-Tiép tuc nhin phim méy hoi X? Ta nhap gia tri 1+0,1(Kiém tra ddu f'(x) phia phai x, =1) va
nhan déu E duoc két qua:

F] Math &

"i[xha]
dx L #+1 |.'-li=.'='=:
0. 09297052154

- Thay f'(x) d6i dau tir am sang duong khi qua x,=1.Vay x,=11a diém cyc tiéu ciia ham sb.

Budc S: Tinh y_, ?

- Di chuyén con tré t6i vi tri moc mo cia biéu thuce (nhu hinh dudi)
M B Math & ||

)
A +1 |.'-l:=.'='=i

- Nhén nat dé x6a chirc nang di( )
x

Khi d¢6 man hinh c6 dang:

xX=

Math &

ﬁ2+3
A+l
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- Tiép tyc nhan phim may hoi X? Ta nhap gid tri 1(vi x, =1 la diém cuyc tiéu cua ham sd trong

phuong an B.) va nhan du E dugc két qua:

Fi| Math &

M
HE 4T
]

Suy ra y., =2.Vay chon D.

Bai todn 2: Cho ham s6 y = f(x, m) (véi m la tham s6) xac dinh, lién tuc trén khoang K
va ¢6 dao ham trén K. Tim m dé ham so dat cuc dai (cuc tieu) tai x = x,, (x, € K).
1 Co sé ly thuyét:
- Budce 1: Tinh f'(x,m) va gidi phuong trinh f'(x,,m)=0dé tim m.
- Budc 2: Thur lai voi gia tri cia m vira tim dugce dé kiém tra xem x,la diém cuc dai hay l1a
diém cuc tiél}.
- Buéce 3: Két luan
2. Giai phap: Bam may
<\ A , - d \ ’ - A 1x ‘A 5
- Dung t0 hop chiic nang d_( f (x)) va chuc nang |[CALC| dé do nghiém m cua phuong
X

v=x,
trinh f'(x,,m)=0.
- Dung churc nang dé kiém tra x,la diém cuc dai hay cuc tiéu.

,’Z' Chu y: o )
-Néu f'(x,)=0va f'(x) doi dau tr dwong sang am khi qua x, thi x, la diém cuc dai cua
hénq s0. o 7 q
-Néu f'(x,)=0va f'(x) doi dau tir &m sang duong khi qua x, thi x, 1a diém cuyc tiéu cia

ham so.

+ Vidu 4: Cho ham séy =x" —2mx+1 (m 13 tham sé). Tim m dé ham sé dat cuc tiéu tai x=1.?
A.mz_—3. B.mzé. C.mz_—z. D.ng.
2 2 3 3

Bai giai:
» Cach 1:
Budére 1: Nhap biéu thirc di(X3 —2W+1)
x

man hinh bang cach bam lién ti€p cac phim sau:

|SHIFT| j =| ALPHA IMIXD 131-l2ll aLPHA| M +] 4LPHA |M|+||1|||>|| ALPHA IM

(tham s6 m dwoc thay béi bién M trong may tinh) 1én
=X

X

Khi @6 man hinh xuat hién nhu sau:

Math &

SR -2M 1) e

Budée 2: Thu phuong an A.

P . 3, A .
+PDékiem tra voi x=1,m= 5 co thoa f'(x,m)=07? Ta thuc hién cac thao tac sau:

- Nhén phim may hoi X? Ta nhap gia tri 1 (Vi dé cho x =1 la diém cueu tiéu).
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- Nhan E may hoi M? Ta nhép _73 ( Nhdp gia tri cua m = _73 dé kiém tra)

~Nhin tiép d4u [=] dwoc két qua hién thi nhu sau:

Math A

9 (3o )], b

=

- Thay véi x=1;m = _73 thi f'(x,m)=6=0suyra m= _73 khong thda. Loai A.

Buwdce 3: Tht phuong an B.

+ Buée 3.1: Kiém tra voi x=1;m :% c6 théa f'(x,m)=07? Ta thuc hi¢n céc thao tac sau:
- Nhén phim may hoi X? Ta nhap gia tri 1 (Nhdp gid tri cia x =1 dé kiém tra).

- Nhan E may hoi M? Ta nhép % ( Nhap gia tri cua m :% dé kiém tra)

~Nhin tiép d4u [=] dwoc két qua hién thi nhu sau:

Math A

9 (3 -omie )], b

. . 3 3 :
% Thay voi x=1L,m= > thi f'(x,m)=0suyra m= 5 co the la dap an dang.
+ Bwéc 3.2: Dé thir lai véi m :% xem ham sb c6 dat cuc tiéu tai x =1 hay khong? Ta thyc hién cac

thao tac sau:
- Nhén phim may hoi X? Ta nhap gia tri 1-0.1 (Nhdp gia tri cua x=1-0.1).
- Nhén E may hoi M? Ta nhap % ( Nhdp gia tri cua m =%)

-Nhén tiép dau E duoc két qua hién thi nhu sau:

Math & ||

2 (y3- EH}i+1]|x_

1I:II:I

*,

=57
® Suyra /'(09)=—=<0 (1
yra f'(0.9) 100 (1)

- Nhan phim may héi X? Ta nhap gia tri 1+0.1 (Nhdp gia tri cua x=1+0.1).
- Nhén E may hoi M? Ta nhap % ( Nhdp gia tri cua m =%)

-Nhén tiép dau E duoc két qua hién thi nhu sau:

|
dx':."-'iﬁ EI'-'I."-{+1:||;,:_
1|:u:|
% Suyra f(l. 1)_%>0 (2)
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+ Tir (1) va (2) suy ra £(x) doi ddu tir am sang duong khi qua x =1vay ham s6 dat cuc tiéu tai
x=1=m =% thoa man. Vay chon B.

» Cach2:
Bude 1: Nhap biéu thic %()ﬁ —2MX +1)
man hinh bang cach bam lién tiép cac phim sau:

|SHIFT| j =| ALPHA IMIXD 131-l2ll aLPHA| M +] 4LPHA |M|+||1|||>|| ALPHA IM

. (tham s6 m dwoc thay béi bién M trong mdy tinh) 1én

Khi @6 man hinh xuat hién nhu sau:

Math &

(R -2M 1)] e

Buwdc 2: Thi phuong an A.

+Dékiém travoi x=1m :% co thoa f'(x,m)=07? Ta thyc hién cac thao tac sau:
- Nhén phim may hoi X? Ta nhap gia tri 1 (Vi dé cho x=1 la diém cuu tiéu).
- Nhén E may héi M? Ta nhép _73 ( Nhap gia tri ciia m = _73 dé kiém tra)

-Nhén tiép dau E duoc két qua hién thi nhu sau:

Math A

S (REF-2M+1)] b
E

- Thay véi x=1;m = _73 thi f'(x,m)=6#0suyra m= _73 khong thoa. Loai A.

Buwdce 3: Tht phuong an B.

+Pé kiém tra voi x=1;m =% co thoa f'(x,m)=07? Ta thyuc hi¢n cac thao tac sau:

- Nhén phim may hoi X? Ta nhap gia tri 1 (Nhdp gid tri cia x =1 dé kiém tra).
- Nhén E may héi M? Ta nhép % ( Nhdp gia tri cia m =% dé kiém tra)

-Nhén tiép dau E duoc két qua hién thi nhu sau:

Math A

(%3 -2Mr+1)] .k

0

4 Thay véi x=1;m :% thi f'(x,m)=0nhung m :% chua chic dung vi x =1¢6 thé 1a diém

cuc dai. Dé chic chan ta can kiém tra tiép hai phuong 4n con lai 1a C va D.
Buée 4: Thi phuwong an C.

- Nhén phim méy hoi X? Ta nhap gia tri 1 (Vi dé cho x=1 la diém cuu tiéu).
4 5 _2 A . . ” _2 A A
- Nhan E may hoi M? Ta nhap ?.( Nhdp gia tri cua m = 3 de kiem tra)

-Nhén tiép dau E duoc két qua hién thi nhu sau:
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Math A

S (REF-2M+ 10|,k

4. 3593303553

- Théy gia tri cua y'tai x=1;m = %2 bang 4.333333333 = Osuy ra m =%2 khéng thoa. Loai C.

Bwéc 5: Thur phuong an D.
- Nhén phim may hoi X? Ta nhap gia tri 1 (Vi dé cho x =1 la diém cueu tiéu).

\]

/4 o e 2 A . . ” A 7R
- Nhan E may hoi M? Ta nhap 3 ( Nhdp gia tri cua m :§ de kiem tra)
-Nhin tiép diu E dugc két qua hién thi nhu sau:
I

Math & |

SR -2+ )| b
1. BEAEBEEET

- Théy gia tri cua y'tai x=1;m zg bang 1.666666667 # 0 suy ra m :% khong thoa. Loai D.

Do cac phuong an: A; C; D d3 bi loai. Vay chon ngay dap an B ma khong can phai thir lai.

2
Vi du 5: Xéac dinh gia tri ctia tham s6 m dé ham sb yszxJr1 dat cuc daitai x =27
xX+m
A. . m=-1. B. m=-3. C.m=-3;m=-1. D.m=1m=3.

Bai giai:

Budée 1: Nhap biéu thic = Y] (tham s6 m dwoc thay boi bién M trong mdy tinh) 1én
+

d [X2+MX+1]
X

x=X
man hinh bang cach bam lién ti€p cac phim sau:

SaLpaA |x* [+[aLraA M +TaLPHA] 1V [ALPHA]) [+ [ALPHA] M +]
E — — —

[>[>] aLPHA]))|

Khi @6 man hinh xuat hién nhu sau:

SHIFT j -

M 7| Math &

e [H2+r-1:=-=:+1

dx A+ ]l =

Buwéc 2: Thu phuong an A va C.
+ Bwoc 2.1: B¢ kiém tra voi x =2;m=—1 co théa f'(x,m)=07? Ta thuc hién cac thao tac sau:
- Nhan phim may hoi X? Ta nhap gié trj 2 (Nhdp gid tri ciia x =2 dé kiém tra).
- Nhan E méay hoi M? Ta nhap —1.( Nhdp gid tri ciia m =—1 ¢ kiém tra)
-Nhin tiép diu E duoc két qua hién thi nhu sau:
M F] Math & |

e [HE+MH+1
ox

Fr ]lx:H
0

- Thay v6i x=2;m=—1 théa f'(x,m)=0.
+ Bude 2.2: Dé thir lai véi m = —1 xem ham s6 c6 dat cuc dai tai x =2 hay khong? Ta thyc hién cac
thao tac sau:
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- Nhén phim méy hoi X? Ta nhap gia tri 2-0.1 (Nhdp x =1.9 < 2dé kiém tra ddu y).
- Nhan [=] méay héi M? Ta nhap —1( Nhdp gid tri ciia m=—-1)
-Nhén tiép dau E duoc két qua hién thi nhu sau:

] F| Math & |
e [F’-’.E +|~1.‘>:+1]
o P | r=¥

-0, 2345673012

% Suyra £(1.9)<0 (1)

- Nhan phim méy hoi X? Ta nhap gia tri 2+0.1 (Nhdp x =2.1> 2 dé kiém tra ddu y").

- Nhén [=] méay héi M? Ta nhap —1( Nhdp gid tri ciia m=—1)

-Nhén tiép dau E duoc két qua hién thi nhu sau:

[ H B Math & ||
o [ ML +ME+1 ]

o H+ | X=A

0. 173553719

% Suyra f'2.1)>0 (2)

+ T (1) va (2) suy ra £(x) doi dau tir am sang duong khi qua x =2 vay ham s dat cuc tiéu tai x=2.

Vay Loai A va C.
Buwée 3: Thu phuong an B.

+ Bwéc 3.1: Kiém tra v6i x =2; m = -3 c6 thoa f'(x,m)=07? Ta thuc hién céc thao tac sau:

- Nhén phim may hoi X? Ta nhap gia tri 2 (Nhdp gid tri ciia x =2 dé kiém tra).
- Nhén E may hoi M? Ta nhap —3 ( Nhdp gid tri ciia m =—3 dé kiém tra)
~Nhén tiép ddu [=] duge két qua hién thi nhu sau:

] F| Math & ]
e [HE+MH+1]
) |I=H

0

ox

% Thay voi x=2;m=-3 thoa f'(x,m)=0

+ Buéc 3.2: Dé thir lai voi m = -3 xem ham s co dat cuc dai tai x =2 hay khong? Ta thyc hién cac

thao tac sau:

- Nhén phim méy hoi X? Ta nhap gia tri 2-0.1 (Nhdp x =1.9 < 2dé kiém tra ddu y).
- Nhan [=] méay héi M? Ta nhap —3 ( Nhdp gid tri ciia m=-3)

-Nhin tiép diu E dugc két qua hién thi nhu sau:

(I [Fi Math & ||
o [HE+MH+1]
Fit i |x=H

0.173553719

o

% Suyra f'(1.9)>0 (3)

- Nhén phim may hoi X? Ta nhap gia tri 2+0.1 (Nhdp x =2.1> 2 dé kiém tra ddu y’)
- Nhén [=] méay héi M? Ta nhap —3 ( Nhdp gid tri ciia m=-3)
-Nhén tiép dau E duoc két qua hién thi nhu sau:
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[ w [F] Math & |
e [H2+MH+1]
dx 7tk |:|:=F'=:

-0, 234567301 2

% Suyra f'2.1)<0 (4)
+ T (3) va (4) suy ra £(x) doi dau tir drong sang 4m khi qua x =2 vay ham s dat cuc dai tai
x =2 = m=-3 thoa man. Vay chon B.
v' Chi y: Cé nhiéu hoc sinh khéng nim viing thugt todn chi thwe hign bwéc tinh f'(x,m)va
m=-3
i (khong thir lai) tir dé chon phuwong dn C thi dé la
m —

gidi phwong trinh f'(2,m)=0< {

mot sai ldm.

1.5 Dang 5: Gia tri 16n nhat (GTLN) va Gia tri nhé nhat (GTNN) ciia ham sd.

Bai toan : Cho ham s6 y = f(x) xac dinh, lién tuc trén doan [a; b] . Tim GTLN, GTNN
ciia ham sb trén doan [a; b].

1Cosély tl}uyét: ‘ ) ’

- Moi ham s0 lién tuc trén mdt doan deu c6 gia tri 1on nhat, gia tri nhoé nhat trén doan do.
2. Giai phap: Dung chuc nang (Chtrc nang lap bang gia tri ciia ham sd).

Buwéc 1: Dinh dang bang tinh cho may tinh thuc hién cac thao tac sau:

- Nhin |SHIFT||MODE||§| (aé chon logi bang tinh chi co mgt ham 50)

elect Twpe?
flxl

sflxl.alx]

Budc 2: Nhap ham tinh thue hién cac thao tac sau:
- Nhan |[MODE||7| man hinh xuét hién nhu sau:

foxnd

- Nhép biéu thire f(x) vao man hinh:

[} Math

- Nhén du [=] may hoi Start? (gi tri bit du ciia x) ta nhap a.

- Nhan s6 @ va nhin diu E may hoi End? (gia tri két thuc cta x) ta nhap b

- Nhén s6 [b] va nhin d4u [=] méay hoi Step? (bwéc nhiy)

ﬁten?

F] Hath

0.1
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End — Start

+ Budc nhay thuong tinh theo cong thuc: |Step = 0

(thuong nhdp Step: 0.1 hoac 0.2)

- Nhan so va nhan dau E trén man hinh xuat hién bang sau:

|cot gia trichax |

Cot gid tri cha f(x)

- Pay 1a bang tinh gi tri ctia ham s0 y = f(x) trén doan [a; b](c6 khoang 20 gié tri)

Budc 3: Dura vao bang trén dé tim Gia tri 16n nhét va gia tri nhé nhit ciia ham sé.

- Bam phim B di chuyén con tré sang cot gia tri cia f(x) (dé cho d& quan sat)

- Bam phim @Va‘l @ dé di chuyén con tré xuéng dudi hodc 1én trén va quan sat gia tri clia
Chu y:

+ Gid tri lon nhat trong cét f(x) chinh la gid tri lon nhat ciia ham so.

+ Gid tri nho nhat trong cét f(x) chinh la gia tri nho nhat ciia ham so.

f(x) nam phia duéi goc phai ciia man hinh (cac gi tri nay s& thay d6i khi di chuyén con tro).

% Vi du 1: Gia tri 16n nhat va gia tri nho nhat ciia ham sb y=2x’—3x* —12x+2 trén doan

[1' 3] la:
A. maxy=9; min y=-18. B. max y=-7; min y =-18.
[l 3] [1 3] [1 3] [1 3]
C. max y=-11; min y =—18. D. max y=-7; min y =-11.

[1;3] [1; 3] [1;3] [1;3]
(Trich Cau 16 ma dé 209-Pé thi hoc ky I nam hoc 2016 -2017 ciia S6 GD va PT Binh Dwong)
Bai giai:
Bude 1: Dinh dang bang tinh cho may tinh thwe hi¢én cac thao tac sau:
- Nhin [SHIFT|[MODE|[V|man hinh xuét hién nhu sau:

| I
1:ab-C - P ot
sCHMPLE 41 ETAT
TAELE &:RdeC
tbiz=kE S ACOMT B

- Nhén [5] man hinh xuét hién nhu sau va nhan [1] ( dé chon loai bang tink chi ¢6 mét ham s6)

elect Twpey
flxl

tfixl.aix]

Buée 2: Nhap ham tinh thwc hién cac thao tac sau:
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- Nhén man hinh xuét hién nhu sau:

i?u::-::ml o i

- Nhép biéu thirc f(x)=2X"> —3X? —12.X +2 vao man hinh bang cach bam lan luot cac phim sau:

2[aLpPaAl [>T T3l azpaaAl)| |2l 4zPHAl 2]

Khi d6 trén man hinh may tinh xuat hién nhy sau:

: Math ‘

fURI=247 -8 -1 20+2

- Nhén du E may hoi Start?

- Nhén s6 [1] va nhin diu E may hoi End?

- Nhén sb va nhan dau E may hoi Step?

- Nhin s6 [0.1] va nh&n ddu [=| trén man hinh xut hi¢n bang sau:

|cot gia trichax |

Cot gia tri cha f(x)

Vit 6 a2 L.
Vitricon tro Gid tri cha x tai vi tri

hi&n hanh cla con trd

- PBay la bang tinh gia tri ctia ham sb y=2x"—3x>—12x+ 2 trén doan [1; 3] (c6 khoang 20 gia tri)
Budée 3: Dura vao bang trén dé tim Gia tri 16n nhit va gia tri nhé nhit ciia ham sé.

- Bim phim E' di chuyén con tro sang cot gia tri ctia f(x) (dé cho d& quan sat)

- Bam phim Eva @ dé di chuyén con tro xuéng dudi hodc 1én trén va quan sat gia tri ciia f(x) nam
phia duéi goc phai ciia man hinh (cac gia tri nay s& thay doi khi di chuyén con tro).

