Chuong 05
VECTO

TONG HIEU HAI VECTO

Ly thuyét

1. Téng cua hai vecto

@ ~
°=.* Pinh nghia

Vi

L

» Cho hai vecto a va b,
-
o Lay mot diém A tuyy, vé AB= a BC b

ﬁ

I —

= Vecto AC duoc goi la téng cua hai g; b

DK1h1eu a+b A
» Bidiave AC ‘er- \l

» Diém I la trung diém cua doan thér&gl AB = IA+IB=0X\

g ow |

» Diém G 1a trong tAm ctia DABC = GA+GB+GC =

2. Hiéu cua hai vecto

% Pinh nghia

23(& o D TN .
———"%» Vecto do6i cua vecto 4, k1 hiéu la -4, la vecto cung phwong nhung
nguoc hudéng véi vecto a,

» Cho hai vecto a va b

I
' : 5+(- b) ro
N
Véi ab.c tuy y, ta co: A
(1) Tinh chat giao hoan a+b=b+a,
i i
, U 5+b)+5:5+(b+5)

(2) Tinh chat két hop A

L (3) Tinh chat ctia vecto - khong d+0=0+a=a )
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l@@ Cac quy tac:
Quy tdc badiém: =y Quytdc hinh binh hanh:

» Véi3 diém A-B.C, AC=AB+BC » T giac A-B.C.D 13 hinh binh
hanh: AC =AB+AD

» Quy tac hiéu vecto:

» Véi3 diém O.A,B; AB=0B- OA /\/
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&Céc dang bai tap

0 Dang 1. Lién quan téng vecto

- )

(1) Pinh nghia téng hai vecto:

Cho hai vecto @ va b.
g A .2 N 7z & Sn_r
= Lay mot diém A tuy y, vé AB=a,

> Vay AC=g+b
(2) Piém dac biét:

(3 Tinh chat: Véi a b & tuy Y, ta co:

r r
o Tinh chat giao hoan 4+ b b*'ﬂ.

o Tinh chat két hop
» Quy tdc ba diém: e v o
» Véi3 diém A/ BC. AC=AB+BC
» Quy tac hinh binh hanh:

(E+i})+£:5+(i}+c)

BC:b

= Vecto Al AC dwoc goi 1a téng cia hai d;b,

r

= Piém I la trung diém cta doan tha{lg, AB = H "‘IB
= Piém G 1a trong tam ctia DABC = GA +GB+GC =0

» T giac A,B,C,D 13 hinh binh hanh: AC=AB+AD

4 vidu1.1.

(1) t =CB+CD

0 b8

@)E:AC+DA

é& dung tinh chat
AC+DA:DA+AC:DC‘

o Loi giai

' Cho hinh binh hanh ABCD | xac dinh céac vecto

@)E:AC+DA

LAl ARl LA

Ap dung quy téc hinh binh hanh: CB+CD =CA

giao

hoan: P

Ql
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{ Vi du 1.2.
Cho tam gidc ABC, xac dinh cac vecto
(1) 52%"‘&*% (9 &:‘I—E"':‘E‘
o Loi giadi

(1) E}:ﬁ+a+§5

L L U

Lan . um r
+CA=AC+CA =AA =0

o
AB+CA + BC =| fifin &
h AC

A
B/\C
r A | I
(2 49 =AB+AC \/
Goi D 13 diém sao cho AP 13 hinh binh hanh. b

¢4 vidu1.3.
Cho luc gidc déu ABCDEF tam O, xac dinh céc vecto.
() M=AB+OD () N =AB+AE+OD

 Loi gidi
(1) M=AB+0D

LEmI  LAAN 0 LAMD LRml LAama

AB+0OD =AB+BC =AC

A B
[P TR TRV ¥ T F¢ : »
() N=AB+AE+0OD \ ﬁ /
E

AB+AE+0D =AO+OD =AD

F 4
Vi du 1.4.

