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19 5b thé tch

Céu 1:

Céu 2:

Cau 3:

Cau 4:

Cau 5:

Céau 6:

Cho tir dién ABCD c¢6 cac canh AB, AC va AD d6i mot vudng goc. Cac diém M,N,P lan
luot 13 trung diém cac doan thing BC,CD,BD. Cho biét AB =4a, AC =6a, AD =7a. Tinh thé
tich V cua khdi tir dien AMNP .

A V=7a. B. V =284". C.V=14a". D. V=21a".

Cho hinh chép S.ABCD c¢6 déy 1a hinh binh hanh va ¢6 thé tich1a V . Goi M 1a trung diém ctia
SB. P la diém thudc canh SD sao cho SP =2DP . Mit phing (AMP) cit canh SC tai N . Tinh

thé tich cta khéi da dién ABCDMNP theo V

23V. B.V 19V. C.Vv 2V. D.V 7

ABCDMNP — % ABCDMNP — g ABCDMNP — %

AV

ABCDMNP — %

V.

Cho hinh chdp S.ABCD c¢6 day ABCD 1a hinh thoi canh a, BAD =60° va SA vudng goc voi
mat phang (ABCD). Goc giira hai mat phang (SBD) va (ABCD) bang 45°. Goi M la diém
doi xtmg cia C qua B va N 1a trung diém ctua SC . Mat phing (MND) chia khdi chop
S.ABCD thanh hai khoi da dién, trong d6 khi da dién chtra dinh S c6 thé tich 1a V,, khéi con

lai c6 thé tich 1a V,. Tinh ti sb Ay

VZ
AL B L_3 C.
vV, 5 vV, 3

2 2

v, _12 o Vi_7
v, 7° 'V, 5

2

Cho khéi lang try ABC.A'B'C’ . Pudng thing di qua trong tdm ciia tam giac ABC Vva song song

v6i BC cit cac canh AB, AC lan luot tai D, E. Mt phang (A'DE) chia khoi lang tru thanh

hai phan, tinh ti s6 thé tich ciia chiing.

A2 B. =+

3 23

Cho tir dién ABCD c¢6 thé tich V . Xét diém P thudc canh AB, diém Q thudc canh BC va
PA QB . RB

4

c.2. 2
9 27

diém R thudc canh BD sao cho — =2, == =3, —— =4. Tinh thé tich cua khéi t¢ dién
PB BC RD
BPQR.
AV B. V. c v p. V.
5 4 3 6

Cho hinh chép tir giac S.ABCD ¢ didy ABCD la hinh binh hanh. Cac diém A’, C' thoa min

SA' = %ST& sC’ =é§ . Mit phang (P) chira duong thang A'C’ cit cac canh SB, SD lan luot

. e Vo ey N .
tai B, D' va dat k = —34%€D"  Gi4 tri nho nhat cua k 1a?
S.ABCD

AL L c 4 o, V15
60 30 15 16
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Cau7:

Cau 8:

Céau 9:

Cau 10:

Cau 11;

Céau 12:

Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M, N lan luot 1a trung diém
ctia cac canh AB, BC. Piém I thudc doan SA . Biét mat phéng (MNI ) chia khéi chop

S.ABCD thanh hai phan, phan chtta dinh S c6 thé tich bang % lan phan con lai. Tinh ti s6

k=14,
IS

A. B.E. C.g. D
4 3

1
5

N | =

Cho hinh chép tir giac S.ABCD c6 day ABCD 1a hinh binh hanh. Céac diém A’, C' théa man

SA' = %S—A , SC' = %ﬁ . Mit phang (P) chtra duong thang A'C’ cit cac canh SB, SD lan luot

. . Ve e et I R
tai B, D' vadat k = —24%<D"  Gi4 tri I6n nhat cua k la?
S.ABCD

4 1 4 4
L — B. —. C. —. D. —.
105 30 15 27
Cho tir dién déu co chiéu cao /, & ba goc cia tr dién nguoi ta cit di cac t dién bang nhau ¢
chiéu cao x dé khdi da dién con lai co thé tich bang mot nira thé tich ctua khdi da dién déu ban

dAu. Tim x.
h h h h
A x=—. B. x=—. C.x=—. D. x=—.
32 HE} n Yo

Cho liang tru ABC.A'B'C' .Trén cac canh AA’,BB’' lan luot lay cac diém E,F sao cho
AA' =kA'E,BB' = kB'F . Mit phang (C'EF) chia khdi tru d cho thanh hai khdi da dién bao gom
khéi chop (C.A’B'FE)co thé tich V, va khéi da dién (ABCEFC') ¢ thé tich V,. Biét rang
Y = %, timk
2

A k=4. B. k=3. C.k=1. D. k=2.

Cho hinh chdp S.ABCD c6 ddy ABCD 1la hinh vudng canh bang a, tim O . Hinh chiéu vuong
goc ctiadiém S trén mit phang (ABCD) 1a trung diém H cua doan thang AO . Biét mit phang

(SCD) tao véi mat day (ABCD) mdt goc 60°. The tich khdi chop S.ABCD bing

PNEAER g Y35 c. 3z b 33,
1 1 1 1

Cho hinh chop tir giac S.LABCD day ABCD la hinh thoi canh a, BAD =60° va SA vuéng géc
v6i mat phang (ABCD). Géc giita hai mit phang (SBD) va (ABCD) la 45°. Goi M la diém
d6i xtmg cia C qua B va N 1a trung diém SC . Mt phang (MND) chia khéi chop thanh hai
khoi da dién, trong d6 khi da dién c6 dinh S c6 thé tich 1a V,, khéi da dién con lai ¢6 thé tich

V,. Tinh ti sb Y
VZ

A Y12 B. i_5 c i1 D 7
v, vV, 3 vV, 5 vV, 5
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Cau 13:

Cau 14:

Cau 15:

Céau 16:

Cau 17:

Céau 18:

Cau 19:

Cho hinh lang tru ABC.A'B'C’ ¢4 thé tich bang 48cm®. Goi M, N, P theo thir tu 14 trung

diém cac canh CC’,BC va B'C’. Tinh thé tich cua khéi chép A" MNP .

A. 8cm’. B. 12cm’. C. 24cm’. D. %cms.

Cho hinh chép S.ABC ¢6 day la AABC vudng can & B, AC=a2, SA L (ABC), SA =a. Goi
G la trong tdm cua ASBC, mp(a) di qua AG va song song Vi BC chia khéi chop thanh hai
phan. Goi V 1a thé tich cua khdi da dién khong chira dinh S . Tinh V.

3 3 3 3
o oa B 24 c d D 41
54 9 27 9
Cho t&r dién déu c6 chiéu cao h, & bdn gbc cua tr dién nguoi ta cit di cac tu dién déu béng nhau

7 <A A A [N \ . J4 A s < 3 R o7 5 A [N A \
c6 chiéu cao x dé khoi da dién con lai co the tich bang 1 thé tich ctiia khoi da dién ban dau. Tim

X.
A.x:i. B.xzi. C.x:L. D.x:L.
Ya 16 12 Y6

’

Cho khéi hép ABCD.A'BC'D’ . Léy diém E thudc canh BB’ sa0 cho BE = Bf diém T thuée

canh DD’ sao cho DF = % Mit phang qua ba diém A,E,F chia khéi hop thanh hai phan.
Tinh ti s6 hai phan ay.
A 2. B. 1. C.g. D.é.

2 3

Cho khéi lang try tam gidc ABC.A'B'C’. Goi M,N lan luot thugc céc canh bén AA’,CC’' sao
cho MA = MA’;NC =4NC'. Goi G la trong tdm tam gidc ABC . Hoi trong bbn khéi ti dién
GA'B'C',BB'MIN, ABB'C’ v A’BCN , khdi tir dién nao c6 thé tich nho nhat?

A. Khéi ABB'C'. B. Khéi A’BCN . C. Khdi BB'MN . D. Khéi GA'B'C'.
Cho hinh chép tir giac déu S.ABCD . Mit phang (P) qua A vavudng goc SCcat SB,SC, SD
lan lugt tai B', C', D'. Biét C'la trung diém SC . Goi V,, V, lan lugt 1a thé tich hai khéi chop

S.AB'C'D'va S.ABCD . Tinh ti s6 % .
2

i_1

SRt

2

A2 B 1_2 c. L 4 D. L
v, 3 vV, 9 V, 9

Cho hinh chép déu S.ABC, c6 day 1a tam gidc déu canh bang a. Goi M,N lan luot 1a trung

diém cua cac canh SB,SC . Biét mat phang (AMN ) vudng goc voi mit phang (SBC ) . Tinh thé

tich V ciia khdi chop A.BCNM .

3 3 3 3
A.V:ﬁa . B.V:ﬁ” . c.V=*E” . D.V:*E” .
32 16 48 9%
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Céu 20:

Céu 21:

Cau 22:

Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cho hinh chop tam giac S.ABC. Goi M la trung diém cta SA, lay diém N trén canh SB sao
cho S5 % Mit phang (a) qua MN va song song voi SC chia khdi chop thanh hai phan.
Goi V, la thé tich ctia khéi da dién chira dinh A, V, 1a thé tich cua khdi da dién con lai. Tinh ti

r
A

SO

-7 B Y17
v, 18

A. cVi_7 DV 7
v, v, 9

Cho khéi hop chir nhat ABCD.A'B'C'D'c6 AB=4a; AD =6a; AA'=7a. Cac diém M,N,P
thoa man AM =2AB; AN =3AD; AP =4AA'. Tinh thé tich V cua khéi t&r dién AMNP .

A. V =1684". B. V =6724°. C. V =3364°. D. V =10084°.

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi C' 1a trung diém cta SC . Mt phang

(P) chira AC' cat cac canh SB,SD lan luot tai B',D'. Dat m = —3£€P° Gi4 tri nho nhat cia m

S.ABCD
bang
2 B. = c. <. D. 2.
27 27 9 9

Cho hinh chép S.ABCD c¢6 day ABCD la hinh binh hanh. Goi C' 1 trung diém canh SC . Mt

phang (P) chtra duong thang AC' cat cac canh SB, SD lan lugt tai B', D'. bat m = =82
S.ABCD

Gia tri 16n nhat cia m bang

4

A 1 B. 1 C. .
9

9 8
Cho khéi tor dién déu ABCD . Goi M,N,P,Q,R,S lan luot la trung diém cua cac canh

D.

| W

AB,AC,AD,BC,CD,DB . Biét thé tich ctia khdi bat dién déu MQNPSR béng 9+/2 cm?. Tinh
d6 dai canh cua tir dién déu ABCD.

