Loi giai 50 cAu tric nghiém

1) j 6*dx bang

Loi giai
X

+C

cr 6
I6dx_|n6

2) Ham s6 F(x)=x*—¢" 1a mot nguyén ham ciia ham s6
Loi giai
f(x)=F (x)=2x—¢

, 1 R
3) Nguyén ham cua ham s6 f (x)==+cosx trén khoang (0;+) la
X

Loi giai
I f (x)dx=J'G+cosxjdx =Inx+sinx+C .
4) Cho ham s6 f (x) lién tuc trén doan [—4;3] va co nguyén ham F(x) trén doan [-4;3], F(-4)=25 va

3
F (3) =81. Tich phan I f (x)dx c gia tri bang
4

Loi gidi
3
[ £(x)dx=F(3)-F(-4)=56.
-4
4 3 F N
5) Biét [ f (x)dx=8. Gié tri clia [3f (x)dx béng
1 1
Loi gidi
2 2
[3f(x)dx=3[ f(x)dx=38=24
-3 -3
1
6) Tich phan j dt bing
2
Loi gidi
,
.[ldtzlntﬂzlnz
)t 2

7) Dién tich ctia phan gach chéo trong hinh
Loi giai

4

S :—j(x2 —4x)dx

0




8) Goi D 1a hinh phing gidi han bdi cac duong y =32, y=0, x=0 va x =2. Khéi tron xoay tao thanh khi
quay D quanh tryc Ox c6 thé tich bang bao nhiéu?

Loi giai
2 9 2
V=z[(3%) dx=7[3"dx
0 0
9) Cho hai ham s6 y = f (x) va y=g(x) lién tuc trén doan [a; b] . Viét cong thirc tinh dién tich S cua hinh
thang cong gidi han boi hai @6 thi ham sd y = f (x),y =9(x) va cac dudng thang x=a,x=Db.
Loi gidi

SGK trang 115 : S :j“f (x)—g(x)]dx :jj"g(x)— f(x)[dx.

10) M6t vat thé (@) gi6i han boi hai mit phang (P) va (Q) vudng goc véi truc O lan lugt tai x=a va x=b
(a<b). Mot mit phang tity ¥ vudng goc véi OX tai diém x (a<x<b) cit (@) theo thiét dién c6 dién tich
S(X). Viét cong thirc tinh thé tich V cua phan vét thé (®) giéi han béi mét phang (P) va (Q).
Loi gidi
b
SGK trang 117 : V :J'S(x)dx
11) S6 phirc lién hop ctia sé phitc Z=6—5i ¢ phan 4o 1a
Loi giai

72=6-5i =6+5i = |m(2)=5.

12) Sé phirc nao sau ddy co diém biéu dién trén mat phang toa do la ty
diém M nhu hinh bén dué6i?. 2
Loi gidi

Ta c6 diém M (2;-1) 1a diém bicu dién ctia sb phirc z=2—i 0

13) Cho sb phic z=45-28i. Tinh |z].
Loi gidi

|| =va®+b* =53.

14) Cho hai sb phic z, =5+2i va z, =—4+9i. S6 phiic z =2z, +2, ¢6 phan thuc la
Loi giai
z=27,+2,=6+13i c6 phan thucla 6.

15) Cho s6 phuc z=-1+3i . Tim diém biéu dién sb phiic (7-11i)z trén mat phang toa do.
Loi giai
Tac6: (7-11i)z=(7-11i)(-1-3i) =—40-10i = diém biéu dién la (-40;-10).



16) Tim s6 phuc z, biét (1+3i)z=10i.
Loi gidi
(1+3i)z=10i < z=3+i.

17) Cac sb thuc x,y théa mén —4x+15+(2y—17)i =5x—3+(y+8)i. Tinh T =2x+y
Loi giai

=T=29

. ) 15-4x =5x-3 X=2
—4x+15+(2y—17)|:5x—3+(y+8)|@{ {

=
2y-17=y+8 y=25

18) Trong khéng gian véi hé toa do Oxyz, cho diém M (1; 3; 5) . Tim toa d¢ hinh chiéu vudng goc cua diém M
1én mdt phang (Oxz).