ALALA, *""An, xac dinh vecto

1 LB LR LR LA LA

h=A A +A A +A A +.+AA+AA
o Loi giai

Cho N diém

LA LAN LAELRD  LARLmI

|
h :An-IAn +An-:An-l +An- .'mAn-: + '”+A:A.'~ +A|A:

LALLM LRLRLI LA

:AIA: +A:A3- + '"+An-.'~An-: +An- :An-l +An-|An

Thay rang:
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I Dang 2. Hiéu hai vecto - vecto d6i

Ph uong )

=
(1) Pinh nghia téng hai vecto:

Cho hai vecto a va b,
.

= Ldy mot ¢ diém A tuyy, vé AB=a, BC b
a.

cy'— ||

= Vecto Al AC duoc goi 1a téng clia hai
= VAay AC a+b
(20 Pinh nghia hleu hai vecto:
Cho hai vecto @ va b.
r I
o a+(-b) 14
= Ta goi hiéu cua hai vecto 4 va b 1a vecto , ki hiéu d- b,
o Vecto doi cua vecto @, ki hiéu la -4, la vecto cung phwong nhung nguoc
huoéng véi vecto 4.
(3 Piém dac biét:

L= |

= Piém ! 13 trung diém ctia doan thé‘ur“lgl AB = IA+IB=0

L= ¥ | LR |

= Piém G 1a tronlg tam ctia DABC = GA+GB+GC =0
(4 Tinh chat: Véi 9.b, C tuy ¥, ta co:

r r
o Tinh chat giao hoan 4+ b b+ﬂ

, . (E+b)+gzg+(b+£‘)
= Tinh chat két hop

» Quy tdac ba diém: e
» V&i3 diém A-BC. AC=AB+BC

» Quy tac hiéu vecto: o
s Véi 3 diém O.-A.B. AB=0B- OA

» Quy tac hinh binh hanh: e
» Tit giagc A-B.C.D 1a hinh binh hanh: AC =AB+AD

4 Vidu 2.1.
" Cho hai hinh binh hanh ABCD vy ABCD’ ¢4 chung dinh A.

Chtna minh rang BB+CC +D'D =0
o Loi giadi

Theo quy tac trir va quy tac hinh binh hanh ta cé
LLAI L L
BB+CC+DD =(4B- AB)+(AC - AC)+(AD- AD)

LLLW L
)+

LLLI  LLIR LLuI LLLE I
—(AB+AD)- AC- (AB +AD’)+AC =0
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; d V|' dg 2.2.

" Cho tam gidc ABC. Goi MNP 1an luot 14 trung diém cla BC,CA, AB

Chu'ng minh ran

LI.J.ILI..,I.I.ILJ..,I..I

A) AP+AN AC+BM =

LAND LA LAAN AR LERE Lad

(2) OA+OB+0C =OM+0ON+0OP v¢i O 13 diém bat ki

o Loi gidi
A

M

= LR LA LR L]

(1) AP+AN- AC+BM =0
vi ttr gidc APMN 13 hinh binh hanh

Nén theo quy tac hinh binh hanh ta cé AP+ AN =AM 1t hop véi quy tac trir

= AP+ AN- AC+BM =AM- AC+ BM =CM + BM
Ma CM+BM =0 g5 M 13 trung diém ctia BC.