Ta thay:

+ Gié tri 16n nhat trong cdt f(x) 1a -7 .Day chinh la gia tri 16n nhat cua ham so.
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Vay chon dap an B.
2
% Vi du 2: Tim gia tri nho nhét ciia ham s§ y = al 13 trén doan [2; 4] la:
x—
. . . : 19
A. min y=6. B. min y=-2. C. min y=-3. D. min y=—.
[2;4] [2;4] [2;4] [24] 3

(Trich Cdu 6 Dé thi thir nghi¢m lan 1 ciia Bé GD va DT)
Bai gidi:
Buéc 1: Dinh dang bang tinh cho may tinh. (Coi buéc 1 trong vi du 1)
Buée 2: Nhap ham tinh thwc hién cac thao tac sau:

-Nhén [MODE||7| man hinh xuét hi¢n nhu sau:
M
- Nhap biéu thirc f(x)=2X" —3X? 12X +2 vao man hinh bang cach bam lan luot cac phim sau:

E' ALPHA|) [ [F IV azprAl 1]

Khi d6 trén man hinh may tinh xuat hién nhu sau:

[} Math

- Nhén du E may hoi Start?

- Nhén s6 [2] va nhén d4u [=] may hoi End?

- Nhan s6 [4] va nhin ddu [=] may hoi Step?

- Nhan so va nhan dau E trén man hinh xuat hién bang sau:
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F]
FRd
q

2. | |6."13E63
a.a|B.5333

2
- Pay 1a bang tinh gia tri ciia ham s6 y = x_+13 trén doan [2; 4] (c6 khoang 20 gié tri)

Budéc 3: Dura vao bang trén dé tim gia tri nho nhat ciia ham so.

- Bam phim E di chuyén con tro sang cot gia tri cia f(x) (dé cho dé quan sat)

- Bim phim @Vé @ dé di chuyén con tré xudng dudi hodc 1én trén va quan sat gia tri ctia f(x) nam
phia du6i goc phai cua man hinh (cac gia tri nay s€ thay d6i khi di chuyén con tro).

Ta thay: ) ) )

+ Gia tri nho nhat trong ¢4t f(x) la 6. Day chinh la gia tri nho nhét cua ham so6

Math

Vay chon dap an A.
% Vidu 3: Gia tri 16n nhét va gia tri nho nhat ciia ham s6 y = x—v4—x* la:
A. maxy:\/f;miny:—Z. B. maxy:2;miny:—2«/§.
D D D D
C. maxy:2\/5; min y =—2. D. max y=0; minyz—\/z.
D D D D

(Trich Cau 14 ma dé 209-Dé thi hoc ky I ndam hoc 2016 -2017 ciia S6 GD va DT Binh Duong)

Bai gidi:
Buéc 1: TXD: D =[-2;2].(Dé nhép gia trj Start: -2; End: 2)

Buéc 2: Dinh dang bang tinh cho may tinh. (Coi buéc 1 trong vi du 1)
Bude 3: Nhap ham tinh thuce hién cac thao tac sau:

- Nhan man hinh xuat hién nhu sau:

i?’u::-::ml o i

- Nhép bidu thire f(x) = X —+4— X vao man hinh bang cach bdm 1an luot cac phim sau:

arprAlD[=IVa]4l=TALrHA

Khi d6 trén man hinh may tinh xuét hién nhu sau:

fRI=K—14-4=]

Math

- Nhin ddu [=| méy hoi Start?

- Nhén sb va nhan déu E may héi End?
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[} Math

End?

- Nhan s6 va nhan dau EI may hoi Step?

§ten?

[} Math

0.2

- Nhan s6 va nhan dau E trén man hinh xuat hién bang sau:

F] Math
F il
=

-g. b1l
-EIH

- Day 1a bang tinh gia tri cia ham sb y=x—+4—x" trén doan [—2; 2] (c6 khoang 20 gia tri)

Budée 3: Duwra vao bang trén dé tim Gia tri 16n nhét va gia tri nhé nhit ciia ham sé.

- Bam phim E' di chuyén con tro sang cot gia tri cia f(x) (dé cho dé quan sat)

- Bam phim Evé @ dé di chuyén con tré xubng dudi hodc 1én trén va quan sat gia tri cia f(x) ndm
phia duéi goc phai ciia man hinh (cac gia tri nay s& thay doi khi di chuyén con tro).

Ta thay:

+ Gia tri 16n nhat trong ¢6t f(x) 1a 2 .Day chinh la gid tri 16n nhat cua ham so6.

Théy: —2v2 ~—2.828285686
Véy chon dap an B.

% Vi du 4: Gia tri 16n nhit va gia tri nho nhét ciia ham s6 y =x"Inx trén[l; e] la:

A. maxy=e; min y=-1. B. max y=e’; min y=0.
[l;e] [l;e] [l;e] [1;e]
C. max y=e¢’; min y = —e. D. max y=2¢’; min y=1.

[1;e] [1;e] [1;e] [1;e]
(Trich Cau 39 ma dé 209-Pé thi hoc ky I nam hoc 2016 -2017 ciia S6 GD va PT Binh Duwong)
Bai giai:
Buéc 1: Dinh dang bang tinh cho may tinh. (Coi buéc 1 trong vi du 1)
Bude 2: Nhap ham tinh thuce hién cac thao tic sau:

- Nhén man hinh xuét hi¢n nhu sau:

i food i
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- Nhap biéu thirc (x) = X In X vao man hinh bang cach bam lan luot cac phim sau:

|ALPHA|@|x—2|| In[ALPHA))|

Khi d6 trén man hinh may tinh xuat hién nhu sau:

FOI=KZ 10000

- Nhén ddu [=] méy hoi Start?

F] Math

- Nhén s6 [1] va nhén déu E may hoi End?

End?

[F] Maith I

2. 118281828
- Nhén sb @ (bang cach bam ) va nhan dau E may hoi Step?

F] Hath

ﬁten?

- Nhan so va nhan dau E trén man hinh xuat hién bang sau:
Math |

F]
F il
1]

- Pay la bang tinh gia tri ciia ham s6 y = x* Inx trén doan [1; e] (c6 khoang 20 gia tri)

Budée 3: Dyra vao bang trén dé tim gia tri nho nhat ciia ham so.

- Bam phim E' di chuyén con tro sang cot gia tri cia f(x) (dé cho dé quan sat)

- Bam phim Evé @ dé di chuyén con tré xubng dudi hodc 1én trén va quan sat gia tri cia f(x) ndm
phia dudi goc phai cia man hinh (cac gia tri nay sé thay d6i khi di chuyén con tro).

Ta thay:

+ Gia tri nho nhat trong ¢t f(x) 1a 0. Pay chinh la gia tri nhé nhat cia ham so

I ™ F| Math |

+ Gia tri 16n nhat trong cot f(x) 1a 7.240805425 D4y chinh 1a gi tri 16n nhat cta ham s6.
Vay chon dap an A.

Ta thiy: ¢’ ~7.240805425 viy chon Dap an B.
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1.6 Dang 6: Pwong Tiém Can.

Bai toan: Cho ham sd y = f(x) c6 dd thi (C).Tim cAc dwong tiém cin cia do thi ham sd.

1. Co s Iy thuyét:

1.1 Pinh nghia dwong ti€ém cin:

Cho ham So;y = f{x) xac dinh trén mot khodang vé han (la khodng co dang (a; + oo), (—oo; b),
hogc (—o0; +))

a) Puong thang y = Y, duwoc goi la tiém cdn ngang cua dé thi ham s6 néu it nhat mét trong
cac diéu kién sau théa man: lim f(x) = Yo, lim f(x)=y,.

b) Puong thcfng X =Xx, dwoc goi la tiém cdn ding cia do thi ham sé néu néu it nhat mot
trong cac diéu kién sau théa man:

lim f(x) =+, lim f(x)=—o0, lim f(x)=-o0, lim f(x)=+w.

XXy

v Tém lai: dé tim cac dudng tiém c4n ta phai tinh cac gi6i han trén.
1.2 Thue chat cia phép tinh giéi han
- Phép tinh lim f(x) twong dong voi phép tinh gia tri cua ham so f(x) tai x = x,.
XX,

- Phép tinh lim f(x) tuwong dong véi phép tinh gid tri ciia ham s6 f(x) tai mot s6 dwong di

lon
- Phép tinh }Lnl 1(x) tuwong dong véi phép tinh gid tri ciia ham s6 f(x) tai mot s6 am cé gid
tri tuyét doi dii I6m.
2. Gidi phap: Dung thuit todn tinh gié¢i han bang may nhu sau:
- Nhap bicu thic can tinh gioi han
- Géan cho bién x mot gi tri gan dung bang 1énh .
3. Thuit toan chi tiét cho tirng truwong hop nhu sau:
Buwdce 1: Nhap cong thirc ciia ham s6 can tinh gidi han 1én man hinh.
Buérc 2: Nhan phim may hoi X?. Nhap gia tri cua x theo qui udc sau:
- Néu x — x, thi tanhap: x, £107"
-Néu x — x; thi tanhap: x, +107"°
-Néu x — x, thi ta nhap: x,—107"°
- Né:u x —> +oo thi ta nhap: 999.......9 (khodng 13 chit sé 9)
- Néu x > —oo thi tanhap: —-999.......9 (khodng 13 chir so 9)
Buéc 3: Nhian E va doc két qua theo qui wéc sau:
- Néu két qua cua phép tinh bang may 1 a (hodc sip si bang a) thi két qua cta gidi han can.
- Néu két qua cuiia phép tinh bang may c6 dang a.10" (voi a > 0;neZ") thi két qua cia gisi
han can tinh 1a: 4.
- Néu két qua cuia phép tinh bang may c6 dang a.10" (v6i a <0; n € Z") thi két qua cua gidi
han can tinh 1a: —o.
- Néu két qua ctia phép tinh bang may c6 dang a.10™" (v6i n e Z") thi két qua cua gidi han
cantinh la: 0.
+ Chii y: Néu mdy bdo 16i thi 6 budc 2 ta ldy it chir sé thdp phéin hon.
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, 2x+1 L
% Vidu 1: Cho hamso f(x)= 5 . Tinh céc gioi han sau:
a) lim /(x). b) lim f(x). ¢ lim f(x). d) lim f(x).
X—>+0 X—>—0 x—2" x—2"

Bai gai:
» 2X +1
Buée 1: Nhap biéu thuc 5%

.vao man hinh bang cach bam lan lugt cac phim sau:

Elzll ALPHA|)[+[1[v][4LPHA])]x]=]2] Khi d6 man hinh xuét hién nhu sau:
O

M Fi Math

Z#+1
A=z

Buée 2: Tinh cac giéi han.
+ Tinh lim £ (x).
- Nhén phim [CALC| may héi X? ta nhap 9999999999999 (khodng 13 chit sé 9) va nhan diu [=] . Két

quéd xuat hién trén man hinh nhu sau:

M
Z28+1

[} Math &

A=

1A P . 2x+1
Tu két qua nay suy ra lim =2.
x40y — D

+ Tinh lim f(x).
- Tiép tuc nhan phim |CALC| may hoi X? ta nhap -9999999999999 (khodng 13 chir sé 9) va nhan dau

E . Két qua xuat hién trén man hinh nhu sau:

M [} Math &

1A P . 2x+1
Tu két qua nay suy ra lim =2.

x>0 x —7

+ Tinh lim f(x).
x—2"

- Tiép tuc nhan phim |CALC| may héi X? ta nhap:2+107" (tinh giéi han phii tai x = 2) va nhan dau

E. Két qua xuat hién trén man hinh nhu sau:

; , ‘. . 2x+
Tur ket qua 1a mdt s6 duong twong doi 16n suy ra lim al 5= +00
=25 x —
+ Tinh lim f(x).
x—2"
- Tiép tyc nhan phim |CALC| may hoi X? ta nhap:2—107" (tinh giéi han trdi tgi x = 2) va nhan dau

E. Két qua xuat hién trén man hinh nhu sau:
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Tir két qua 1a mot s6 am ¢ gid tri tuyét di twong doi 16n suy ra lim =—0

x=2" x—2

2x—1-+x*+x+3
X’ =5x+6 .
A . x=-3.vax=-2. B. x =-3. C.x=3.vax=2. D. x =3.
(Trich Ciu 8 Dé thi thir nghiém lan 2 ciia B¢ GD va DT)

* Vidu 2: Tim tat ca cac tiém can dung ctia d6 thi ham s6 y =

Bai gidi:
+ Phan tich:
- Bé tim cac dudng tiém can dimg cua do thi ham sé y = f(x) ching ta phai di kiém mét trong cac
gioi han: lim f(x) =+ hodc lim f(x)=-o hodc lim f(x)=—o0 hodc lim f(x)=+o0cé thoa mén

X=X X=X,
hay khong?
S(x)
, g(x)
day ta c6 thé bam may de xu li bai todn trén nhu sau:
4+ Ciac budc bam may.
Buée 1: Tim nghiém phuong trinh x* —5x+6=0.ta thuc cac thao tac sau:

- Bém man hinh xuat hién nhu sau:

- B6i v6i ham phan thirc hitu ti dang thi x, thuong la nghiém cta phuong trinh g(x) =0. Tu

12 ans+bn=Cch
2 anstbnYY+onZ=dn

Jianz+bs+C=0
d:ans+bsze+CA+0d=0

- Bam s6 3] (giai phwong trinh bic 2) man hinh xuat hién nhu sau:
M ] Maith
i b (=
1 i1} ol
A

- Bdm s6 E (nhap hé s6 a, b, ¢ ctia phuong trinh x> —5x + 6 = 0.) man hinh xuat hién nhu
sau:

M O] Math Wi

2

Vay phuong trinh x* —5x +6 =0 c6 hai nghiém la: x, =3; x, =2. T day ta loai hai phuong 4n A va B.
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2x—1—+x*+x+3

Bugre 2: Tinh lim > thuc hién cac thao tac sau:
¥>3" X =5x+6
A -2 , 2X-1- X2+X+3 \ \ \ M , 4 X . ,
-Nhép biéu thirc .vao man hinh bang cach bam lan lugt cac phim sau:

X -5X+6

ElzllALPHAI =] Vo [azpaa]) | [ acpaa [+ BV [aPaA) | 5[ 4LPHA]
O

DI]e]

d6 man hinh xuat hién nhu sau:

Khi

Math

] =
w1 —dHE +E+T

HE —SE 6

~Nhén phim [CALC] may hoi X? ta nhap 3+0.0000000001 (khodng 10 chit sé 0) va nhan ddu [=] . Két
qué xuat hién trén man hinh nhu sau:

T?H—i—qlﬁi-::ﬁ+3
e

2x—1—\/x2 +x+3

Tir két qua nay suy ra lim =+00 = x = 31a duong tiém can ding cta do thi ham

X3t xP=5x+6
sO.
. 2x—1-4x*+x+43
Buwée 3: Tinh lim thuc cac thao tac sau:

X2 x*=5x+6
-Tiép tuc nhan phim |CALC| may hoi X? ta nhip 2+0.0000000001 (khodng 10 chit sé 0) va nhan dau

E . Két qua xuat hién trén man hinh nhu sau:

T kit qud 3 lim 2x—1-+x*+x+3
u két qua nay suy ra
q v Ly x2=5x+6

db thi ham sd. Vay loai C, Chon D.

# 100 = x = 2 khong phai 1a duong tiém cén dung cta

. . . 3x
% Vidu 3: S6 duong tiém can cua do thi ham s6 y =— I
X+

A. 0. B. L. C. 2. D. 3.
(Trich Cau 23 ma dé 209-Dé thi hoc ky I ndam hoc 2016 -2017 ciia S6 GD va DT Binh Duong)

la:

Bai giai:
+ Phan Tich:
- Thay phuong trinh X +1=0vo6 nghiém vay do thi ham sb khong c6 tiém can ding.
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) . . 3x
- Ta chi di tim tiém can ngang ctia do thi ham so, thong qua viéc tinh c4c giéi han lim o va
X—>+00 X +

+ Cac buéc bAm may.

. . 3x
Buéc 1: Bé tinh lim >— ta thuc hién cac thao tac sau:
x>+ x° 4 1

. X . L
- Nhép biéu thic Xz—vélo man hinh bang cach bam lan lugt cac phim sau:

EB" ALP HA| ) |V||ALP HA| ) |?||:||T| Khi d6 man hinh xuét hién nhu sau:
m]

M = Math

S
HZ 41

-Nhén phim |CALC| may hoi X? ta nhap: 9999999999999 (khodng 13 chit sé 9 vi x — +) va nhin

dau E Két qua xuat hién trén man hinh nhu sau:

. . 3x 3 .
Tu két qua nay suy ra 11111 T 0 = y =01a duong tiém cin ngang cuia do thi ham so.
X—>+0
i . 3x
Bugre 2: Tinh lim —
xoo x° 41

- Tiép tuc nhin phim |[CALC| may héi X? ta nhap: -9999999999999 (khodng 13 chir so 9 vi

x — —o0) va nhan dau E Keét qua xuat hién trén man hinh nhu sau:

. ) 3x . L .
Tir ket qua ndy suy ra lim — 1 =0= y =0 la duong tiém can ngang cta do thi ham so.
X—>—w x

Vay d thi ham s chi c6 mot dudng tiém can ngang. Chon B.

1.7 Dang 7: Phwong trinh tiép tuyén ciia dd thi ham s.

Bai todn 1: Cho ham s6 y = f(x) ¢6 d6 thi (C). Tim hé s6 géc cia tiép tuyén tai diém
M (xo; Yo ) .

1. Co s6 1y thuyét:

- Sir dung Dinh ly:

Dao ham cua ham so 'y = f(x) tai diém x, la hé so goc cua tiép tuyén cua do thi ham so tai
diém M (X35 v,)-

deé tinh dao ham cua ham so tai mot diem.

xX=0

2. Giai phap: Dung chirc nang %(D)
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3. Cac buéc bAm may nhw sau:

- Nhan [SHIFT]|["=
- Nhdp biéu thirc f(x)
- Nhap gia tri x,
-Nhdn ddu E
& Chii y: Trong trwong hop tinh [ '(x) tai nhiéu diém khdc nhau Xi»Xyy X5 oo Thay vi

nhdp truc tiép lin luot X,y Xyy X5 ou0 tA CO thé gan cho x mgt bién X roi diing lénh

CALC| dé tinhcho nhanh.