A. 2cm. B. 3cm. C. 6cm. D.Q/Ecm.
Cho khéi ta dién déu ABCD c6 canh béng a. Goi M,N lan luot 1a cac diém trén canh
AB, AC: % = % é—;\\]’ =2. Mit phing (a) chitra MN , song song v6i AD chia khéi tir dién

thanh hai khéi da dién, trong d6 khdi da dién chira dinh A ¢6 thé tich V . Tinh V

422 524° — 422 1124

108 108 81 342

A V= B. V= D. V=

Cho khéi tor dién déu ABCD c6 canh bfmg a. Goi M,N lan lugt 1a trung diém cac canh
AB, BC va E la diém thudc tia ddi ctia tia DB sao cho % = k. Tim k d& mit phing (MNE)

chia khéi t dién thanh hai khdi da dién, trong d6 khéi da dién chira dinh B c6 thé tich

3
1124

294
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Cau 28:

Céu 29:

Céu 30:

Cau 31:

Céu 32:

A.kzg. B. k=6. C. k=4. D. k=5.

Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Trén canh SA 1y cac diém M,N sao cho
SM = MN = NA . Hai miat phiang («), (8) song song v&i (ABCD)Vé lan luot di qua M, N chia
khéi chop di cho thanh ba phan. Néu phan trén c6 thé tich bang 10 dm? thi phan & giita ¢ thé

tich la
A. 70 dm?®. B. 80 dm®. C. 180 dm®. D. 190 dm?.

Cho hinh chép S.ABCD ¢6 ddy ABCD 1a hinh binh hanh. Goi M,N lan luot 14 trung diém cac
canh SA,SD . Mit phang () chita MN va cat c4c tia SB,SC lan luot tai P va Q. Djt z—gz X

, V, lathé tich ciia khéi chop S.MNQP va V la thé tich khéi chdp S.ABCD . Tim x dé V =2V,

A x=—. B. x
2

Cho lang tru dung tam gidc ABC.A'B'C'. Goi M,N,P,Q 1a céac diém lan luot thudc cac canh

AM _1BN _1CP_1€0Q_1 Goi V,,V, lan luot 1a thé
AA" 2'BB' 3'CC' 4'B'C' 5

AA',BB',CC',B'C" thdéa man

tich khi tir dién MNPQ va khdi lang try ABC.A'B'C'. Tinh ty 6 %

2

'V, 30 'V, 45 v, 45 v, 45

2 2 2 2

v, 11 g Vi_1 c Vi1 o Vi_22

Cho hinh chép S.ABCD c¢6 ddy ABCD la hinh binh hanh. Goi M, N lan lugt 1a trung diém
ciia cac canh AB, BC. Piém K thudc doan SA . Biét mat phang (MNK) chia khoi chop

S.ABCD thanh hai phan, phan chtra dinh S c6 thé tich bang % lan phan con lai. Tinh ti s6

KA
KS'
A t=L B. 1=, Ct=L D.t=2.
2 1 3 3

Cho khdi hop chit nhat ABCD.A'B'C'D’ ¢6 thé tich bang 2110 . Biét A'M = MA, DN =3ND’
, CP =2C'P nhu hinh v&. Mt phang (MNP) chia khéi hop da cho thanh hai khéi da dién. Thé
tich khdi da dién nho hon bang

D c
N
A . 1P
M Di .
A B
A 5275 . B 5275 . C. 7385. D. 8440 .
6 12 18 9
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 33:

Céu 34:

Céau 35:

Céau 36:

Céau 37:

Céau 38:

Cho hinh chop S.ABCD c6 day la hinh chit nhat, AB=2a, BC=a, SA=SB=SC=SD = J2a
. Gia st E thudc canh SC sao cho SE=2EC, F la diém thudc canh SD sao cho SFzéFD.

Thé tich khdi da dién SABEF bang:

3 3 3 3
A 5\/501 . B \/ga . C. 2\/§a ' D. 2\/511 .
36 18 9 27

Cho hinh chép S.ABCD c¢6 day ABCD la hinh chit nhat. Mot mat phiang song song véi day cat
cac canh bén SA, SB, SC, SD lan luot tai M, N, P, Q. Goi M', N, P', Q' lan luot la hinh

chiéu cia M, N, P, Q trén mat phing day. Tim ti s6 Z_A: dé thé tich khéi da dién

MNPQ.M'N'P'Q" dat gia tri lén nhat.

A S B. 2. C.

4 3

D.

N | =
[SSHINTY

Cho khdi chop S.ABCD c¢é déy 1a hinh thang véi hai day 1a AB va CD, AB=2CD . Goi E la
mt diém trén canh SC . Mit phing ( ABE)chia khdi chép S.ABCD thanh hai khéi da dién c6

thé tich bang nhau. Tinh ti s6 S—g .

A, ‘/1_(;‘2. B. J6-2. C.J2-1. D. ‘/2_62‘4.

Cho hinh chép S.ABC . Mot mit phang song song véi day (ABC) cat cac canh bén SA, SB, SC
lan Iuot tai M, N, P. Goi M', N’, P’ lan luot I hinh chiéu caa M, N, P trén mat phang day.

Tim ti s6 SS—ZZI dé thé tich khéi da dién MNP.M'N'P’ dat gia tri Ion nhét.

2

A B. —.
3

| w
W | =

c. L. D.
2

Cho hinh chép S.ABC . Mot mit phang (P) song song véi day (ABC) cét cac canh bén
SA, SB, SC lan lugttai M, N, P. Tim ti sb SS—AX dé (P) chia khéi chop da cho thanh hai khoi

da dién co thé tich bang nhau.

1 1 1 1
A ——. B. . C. —. D. —.
2 Ya 2 4

Cho hinh chép S.ABCD ¢6 day ABCD Ia hinh vuong va SA L (ABCD). Trén duong thing
vuong goc véi (ABCD)tai D lay diém S’ théamin S'D = %SA Vas',S & cung phia ddi véi mat
phing (ABCD). Goi V, la phan thé tich chung ciia hai khdi chép S.ABCD va S.ABCD . Goi

. . VAR
V, 1a thé tich khoi chép S.ABCD . Ti so 7] bang

2

A

NJS

B. Z C. 1 D.
9 18

W=
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Céu 39:

Céu 40:

Céu 41:

Cau 42:

Céau 43:

Céau 44:

Céau 45;

Cho hinh chdp S.ABC c6 tat ca cac canh déu bang a, mt mit phang (P) song song voi mit
day (ABC ) cit cac canh bén SA,SB,SC lan lugt tai M,N,P. Tinh dién tich tam gidc MNP
biét mat phang (P) chia khdi chop da cho thanh hai khdi da dién c6 dién tich bang nhau.

As T3 g5 T3 S PELA L) ]
" Y“MNP 8 ' " Y“MNP 16 ' ' MNP_AH/E' MNP_AR/Z'

Cho hinh chép S.ABCD c6 ddy ABCD la hinh binh hanh. Trén dudng thing qua D va song
song v6i SA lay diém S’ théa man S'D=kSA vé6i k>0. Goi V| la phan thé tich chung cua hai

D.S

khoi chop S.ABCD va S"ABCD . Goi V, la thé tich kho6i chop S.ABCD . Ti s6 71 bang

2k +k g 3k+2 c 3k* +2k k
. —2. . —2. . —2. .
2(k+1) 2(k+1) 2(k+1) k+1

Cho hinh chép tam giac déu S.ABC . Goi G 1a trong tdm tam giac ABC , biét goc tao bdi SG
va (SBC ) bang 30°. Mat phang chita BC va vudng goc voi SA chia khdi chop da cho thanh

hai phan c6 thé tich V,, V, trong d6 V| la phan thé tich chira diém S . Ti s6 71 bang

2

A 6. B c.g. D.7.

1
Cho hinh chép tam giac déu S.ABC c6 canh bén tao v6i duong cao mot goc 30°, O 1a trong
tdm tam gidc ABC . Mot hinh chop tam giac déu thir hai O.A’B'C’'c6 S 14 tAm cia tam gidc
A'B'C’ va canh bén ctia hinh chép O.A'B'C’tao voi dudng cao mot goc 60° sao cho mdi canh
bén SA, SB, SC lan lugt cit cac canh bén OA’, OB', OC'. Goi vV, 1a phan thé tich chung cia

. Ko N . 2 Z. 4 V 2
hai khoi chép S.ABC va O.A'B'C’. Goi V, la thé tich khoi chop S.ABC . Ti s 71 bang
2

A= B. 1. = D. .
16 4 64 64
Mot vién da co dang khéi chop tir gidc déu co tit ca cac canh bang a. Nguoi ta cua vién da theo
mit phang song song v6i mit day ciia khoi chop dé chia vién da thanh hai phan co thé tich bang
nhau. Tinh dién tich thiét dién vién da bi cua béi mat phfmg noi trén.

112 2 aZ aZ
A —. B. —. C. —. D. .

4 2 2 232
Cho tir dién ABCD c¢6 thé tich bang 12 va G 1a trong tim tam giac BCD . Tinh thé tich ciia
khéi chép A.GBC.
A V=3. B. V=4, C.V=6. D. V=5.

Cho hinh lang tru tam gidc ABC.A'B'C’ c6 day ABC la tam gidc vudng can tai A, canh
AC=a\2 . Biét AC’ tao voi mit phing (ABC) géc 60° va AC'=4. Tinhthétich V cuakhi
da dién ABCB'C'.
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Céu 46:

Céau 47:

Céau 48:

Céau 49:

Cau 50:

Cau 51:

Cau 52;

Cau 53:

Av.8 By 16 c v B3 b y_16V3

3 3 3 ' 3
Cho hinh hop ABCD.A'B'C'D’. Goi V, 14 phan thé tich chung cua hai khéi cua hai khdi tir dién

A'BC'D va AB'CD’. Goi V, la thé tich khdi hop ABCD.A'B'C'D’. Ti s6 % béng
2
AL B. L. c. L D. L.
2 6 3 4

Cho lang tru ABC.A'B'C’, trén cac canh AA', BB’ léy cac diém M ,N sao cho AA'=3A'M,
BB'=3B'N . Mt phing (C'MN)) chia khéi ling try da cho thanh hai phan. Goi V, la thé tich

cua khoi chop C"A'B'NM , V, la thé tich cua kho6i da dién ABCMNC'. Ti s6 71 bang:
2

1

Bl ph3
7 v, 7

AL_4 B i_2 C
v, 7 v, 7 v,
Cho hinh chép S.ABCD day 14 hinh binh hanh. Goi M,N lan luot 1a trung diém cia SA,SC .

