BAI 2. CONG THUC LUONG GIAC

CHUONG 1. HAM SO LUONG GIAC VA PHUONG TRINH LUONG
GIAC

1. CONG THU'C CONG
cos(a - b) =cosacosb+sinasinb

cos{a+b) =cosacosh- sinasinb

sin{a - b) =sina cosb- cosasinb
sin(a + b) =sinacosb +cosasinb
tan(a- b) = tana- tanb
l+tanatanb
tana +tanb
tan(a +b) =———
1- tanatanb

(gia thiét cac biéu thirc déu ¢ nghia)
Vi du 1. Khong dung may tinh, hay tinh:

a) cos75"
T
tan —
by 12,
Giai
b 7 -
cos 75" =cos(45" +30°) =cos 45” cos30° - sin45° sin 30° ££ £l:“!a J:
a) 2 2 22 4
T T
. [(x x| Bogctans 5oy {-J'_- l)
tan— —tan| —- = | = —2-3
12 340 | itan™ an T 1+
b) 3 4
sinx +cosx =2 sin x+£‘
Vi du 2. Chung minh ring 4
Giai
Ta c6
b 7
J2sin| x +§‘ =2 s'mxcnsj_+ cns_rsinj—‘ =2 sinx ~£+c05x # =sin x +COs x.

Diang thirc dugc ching minh.

2. CONG THU'C NHAN POI
sin2a =2sina cosa

cos2a =cos’ @-sin“a =2cos’ a-1=1-2sin‘a

tan 2a = Etan::r
1- tan" a
T
Ccosa =- — ?{a{‘?‘ ]
Vi du 3. Cho < ! Tinh sin2a
Giai

"Jiﬂ-;-:a-:;rnén sing >0. = sma:«}l-cnsza:Jl-[-H :,’l-%:‘]g::
xf{ 1‘ 4~f

= sin2ag =2singcosa =2



Cong thure ha bac:

5 l+cos2a

Cos g =————
2

- l- cos2a

sin“ @ =—————.

3. CONG THU'C BIEN POI TiCH THANH TONG

cosacosh :%[cns{a - b) +cos(a +b)]
sinasin b :é[cus{a - b)- cos(a +b)]

sina cosbh :é[sin(a - b)+sin(a +b)]
Vi du 4. Tinh gia tri ctia cac biéu thirc:

5.’ ?n’ 1] " {:]
A :cnsl—:cns.—:.j B =cosT75 sml5.

Giai
Ta co
T Tr 1 Sm T (S T
A =rcos—cos— =—|cos| —- — | +cos| —+—
12 2 12 2 |12 12
(o) 1[3 | f3-2
= cns|—“—‘+cnsrz = | —-1| =
2 _ 20 2 4

B =

' | »-
:l[sin (- GD°)+5inEJC+°] :I_‘ - ﬁ-rl‘ - ﬁ
2 2 4

4. CONG THU'C BIEN POI TONG THANH TiCH

u+v - v
COSU + COSV :EEDSTEDS

T R T
COsu- COosv =-2sin TSlll

. . . Htw H=v
Slnu+sinv =2smn ?EDS =

u+v = v

sinu - sinv =2cos sin _—
R S S '
) A =sIn—- s5In — +sln—
Vi du 5. Khong dung may tinh, tinh gia tri cua biéu thurc 9
Giai
(.ox . Tw| . 5m . A .+ . & S &
A=|sin_+sin—|-sin— =28IN—C0S—- 51N — =siN— - SN =0.
| a9 9 | 9 9 3 9 9 9

PHAN B. BAI TAP TU LUAN (PHAN DANG)
Dang 1. Cong thirc cong ‘
Caul. (SGK-KNTT-11-Tap 1) Chirng minh rang:

. | T
SIMx- COSX :ﬁsm‘ x- Z‘
a) ' ';
[T | l-tanx | T T '
I;an‘ —_- .1" = ‘ rE_+hkr oy E_+hkr ked
4 | I+tanx | 2 4 .

b) .
Cau2. (SGK-KNTT-11-T4p 1) Sit dung 15" =45 - 30" hay tinh céc gi tri luong gidc cua goc 15 .



Cau 3.

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

(SGK-KNTT-11-T4p 1) Tinh:

T . 1 Jr
cos|a+— Sll’lﬂ:T —<a<T
a) , biét 3 va 2 :
. = .
tan G-I cosa=-— m<a<-—
b) , biét 3 va 2

(SGK-KNTT-11-Tap 1) Mot thiét bi tré ki thuat s6 lap lai tin hiéu dau vao bang cach 1ap lai
tin hi€u do6 trong mot khoang thoi gian c6 dinh sau khi nhan dugc tin hi¢u. Néu mot thiét bi nhu

f,(t) =5sint f,(t) =5cost

vay nhan dugc ndt thuan va phat lai dugc ndt thuan - thi am két hop

S) =£t)+ 1,(2)

f(1) =ksin(t +¢) , tirc 1a Am Kkét hop 1a mdt song am hinh sin. Hay xac dinh bién d§ am k
@l-T=¢ =T)

1a , trong d6 ! 1a bién thoi gian. Ching t6 rang am két hop viét dugc dudi
dang -

va pha ban dau
Tinh cac gia tri lugng giac sau:

cua song am.

J‘T 1 fT
tan| e+ — sSINeY =—, — =<0
a) khi 5 2
| , 12 37
cos T a singy =- —, — <o <27
by khi 302
Cos _! cns,h—l
cos(a+b)cos(a-b) . 039 =1 1
cos(a+bleosa- ) 054 =3 €030 =7

. 8 5
: sing =—, tanh =—
-b), +h), - : -
d) sin(a- b)), cos(a+b), tan(a+5) Khi 17 12 vy % b 14 cdc gbc nhon.
Tinh gié tri cta biéu thirc luong giac, khi biét:
5 3n
) COSCL =- — M<UA<—
a) cos2a sin2a  tan20 khj 2

3

b) cos2a sin2o tan2a kpi tano =2

. 4 =n n
. sin2a =- — —<a<—
c) SIna cosa khij 5,2
7
) tano =—
d) cos2a sin2o tan2a khi 8

Tinh gi4 tri cta biéu thirc
a. A =sin” 20" +sin” 100° +sin”140°

b, B=cos 10" +cos” 110" +cos” 130°
o C=tan 20".tan 80" + tan80°. tan 140" + tan 140".tan 20"
g D=tan 10" tan 70" + tan 70".tan 130" + tan 130" tan 190"

_cot225" - cot 79°.cot 71°
c. cot 259° +cot 151

£ F=cos” 75" - sin” 75°

_1- tan15°
g. | +tanl5”

h‘H:I;an 15" +cotl5 .