Vay AP+ AN - AC‘+BM:C+‘

(2) OA+OB+0C =OM+ON+0OP y4i O 13 diém bat ki

Theo quy tac ba diém ta cé
LLE Ll LR

OA+0B+0C :(5?3+ﬁ)+(8fw+ﬁu{%)+(blﬁf+%)

:((lef»f+5ﬁ7+51g)- (%"‘Eﬁ"‘ﬂ)

LLLI

LLLI LLLR L LLIR L
—(OM+ON+OP)+PA + MB+NC

LLAN  LRAM L LA LAl LR LLRd LAAE Lo

BM +CN+AFP D suy ra OA +0OB+0OC :DM+DN+DP.
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0 Dang 3. Ching minh déng thuc vecto

ﬁﬁPhumg )

rer
» Tinh chdt: V6i 2D.C tuy v, ta cé:
rv v or
= Tinh chat giao hoan a+b=b+a,
riyrr ¢ r

o a+b)+c=a+\b+c
= Tinh chat két hop (a+b)+c=a+(b+c)
» Quy tdc ba diém: e v o

» Vé’]_ 3 dlém AIBIC: AC :;iLB‘f_B(:.
» Quy tdc hiéu vecto: o

» V6i 3 diém O.-A.B. AB=0B- OA
» Quy tdc hinh binh hanh:

» Tagidc 4-B.C.D 1a hinh binh hanh: AC =AB+AD.
» Quy tdc trung diém - trong tam:

» Diém I 13 trung diém cta doan thdng AB = [A+IB=
Khi do MA+MB=2MI
» Piém G la trong tam cua DABC = GA+GB+GC =

Khl do Mfl+ﬂifr5'+ MC BMG
Céc phuwong phép bién doéi:
» Bién d61 vé nay thanh vé kia clia dang thitc (xuat phat tir vé phitc tap bién déi
dua vé vé don gian).
» Bién d6i dadng thitc can ching minh vé twong dwong véi mot dang thirc luén
dung.
» Xuat phat tir mot dang thirc luén ding dé bién ddi vé dang thirc can chimg

minh

& fvidus..
" Cho bon diém bat ky 4-BC va D. Hay chimng minh ding thtc

o Loi giai
LA LA N LA LN el

Ta Cé: JQB‘F CD :;QD + CB

L L= = AN (= E) 1

= AB+CD+ DA + BC =0

LA LAmE LR 1

= AB+CA+BC =0

== P L = ) 1 LR = E) 1

= AB+BC+CA =0= AC+CA=0= iLi'l C'(Dung)

4 Vidu3.2.

A,BC,D,E

~ Cho nam diém . Chimg minh rang:

(1)‘%+Eﬁ+ﬁ :CL%+E5 2) XE+E§—EE':EE— Eiﬁ+a;:_ﬁ'
o Loi giai

LR Y T

(1) AB+CD + EA =CB+ED
Bién déi vé trai ta co
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VT =(AC+CB)+CD +(ED+DA)

:(C‘B+ED) (;TE#%LB:“% (CL% Eﬁ)+AD+DA ey
=CB+ED =VP
() AC+CD - EC =AE- DB+CB
bang thirc twong duong V{)Eu

(%— ﬁ%ﬁ(gﬁ— EJB)— EIZM‘+DB:I:I}

L= 0 LR = . F) LR L] LA LA 1

= EC+BD- EC+DB=0< BD+DB=0 (dng).

4 Vi du 3.3.

Cho hinh binh hanh ABCD tam O . M 13 mét di€m bat ki trong mat phéng.
Chimng minh rang:

() Bi‘1+fl:‘1+35 E}
) DA+DB+DC‘+DD D

(3) MA + MC =MB+ MD

o Loi giai

D C

LA L= LRI 1

(1) BA+DA+AC=0

o s = (18 48), 48
Ta CO Bi'1+DA+AC 14_8 AD+AC

Theo q%té%inh ﬁ‘nh ul}li;inlll:AB"‘AD =AC
= BA+DA+AC =-AC+AC =0

LR L= 0 =P L= 1

(2) OA+OB+0OC+0D =0

LR LR LR L= == LN L]

vi ABCD la hmh bmh hanh nén ta cé: 0A =CO= OA+0C=0A+A0 =0

LAl LA L

Tuong tu: OB+0D =0= OA +OB+0C+0D = D.