, . . L 2V .
Mit phang (BMN) cat SD tai P. Tiso —=2N bang:

S.ABCD

A VS.BMPN zl. B. VS.BMPN :1. C. VS.BMPN :i. D. VS.BMPN :1.
Vv 16 Vv 6 1% 12 Vv

S.ABCD S.ABCD S.ABCD S.ABCD

Cho tir dién ABCD c6 thé tich bang 54, goi M,N,P lan luot 13 trong tAm cAc tam giac ABC ,
ACD, ADB. Tinh thé tich cua khéi tr dién AMNP .
27

A.V:?. B.V=4. C.V=9. D.V=16.

Cho hinh hép ABCD.A'B'C'D’ ¢6 day ABCD 14 hinh thoi canh bang 6 va goc nhon bing 45°
, canh bén ciia hinh hop bang 10 va tao v6i mit phang day mot goc 45° . Tinh thé tich khdi da
dién ABCDD'B'.
A. V=180. B. V=60. C. V=90. D. V=120.
Cho khdi lang tru tam gidc ABC.A'B'C',goi M, N 1an lugt thude cac canh bén AA', CC' sao
cho MA=MA’, NC=4NC'. Goi G 1a trong tdm tam giac ABC . Hoi trong bdn khéi tir dién
GA'B'C', BBMN, ABB'C' va A'BCN , khdi tir dién nao c6 thé tich nhé nhat?
A.Khéi A'BCN . B.Khéi GA'B'C'.  C.Khdi ABB'C'. D. Khéi BB'MN .
Cho khdi lang try tam giac ABC.A'B'C’ c6 thé tich bang 60. Goi M, N, P lan lugt thudc cac
canhbén AA’, BB', CC' sao cho MA =2MA', NB=3NB', PC =4PC’. Tinh thé tich khi da
dién BCMINP .

85

A. 40. B. 30. C. 31. D.?.

Cho khdi tir dién déu ABCD c¢6 canh béng a.Goi M, N lan luot 1a trung diém cua cac canh
AB, BC va E dbi xtmg vé6i diém B qua D . Mat phang (MNE) chia khi t& dién ABCD
thanh hai khdi da dién, trong d6 khéi da dién chira dinh A c6 thé tich V . Tinh V.

3 3 3 3
A.V:Bﬁ“ . B.V:7\/Ea . c.vJE” . D.V:H\/Ea .
216 216 18 216
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Cau 54:

Cau 55:

Céu 56:

Céau 57:

Cau 58:

Céau 59:

Céau 60:;

Céau 61:

Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh va c6 thé tich bang 48 . Ki hiéu M ,
N 14n luot 14 cac diém thudc canh AB, CD sao cho MA = MB, ND =2NC . Tinh thé tich V
ctia khdi chop S.MBCN .

A. V =40. B. V =8. C. V=20. D. V =28.

Cho hinh ling tru ABC.A'B'C" ¢6 thé tich bang V. Goi M, N 1an luot 13 trung diém cua A'B', AC
va P1a diém thudc canh CC' sao cho CP =2C'P . Tinh thé tich khdi tir dién BMNP theo V.

A2 B. V. c. V. D. 2V
9 3 24 9

Cho ti dién déu ABCD c6 canh bang a. Goi M,N lan luot 14 trong tdm cac tam gi4c

ABD, ABC va E la diém d6i xing véi B qua D . Mat (MNE) chia khéi tir dién ABCD thanh

hai khdi da dién trong d6 khdi da dién chtra dinh A c6 thétich V. Tinh V.

3 3 3 3
A.V:g‘E" . B.V:3‘/§” . c.vzﬁ” . D.V:3‘E" .
320 320 96 80
Cho hinh lang tru ABC.A'B'C’ ¢6 thé tich V . Cac diém M, N, P trén cac canh AA’, BB,
AM BN

CC’ saocho —— =x =y, CP . Bibt thé tich cta khéi da dién ABC.MNP bang 1y
AA’ cC’ 2

' BB
. Ménh dé nao sau day ding?

A x+y+z=1. B.x+y+z=2. C.x+y+z=§. D.x+y+z:§.

Cho khéi tir dién OABC c¢6 OA,OB,0C d6i mdt vudng goc va OA=1,0B=2,0C =3. Goi
D,E,F lan luot 1a chan duong cao ha tr dinh O xuéng cac canh BC,CA, AB. Thé tich khdi tir
dién ODEF bang
cly B. 26 c. 2 p. 2.
325 325 325 325

Cho ttr dién déu ABCD c6 canh béng 1. Goi M,N lan luot la trung diém céac canh AB,BC.
Piém P trén canh CD sao cho PD =2CP . Mit phfmg (MNP) cit AD tai Q. Tinh thé tich
khéi da dien BMNPQD .

Al 5. 22, c. 2 p. 122,
Cho t& dién ABCD déu canh béng 1.Goi M,N lan luot 1a trung diém cac canh AB,BC.Piém
P trén canh CD sao cho PC =2PD. Mt phang (MNP) cit AD tai Q. Thé tich khoi da dién
BMNPQD bing

A N2 B 2. c. 22 p. 72
216 27 108 216

Cho khdi lang tru ABC.A’B'C' ¢6 thé tich bang 1. Goi M,N lan lugt 1a trung diém cac doan

thing AA’ vaBB'. Puong thing CM cat duong thang C'A’ tai P, duong thing CN cat duong

thang C'B’ taiQ . Thé tich ctia khdi da dién 16i A’MPB'NQ bang

A1, B. L. c. L. D.
3 2

WM
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Thé tich khdi da dién — Hinh hoc khdng gian

Céu 62:

Céu 63:

Céu 64:

Céau 65:

Cau 66:

Cau 67;

Cho khoi chop tir gide déu S.ABCD c6 tat ca cac canh bang a. Goi M 1a diem ddi xung cia C
qua D, N 1a trung diém cua canh SC . Mit phang (BMN) chia khéi chop S.ABCD thanh hai
khéi da dién. Tinh thé tich V' ctia khdi da dién chira dinh S .

3 3 3 3
A.V:15‘/E” . B.V:NE“ . C.V:llﬁa . D.V:7‘/E“ .
144 72 144 144

Cho hinh hop ABCD.A'B'C'D" ¢6 dudng cao bang 8 va day 1a hinh vudng canh bang 6 . Goi
M,N,P,Qlan luot la tdm cia cac mat ABB'A', BCC'B',CDD'C',DAA' D' .Thé tich cua khoi da
dién c6 cac dinh 1a cac diém A,B,C, D,M,N,P,Q, béng

A. 108. B. 168. C. 9%. D. 120.

Cho hinh chép S.ABCD c6 ABCD la hinh binh hanh, M 1a diém d6i xting véi C qua B. N a
trung diém SC . Mat phang (MND) chia hinh chdp thanh hai khoi da dién. Gei V, la thé tich

khéi da dién chira dinh S va V, Ia thé tich khdi da dién con lai. Tinh ti s6 % ?
2
ALY B 112 c il p. 17,
vV, 3 vV, 7 V, 5 V, 5

Cho ling try ABC.A'B'C’ c¢6 thé tich bang 2. Goi M,N lan luot 14 hai diém nam trén hai canh
AA' va BB’ sao cho M la trung diém ciia AA’ va B'N =§BB' . Puong thang CM cat dudng

thang A'C’ tai P va duéng thing CN cat dudng thang B'C’ tai Q. Thé tich khéi da dién 10i
A'MPB'NQ bang
13 23 7

A —. B. —. C. —. D.
18 9 18

O | U1

Cho lang try tam gidc déu ABC.A'B'C’ canh ddy bdng a, chiéu cao bang 2a. Mat phang (P)

qua B’ va vudng goc véi A'C chia lang tru thanh hai khoi. Biét thé tich cua hai khéi la V, va
- . 2 Voo

V, véi V, <V,. Tiso 71 bang

2

AL B. L. c. L. p. L.
11 23 47 7

Cho hinh ling try ABC.A’B'C'va M, N 1a hai diém lan luot trén canh CA,CB sao cho MN song

song véi ABva E—Aj = k. Mat phang (MNB'A’) chia khi lang tru ABC.A’B'C’ thanh hai phan

LA e 5 V. Car \
co thé tich V, va V, sao cho 71=2.Kh1d0g1atr10uak la

2
~1++/5 1+45

A k= . B.kzl. C. k= . D. k=—.
2 2 2 3

BANG DAP AN
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1.A 2.A 3.D 4.B 5.A 6.A 7.D 8.A 9.D 10.B

11.B | 12D | 13.B | 14.A | 15.C | 16.B 17.B | 18.D | 19.A | 20.C

21.B 22.C 23.B 24.C | 25.A | 26.C | 27.A | 28.B 29.B 30.B

31.D | 32.A | 33.A | 34B | 35.A | 36.B | 37.A | 38.C | 39.D | 40.C

41.B | 42.A | 43.D | 44B | 45B 46.B 47.B 48.B 49.B | 50.D

51.A | 52.C | 53.D | 54.C | 55.A | 56.A | 57.C | 58.A | 59.B | 60.D

61.D | 62B | 63.D | 64.D | 65.D | 66.C | 67.A

HUONG DAN GIAI CHI TIET

Caul: ChonA

D

Taco V

AMNP —

-Syp (A, (MNP)) =

W |-

:l.l.AB.AC-AD=7a3.
4 6

Cau2: ChonA
Goi O=ACNnBD,I=MPnSO,N =AInSC Khi dd

VABCDMNP = VS.ABCD - VS.AMNP
Pat azs—Azl,bzs—Bzz,c=£, =S—D=§ ta co
SA SM SN Sp 2

a+c=b+d:>c:§.