Chimng minh rang:



. i T |
sinx +cosx =+/2 sin| x +“I ‘
a) \ s

b) sin(a +b)sin(a- h)=sin’ a- sin® b =cos’ h- cos” a_

| Tl .| T | .
4s1n .r+‘_‘s1n .r—dg‘ =4dsm x-3

o 3 ' ;
- — ‘ J_cr:rsr

sin

x +_‘ - sin
d) \
Ciu 9. Chung minh cic dang thirc sau

sin(x + y).sin(x- y) =sin” x- sin” y

a) ;
2sin(x+ 1)
tan x +tan y = ’
b) cos(x + y)+cos(x- )
T T 2 2
tan x. tan _r+_‘+tan r+_‘.tan r+_‘+tan .r+_‘.tan.r =-3

0 SRR i G i N R ;
=20 5)
d) -

o) (l:r:rs 70" +cos 50" )(l:r:rs 230" + cos 290" )— (l:r:rsim"' +ccrs|l{jﬂ"':l(|:r:rs 320" +cos380° ):D.

9

. ) .
COs| x- 3 | cos ‘{"I‘—“I‘EDS T+—‘ cos

tan” 2x- tan”
tan x.tan 3x = ﬁr _ o
f) - tan” x.tan” 2x
Cau 10. Chtrng minh céac h¢ thirc sau véi diéu kién cho trude
2tana =tan (a +b) . sinh =sina.cos(a+5)
a.) khi

b.)l tan @ =tan (a + ») Khi 3sink =sin(2a +5)

tan g.tanb =-

1
¢) 3 Khi cos(a+bh)=2cosla- b)

tan(q@ +5).tan b _I-k
d.) I +k khi

Dang 2. Cong thirc nhan déi

cos(a+2b) =k.cosa

Jr
COS—
Cau 11. (SGK-KNTT-11-T4p 1) Khong dung may tinh, tinh 8 .

Cau12. (SGK-KNTT-11-Tép 1) Tinh S!124- c0s2a. anla 4.

. 1 JT
sina =— —<a<ua
a) 3va 2 ;
. 1 T ir
sina +cosa =— —<a<
b) 2 va 2 4 .

Cau 13. Tinh gia tri biéu thirc:

' I'T I'T I'T
A =8N —C05 —C0s—
a 8 4 8

I- tan®
B= 8
tan -
b
C =sin10" sin 50" sin 70°
4. D =sin 6" sin42’ sin 66° sin 78"



. £ =16c0s20° cos40’ cos 60" cos 80"

Cau 14. Tinh gia tri cia céac biéu thic sau:

X Isinx +4cosx
tan— =-2 - -
. Cho 2 _Tinh 4cotx +3tanx
a
. 4 3T X X
sinx =- — <x<27 cos— sin—
b Cho 5 va 2 .Tinh 2 va
5in 2x
fanx =— - -
. Cho 15  Tinh 1 +tan 2x
c
X 1 2sin2x- cos2lx
tan— =- — O =

d. Cho 2 2 Tinh ~ tan2x +cos2x
Cau 15. Tinh gia trj cta biéu thirc sau:

G :c:n::ut-.;E .msﬁ cosﬁmsﬁms&
a) 31 31 31 31 31
b) H =sin5".9n15.sin25'...sin75 .5n85
c) | =cosl0 .cos20’ cos30'...cos70" .cosB0

. I IT T T IT
K =96./3sin—.cos——. 05— .CO5— .COS5—
d) 48 48 24 12 3]

T 2t 3 4n 3T G 7
L =cos—.C0S— .C0S——.C05——.C05——.C05—.COS5—

e) 15 15 15 15 15 15 15

|

M :Siiﬂi.CO'Si.CDEE
f) 16 16 8

Cau 16. Chtng minh céc hé thirc sau:

a)sin® x +cos® x :1+lcns4r b)sin® x +cos® x :E +Ecns4x
4 4 5 8

' 3 TR I '
C)sInx.CcO8” x- COSx.5IN" X :151”4.‘(

) X X I - . _ ] . _,T X .
d)sin® =- cos” = =—(4- sin® x) €)l- sinx =2sin [ T 3
2 2 4 L4 2)
N I- sin® x _cos’x
T x| cos2x
Eu:r:rt[ +x .EDS'[ - X
L 4 . |
(T
. _ I+|:crs‘ 5 +x
T x 2
g}tan[1+;|. E T ‘1| l+sin2
4 20 (T g -t
sin| = +x h]ntan[ _+_'r‘ =
2 ) | 4 , cos2x
.ocosx _ [T x| tan® 2x - tan® x
1) : —CD[I —- ;‘ k)tan x.tan3x = 5 ;
l-sinx 4 2] 1- tan” x.tan” 2x
)sin’x.(1+cot x)+cos’ x(1+tan x) =sinx +cosx
2
m)cot x + tan x =—
sin 2x

111 1 [T 1 x -
n),|—+—,[—+—,[—+—cosx =cos— D<y<—
2 22 2V2 2 § . 0<¥<T

,voi



Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Dang 3. Bién déi tich thanh tong i
(SGK-KNTT-11-Tap 1) Khong dung may tinh, tinh gia tri ciia cac bi€u thuec:

L] 1] . 5-’ ?.’
A=cosT75 cosl5: B :sm—Tch—T.
12 12

(SGK-KNTT-11-Tép 1) Tinh gi4 tri cua cac biéu thirc sau:

. AT T . AT T
&N Cos + 510 cos

4= 15 10 10 15
2T T . 2T . T
COs COS — - sln 51N
a) 15 5 15 5 :

' !'T !'T !'T !'T
B =sin —C0s —C08—CO08 —
b) 2 32 _
(SGK-KNTT-11-Tép 1) Chimg minh ding thirc sau:
sin(a + b)sin{a- b) =sin” a - sin” b =cos” b - cos’ a.
Bién d6i thanh tong
2) 2sin(a + b)cos(a- b) b) 2cos(a+ b)cos(a- b)

. 13x x

, - 451|1T|:05.r|:05;

c) 4sin3xsin 2xcos x ) 2 2
sin sin 2

sin(x +30%)cos(x- 30%) 5 g

e) ( ( f) 5 5

2ginxsin 2xsi - -5in 2rsi -
g) 2sinxsin 2xsin3xp) Scosxsin 2xsin 3x

sin‘ .1'+£‘ sin‘ x- L ‘ cos 2x
) H | , o | k) 4cos(a- b)cos(b- c)cos(c- a)
Dang 4. Bién ddi tong thanh tich
(SGK-KNTT-11-Tép 1) Khong dung may tinh, tinh gia tri ctia biéu thirc
T Sm 1l
B =c05—+ 05—+ Ccos—.
9 9 9
(SGK-KNTT-11-Tép 1) Khi nhin mot phim trén dién thoai cam tng, ban phim sé& tao ra hai
am thuan, két hop véi nhau dé tao ra am thanh nhan dang duy nhét phim. Hinh cho théy tan s6

thap h va tan sd cao / lién quan dén mdi phim. Nhan mot phim s& tao ra song am
c=sin 27 £ ) +sinl 2T F0) L b LA e e e LS e
y =sin(27 /1) +sin( T"{-E), & d6 ! 1a bien thoi gian (tinh bang gidy).
Tén sé cao

1209 1336 1477 Hz

o4 4

697Hz—>
Tén'sé 770 HZ—» @
thap gs52 Hz—- @
941 Hz—’E] @ @

a) Tim ham s6 md hinh hod 4m thanh duoc tao ra khi nhan phim 4. )

b) Bién doi cong thic vira tim duge ¢ cau a vé dang tich cua mot ham so sin va mot ham so
cosin.

