BAI 11. HAI PUONG THANG SONG SONG

CHUONG 4. QUAN HE SONG SONG TRONG KHONG GIAN

DANG 1. CHUNG MINH HAI PUONG THANG SONG SONG

1. Tinh chit dwong trung binh
A

MN// =L BC
2

M N 1a trung diém cua 4B ,AC. Khi @6
2. Dinh ly Ta-lét
A

/N

i3 '

AM AN
AB AC
3. Tinh chit canh ddi ciia hinh binh hanh

MNIBC =

A
B
I b
D C
Hai phuong phap dé chimg minh tr giac 14 hinh binh hanh:
AB/ICD

*) Chirng minh: AB =CD .

*) Hai dudng chéo cit nhau tai trung diém ciua mdi duong.

Caul. (SGK-KNTT 11-Tép 1) Cho hinh chop S-ABCD ¢4 gay ABCD |3 hinh binh hanh (H.4.17).



Cau 3.
(H.4.20).

a) Trong cac duong thang AB, AC.CD , hai duong thang nao song song, hai dudng thang nio cit
nhau?
b) Goi M.N i 1an Iuot 13 hai diém thudc hai canh §4,5B . Trong cac duong thang
hai duong thang nao chéo nhau hay khong?

Loi giai
a) Hai duong thing 4B va AC ht nhau tai giao diém 4.
Hai duong thang 4B va CD song song v&i nhau (do 48CD 13 hinh binh hanh).
Hai duong thang AC y3 CD ¢t nhau tai giao diém c
b) Vi hai didm M>N 1in luot 13 hai diém thudc hai canh 5458 ngn hai diém M>N thuoe mat

SA.MN.AB g

ph:fmg (SAB)hay cac diém S , A, B, M, N cung thudc mot mat phfmg nén cac duong théng
SA,MN. AB ddng phang, do d6 khi liy bat ki 2 trong 3 duong thing trén thi ching c6 thé cat

nhau hodc song song hodc trung nhau. Vay trong cac duong thing SA.MN. 4B , khong c6 hai
duong thang nao chéo nhau.

S.ABCD (H 4.19)

(SGK-KNTT 11-Tap 1) Trong hinh chop tir gidc
S

, chi ra nhitng duong thang:

a) Chéo v6i duong thang 54 ;
b) Chéo véi dudng thiang BC .

Loi giai
a) Cac duong thdng chéo voi dudng thing S4 1a BC va CD
Giai thich: Néu hai duong thang S4 vy BC khong chéo nhau thi chung cung thugc mdt mat
phéng. Khi d6 bén diém 5+ 8-C ddng phing, trai voi gia thiét S-ABCD 13 hinh chép. Do dé,
hao dudng thing S4 va BC ¢héo nhau. Tuong tu, giai thich dugc hai dudng thing S4 vy CD
chéo nhau.
b) Céc duong thang chéo v6i dudng thing BC 1a S4 va SD | Giai thich twong tw cau a.
(SGK-KNTT 11-Tap 1) Mot chiéc gay duoc dat mot dau dua vao tuong va déau kia trén mit san



Hinh 4.20

Hoi co thé dit chiée gdy d6 song song v6i mot trong cac mép tudng hay khong?
i ) Loi giai o

Ta khong thé dat chiéc gay d6 song song vdi mot trong cac mép tuong vi di€ém dau gdy cham véi

san va 4 diém goc cua tuong 1a cac diém khong dong phang nén duong thang tao boi chiéc gay

va mot trong cac mép tuong la hai duong thang chéo nhau.
Cau4. (SGK-KNTT 11-Tép 1) Cho hinh chép S-ABCD ¢4 day 1a hinh binh hanh. Trong cac cap duong
thang sau, cip dudng thiang nao cit nhau, cip dudng thiang nao song song, cip dudng thing nao chéo nhau?

a) AB va CD,;

b) 4C va BD,

c) SB va €D,

Loi giai

B

a) Hai duong thing 48 va CD song song v6i nhau do day 4BCD 1 hinh binh hanh.

b) Hai duong thing 4C va BD cit nhau do day l1a hai dwong chéo cuia hinh binh hanh 4BCD

¢) Hai duong thang SB va CD ¢héo nhau.