Loi gidi
H 1a hinh chiéu vudng géc cua diém M 1én Oy = H (0;y,,;0) = H (0;3;0)

19) Trong khong gian véi hé toa d9 Oxyz, cho A(2; -5 —l) , B (10; 7;,— 3) . Toa d¢ trung diém cua doan thfmg
AB la
Loi giai

I(XA;XB;yAZyB;ZA;ZBj:I(6;1;—2).

20) Trong khong gian v6i hé toa dd Oxyz, cho mat cau (S): X* +y* +2° —4x+12z+24=0 co tam | 1a

Loi giai
Taco: 1(2;0,-6).

21) Trong khong gian voi hé toa 6 Oxyz, mat cau tim 1(—3;2;1), ban kinh R =4 c6 phuong trinh 1a
Loi giai
Phuong trinh mit cau : (x +3)2 +(y —2)2 +(z —1)2 —16.

22) Trong khong gian Oxyz, cho mat phang (P):5x —3y —2z+1=0 c6 mdt vecto phap tuyén la:
Loi gidi
n=(5-3-2).

23) Trong khong gian voi hé toa d6 Oxyz, mit phiang (a) song song voi truc Oy co dang:

Loi giai
= ptmp(a): Ax+Cz+D =0 ( SGK).

24) Trong khong gian vai hé truc toa d Oxyz, cho dudng thang d : X_—12 = yT_'_S = 7. Puong thang d c6 mot

vecto chi phuong la
Loi giai
u=(-111).



25) Trong khong gian Oxyz, phuong trinh ctia duong thang di qua diém M (7;—4;3) va c6 vecto chi phuong

u(3;2;5) la:
Loi giai
X=3t+7
Phuong trinh : <y=2t-4.
z=5t+3

26) Ho nguyén ham cuia ham sé f (x) = xe? 13
Loi giai

F(x) = f()dx= [ xe* dx = %jezxzd (2x*) = %ezxz +C

5
Jf(x)dx
27) Cho ham sb () thoa f'(x)=6x*+4,vxeR va f(z):“‘, khi d6 - bang
Loi giai

f(x)=[f'(x)dx=[(6x* +4)dx=2x" +4x+C

f(2)=-4<C=-28
5

[ £(x)dx=80

-3

28) Bict F(x)=3x"+2x la mdt nguyén ham ctia ham s6 f (x) trén R . Khi do j f (4x)dx bang

Loi giai
f(x)=F'(x)=6x+2= f (4x)=24x+2 = [ f(4x)dx=12x"+2x+C.

9 9
29) Biét [[3f (x)+2x]dx=3248 . Khido [ f(x)dx bang

-7
Loi giai
9 1 9
j7 [3f (x)+2x]dx=3248 = 3 j X) dx+2 j X dx=3248 < j X) dx = 5{3248 2 j X dx} & [ (x) dx=1072

-7

30) Dién tich hinh phang gidi han bai cac duong y = x> —5x va tryc hoanh bang

Loi giai
Xét phuong trinh : xX* —5x =0<> x=0hay x =5

F ; 125
S = [|x* =5x|dx = —| (x* =5x)dx = — (dvdt)
v s =—] (-sx)ox -2
31) Cho (H) 1a hinh phang gidi han boi cac duong y =€, y=0, x=0, x=In3. Quay (H) quanh truc Ox

tao thanh khdi tron xoay c6 thé tich bang
Loi giai



In In3

verfe Yamr (e g )

0

In3

=4r.

0

32) Cho s6 phttc Z=m+7+mi trong d6 m 1a tham s6 thuc. Tinh tong cac gid tri m thoa |Z| =37.
Loi giai

|2|=37 & (7+m)’ +(m)’ =37<:>2m2+14m+12:0<:{2:_6 = tong céc gid tri 1a —7

33) Cho sb phirc z thoa (1+1i) z+2=1-2i.Phén 40 cta sb phtc z bang

Loi giai
Dit s phitc 2 =x+Yi(x,y e R)

= y=5.