(SGK-KNTT-11-Tép 1) Trong Vat li, phuong trinh tong quat ciia mot vat dao dong diéu hoa
cho boi cong thire F(1) =ACOSW+P) 000 46 1 12 thoi diém (tinh bing gidy), *@ 1a 1i do

ciia vat tai thoi diém >4 13 bién d dao dong (1> 0) va ¥E[- 7] 13 pha ban dAu caa dao
dong.

Xét hai dao dong diéu hoa cé phuong trinh:



t :EEDS[EE+E \
¥, (t) 3 G_(mr}.

)
X, (t :EEDS[—E-— cm).
(1) =200s| S - 2 (em)

Tim dao dong tong hop *(*) =5 * (1) y; it dung cong thire bién ddi tong thanh tich dé
tim bién d¢ va pha ban dau cua dao dong tong hop nay.
Cau 24. Bién doi thanh tich
a, A =2sindx +2
b, B =3- deos’x
¢, D =sin2x +sin4x +sinox
d,E =3+4cosdx +cos8x
e, £ =sinSx+sin6x +sin 7x +sin 8x
f, G =l +sin2x- cos2x- tan2x
o H =sin’(x+90 )- 3cos’(x-90)

h, L =l+sinx+cosx

Céu 25. Tinh gia tri cac biéu thirc sau:

.o . Jx . 137, 197 . 257
A =s51In —sIn —sin s1n sin
30 30 30 30

a)
b) B =10.sin10".5in30".sin50".sin 70°.sin 90°

¢) € =cos 24" +cos48” - cos84” - cos12”

2T 47 o
D =cos— + cos—+ C0s
d) 7 7
T 2r T
F =Cc05—- 05—+ C058—
e) 7 7 7
T ST T
F =C0s —+C0s —+ C0s
f) 9 9
2 (s 8T
G =co
g)
IE: s
H —
h) 11 11 11 11 11

Cau 26. Tinh cac téng sau
. S =cosa+cos3a +cosSa+-+cosQn- Da (@ #kr)

. T, 2r . 3w . n- D
S, =sin—+sin—+sin —+- - +5In ———
b. H n n n
T 3T (2n- D
8§, =C0s—+cCo “+C
c. n n n H
I I I T
5_. = + LR 3 a =—
d. cosa.cos2a cos2a.cos3da cos4a.cos3a | véi 5.
' 1
I - 1+ | +—I
R COSX | cos2x cosdx | cos2" x|
1 1 1 1
- - + =T

CAu27. Tinh $in" 2% pig: tan®x cot’x sin®x cos’ x
Céu 28. Rt gon cac biéu thirc sau:



y _cosTx- cos8x- cos9x+coslOx

5N 7x- sin8x- sin9x +sin10x
a/

. sin2x+2sin3x +sindx
h!B =

sin3r+2sindx +sin5x

. l+cosx+cos2x+cosix
c! C =

cosx+2cos x- 1

d/D = sin4x +sin Sx +sin Ox

cos 4x +cosdx + cosOx
Ciau 29. Chung minh cac dang thtc luong gidc:
. tan9’ - tan27° - tan 63" +tan81° =4

b, tan20° - tan40° + tan 80 =33
tan10° - tan 50° +tan60° +tan70° =243

N

tan 30" +tan 40° + tan 50" + tan 60° :T.cns 20°

C.

d.
o tan®20°- 33tan® 20" +27tan” 20" - 3 =0
Céu 30. Chung minh cac dang thirc sau:
I- 2sin”2x _l+tan2x

2) cotx- tanx- 2 tan 2x =4 cotdx b) 1-sindx l- tan2x
3tan’ x 1 sin2x- coslx
—-tan*x="——"+] fandx- yP -
C) Ccos x cos™ .d) Cos4r sMix+Ccosix ]

o) tan fx - tandx - tan 2x =tan 2 tan dx.tandx

sin7x .
=|l+2cos2y+2cosdr+2cos0x

f) sin x
o) cos 5x.cos 3y +sin 7x.siny =cos2x.cosdx

Céu 31. Chung minh cac dang thuc sau:
I- 2sin” 2x | +tan2x

a) cotx - tanx - 2tan2x =4cot4x p) 1-sindx - tanlx

I 3tan’ x 1 sin2x - cos2x

—-fan" x =———+1 tan4x- =—
c) Cos’ x Cos™ x .d) cosdx  sin2y+cosly
e) tan Ox - tan4x- tan 2x =tan 2x.tan4x. tan ox
sin7x N y

: =1+ 2cos2x+ 2cos4x+2cosOx
f) sinx .
g) €055x.€083x +5in 7x.5in x =c0s 2x.cos 4x

2tan (a + b) ;
N - _ ' -_— =
h) Cho sin(2a+h) —Ssmb. Chimg minh: —

tan(a +b) =3tana sin(2a + 2b )+ sin 2a =2sin 2h

1) Cho Chtng minh:



Cau 32.

Cau 33.

Dang 5. Bai toan tam giac

Qui udc: Cho tam giae ABC goi @2:€ 13 ba canh déi dién cua ba goc 4B8:C; A Fuslie 1395

duong cao; Moy 1M 13 ba duong trung tuyén; Loyl la ba dudng phan giac; 7 1a ban kinh
a+tb+c
. . P=
duong trong ndi tiep ; R 13 ban kinh duong trong ngoai tiep va 2 1a nira chu vi.
(4,B,C
Piéu kién 4.8.C 13 ba gbc ciia mot tam giac la ' AXBHC =T sy suy ra
A+B _1 _C
A+B=x-C 2 "2 2
Dinh 1y ham s cosin @ =b +c - 2bccosd b* =a” +¢’ - 2accos B
¢’ =a +b - 2abcosC
2 bl o g? 2 o2 B 2 4 b2 - o
cos A=t g2l e e
Suy ra 2be , 2ac , 2ab
a b ¢ g
. T T~ — I Rsi —7Rsi —IRsi
I I . b
S =—ah, =—absinC —a0e =pr :Jp(p— a)(p-b)p-c)
Cong thuc tinh dién tich 2 2 4R .
A
2be cos
[ =— 2
Céng thirc phan gidc b+c
, P+ a
oom, = - —
Cong thirc trung tuyén 2 4
(SGK-KNTT-11-Tép 1) Cho tam giac ABC ¢o B =73 :C =45 (3 a =BC =12cm
1 .
§=—absinC
a) Su dung cong thirc 2 va dinh 1i sin, hdy chirng minh dién tich cua tam giac
s _a’sinBsinC
ABC cho bdi cong thuc 2sin 4

b) Str dung két qua & ciu a va cong thirc bién dbi tich thanh tong, hiy tinh dién tich § cia tam
giac ABC