That vy, néu hai duong thing SB va CD khong chéo nhau, tic 13 hai duong thing nay dong
phing hay bbn diém S, B, C D dong phéng, trai v6i gia thiét S-ABCD 13 hinh chop.

Cau 5. Cho hinh lap phuong ABCDABCD  ACNBD =0 M N |3 trung diém cua 4'B°, BC,
Chtrng minh MN//40
Loi gidi



Cau 6.

Cau7.
J/ICD
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o 0N=1AB )
*)AABC . ON 13 duong trung binh = ON//AB : .

, o P . o A ’.'ilf_'!r :l‘LB (2)
*) Tinh chét hinh lap phuong: AB//AB  AB=AB = AM/IAB 2 .

*) Tr (1) va (2) = ON/AM | ON =4'M = Ty gigc AMNO 14 hinh binh hanh.
= ‘.I ’O."r."r.'ll':.lr .'?"l'r . (dpcm)

Ling tru ABCA'BC" M,P,0 5 trung diém 4B’ B'C" AC | Chémg minh AMIIPQ
Loi gidi
A

o

s L MP=147C" ()
#) AABC ¢4 MP 13 duong trung binh = MP/A4 C 2 i

AC | /AC,A'C'=AC= AQ//AC A0 =—A'C'(2)
*) Ta co 2

#) Tir (1) va (2) = MPIQAMP=QA= MNFD 14 hinh binh hanh.
— AM/IPQ

Cho tir dién ABCD ¢o 137 1an luot 1 trong tdm cta tam giac 4B C, 4BD. Chimg minh rang:



Goi M 13 trung diém cua AB

Ml 1

ABC cb: MC 3 «d ABC)

Xét tam gidc ol 1a trong tam cua tam giac

M7 1

Xét tam giac co: 4BD )

0 J la trong tam cua tam giac
Mr M7

SM
Cau8. Cho tirdien 4BCD. Tren 5S4 BC 14y didm M.N sa0 cho: 54
song v6i C4 (P thudc 4B). Chimg minh ring MP //SB
Loi giai

S

AM CN 1
MN/JAC — = =
Vif AR CB 4
AM AP 1
Taco: AB A5 4

Vay MP//SB

BN

BC

3
4 . Qua N ké NP song



Ciu9. Cho hinh chop S-ABCD | ¢4 day 1a hinh binh hanh. Goi V€ 13 cac diém 1an lugt trén BC>
SC. 8D, AD sa0 cho MN jyBS. NP €D, MQ ;,CD.
a) Chimg minh: £€ /54

b) Goi K 1a giao diém ciia MN va 2 Chimg minh SK /4D j/ BC
Loi gii

S

a) Ching minh: 79754 .
NN ()

Xét tam giagc SCD  Taco: NP//CD DS CS
CN M
= (2)

MN//SB=> — =—
MO/!/CD= M _DO (3
Tuong tuy: B DA
DP DO
; il
Ty 0:(2).0) suyra DS DA
Vay: PO//SA.
b) Chitng minh SK // 4D/} BC
(BC//AD
BC =(SBC)
AD < (84D)
Ta co: s€(s8CIn(s4D) giao tuyén 1a dudng thang 57 qua S song song BC va 4D

vy K€(sBCIN(s4D)= Kest= SK//4D//BC
Cau 10. Cho hinh chép S-ABCD ¢4 day 1a tir giac 1i. Goi M.N 13 trong tam tam giac S48 va SAD E
1a trung diém CB.

a) Chimg minh rang MN // BD

NE)

b) Goi L+ 14 giao diém cua (. v6i 8D va SB | Chirng minh ring LH // BD

Loi giai



Cau 11.