LA LAAl LELR AR

3) MA + MC =MB+ MD
Cach 1:

Vi ABCD la hll’lh b1nh hanh nén AB DC= BA+DC =BA+AB=0

LAEM LAAN 0 LALEA VAN LEAM 0 LLER  LRANN

=M+MC I'I-{B+BL‘1+IED+DC =MB+MD+EBA+DC =MBE+MD
Cach 2:

Pang thiic tuong duong véi

MA- MB=MD - MC = BA =CD (dting do ABCD 13 hinh binh hanh).
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& 4 vidu 3.4.
" Cho tam giac ABC , goi M1y trung dlem BC valila trung di€ém cua AM

LT "R P )

(1) Chtmg minh rang: 2[4 +IB+IC = 0.

2) Véi O 1a diém bat ki, chtmg minh rang: 204 +OB+0C =401 |
o Loi giadi

L=t Ll L=t 1

(1) Ching minh rar‘}g 2JA +IB+ IC=0 )
¢ Ta co: 2IA +IB+ IC

AL Ul L

—"’L~1'1+"IM (}B+IC'—"M do M 1a trung diém BC) !
:2(_{4 +M)

=0 (M+IM =0 do I 1a trung diém cta AM)
2) Vi O 1a diém bat ki, chimg minh rang: 204 +0B+0OC _4DI

’TaCO HE+I“B‘+}E' [Ij

A L= | L AN L= = 1

= '*IO+'?D4.+IO +0OB+JO+0C =0

LR = . P L= = E 1

= 4ID+ 704+DB+DC 0

LA LAl LR LAEL LA LR

< 20A+0B+0C = —4ID = 20A+0B+0C = @I(dpcm)

4 Vi du 3.4.
" Cho ngii gidc déu ABCDE tam O
(1) Chung minh rang: hai vecto OA +OB va OC+OE géu cung phuong véi

[EF PR ]

oD
UL U
(2) Chtirmng minh hai vecto AB va EC cung phuong.
e Lm glal

LA

(1) Chttng minh rang: hai vecto OA +OB v3 OC+OE déu cung phuwong véi OD
+ Goi d1a duong thdng chira OD d
+ Thi d 14 mot truc d6i xing clia ngil gidc déu.
+ Ta co:

AL LAmE LRLa

OA+OB=0M  trong d6 M 1a dinh clia hinh thoi
OAMB v3 Med.

¢+ Tuong tuw OC+OE=0ON  trong d6 N 1a dinh cla
hinh thoi OENC Vé Ned,

Ul wa

+ Do d6 hai vecto OA +OB va OC+OE geu cé gia
1a duong thang d

(ST PR L]

+ Nén hai vecto OA +OB va OC+OE cung phuong

v6i nhau va cung phuong véi vécto OD.
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(2) Chttng minh hai vecto AB va EC cung phuong.
1d
d:r AB//EC

+ Ta c6: OAMB v3 OENC 13 c4c hinh thoi nén ta co: |

ol

+ Do d6 hai vecto AB va EC cung phuong.

LLNE LA LRl LR L

(3) Chitng minh: OA+0B+0C+0D +OE = 0

+ Theo cau (1) ta cé:
LLNI LN LW LAY LA U..ll) LLLI LLLE

Ll
Y =OA +OB+0C +OD + OF =(OA + OB)+ (OC + OF) + OD =OM + ON + 0D

+ Nén V ¢6 gia la duong thing d.
(VN PR il LLM LLII
_ V=(oB+0C)+(0D+0A)+OE , .
+ Mat khac: thi V c6 gia la duong thang OE

1 r
+ Vi V c6 2 giad khac nhau nén V=0,
(¥ ¥ 7 (¥ 8§ AR (¥ Wit (W P

= Vay OA+OB+0C+0OD+0OE = D (dpcm).
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0 Dang 4. DO dai vecto

)

_%Plulrong

trong tam)

Ap dung: tinh chéat, quy tac (ba diém, hinh binh hanh, hiéu vecto, trung diém -

, ‘Bihiéid
bé tinh ta thuc hién theo hai budc sau:
roi LT
» Budc 1: Bién ddi va rut gon biu thitc vécto @ =D +C+d =V tinh ch&t trung
I

diém, hinh binh hanh, trong tam,... sao cho V don gidn nhat.