Cho tam giac 4BC | Ching minh rang;

a)SinC =sin A.cosB +sin B.cosA |

sin C
:tan.ﬁ‘tﬂmiﬂ(é,ﬂ 290 )

b) COSA cosB )

) tan A +tan B + tan C =tan 4.tan B.tan C(4,B,C #90 )
c :
d)cot A.cot B +cot B.cot C +cot C.cot 4 =1,

A B B C C A
tan —. tan — + tan —.tan — + tan —.tan — =1
% 3 ¥ 3 3 %

e) 4 “ 4 “ “ 4
A B C A B C
cot —+ cot — +cot — =cot —.cot —.cot —
f) 2 2 2 2 2 2
cosC cos B ;
cotB+— :thC+.—(A #90 )
g) s B.ocosA sinC.cosA

A B Cc . 4 . B c .4 B . C 4 . B . C
COS —.co8 —.0ofF — =510 —.51N —.cof — + 811 —.cof —. 51N — + €05 —. 81N —. 51N —
) 2 2 7 7 ) 7 7 7 2

W o2 2 2 2 2 2 2 2 2 "2 12 2



Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

.4 .. B ., .C . A . B . C
sin” —+sin® — +sin” — =1- 2sin —sin —sin—
N2 2 2 222
Cho tam giac 48C chimg minh:

. . . A B C
sinA+sinB+smnC =4cos —.cos—.cos —
¥ 2 7
a) - - &
.4 . B ., C

cos A+cosB+cosC =1 +4s51in —.51n—.s1n —
b) 2 2 2
0 sin2 A+sin2B+sin2C =4sin A .sinB.sinC
n sin A+ sin” B+sin® C =2(1 + cosA .cosB.cosC)
o) cos2A+cos2B+cos2C =- 1- 4cosA.cosB.cosC

f) tan A+ tan B+ tanC =tan A .tanB .tan C.

Tim céc goc cua tam giac ABC | biét:
T . : I
B-C=—, sinB.5nC =—.
a) 3 2

2r . 1 +4f3

b)
Ching minh trong moi tam gidc 4BC ta ddu co
: : : A B C

sin 4 +sin B +sin C =4c08 —C05—C0S —
2) 2 2 2,
b) sin® A +sin” B +sin” € =2(1 +cos Acos Bcos C)
Ching minh trong moi tam gidc 4BC khéng vudng ta déu cé
a) fand+tan 5 +tanC =tan Atan 5 tan ',
b) cot Acot B+cot Beot C+cotCeot 4 =1

Chimg minh trong moi tam giac 48 C ta déu c6

A B A C C A
tan —tan — + tan —tan — + tan — tan — =1
a) 2 2 2 2 2 2
A B C A B C
cot —+ cot — +cot — =cot —cot —cot —
b) 2 2 2 2 2 2
Chimg minh trong moi tam giac 45 C ta déu co

sin A +sin B EEEDSE
a) 2;
. C
cos A+cos B =2sin—
b) 2
Chimg minh trong moi tam giac 4B C nhon ta déu c6

C
cot A+cot B =2tan—
a) 2;
b)sin Asin B =cosC
Chimg minh trong moi tam giac 4BC ta déu c6

3
cos A+cosB+cosC ==
b) 2,
Tam giac 48 C 1a tam giac gi néu
. sin B +sinC
sin 4 =———M —
a) cosB+cosC



b) 3cos B +sin 4)+4(sin B +cos4)=10

Cau 43. Tam giac 4B C 1a tam giac gi néu
asin(B- C)+bsin(C- 4) =0, tan 4+ cot A =(sin B+cosBY

a) b)
Cau 44. Tam giac 48 C 1atam giac gi néu
' 1
0 =2hcosC 1) cos BcosC =2 (1)
bre-a _ 0 @) |2bie 2 @
a) . btc-a by L a-b-c
Cau45. Tam giac 4BC 1a tam gidc gi néu
] c a sin A4 +cos B
+ = =tan 4

a) COSB  cosC " sin BsinC b) sin B +cos 4
Chu 46. Chung minh v6i moi tam giac 48 C taco

;
I+ —=cosA+CcosB+coSC oot 14beot B+ccotC =2(R +r)

a) K ;b)
Cau 47. Chung minh v6i moi tam giac 48 C taco
A B C
Cos cos cos
2 7 2 1 1 1
—= + —=+ —= =—+—+—
a) t, t, t. a b c.
- A 5 - C
becos™ —+cacos” —+abcos™ — =p
b) 2 2 2

Dang 6. Bai toAn min-max ) )
- St dung phuong phép ching minh dai so quen biét.

- Str dung céc tinh chét vé diu cua gia tri lugng gidc mot goc.

|sin cz| <, |cos | =1

- Str dung két qua v&i moi s thue @
JT
. O<a<—
Cau 48. Ching minh rang voi 2 thi

a) 200t @ =1 +c0s2et ) coter =1+ cot 2

0<a< sinez + chsnw

Cau 49. Cho 2 . Chiing minh rang ' 2cos a ||
Cau 50. Chung minh ring v6i 0 =& =7 thj

“. i‘ >(J2sine - 2)(3- 2cos2a)

2 4

Céu 51. Tim gia tri nho nhat, 16n nht cta biéu thirc sau:

=2

2sinex |

(2cos2a- 1) - 4sin’

a) A =sinx+cosxp) B =sin” x+c0s" x

A \ cy o , X , L R , —T - Yain - L
CAu 52. Tim gid tri nho nhat, 16n nhat cta biéu thirc 4 =2 - 28Inx - C0O8 2x

0<x< z ‘
Cau 53. Cho 2 Chtng minh rang tanx+cotx =2

Cau 54. Tim gi4 tri nho nhét, 16n nhat cia biéu thie B =€08 2x +41 +2sin” x
Ciu 55. Chimg minh ré‘mg cos x(sinx + -Jsilf x+2) =3

Céu 56. Tim gia tri 16n nhit cta biéu thac £ =2sinx +sin 2x



PHAN C. BAI TAP TRAC NGHIEM (PHAN MUC Q)
1. Céu héi danh cho ddi twong hoc sinh trung binh — kha

Caul. Trong cac cong thirc sau, cong thirc nao dung?

A cos(a- b) =cosa.sin b+sina.sin b B sin(a- »)=sina.cosh- cosa.sinb
C sin(a +5h) =sina.cosh- cosa.sin b D cos(a+h) =cosa.cosh+sina.sin b
Cau 2. Trong cac cong thuc sau, cong thirc nao dung?
tana +fan b
tan(g- p)=——— . B
Al 1- tanatanb B. tan(a —h) =tana - tan b.
tana +tanh
C. tan (a +'”_| - tanatanb D. tan(a +5) =tan a + tan b.
Cau3. Bidu thirc SIN X COS = COSXSIN ¥ bing
xX-v X+ 1 x- v 1 - X
A cos(x- ) ). B. cos(x +) ). N sin(x- ) )- D. sin(y 1).