a) Goi Q13 trung diém 54
ON oM

xét AOBD oo 0D OB
Vay MN//BD

!
3

(tinh chat ctia trong tAm tam gidc)

b) Dung EK/!/MN = (‘.mrE) E(:H‘?#WE}

Tim L —(MNVE)NSD SB = (54D) eoi F =AD N KE.(MNKE)N(54D) =MmP
= H =MPNSB

Ta co: MV = WMNE);BD <(SBD) . MmN //BD 3 (MNE)N(SBD)=LH = LH//BD//MN

Cho hinh chop S-ABC 1€ S84 ga0 cho 14 =2IS . M. N 13 trung didm SB, SC H 13 diém dbi

ximg v6i I qua M | K 1a diém déi xing voi I qua NV .

HK //BC
a) Chirng minh

BH | /SA4
b) Chirng minh

Loi gidi

a) *) AIHK ¢ MN 13 duong trung binh= MN //BC (1)
*) ASBC ¢ MN 13 duong trung binh= MN/BC (),

*) Tir (1) va (2) = HK //BC (dpem).

b) Tar gidgc SIBH ¢o hai duong chéo BT cht nhau tai M 1a trung diém cia mdi duong
= SIBH 13 hinh binh hanh. = S/ //BH = SA//BH (gpcm).



Cau12. Tadien ABCD M N, F.O.R, S 13 ying didm 4B, CD BC 4D AC | BD Chimg minh
1
MN.PO.RS g5ng quy tai 2 mdi duong.
Loi giai

1
MN _E AC (1)

*) AABC . MP 13 duong trung binh = MPIIAC

1
. NO=—AC
#y MCD . NO 13 quomg trung binh = VQ/4C 5 270 (2)
*) T (1) va (2) = MPI=NO= MPNQ 13 pinh binh hanh.
= MN.PQ .4 nhau tai trung diém cia mdi duong (3).

PR :l AB (1)
*) AABC. PR 13 dudng trung binh= PR/IAB 2 .

1
OS=—AB
*) AABD : 95 13 dudmg trung binh = 95/45 277G )
) Tix (4) va (5) = TR =05 = PROS 13 1inh binh hanh.

= RS.PO i nhau tai trung diém ctia mdi dudng (6).

1
Tir (5) va (6) suy ra MN-PO-RS 48n0 quy tai 2 mdi dudng.



DANG 2. TIM GIAO TUYEN CUA HAI MAT PHANG
Q)

C6 2 phuong phap tim giao tuyén () va
+ Tim 2 diém chung.
+ Tim bang dinh 1y giao tuyén

>\/€
P

ac(P)bc(o)

allb = cllallb /
_(F)ﬁ (0) =c

r)

qua M va/lab

L

+Qua M dung alla <bung + bu>
+Qua M dyng b’/ /b <bung + bu>
= (P)=(a’b)

Bai todn téng qudt: Dung

Ciau 13. (SGK — KNTT 11-Tép 1) Cho hinh chop S-ABCD ¢4 day ABCD 13 hinh binh hanh (H.4.25).

Hay xac dinh giao tuyén cua hai mat phang (S4D) 3 (SBC)




Hai mit phéng (S4D) 3 (SBC) ¢4 didm chung S’ va chira hai duong thing song song 13 4D va
BC Do do, giao tuyén ciia hai mat phang (SAD) 3 (SBC) 1 duong thang 7 di qua S va song

song voi 4D, BC

Cau 14. (SGK — KNTT 11-Tép 1) Mot bé kinh chtra nude c6 day 1a hinh chit nhat duoc dit nghiéng nhu
Hinh 4.26.