(1+i)z+2=1-2i & (2x+y—1)+(x+2)i =0+0i ©{2X+ Y—1=O<:>{x:_2

X+2=0 y=5

34) Goi z, va z, la hai nghiém phtrc ctia phuong trinh z* +10z+169=0. Khi d6 2|z,|+3|z,| bang
Loi giai

z, =-5+12i

z,=-5-12i

N

35)Cho s6 phirc z = g — ?i . Lap phuong trinh bac hai c6 hai nghi¢m zva z.

22+102+169=0c{ = 2|z,|+3|z,| =65

Loi giai
z=6+5i=2=6-5i; S=z+2z=12,P=22=61.
zva z la nghiém cua phuong trinh : 22—~ Sz+P =0 < 2?12z +61=0

36) Trong khong gian v6i hé truc toa dd Oxyz, cho hinh binh hanh ABCD . Biét A(2;-3-1), B(-1;4;-3),
C(-5;-2;7)va D(a;b;c) . Tinh tong cua a,b,c.
Loi giai
X, + Xe = Xg + Xp
ABCD lahinh binhhanh < Jy,+y. =Ys + Yy, = D(-2,-9;9) = X, + Yp + 7, =2
YatTYe =Yt Yo

37) Trong khong gian Oxyz, cho 3 diém A(5;0;0), B(0;—6;0), C(0;0;7) . Phuong trinh mat phang (ABC) la
Loi gidi

Taco: A(5,0;0), B(0;—6;0),C(0;0;7) =>Phuong trinh mit phing (ABC): §+ le +; =1

KL: (ABC): 42x—35y +30z — 210 =0

38) Trong khong gian voi hé toa d6 Oxyz, cho mit phang (P):2x—6y+9z-3=0 tiép xtc voi mit cau (S)

Z oA A b r ’ ’ M 9 A M A ’ A ’ A ’ < A
cotamla M va (S) c6 ban kinh bang 0 Biét M nam trén truc Oy . Tinh tong céac tung do cua cac diém M.

Loi giai
M €Oy = M (0;t;0)



_9 _6t-3_9 {t:l —=1+(-2)=-1

d(M’(P))_n@ 11 1 t=-2

39) Trong khong gian véi hé toa d6 Oxyz ,cho diém A(3; 2, —5) va mit phing (P) t=2X+T7y+4z2+219=0.

Tim toa d6 diém H 13 hinh chiéu vudng goc cta diém A 1én mit phang (P) .

Loi gidi
X=-2t+3
Goi ddi qua A vad vudng goc véi (P) = phuong trinh duong thang d :{y =7t +2
z=4t-5

H Ia hinh chiéu vuéng géc clia diém A 1én mat phang (P) = H (-2t +3;7t+2;4t-5) e (P) <t =-3
KL: H(9;,-19;-17)

x-1 y-1 z-1
4 1

40) Trong khong gian véi hé toa dd Oxyz , cho hai dudng thang d, : va

dy: X—;4 - yT_S — 7 2. Khing dinh nio du6i ddy dung?
Loi giai

Duong théng dl di qua A(l; 1 1) c6 VTCP v = (3; 4;1)

Puong thing d2 di qua B(4;5;2) c6 VTCP u=(3,4;1)

Taco: Gcimg phu’o’ng\7 va u cung phu’o'ngﬁ =(34;1) =d, tring d,.

41) Trén tap hop cac sé phirc, xét phuong trinh 42° + (M+2)z2-m+9=0(1) (m la tham s6 thuc). Goi S a

. . A A \ r A 5 ~ 3 s A ’ A 5
tap cac gia tri m thudc R dé phuong trinh (l) c6 nghiém Z, thoa man |ZO| = > Tinh tong cac phan tir trong S
Loi gidi
(1) c6 A'=m’+20m-140.