. A A Y £ ) R A x—1 . \ A
¢ Vidu 1: H¢ so goc cua tiép tuyén cua do thi ham so f(x) =—1 tai co hoanh d§ x, =-2
X+

bang:
A -2 B. 2 C. 1 D. -1
Bai giai:
+ Chi tiét tirng buéc bAm may

Buére 1: Nhap biéu thirc di(x__ij‘ vao man hinh bang cach bam lan luot cac phim sau:
e\x+1)| _,

SHIFT .[D:l E'@]EB . Khi d6 trén man hinh méy tinh xuat

hién nhu sau:

Vay chon dap an B.
. = . L ; -4 .
¢ Vi du 2: H¢ so0 goc cua tiep tuyén cia do thi ham so f(x) :x_2 tai c6 tung do y, =-5
X
bang:
A5 B. 4 C.6 D. -6
Bai giai:

+ Thuét toan:

- Dung chirc ning |SHIHF |+ |SOLVE

x,—4

~-5

dé tim nghiém X, ctia phuong trinh

X, +
\ ’ - d A or \ 5 \ A . A A r 5 A A
- Dung churc nang d_( f (x)) de tinh dao ham ctia ham so tai x,. (Hé s6 goc cua tiép tuyén)
X

X=X,

+ Chi tiét tirng buéc bAm may:
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Buéc 1: Tim x, ta thyc hién cac thao tac sau:

- Nhap biéu thirc +5 vao man hinh bang cach bam lan lugt cac phim sau:

X+2

B@E Khi d6 trén man hinh mdy tinh xuat hién nhu sau:

- Nhén lan lugt cac phim |SH1HF | + |SOL VE | man hinh may c6 dang:

Math &

ﬁnlwe fnrﬁx

- Nhap mét gia tri cho bién x (nén nhdp mét sé khdc -2) va nhan dau bang E duogc két qua xuat hién
trén man hinh nhu sau:

Vay ta tim dugc x, =—1.
Budce 2: Tinh f'(x,) ta thuc hién cdc thao tac sau:

B d -4 . . \
- Nhap bicu thirc d_( al 2) vao man hinh bang cach bam lan lugt cac phim sau:
X\ x+

x=-1

_[D:. B@B . Khi @6 trén man hinh méy tinh xuét

hién nhu sau:

- Nhén déu bang E dugc két qua: 6

Vay f'(x,)= f'(~1)=6.Chon dap 4n C.
% Vidu3: Cho hamsd f(x)=—-x"+3x-3c6 do thi la (C).Goi M 1a mot diém thudc (C)sao cho
tiép tuyén tai M song song voi duong thang y =-9x+2017 . Tim toa d6 cta diém M?
M(2;-5 M(2;5 M(2;-5 M(-2;-5
A.()B.()C.()D.()
M(=2;1) M(=2;-1) M(=2;-1) M(=2;1)

Bai giai:
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+ Phén tich:
- Goi M(x,; y,) la tiép diem.
- Vi tiép tuyén song song v6i dudng thing y = —9x+2017nén: f'(x)=-9 @)
- Vi M(x,; y,) €(C) nén y, =-x;, +3x,-3 (2)
+ Thuét toan:
<\ A ’ - d \ A < R ~ N ’ )
- Dung t6 hop chirc nang d_( f (x)) va |CALC| dé kiém tra x,(dd cho trong tung phwong dn) co
X X=X
thoa phuong trinh (1) hay khong?
- Dung chtrc nang|CALC|v6i x,vira tim dugc ¢ trén dé tinh ¥, theo cong thirc (2).
- Néu cip s6 (x,; y,)nao ma théa man dong thoi ca hai diéu kién (1) va (2) thi d6 14 toa d6 cua diém
M‘ r r
+ Chi tiét tirng bué'c bam may:

Bude 1: Tim x, ta thuc hién cac thao tac sau:

vao man hinh bang cach bam lan lugt cac phim sau:
x=X

[sHiFT] [ =[] ALPHAI])[x°|[3[>] [ B[ALPHAI|[ -] B][>][ALPHAI )] . Khi d6 trén man hinh

may tinh xuat hién nhu sau:

- Nhép biéu thirc i(—)ﬁ +3X — 3)
dx

M Math

(-0 +35-3)| 1osg

- Nhan phim [CALC|. My héi X?
- Nhap mot gia tri cho bién x 12 2 (2 la hoanh d¢ ciia M di cho trong cdc phwong dn) va nhan dau
bang E dugc két qua xuat hién trén man hinh nhu sau:

Math &

S (-%F -3 b

(]

3

- Tiép tuc nhan phim |[CALC|. May héi X?
- Nhap mét gia tri cho bién x 14 -2 (-2 la hoanh d¢ ciia M dd cho trong cdc phwong dn) va nhan dau
bang E duogc két qua xuat hién trén man hinh nhu sau:

Math &

S (-5ZF+35-3)] Lk

3

Thdy x = +2 déu thoa phuong trinh (1), Vay x, = +2
Budce 2: Tim y, ta thuc hién céc thao tac sau:

- Bam nat @ de di chuyeén con tro dén vi tri cua dau moéc mé (nhu hinh)

Il D= +3%-3)] b

9
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Iuc nay man hinh c6 dang

xX=

- Nhéan nat dé x0a chirc ndng di( )
X

B Math & ‘

W
Fi= +3%-3
(Hodc la nhap lgi biéu thirc |—X° +3X —3|vao man hinh, nhw viy sé mdt thoi gian)

- Nhén lan lugt cac phim [CALC|. May héi X?
- Nhép mot gia tri cho bién x 14 2 (2 la hoanh dp ciia M di cho trong cdc phwong dn) va nhan dau
bang E duogc két qua xuat hién trén man hinh nhu sau:

Co nghia la v6i x, =2=> y, =—-5. Viy M (2;-5)

- Tiép tuc nhan phim |CALC|. May héi X?

- Nhap mét gia tri cho bién x 14 -2 (2 la hodnh do ciia M da cho trong cdc phwong dn) va nhén déu
bang E duogc két qua xuat hién trén man hinh nhu sau:

F] Math &

Co6 nghia la v6i x, = 2=y, =—1. Vay M (-2;-1)
Vay chon dap an C.
% Vidu 4: Cho ham s6 f(x)=xInx c6 d6 thi la (C). Tiép tuyén cua (C) tai M vudng goc véi
duong thang y = —?x +1. Hoanh do cua M la:

A. € B. ¢ C. ¢ D. ¢
Bai giai:
+ Phan tich:
- Goi M(x,; y,)la tiep diém.
- Hé s goc cua tiép tuyén la: f '(x,)-

-Vi tiép tuyén vudng goc véi duong thang y = —%x +1 nén _?l.f (x)=-1< f'(x,)=3(1)
+ Thuét toan:

- Dung 6 hop chirc ning di( f(x)) va |CALC| dé kiém tra x,(dd cho trong timg phwong dn) c6
x

thoa phuong trinh (1) hay khong?
- Néu gia tri x, nao ma théa man phuong trinh (1) thi do 1a hoanh d¢ ctua diém M.
+ Chi tiét tirng buéc bAm may:

vao man hinh bang cach bam lan lugt cac phim sau:
x=X

Buéce 1: Nhép biéu thic di(Xln X)
X
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[SHIFT] j “al4LPHA||)|[n] 4LPHAI)|)[>[4LPHA])| . Khi d6 trén man hinh may tinh xuat hién

o

nhu sau:
M Fi| Math

S RINCKD Y] s

Budére 2: Nhan 1an luot cac phim |CALC|. May héi X?
Budc 3: Pé kiém tra phwong 4n A ta nhap gia tri cho bién x 1a ¢ (&* la hoanh d¢ ciia M dii cho
trong phwong dn A) va nhan dau bang E dugc két qua xuat hién trén man hinh nhu sau:

Math A

S CRINCRD Y s

3

Thay két qua bang 3 suy ra x, = €’ 1a nghiém cta phuong trinh (1) vay chon dap an A.

Chit y: Néu két qua ciia phép thir & ddp dn A ma khéc 3, thi tiép tuc bam nit |CALC| dé thir cac
phwong an con lqi.

Bai todn 2: Cho ham s6 y = f(x) ¢6 d6 thi (C). Viét phwong trinh tiép tuyén ciia do thi
(C) tai diém M (x,; ).

1. Co sé' Iy thuyét: o ‘ , 7
Diéu kién dé duong thang (d):y=ax+b la tiep tuyén cia do thi ham so y = f(x) tai diém

(x,)=a
M(xo;yo)ld: {f( o)
Vo =ax,+b
2. Giai phap:

dé tinh hé so goc cua tiép tuyen.
X=X,

- Ding chike ndng |CALC| dé kiém tra M (xo; yo) 6 thuée dwong thang (d):y=ax+b?
3. Cac buéc bAm may nhu sau:

- Nhdn [=

- Nhép biéu thire f(x)
- Nhap gia tri x,

- Dung chirc nang di(f(x))
X

-Nhan ddu E (két qua xudt hién trén man hinh la hé sé géc cua tiép tuyén, so sanh két qua
nay véi hé sé a)

- Nhdp biéu thirc ax+b— yding lénh gan x =X,y =Y,

- Néu két qua bang 0 thi M € d. Ngwoc lai M ¢d.

% Vidu1: Cho hamsé y =x* —3x?c6 d6 thi 1a (C). Tiép tuyén cua d6 thi ham s tai diém
M(1; -2) la:
A. 3x+y-1=0 B. -3x+y-1=0 C.3x+y+1=0 D.3x—-y-1=0
(Trich Cau 3 ma dé 209-Dé thi hoc ky I nam hoc 2016 -2017 cia S6 GD va PT Binh Dwong)
Bai giai.
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+ Phan tich:

- Nhan thay hé s0 goc cua cac duong thang trong cic phuong an la k£ =3hodc k=3nén ta tinh
S '(x,) (hé so goc cua tiép tuyén) dé loai trir cac phuong an sai.

- Biét phuong trinh tiép tuyén trong céc phuong én déu c6 dang: ax+by+c=0 (1)

- Vi tiép tuyén qua M (x,; y,)nén (1) < ax, +by, +c=0

+ Chi tiét tirng buéc bAm may

Budée 1:Xac dinh hé s6 goc ciia tiép tuyén ta thuwe hién cac thao tic sau:

- Nhap biéu thuc i(X3 -3X?)

p vao man hinh bang cach bam lan lugt cac phim sau:
X

x=1

[st1FT] [ = [azrrA|)| < |BII=I3[ALPHAID][* [>]>]1]. Khi d6 trén man hinh méy tinh xuét

hién nhu sau:

M Math &

kel | I

- Nhan dau E . Khi @6 trén man hinh méy tinh xuét hién nhu sau:

Math &

S (REF-352) ..,

Suy ra hé s6 goc ciia tiép tuyén 1a f '(x,) =—3. nén loai hai phuong 4n B va D

Budée 2: Tim phwong trinh tiép tuyén.

+ Thir phwong an A

- Nhan phim va nhap biéu thirc 3.X +Y —1 vao man hinh bang cach bam lan luot cac phim sau:
|3|| ALPHA||+|| ALPHAHS & D||3 . Khi d6 trén man hinh may tinh xuét hién nhu sau:

‘i -1 i

- Nhan phim [CALC|. May hoi X? Nhap mot gi tri cho bién X 1a 1 (I la hoanh diém M) va nhan dau
bing |=]. May hoi Y? Nhap mot gié tri cho bién Y 14 -2 (-2 la tung dé diém M) va nhin ddu bing [=]
man hinh xuét hién nhu sau:

Thay két cta thir bing 0 = M (1;-2) e (d) :3x+ y—1=0va hé s6 goc clia (d) la
k= f'(1)=-3= (d)latiép tuyén. Vay chon dap 4n A.
Chit y: Néu phwong dn A khéng thoa thi chon ddp an la C, vi hai phwong dn B va D da bi logi.
% Vidu2: Chohamséd y= f(x)= 2x_—11 . Tiép tuyén cuia do thi ham s tai diém c6 hoanh do
X+

bang 2 la:

1 1 | |
Ay=—x+— B.y=—x—— C.y=—x D. y=—x-1
T3S Y7373 73 73
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Bai giai.
+ Phén tich:
- Biét x, suy ra h¢ so goc cua tiép tuyeén l1a k = f'(x,)
- Viét phuong trinh tiép tuyén duéi dang: y=kx+b (1)
- Tim hé s6 b:
Vi tiép tuyén qua M (x,; y,)nén (1)< y, = £'(x,)-%, +b < b=y, - £1(x,)x, (2)
- Thay (2) vao (1) ta duoc tiép tuyén can tim.
+ Tong quat cac bwé'c bam may:
d 2 Z L 7
- Dung chirc ning d_( f(x))|  détinh hé s6 goc cua tiep tuyen.
X

X=X

- Dung t6 hop phim
2X -1
X+1
sO b trong cong thirc (1).
- Thay A va bvao (1) dugc phuong trinh tiép tuyén can tim.
2) Chi tiét tirng buwéc bAm may

Buwéc 1: Tinh hé s6 goc ciaa tiép tuyén.

- Nhap biéu thirc i(” _lj
dx\ X +1

—) de€ luu hé so goc vura tinh vao bién A.

—_

- Nhap biéu thic:

— A.X va dung chirc nang|CALC|v6i x,(x,la hoanh do tiép diém) dé tinh hé

vao man hinh bang cach bam lan lugt cac phim sau:

x=2

jum 2 E@BB . Khi @6 trén man hinh méy tinh xuét
=~ O]

hién nhu sau:

Buéc 2: Luu hé s6 goc vao 6 nhé A trén may tinh.

- Nhan lan lugt cac phim ()| (Tinh i(ZX—lj

va luu vdo bién A). Khi @6 trén
x=2

dx\ X +1

man hinh may tinh xuat hién nhu sau:

F| Math &

- [ E;-:Hfii ]| x=z"H

ISRl |

( Day chinh la gia tri cua f'(x,)suy ra f'(x,) = %')

Budc 3: Tinh hé s6 b trong phuwong trinh tiép tuyén.

- Nhin [AC]|va nhép biéu thirc 2; _11
+

[= = lazpaAlD| IV [ALPHAD [>Tl -TALPHA] (O] ALPHA]D] . Khi db trén
s_|o

man hinh may tinh xuat hién nhu sau:

— AX vao man hinh bang cach bam lan lugt cac phim sau:

Math &
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- Nhén phim |CALC|. May héi X? Nhap mét gia tri cho bién x 1 2 (2 ld hodnh d¢ tiép diém) va

nhan diu bang E May héi A? man hinh xuat hién nhu sau:

A7

Math &

0. 5000

- Bim déu El két qua xuét hién trén man hinh nhu sau:
ME::.:: 1 Math &
7kl _Hi

| 0.3333333333

e ; | . 1
Pay chinh 1a gia tri cia h¢ s b, suy ra b= 3 két hop voi f'(x,) = 3 (tinh ¢ budc 1) ta c6 phuong
= . 1 1
trinh tiép tuyén la: y = Ex +§. Vay chon dap an A.

_ . . . . 2X -1 ;
+ Chu y: O budc 2: Dé khong mat thoi gian nhdp biéu thirc: — AX ta co thé thyc hién nhu

X +1

sau.

. 2 e e e d (2X -1 s .
- Di chuyén con tro toi vi tri moc mo cua biéu thirc — (nhw hinh duwoi)

dx\ X +1

x=2

F] Math &

M
o #=1
dx WE+1 ]l =z *H
- Nhdn niit [DEL| dé xéa chirc néing di(D)
X

- Nhdn lién tiép cdc phim |=| ALPHA| (=) ALPHAY)| man hinh xudt hién:

Math A

va xoa ki hiéu trong biéu thirc trén.

X=0

1.8 Dang 8: Su twong giao giira hai db thi.

Bai toan : Cho ham s6 y = f(x) c¢6 dd thi (C1) va y = g(x) ¢6 dd thi (Cz). Tim toa dj giao
diém cia (C)) va (Ca).

1. Co 56 1y thuyét:

- Phuong trinh hoanh dé giao diem f(x) = g(x) (¥)

- S6 nghiém cia (*) la s6 giao diém ciia (C1) va (Cz).

- Nghiém ciia (*) la hoanh d¢ diém ciia (Cl) va (Cz).

- Toa d¢ giao diém la M(xo; f(xo)), v6i la hoanh d¢ giao diém X,.

2. Giai phap:

- Nhap biéu thire f(x)— g(x)vao man hinh.

- Dung chirc nang va gan x =x, dé do tim hoanh d¢ giao diém.
3. Cic budc bam may nhu sau:
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- Nhdp biéu thire f(x)— g(x)
- Nhdn va nhdp gia tri x,
-Nhdn ddu E
& Chii y: Néu két qua bang 0 thi x, la nghiém ciia phwong trinh f(x)—g(x) =0.

% Vidu 1: Cac do thi cia hai ham s6 y =3 —i va y=4x" tiép xtic véi nhau tai diém M c6 hoanh
do la:
A x=-1. B. x=1. C.x=2. D.xz%.
Bai giai:
+ Phén tich:

- Hoanh d giao diém 1a nghiém ctia phuong trinh: 4x* =3 1 & 4x° +l -3=0 (*).
X X

- Dung chirc nang dé thtr nghiém cta phuong trinh (*).
+ Quy trinh bam may:

2 1 . L
Buée 1: Nhap biéu thirc 4x° +——3 vao man hinh bang cach bam lan lugt cdc phim sau:
X

E@I ALPHA)[>][=]3] Knhi d6 trén man hinh may tinh xuat hign nhu sau:
[m]

M F| Math &

452 -4-3

Budre 2: Nhan phim may hoi X?
Buée 3: Nhap x = —1 ( thir ddp 4n A) bing cach bAm phim:[—][1], duoc két qua: 0.
Viy chon dap 4n A.

£ Chu y: Trong trwong hop phwong an A khong ding thi ta ttep tuc nhin phim @ va
nhdp cdc gid tri ciia x twong ikng trong tirng phwong dn con lgi dé kiém tra.

% Vi du 2: Biét rang duong thang y = —2x+2 cét d6 thi ham sb. y = x°* + x + 2 tai diém duy nhét;
ki hiéu (x,;, )1a toa do diém do. Tim y,.

Ay, =4 B. y, =0. C. y,=2. D. y,=-1.
(Trich Cdu 7 Dé thi thir nghi¢m lan 1 ciia B¢ GD va PT)
Bai giadi:

+ Phdn tich:

- Vi bai todn ndy khé don gian nén hoc sinh khé giéi c6 thé gidi bang tay nhie sau: (khuyén khich)

- Phuong trinh hoanh d¢ giao diém: x* +x+2=-2x+2 < X +3x =0 x(x* +3) =0 = x =0

-Vay x,=0= y, =2. Chon dap an C.

- Tuy nhién véi hoc sinh yéu kha nang tinh todn chdm hay ling ting trong viéc tim nghiém ciia phirong
trinh x* +3x =0 thi c6 thé bam mdy nhw sau:

+ Cic budc bim mdy:

Buéc 1: Nhap biéu thirc x° +3x bang cach nhan lan lugt cac phim: | ALPHA |l||x__“’]i||§| ALPHA Il' .