Giai thich tai sao duong mép nudc 4B song song voi canh €D cuia bé nude.
Loi giai

ma mit nude, mit phing (EFCP) 1a mat day cia bé kinh va (ABED)

Gia str mat phang (AjBF E)
la mot mat bén cua bé kinh.
Ba mit phang (ABFE) , (EFCD) yy (ABCD) 13 4y mit phiang d6i mot cit nhau theo cac giao
tuyén EF | AB va CD_vj DC| EF (do day ctia bé 1a hinh chit nhat) nén ba dudng thing
EF,AB

nudc.

va €D d5i mot song song. Vay dudng mép nuéc 4B song song véi canh CD cia bé

Cau 15. (SGK — KNTT 11-Tap 1) Cho hinh chép S-4BCD ¢ day ABCD |3 hinh thang (48//CD)

Goi M 1a trung diém ctia doan thang

SD (H.4.28)

a) Xac dinh giao tuyén ctia mit phang (MAB) 5 (SCD)

b) Goi N 14 giao diém cua duong thing SC va mit phing ‘M4B)  Ching minh ring MN 1a

duong trung binh cua tam giac SCD-
Loi giai



(SCD) (SCD)

(MAB) 3 (SCD)

a) Vi M thuoe SP nam trong mit phang nén M thudc mit phang

Ma M thudc mit phang (MAB) phan M 13 diém chung cua hai mit phang

(MAB) 3 (SCD) chra hai duong thing song song 4B va CD

MAB)

Lai c6 hai mit phang

Do d6, giao tuyén ctia hai mat phang ( va (5CD) 14 duong thang ™ di qua M va song

song voi 4B, CD.

b) Trong tam gidc SCD | duong thang ™ di qua diém M va song song véi CD bt canh SC tai
mot diém N

MAB) MAB)

nén N thugc mit phing (

Vay N 1a giao diém cuia duong thing SC va mat phing (MAB)
SD.MNTICD

Vi N thugc ™ va ™ nam trong mit phing (
Xét tam giac SCD ¢6 M 1a trung diém cia va N thuoe SC nén dudng thing
MN 13 duong trung binh cia tam giac SCD

Ciu 16. (SGK — KNTT 11-Tép 1) Cho t&r dién 4BCD _Goi M-V 13n luot 14 trung diém cua cac canh

BC.CD va P 1a mot diém thudc canh 4C . X4c dinh giao tuyén cta hai mit phang (AMN) va (BPD) 3
chtng minh giao tuyén dé song song véi BD

Loi giai

A

- Trong tam gidc 4BC | goi giao diém cua hai duong thing BP va AM 1a E . Trong tam giac
ACD | goi giao diém ciia hai dwong thing DP va AN 13 F

Vi E thuoc AM nén E thudc mat phing (AMN )
(AMN) 40 a6 duong thing EF niam trong mat phang (AMN) 'vi E thuge BP nén E thuge

mit phing (BPP) vi F thuse DP nén F thudc mat phing (BPP) | do d6 duong thing EF
(AMN)

vi F thuoc 4N nén F thude mat phing

niam trong mit phang (BPD) Vay dudng thing EF 13 giao tuyén cua hai mat phang va
(BPD) hay duong thing @ cAn tim chinh 1a duong thing EF .
- Xét tam giagc BCD ¢ M.N 13n luot 1a trung diém cua cac canh BC.CD yan MN 13 duong

trung binh ctia tam giac BCD  do d6 MN || BD



Cau 17.

(AMN) 3 (BPD) (4 chira hai dudng thing song song 1a MN va BD Do do,

(AMN) ; (BPD)

Hai mit phang

giao tuyén @ cia hai mit phing song song véi MN va BD

Vay d//BD
(SGK — KNTT 11-T4p 1) Khi hai canh ctra s6 hinh chit nhat duoc mé, du & vi tri nao, thi hai

mép ngoai cia ching luén song song voi nhau (H.4.29). Hay giai thich tai sao.

Cau 18.

Hinh 4.29 Hinh 4.30

Néu hai canh ctra s6 ¢6 dang hinh thang nhu Hinh 4.30 thi c¢6 vi tri ndo cua hai canh cira dé hai
mép ngoai cua chung song song vdi nhau hay khong?

Loi giai
+) Mbi canh ctra ¢ Hinh 4.29 déu co dang hinh chir nhat nén céc canh ddi dién cua mdi canh cira
song song v&i nhau.