Cidu4. Chon khing dinh sai trong cac khing dinh sau:
A cos(a+ b) =cosacosh+sinasinbh

B. sin(a + b) =sina cos b+ cosasin b
C. sinfa- b) =sinacosh- cosa sinh.
p. cos2a =1- 2sin’a
Cau5. Trong cac khang dinh sau, khang dinh nao sai?

. . a+h . a-h
Slna- sinbh =2cos——sin

7 2 B cos(a- b)=cosacosh- sinasinb
C sin(a- b)=sinacosh- cosasinh p, 2cosacosh —cosla- b)+cos(a +h)
sin(a +h)

A « X , Sil’l(ﬂ-b) Y 4 , N N co a1 e R , , ~

Cau 6. Bicu thuc bang bicu thurc nao sau day? (Gia st biéu thirc c6 nghia)
sin(a+b) _sina+sinbk sin(a+b) _sina- sinb
4, Sin (a- b) sina-sink g, Sin (a- b) sina+sink
sin(a+b) _tana+tanb sin(a+b) _cota+coth

C sin(a- ) tana- tanbk’ b sin(a- ) cota- coth’

sin(a—17").cos(a+13")—sin(a +13").cos(a—17")

Cau7. Rutgon biéu thurc: , ta duoc:
i | 1
A. sin2a. B. cos2a. c. 2 D. 2
3z
) cos—
Cau8. Gia tri ciia biéu thuc 12 pang
f+43 -3 f+43 -6
A4 B. 4 c- 4 p. 4

Cau 9. Dang thirc nao sau day la dung.
' T 1
cos| @ +—| =cosct +—

3) 2 2

' x|l 1. 3
CUS‘ o+ — :;SIHQ‘TEUSQ
A. \ <. B. . 3] 2



|:05| rz+%‘ :Esina— %cnsa cns‘ 7 +§‘ :%cnsa— gsina
C. \ - & - ) D. | |2 2
' T
tan‘a- —]
Cau 10. Cho tana =2 Tjph
) 1 2 1
A, 3. B. . C. 3. D. 3.

Céau 11. Két qua nao sau day sai?

| IV | C
SNX+ COSX :Jﬁsn‘ x+E| Sinx- cosx:—ﬁcos‘ x+E‘

A. B.
| | . | _ o
5n2x+c052x:ﬁ5n‘ 2x- _‘ 5n2x+c052x:~ﬁccs‘ 2x- _‘
C | 4 D | 4
Cau 12. Ding thic nao khong ding véi moi X ?
y | +costx
cos" 3y =——— . 2
A. 2 B.cosly=l-2smn"x
. 2 | +cos4x
) , sin” 2y =————
C. SIn2x =2smxcosx |, 2
Cau 13. Trong céc cong thirc sau, cong thirc nao sai?
cot” x- | 2tan x
cot2y =——m4m738— tan2y =————
A. 2eotx | B. I+tan” x
C. cos3x =4cos’ x- 3cosx_ p. sin3x =3sinx- 4sin’ x
Cau 14. Trong cac cong thirc sau, cong thirc nao sai?
A, €08 2a =cos” g —sin’ a. B. €0s2a =cos’ a +sin” a.
C. cos2a =2cos’a—1. p. cos2a =1-2sin’a.
Céau 15. Ménh dé nao sau ddy ding?
A, €082g =cos’ a-sin‘a B. c0s2a =cos” a +sin“ a

C. cos2a =2cos’a+| p cosla =2sin"a-1
Cau 16. Cho goc lugng giac @- Trong cac khing dinh sau, khang dinh nao 14 khang dinh sai?
A, cos2a =1- 2sin°a_ g, cos2a =cos’a-sin‘a
C. cos2a =1- 2cos’a p, cos2a =2cos’a-1
Cau 17. Khiang dinh nao dudi day SAI?
y
A, 2sin*a =1- cos2a_
B. cos2a =2cosa- 1
C. sin2a =2sinacosa

sin(a +h) =sina cosh+ sin b.cos a

D
Cau 18. Chon dao an dung.
A. SIn2x =2sinxcosx PR, sin2xy =sinxcosx_(C, sin2x =2cosx_ p, sin2x =2sinx

4 T
Cosy =—, .1-E| - ?;U‘

Cau19. Cho "' Gi4 tri cua SIn2x |3



24 24 1 1
A. 25, B. 25, c. 5 D. 5
. |
] SINX +C0s5x =— .
Cau20. Néu 2 thi sin2x bang
3 3 V2 -3
A 4. B. 8. C. 2 D. 4.

n X N L [ - , oo \ , A It =
Cau21. Biétring Sin’ x+cos'x =a+bsin’2x vai 0 13 cac sé thyc. Tinh 7 =3¢ +4D,

A T=-T, B. T =1, c.T=0 p. I =7,
Cau 22. Ménh dé nio sau day sai?

cos acosh :I—[cns(a - b)+cos(a +b)] sina cosh = [sin(a— h)- cos a+h)]

A 2

=
b | =

singsinh =

[l:ns,(a— b)- cos(a +b)] sina cosh =
C. .

[Ein (a- b)+sinla+ .Er)]

bud | =
e
bad | =

Ciau 23. Trong cic dang thirc sau, ding thirc nao sai?

cos a.cosh :%[i'ﬂ.ﬂ[ﬂ +b) + cosla- .":r}]

A cos(a= b) =cosa.cosh +sina.sinh

=

C sinfa- b) =sina.cosh- sinh.cosa p. cosa +cosh =2cos(a+b).cos(a- b)

Cau 24. Cong thuc nao sau day la sai?

a+b a-b . a+b . a-b
cosa+cosbhb =2cos .COS cosa- cosb =-2sin .sin
A. 2 2 B.
) ) . a+ a-b ) ) . a+b a-b
sina +sinb =2sin .COS sina - sinb =2sin .COS
C. 2 2 D. 2 2
sin3x +cos2xy- sinx ;. .
) = — (sin2x #0; 2sinx +1 #0)
Cau 25. Rt gon biéu thic Cos x +5in 2x - cos3x ta duoc:
A. A =cotbx B. 4 =cot3x
C. A =cot2x D. A =tanx +tan 2x +tan 3x
| Tl . | T
P:51n‘a+_‘s1n‘a- —‘
Céu 26. Rt gon bidu thire a0 4]
3 1
- —cos2a —cos2a
A 2 . B. 2
2 1
- —cos2a - —cos2a
c. 3 ) D.
Cau 27. Bién dbi biéu thic SIN< - 1 thanh tich.
. | T ' T . e T 2
sinee - 1 :251n| - —‘cns‘ a+_‘ siner - 1 :Esm‘_— —‘ms‘ —+
A | 2] | 2 B |2 4] |2 4]
. | e ' fr . N ' i
siner - | :251n| a+_‘cns‘ - _‘ siner - 1 =2s1n —+_‘EDS —-
C | 2] | 2 D. 2 4 2 4

p _tosa + 2 cos 3a + cos da

Cau 28. Rt gon biéu thirc sin @ +2sin3a +sinSa




Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

A. P =tana

B. P =cota

Tinh gi4 tri biéu thie £ =sin 30".cos 60" +5in060".cos 307

A. P =1, B. P =0

c. P=\3

2. Ciu héi danh cho d6i twgng hoc sinh kha-giéi

. 3 g T
sinx == —<x< Tan‘ x+—|
Cho 5 véi 2 khi d6 4/ bang.
2 -1
A 7. B. 7.
-2 |
c. 7. D. 7.
1 J ‘ g
SN & =—= O<a<— cos |+ —
Cho \"3 voi 2 . 3