Khi d6 trén man hinh xuét hién:

F] Math &

#7+34
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Budce 2: Tim nghiém x, (vi dé cho biét: c6 duy nhdt mét giao diém nén ding |SHIF T ||SOLVE|)
- Nhén [SHIFT]SOLVE|may hoi Selve for X. ta nhap mot gid tri tly ¥ va nhan déu [=] man hinh xuit
hién:

] Math &

Budce 3: Tim y,.
- Nhin va nhap biéu thirc: —2x+2 béng cach nhin 1an luot cac phim: |—|| ALPHA|M|+||2| . Khi

do trén man hinh xuat hién:

F] Math &

M
—2n+d
- Nhan phim méy hoi X? nhap x = 0 nhin déu E duogc két qua nhu sau:

EE:?::*_E F] Math &
2

- Suy ra y, =2. Vay chon C.
2x+4

% Vidu 3: Goi M, N 1a giao diém cia dudong thang y=x+1 va duong cong y = = Khi do
hoanh d6 trung diém I cua doan thang MN 1a.
A.xz_—s. B. x=1. C.x=2. D.xzé.
2 2

(Trich Cau 5 md d@é 209-Pé thi hoc ky I nam hoc 2016 -2017 ciia S6 GD va BT Binh Diwong)
Bai giai:

+ Phén tich:
- Co s6 ly thuyét:
. . . A, . 2x+4
- Hoanh d¢ cua M, N la nghiém cua phuong trinh: " =x+1
x —
X, +Xxy

- Hoanh do diém I dwoc xdc dinh béi cong thirc: x; =

- Thuét toan:

2x+4

- Dung chirc nang |SHIFT |SOLVE|dé tim cdc nghiém phwong trinh =x+1

x—1
- Luu cdc nghiém vao 6 nho A, B trén may tinh.

A+ B
- Goi A va B, tinh h

(la két qua can tim)

- Cdc buéc bam mdy.
Buwoc 1: Dé tim hoanh d§ cac diem M, N ta thuc hién cac thao tac sau:
2x+4

- Nhép biéu thirc — x—1 bang cach nhan lan luot cac phim:

x—1

Em ALPHA |l||i||V|| ALPHA|)|-1]>] -] 4LPHA M:"ll . Khi d6 trén man hinh xuét hién:
D —
I
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2x+4

- Nhén du [=]( dé Ivu lai biéu thic —x—1 trén man hinh dé budc sau khoi phai nhap lai)

X —

- Nhin |SHIF T ||SOLVE| may hdi Solve for X. ta nhap mét gia tri cho bién x (chéng han 1a 2, khéng

nén nhap sé 1 mdy s& bdo 18i) va nhén déu [=| man hinh xuat hién:

Math &

SRl
h= E.##B#EBT#%

- Nhén 14n luot cac phim

man hinh may tinh xuat hién nhu sau:

( luu nghiém x = 3.449489743 vao bién A). Khi do trén

—
|
N—

M @ Math & ||
ARNS+H
PN . g A . 2x+4
(Ddy la nghiém thir nhat ciia phwong trinh -x—1=0)
- Bé4m phim [A] dé tim lai biéu thirc 2x +14 —x—1 d3 nhap trude d6 va mo dong moc biéu thire
x —
2x+4 .. 2 P S SO \ "
T x—1 lai (di chuyén con tro vé cuoi dong nhw hinh duoi)
x J—
W Math &
2ty
#=-1

- Nhén phim me‘m hinh xuét hién:

M O] Math &

- Nhén |ALPHA |ll!|—|| ALPHA ”Ql dé nhap biéu thitc X — 4 vao mau s6 cta biéu thirc trén man hinh

xuat hién:

- Nhin |SHIF T ||SOLVE| may hoi A? Nhén dau El may héi tiép Solve for X, ta nhin tiép dau El
man hinh xuét hién:

. @, Math &
A=A
-1.449489743
= I
A 1s en . . ., 2x+4
(Pdy la nghiém thir 2 ciia phwong trinh T x—1=0)

- Nhén lan luot cac phim [SHIFT||RCL||e,,.|( lwu nghiém x = -1.449489743 vdo bién B). Khi do trén

man hinh may tinh xuat hién nhu sau:
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| Math &

ﬁn5+E
-1.449489°745

Budre 2: Tinh hoanh d6 diém L. Ta thuc hién cac thao tac sau:

- Nhén [AC| E|ALPHA|| (—)|+|4LPHA]o,,,|V]2|Khi d6 man hinh xuét hién:
D —_1 L S——— )

- Nhén du E duoc két qua:

(Pdy la hoanh d¢ diém 1Y)

Vay chon dap an B.

2. Cac bai to4n lién quan dén Liy thira-Ham s mii- Him s6 16garit
2.1 Dang 1: Rut gon biéu thirc, tinh gia tri ctia bi€u thire.

% Vidu 1: Gia trj ctia biéu thirc M =16""%"[a:
A. M =400. B. M =300. C. M =200. D. M =150.
(Trich Cau 32 ma dé 209-Dé thi hoc ky I nam hoc 2016 -2017 cua S GD va DT Binh Duong)

Bai giai:
+ Cac budc bAm may:
Buwéc 1: Nhap biéu thire 16'7°%° vao man hinh bang cach nhén lién tiép cac phim sau:
|x—”||1||+|| logDD||4||>||5|. Khi d6 man hinh xuét hién:

M 141 I:EIE:I Math &
+103

Buéic 2: Nhdn déu E dugc két qua:
M

Math &

400

o]
1+1034 (5]
16 N

Vay chon dap an A.
% Vidu2:Gidtriciaa = (0<a=1)la:
A. 7% B. 7. C. 7% D. 7.

(Trich Cau 33 ma dé 209-Dé thi hoc ky I ndam hoc 2016 -2017 ciia S6 GD va DT Binh Duong)
Bai giai:
+ Thuét toan bAm may:
- Gdn a bang bién X ciia may.
_ Nhép biéu thirc X" vao man hinh
- Nhén nhdp mot gid tri cho bién X théa diéu kién (0 <X=# 1)

- Nhén ddu E va doi két qua ra lily a thiva ciia 7 (tic 7%)
+ Cac buéc bAm may:
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r A -2 , 4log »7 N . M ; A qia ik . ;
Budc 1: Nhép biéu thuc X " vao man hinh bang cach nhin lién tiép cac phim sau:

ALPHA M@lﬁl log o ALPHA m@@m . Khi d6 man hinh xut hién:

M = Math &
xdlﬂaﬁgi?ll

Buéc 2: Nhan phim |CALC| méy hoi X? ta nhép cho X mét gié tri thoa diéu kién(0 < X =1), nhap 2

va nhan dau E dugc két qua nhu sau:

Math & |

M =
xdlnaﬁgi?]

43

Buéc 3: D6i 49=7%, (tim « )
- Nhén lién tiép cac phim: |AC || logDD||7||Ans| khi d6 man hinh xuét hién nhu sau:

TDQ?Eﬁﬂﬁjm o

- Nhan diu E dugc két qua nhu sau:

Math &

TDQ?Eﬁﬂﬁjm

Vay tim duoc a =2 =>49="7". Vay chon dap 4n C.
» Chuy:
- O buéc 2 dé thidy 49 = 7°. Viy chon ddp dn C.
- Chi thwe hién theo buwéc 3 trong truwong hop két qud 6 buwéc 2 la mét sé thdp phén.
- Ta ¢6: log,(Ans) = log, (49) ( Vi két qui & buéc 2 dwgc may tinh luu trong 6 nhé [Ans|)
% Vidu 3: Cho log, 14 =a. Tinh theo a gia tri cua A =log,, 32 ta dugc:
2 B.A=—> CA=—> D A=—2
S5(a+1) 2(a-1) 2(a+1) S5(a-1)
(Trich Cau 19 ma dé 209-Dé thi hoc ky I nam hoc 2016 -2017 ciia S¢ GD va PT Binh Dwong)

Bai giai:
+ Thuit toan bAm may:
- Gan log,, 32 bang bién A cua may.
- Gan log, 14 bang bién B ciia may.
- Thir tirng phuwong dn nhw sau: Goi A va Tinh hiéu A — (biéu thirc trong timg phwong én)
- Nhén déu |=| néu két qua cia phép thir bang 0 thi d6 1a dap dn diing
+ Céac budc bAm may:
Budc 1: Dé luulog,, 32 va luu vao bién A ta thuc hién cac thao tac sau:

- Nhap biéu thirc log,, 32 bang cch nhén cac phim sau: {log_o|4]9]>]3]2]. Khi d6 man hinh xut

hién:
ifngdgcsznﬁ i
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- Nhén lan lugt céc phim [SHIFT|[RCL||(-)|( luu log,, 32 vao bién A). Khi d6 trén man hinh may

tinh xuat hién nhu sau:

Math &

| 109400320+

0. 59051 79675

Budre 2: Pé luu log, 14 va luu vao bién B ta thuc hién cac thao tac sau:

- Nhap biéu thirc log, 14 bing cach nhan cac phim sau: [log_ o[ 2[>[1]4]. Khi d6 man hinh xut hi¢n:

loggi1d4y

- Nhén lan lugt cac phim |SHIFT||RCL||o,,,|( luu log,14vao bién B). Khi d6 trén man hinh may tinh

xuat hién nhu sau:

Math &

logzt143-B

| 3. 807354322 |

Budc 3: Thir cac phwong an
+ Thu phuong an A ta thyc hi¢n cac thao tac sau:

=
- Nhén céc phim |AC| ALPHA |Q||;|E|;||z||§||£| ALPHA(o, [ +[1])|Khi d6 man hinh xuét hi¢n nhu
O

sau:

M
£
A ETE+17

- Nhén cac phim E duge két qua nhu sau:

. F
IEI'5i3+11
0. 5943977545

Thay két qua khac 0 nén loai phwong 4n A.
+ Tht phuong &n B ta thuc hién céc thao tac sau:

- Nhép biéu thirc: A—

. ( Di chuyén con tro dé chinh swa biéu thirc trén man hinh

2(a—1) 5(a+1)

thanh ). Khi d6 man hinh xuit hién nhu sau:

2(a-1)

Théy két bang 0 nén chon dap 4n B.
> Chit y: Néu phwong dn B khong théa ta tiép tuc thi cic phwong dn con lai.
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®.

% Vi du 4: Cho bidu thirc P = {/x3/x*\/x* ,véi x > 0. Ménh d& nao dui day ding?
1 13 1 2
A. P=x2. B. P=x*. C. P=x*. D. P=x3.
(Trich Ciu 15 Pé thi thir nghiém lan 2 ciia B GD va DT)

Day qua la mot cau sé gdy kho khan cho nhitng hoc sinh khong nho cong thirc va kha nang tinh toan
chdm va ké cd néu cdc em cé nhé cong thire va bién doi bang tay trong khoang thoi gian may chuc
gidy liéu cdc em c6 thé vuot qua? Chiing ta thir trdi nghiém véi thudt todn bam mdy sau réi riit ra két
lugn nhe...

> Cdch 1:

+ Phan tich:
1

- Gia st dap 4n A. P = x1a dap an ddng khi do
1

1

VxAx2dxe =x2, V>0 {xx?AVx —x2=0,Vx >0, nguoc lai néu3x >0 sao cho
1

\xA/x*Alx® —x2 #0 thi dap 4n A 12 Sai.

- Tir d6 ta rat ra dugc thudt toan dé giai bai toan trén bang may tinh cim tay nhu sau:
+ Giai phap:
- Nhap biéu thirc /xA/x*A/x* —x“vao may (v6i o 13 sé mil cua x trong timg dap an)

- Nhan phim .Va nhip gidtrictax (0<x#1)
- Nhan dau EI va so sanh két qua véi 0 dé lya chon dap an ding.
+ Chi tiét tirng bué'c bAm may

Buéc 1: Nhap biéu thire VxR xZ\/F —x" vao man hinh bang cach bam lan luot cac phim sau:
[serT |4l [aLprAl|[sazeT] Ve [azpaal)] |Vl acpaal [+ Ble][=]s]

[H[ALPHAI|[x*|[aLPHA M +]

Khi d6 trén man hinh may tinh xuét hién nhu sau:

Math

JI W TS M)
Buére 2: Nhan phim may hoi X?

Budére 3: Thir dap an A bang cach nhap s6 2 (vi x >0) va nhan dau bang E may hoi tiép M? ta nhap

— (vi s0 mil cia x trong dép 4n A bang %) va nhan dau bang E duogc két qua:

S
W IHE B

0.04143962047 |
Vi két qua cua phép thir bang 0.04143962047 = 0 Vay dap 4n A sai.
Buée 4: Thir dap an B. Nhin phim @ méy hoi X? nhap sb 2 va nhan dau bang El may hoi tiép

M? ta nhap % (vi s6 mii ctia x trong dap an B bang 5) va nhan déu bang E duoc két qua:
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Math &

A "]
I Tz B - 0

Vi két qua cua phép thtr bang 0. Vay dap an B 1a ddng ( khdng can kiém tra hai dap én con lai vi
trong 4 dap an chi co6 mot dap dung ma théi). Chon B.

» Cach 2:
+ Phan tich: Gia st P(x,)=b,(0<x, #1) Khido néu x“ 1a dap an ding thi

P(x,)=x; < b=xj < a=log, b Vayladatim dugc s6 mil ciia x.

+ Chi tiét tirng bwé'c bAm may
Buwéc 1: Nhap biéu thirc \4/ xy xzx/)T3 vao man hinh bang cach bam lan luot cac phim sau:
[seirr [ |[alelazpaal|[saier| el ALprAl [ Vel apaal ]3]

Khi d6 trén man hinh may tinh xuat hién nhu sau:

Buéc 2: Nhan phim may héi X?
Buwée 3: Nhap s6 2 (vi x >0) va nhén déu bing [=] duoc két qua:

M F] Math &

W2 =
. 4FRER3183

(Gia tri 1.455653183 duoc luu trong bo nho Ans cua may).

Budc 4:
- Nhén va nhap biéu thirc log, (Ans)| vao man hinh bang cach nhan lién tiép cac phim

sau:|log_ (o) |E| Ans|Khi d6 man hinh xuét hién:

fuggiﬁnajm o

- Tiép theo nhan d4u bang E dugc két qua:

Math &

lnaztAns) -

(Gid tri % la s6 mii ciia x)

Vay chon dap an B.
» Chu y:
~Véi x=1thi P=1va 1“ =1 nén céc dép an A, B, C, D déu ding. Vay khi khéng nén
nhapx=1.
% Vidu 5: Tinh dao ham ctia ham s6 y = (x* —2x+2).¢" ta duoc:
A. y'=2xe". B. y'=(2x-2)e". C. y'=x’e". D. y'=(x"-1e".

(Trich Cau 25 ma dé 209-Pé thi hoc ky I nam hoc 2016-2017 ciia S¢ GD va DT Binh Dwong)
- Loi gidi tw ludn:
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Tacod: y'=(2x—2)e" + (x> —2x+2)e" =x’e". Vay chon dap 4n C.
- Pay 14 bai toan khong khé chi can nhé qui tic va cac cong thirc tinh dao ham 13 cac em c6 thé 1am
dugc nén khuyén khich hoc sinh kha va gioi chung ta 1am theo huéng nay. Tuy nhién ddi véi hoc sinh
yéu, kém hay vi mot 1y do nao d6 ma ta quén cong thirc tinh thi ¢ thé ding may dé loai trir cac
phuong an sai nhu sau:
- Cac buéc bAm may:

Budrc 1: Dung chirc ning di( f(x) dé tinh dao ham cta ham sé f(x) tai mot diém xo,
x

X=X,

Buwéc 2: Dung chirc nang |CALC| dé tinh gia tri cua £(x) tai xo trong timg dép an.
Buée 3: So sanh két qua & bude 1 va bude 2 néu khac nhau thi phuong an vira thir 13 sai.

Nghia 1a néu ( f(x ))

— f"'(x,) # 0| thi loai phuong 4n vira thir.

« Chu y:
- Cach lam nhu trén chi tim phwong an sai, khong dung dé tim phuong an dung. Vi n6 ding véi mot
gi4 tri chua chéc ding voi moi gia tri, do vay dé an todn ta nén thir hét 4 phuong dn ( cing mot gid tri
X0 ) dé logi cdc ddp an sai.
- Nhan xét:
x=0
x=2

+ Néu chon x, =0 hay x, =2 thinén két qua trong phép thir d6i v6i phuong an A va phuong 4n C 1a

2xe* = x’e" < {

nhu nhau. Tuong ty néu chon x, =1thi (2x—2)e" = (x* —1)e" nén két qua trong phép thir dbi véi
ph}IO’ng émﬂB va phuong an D la nhu nhau, khong loai trir dugc. do vay khdng nén chon cac gia tri dac
biét trén dé thir ma nén chon x, =4

+ Chi tiét tirng buwéc bAm may.

Budc 1: Thir dap an A.

- Nhép biéu thirc i((x2 ~2x+2).c")
dx x=

SHIFT]|[* o [([ALPHAID|[x*|[H] 2l 4LPEAl)| 2] [ALPHAl 10" |3 |[aLPHA] 5]

|ALPHA||l||l>||—||2|| ALPHA|M| ALPHA|x10* [ x°|[4LPHA
- Nhén phim mady hoi X?

- Nhap sb 1va nhin dAu bing [=] duoc két qua -2.718281828 = 0 (loai dap 4n A)
Budc 2: Thir dap an B.

—2xe"| vao man hinh bang cach bam lan lugt cac phim sau:
X

- Nhép biéu thirc i((x2 —2x+2)e")
dx %=

M (2x—2)e*| vao man hinh.

) + Chu J: .
Dé khong mat thoi gian nhdp lai biéu thirc trén thi chung ta khong dwoc xoa man hinh sau khi

kiém tra dap dn A ma phdi giit nguyén. Liic nay ta chi cin di chuyén con tré dén vi tri dé siia
lai thanh |(2x—2)e" |béng cach bam phim [<.
-Nhan phim |CALC| may hoi X?

Nhap sb 1va nhin dAu bing [=] duoc két qua: 2.718281828 = 0 (loai dap 4n B)
Buéc 3: Thir dap an C.
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-Nhap biéu thic i((x2 -2x+ 2).ex) —x’¢"| vao man hinh.
dx x=X
+ Chu y:
Twong ty Buoc 2 ta chi can di chuyén con tré dén vi tri|(2x—2)e" dé sia lai thanh bcfng cach
bam phim @

- Nhan phim |CALC| may hoi X?
- Nhap s6 [1] va nhan dau bang E duoc két qua: 9.73x107"2 = 0
Buéc 4: Thir dap an D.

- Nhép biéu thirc i((x2 —2x+2)e")
dx

—(x*=1)e*| vao man hinh.
X

xX=

+ Chu y:
-Twong tw Buéc 3 ta chi can di chuyén con tré dén vi tri dé sia lai thanh |(x* —1)e* |bang cdch
bam phim E'

-Nhan phim |CALC| may hoi X?
Nhap sé [1] va nhén diu bing [=] dugc két qua: 2.718281828 = 0 (loai dép 4n D)
> Két lugn Pdp dn C la ddp dn diing, Chon C

2.2 Dang 2: Phuwong trinh mii, phwong trinh logarit

- Nhitng cdu hoi tric nghiém & dang nay thuong la nhitng cdu co ban dang nhén biét, cdc em chi can
ndm viing qui tic va cong thire la gidi duoc.