+Truong hop 1: A’>0<m=>-10+415haym < —10—4/15.

3 3
Phuong trinh (1) c6 nghiém Z_ théa man |Zo| =3 suy ra Z, :E hoac Z, = —E.

éu Z,=- suyra 4z2+(m+2)z,-m+9=0=0< —+21=0<m=—42 (nhan).
Néu 2,=7 4z, 2)z, 9002210 42 (nhan)

Néu Z, =T suyra 4202+(m+2)zo—m+9=0<:>15—57m:0<:>m:6 (nhan).

+ Truong hop 2: A' <0< —4J15-10<m<4+/15-10 .

Khi d6 phuong trinh (1) ¢6 hai nghiém phirc Z;Z, théa mén z,=2,=7,.

Suy ra |zo|=§<:>zo.z_o=g<:>zl.z2 =g<:>9_—m=9<:>m=0(nhe_‘m).
2 4 4 4 4

Vay co6 3 gia tri cia m thoa man = —42+6+0=-36



-1 ; ;
c6 phan do bang

42) Cho s6 phtic z =X+ i (X eR,ye R) thoa man |Z| =1. Khi d6 s phuc

Loi giai
2 5 p—
z _1:z—l:z—izzz—z:x+yi—(x—yi):2yi
"

43) Trong khong gian Oxyz , cho diém M (1-1;2) va mit phang (P): 2x—y+4z+1=0. Dudng thing di qua
X=2-3t
M, cit duong thing d :{y =t va song song vdi (P) co phuong trinh 13
z=-3
Loi giai
Goi A 1a duong thang can tim
Goi K=And = K(2-3;t,-3) ; W:(l—s‘t;1+t;—5),ﬁp =(2;,-14)
A||(P):ﬁp.W:OQ—Yt—w:O@t:—% = MK = %;—%;—5}
= A ¢6mdt VTCP U =(64;-12;-35)

x=1 y+1 z-2
64 12 -35°

Phuong trinh chinh tic ctia d di qua M :

x+1 y-2 7+28
-1 2 2

Tim

44) Trong khong gian voi hé toa o Oxyz ,cho diem A(2;-3;1) va duong thang d :
toa 0 diém H nam trén duong théng d sao cho do dai doan AH ngén nhat.
Loi giai
Hed=H(-t-12t+2;2t-28)
doan AH ngén nhit < AH Ld < AH.u; =0 < (-t —3)(-1)+(2t+5)2+(2t-29)2=0<1t=5
KL: H(-6;12;-18)

45) Cho ham s6 y = f () lién tuc trén R, théa man f (x*+x+2)=2x°+2x+4 v6i moi x e R. Tinh
4

J‘ f (x)dx

-8

Loi giai
Dat x:t3+t+2:>dx:(3t2+1)dt;x=—8:>t=—2,x=4:>t=1

j f(x)dx = j f(t°+t+2)(3t* +1)dt = Jl.(2t3+2t+4)(3tz +1)dt = Jl.(6t5 +8t° +12t* + 2t + 4)dt = —48.
-8

-2 -2 -2



1
46) Cho ham s6 f () c6 dao ham lién tuc trén R . Biét f(-9)=—15, f (3)=9 va [ x*f (3x)dx =92, khi d¢
3

Ix3f'(x)dx bang

-9

Loi giai
bat t=3x=dt=3dx,x=-3=t=-9, x=1=1t=3

b 2tY'1 13
2 . N 2
J;xf(3x)dx_j(§j§f(t)dt_§_[xf dx:J'xf X ) dx = —2484

29

3 3

Ix3f'(x)dx: I xd[ f(x)]=x*f (x)r9 —3J. x2f (x)dx =3 (3)—(-9) f ( BIX f (x)dx =-3240.