2- 6

A 26 B. V6- 3,

) 5 |
sind=— | —<a<m7

Gia tri cua

Cho hai géc %P thoa man 13 12
déing ciia cos (e - fj‘)
16 18 18
A. 65, B. 05, C. 65,
. 3 S ' 217 |
sina =_,a €| —— cus‘ - —‘
Cho 5 12 2] Tinh gia tri 4 I
V2 -7V2 -\2
A. 10 B. 10 c. 10,
2, M =cos(=53" ).sin (-337° )+sin 307" .sin113"
Biéu thirc
1 1 3
A 2 B.2 c. 2
Rut gon bidu thirc: cos54°.cos4” —cos30 .cos80° , ta duoc:
A. cos50°. B. cos58". C. sin30°.
1 3
tana =— tanh =—
Cho hai géc nhon @ va ? véi va 4 Tinh @
T T T
A3 B. 4 C. 6
1
cotx =— coty =—
Cho ™ Y 1a cac goc nhon, , 7.Téng **Y b
T iz T
A4 B. 4 c.3

C. P =cot3a

D.

D.

. . o)
Jvé Cosﬁ=§’|._0{ﬁq;‘

D.

D.

co gié tri bang:

D.

P =tan3a

P=-3

< /. Tinh gia tri

16

65

2

10

m_\ e

sin58°.



Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

5 T ' T '
A =cos” _1'+|:DS'| §+_‘l.' + u:ns" —= X

Biéu thuc ! khong phu thude X va bang:
3 4 3 2
A4 B.3 c.2 D.3
. dcosler+ 7
Jsin(a+ g)- (+p)
. 4 JT '\.E
osinff=— 0<f<— . A= .
Biét 5, 2 va @ kT Gia tri cia biéu thic: sin o
khong phu thudc vao @ va bang
5 kS B 3
A3 B. V3 c. 5 p. V3
) I;an"{—}::ltanE tanﬁ_ ¢ .
Neéu 2 2 thi 2 bang:
3sine 3sina Jcosa dcosa
A, 3- 3cosar B. 5+3cosa C. 5- 3cosa D. 5+3cosa
cosa _3 sinb =3
Cho 4.sina>0. 5. cosb <0 Gi4 tri cua cos(a+b). bing:
3[1+\‘E“ -3I1+ﬁ 3[1-\51‘ S‘Iﬁ\
A.S 4 | B. 51 4 C.S 4 D. 51 4
CDE‘G-2|:I; sin‘a-g‘:-ﬂ Ein‘g-h‘:% cns‘g-h‘:ﬂj (a+h)
Biée ) Zwa L2 b2 M2 Gigeg S
bang:
24:3- 7 7- 243 2233- 7 7- 2243
A, 50 B. 50 c. 50 pD. 50
. 20° — ¥ 20° + x)— . .
Rat gon biéu thitc: cos(120° — x)+cos(120° + x)—cos x ta duoc két qua 14
A. 0. B. —cosx. C. —2CosX. D. SINX —COSX.
sina =3 cosh =
Cho 5. cosa<0, 4.sinb>0_Gia tri sin(a- b) bing:
1| 0 1| 0 1| 9 1| 9
E R T
A. 51 4| B. 51 4 | C.j' 4 D.:.‘. 4
T
; ”+ﬁ+'y:? cotaz, cotff, cot <z X
Biét £ va ' o ¥ theo thir tu 1ap thanh mot cap so0 cong. Tich so
cot cz.cot y bing:
A. 2. B. 2. C. 3. D. 3.
3
sin 2 =—. i
Cho 4 Tinh gia trj biéu thac 4 =tana +cote

A:i A:% A:§ A:E

A. 3, B. 3, c. 3. D. 3,



1
Ccosg =—,cosh =

1
Cau47. Cho a,b 1a hai géc nhon. Biét 3 4 Gia trj cua biéu thirc cos(a+b)cos(a- b)
bang
119 115 113 117
A 144 B. 144 c. 144 D. 144
sin _!
’ -, 197 £ Yo 7
Cau 48. Cho so thuc ¢ thoa man 4 Tinh (sinder + 2sin 2a)cos a
25 | 255 225
A. 128 B. 16, C. 128, D. 128
CAu49. Cho cota =15 gia tri sin2a ¢g thé nhén gié tri nao dudi day:
11 13 15 17
AL 113 B. 113 c. 113 p. 113
Pk g 4r o
COS —+COS—+C0S—
Cau 50. Gia tri dang cua 7 7 7 bang:
| 1 | 1
A2 B. 2 c.4 D. 4
I‘,Emi +tan ?—T

Cau 51. Gia tri ding cua 24 24 bang:

o 2(J6-5). o 2(6+43). . 2(V3-42). 2(\3 +42).

D.
q A=————- 2sin70" .
Cau 52. Biéu thuc 2sin10 c6 gia tri ding bang:
A L B. 1. C. 2. D. 2.
Cau 53. Tich s cos10".cos30".cos50".cos 70" ping:
1 1 3 1
A. 16 B. 8 c. 16 D. 4
T 4r S
 COS—.COS—.COS—
Cau 54. Tichso 7 7 T bang:
1 ) 1 1 i 1
A8 B. 8 c.4 D. 4
4 fan 30" +tan40° + tan 50° + tan 60°
Céu 55. Gia tri dung cua biéu thirc cos 20" bang:
2 4 5 8
A3 B. V3 c. V3 p. V3
1 b 1
cosa =— cosh =—
Cau 56. Cho hai goc nhon @ va b Biét 3, 4 Gié tri cos(a+b).cos(a- b) bang:
113 115 117 119
A, 144 B. 144 Cc. 144 p. 144