2

1+2+§+§
VS.AMNP:a+b+C+d: 2 2_7 -~V -V Vv - 1V=§V
VS_ABCD 461de 412§ E 30 ABCDMNP S.ABCD S.AMNP 30 30
1205

11 | Facebook tac gid: Phan Nhét Linh



Thé tich khdi da dién — Hinh hoc khdng gian
Cau3: ChonD
Trong tam gidc SMC, SB va MN la hai trung

tuyén cit nhau tai trong tim K = 2—1; = % .

BI la duong trung binh cua tam giac MCD = I
1a trung diém AB.

Vl = VS.AID + VS.IKN + VS.IND
<. 1 .
bat: VS.ABCD =V : VS.AID = Z‘V |
SK SN 211 1
=— —V =——-—-V==V;
SN GBSCT Y 3274 12
SN 11 1
VS.IND = Q’VS.ICD = EEV = Z'V

Vv
=V, = 1+i+1 .V:1.V :>V2:£.V:>—1=Z.
4 12 4 12 12 vV, 5

Céau4: ChonB

2 , o
V4 ape _ S ape _ AD.AE :(zj "
Ta co Viasc Sawc AB AC |3 &
1
Vs anc :EVABC.A'B'C'
4
= VA'.ADE = _VABC.A'B’C'
27 P P Sy R . cegia sy .
4 ’.
Dods 1o-27 _* AN
Vv, 1_i 23 "
27
Caub5: ChonA
Vv
racs Ve _BPBQBR 134_, 1,
wap BABCBD 345 : 5
Cau6: ChonA
Dat S—Brzx, S—Dlzy.Tacé SB,+ SD,= SA,+SC, —>x+y=8.
SB SD SB" SD' SA' SC
, Ve 1 1 1
Taco SS':};E = ﬁ = Vs ape = ﬁ S.ABC — EVS.ABCD'
, Ve 1 1 1
Taco =42€ - —_ =V __ =—1V =—V .
V. e 15y S.AD'C 15y S.ADC 30y S.ABCD
Tacs =Yz 11,1
sapcp S0 (X Y

Taco (x+y)[l+lj24 <:>1+12%:>k2i.
Xy
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Vay gia tri nho nhit cua k 12 6iO khi x=y=4.

Laicé;M:SMggzl.g,lzlzv :VS.ABC:§:]_-
d e OSA SB S 232 6 S.MNP 6 p
Cau7: ChonC
S
E
I
P R : 5

Hinh 2

Hinh 1

Mat phfmg (MNI ) cat khéi chop theo thiét dién nhu hinh 1. Dat Ve isep =V -

. 1 1 S 1
Taco S,,p =Supun = ZSAABC = gSABCD = —SAAPM = g .
ABCD
s d(L(ABCD)) 14k
M d(s,(ABCD)) SA Tkl
VI.APM _ AAPM d( ’(AB )) k k

%
:>VS.ABCD S asep d(S (ABCD)) 8(k+1):> AP 8(k+1)

Do MN//AC = IK//AC = IK//(ABCD)= d(I;( ABCD)) =d(K;( ABCD)).

k
VIAPM VK.NCQZMV
IH AH Al k
SD AD AS k+1

IH PH PA AH PA 2AH 1 2k 3k+1

—=—=——+—=—++ ==+ = .
ED PD PD PD PD 3AD 3 3(k+1) 3(k+1)

M& S, = Synco - =

Ké IH//SD (H € SD) nhu hinh 2. Taco :

_ED_IH ID _ 3k :d(E,(ABCD))_@_ 3k
SD SD ED 3k+1 ~ d(S,(ABCD)) SD 3k+1’

S v 27k 27k
2 = 2 = = = VE.PQD YT
SABCD 8 VS.ABCD 24k +8 24k +8
13 13
VEIKAMNCD 20 —Ve VE PDC VI.APM - VK.NQC = 2_0V

27k k ko, 18, 2k & =E<:>k=§.

98(3k+1)v_8(k+1)v_8(k+1) 20 2(3k+1) k+1 5

Céau8: ChonA
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 9:

,«'i”\,\{\
A \:>

SB’ SD’

, SB SD SA SC
Taco S+ = ytoy =xty=8 = y=8-x.

SB" SD" SA' SC

Ve 1 1 1
Taco ﬁ = E = Vs ape = EVS.ABC = %VS.ABCD'

Ve 1 1 1
Taco ﬁ = @ = Vs.A’D’C’ = @VS,ADC = @VS.ABCD )
Ta Cé k — VS.A'B'C'D’ — l 1+l = 4 = 4 = 4 .

sapco S0\x Y 15xy 15x(8 N x) 15(—x2 + 8x)

Taco1<x,y<8=8-x21 < x<7.

Xétham so f(x)=—x"+8x trén doan [L,7].
oy el x:0§£[1;7}

f(x)——2x+8, f(x)—O ©[x=4e[1;7:|

Tinh £(1)=7; f(7)=7; f(4)=32.

k dat gi tri 16n nhat khi f(x) dat gia tri nho nhat,

4 4

mmf(x)=7 = kmax :E:ﬁ.

Chon D

Goi canh cua khoi tir dién déu ban dau la a.

2
Ta ¢& AO=+AB>-BO’ = aZ_[&] :&
3 3
3 3
3 Jo 2 12 8

Thé tich cua ba khoi tir dién déu co chiéu cao x duogc catrala V =3.

B33 1R, ®
_1 o

h
8 2 8 "6 e

PENE) _ 33
8 8

Taco
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Céu 10:

Cau 11:

Chon B

A o'

+) Do khéi chop C".A’B'FE va khéi chop C'.A'B'BA ¢6

chung duong cao ha tir C'nén E
VC'.A’B’FE — SA’B'FE — 25A’B’E — A,E — 1
VC’.A’B’BA SA’B’BA 2SA’B’A A’A k

+) Do khéi chép C'.ABC va khéi lang tru ABC.A'B'C’

c6 chung duong cao ha tir C'va day la C
AABC nén VC’.ABC — 1 — VC'.A’B’BA — 2
ABC.A'B'C' 3 VABC.A’B’C’ 3 B
Tu va suy ra
Ve 2 1% 2 2
VC'ABPE =§:> v : :ﬁzvlzﬁ'vABC.A'B'C’
ABC.A'B'C' ABC.A'B'C’

V, = 2y
1 Pat V=V, Khido 3k ,

V,=V-V,=V-=—V

3k
Ma Y, 2 nén i.V=E(V—£.V)<:>£=E(1—£)c>£=z©2k=6<:>k:3
.7 3k 7 3k 3k 70 3k’ "7k 7
Chon B
Dung HM L CD tai M .
. [CD 1L HM
Taco = CD 1 (SHM)=>CD LSM.
CD 1L SH
(SCD)~(ABCD)=CD
Khi d6 {(SCD)>SM LCD nén goc gita
(ABCD) > HM 1 CD
(SCD) va (ABCD) lagéc SMH .
Theo gia thiét ta c6 SMH =60°.
Mt khac ta lai c6 ACMH dong dang véi ACDA nén HM = CH = 3 = HM = gAD = Ea .
AD CA 4 4 4
3a 33

Xét ASMH vuong tai H tacd SH = HM.tanSMH :Ztan60° :Ta.

Thé tich khdi chop S.ABCD 14 V ABCD = %Lf a.a” = %”S'

.ABCD —

1SH.S
3
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Thé tich khdi da dién — Hinh hoc khdng gian
Céau 12: ChonD

Goi O=ACNBD; F=DMnNAB; K=SBNnMN..

Ta c6: BAD =60° nén tam giac ADB la tam giac

déu.
K latrong taim ASCM :% =2.
MN 3
Xét:
Vv MK MF MB 211 1 1 5
VX;EZ = MN MD MC = EEE = g = Vikes = g'VM.NDC = Viesnoe = gVM.NDc .
R . 1 1
M&: Ve =2V upe V& 2V s =2.= Vi yop s Vi d(N,(BDC)):Ed(S,(BDC)) = Vs anco
5 5 7 V. 7
= Vz = VKFBNDC = gVM.NDC = 1_VS.ABCD = Vi =Vsunrn = Vsascr — Vi = EVS.ABCD = 7: = g :
Céu 13: ChonB Al c
Goi V la thé tich lang tru ABC.A'B'C" \\\\\ B4
\ Y Mm
Ta co: AR
AN
1 N
SAMNP = ZSBCC'B' AT\
d(A',(MNP))=d((A"),(BCC'B)) N
1 - L 1 2 B
=V = ZVA'BCC’B’ Mat khac: VA'BCC’B’ =V- VA’ABC =V —EV ==V
12 12
j—t VA'MNP =Z§V 22548 :8C7’n3.

Céu 14: Chon A

B

Trong mat phang (SBC), qua G ké duong thang song song véi BC cit SB,SC lan luot tai
M,N . Suy ra BC//(MAN), AG =(MAN).Vivay (MAN)=(a).

Ta c6 tam gidc ABC vudng can tai B, AC=a2 = AB=BC=a.
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ﬂ3

= Ve = %SA%.AB.BC =

Goi E la trung diém cua BC. Taco MN//BC:Sﬂ:S—Nzgzz.
SB SC SE 3

Khido: Lo _SMSN 22 _4_ V. _5_ ., 5, _5& b5t
V. SB'SC 33 9 V.. 9 9

SABC SABC

Céch tinh khac:
Goi H 1a hinh chiéu vudng géc cua A trén SB. Ta chimg minh duoc AH L (SBC) va BMNC
I4 hinh thang vuéng tai B, M .

3
Khido V,, . =~ AH.: BM(MN+BC) =1 W2 1 a2 f2a, | 1
37772 372 273 |3 54

ABMNC —
Céu 15: ChonC

Goi canh cua khdi tir dién déu ban dau la a,tacé h=

2
3
Thé tich cta khéi t dién ban daula V = %(Eh} .g.h = % .

3

r LA X oy ) Ko o7 1en A ’ <A < . OX
Do d6 tong the tich cia ba khoi tir dién déu c6 chiéu cao x dugc catrala o

3

Theo gia thiét ta co 3% = h

12

1K
—— o x=
48

Céu 16: Chon B

Ta thdy thiét dién cta (AEF) va hinh hop 1a tir giac

AFC'E.
. X+y+z+t
Taco VABCD.AFC'E = TVABCD.A'B'C'D'
, 0 BE 1 ccC' DF 3 1
trong dox =——=0; =—,Z= =1t= ﬁ = Z = VABCD.AFC'E = EVABCD.A'B'C'D' .