Vi du 3.1.

Cho bén diém bat ky ABC va D. Hay ching minh ding thic

LA L

I,‘é+ CD =AD +CB

(1) N&u @ va b cling huéng thi

P

, ! ! b
2 Néu a va l? nguoc huéng va ‘ ‘

a+b{ =+ b
D\ =(d]  [a+b[=]p|- |a
thi .

 Loi giadi
| (v ¥ L LA (= el

et 1
Gia st @=AB y3 b=BC th; a+b=AB+BC=AC.

(1) Néu @ va b cung huténg thi

|cr1 +.Ib‘ :|5| +‘.Ib‘

+ N&u ava b cung huéng thi 3 diém 4,BC cung thudc mot duong thdng va
Bnam gitra AC
.
a b
o =0 0
A B C
r I L L r I
) a+b‘ :‘AB+EC‘ :‘AC‘ =AB+BC =|ﬂ|+‘b‘
¢+ Do do .
. ‘5+.Ib‘ :|5|+‘.Ib‘
= Vay .
i g va A28y 1+ =Pt
(2) Néu @ va b nguoc huéng va tllu .
. r
+ N&u ava b nguoc huong va > z‘a‘ thi ba diém A-B.C cung thudéc mot
dwong thang va Anam gitra B-C.
—
o o e =0
C A B
, ‘E+L‘ :‘i""mﬂu@‘ —AC =BC- AB:‘H— ]
¢+ Do do .
fab{=fi- |4

= Vay
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5+i}‘ :|5| +‘i}‘

@) ‘

. Khi nado x4y ra ddu dang thtc.
T chimg minh & cau (1) va (2):

1 I I 1

P S . ‘5+b‘ :|5|+|b‘ 5 ‘5+b‘{|g|+‘b(
= Neéu 4 va P cung phuong thi hoac .
= Néu a va b khoéng cung phuong thi A.BC khong thdng hang.
r |1 r I

+ Xét DABC g6 hé thirc AC<AB+BC_ po a6 [*PI<Il* ]

a+b|<[d

I
+ 2 s 2 . !
+ Nhu vay, trong moi truong hop ta coé: ‘b( dang thic xay ra khi 4

va P cung huéng.

“Avidy3.2.

AB=3 AC =4
Cho tam gidc ABC vuéng tai A, c6 (Cm) (cm)

BC  x4c dinh va tinh do6 dai céc vécto:

. Goi I 1a trung diém

(1) U=BA +BC (o) v=2IA- CA
 Loi giai
() U =BA + BC C

¢ Goi K 1a trung diém AC

LEml LD L

Khi d6 2BK=BA+BC v¢4i B 13 diém bat ky.

r L L ALl LLL
.| :‘Bd.+5‘61:EBK‘ :EEK‘ K I
+ Nen

" X6t DABK:BK:JAKT +AB =,} 2 +(3) =JE.

LA
. i =2[BK| =243 A B
= Vay .
(0) V=2IA- CA
+ Theo gia thiét: I 1a trung diém BC khi d6 2AI =AB+AC v4i A 1a diém bat

ky.
LA LW, Lhm LAE LM uam uu

r L L
v =2IA- CA =- (AB+ AC)- CA =- AByARais=- AB

+ Khi do: v :‘U{a :|RHB1 =,

“4 Vi du 3.3.

' Cho tam gidc ABC vuéng can tai A, AB=4a,. Tinh theo a:
LLLI LILIL Ll UL Ll L
AB- AC AB+AC] AB+2AC|
74\ 0\ Ile)
o Loi giai

+ Ta c6 BC=ABJ2 =aJ2 B E
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, véi ABEC 13 hinh vuong.