Khidétaco all b vacld.
Lai c6 cac dudng thiang ¢ va d 13 duong thang giao tuyén giita khung ctra va canh ctra nén @ I d

Do vay, bon duong thang % b.c.d ludn d61 mot song song vdi nhau.

Vay khi hai canh ctra s6 hinh chit nhat dugc mé, dii & vi tri ndo, thi hai mép ngoai ctia ching luén
song song v&i nhau.

+) Néu hai canh ctra s6 c6 dang hinh thang nhu Hinh 4.30 thi khong c6 vi tri nao cta hai canh cira
dé hai mép ngoai ctia chung song song véi nhau.

Chop SABCD | g4y ABCD 13 hinh binh hanh. Tim giao tuyén cia:

SAB) y (SCD)_

2 ( N b) (s4D) v (SBC).

Loi giai

2 S| (s48).s1(scp) . 4pycp suy 1 (s48)C(scp)=draB/icD.

b) s1 (s4p).s1 (scB) . 4p/BC suy 1 (s4D)C(scB)=d" /4D //BC



Cau19. Cho hinh chop S-ABCD ¢4 day 1a hinh binh hanh. Piém M thudc canh 54, didm E va F 1an
luot 13 trung diém cua 4B va BC.

1) Xéc dinh giao tuyén ciia hai mit phang (54B) va (SCD).

2) X4c dinh giao tuyén cta hai mit phang (MBC) va (SAD).

3) Xac dinh giao tuyén cua hai mit phang (MEF) va (SAC).

Loi giai

1) Xac dinh giao tuyén cua hai mat phén g (54B) va (scp)

'se(s4B)n(scD)
AB = (S4B): cD = (scD)

Ta c: | ARB//CD = Sx =(s4B)n(scp) voi Sx//ABIICD

2) Xac dinh giao tuyén ciia hai mat phing (MBC) va (s4D)

Mes54Ac(54D)
= Me(MBC)N(54D)
. | Me(MBC)

Lai co
‘M e(MBC)N(54D)
BC c(5BC): AD =(54D)
Taco: | BCIAD = My =(MBC)N(S4AD) i My/IBCIIAD

3) Xac dinh giao tuyén ctia hai mat phing (MEF) va (SAC).

Mesdc(54c0)
= M e(MEF)N(54C)
Me(MEF)

Tacod:
Xét tam giac ABC ¢o: EF 1a duong trung binh cta tam giac = EF/AC
M e(MEF)N(SAC)
EF c(MEF); AC c(84C)

Do | EF/IAC = Mt =(MEF)n (S4C) vei EFIACIHMt

Cau 20. Cho hinh chop S-ABCD Mzt day 1a hinh thang c6 canh day 1on 4D, AB cit CD tai K | diém
M thuoc canh SD

(d) cita (S4D) . (SBC) . (SBC)_

1) Xac dinh giao tuyén . Tim giao diém NV cua KM va



AM . BN, (d)

2) Chimg minh rang: ddng quy.
Loi giai
A 4
1) X4c dinh giao tuyén () cua (54D) va (SBC). Tim giao diém & cua KM va (SBC)

'se(s4D)n (sBC)
AD = (S4AD); BC =(SBC)

Ta c: | AD/BC = Sy =(54D)n (SBC) vsi Sx//ADIIBC

= (d)=5x
(Ne KM

=1 = N =kM n(sBC)

Trong

AM . BN, (d)

2) Chirng minh rang: dong quy

. (d)=(54D) " (SBC)
CO:

(AMK)

Trong goi O 1a giao diém cua AM va BN
_ |osam c (54D)
0c BN = (SBC)

Ta

= 0e(d)

(d): BN: AM

Viy ba duong thing ddng quy tai 0.