AA Y TBR T
Vay ti 1& thé tich ctia hai khdi 1a 1.

Céu l17: ChonB
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Cau 18:

Céu 19:

Tacd B’ A
1 o
Veawe = EVABCA'B'C'
1 12 1 N M
VBB’MN = VA'BB'N = EVA'BCB'C' = E'EVABCA'B'C' = EVABCA'B'C'
1 12 1
Vagpe = EVABCB'C' = E‘EVABCA'B'C' = EVABCA'B'C' B Cezoo e S / A
G
2 22 4
VA'BCN = EVA'BCB'C' = E'EVABCA'B'C' = EVABCA'B'C' ©
Do d6 thé tich cua khéi A’'BCN nho nhat.
Chon D

Do S.ABCD la hinh chép tir giac déu nén hinh chiéu
cia S Ién mat phang (ABCD) trung véi tam H cua
hinh vuéng ABCD.

C' 1a trung diém cua SC va H 1a trung diém AC
nén I = AC'nSH latrongtam ASAC

:SlzgSH
3

Ta co:
BD 1 AC, BD 1SH = BD | (SAC) — BD 1 SC = BD//(P) — BD//B'D’

Mat khéc: (P)(SBD)=B'D’, e AC'<(P),1eSH <(SBD) =1eBD'

Dodg: 2B _SD _ ST _2
SB SD SH 3
1y
Taco: L _ Vs apcn _2 S-ABCD _ Vs anc _ Zl — l
> Vsaseo 1{/ Vo 32 3
5 V$.ABCD
Chon A

Goi E,F lan luot 13 trung diém ciia BC,MN . Goi H 1a
trong tdam AABC.
TacO: ASBC cantai S = SF 1. MN.
SF 1L MN
MN =(SBC) n(AMN) = SF L(AMN).
(SBC) L(AMN)

Ta c0: AASE cO0 AF vura la duong cao vua la duong
trung tuyén = AASE cantai A .

2
:>SA=AE=Q;SH= SAZ_AHZ:@’SAABC:&'
2 6 4
1 3 31 a15 @3 25
VSAMN:ZVSABC:VSAMNCB:ZVSABC:Z'E 6 4 = 3
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Céu 20:

Cau 21:

Céu 22:

Céau 23:

ChonC
S
Ké MQ//SC,NP//SC ta dugc (MNPQ) chinh la
mat phang (a).
Ba mat phang («),(SAB),(ABC) giao nhau theo ba M
giao tuyén MN,AB,PQ ddng quy tai I.
Xét trong tam giéc SAB co
MSIANB 1 1141 1 nen B 1atrung diém A c
MA IB NS IB 2 P
cua IA. B
Cac tam giac SAI,IAC lan luot c6 cé4c trong tam 4
N,P. |
Goi thé tich khéi chop IAMQ1a V.
.V Vv
raco: Ve (BN P 122 2V, 7, 7,
Vo 1AIMIQ 2733 9V 9 9
\%4
asc _ AB A5 AC :lz.z:z:»vwC =2V=V,+V, =2V (2)
Vo Al AM'AQ ™ 2 :
Tur (1)va (2)suy ra V, —ov-Zy Uy tudosuyra =7
9 9 v, 11
Chon D

Ta co tir dién AMNP vudngtai A nén V = %AB.AD.AA’ = %.8a.18a.28a =672a’.

Chon C

pat 24 _1;=285C 1. 9D g
SA SB SC 2 SD

SA SC SD SB 1 1

SA SC' SD' SB' Xy

Co

m=Yewcw _Vowe 1B SC'SD'_1
Vo iser 2Vspgep 2SB SC SD 4

3:l+lziz>xy2é:>m21.
Xy \/E 9 9

SA'_,. _SB.__SC'_1. _SD'

bat x=—=1, y=—; z=—== t .Taco
SA SB sC 2 SD
1+1:1+1 <:>1+2=l+1c>1+1=3.
x z y t y t y t
Ma m = Vspep — Vspep :1SB’.SC'.5D, _1y )
V 2V 2SB SC SD 4

S.ABCD S.BCD
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1 1 t 1 t? 1 1
;:3—;®y:m, [g<t§1j :>m=f(t)=mﬁl’éaj(f(t)=f(§j=g

Céu 24: ChenC

Goi V=V,,,
Ta co: V np _ AM AN AP _ 1 SV, =1V
Visep AB "AC'AD 8
1 1 1
Tuong tu Vy s = 3 =V Venor = 3 =V Vo ks gV
1 1%
VMQNPSR =V =V~ VB.MQS B VC.NQR ~Vprrs =V~ 4'§V - 2

Theo gia thiét V Vionpse = =2 o % —92 &>V =182.

3
Dat d6 dai canh cia tr dién la a,tacod: V = \/_—18\/_c>a 6.Vay a=6cm.

Céu 25: Chon A

Nela ACD
Taco () ):(a)m(ACD) NE//AD[E cp,PE_ AN _ 3}
AD//(a) DC AC 3
Me(a ABD
(@) ):(a)m(ABD) MF//AD(FEBD br_AM 1).
AD//(a) DB AB 3
Nhu vay thiét dién cua tir dién ABCD cit bdi (a) 1a tir gidc MNEF .
VA.MND_AMAN 12 2 Y —EV
S —ES —lS
Vb _E_l. Vo s :SMNB _ S apc =S aun ~Spen _ABC gTaRc gt 4
VD.MNB DB 3 VD ABC SABC SABC SABC 9
14 4
= Ve = 5'§VA BCD ~ 57 Vaco
Vopw _DE DF_ 21 2, Vb.can SCBN CN _1 12 2
" PR 22 o = == = Ve =55 Vaseo = 55 Vaseo
Voesw DC DB 33 9 V,u. Su, CA 39 27

Cong theo vé ta dugce:
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Phan Nhat Uinh
2 4 2
VA.MND + VD.MNF + VD.EFN = §VA.BCD + EVA.BCD + EVA,BCD
12 12 22 V2 42
SV ="V =55 = = '
27 27 12 27 108
Céu 26: ChonC
P=ENNCD . .
Goi suy ra thiét dién cta tir dién ABCD cat boi (MNE ) la tr gidc MNPQ .
Q=EMnNAD
1%
Taco: —eore - ED EP EQ pp o gia thiét: BE (- ED_k= 1,
Ve EB EN'EM BD EB  k
. MN //AC
Ta thay: = PQ//MN//AC = £Q 2
(EMN)n(ACD)=PQ EM EN
Xét AEAB céd EM la trung tuyén
L+ 1
:>EB 1_2]5M:>EM:]<_1 :Zk—l EQZZk—Z
ED EQ EQ 2 2k—-2 EM 2k-1
V _ 2 _ _ 2 2
Thay vao: ~eora _ k=1 (Zk 2) vV |k 1(2k 2} _8k 11k+;4 |
E.BNM k 2k-1 Ve anm k 2k-1 k(2k - 1)
Lai co:
Ve _ (E(BMN))Suw _ EB BM BN _k
Vouse  d(D,(ABC))S,,. DB BA BC 4
- 8k*—11k+4 k 8k*—11k+4
Tu va suy ra = —.—= 5
A.BCD k(Zk—l) 4 4(2k—1)
11324° o4
1N 2 2 -
Nhuvay —204 S -llked 22 ST d o goe 187k+108-0| 27
V220 a(2k-1) 49 4(2k-1) k==
40
12
Vay k=4.

Céu 28: Chon A
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Thé tich khdi da dién — Hinh hoc khdng gian

Goi P=(a)nSD, Q=(a)nSC, R=(a)nSB, E=(f)nSD, F=(f)nSC, G=(B)nSB
thi theo deé ta co:

* Ve wpor =10 dm®
V S.NEFG V S.NEF + Vs NGF’
\%
_ S.NEF _ SN SE SF =222= VS NEE — 8VS MPQ !
Vowro SM SP'SQ ' |
Vv
_VS.NGF _ SN SG SF =222=V, o =8V MRQ
VS.MRQ SM SR SQ | |
= Vsnere = Voner T Vsnor =8V, mro T 8V MRQ S(VS mrg * VS'MRQ) 5Ys. MPoR = =80 dm’

Vay thé tich ctia khdi chop cut NEFG.MPQRIa V = Vsnere — Vopor =80-10=70 dm®.

Cau29: ChonB

Ta chung minh PQ//BC.
(SBC)n(SAD)=d

Giai str (SBC)(SAD)=d khi d6 ta co: (SBC)n(ABCD)=BC
(SAD)~(ABCD) = AD
BC//AD

M,N lin lugt 13 trung diém cac canh SA,SD néntaco MN // AD, MN / / d.

(SBC)n(SAD)=d

(SBC)n(a)=PQ

= d//BC, d//AD.

Ta lai co: = PQ//MN = PQ//BC.
(SAD)~(a)=MN
d//MN
Xét tam giac SBC c6 PQ/ / BC, S—P:x =>— SQ E—x.
SB SC SB
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K: Vs anop _ Ve T Venor _ Vs e + Vs.nop :1_SM.SN.SP+1'SN.SQ.SP
Vo Ve o Vs anen 2Ve uon 2Vipes 2 SASBSD 2 SD.SC.SB
111 11 x +2x°
—- ... X+—-—-XxX-X= .
222 22 8
x_—1+\/£
. V 2 a
Theobaira V=2V, » 1= X*20 1 Hhe iy 40e 4
v 2 8 2 1%
X=——
4
Ma g:x3x>0:>x:ﬂ.
SB 4

Cach 2:

Str dung cdng thirc tinh nhanh ti 1é thé tich caa khéi chop tir giac nhu sau:
Cho chdp S.ABCD vamat phang (e) cat cac canh SA, SB, SC, SD ciia khéi chop tai cac diem

M,P,ON voi 22 P SM_SN_1
SC SB SA SD 2
x 11
. L VoV RPN 2
Thitach: A=_smveo "= 2 2(1 1 5 o) x+2x7
Vo Vo 4 x X
‘e ~1++/33
. V 2 =
Theobaira: V=2V, > =1 X200 1 oty 40e S
vV o2 8 2 —1-+/33
X=—
4
Ma S_P=x3x>03x:ﬂ
SB 1 N .
o]
Céu 30: ChonB
bat BC=a4,CC'=b X
Dién tich tam giac NPQ' la:
dp
11ab
Snrg' = Spcen _(SNB'Q' +5pc0 + Speon ) = 0 M\ c
a
|4 :
Suy ra: Juwg A1 peegy Vi 11
A'.BCC'B’ Viscew 30
< -~ 1 2
Matkhac: V., pecp + Vi ase = Viscawe © Vigeon +§V2 =V, oV, secn = gvz
Do d6: Vi :E ng
EV 30 V, 45
3 2

Céu 3l: ChonD
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Thé tich khdi da dién — Hinh hoc khdng gian

Trong mat phang (ABCD), kéo dai MN cit DA, DC lan luottai F, E.