- Tuy nhién doi véi may tinh cam tay né cé thé gidi dwoc hau hét cdc phirong trinh mii va phirong
trinh légarit (khéng phén biét khé hay dé).

- Phuong phdp: Sir dung may tinh dé thir hodc do nghiém ciia phwong trinh (vi trong cdc phirong dn
diea ra la nhitng gid tri cu thé). Bang cdch sir dung hai chire nang chinh va

|SHIFT|+|SOLVE].

% Vi du 1:Tim nghiém cta phuong trinh 3*"' =27.
A x=9. B. x=4. C. x=3. D. x=10.
(Trich Cau 13 Dé thi thir nghiém lan 2 cia Bé GD va DT)

Bai gidi:

» Cach 1.
+ Thuit toan bAm may:
- Nhdp biéu thirc: 3
- Dung dé tinh gid tri ciia biéu thike tai cdc gid tri ciia x da cho trong timg phwong dn.
- So sdanh két qud va chon dap an diing.
+ Cac budc bAm may:
Buwéc 1: Nhap vé trai ciia phuong trinh di cho: 3*' vao man hinh bang cach bam 1an luot cic phim

sau: B Khi d6 trén man hinh mdy tinh xuat hién nhu sau:

F] Math &

éi‘ﬂ— 11

Budc 2: Nhan phim may hoi X?
Bude 3: Thir dap 4n A bang cach nhap s 9 va nhan dau bang E' duoc két qua:
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K] Math &

- Thay két qua ctia phép thir bang 6561 27, nén loai phuong 4n A.
Bwoc 4: Thir dap an A.

- Tiép tuc nhin phim may hoi X? ta nhap sé 4 va nhan déu bang E duogc két qua:

M
EH—i

F] Math &

M
EH—i

- Thay két qua ctia phép thir bang 27, nén chon dap an B.

Vay chon dap an C.

» Cadch 2.

+ Thuét toan bAm may:

- Nhdp biéu thire: 3 =27

- Dimg |SHIFT|+|SOLVE|

- So sdanh két quad va chon dap an ding.

+ Cac bwéoc bam may:

Budrc 1: Nhap biéu thire: 3 —27 vao man hinh bang cach bim 1an luot cac phim

sau: El Khi d6 trén man hinh may tinh xuat hién nhu sau:
M F Math &
3°-1-27

Buwéc 2: Nhin lién tiép cac phim |SHIFT||SOLVE|, may hoéi Solve for X.

Solve for % Mm_

Budére 3: Nhap cho x mot gia tri tiy y (nhdp sb 1) va nhan dau E . Két qua xuat hién trén man hinh
nhu sau:

Vay x = 41a nghiém ctia phuong trinh 3*' —27 =0. Vay chon dap 4n C.
< Nhan xét: Trong vi du nay nén sir dung cach 2 nhanh hon, khéng mat thoi gian thir ting ddp
dan nhw cach 1. Nhwng déi véi nhitng phwong trinh phiee tap thi cach 2 twong dwong cdch 1,
tham chi con ldu hon. Do vdy tuy thudc vao tung bai toan cu thé ma chung ta lya chon cach
gidi sao cho phu hop.

% Vidu 2: Giai phuong trinh log,(x—1) =3.
A. x=063. B. x =65. C. x=380. D. x=82.
(Trich Cdu 12 Deé thi thir nghiém lan 1 cia Bé GD va DT)

Bai gidi:

+ Thuét toan bAm may:
- Nhap biéu thirc: log,(x—1)-3.

- Dimg |SHIFT|+|SOLVE|

- So sanh két qud va chon ddp an ding.
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+ Céc buéc bAm may:
Budére 1: Nhap biéu thic: log ,(x=1)=3. vao man hinh bang cach bam lan luot cac phim

sau:|log_o||4||>| ALPHA E'B Khi d6 trén man hinh may tinh xuat hién nhu sau:

E log,in-10-4 i

Budéc 2: Nhén lién tiép cac phim |SHIFT||SOLVE|, may hoi Solve for X.

Solve for X ‘

Budée 3: Nhap cho x mot gia tri thoa diéu kién x > 1.ty ¥ (nhap s 2) va nhan dau E . Két qua xuat
hién trén man hinh nhu sau:

Math &

log,(x-12-2

A= 65
L-R= 0

Vay x =65 1a nghiém cua phuong trinh log,(x-1)-3=0. Vay chq dap an B.

< Vi du 3: Phuong trinh 2log> x —14log, x+3=0. c6 tich cic nghiém.

A. 8V2. B. 62. C. 4/2. D. 16v2.

(Trich Cau 35 ma dé 209-Dé thi hoc ky I nam hoc 2016 -2017 ciia S6 GD va PT Binh Dwong)

Bai giai:

Cach 1:
+ Phan tich:

s Co s6 ly thuyét (theo huwong tw ludn).
- Gid sir x,; x, la cdc nghiém cia phwong trinh: 2log; x—14log, x+3 =0.
- Phuong an A dung < x,x, — 82 =0.

% Thuit toan bAm may.
- Dung chirc nang |SHIFT |[SOLVE|dé tim cdc nghiém phuong trinh 2log; x—14log, x +3=0.
- Luu cdc nghiém vao 6 nho A, B trén may tinh.
- Goi A va B, tinh A.B— (Gia tri da cho trong tung phuwong dan).

s Chi tiét cdac buéc bam may.
Budc 1: Dé tim cic nghiém cta phuong trinh 2 log; x—14log, x+3 =0, ta thuc hién c4c thao tic sau:

- Nhap biéu thirc 2 logs x—14log, x +3, bang cach nhén 1an luot cic phim:
|;||£| log.af2]>| ALPHAIMlzIMIRIIxTII—II1||4II log_o|4|>| ALPHA |!l!|‘>"+"3| . Khi d6 trén man hinh xut

hién:

Math &

20109205017 -14109, (X143

- Nhan d4u [=]( dé Ivu lai biéu thire 2log? x—14log, x+3, trén man hinh d& budc sau khéi phai nhap
lai)
- Nhin |SHIFT [SOLVE|may hoi Solve for X. ta nhap cho bién x mot gia tri 16n hon 0 (ching han 1a

2) va nhn ddu [=] man hinh xuét hién:

Gv: Nguyén Vén Ky-Trwong THPT Tdy Son 59



HUGNG DAN HOC SINH 12 SU DUNG MAY TINH CASIO fx 570 ES, fx 570 VN PLUS GIAI TOAN TRAC NGHIEM-PHAN GIAI TiCH.

2 1oap a7 <-141k

A= 1.414214562
L-R= 0

( luew nghiém x = 1.414213562 vao bién A). Khi d6 trén

- Nhan 14n lugt cac phim

man hinh may tinh xuat hién nhu sau:

ﬁn5+ﬁ

—~
|
N—

F| Math &

1.414215562

(Pdy la nghiém thir nhit ciia phwong trinh 2 log; x—14log, x+3=0.)

- Bdm phim E dé tim lai biéu thire 2log? x —14log, x +3 da nhap trudc d6 va mo dong moc biéu thic

2log; x—14log, x +31ai (di chuyén con tré vé cudi dong nhw hinh dwoi)

[E[lDQEEHJ]E-MlDQdEHH‘

- Nhén phim |=| [4LPHA)| | ALPHAJ(-)|dé nhap biéu thirc X — 4 vao mau s6 cua biéu thic trén

man hinh xuat hién:

] Math &

M
[H]jf—ldlﬂ-adm‘h

P

- Nhin |SHIF T ||SOLVE| may hoi A? Nhén diu E may héi tiép Solve for X, ta nhin tiép dau E'
man hinh xuét hién:

(Pdy la nghi¢m thir 2 ciia phwong trinh 2log, x—14log, x+3=0.)
- Nhan 1an lugt cac phim |SHIFT||RCL||o,,,|( luu nghiém x = 8 vdo bién B). Khi d6 trén man hinh

may tinh xuat hién nhu sau:

Bwoc 2: Thi ting phuong an.
+ Tht phuong an A, ta thuc hién cac thao tac sau:

- Nhén [AC] [ALPHA] O ALPHA],, | =I8]v2] Khi d6 man hinh xuét hién:

EE-03 H

- Nhan déu E duoc két qua:
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Vay chon dap an A.
% Chit y: Néu phwong dn A khéng thoa ta thir tiép cdc phwong dn con lai dé chon phwong én
dung.
Cach 2:
% Co s6 1y thuyét (theo huwéng tw lugn).
+ Phan tich:
- Ta cé: 2log; x—14log, x+3=0< 2log) x—7log, x+3=0 (*)

log, x=t x, =2"
g, 1 — 1 = X,.X, = 21,‘1+z2
log, x=t, !

- Gia sw phuwong trinh (*) c6 cac nghiém la: { 5
x, =27
% Thuit toin bam may.
- Dung chirc nang dé giai phwong trinh: 2log; x—7log, x+3=0
- Luu cac nghiém cua phwong trinh (*) vao 6 nho A, B trén may tinh.
- Tinh 2*** (la gid tri can tim).
s Chi tiet cdac buwoc bam may.
Buérc 1: Gidi va luu cdc nghiém phuong trinh: 2logs x—71log, x+3 =0 vdo 6 nhé thuc hién cdc thao
tdc sau:
- Nhén lién tiép cac phim| MODE|5|3]2|-73|=] ta ¢6 nghiém thir nhdt:

- Nhdn [SHIFT |RCL| ()| (hwu nghiém thit nhdt vio 6 nhé 4)
-Nhdn lién tiéb cdc phim |i|| SHIFT"RCL ||o,,, (lwu nghiém thwr hai vao 6 nho B)

Buée 2: Tinh tich cac nghi¢m ciia phwong trinh 2log x—7log, x+3=0

- Nidinlién tiép cdc phim [2x*[ALPHA| O+ [ALPHAI> .| (mdn hinh xudt hi¢n)

- Nhan E duwoc két qua.

5ﬁ+3
| 11..3157085 |
- Nhdn E' dwoc két qua:

Chon dap dan A.
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% Vi du 4: Tim tham s6 m dé phuong trinh 4" —m.2"" +2m =0 c6 hai nghiém phan biét x,; x,
thoa x, +x, =3.
A . m=1. B. m=2. C. m=3. D. m=4.
) Bai gidi:
s Co so ly thuyet (theo huwéng tw ludn).
+ Phan tich:
-Tacé: 4 —m2™ +2m=0< 2" -2m2" +2m=0 (*)

- Gia sur phwong trinh (*) co cac nghiém la: t,;t, ta co:

2% =, x, =log, 1, .
= = x, +x, =log,(t,.t,) voi (¢;t, > 0)
2% =t, x, =log, t,

% Thuit toin bam may.
- Dung chirc nang dé giai phurong trinh (*) trong timg truong hop sau:
m=I,m=2;m=3; m=4.
- Né:u (*) v6 nghiém, hodc nghiém kép thi loai gid tri m do.
- Néu (*) co hai nghiém thi luu hai nghiém do vao 6 nhé A, B trén mdy tinh
-Tinh log,(A.B) (so sanh két qua véi 3).suy ra gid tri can tim.
% Chi tiét cic bwéc bAm may.
Budrc 1: Gidi va luu cac nghiém phuong trinh: 2> —2m.2" +2m =0 (*) vao 6 nh¢ thuc hién céc thao
tac sau:

- Nhén lién tiép céc phim man hinh xuat hién:

Budre 2: Kiém tra timg phuong an.

+ Dé kiém tra phuong an A véi m =1.= (¥) < 2% —2.2° +2 = 0 nén ta nhap cac hé s6 cua phuong
trinh vao nhu sau:

- Nhén [1]=[-2]=[2]=]=|Két qua xuit hién:

o (Phug trinh v6 nghiém loai phuong n A)
+ B¢ ki€ém tra phuong an B vai m = 2 ta nhép cac hé so ciia phuong trinh vao nhu sau:
- Nhéan [1]=]—4]=[4]=]=|Két qua xuit hién:

o (Phuong trinh ¢6 mét nghiém loai phuong én B)
+ D¢ kiém tra phuong an C v6éi m = 3. ta nhép cac hé so cua phuong trinh vao nhu sau:
- Nhan |1||:|| —6||5||6||:||:| Két qua xuét hién:

M [} Math¥

h1=
a+ia

-Nhén lién tiép cac phim|SHIFT |RCL |(_—)| (lvu nghiém x, =3+ V3 vao A) va nhin du E
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Math Wi

-Nhén lién tiép céc phim|=[ SHIFT[RCL], .| (lru nghi¢m x, =3- J3vao B)
+ Dé kiém tra phuong an D v6i m = 4.ta nhap cac hé sd cua phuong trinh vao nhu sau:
- Nhin [1]=]-8]=]8]=[=|Két qua xuét hién:

Math Wik

L 420
-Nhén lién tiép cac phim |i|| SHIFT ||RCL || sin| (Ivu nghiém x, =4 - 242 vao D)

Budre 3: Tinh tong hai nghiém ctia phuong trinh (¥).
+Theo phén tich trén ta c6 x, +x, =log,(¢.1,)

+ Pé kiém tra phuong 4an C ta thyc hién cac thao tic sau:
- Nhan lién tiép cac phim |MODE|1] (thoat khoi ché d9 giai phuong trinh).
- Nhép biéu thirc: log, (4.B) vao man hinh bang cich bam cac phim

|lo_gl| 2| 4LPHA “Q" ALPHA ||_| va nhén d4u [=]ta duoc két qua

loaLtAR)

2. 554962501

Két qua khac 3 loai phuong an C.
+ B¢ kiém tra phuong an D ta thyc hién cac thao tac sau:
- Nhép biéu thirc: log,(C.D) vao man hinh bang cach bAm cac phim

|log|2[>[ ALPHA| hyp| ALPHA|sin|va nhén déu [=]ta duoc két qua

loaLiCh)

Két qua béing 3 viy chon ddp dn D.
2.3 Dang 3: Bit phwong trinh mii, bit phwong trinh logarit
-Ciing giong nhw phwong trinh mii, phwong trinh logarit thi bdt phirong trinh mi, bat phwong trinh
logarit thiwong la nhitng cdu co ban dang nhdn biét, vin dung thdp. Song tdp nghiém ciia chiing
thwong la cdc khodng, nira khodng hodc doan nén viéc sit dung mdy tinh d@é thir thi khéng thé tim duwoc
ddp an diing ma chi cé thé logi trir dwoc cdc phwong dn sai ma théi. Do vdy gidi phdp dwa ra ¢ ddy la
dung phwong phdp loai tri.
- Str dung chirc nang dé tinh gid tri ciia biéu thike.

* Vidy 1: Tim tap nghiém S ctia bat phuong trinh log, (x+1) <log, (2x—1)

2

A. §=(2;+) B. §=(-x;2) C. S:(%;Zj D. §=(-1;2)

(Trich Cau 17 Dé thi thir nghi¢m lin 2 ciia By GD va PT)
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Bai giai:
+ Phén tich:
s Co sé ly thuyet:

- Diéu kién: x >%. 2log? x—14log, x+3=0.

- Bdt phuong trinh log, (x+1)<log, (2x—1) < log, (x+1)—log, (2x—-1)<0 (*)
2 2 2 2
- Tap S 1a tép nghiém cia (*) < log, (x+1)—log, (2x—1) <0, Vx € S.
2 2
% Thuat toan:
- Nhép biu thic log, (x+1)—log, (2x-1)
2 2
- Diing chikc ndng |CALC|dé tinh gid tri ciia biéu thirc f(x) = log, (x+1) —log, (2x—1)tai x, €8S.
2 2
- Dua vao gia tri cua f(x,) dé loai nhitng phwong dan khéng théa (*)
+ Cdc bwéc bam mdy.
Buwéc 1: Nhap biéu thirc: log, (x+l) —log, (2x —l) bang cach nhén lan luot cac phim:

2 2
log, o = [1[V[2][e]>[aLPrA]) [+]1]=]-Jiog,o

hinh xuat hién:

o 1o]
o o]

l1|v]2]>]>]2]4LPHA M:"l' . Khi d6 trén man

Math &

log, CH+19-1og, (25-1)
Z Z

Buéc 2: Thir cac phwong an.

- Nhén |CALC| may hoi X?

+Dé kiém tra phuong 4n B va D, ta gén cho bién x =0 ( nhap s6 0, vi 0 (-;2);0e(-1;2)) va nhan
déu [=| may bao 1i.

Math

M [Fi
Math ERROR

CAC] Cancel
C41Ce1:E0E0

Vay loai B va D.
- Nhén nut @ dé quay man hinh ban dau va tiép tuc nhan phim |C4ALC|may héi X?
+Dé kiém tra phuong 4n A, ta gén cho bién x =3(vi 3 €(2;+)) va nhan déu [=]. K&t qua nhu sau:

Math &

loa, Cx+1-10d, b

z z
[. 5219250343 §

Tir két qua nay loai A.
Viy chon C.
% Vidu 2: Nghiém cia bat phuong trinh 32.4* -18.2* +1<0

A. 1<x<4. B.%<x<%. C. 2<x<4. D. 4<x<-1.

Bai giai:
+ Thuat toan:
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- Nhép biéu thtre: 32.4° —18.2 +1
- Dung chirc nang dé tinh gid tri cua biéu thire 32.4" —18.2° +1 tai X, nam trong cdac khodng
da cho o tung phwong dn. .
- Néu gia tri cua biéu thirc Ion hon hodc bang khong thi logi phwong dn do.
+ Cdc buwéc bam may.
Budée 1: Nhap biéu thirc: 32.4% —18.2 +1bang cach nhan 1an lugt cac phim:
[ [ALPHA] [>[-TI8IxI2]x* [4LPAAT) o [+]1]. Khi d6 trén man hinh xuét hién:

[3]2]x]4] %"

Math &

B2x47 -1 827+ 1]

Buwéc 2: Thir cac phwong an.
- Nhan |CALC| may hoi X?

+Dé kiém tra phuong 4n A va C, ta gdn cho bién x =0 (nhap s6 0, vi 0e(1;4);0e(2;4)) va nhan
dau E Két qua nhu sau:

Math &

H2xdt—18x25+]
15

Két qua 15> 0 nén loai A va C.
- Nhan tiép phim |CALC|may hoi X?

2.2 X 1 1 1
+ D¢ kiém tra phuong &n B, ta gan cho bién x = s vi—e (—

1 . ,
;— |) va nhan dau . Két qua nhu
15 (16 2j) ERSL

Sau:
Math &

F2x47 -1 8x27 +]

17. 24710514

Két qua nay van duong nén loai tiép B.