Auﬁ+2}4.la :‘%+%+¢%‘ :}Xﬁ+ﬁ| :“LAI.MF‘ =AF 3 2

véi AEFC 13 hinh binh hanh.
+ Do DABF vuong tai B vy BF =BE+FEF=BE+AC =2a

¢

X  AF=JAB +BF :./cf +(2a) =af5
Neéen ta-ﬁ? . . A C
A ‘ABHAq —af5
* Vay :
4 Vi du 3.3.

Cho hinh chit nhat ABCD c¢6 AB=3 |, BC=4 Goi M , N ]an luot 1a trung
diém ctia BC va €D | Tinh

WALl LLMN UL ey res
[AB+AC+AD| ‘AM ”‘N‘
(1) 2
o Loi giai
AB+AC+AD
+
(1) ‘ 5 T ¢
¢ Ta c6: AB+AD =AC <= AB+AC+AD =AC+AC
WL LW LLAE LA L Lo L
- ‘AB +AC +AD| :‘AC‘ +Aq :‘Aq +}Aq =2AC 0 N
+ Xét DABC yvuong tai A: A D

AC® =AB +BC* < AC* =25= AC =5
LW LLA LLAN
A ‘AB+AC+AD‘ =2AC =10
= Vay

L LR
‘AM+AN‘

¢ Ta cd: AM+AN =AB+BM +AD+DN
—(AB+AD)+(BM+DN) =AC +(ON + OM)=AC+OC

LN LLLr L LLm
‘AM+AN‘ :‘AC‘+DC‘| —ac+2C2D

= Vay 2 (AC ,0C 13 hai vec to cung huéng)
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Luyén tap

yr & 4
A. Cau héi - Tra 1oi trac nghiém
» Cau1. Cho 4 d{ﬁn é;BfE;‘Dphén biét. Chon phuong &n ding?

A. DA=DC+CB+BA B. DA=DC+AC

c. DPA=DC+CB+AB D. DA=DC-CA
o Loi giai

Chon A

Ta cé: DC+CB+BA =DB+BA =DA
» Cau 2. Cho tam gidc ABC. Khdng dinh nao sau day dung?
A. AB+AC=BC_ p. AB+BC=AC (. AB+CB=AC . AB+CA=EC
N o Loi gidi
Chon B e Ga
Ap dung quy téc 3 diém ta c6 AB+BC =AC
» Cau 3. Cho hinh binh hanh ABCD Khangudlnh nao sau day dung?

LA LA LR LLAE L

A. AB+AD=BD  B. AB+AD=DB_ . AB+AD=AC_ p, AB+AD=CA,
e Lm giai

Chon C e ua

Theo quy tac hinh binh hanh ABCD ta ¢6 AB+AD =AC,

» Cau 4. Dang thuc nao dudi day sal'?

AMWNP BMW+PNCWNPPM_DM+NPW
o Loi gidi

Chon A

Theo quy tac trir ba diém, ta c6 MN- MP=FN

» Cau 5. (Eﬁllo %BC goi MNP 14, luot la trung diém cua céc canh AB’AC’BC'Hm
MP+ NP bhang véc to nao?
U U U UU
AM. B. MN. c. PB D. AP.
A.
& Loi giai
Chon D

Ta o6 MP+NP =NP+MP =AM + MP =AP.
» Cau 6. Dér&gu thirc nao sau day la ding?

LA LA LN

A. OM-ON =MN B. AB+CB=AC

C. AB+CA =CB. D. AM- MN =AN
o Loi giai

Chon C

Ta c6: AB+CA =CA+AB=CB pgn d4p an ding la dép 4n C.
» Cau 7. Cho doan thidng AB c6 I 1a trung diém, M 1a diém bat ki. Ménh dé nao sau day
la sai?