Trong mit phang (SAD), goi FKNSD =Q . Trong mat phang (SCD), goi QENSC="P.
Suy ra thiét dién 1a ngii giac MNPQK va MN// AC // PK .

Pit h=d(S,(ABCD))

KA KA t t
Tacé: FA=BN =~ AD =2 _3,
2 FA

Ap dung dinh ly Menelaus cho tam gidc SAD, suy ra
QS FDKA_; Q553 1 Q5 10D 3 _ o apep))- 3y

QD'FA'KS ~ QD QD 3t SD 3t+1 3t+1
. -~ 1 1 9
Mat khac: Seam = Snce = Spn = ZSABC = gSABCD = Sper = gSABCD

Suy ra thé tich cua khdi da dién khong chira dinh S 12

(3 ,9. ¢ 1. t 1
V=V _ -V -V, == h2§———2§-—_ -5
QDEF — "KAMF " PECN 3(3”1 8" t+1'8 t+18)

1 27t 2t 27t 2t
= [ - J'h'SABCD =V Z( - ]VABCD

37 8(3t+1) 8(t+1) 8(3t+1) 8(t+1)
Phan thé tich ciia khbi da dién khong chaa dinh S bang % phan con lai suy ra thé tich caa khoi

da dién khong chita dinh S biing ;_3 thé tich khéi chép S.ABCD

271 20 13 2

T8(3t+1) 8(t+1) 20 3

Céu 32: Chon A
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Céau 33:

Cau 34:

Df
! N
B o7
P
oy e EE D
B¥ (o

Goi Q la giao diém ciia mat phang (MNP) véi BB'.

Giasa AM _y, g§= , gg: , IZ}Szt.Khidc’) xty=ztt.

VA’B’D'.MQN _ xX+z+t - VA’B’D'AMQN _ X+z+t

VA'B'D"ABD 3 VA'B'C'D"ABCD 6

VC'B’D’.PQN _ y+z+t - VC’B’D'.PQN _ y+z+t

VC'B'D'.CBD 3 VA'B'C'D'.ABCD 6

ﬂn+1 = _2an

Visronvey _1(AM_CPY_1(1 1)_5 _ 5 5275
VABCD.A,D,C,B, 2 AAI CC' 2 2 3 12 MNPQ.A'D'C'B’ 12' ABCD.A'D'C'B' 6 '
Chon A

Vi SA =SB =SC =SD =+/2a nén hinh chiéu vudng géc ha tir dinh S xudng day trung véi tam
duong tron ngoai tiép day, tic 1a trang véi diém O = ACNBD.

2 2 3
Tacé: SO=SA?— AO” = ,|24> — 3 ;“ - @ =V, wuep = %.SO.SABCD - JET”

. SE SE SF 2 (3a®) 2 1(~3a®) 5V3d°
Taco: Vg yper =V ape + Vo aer = % SABC +§S_D SACD — 5 6 +gz 6 = 36
Chon B
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Thé tich khdi da dién — Hinh hoc khdng gian

Bt S =x(0<x<1), ki higu V. lin luot 4 thé tich va chiéu cao cia kndi chop da cho.

Theo dinh Iy Ta-let, ta co: MN _NP_ PQ = QM = SM_

AB BC CD DA SA
‘ d(M,(ABCD)) AM

(5,(ABCD)| T = d(M,(ABCD))=(1-x)h.

VAVAY V00 wrg = MN.MQd(M,(ABCD)) = x*.(1-x)h.AB.AD = 3x* (1-x)V

3
Theo BDT Co-si, ta ¢co: x? (1—x) =%x.x.(2—2x) < %(%Mj = 24—7

Do @0, VMNPQ'M,N,P,Q, < gV . D4u “=> xayra < x=2-2x<x= %

Céau 35: ChonA

D
.. |(ABE)n(SDC) = Ex
Ta co: = Ex||DC||AB.
AB||DC
Goi F=ExnSD, S—sz,(0<x<1) :>S—F=S—E=x
SC SD SC
Do ABCD la hinh thang c6 AB=2CD nén S,, ., =2S,..,c = S.inc =%SDABCD;SAACB =§SUABCD.

Ta co:

1% S 1 L
VS.ACD =3 MDD ===V o= gvs.ABCD

S.ABCD
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V.

S.ABC  _ Saanc _2 =V e = 2Vs ABCD *
VS.ABCD SEIABCD 3 ' 3 ‘

v SE SF 1
Lai C6; —SAEE _ ES_D =xX= Vi apr = xZ.VS_ACD = gxz'VSAABCD )
S.ACD

1% SE 2
—VS'ABE = C =X = Vs upr =XV apc = gx'VS.ABCD )-

S.ABC

Theo bai ra m3t phang ( ABE)chia khdi chdp S.ABCD thanh hai khéi da dién c6 thé tich bang

. 1
nhaunén V, ... =§VSABCD
Vo Vo =3V 57455 Vo =3 Vo © 3 5730
v —2+\/E
PN 2 .DoO<x<1:>x=M-
. —2-410 2
2

Céu 36: Chon B

Dat SS—ZI\;I =x(0<x<1), ki higu V,k lan luot la thé tich va chiéu cao cua khdi chop da cho.

Theo dinh ly Ta-let, ta co: MN _NP_PQ_SM_ X
AB BC CD SA

) s =)

VIVAY Vo v = Sypd(M,(ABCD)) = x> (1-x) .S 15 = 32* (1-x)V

3
Theo BDT Co-si, ta co: x° (1—x) =%x.x.(2—2x) < %(%Mj = 24—7

O | >

A Al 9 2 2
Do @0, V,,p ymp <=V . Dau “=" xay ra <:>x=2—2x<:>x=§.

Céu 37: Chon A
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Thé tich khdi da dién — Hinh hoc khdng gian

C

bat S—sz(0<x<1). Theo dinh ly Ta-let, ta co: SM _SN_SP_ .
SA SA SB SC
R SM SN SP S,z 1 .
Va Vg, ZS_A'S_B'QVS- e =XV e Theogia thiét, v, =5VS'ABC nén
X = 1 S x= 1
2 2

Céu 38: ChenC

Taco V, = %SA.S 1% lsps 1y

ABCcD ' V's.ABCD — 3 ABCD — R

Goi H=S'ANSD ,L=SBn(SCD) khi dé thé tich chung cua hai khoi chop S.ABCD va
S'.ABCD la thé tich khoi HLCDAB. Do AB//CD nén giao tuyén HL cua hai mat (S'AB) va
(SCD) phai song song véi AB.

SH SD

S'H

V.=V 2=

-V _ 2 =
1 HLCDAB S'.ABCD S'.HLCD
HA

1 1

—_= -
SA 2 SA 3
Voup SHSL

11 1 1 1
—o=—V,
V, o SASB 33 9

e V4 S
S'.HLD S'.ABD S'.ABCD
9 18
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V. SL 1 1 1
VZ::ZZ = @ = 5 = Vo0 = EVS’.BCD = g Vs apcp

1 1 2
Voner =Vsup * Verop = E Vo apep + g Vo apep = §VS’.ABCD

7 7 .V 7
= Vi =V asep = Vsriep = §VS’.ABCD = Evz . Vay 7: = E

Céu 39: ChonD
S
M
P
A C
B

Mat phfmg (P) song song voi (ABC) va cét céac canh bén SA,SB,SC lan luot tai M,N,P.
SM SN SP

Theo Ta-lettacd: —=—=—=x>0.
SA SB SC
Do do6 MZS_M.S_N.S_PZXT“ >0.
Voue SA SB'SC
Theo gia thiét: lecmf =1<:>x=i:>M=ﬂ:i:MN=L.
VSABC 2 2 2/5 AB SA %/E %/E
Vi tam gidc ABC déu canh a nén tam giac MNP 1a tam giac déu c canh bang % :
2

_ (;EJZ ¥ _ @3 |
Mxp 1 h

Céu 40: ChonC

Viay S
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Thé tich khdi da dién — Hinh hoc khdng gian
Taco Yoo _SD
1% SA

2

Goi H=S'ANSD,L=SBn(SCD) khi d6 thé tich chung cua hai khéi chop S.ABCD va
S'.ABCD la thé tich khoi HLCDAB. Do AB//CD nén giao tuyén HL cua hai mat (S'AB) va
(SCD) phai song song véi AB. V, =V, =

HLCDAB S.ABCD ~ VS'.HLCD '

SH S'D S'H k S'L k
HA SA SA k+1 SB k+1

5.4BD (k+1) (k+1) 2(k+1)

Cau4l: ChonB

Goi M 1a trung diém BC, F = SAm(a), trong do (a) 1a mit phang chira BC va vuéng goc
SA, H la hinh chiéu ciia G 1én SM . Tac6: SA L(a), FM < (a) nén SA LFM.

Vi S.ABC 1a hinh chép tam gidc déu nén SG la duong cao hinh chép tng voi day (ABC) va
ABC 1a tam giac déu.

Ta c0:

AM vira 1a dudng trung tuyén, vira 1a duong cao trong tam giac déu nén AM L BC .

SG L (ABC), BC=(ABC) nén SG L BC.

AMNSG =G va AM,SG < (SAM).
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GH L SM

GH 1 BC
SMNBC=M
SM,BC = (SBC)

Suy ra BC L (SAM) = BC L GH . Do do: = GH 1 (SBC).

, SGN(SBC)=S5 o g X
Ta lai co: = SH la hinh chi€u vuong goc cia SG [én (SBC) .
SH 1 (SBC)
= (SG,(SBC)) ~(3G,SH)=GsH =30°.
Gia sir canh ctia tam giac déu ABC 13 a.