Vay chon D.
< Vidu 3: Bt phuong trinh log, (2* +1)+log, (4" +2) <2 c6 tap nghiém la:
A. (—0;0). B. [0;+ ). C. (-3 0]. D. (0;+00).

Bai giai:
+ Thuat toan:
- Nhap biéu thirc: log, (2" +1)+log, (4" +2) -2
- Ding chirc ning |CALC| dé tinh gid tri ciia biéu thirc log, (ZX +1) +log, (4" + 2) ~2 tai x, nam
trong cdc khoang da cho ¢ tung phwong dn.
- Neu gia tri cua biéu thirc Ion hon khong thi loai phwong dan do.
+ Cdc buoc bam may.
Buére 1: Nhap biéu thirc: log, (2x + 1) +log, (4" + 2) —2bang cach nhan lan lugt cac phim:

RN —_—

log,of2]>[2]x° | 4LPHA]) || +]1]>| +]log o3[ 4]x° [ ALPHA[) || +]2]>]-]2]

. Khi @6 trén man

hinh xuat hién:
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Math &

IDQE[E +1]+lng (45471 -2

Buée 2: Thir cac phwong an.
- Nhan |CALC| may hoi X?, ta gan cho bién x = 0 ( nhap s6 0) va nhan déu E Két qua nhu sau:
Math &

1D92E2H+1]+lng=b

I:I .

Két qua bang 0 nén loai A va D.
- Nhan tiép phim |C4ALC|may hoi X?
+ Pé kiém tra phuong an B, ta gan cho bién x=1(vi 1€ [O; + oo)) va nhan déu E . Két qua nhu sau:

Math &

IDQEEEH+1]+1D9~
1. 21539254

Két qua nay duong nén loai tiép B.
Vay chon C.

3. Cac bai toan lién quan dén Nguyén ham, Tich phin va trng dung.
3.1 Dang 1 : Tinh nguyén ham ciia ham sé.

Bai toan: Cho ham s6 y = f(x) lién tuc trén K. Tinh nguyén ham ciia ham s6 y = f(x).

1. Co s6 Iy thuyét: , ,

a) Dinh nghia: Cho ham so f(x)xac dinh trén K. Ham so F(x) dwoc goi la nguyén ham cua ham
s6 f(x)trén K néu F'(x)= f(x), VxeK.

- Véi dinh nghia trén thi viéc sir dung may tinh dé tim ham s6 F(x)thoa F'(x)= f(x), Vx e K la
viéc khong thé. Nhung do céu trac cua dang cdu héi tric nghiém thi trong bén phuong 4n dwa ra chi c6
mot phuwong an ding ( ddi voi dang cau héi tim phuong an ding) hodc chi c6 mét phuong an sai (dbi
vOi dang céu hoi tim phuong an sai). Nhu vay ta c6 thé sir dung may tinh dé thir va loai trir cac phuong
an khong thoa yéu cau bai toan. i

b) Giai phap: Cu thé véi dang toan nay thi co s¢ dé tim ra phuong an sai la:
Neu 3x, € K :F'(x,) # f(x,) thi F(x)khong phai la nguyén ham cua f(x) trén K

2. Thuit toan bam may.
d : .

- Dung chirc ning d—(F(x)) dé tinh F'(x,) voi x, € K.
X X=X,

- Néu F'(x,) # f(x,) thi F(x)khong phai 1a nguyén ham cuia f'(x) trén K.

% Vi du 1: Tim nguyén ham ciia ham sd f(x) = cos2x .

A | f(x)dxz%sin2x+C B. | f(x)dxz—%sin2x+C
C. j f(x)dx = 2sin2x +C D. j £ (x)dx =—2sin 2x +C

(Trich Cau 22 Pé thi thir nghi¢m lin 2 ciia B) GD va PT)

Bai gidi:
+ Céac budc bAm may:
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Buéc 1: Chon don vi tinh Radian bing cach bdm [SHIFT|[MODE][4].Khi d6 man hinh may c6 dang:

NATURAL-LIP.AIM.
[} Math &

Budére 2: Kiém tra cac phuong an.
+ D¢ kiém tra phuong an A ta thuc hién cac thao tac sau:

- Nhap biéu thirc di(l sin 2X j —c0s2.X vao man hinh bang cach bim 1an luot cac phim sau:

x\ 2

x=X

SHIFT j::. EMIVII2II>II sin| 2] 4LPHA)|) || ALPHA]) [ [ cos|2] 4LPHA])|)|-

Khi d6 trén man hinh may tinh xuat hién nhu sau:
M B Math

D[ Leini2x)]| o —cos (230l

- Nhan phim |CALC|méy hoi X2, ta gan gia tri cho bién x bang 1 va nhan déuE duoc két qua:

M F] Math &

B[ Z5in(28) ]|,k

-2. 87513 |

- Két qua cuia phép thir sap si bang 0.
+ B¢ kiém tra phuong an B ta thuc hién cac thao tac sau:

2 d(-1. . .
- Nhap biéu thuc ™ 7sm 2X j —c0s2X vao man hinh bang cach bam lan lugt cac phim sau:

X

x=X

SHIFT||[ "= EI—IIlllvllzll>||sin||2||ALPHAIMDIIMIALPHAIMI>||—|Icos||2||ALPHAIMM.

(hodc chinh siva biéu thirc da nhdp truée do)
Khi d6 trén man hinh may tinh xuat hién nhu sau:

M F:| Math

A [ Leine2x) ]| o—cos (250

M k] Math &

[ Zsin(2x ]| b
0. 8322936731

- Két qua cua phép thir khac 0, vay loai phuong 4n B.

+ Dé kiém tra phuong an C ta thyc hién cac thao tac sau:

- Nhap biéu thirc di(2sin 2X ) —cos 2.X vao man hinh bang cach bim lan lugt cac phim sau:
X

x=X

[’ Emsmuzn aLPHAD [T aLpHAl o] Jeos |2l ALPrA])])].

Khi d6 trén man hinh may tinh xuat hién nhu sau:
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Math

dx[zsmczmhx H—EDSEE:{JI

- Nhan phim |CALC|may hoi X2, ta gém gi4 tri cho bién x bang 1 va nhan déuE duogc két qua:
] Math &

9 oeinC 2RI b

-1. 24544051

- Két qua cua phep thir khac 0, Vay loai phuong an C.
+ Pé kiém tra phuong an D ta thyc hién cac thao tac sau:

- Nhép biéu thirc di(—2sin 2X)
x

x=X

SHIFT j:. EI—Ilzll sin[ 2] 4LPHA|) ) [ 4LPHA]) > || cos| 2] 4LPHA])])|.

Khi d6 trén man hinh may tinh xuat hién nhy sau:

Math

dx[zsmczmhx H—cuscz:-::ul

- Nhén phim |CALC|may hoi X2, ta gz’m gia tri cho bién x bang 1 va nhan déuE dugc két qua:

R} Math &

I: 251NCZ2A0 ] .,
E.DED?E#IEE

- Két ‘qua cta phép thir khac 0, vay loai phuong an D.

—c0s2 X vao man hinh bang cach bam lan luot cac phim sau:

+ Thay trong cac phép thir thi phép thir & phuong an A coi nhu bang 0 (vi Khi tinh gia tri ciia mot biéu
thirc c6 nhiéu phép toan ma két qua cua cac phép tinh 1a nhitng sé thap phan may sé& lam tron dan dén

sai s0). Vay chon dép an A.
+ Chuy:

- Khi tinh dgo ham ciia cdc ham lwong gidc tai mét diém x, thi phdi chon don vi tinh la

Radian.

- Dé khéng mit thoi gian nhdp di, nhdp lgi cic biéu thirc trong méoi lan kiém tra cic phwong

dn thi ta di chuyén con tré dén vi can chinh sira de siva lgi biéu thirc cdn thik.
% Vidu 2: Tim nguyén ham ciia ham s6 f(x)=~/2x—1.

A [ f(x)dx = %(Zx —I2x-1+C. B. [ f(x)dx= %(2x —IW2x-1+C.

C. J.f(x)dxz%l 2x—1+C. D. Jf(x)dx:% 2x—1+C.

(Trich Ciu 23 Dé thi thir nghiém lan 1 ciia B GD va DT)

Bai gidi:
+ Cac buéc bAm may:

Buwéc 1: Chon don vi tinh Radian bing cach bAm [SHIFT|[MODE|[4] Khi 6 man hinh méy c6 dang:

NATURAL-LIP.A.M.
[} Math A
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Budre 2: Kiém tra cac phuong 4n.
+ D¢ kiém tra phuong an A ta thuc hién céc thao tac sau:

- Nhép biéu thirc —( 2x-Dv2x- j

—+/2x —1 vao man hinh bang cich bam lan lugt cac phim

x=X
sau:
812 28 ey v y O vy S S vy S

[Val2lazpaa]-Til

Khi d6 trén man hinh ma tinh xuat hién nhu sau:

Mazth

A (2o 1T )| e -1

- Nhan phim |CALC|may hoi X2, ta gén gié tri cho bién x bang 1 va nhan déuE dugc két qua:

Math &

2 [2c2%- 1) (77
1

% Két qua cua phép thir khac 0. Loai phuong 4n A.

+ Pé kiém tra phuong an B ta thyc hién cac thao tac sau:

- Sira lai biéu thtrc trén thanh —( (2x-1Dv2x - j —+/2x—1 vao man hinh:

x=X

Math

A L o0-190F7T )| e ey

- Nhén phim |CALC|may hoi X2, ta gz’m gia tri cho bién x bang 1 va nhan déuE dugc két qua:

Math &

S [ Lom- 1) {77
-2, 053l 2

7

% Két qua cua phép thi sap si bang 0.

+ Pé kiém tra phuong an C ta thyc hién cac thao tac sau:

- Stra lai biéu thurc trén thanh di(_?l\/zx -1 j —/2x—1 vao man hinh:

X x=X

Math

(3T T

- Nhan phim |CALC|méy hoi X2, ta gan gié tri cho bién x bang 1 va nhan déuE dugc két qua:
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R} Math &

e R Pl O

-1, 935053000

% Két qua cua phép thur khac 0, vy loai phuong an C.
+ D¢ kiém tra phuong an D ta thuc hién céc thao tac sau:

- Stra lai biéu thuc trén thanh die\/zx -1 j —/2x—1 vao man hinh:

X x=X

[} Math

o P ey |

- Nhén phim |CALC|may hoi X2, ta gan gia tri cho bién x bang 1 va nhan déuE duogc két qua:

M F] Math &

e (2425 i

-[1.5

% Két qua cua phép thtr khac 0, vy loai phuong an D.
Vay chon déap an B.

3.2 Dang 2: Tinh tich phan.
Bai toan: Tinh tich phan / = J.b f(x)dx.

1. Co sé Iy thuyét:
a) Dinh nghia:
e ’ b
Néu F(x) la mt nguyén ham cia ham s6 f(x)thi | f(x)dx = F(x)[, = F(b)~ F ().
b) Giai phap. i
- Khac voi bai toan tim nguyén ham thi bai toan tinh tich phan déu c6 thé giai dugc bang may tinh
cam tay. )
2. Thuit toan bam may.
- M§ chirc nang ID =
- Nhép biéu thirc can tinh tich phan f(x)
- Nhép cén dudi, trén
¢ Vidu 1: Tinh tich phan [ = J.Olr cos’ x.sin xdx.

A T=—1n* B. [=-x". C. I=0. D I=-1
4 4

(Trich Cdu 25 Dé thi thir nghiém lan 1 ciia B GD va DT)
Bai gidi:
+ Cac budc bAm may:
Buwéc 1: Chon don vi tinh Radian bing cach bAm [SHIFT|[MODE|[4] Khi d6 man hinh méy c6 dang:

NATURAL-LIP.A.IM.
[} Math &
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Budre 2: Kiém tra cac phuong 4n.

A , i . 5 | . M , e A , ;
- Nhép bicu thirc J.O cos’ x.sin xdx. vao man hinh bang cach bam lan lugt cac phim sau:

j: o|([cos[4LPHA |l[|l||l|ﬁl3llglsin [4LPHA|)D]>]0]A]sHIFT|x10°

Khi d6 trén man hinh xuat hién:

k] Math &

|Z ccosexnd®sinccd

Budée 3: Nhan diu EI dwoe két qua: 0

[} Math A

|Z ccosciaFsine
i

Vay chon dap an C.
+ Chu y:
- Khi tinh tich phan ma biéu thire dwéi ddu tich phdn c6 chiva ham heong gidc thi thi phai chon
don vi tinh la Radian.

- Pé nhdp cos’ x vao mdy ta phai nhdp la (cos(x))3.

% Vidu 2: Tinh tich phan [ = fxln xdx.

2 2 2
A T=1 B 7=+ c1=22 p. =4~
2 4 2 .4
(Trich Cau 26 Dé thi thir nghiém lan 1 ciia Bo GD va DT)
Bai gidi:

+ Cac buéc bAm may:

Budre 1: Kiém tra cac phuong 4n.

- Nhép biéu thirc J.lexln xdx.vao man hinh bang cach bim lan lugt cac phim sau:

j::. |ALPHA|)|In[ ALPHA|)|)[>[1]A] 4LPHA|x10"

Khi d6 trén man hinh xuét hién:

M [} Math A

[xincycd

Buwéc 2: Luu tich phan vao bién A

- Nhin ddu [SHIFT|RCL|(-)|man hinh xuét hién nhu sau:

M ] Math &

|% %1ncodxsn

2. 097264025
Bugre 3: Do dap an.
+ B¢ kiém tra phuong an A ta thyc hién cac thao tac sau:

- Nhén [AC[4LPHA |(_—)||;||l|ﬂ khi d6 man hinh xut hién:
O
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] Math ‘

- Nhan E dugc két qua:

1. 097 64075 |

Két qua khac 0, loai A
+ B¢ kiém tra phuong an B, ta thuc hién twong tu nhu trén ta dugc ket qua:

Math &

..

Két qua bang 0, phuong an B diing. Vy chon dap an B.
& Chit y: Néu ¢ buwdc 2 ching ta nhan dau E thi may sé cho két qua duéi dang soé thdp phén
nhw sau:

|xincs

2. 197264025

- Véi két quad nay chiing ta sé gap khé khan trong viéc so sanh va lwa chon ddp an. Vay gidi phdp dua
ra cho truong hop nay la thuc hién nhw buéc2 va budc 3.
- Néu phieong dn B khéng théa thi tiép tuc kiém tra cdc phirong dn con lai.

> Tém lai: Véi may tinh cam tay (MTCT) néi chung va may tinh CASIO néi riéng déu tinh
dwge tich phén (khéng phan biét mire do khé hay dé ). Do biét dwoc diéu nay nén chdc chdn khi ra dé
nguoi ta sé han ché toi da nhitng cdu hoi ma c6 thé bam may truc tiép, ma thay vao dé nhitng cau hoi
nham han ché may tinh. Tinh than 6 dwoc thé hién rat ré trong dé thi thiv nghiém lan hai cua B¢ Gido
Duc va bBao Tao. Song han ché may tinh khéng cé nghia la may tinh khong thé gidi quyet duoc, neu
chiing ta ndm viing co so' todn hoc két hop cdc chire nang cua may tinh thi sé gidi quyét dwoc vin de.
Sau déy la mét vai vi du minh hoa, cdc em cing tim hiéu nhé...

ax+1 . o
% Vidu 3: Cho tich phan .[1 iabc =e. Khi do6 gia tri cta a la:
X

A. 2e. B. e C. D. i
e—1

[NSNWN

Bai gidi:
+ Phan tich:

- Gia sw phuong an A la dap an dung tiee la a =2e. Khi do j x—+1dx = J.zcx—ﬂdx e=0.

- Twr do ta co the,su" dung may tinh dé thir timg phwong dn.
+ Thuét toan bam may:

- Nhdp biéu thirc LX X+l dx —e. (a dwoc gan bang bién x)

- Nhén |CALC|va ldy cdc gid tri cia a trong tung phwong dn gan cho bién x
- Nhén |=]. Két qua bing 0 thi @6 1a dap dn diing.
+ Céc buée bAm may chi tiét.

Buéc 1: Nhp biéu thirc [* Xl

dx —e. vao man hinh bang cach bang cach bam lan lugt cac phim

sau:
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[= S | 4LPHA|) [+ 1|V [ 4LPHA])|>]>[1|A] ALPHA]) [>] -[>] 4ALPHA|x10*

Khi d6 man hinh xut hién:

M = Math

Hor+l
J g T odeE

Buée 2: thir cac phuong an.
+ Tht phuong an A. Ta thyc hién cac thao tac sau:
- Nhén may hoi X?, nhip 2e va nhén diu E duogc két qua:
M m
MRl
[5toe-e
4.411423009

> Két qua khac 0, loai A.
+ Thtr phuwong &n B. Ta thyc hién cac thao tic sau:
- Nhén [CALC| may hoi X2, nhap e va nhén diu [=] duoc két qua:

H o} Math &

> Kétqua b?}ng 0, chon dap an B. ]
4+ Chu y: Néu phuwong dn B khong théa thi thir tiép cac phwong dan con lai.

iy 12x+3 g ax . :
¢ Vidu 4: Biét tich phan IO 2x dx dugc bi€u dien dudi dang aln2+5H trong d6 a va b 1a hai
-Xx
s6 nguyén. Khi dé gia trj cua a la:
A. 7. B. 2. C. 3. D. 1.
Bai giai:
+ Phan tich:
2
- Gid sit | 2x+3dx=P:>P=a1n2+b<:>b=P—aln2 )
-X

- Theo gid thiét a;be Z = P—aln2e Z.
- Vay lay cdc gid tri cua a trong ting phuwong an thay vao (*)
+ Thuét toan bam may:

- Tinh jol 22)6 +3
X

dx va heu két qua vao bién A.

- Nhdp biéu thirc A—aln?2.
- Nhéan |CALC|va ldy cdc gid tri ciia a trong tung phirong dn gdn cho bién a.
- Nhan E Két qua khéng nguyén thi loai phwong dn do.
+ Céc buéc bAm may chi tiét.
2 12x+3
Bude 1: Nhap biéu thire [ =~
0 2-x
qua tich phan vao bién A). Khi d6 man hinh xuat hién:
] ]

1 e+
| 2mtag.y

dx vanhén lién tiép cac phim |SHIFT| RCL|(-)| (dé tinh va luu két

2. 502050264 |

Buwéc 2: Nhdp biéu thirc A—aln?2.

Gv: Nguyén Vén Ky-Trwong THPT Tdy Son 73



HUGNG DAN HOC SINH 12 SU DUNG MAY TINH CASIO fx 570 ES, fx 570 VN PLUS GIAI TOAN TRAC NGHIEM-PHAN GIAI TiCH.