e sinx +sin 2x +sin3x

Cau 57. Rut gon biéu thic COSx +C0s2x +C0s 3x




A. A =tanox. B. 4 =tan3ux.

C. A =tan2x. D. 4 =tanx +tan 2x + tan 3x.
Cau 58. Bién d6i biéu thuc sina +1 thanh tich.
. . la T ‘a T . la T|.|la T
sina +1 :351n‘_+_‘c05‘ —- . sina +1 :Ecns‘ _+_‘51n‘ —= —.
Al |2 4] 2 4 B. |2 4 L2 4
. . T ' ] . ' Tl . | T
sina +1 :Es,m‘a-rT cns‘a—T ) sina + | :Ecns‘a-rT Sln‘ﬂ- |
C. \ “ \ “ D. \ “ \ “
2 [ T
Eqaq;{ Sil‘]E:— A =tan T'—‘
Cau59. Cho goc ¢ théa mian 2 va 2 ‘E’.Tinh gia tri cua biéu thirc 'z 4]
1 1
A=— A=-—
A, 3. B. 3, c. A=3, p. 4=-3,
1| '
Cosx :_‘ —?-:_1--:D|
Ciu 60. Cho 32 ! Gié tri cia tan2x |3
V5 4“2 A5 42
A 2. B. 7 . c. 2. D. 7 .

- T . ki
AZEII]".T-—‘+51I]'|.‘l.'+-_|
Ciu 61. Cho €08X =0 Tinh o) .ol

3 1
A 2. B.2. C.1. D. 4.
2 cotcr+ 3 taner
. cosa == — , P=—
Cau 62. Cho biét 3 . Gia tri cua biéu thirc Zcotar +1an & bang bao nhiéu?
p=l p== p=2 p=2
A. 13 B. 13 C. 13 D. 13

4 r-l.r 3 JT
a+fi i?HL,T Q’#E+fﬂ’, (k,z'EZ).T

sinet.cos(az+ F) =sin g,
voi 2 ,

Cau 63. Cho aco

tan(ca+ ) =2cota , tan(ea+ F) =2cot g

A B

C. tan(a + ) =2tan § D. tan (cr + 7) =2tana

I 2.tanx cos (ax)

B ) + 5 = .
cos® x- sin“x 1-tan®x b- sinlax)

(a.beR)

Ciu 64. Biét rang . Tinh gia tri cta biéu thuc

P=a+b
A. P =4, B. P =1, C.P=2 p. P =3,
2
cos 2a =— ,
Céiu 65. Cho 3. Tinh gié trj cua biéu thirc £ =C0S@.CO83cr
A. 18, B. 9. c. 9. D. 18,
[ - Ar . T
d=X ":T sin| x+—
CAu 66. Chotanx =21 < 1 Giatrj cia a4




2-\/?: _2+J§ 2+\/§ -2+J§
A 25 B. 25 c. 25 p. 25

Ciu 67. Téng A =tan9” +cot9” +tanl5" +cotl5" —tan27" —cot27" pipg:

A 4. B. 4. C. 8. D. 8.
sina —l sinb =—
Cau 68. Cho hai goc nhon ¢ va b yéi 3 , 2 Gia tri cua sin2(a +5) la:
2J§+?~J’§ Bwﬁ+?\@ 4J§+?~ﬁ 5JE+?~J'§
A 18 B. 18 c. 18 p. 18
y _2cos* 2a ++Bsinda- |
Cau69. Biduthae 280" 2a+\Bsinda- 1 o5& qua rat gon la:
cos (4er +30°) cos(4a - 307) sin(4e +307) sin(4e- 307)
A cos(der - 307) B. cos (4ex +307) C. sin(4er- 30°) p, Sin (4er+30°)

Cau 70. Két qua nao sau day SAI?
sin9” _ sinl2°

A, §in33" +cos60° =cos3’. B. sin48’  sin81°
L, 1 _4
C. cos20° +2sin* 55" =1 ++J2sin65". p. €0s290° S3sin250° 3

. Ssine =3si 25
Ciu 7l N& Ssin@ =3sin (cx+25) thi:

A tan (@ + ) =2 tan /. B tan (ex + 5) =3tan /.

C tan (@ + /) =4tan /. D tan (cx + ) =5tan /5.

=sin” (g +b)—sin’ a—sin” A.

Cau 72. Cho biéu thirc A Hay chon két qua dung:

A =2cosasinbsin(a+hb). A =2sin a.cosb.cos(a +b).

A. B.
C A =2cosa.cosb.cosla +b). p. 4 =2sina.sinb.cos(a +5).
Cau 73. Xac dinh h¢ thirc SAI trong cac hé thue sau:

R . R 40° -
cos 40" +tan cr.sin 40 :M.
A. COscf

o

sinl5” +tan30".cos15 =—.
B. 3

C cos’ x — 2cosa.cosx.cos(a+ x)+cos” (a+x)=sin a.

D sin” x + 2sin{a— x).sin x.cosa +sin” (a— x) =cos’ a.

Cau 74. Gia tri nho nhat cua SI XY +CO5° X 13
1

A. 0. B. 2.

@)
=
&
co | —

Cau 75. Gi4 tri 16n nhat ciia M =Sin" x +c0s™ X pjing:

A 4. B. L. C. 2. D. 3.



CAu76. Cho M =3sinx+4c0sX  Chon khing dinh dung.

A, "5 =M <5 B. M>5 Cc. M =5 D. M =5
Cau 77. Gi tri 16n nhit ctia M =sin” x- cos’ x ping:
A. 2. B. 3 c.0. D. 1.
| +tan x -
M “Urwny |7 T bk, x ig +hkrkeZ
Cau 78. Cho biéu thurc ! , 4 < ', ménh dé nao trong cac
ménh dé sau diing?
M 21 ! <M <1
A. M <L, B. 4. C. 4 D. M <1,
CAu79. Cho M =0cos”x+5sin"x Khido gia tri 16n nhét cia M 1a
AL B. 1. C.>. D. 6.
Cau 80. Gid trj 16n nhét ctia bidu thirc M =7cos® x- 2sin” x |3
A.-2. B. 5. c.’. D. 16,
Cau8l. Cho 45 Clacac gbc cua tam gidc 4BC thi,
A. SIn2A4+sin2B >2sinC B. Sin2A4+sin28 =2sin C
C. sin2A4+sin2B =2sin C D. sin2A4+sin28 =2sinC

A _.B . B A
SN —COo8 ?- S —CO08 ? =0

4.B.C théa man 2 = 2 - thi tam giac

Céu 82. Mot tam giac 458 C ¢o cac goc
doé co gi dac biét?
A. Tam giac 46 vudng. B. Tam giac d6 déu.
C. Tam gidc do6 can. D. Khong c6 gi dac biét.