DANG 3. THIET DIEN CHUA PUONG THANG SONG SONG VOI PUONG THANG
KHAC

Thiét dién cuia mét phang (P) v6i chop



A’ D'

+ Thiét dién 12 mot da gidc phang khép kin
Tim thiét dién bang cach tim giao tuyén véi mat bén, mit day

Cau2l. (SGK-KNTT 11-Tap 1) Cho ti dign 4BCD  Goi M+ P& R 5 130 1yt 1a trung dém ciia cac

doan théng AB,CD AD,BC, AC,BD (H.4.22).

a) Chirg minh rang tir giac MPNQ 14 hinh binh hanh.

b) Chimg minh rang cac doan thang MN, PQ. RS cung di qua trung diém ctua mdi doan.
Giai
1
. MO =—AC
a) Trong tam giac 4BC | ta co MQ 1 duong trung binh nén MQ/TAC oy 2 . Tuong
o1

ol PN =4C MQ//PN . MQ =PN

tu voi tam giac ACD taco PN//AC vy 2 Dodo MQ/IPN 3 MO =PN v rath

gisc MPNC 13 hinh binh hanh.
b) Tur cau a suy ra hai doan théng MN vy PQ cit nhau tai trung diém ctia mdi doan. Tuong tu,
hai doan théng MN va RS c3t nhau tai trung diém cta mdi doan. Do d6, cac doan théng

MN. PQ. RS cung di qua trung diém cua mdi doan.

Ciau 22. (SGK-KNTT 11-Tép 1) Cho hai hinh binh hanh 4BCD vy ABEF khong cling nam trong mot
mit phang (H.4.16).



m

Chung minh rang bbn diém ¢.D ,E F dong phang va tr giac CPFE 13 hinh binh hanh.
Loi giai
Ta c6: EF//4AB (do ABEF 13 hinh binh hanh) va CP//4B (4o ABCD 13 hinh binh hanh).
Do do, CD| EF .
Khi d6, hai dudng thing CD va EF ddng phing hay bén diém ©D-E-F ddng phing.
Lai co EF =AB vy CD =4B (o ABEF vj ABCD |3 ¢4c hinh binh hanh) nén €D =EF
Vay tir giac CDFE 13 hinh binh hanh.
Ciu 23. (SGK-KNTT 11-Tép 1) Cho hinh chop S-4BCD ¢4 dgay ABCD 13 hinh binh hanh. Goi
M. N, P.Q 13n luot 14 trung diém ctia cac canh bén S4 ,53' SC,5D (HA4.27)

S

Ching minh rang tir giac MNFPQ 13 hinh binh hanh.

Loi giai
Xét tam giac SAB ¢o M va N 1an luot 1a trung diém cia cac canh SA va SB pen MN 13 duong
-1
i MN =—AB
trung binh ctia tam giac SAB suy ra MN I 4B va 2

. PO =—CD
Tuong tu ta co PO 13 dudng trung binh cua tam giac SCD nén POIICD 2 )
Lai ¢6 ddy 4BCD 13 hinh binh hanh nén 4B//CD 3 AB =CD
Khi a6, MN/1PQ vy MN =PQ vay 11y giasc MNVPQ 13 hinh binh hanh.

Ciu24. (SGK-KNTT 11-Tép 1) Cho hinh chop S-ABCD 6 day ABCD 13 hinh thang 251 €2 Goi

M. N 13n luot 13 trung diém cua cac canh 54,58 Chimg minh rang tir gidic MNCD 13 hinh thang.
Loi giai



Xét tam gidc SAB ¢o M va N 1an luot 1a trung diém cia cac canh S4 va SB pegn MN 13 duong
trung binh ctia tam giac S4B suy ra MN I 4B ma day ABCD 13 hinh thang co6 4B /1CD

Do do, MN | CD  vay ta gisc MNCD 13 hinh thang.