- Nhin [AC[ALPHA|(-)[ =] ALPHA])|In[2])] Khi d6 man hinh xuét hién:

i A-Xlncey i

Budre 3: Kiém tra cac phuong an.
+ Tht phuong an A. Ta thuc hién cac thao tac sau:
- Nhén [CALC|may hoi A? nhan ddu[=| mdy héi tiép X2 nhdp s6 7 nhan déu [=] duoc két qua:

> Kétqua-2suyra b=-2¢eT.
+ Tht phuong an B. Ta thyc hién cac thao tac sau:
- Nhén [CALC|may hoi A? nhan ddu[=| mdy héi tiép X2 nhdp s6 2 nhan déu [=] duoc két qua:

Math &

A-X1n(2)
1. 465795903

> Két qua khong nguuyén, loai B.
+ Thu phuong an C. Ta thuc hién cac thao tac sau:
- Nhén |CALC| may hoi A? nhan déuE may hoi tiép X? nhdp so 3 nhan ddu E duogc két qua:

A-X1nC2)

0. 7725887222
> Két qua khong nguuyén, loai C.
+ Thu phuong an D. Ta thuc hién céc thao tac sau:
- Nhan méy hoi A? nhan déuE mdy hoi tiép X? nhdp s6 1 nhdn ddu E dugc két qua:
M =
A-AlniZ2l
| 2. 158885051
> Két qua khong nguuyén, loai D. Vay chon dép 4n A.
. 5 1
% Vidu 5: Biét tich phan | ———
) P ‘[ P x/3x+1

1a hai s6 nguyén. Khi d6 gia tri ctia biéu thirc @’ +ab+3b* la:

dx dugc biéu dién dudi dang aIn3+5b1n5 trong ddavab

A. 4. B. 1. C.o. D. s.
Bai gidi:
+ Phan tich:
- Gia su LST\/%dx =p=p=aln3+bln5e” =3°5" (¥)

- Tir (*) muon xdc dinh a va b ta phan tich e” ra thira s6 nguyén to.
+ Thuét toan bam may:

, 5 1
- Tinh L xV3x+1

dx va heu két qua vao bién A.

- Tinh e*
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- Nhan |SH1FT||FACT| d‘éphdn tich e’ ra thira s6 nguyén 1.
+ Céc buéc bAm may chi tiét

Budére 1: Nhap biéu thirc I
xv3x+1

két qua tich phan vao bién A). Khi d6 man hinh xuét hién:
Math &

1
FAEHEL 2

—~——~dx va nhn lién tiép cac phim [SHIFT|RCL|(-)| (dé tinh va luu

L 0.5&77866643 |

Buwéc 2: Tinh e” va phén tich e”ra thira sb nguyén t6.

- Nhéan |AC| ALPHA||x10*

x°| ALPHA](-)|=| Khi d6 man hinh xuét hién:

1 ) P p P i
Tacod: e’ =1.8= % vay dé phan tich 1.8 ra thura s6 nguyén t0 ta phan tich 18 ra thira s6 nguyén to nhu

sau:
- Nhép sb 18 va nhan dau Ii" SHIFT ||FACT | dwoc két qud nhw sau:

. 1
Tur két qua trén suy ra e” =1.8©aln3+bln5=£<:>3“.5b

—1
:E'32 =35 =5"3¥=a=2b=—1

Véi a=2;b=-1 tacd a*+ab+3b’ =5vay chon dap an D.

% Vidu 6: Biét j =aln2+bIn3+cIn5, véia, b, ¢ 1a cac sé nguyén. Tinh S=a+b+c

)C + X
AS=6 B. S=2 C.S=-2 D. S=0
(Trich Ciu 26 Pé thi thir nghi¢m lan 2 ciia B GD va DT)
Bai gidi:
+ Phan tl'ch

=po p=aln2+bln3+cln5< p=1n2°+In3" +In5 < e” =2°3"5° (%)

—Glasu"j
X +x

- Tir (*) muon xdc dinh a ; b va c ta phan tich e ra thira s6 nguyén to.
+ Thuﬁt toan bam may:

- Nhap_[—dx va nhdn déu E (May sé tinh j—dx va heu két qud vao 6 nhé m )
X +x +x

- Tinh e™
- Nhan |SH[FT||FACT| dé phan tich e™ ra thira s6 nguyén to.
+ Céc buéc bAm may chi tiét.

Budére 1: Nhap biéu thirc I —dx va dau EI Puoc két qua nhu sau:
x°+x
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M

g —
3 HZ 4N
0. 06454852114

(Két qua nay dwge mdy luu vio 6 nhé )
Buwéc 2: Tinh ™ va phan tich e ra thira sb nguyén t6.

- Nhén [ALPHA|x 10" [x*[4ns]=]. Khi d6 man hinh xuét hién:

Math &

ANs
& 16
1
4
- D@ thiy: ™™ = % = 32—5 =2*3"5"" (Hodc c6 thé ding chirc nang |SHIFT||FACT|dé phan tich 16

va 15 ra thira sé nguyén t6 roi ldp ti sé ta dwgc e™ =2*375")
- Vay theo (*) taco: 2°37.5"'=2°3" 5" =>a=4;b=-1;c=-1.
-Véi a=4;b=-1;c=-1tacé S=a+b+c=2.Vay chon dap an B.

Thong qua cac vi du trén ta thdy nguoi ra dé da cé tinh ra dang cau héi nham khong ché mady
khién chiing ta khong thé bam mday mot cdach truc tiép. Nhung néu cdc em ndm viing kién thirc co ban
cia todn hoc va mét s6 chire ndng co ban ciia mdy tinh thi sé gidi quyét dwoc dang todn nay trong
vong vai chuc gidy. Nguwoc lai néu khéng sir dung may tinh ( ké ca doi véi hoc sinh khd gici) ciing phdi
mat it nhdt ndm phiit méi cé thé gidi dwge dang todn nay.

3.3 Dang 3: Ung dung tich phén trong hinh hoc.

Bai toan 1: Tinh dién tich hinh phing giéi han béi mét dwong cong va truc hoanh.

+ Co s6 1y thuyét: , . )
Dién tich S cua hinh phang gici han boi do thi ham so y = f(x) lién tuc, truc hoanh cac duwong

thang x=a;x=b (a < b) duwoc tinh theo cong thirc:

S=[|f()|dx

+ Giai phap:
- Xac dinh cac yeéu to can thiét nhw: cong thiec f(x) cac dwong thang x = a; x =b (can duoi, can
trén)

- Sur dung chirc nang tinh tich phan J a| ¢6 san trong mdy tinh dé tinh.

% Vidu 1: Cho hinh thang cong (H) gi6i han bdi cac
duong y=¢*,y=0,x=0 va x=In4. Duong thing
x=k(0<k<In4) chia (H) thanh hai phan c6 dién
tich1a S, S, va nhu hinh v& bén. Tim x =k dé S, =25, .

A. k=21n4 B. k=In2
3 ]
C. k=ln§ D. k=In3 Ol % | [Ta= =

(Trich Céu 27 Dé thi thir nghi¢m lin 2 ciia B) GD va PT)
Bai giai:
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+ Phan tich:
-Co S, = jok e'dx; S, = ~[kme”dx. (vi e* >0,Vxe[0;1n 4])

N k In4
-Dé 5, =25, & | e'dv-2[ " e'dx=0. (%)
- Vay dé tim k ta ding phép thtr thay k & cac phwong an vao (*) gia tri ndo thda mén thi d6 1a phuong
an dang. )
+ Cac budc bam may.
k In4 1 7
Buéc 1: Nhap jo e'dx=2| " ¢"dx 1én man hinh méy tinh (Vi k duge thay thé boi bién x)

Math &

JDE t<-d),.  e"dx

Budre 2: Kiém tra ting phuong an.

+ Nhén phim |CALC|mdy héi X?

; 2 ‘ . (
-Dé thur phwong an A ta nhdpgln 4va nhan dau E ta duoc ket qua

M Math &

L —
A s Jlnid]
JDE =2 ). 1

-1. 440475701 |
- Két qua khdc 0 nén logi phu’o’n dn A. .
+ Tiép tuc nhan phim may hoi X?
- Dé thir phwong dn B ta nhdpIn 2 va nhin dau E' ta dwoc két qua

- Két qud khdc 0 nén logi phwong dn B.
+ Tiép tuc nhan phim |CALC|mdy héi X?

, 8 ‘ . .
- Dé thir phuwong an C ta nhdp lng va nhan dau E ta duoc ket qua

- Két qua khdc 0 nén logi phu’o’n an C.
+ Tiép tuc nhan phim |CALC|mdy héi X?
- Pé thir phwong dn C ta nhdp In3va nhan dau E ta dwoc két qua

- Két qud béing 0 nén chon ddp dn D.
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Bai toan 2: Tinh dién tich hinh phing giéi han boi hai dwong cong.

+Co 56 Iy thuyét: 7 ‘ , 7
Dién tich S cua hinh phang gioi han boi hai do thi ham so y = f(x)va y = g(x), cdc dwong thang

x=a;x=b(f(x)va g(x)lién tuc trén doan [a; b]) duwoc tinh theo cong thirc:

§=['/(x)- g dx

+ Giai phap:
- Xdc dinh cdc yeu to can thiet nhu: cong thirc f(x); g(x) cdac duwong thang x = a; x =b ( cdn duoi,
cdn trén)

o ~ 2
- Stk dung chirc nang tinh tich phan I ol ¢ san trong mdy tinh dé tinh.

% Vidu 2: Tinh dién tich hinh phang giéi han bai d6 thi ham sé y = x* —x va d0 thi ham s
y=x-— x>
37
e

81
ST
(Trich Céu 27 Dé thi thir nghi¢m lin I ciia By GD va PT)

D. 13.

w
&0

Bai giai:
+ Bién déi phwong trinh: x> —x =x—x* < x* + x> —=2x =0. ( bang tay)
+ Cdc buwdc bam mdy:
Buwéc 1: Tim cén trén, cian dwéi (Giai phuong trinh: x° +x° —2x=0)

- Bdm , Nhép cdc hé s6 E'E' dwoc két qua:
M

F| MathW

- Nhan tiép dau E dige két qua:

Math Wi

-2

- Vay cdn dwoi: x =-2;cdn trén: x =1.
Buwéc 2: Tinh di¢n tich hinh phang.
Nhén [MODEJ]1] ( thoat khéi ché do giai phuong trinh)

5 1 s r
- Nhép bicu thuc: J. 2‘x3 +x* - 2x‘ dx vao man hinh bang cach bam cac phim sau:

— —_—

[ osaiEr[hyp] ALPHAT) | x° [3]e ]+ ALPHA]) | x* [=[2] aLPHA) [> [ |2 Al1][=] dieoe Két qua:

H F] Math &

|2 lwm ez o

g, 535353553

- Két qua la mét s6 thip phdn thit khé dé doi chiéu véi cdc phirong an ding khong? Dé gidi quyét van
dé nay ta can xir 1y thém mot buede niva nhie sau.: Luu két qua trén man hinh vdo é nhé A, réi goi A

thuwe hién phép tinh A-a (véi a la gid tri d cho trong timg phwong dn). Néu hiéu bang 0 (hodc sdp si
bang 0) d6 la phwong dn diing. Cdc thao tdc cu thé nhw sau:
Buwdc 3: Chinh xdc héa két qud.
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- Nhan |SHIFT | STO|(-)|Khi d6 man hinh xuat hién:

F| Math &

| 3. 530353000 |
- Nhan [4LPHA](-)]-] 371 dwoc két qua:

Math Wi

4. 559l 1

- Két qua nay sdt véi 0 nhat ( Cac em thir tiép cho cdc truong hop dé thdy dwoc diéu nay)
Vay chon dap an A.
& Chit y: Ta cé thé so sanh két qua véi cac phwong én bang cach sir dung may tinh thi 2
dé doi cdc phdn sé ra sé thdp phan. Nhw vdy khi di thi néu nhw ¢é diéu kién chiing ta c6 thé mang 2
mdy vao phong thi (vi diéu nay khéng cam), diéu nay rt cé loi.

Bai toan 3: Tinh thé tich ciia khoi tron xoay dwgc tao thanh khi quay hinh phéing giéi
han béi do thi ham s6 y = f(x), truc hoanh va hai dwong thing x=a;x=>b(a<b) quanh

truc Ox. .
+ Co 56 ly thuyét: . . .
Thé tich cua khoi tron xoay dwoc tao thanh khi quay hinh phang gioi han boi do thi ham so y = f(x),

truc hoanh va hai dwong thang x =a;x=b (a < b) quanh truc Ox, dwoc tinh boi cong thire.

S=z f*(x)dx

+ Giai phap:
- Xdc dinh cdc yéu to can thiet nhw: cong thiec f(x) cac dwong thang x =a; x = b (cdn dudi, cdn
trén)

- Str dung chirc nang tinh tich phan J "ol ¢6 sén trong may tinh dé tinh.

o

% Viduy 3: Ki hiéu (#)1a hinh phang gi¢i han béi d6 thi ham s6 y =2(x—1)e", truc tung va truc
hoanh . Tinh thé tich ¥ ciia khdi tron xoay thu dugc khi quay hinh () xung quanh truc Ox.

AV =4-2e  B.V=(4-2e)r. C.V=¢-5. D. V =(e* -5)x.
(Trich Ciu 28 Pé thi thir nghi¢m lin 1 ciia B) GD va PT)
Bai gidi:

+ Cdc budc bam mdy:

Buoc 1: Tim cdn trén, cdgn dwoi (Giai phuong trinh: 2(x—1)e* =0)

- Nhdp biéu thirc: 2(x —1)e* 1én man hinh (chi tiét nhdp cdc em tiw bam)
- Bim |SHIFT||SOLVE
E' dwoe két qua:

,mdy héi Solve X, nhdp s6 1 (gdn gid tri cho bién X bang 1) va nhén dau

Gv: Nguyén Vén Ky-Trwong THPT Tdy Son 79



HUGNG DAN HOC SINH 12 SU DUNG MAY TINH CASIO fx 570 ES, fx 570 VN PLUS GIAI TOAN TRAC NGHIEM-PHAN GIAI TiCH.

- Suy ra d6 thi ham s6 y = 2(x—1)e” cat truc hoanh tai diém x =1 , dong thoi hinh phang gidi han boi
truc tung (x =0). Vay can duoi: x =0;can trén: x=1.

Buéc 2: Tinh dign tich hinh phing.

-Nhin ( thoat khoi ché do giai phuong trinh)

- Nhép biéu thuc: HJ.OI (Z(x -1e’ )2 dx vao man hinh bang cach bdm cac phim sau:

[ a2 AzrrAD =l [azpra]x 10 [ [arpra]) =] *[=]o]all]

Man hinh xuat hién:

Math &

]

- Nhan dau E' dwoe két qua:

nf L2162
| 7505441089 |

Buwéc 3: Chinh xdc héa két qud.
- Nhan |SHIFT | STO|(-)|(dé luu két qua trén vao 6 nhd A)

- Nhan |ALPHA (g0i A) va trir timg gia tri da cho trong cac phuong an ta thdy phuong an D cho két qua
béng 0:

b-(eZ-El

Vay chon dap an D.

4. Cac bai toan ve so phire

4.1 Dangl : Thuc hién phép tinh.
- Pé lam viéc vdi s6 phikc trueée tién ta phdi vé méi truong sé phire bang cach bam |MODE khi trén
man hinh xudt hién CMPLX. (Nhuw hinh bén duwéi)

NATURAL-L/.P.AM.

M W [F] Math

- Dé nhap don vj 4o (i) ta bam:
(1-34)

1-i

A.—4-4i B.—4+4i C.4+4i D.4-4i

bang:

% Vidu: Biéu thuc Z =
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Bai gidi:
- Dé tinh biéu thirc trén ta thuc hién bam lién tiép cac phim sau:

EWB ENG) [l Bl[V][[EENG][=] duoe két qua nhu sau:

Vay chon dap an A.

4.2 Dang 2 : Tim lién hop ciia sé phirc.

+ Pé tim lién hop cua sb phirc Z ta thuc hién cac thao tac sau:
- Nhap s6 phirc Z

- Nhén cc phim [=][SHIFT][2][2][4ns]])][=]

% Vidu 1: Lién hop cta sb phirc: Z = i(3i+1) la:

AZ=3-i B.Z=-3+i C.Z=3+i D.Z=-3-i
(Trich Céu 30 Pé thi thir nghi¢m lin 2 ciia B) GD va PT)
Bai giadi:

Buéc 1: Nhép va heu s6 phire Z =i(3i+1).
- Nhén cac phim: [ENG][(][3][ENG]+][1])][=]xhi d6 man hinh xuét hign

CHPLY F] Math &

i(3i+1)

-3+

(6 buGc nay ban nao nhé cong thirc tim s6 phire lién hop thi suy ra ngay két qua la: Z=-3 —1i)
Buwéc 2: Tim lién hop cua so phirc =3 +i
- Nhan lién tié'p cdc phim |SHIFT||Ans|E ta duoc két qua:

CMFLY F:} Math &

Ennjgiﬁnaj

Vay két qud la Z ==3—i. Chon ddp dn B.

% Vidu 2: Tim s6 phirc Z biét rang i: ! '—;2
Z 1-2i (1+2i)
Az=20.2 gz oz 2N p 0L
13 26 25 25 25 25 13 25
Bai giadi:

+ Phan tich:
1

- Détim Z ta vit 7 tir phwong trinh da cho dwoc Z= ]

1-2i  (1+2i)?

- Nhgp Z vio mdy tinh v tinh Z (vi Z =Z).
+ Cdc buwoc bam may.

Budc 1: Nhin
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1

Buwéc 2: Nhdp va luu s6 phire 7= 7

1-2i (142i)?

_ |2 290 4 a1 FTTA
Il”V"l" "2" ENG " D" |Jn khi @6 man hinh xuat hién

- Nhén céc phim: Eﬂ"ﬂ
o

Eio]

1

- Nhdn déuE duoe két qua:

—Tirkétqudtrénsuyra Ezm—ﬁi:>2=§=£+£i
13 26 13 26

Vay chon dap an A.

4.3 Dang 3: Tim Mé-dun cia sé phirc.

+ Pé tim lién hop ciia sé phiic Z ta bim ta thuc theo hai cach sau:
+ Cidch 1:

- Nhap s6 phirc Z.

- Nhén cac phim: |5|| SHIFT uhy_p" Ans ||5| Két qua xudt hién trén man hinh la gid tri can tim.
4 Cich 2:
- Nhén cac phim:

- Nhap s6 phirc Z va nhan dau E Két qua xudt hién trén man hinh la gid tri can tim.
(2-3i)(4-i)
3+2i
A.|z|=+21 B.|Z| =23 C.|z|=v26  D.|z|=+27

Bai giai:

% Vidu 1: Mb-dun cua sd phic: Z = —4+3ila:

+ Cdc bwdc bam mdy.

Buée 1: Nhan

, 2-3i)(4—i
Budc 2: Nhdp va luu so phitc Z = (2-3i)4-i)

3+2i

—4+3;.