Cau83. Cho 4, B, C 1a cac géc cua tam gidc ABC (khong 1a tam gidc vuong) thi
cot A.cot B +cot B.cotC +cot C.cot 4 pipg

A, (Ot ACOtBLCOtCY B oy s s khde chc két qua da néu trén,

c. L D. -1
tan 4 =1 tan B :L tan C :l .
Cau84. Cho 4, B, C 1a ba la cac goc nhon va 2. 5, 8 Téng A+B+C
bang
T T T T
A 5. B. 4. C. 3. D. 6.
Ciu 85. Biét 4,8,C la cac gbc cua tam giac ABC, khi do.
| A+ B | C | A+ B | C
ED[‘ —— :cnt?. l:l:us‘ T‘ =cos .
A. L = B. : =
' B | C | A+ B | C
EDS‘ ‘ =+ COS . I;an‘ - ‘ =cot —.
C. = D. \ 2 2
A A, B, C, 1 oA TR it A thven
Cau 86. la ba goc cua mot tam gidc. Hay tim hé thuc sai:
N A= JA+B+C
A, SinA =-sin (24+B+C) S A =2 C0S—



. A+ B+3C
cosd =siIm————

O =gl 3
C. 2 . p, SinC =sin (4+B+ HC).
Cau87. Cho 4, B, C lacac gbc cua tam giac 4B C (khong phai tam gidc vudng) thi:

A B (o
fan4d+tan B +tanC =- tan —.tan —.tan —
A, lanA+tan B +tan C =tan A.tan B.tanC B. 2 2 2

A B C
tan 4 +tan B +tan C =tan —.tan—.tan —
C.tan4d+tanB+tanC =- tan A.tan B.tanC . 2 2 2.

Ciu 88. Biét 4,8, C la cac goc cua tam giac ABC, khi do.

. A+ B (. .| A+ B [
51n‘ ‘ :cnsT. 51n| 5 ‘ =- cns?.
A. \ y B. L= =
| A+ B : .| A+ B . O
51n‘ 5 ‘ :s,mT 51n‘ 5 ‘ =- 5In -
C. Vo= = D. . =

Cau 89. Néu@ =2byya+b+c =7 1y chon két qua diing.

sinb(sin b+ sinc) =sin2a sinh(sin b +sinc) =sin” a

A, B

sinh(sin b +sinc) =cos™ a sinh(sink +sinc) =cos2a

C D

Cau90. Cho 4, B, C lacac gdc cua tam gidc ABC thi:
A. Sin2A4+sin2B +sin2C =4sin A.sin B.sinC g,
sin2A4 +sin 2B +sin 2C =4 cos 4.cos B.cosC
C. sin24+sin28 +sin 2C =-4cos A.cos B.cosC D.

sin2.4 +sin 2B +sin2C =4sin A.sin B.sinC

Cau9l. 4 B-C. 13 gbc cua mQt tam giac. Hay chi h¢ thirc sai:

(44+B+C | 34 | A- 2B+C | :
cnl‘ f‘ =-tan— l:l:rs‘ f‘ =- sin B
A, = / - B. - = .
. | A+B-3C | A+ B+0C 3C
51n‘ f| =cos2C I;an‘ f‘ =- l:I:rtT
c. = : . D. = ‘ -

Cau92. Biét 45-C 13 cac gdc cua tam giac ABC khi do.

cosC =cos(A4+RB) tan C =tan(4 + B)

A B

—= + ' =- g +
C. CotC cot( 4 B).D. sinC =- sin( 4 B)-

Cau93. Cho 4B:C 13 cac géc cua tam giac 4B C (khong 1a tam gidc vuodng) thi
cot A.cot B +cot B.cot C + cotC.cot A papg
A. Mot két qua khac cac két qua dd néu trén.  B. 1.

c. -1 p, (cot A.cotB.cotC)

Cau94. Cho 4, B, C lacac goc cuia tam giac 48 C (khong phai tam gidc vudng) thi:



Cau 95.

Cau 96.

Cau 97.

Cau 98.

Cau 99.

Cau 100.

Cau 101.

Cau 102.

A B C A B c
cot —+ cot — +cot — =cot —.cot —.cot —
A, 2 2 ) 2 ) 2 B,

A B C A i C
cot —+ cot — +cot — =- cot —.cot —.cot —
) ) ) ) ) )

A B (. A B C
cof —+ cot —+cot — =cot A.cot B.cot C cof —+cot —+cot — =- cot A.cot B.cot C
C. 2 2 2 . D. 2 2 2

Cho 4, B, C 1aba goc cia mot tam giac. Hiy chon hé thirc dung trong cac hé thic sau.
A, C0s” A +cos’ B+cos’ C =1+ cosA.cos B.cos C.

B. cos® A+cos’ B +cos’ C =1-cos A.cos B.cos C.

C. c0s” A+cos’ B+cos® C =1+2cos A.cos B.cosC.

D. €os” A +cos’ B+cos” C =1—-2cos A.cos B.cosC.

Hay chi ra cong thirc sai, néu 4B, C 13 pa gbc ciia mdt tam gidc.

B c . B.C .4
COS —COS—- SIN —SIn — =Ssin — , ,
A. 2 2 2 2 2, B. cosB.cosC- sinB.sinC+cos 4 =0

. B c . & A

5iN —COS—+ 5in —C0S— =Cc0s —
c. 2 2 22 2 D
cos® 4+cos’ B+cos” C- 2cosAcos BeosC =1

sin A = sin B+sinC
Cho tam giac ABC ¢4 cos B +cosC | Khang dinh ndo duéi day dung?
A. Tam giac ABC vuong tai 4. B. Tam giac 48 C cantai 4.
C. Tam giac 4B C déu. D. Tam giac 4B C 1a tam giac tu.
1 . 13
o cos2A+————- (2cos 2B +4sinB)+ — =0 1B.C
Cho bt dang thirc 04cos” A 4 voi 42 1aba goc cua
tam giac 48 C Khiang dinh dung la:
A B+C=120" B. B+C =130" c. A+B =120" p. A+C =140"
1 1
tan 4 =l tan B =— tanC =— .

Cho 4, B, C 1a cac goc nhon va 2 5, 8 Téng 4+B+C bing:

T T T T
A 6 B. 5 c. 4 D. 3
Cho 4, B, C 1aba goc cia mot tam giac. Hiy chi ra hé thirc SAL

sin A+B+3C =cosC

ST - ) IR
A > B. cos(4+B—-C)=—cos2cC.
+B-2 +B+2

tanu :cg[?’_‘:_ Cgtu —tan £
C. 2 2 D. 2 2
Cho 4, B, C laba gbc cua mdt tam giac. Hay chi ra hé thuc SAL

. C

A Cos—— == B cos(4+B+2C)=—cosC.

sin(4+C)=—sinB. .. cos(4+B)=—cosC.

C D

Cho 4, B, C 1aba goc cia mot tam giac khong vudng. Hé thire ndo sau diy SAI?



B ¢ . B.C . A4
CO5—CO05—-= 51N —5&IN — =811 —.
A 2 2 2 2 2

B. tan 4 +tan 5 +tan C =tan A. tan 5.tan C.

C. cot A+cot B +cot O =cot A.cot B.cot C.

A A B C C A
tan —.tan — + tan —. tan — + tan —.tan — =1.
D. 2 2 2 2 2 2
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