Cau 25. Cho hinh chop S.ABCD day ABCD 13 hinh vuong canh ¢, tam O Mitbén S4B 13 tam giac

déu. Géc SAD =90° Goi Dx 13 duong thing qua D va song song véi SC |

2) Tim giao diém / =2% 4B cyrp a1/ /5B,

b) Xéc thiét dién cua (IAC) v6i hinh chop. Tinh dién tich thiét dién.
Loi giai

AB//DC |
ABe€(S4B) } = (54B)n(sDC) =Sy //4B//DC

NZE (spC) se(saB)n(spc)DCe (smc)l

I =Dx N Sy= I=(S4B)n Dx

RO rang ST/ /AB/IDC 3 SI =AB =DC = ABSI |3 hinh binh hanh nén= Al //SB

b)E =IC NSD nn thiét dien cia VA v hinh chop 1a AEC

Céu 26. Cho hinh chép S-ABCD  qay ABCD 13 hinh binh hanh. Goi £, 7, 1an luot 13 trong tAm cta

ASAB | ASAD ' M 13 trung diém cua CD . Xac dinh thiét dién (M)

Loi giai

v6i1 hinh chop S.ABCD



Vi 7,/ lin luot 1a trong tam cta ASAB | ASAD ngpn W/BD.

1J//BD |
e(iav) = (um)n(ABCD) =KM KM [ /17 /BD

_ BD C(ABCD)I
Ta co

Goi F va P la giao diém cua KM v§i AB vy AD F1F =(1M ) 0 (s4B) va

JP =(UM)N(SAD) N =[F \IP 4 dion 13 NQKMH |

Cau 27. Chop S-ABCD ¢y SA =2a  ABCD |3 hinh vudng canh 48 =a  SALCD M e AD

qif =x (0<x<a) /1 SA.CD Ty (P)

. Mit phang (P) qua M va' . Tim thiét dién. Tinh St theo

a,x.
Loi gidi
) Dung (P).
+)Qua M dyng MN//CD
+) Qua M dung MQ//54
= (P) =(omN)

*) Tim thiét dién; Trai, phai, trudc, sau, day.
[(oMmN) N (Day) =MN

) Ta 6 (OMN) N (Trai ) =MO _



oc (Q."Irf;"lf)._ oc (Truoc) = (Q-‘ld’.-"»" ) (Truoc) =QF
MN [ /€D = (OMN) N (Phai) =FPN

*) Dinh ly:
*) Thiét dién 1a tir giac MNPQ |
#) Tinh 10
{ MN //CD
Ta cé CD 1S4 = MQ J_‘-‘Lf'v’.
] ] 2 =X
v oM [is4= M _DM oM :M =2a- 2x
+) Tinh €M . SA DA a
po FOIICD= PO S0 _AM  pp=2*
+) Tinh £€: cD SD AD a
S s, :(.-m-‘ +J:Q).g-w :(a +.x-).§.(a- x) o

Cau28. Chop S-ABC SALBC SA=3a AABC gy, AB=a M€ AB AM =x(0<x {ﬂ)' (P)

\ P N < A ‘A 1 A 1A ’ A ‘A s A
qua M va song song S4,8C Dung ( ) Tim thiét di¢n. Tim ¥ d¢ dién tich thiét di€n 16n nhat.
Loi gidi

Dung (P):
- Qua Mdu‘ng Mj\r//BC

“Qua M dyng MQ//4
= (P) =(MNQ)

Tim thiét dién:
[(MNO)N (ABCD) =MN

- Taco: (MnvQ)N (S4B) =m0

= thiét dién la tir giac MNPL



Tinh dién tich thiét dign: 4 +5C€ = MN LMO= MNPOQ 13 pinh chir nhat.

MN _AM :
MN//BC = =Y o v =Z =
‘BC  AB a
MO  BM 3ala- x)
MO/ /54 = MO _BM = MO="—""""=3(a- x)
S4  BA a

S, =MN.MQ =x3(a- x) :3(-_'r: +ﬂ.‘£’)._ (D<x<a)

b a o)
Smax & x =- — == :?

2 2(-1)

Cau29. Chop S-ABCD SALCD 5S4 =2a ABCD [ hinh thang vuéng ¢ 4 va D .