- Nhén cac phim: E“glzll—llsll ENG|)| ([4[=[ENG])|V[3]+]2[ENG o> |-[4]+]3[ENG|=] Khi d6 két

qua xuat hién trén man hinh nhu sau:

CHFPLY [F] Math &

M
(2-33) (d=i) 4,
L
-0 |

S+Z1
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Buwoc 3: Tinh modun.

- Nhén céac phim|SHIFT || hyp || Ans|=| dwoc két qua:

Vay chon dap an C. )
s Vidu 2: Tinh mo-dun cua so phirc Z théa: Z(2 —-i)+13i =11a:

5V34 V34

Alz|=+34 Blz[=34  Cl7==— D.|z| ===
(Trich Ciu 31 Dé thi thir nghiém lan 2 ciia B GD va DT)
Bai gidi:

+ Cdc buéc biam mdy.

Budc 1: Nhan
1-13i

Buwdc 2: Nhip va leu s6 phivc 7 = 5 .

—1

- Nhén céc phim: E|1"—"13"ENG ||V||2||—|| ENG| .Khi @6 két qua xuat hién trén man hinh nhu sau:
|

Buwoce 3: Tinh modun.

- Nhén céc phim|SHIFT || hyp || Ans|=| dwoc két qua:

Vay chon dép an A.

% Vidu 3: Tinh mo-dun cua sé phtic Z thoa: Z(2—i)+13i =11a:

5V34 V34

A.|z|=+34 B|7]=34  Clz]==— D.|z|===
(Trich Ciu 31 Pé thi thir nghi¢m lan 2 ciia B) GD va DT)
Bai giai:

4.4 Pang 4: Tim can béc h’ai ciia sé phirc.

+ D¢ tim mot cén béc cta so phuc Z ta thuc hién cac thao tac sau:

- Nhép sb phirc Z va nhan dau El ( khi do Z dwoc luu trong 6 nho )
-Nhéan céc phim:

®® (£) (B (e
M0 ®2 =

& Chu y: Vi cach trén chi tim dwoc mot can bdc hai cia Z, muén tim can bdc hai con lai ta léy -
1 nhan voi can bdc 2 tim vira tim duwoc.
% Vidu 1: Trén tap s6 phirc, can bac hai cia —2 1a:
A. Khong ton tai. B.+i2 C. /2 D. +iv-2

Bai giai:
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- Tw ludn: Ap dung cong thirc thi cin bac hai cua 1a: +i |—2| = +i\/2. chon dap an B.
- Cic budc bim mdy:

Budre 1: Nhin | , nhap s6 —2 va nhan dau E

Buére 2: Nhan 1an luot cac phim:

WI SHIFT| Ayp | Ans|>[>|SHIFT ||(;)| SlsHFT2[iansDIVI2[=] . Kbt qua xuét hién nhu sau:
—_ E —

M CMFLY ] Math &

aralAansl
MTang [ ¢ 202Lans)
2i

Két qua: iv2 1a cin béc hai thtr nht suy ra can bac hai thir hai la: —i2. Vay chon déap an B.

% Vidu 2: Mot cian bac hai cta sé phic z =-3—4i la:
A 1+2i. B.N/-3-4i. C. —v-3-4i. D. 1-2i.
Bai giai:
- Néu giai theo huéng ty luan thi rat dai mat thoi gian:
- Cdc buwéc bam mdy:
Buwéc 1: Nhin | , nhap s —3—4i va nhan diu E .Man hinh xut hién nhu sau:

M CMFLY Math Wi

-a-4i

-3-4i

Budc 2: Nhan lan luot cac phim: |

]EII SHIFT| hyp | Ans|>[>[SHIFT] ()] SIsaFT 21 [4nsDIV]2]=]. Két qua xuat hién nhu sau:
—_ E —d

M CHMPLE F| Math Wik

ar-3[(Aans)
Tans| ¢ 2-3ians)

1-21

Vay chon dép an D.
4.5 Dang 5: Gidi phuwong trinh béc hai.
+ Trwong hop 1: Phuong trinh bac hai voi hé s6 thuc: ax®> +bx+c=0 (a#0, a,b,c €R)
Trong truong hop nay chiang ta thuc hién giai phuong trinh béc 2 theo cach thong thuong ma cac em
da biet do la:
- Bim
- Nhép cac hé s6 a,b,c vanhan diu E , doc két qua trén man hinh.
+ Truwong hop 2: Phuong trinh bac hai v6i hé s phirc (chira i): AZ> + BZ+C =0
- Bim
- Nhap biéu thirc 4Z> + BZ +C ( an Z duoc thay boi an X) bang cach bam cac phim sau:
- Nhén va thir 1an luot 1a cac dap an cho san, néu dap an nao cho két qua bang 0 thi ta nhan
dap an do.
¢ Vidu: Phuong trinh Z* —8(1—i)Z +63—16i = 0 ¢6 nghiém la:
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Z,=5-12i [Z,=5-12 o|4=5-12 D | A =5+
Z,=3+4i 1 Z,=3-4i 1z, =-3-4i 1 Z,=3+4i
Bai giai:
- Cdc buwéc bam mdy:
Buéc 1: Nhap biéu thire: Z* —8(1-i)Z +63-16i

- Nhén [MODE]2],

- Nhin c4c phim: | ALPHA |l|7 — |§||L||1||—||ENG IMI ALPHA |M|i||6||3||—||1||6|| ENG| .Man hinh xuét

hién:

CHMPLE . Math

F{E 8(1—133{+EE 161

Blr(rg 2: Kiém tra cac phuong an

+ Kiém tra phuong an A.

- Nhén . May héi X? Ta nhép 5 —12i va nhin déu E két qua bang 0
F{E -a01-1 JF{+E~E IDP

- Tiép tuc nhan |CALC|. May hoi X? Ta nhap 3 + 4i va nhan du E két qua bang 0
CHMPLE Math &

F{E EE1—133{+E~3 1

|:| 4

Vay chon dap an A.

4+ Chu y : Neu phuong an A khong thoa thi chiing ta thir tiép cac phwong dn con lai nhw trén.
4.6 Dang 6: Biéu dién hinh hoc ciia s6 phirc.
- Trong miit phing Oxy sé phic z = a+ bi dwgc biéu dién béi diém M (a;b)

% Vidu 1: Cho sb phirc z thoa man (1+i)z=3-i. Hoi diém biéu Ly
dién cua z 13 diém nao trong cac diém M, N, P, Q & hinh bén? N I M
A.Diém P B.PiémQ. C.PiémM. D.DiémN. | !
[ |
! S
K1) ; 1
I
I I
pudl Q

(Trich Ciu 32 Dé thi thir nghiém lan 1 ciia B GD va DT)
Bai giai:
+ Cic budc bim mdy:
Buwdc 1: Nhan ( V6 méi trueong s6 phikc)
—1

Buwéce 2: Tinh z = 3—
1+i

- Nhép biéu thirc ’I’— va nhan dau E duogc két qua:
+1
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- Suy ra z =1-2i.Vay diém biéu dién cua z 13 diém Q, chon dap 4an A.

7

% Vidu 2: Ki hi¢u z,1a nghiém phtrc c6 phéan 4o dwong ctia phuong trinh
47> =16z +17 = 0. Trén mit phing toa do, diém nao duéi day 1a diém biéu dién cua sb
phttcw =iz, ?

A M, (%;2). B. M, (;;2). C. M, (_Tl;lj. D. M, (%;1).
(Trich Céu 32 Pé thi thir nghi¢m lin 2 ciia B) GD va PT)
Bai giadi:

+ Cdc buwdc bam mdy:
Buéc 1: Gidi phwong trinh 4z° —16z+17 =0.
- Nhin [MODE[5[3]

- Nhdp cac hé s6 nhin cdcpht’m:|4||=||—16||i||17||=||=| duoc két qua:

- Nhén tiép dau E dugc két qua:

- Nhén nghiém z =2+%i( Vi ¢6 phan do b=%>0)
Budéc 2: Tinh w=iz,.
- Nhén |MODE | ( Vé méi truong sé phirc)

<R 1 I4 14 I4
- Nhép biéu thirc (2 + Eiji va nhan dau E , duoc két qua:

— E 1A 1ex 2 -1
-Suyra w= 71+ 2i.Vay diém biéu dién cia w la diem M, (?;2j , chon dap an B.

% Vidu 3: Tap biéu dién cua s6 phtic z thoa |z + 2+i| = ‘2—31" la:
Aly=—x+1. B. y=x-1. C.y=—x-1. D.y=x+1.
Bai gidi:
+ Phan tich:
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- Cdc phwong én dwa ra la nhitng phwong trinh dwong thang, ma mét dwong thang hoan toan dwoc
. . ~1

xdc dinh khi biét hai diém phan biét ma no di qua. M, (?;2j

- Gid sir s6 phirc z dugc biéu dién boi diém M (x,;y, )ed:y=ax+b <y, =ax, +b.Khido

z=x,, +,i,mazthoa |z+2+i| :‘2—31" = |xM +yMi+2+i| =|xM —yMi—3i|

- Véy lay hai diém phan biét nim trén d va thé toa d6 cua hai diém d6 vao phuong trinh

X+yi+2+ i| = |x —yi— 3i| néu thoa thi d 1a duong thang can tim. Tir d6 ta c6 thuat toan bAm méy nhu

sau:
+ Thuit toan bAm may:
-bat Z=X+Yi

- Nhap: |X +Yi+2+i|-|X - Yi-3i

- Chon 2 diém M (x,;y, )€d; N(x,;y,)ed

- Bdm: nhap x,,;y, nhan E kiém tra két qua.

- Bdm: nhdp x,;y, nhin E kiém tra két qua.

+ Céc bude bAm may chi tiét:

Buéc 1: Nhan ( V6 méi truong so phirc)

Buwéc 2: Nhp biéu thirc: |X +Yi+2+ i| - |X —Yi— 3i| bangcdch nhan cac phim sau:

|SHIFT || hyp| ALPHA|D1|+|| ALPHA|S < D|ENG|+|2]|+]| ENG|>]-]

|SHIFT | hyp| ALPHA|)|-| ALPHA|S <> D|ENG|-[3] ENG]|

man hinh xudt hién:

CMPLY Math &

|H+T1+E+1|—|H Tl -3l

Buwéc 2: Kiém tra cdc phwong dn.
+ Kiém tra phwong dn A (Chon cip X =2;Y =-1)
- Nhan |CALC| may hoi X? Nhap s6 2, nhan dau E méy hoi ¥? nhap s6 -1, nhan déu E dugc két
qua:
EMPLY Math &

|H+T1+E+1|—|H =Y b
=207

- Két qua khac 0 loai phuong an A.

+ Kiém tra phwong an B (Chon cap X =2;Y =1 vacap X =-LYV =-2)

- Nhin |CALC may héi X? Nhép s6 2, nhan diu El may héi ¥2 nhép s6 1, nhan dau El duoc két
qua:

CMPLY Math A

|H+T1+E+1|—|H —Y b

0
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- Nhén tiép CALC|may hoi X? Nhap s6 -1, nhan dau E may héi ¥? nhap s6 -2, nhan dau E duoc
két qua:

M CHMPLE Fi Math &

| A+Yi+2+i |- | 5-Ye

I

- Két qua 0 vay chon dap an B.
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PHAN C. KET LUAN, KIEN NGHI

1. KET LUAN.
- V6i cac chirc ning ¢6 sdn ciia may tinh cdm tay néi chung va may tinh CASIO néi riéng thi c6 thé
giai dugc hau hét nhimg dang toan co ban. Dong néu biét két hop vdi kién thire toan hoc ching ta co
thé xay dung thuat toan va ap dung nhiing chirc nang cua may tinh dé giai nhiing dang toan nang cao.
- Khac véi cau trac dé thi tu luan, dé thi dang tric nghiém co6 s6 lugng céu hoi hiéu hon (50 cau), noi
dung kién thuc trai déu trong chwong trinh. Nhu vay mudn lam t&t bai thi doi hoi thi sinh phai nim
virng ndi dung kién thirc, co cac kha nang phan tich, tong hop tu duy 16gic, kha ning phan doan nhay
bén, k¥ ning tinh todn nhanh le thi méi cé thé hoan thanh mét cau héi trong vong khoang 1.8 phut.
Tuy nhién khong phai hoc sinh nao ciing hoi tu ddy du nhitng phim chat trén, dic biét dbi v6i nhimg
hoc sinh ¢6 hoc lyc trung binh tré xudng thi kha ning van dung kién thtrc va k¥ ning tinh toan con han
ché thi giai phap lua chon cua cac em la st dung may tinh cam tay. Néu biét st dung thanh thao may
tinh s& tiét kiém dugc thoi gian lam bai, giup hoc sinh ty tin hon trong viéc Iva chon dap an vi tinh
toan bang may cho két qua chinh x4c hon nhiu so véi tinh toan bang tay, hon nila ¢ thé giai quyét
tinh trang qua tai trong qua trinh hoc va 6n thi cua hoc sinh vi thyuc chat trong may tinh da c6 san
nhimg cong thirc, nhiing chirc nang c6 thé giai quyet dugc mot s6 dang toan. Cung vi ly do nay ma
mot sd gido vién day toan khong dong tinh vi cho rang viéc sir dung may tinh cam tay s& lam mat di
kha nang tinh toan co ban, anh hudng dén kha nang tu duy, ky nang giai toan cua hoc sinh, dong ciing
lam mét di vé dep tu nhién vé c6 cua toan hoc. Vé co ban t6i ciing dong tinh nhu vay, nhung voi thuc
trang hién nay v6i hinh thirc thi tric nghiém thi chiing ta tam gac van dé d6 qua mot bén dé tim ra giai
phap hitu hiu.
- Viéc hudng dan hoc sinh sir dung thanh thao may tinh cam tay la r?it can thiét. Vi chirc ning va
nhimg cong cu tinh toan cua may tinh s€ gitp hoc sinh day nhanh téc d6 lam bai, tang cuong tinh
chinh xéac. Dong thoi hd tro dic luc cho viée tiép can va truyén dat cac kién thuc 1y thuyet giang day
ly thuyét gan véi thuc hanh tinh toan, s& gitp hoc sinh khong chi tiép thu tét cac kién thirc khoa hoc
mot cach ban chét, sdu sic ma con tiép can tot hon véi cac phuong phap giang day va cong cu tinh
toan hién dai. Cac thuét toan va cac quy trinh thao tac trén MTCT c6 thé coi 1a budc tap dugc ban dau
dé hoc sinh dan quen v&i viée 4p dung va khai thac hiéu qua thanh twu ciia cong nghé thong tin, ctia
khoa hoc hién dai vao cong viéc va cudc song.
- Trong khuén khé cua dé tai nay t6i moi chi dé cap dén mot van dé kha nho: Dung may tinh cam tay
dé giai mot sb dang toan trac nghiém 12 ma chi méi tap trung vao phan Giai tich, lvong bai toan dwa ra
chua duge nhleu chua phong phu.
- Du da ¢b gang rat nhidu nhung trong thoi gian gin voi sy tim toi chua du nhiéu nén rat kho tranh
khoi thiéu sot, rat mong sy dong gop v kién cia gido vién trong t6 bd mon va ciia ddng nghiép.

T6i xin chan thanh cdm on BGH nha truong, cac gido vién bd mén Toan da gitp dd t6i hoan thanh
dé tai nay.
II. KIEN NGHI
1. D6i véri Ban giam hiéu:

Tao diéu kién va sip xép thoi gian dé cho t6i ciing nhu gido vién bd mén trong t6 trién khai dé tai
dén tat ca hoc sinh trong khéi 12.
2.Poi véi S& giao duc va Pao tao:

Mo thém cac 16p tap huan boi dudng sir dung may tinh CASIO cho tit ca gido vién bd mon Toan ,
tao diéu kién cho gido vién c6 co hoi trao ddi va hoc hoi kinh nghiém 1an nhau.

/4
A

Nguoi viet

Nguyén Vin Ky
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D. MUC LUC

PHAN AL MO DAU ...ttt sessee s sssses sttt 1
L LY DO CHON DE TAL ...ttt et e e e s e seese s e eeeesesee s saeeeseseeesseenns 1
L. €O SO LY TUAD oot en s 1
2. €0 SO TAUC FEN ...ttt 1
II. PHAM VI VA DOI TUONG NGHIEN CUU ..ot 2
L PRAIN VEZ et ettt et e e e e e e e ettt e e e s e e e e e ettt e e e s s e e s e et e e e e e s e e e e aaareeeeeas 2

Dé tai “Huwéng dan hoc sinh 12 sir dung may tinh CASIO fx-570ES, fx-570VN PLUS gidi todn
tric nghi_ém—Phﬁn GHAL THCH ™ ettt e e e e e e e e e e e e e e e s e eraaeees 2
2 DIOT FUOTG: .o ettt ettt ettt 2
L MUC DICH NGHIEN CU U ...t 2
1. D01 VOT GIAO VIBTL: ..o 2
2 DIBi VGT HOC SR oo et s e e e s ee s s ee s s e e s e s e e e s s s e s s e e eseseseeeen 2
IV. NHIEM VU NGHIEN CUU.....coooieeeeeeeeeeeeeee et s e ees s sen e 2
V. PHUONG PHAP NGHIEN CUU VA TU LIEU NGHIEN CUU ..o 3
L. PRUONZ PRAP .eeieiiieiiece ettt ettt e st e st ese e s st e ssseenseeseessseenseenseensseansennsaens 3
2. Tai li€u nGhI€N CUU ... 3
PHAN B. NOIDUNG ....iouiiimriieeisaeesesss st ssssessssessssess s eess sttt ssssessssssssssssssssssns 4
I. HUONG DAN SU DUNG MAY TINH CASIO CASIO fx 570 ES, fx 570 VN PLUS .................. 4
1. Ki hiéu va chirc nang cac loai phim loai phim trén may tinh. ..........c..cccoevieiiiiiiieniecieeieeeea, 4
2. CAc hinh NAP AT THEU ....eovveiviieeiiiieeceeeeeee ettt ettt e e e e et e e s tseese e teessneeaseenseens 5
II. CAC DANG TOAN THUGONG GAP.. ..o 6
1. Cac bai toan lién quan t6i dao ham va Khao St hAM SO. ......ov.veveeeeeeeeee e, 6
3. Cac bai toan lién quan dén Nguyén ham, Tich phan va ing dung. ........co.coocveeeemveveeeeeeeereeeennn. 66
PHAN C. KET LUAN, KIEN NGHL.....cootiiiiiiimreimesisseisesessessssesessessssesssssssssssesessesessesssssssssns 89
L KET LUAN. oottt ettt 89
TL KTEN NGHI ..o 89
1. D1 VO1 BAN GIAM DIEU: ..o 89
2. DO VO1 SG ZIA0 AUC VA DA L0 ..o s e 89
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Y KIEN NHAN XET CUA HQI PONG SANG KIEN KINH NGHIEM TRUONG THPT TAY SON.

Xéc nhan cia hoi ddng SKKN truong THPT TAY SON
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