Xeét tam gidc SGM vuong tai G, ta co: SG:GMcot30°:§.f:§.

2 2
Xét tam giac SAG vuong tai G, taco: SA =+ AG* +SG’ = f%JJZ _ a\éﬁ.
a a\/g

SGAM 5 5 3a7

Trong tam giac SAM , ta c6: MF = = =
9iams SA w21 14
6

2 2
Xét tam gidc AFM vuong tai F,tacd: FA =+ AM* —FM? —\/(&] _(311\/;] = ”\/Z,

2 14 7
a21
SUYI’aE:l—ﬂ:l— 7 =1—§=1-MaMzgzljmzvswc:lv&wc
SA SA a21 7 7 Viue SA 7 ey
6
6 V1
:VZ:;VS_ABC Do d6 Vizg

Cau42: Chon A

B

Goi M,N,P lan luot 13 giao diém cua mdi canh bén SA, SB, SC tuong ng vai cac canh bén
OA', OB', OC'. Phan chung cua hai khdi chép S.ABC va O.A'B'C’ la khébi da dién SMINPO .
Tur gia thiét ta ¢ (ABC)//(A'B'C')ma ta c6 MN // AB// A'B', NP [/ AC// A'C' do d6
(ABC) // (MNP), (A'B'C")// (MNP)va AMNP déu.
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Thé tich khdi da dién — Hinh hoc khdng gian

Xeét cac tam gidc vudng SMI va OMI ta cO SI = MI 5 = MI\3, OI ML 5= MI suy ra
tan 30 tan60 \/5

SI SI MN 3 Ol MN 1

—=3suyra—=—=—, —=——=—.

Ol SO AB 4 0OS A'B'" 4

!’ V
Suyra%—?;hay O‘;BC =3=9=>V, pe =9V,

2

3 3
Do dé Yeame _(SL) _(3] _27
% so) \1) "

2

3 3
Voump _ ﬂ _ 1 _ i — Voumr _ i T do E _ Voue + Ve _ z 9 9
V, oS 4 64 V, 64 V, V, 64 64 16

O0.A'B'C'

Céu 43: ChonD

Gia st cat vién da khdi chop tr giac déu S.ABCD theo mit phang (MNPQ) song song voi
(ABCD) nhu hinh vé.

SM_SN _SP_SQ _
" SB SC SD

Theo Ta-let ta co: >0.

Theo gia thiét ta co:
VS.MNPQ _1 PN VS.MNP +Vs MPQ 1 PN VS.MNP + VS-MPQ zl = % g[@_,_&j — %

Veaser 2 2V asc 2 Ve Vsan 2 54 'sc{ SB SD
<:>2x3 :lﬁx:i:@:%:L:MN:L_
2 s = AB SA Y Ya

2 2
Vi ABCD 14 hinh vudng nén MNPQ 1 hinh vuéng canh —= . Vay S :[—] -4
%/Z MNPQ E/Z 2%/5

Céau44: ChonB
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Taco Vscpc _ “cBC :1 -~V
A.BCD

Cau 45: Chon B

Taco S,,. = %ACz - %(2\/5 )2 =4 va d(C',(ABC))=C'H = AC'.sin60° =243 .

Khi do, V,,cpe =

Vv

ABC.A'BC' VA.A’B'C’ = VABC.A'B’C’ _5

1% ==V

ABC.A'BC' 5 ABC.A'BC' —

1 2 %.4.2\/_ - —16;)/5

Cau 46: ChonB
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Thé tich khdi da dién — Hinh hoc khdng gian
Goi O, O', M,N,P,Q lan luot la tdm cua cac hinh chir nhat ABCD, A'B'C'D’', A'B'BA,
BB'C'C, CC'D'D, AA'D'D.

Ta c6 phan chung cua hai khéi tr dién A’BC'D va AB'CD' la bat dien OMNPQO' .

Goi M',N',P',Q" lan luot 14 trung diém cua AB,BC,CD,DA . Tac6

1
S -4-S
SMNPQ B SM,N,P,Q, B S scs —SAM,Q, =Spun —Senp —SDP,Q, _ Zascs g JABCE 1
SABCB SABCB SABCB SABCB

Ngoai ra, chiéu cao cua khdi chop V., bang %chiéu cao ctia khdi hop ABCD.A'B'C'D’ .

Suy ra Ezzv‘lﬂzzlllzl
, Vv, 232 6

Céu 47: ChonB

Pit V=V, .»o . Ly diém E trén CC' sao cho

CC'=3C'E.
A'M BN CE 1
Suy ra = = =— = (MNE)//(ABC).
4 A'A BB C(CC 3 ( )//( )
.. 1
Ta co: Ve = EVA’B’C’.MNE
2 - L. 1
=V, = EVA'B’C'.MNE -Matkhac: Ve e = EV .
Suyra V, 21y 2y =V, vy Ty 2
33 9 9 9 v, 7

2

Céu 48: Chon B
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Tacé M,N latrung diém cta SA,SC nén SM_SN _1
SA SC 2

Cach 1: Ap dung dinh 1y Menelaus cho ASOD ta cé :
PS BD 10 PS PS 1 SP 1
ot [ N P P AP oMl
PD BO IS PD PD 2 SD 3
Céch 2: Ké OH //BP, tac6 O la trung diém cia BD nén H 1a trung diém ctia PD .
Taco OH//IPma I 1a trung diém ctia SO nén P 1a trung diém cua SH .
Suyra SP=PH =HD :>£=1.
SD 3

N Vv 2V
Theo cong thure ti s0 thé tich ta ¢ ; —SEMEN. = —_SBMP SM SP _
S.ABCD ZV

SBAD

Cau49: ChonB

Goi D,E,F lan lugt 1a trung diém céc canh BC,CD,DB.
3 3
, 2 2) 1 2 2
Taco VAMNP = (5} VADEF = [gj 'ZVABCD = EVABCD = 5'54 =4.

Céu50: ChonD
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Thé tich khdi da dién — Hinh hoc khdng gian

AL

Goi A'H 1a duong cao cta hinh hop
Khi d6 (AA’;(ABCD))= A’AH =45° = A'H = AA':sin45° =52

S.scp = 6°.sin45° = 18\/5 Nén V., wwen =Sapen-A'H=180.
2 2 2
Vaseoos = Vasoos + Vesops =5V +=V

==V =120
ABD.A'B'D’ BCD.B'C'D’ ABCD.A'B'C'D’ :
3 3 3

Cau51: Chon A

Cl
7
”

Dit V=V, spe- TaC0 Ge(ABC) nén V, ... = %V :
1 12 1 . 1 12
VBB’MN = VM.BB’N = VA.BB’N = E'VAABB’C’C = Egv = gv ) VABB’C’ = EVA.BB’C'C = E 5
, S CN 4 . 4 4 1 41 2 4
Taco BN — —_ —— Veorr ==V, ===V, ===-=V==
SCBC, CC! 5 ABCN 5 ABCC 5 2 ABCCB 5 2 3 15

Vay khéi tir dién A'BCN c¢6 thé tich nhé nhét.
Céu52: ChonC
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Cf

AI

B
Goi d la khoang cach gitra BB’ va CC'.
, 1 1(3 4 1 31 31
Taco S =—(CP+BN)d==.|=-BB'+-CC' |d==.—BB'd=—S5__ ...
BCPN 2( ) 2 (4 5 j 2°20 40 PCP
31 31 2 31 2
Do do VBCMNP VM.BCPN ZE M.BCC'B' E 3"/ ABCABC E 5 60 =31.

Céu53: ChonD

Goi P=CDNNE, Q=ADNME, khi d6 (MNE) chia hinh chép 1a hai khéi da dién gom
ACMNPQ va BMNDQP.
D& dang ching minh duwoc P, Q lan lugt 13 trong tdm tam giac EBC va EAB. Khi d6:

EQ EP 2 ED EQ EP 122 2

EM ﬁ 3 . Taco VE DQP — EB "EMEN VE.BMN :§'§'§VE.BMN =§VE.BMN
7

= VBMNDQP Ve — VE.DQP = §VE.BMN .

d(E;(ABC

Laicod S, =1SAABC, M:EZZ

4 d(D;(ABC)) DB

d( E; ABC
Nén Yoy = ( ) —— :2-1—1 suyra VvV, BMNDQP _Z'l'VD.ABC :1'VD.ABC

Vb.asc ( ; ) AABC 4 2 92 18
11 11 2 11324°

=V =Vaenwrg = Voase ~Vowsoor = 75 Voae =155 = 210

Céub54: ChonC
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Thé tich khdi da dién — Hinh hoc khdng gian

Goi d la khoang cach gitra AB va CD.

Tac S, = %(BM+CN).d =%.(%AB+%CD].&Z =%2 AB.d = %.SABCD.
Nen V., ==V, . = 48=20.

S.MBCN ~ 7 *'S.ABCD 212

Céu 55:Chon A

Goi B ladién tich tam gidc ABC, h la d6 dai duong cao cua hinh lang try, suy ra V = B.h. Goi
Q latrung diém AB, G la trong tAm tam giac ABC . Goi V, la thé tich khdi chép BMNP, V,
1a thé tich khdi chép MBNE véi E=QCMP.

TacéﬂzgzﬁzgdoPC//MQvaPC=2PC’ nénﬁzgzg.
ME QF MQ 3 MQ cC' 3
Tacév_lzwzl 1:lV2
v, ME 3

Do GC :%QC,CE =20QC= GE=GC+CE :%Qc.

Ta lai co V. :15 Jhi. Ta tinh dién tich tam gidc BNE theo dién tich tam gidc ABC ta cé
2 = 3 IBNE g g

8 8

Sene = Spee T Snce = E(SNQC +SBQC) = ESQBNC .
.S AQ AN 1 3 , 8
Ma SAQN T :ZjSQBCN =ZSABC dodé S, =55QBNC =2B.
ABC
" 1 1 2V 1 2V
Nén V2 =§SBNE'h=5'2B'h=? f— Vl ZEVZ 27.
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Céau 56: Chon A

Goi H, K lan luot 1a trung diém cua BD, BC va I = EM n AB. Ap dung dinh |i Menelaus cho
AM HE BI 3 E BI 2 3

tam gidc AHB tadugC —.—.—=12—-.—=1—==-< AI=—AB

MH EB IA 4 IA IA 3 5
AL_3 AN 2y duong thang IN va BC cat nhau, goi giao diém 1a F.
AB 5 AK 3

Goi P=EM N AD. Vi MN//CD nén 4p dung dinh Ii v& giao tuyén ciia ba mat phang
Taco PQ//EF//CD.