ARB
AD =DC —T —ﬁ', MeAD g AM :,‘;’__([:l'{.‘r {ﬂ). (P)

SA’CD.Dung (P) Tim

qua M va song song

thiét dién. Tinh dién tich thiét dién 57

(P)=(oMmN)=
Tinh MN :

IN I DM 2ala- x)
IN//AB=> — =— =" = [IN=—— " =2g- 2x

_ AB CA DA a
mlicp= ™M _AM 29
_ cD DA a

= MN =IM +IN =x+2a- 2x =2a- x_

thiét dién la ta giac MNPQ

2ala-x
WQ WD = MQ ——( ) =2a- 2x
54 AD a
PO S AW
PO _SO _AM _ , _av_

CcD  SD A.D a



(PO +MN)MO
- 7

- =2ala- x)

Cau 30. Chop S-ABCD SALBD SA=a ABCD |3hinh vuong canh @, tam O. M €40 4¢

. o3

AM =x|0=<x<

(P) (P)

_Tim thiét dién. Tinh S

qua M va song song v6i S4, BD  Dyng
Loi gidi

Qua M dung £F" song song BD.
Qua M dung MN song song S4.
Qua E dung £G song song 54
Qua F dung FH song song 94
Vay thibt dien 1a EFANG
vi 54 L BD = MNHF, MNGE |5 pinp thang vuong béng nhau.
MQ _ CM :.-‘P.i".-"lr" o MV = SACM :3_3
54 A 54 A 4
AF :.4.-‘Pf :ﬂE :J""_.-"rf - :.4.-W.AE
AR A0 AD BO
BF _FH _ . SABA-AF) 5
BA 54 BA

AF

—x 2. FM =AM =x

o7

1 i
Sy =2.=.(MN + HF)FM :.1" Tﬂ 2

Cau31l. Chop S-ABCD SA =a ABCD |3 hinh vuéng canh @. 4D LSB M € 4B ¢
AM =x(0<x< ﬂ). (P) qua M va song song véi SB,AD .Dung (P) Tim thiét dién. Tinh STD.
Loi gidi



Qua M dung MN song song SB .
Qua M dung M2 song song 4D .

Vay thiét dien 1a MNPQ
yi AD LSB= MNPQ 13 pinp thang vudng.
AM _AM _MN AM.SB
=2 =7 = AN =x,MN = =x+2
Tacs AB AS  SB AB
a Co:
SN NP SN.AD
—_—= NP = =a- x
SA AD SA ,
| 2
S = MN.(NP +MQ) :i (2a- x)

Cau 32. Cho hinh chép S-4BCD  gay ABCD |3 hinh vuéng canh @, tim O. Mat bén S48 13 tam giac
déy. SC =5D :""'ﬁ. Goi H , K 1an luot 13 trung diém cua S4 va SB Goi M 1a trung diém DA
(HKM )N BC =N

a) Chimg minh rang 7KMN 13 hinh thang can.

b) bat AM =x(0 =x =a) tinh dién tich ZZKMN theo @ va X . Tim * dé dién tich nay nho nhét.

Loi giai




. N =BCn(HKM)
a) Tim ,

BC c(A4BCD)

Mme(HkM )n(4BCD)

HK || AB |

HK c(HEM ) = (HEM) N (ABCD) =Mx// AB:Mx N BC =N
AB < (ABCD)[

Vi MN //HK ngn HKMN 13 hinh thang.

b) Dung duong cao A0 cpala hinh thang /KMN

o _(KH +MN)HO

Dién tich hinh thang 2
‘45 2 2

HE =22 =2 HO =MmH* - MO* MO =2

2 2. MN=AD=a, 4
Tinh HM

AD* + 847 - SD* -1
CosB4D = = = R4p =120°

Xét ASAD . 2AD.SA. 2

MH =\ AH* + AM? - 2AH. AM cos HAM :.,%Hf +%

HO =\MH" - MO* = %Hf +

4

(KH +MN)HO 34 ’ . xa 3a , xa  3a’
5= = t—+— S X+ —+—-
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