29 9
47) Choham s y = x* +(m +2) x> +m+10 co db thi (C,) véim latham sb va ala sd nguyén duong va b 1a
s6 nguyén am. Ton tai m :% 1a phan s0 t6i gian dé do thi (C,,) cét truc hoanh tai bon diém phan biét sao cho

hinh phang gi¢i han bai (C,,) va truc hoanh c6 phén phia trén truc hoanh va phén phia dusi truc hoanh c6 dién
tich bang nhau. Tinh tong ctia a va b.

Loi giai
Xét phuong trinh : x* +(m+2)x*+m+10=0(1)
A=m®-36>0
Do thi (C,,) cét truc hoanh tai bén diém phan biét c6 hoanh d§ X, X,, X5, X, <>{P=m+10>0 (1)
S=-m-2>0
Gia s x, <X, <0< x, <X, vatheo gia thiét :
j dx_—j dx<:>j dx+_[ x)dx = 0<:>_[ x)dx =0
5 4
X X
@%+mT+2(x4)3+(m+10)x4:0 ©%+m7+2(x4)2+(m+10):0(2)
Do x, la nghiém cuia phuong trinh (1) < x,* +(m+2)x,” +m+10=0(3)
. 2(m+2
Lay (3) trir (2) :g(x4)4 ﬂu%(xll)2 =0 x/’ :_%m_g thé vao (3)
m =10
b=-5
(3) tré thanh : —im +4m+§—0c> 34 ( So sanh v&i BK (1)) :m——%:
36 9 9 m=— 3 5 a=34
—a+b=29
48) Cho hai s6 phic 2,va z, thoa |z,| =/20,|2,| = V10,22, +32,| =542 .Tinh [2— %],
Zl

Loi gidi
2,2, =|z| =20,2,2, =|z,[ =10
(5\/_) =|2z, +322|2 =(22,+3z,)(22,+32,) =(2z, +322)(2z_1+32_2) =2%|z,[ +3|z,| + 2.3(zlz_z+z_lzz)

:>zz +zz =-20



27,4z, |2 (2z, —422)(22_1—42_2) _ 22|z, + 4z, —8(le+z_122)

_ =20
|21|2 |Zl|2

4z,

z, |

-2.5
Zl

49) Trong khong gian véi h¢ toa d6 Oxyz, dudng thang A di qua A(-2;3;1) va A vudng gbc voi dudng thang

KL :

d: XT_5 Dt S khoang cach tir B(—3;—14) dén A la nho nhat. Duong thang A c¢6 vecto chi
phuong u= (a,b,c) (Trongdo b 1a sd nguyén td ). Tinh T =a+b+c.
Loi giai
Goi (P) 1a mit phing chira A va vudng goc véi d
=(P):cd dinh va n, =u, =(2;,-3;1)
Goi K 1a hinh chiéu vuéng géc ctia B 1én (P) = BK L (P)
Luc @6
AB — (ABK),(ABK) L (P)= (ABK)cé viptn, = AB AN, = (5;7;11)
Goi H 1a hinh chiéu vudng goc ctia B 1én A
=d(B,A) =BH > BK : khong doi.
=BH,,, =BK khi H=K = AdiquaAva A=(P)n(ABK) = Dudng thing A c6 vecto chi

=d(B,A)

phuong G=[ﬁl,ﬂ=(40;17;—29):a=4o, b=17,c=-29=T =a+b+c=28
Cach 2 : Viét ptmp(P) , tim K = = A di qua A va K.

x=(m+2)t+1

50) Trong khong gian voi hé toa d6 Oxyz ,cho duong thang d :<y =2t +2 va mit phang
z=(m-1)t-3

(P):(m+1)x+(m+3)y+2z+2=0.Tim tat ca cac gia tri clia tham sb m @€ d chira trong (P).
Loi gidi

Puong thing d di qua M (1,2;-3) vacd VTCP u=(m+2;2;m-1)
Mit phing (P) c6 VTPT n=(m+Lm+3;2)

un=0 {m2+7m+6:0 {m:—lhaym=—6
=N

dc(P)e = om=-1
Me(P)  |-3m-3=0 m=-1