Ap dung dinh Ii Menelaus cho tam giac ADB ta duoc

APDEBI_  AP12_, AP_,

PD EB IA PD 2 3 PD

2

12

Vo AP AQ Al 333 27 27 27 2 . CNGYS
= e L e oV = Ve = o VY V=
Vo AD AC'AB 44’5 80 80 80" 12 320

C6 ABCD la ti dién déu canh bang a=V,, . =

Cau57: Chon C

' B
A
+ VM.BCPN

Taco V

ABC.NMP —

1%

M.ABC

Trong do V L

M.ABC — A
3

S

__ ~BCPN
VM‘BCPN - S

X
ABc_g

d(M,(ABC))S 1 o

_ BP+CN M
M.BCCB — ppr ot ABCCE "‘*-._\ -------------- .

BCC'B'

:y+z.zvzy+zv_
1+1 3 3 g

PRI CIEEEEEECEL NEREEEEE CEREEEERS
. X+y+z
Khi d6 VABC.MNP = 3 V. /

Vay V 1 X+y+z

V<

ABC.MNP — =~
2 3

V=1V<:>x+y+z=§.
2 2

Céau58: Chon A
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(o
D
E
B
F
A

CE CO* 9 AE1CDCO29 BD4APA021 BF 4
Taco — = === = = — s ==

CA CA> 10 AC 10'CB CB* 13 BC 13 AB AB* 5 BA 5
Ta c6 thé tich khdi tir dién OABC:V():%OA.OB.OC=1.

AO AE Ar 1 _CO CE CD 81

Taco: V, o = —V,==V,,V, Vo=V

ACEF T AO"AC AB ° 50 °' P T CO'CA'CB " 130 °

BO BD BF 16 1 81 16 36 36

=~ ——.——V =—V.Vay V. e V==V =
500F “BOBCBA 0 65 0 Y Yo ( 50 130 65j ¢ 325 % 325

Céu59: Chon B

Cé MN // AC = (MNP)n(ACD)=PQ// MN// AC . Ta chia khéi da dién thanh cac khéi tir
dién V =V

BMNPQD D.PQB + VB MNQ VB.PQN :

2
=

Thé tich khoi tir dién déu da cho 1a V, = o

2
DP DQ DB 2 4

T2 Voros = e pa DB (5) Vo=g%

X _BM BN BQ 1 1 Suco 1 AQ 1
Va. V :—_—V :—._V — V .

BMNG T BATBCTBQ PACT 4 BAQT 4 0T 4 AD 0T 12

; BP BQ BN 1 1S 12 1

Va VB~PQN - BPBQ BC B.PQC :E B.PQC :E'SPQC VO :E-gvo :§VO .

Viy U £4 1+1jVo 232 232

+_
BMNPQD 19 12 9 36 12 432
Céu 60: Chon D
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*C6 MN // AC = (MNP)(ACD)=PQ//MN . Ta chia khdi da di¢n thanh céc khoi tir dién
V =V +V + Vi pon -

BMNPQD D.PQB B.MNQ

2

*Thé tich khoi tir dién déu da cho 1a V, = o

2
] DP DQ DB 1 1
Ta co VD.PQB :D_Cﬂﬁvo 2(5] VO =§VO'
. BM BN BQ 1 1 Sico 1 AQ 1
VaVv == =V =—. V=——V ==V
B.MNQ BA BC BQ B.ACQ 4 B.ACQ 4 SACD 0 4 AD 0 6 0
. BP BQ BN 1 1 Spoc 12 1
VaVv == ==V =——V ===V ==V,
B.PQN BP BQ BC B.PQC 2 B.PQC 2 SADC 0 2 9 0 9 0
Vi U (1,11, _7 2 72
R A R T TR T
Céu6l: ChenD
A C

Ta ¢6 A la trung diém coa PC' ; B 1a trung diém cia QC' . Do d6

SC’PQ 1 4
VC.C’PQ = EVC.A’B’C’ =4V ypo = 4'5VABC.A’B’C' = 5 :
A'M BN C'C 1 1
. AA BB ' CC 2ttt 2
Mat khac V0 e = 3 Vs awe = TVABC.A’B’C’ = 3
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Dodo V =

A'MPB'NQ ccrQ

1%

A'B'C'.MNC —

Céau 62: ChonB

N

D C

Goi O=ACNBD = SO L(ABCD); P=MBNAD va Q=SDNMN suy ra Q 1a trong tdm

d(Q,(ABCD
cua tam giadc SMC :Q—Dzl :le.

SD 3 d(S,(ABCD)) 3

Mit phang (BMN) chia khdi chop S.ABCD thanh hai khoi da dién, trong d6 khoi da dién chira

dinh S 13 SABPQN .

Tac6 d(S,(ABCD)) =50 =V5A"— 40" = X2
2

3
=V, af.

1 1
i anco = 54(S/(ABCD))S 1y =2 SO.AB* =

ABCD —

1

4 11 MD.BC a°+2
CO Vy peu ng(N,(ABCD)).SBCM Zg.zd(S,(ABCD)). _1a \/_

12
MD.PA a2
72
v _a3\/§+a3x/§_a3\/§:7a3\/§.

SABPON — g 72 12 72

) 1
Lacod V= gd(Q,(DMP)).SDMP =

d(S,(ABCD)).

W=

1
5

Ma VSABPQN =

V +V

S.ABCD Q.DMP

V

N.BCM

Céu 63: ChonD

Thé tich khéi hop di cho V =62.8=288. Goi E,F,G,H lan luot 1a trung diém cua
AA',BB',CC',DD'
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Taco VACBDMNPQ VABCDGH - (VA.MNQ + VBAMFN + VC.NGP + VD PHQ)
1 DH DP DQ 1111 1
VABCDGH ZV VAMNQ VBMFN VCNGP VDPHQ DDV.Dcv.DAV'VD.D'C'A' :EEEEV :EV
1 1 1 1 1 5
Vay V =—V-|—V+—V+—V+—V |=—V=120
* Y acopmrg =7 [48 48 48 48 ) 12

Céau64: ChonD

1
. V500 g'd(s’(ABCD))'SAAQD 1
Taco V, = =V upo T Vsrop + Vspnp Ma V. =1 ==
$.ABCD g.d(S,(ABCD))-SABCD
vy Veron _SPSQSD _sP
% SBSQSD  SB’

S.BQD
Ap dung dinh 1i Menelaus cho tam gi4c SBC vai cat tuyén MPN ta co:

MB.PS.NC PS SP 2
——————=l=>—=2suyra —=—
MC.PB.NS PB SB 3

Suy ra Y, _SPOD =2 ma VS-BDQ _ 'd(s'(ABCD))'SABQD

S.BQD 3 S.ABCD

W] =

4(S,(ABCD)).S 1500 5.48CD

1

Ta Ial Cé' VS.PND — SP.SN.SD 1 é. VS.BCD — 5 —
. . 1
3

wp SBSCSD 3V,

Suy ra Vern. =1.Vay V1=%V v

S.ABCD

suy ra ——Z
5

=

S.ABCD

Céau 65: Chon D

Ta c6: APA'M = ACAM( g.c.g) = PA'= A'C'=C'P=2C'A".
QB BN 2

o o3 - QC’:>QC’z3B'C'
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Thé tich khdi da dién — Hinh hoc khdng gian

Taco: S.,, = 1C'P.C’Q.sinC' = %.ZC'A'.BB'C'.sinC’ =3Sc,p
V.. Sep
Suy ra: e = S =3= Vcch 3Vecuw =Viscame =2
C.CAB cA'B
Mat khac:
A'M N B'N+C'C 1+E+1
Visewne _ AA BB CC_2 3 _E _E
= = =75 = Vagcmne =
V ymc.apc 3 3 18 9
13 5

Ta co: VAMPB 'NQ VC.C’PQ - VA'B’C’.MNC =2- 3 = 5 . Chon D

Céau 66: ChenC

Goi E, I, K lan luot 1a trung diém A'C’, A'C va A'B'.
Tacé: BE L(ACC'A')=BELAC (1)

Trong (A’B'C):tir B' k¢ BH L A'C tai H.

Trong (AA'C'C): goi F=HEN AA'.

., |[BHLAC
Ta lai c6 =(BHF) LAC=A'CLBF (2)
B'E1L A'C
Tir (1)va (2) suy ratam giac B'EF lathiét dién cia lang truy ABC.A'B'C’ khi cat boi mat phang
(P).
o,
Tam gidc CA'B' can tai C,tacd CK-A'B'=BH AC=pH="CAF _ 2 _avl9
A'C w5 25
Tam giac B'HC vuobng tai H,tac6CH =+B'C>*-B'H* = \/_ CH—iCA’ A'H ziHI
2
AHA'F ~ AHIE = AF AH 1:>£:1
IE IH 4 AA 8
A'B AE AF 1 1 11 1
Khi do ABEF— . . ==V, .=V, . ..=—=V e =—V
e AB AC AA 16 A'.B'EF 16 A'.B'C'A 16 3 ABC.A'B'C 4:8 ABC.A'B'C
Nen L V1
VABC.A'B'C' 48 VZ 47
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cau67: ChonA

B

Vi ba mit phiang (MNB'A"),(ACC'A"),(BCC'B") d6i mét cit nhau theo ba giao tuyén phan biét
A'M,B'N,CC' va A'M,CC’ khdng song song nén A’M,B'N,CC’ddng qui tai S .

CM_MN MN SM SN SC

Taco k= = = = =" =
CA AB AB" SA'" SB' sC'

Tudo VS.MNC = kSVS.A’B’C’ = Vl = VMNC.A’B’C' = (1 _k3>VS.A’B'C’ .

, Vv r 3(SC'-SC v
vtk Yaane 3CCT IO gy g Ly Vi

S.A'BC SC SC 3(1—k)
2
Suyra V, = (1—k3)VABC'A'B'C’ - (K +5+1)-V e e
3(1-k) 3
.V R 2 _
Vi 7122 nen Vv, :§VABC.A’B’C’ 3%:%@]{2 +k-1=0=k 1;\/g(k>0) .
2

Vay k= ‘1;*/5 |
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