A. 2AI =AB. B. I[A-IB=0 c. I[A+IB=0 D. MA+MB=2MI
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Chon B

Poan thang AB c¢6 I 13 trung diém nén IA+IB=0 vay B sai.
» Cau 8. Chon khang dinh sai . w
A. Néu I 1a trung diém doan AB thi IA+BI =0
LN ¥ ¥ L
B. Néu ! la trung diém doan ABthi ‘U+ﬂ3 AB,
l
C. Néu I 13 trung di€m doan ABthi AI"‘H

_Néu I 1a trung diém doan ABthi IA+IB U
o Loi giadi

o Loi gidi

[ 1) i I

O

Chon A

[ T T TR VTR W TR WY T

IA+BI =BlI+IA =BA it}

» Cau9. Cho ba dlem phan b1etA B C . Ménh dé nao sau day Sai? v o
A. AB-AC=CB p. AB+BC=AC_ (. AC-AB=CB . AB+BA =0

= Lm giai
Chon C e w N
Ménh dé AC-AB=CB sai phai stra la AC-AB=BC.

» Cau 10.Cho tam gidc ABC ¢6 trung tuyén AM va trong tdm G. Khdng dinh nao sau
dayJa ding

AR LR LA LA A 1

A. AB+tAC=AM B, BG=GA+GC . BM CM D. GA+GM =0
o Loi gidi

Chon B

Ta c6: G 1a trong tam Cua tam giac ABC nén:

(=" F P e L= Y B e ]

GA + GB+GC D < ﬁ4+GC - GB =BG
» Cau 11.Cho hinh binh hanh ABCD | Ménh dé nao duéi day dung?
A. AB+AD=BC  B. AB+AD=CD (. AB+AD=AC. p, AB+AD=RD
o Loi giadi
Chon C e s
Theo quy téc hinh binh hanh ta c6: AB+AD =AC,
» Cau 12.Cho hinh binh hanh ABCD tam O . Chon khang dinh ding trong cac khing dinh

sau.
A. OA+OB=0 B, OA+OC=0, (.AO+DO=0_ . OA+CO=0,

 Loi gidi
Chon B
Ta c¢6 O1a tam hinh binh hanh ABCD nén O 13 trung diém cta ACva BD . Do
do:
OA +0C l]

» Cau 13.Cho tam giac ABC Khang dlnh nao sau day dung'?

A. AB-CA=CB_  p. AA+BB=CC_ (. CA+BA=CB_ p, AB+AC=BC
o Loi giadi

Chon B

Hién nhién AA+BB=CC <= 040 =0 ludén ding.
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» Cau 14.Ch(1)_‘_1i‘1n1‘~1|_.\5u6|ng ABCD Ef:lum 9..-.. théng dinlrlﬁl‘éo  sau day la dﬁ.&g? .
A, OA+CO =0 B. OD+0B=0_ (. OA=0C. D. OD+BO =0
o Loi gidi
Chon B

(@]

D C
Vi O 13 tdm caa hinh vuéng ABCD nén O 13 trung diém cta AC va BD nén
theo qui tac trung diém ta c6: OD +OB=0
» Cau 15. Cho 3 dlem M,N.P bat ki. Khang dinh nao sau day sa17
A. MN- MP=PN_ . NM+MP=NP_ (. PN- PM=NM T, PM =PN+NM
 Loi giai
Chon C
Ta co PN PM W do d6 khang dinh C sai. r ue e v
» Cau 16.Cho bén diém phan biétA - B.C.D  vecto téng AB+CD+BC+DA ping
1 UL Uliu U
A. 0. B. AC. C. BD. D. BA.
o Loi giai
Chon A
LN

(SN R ] WL L wu |
Ta co AB+CD+BC+DA :(CD"DA)*(AB+BC):G4 +AC =0

» Cau 17.Cho hinh binh hanh ABCD v3 diém I tuy y. Pang thiic nao sau day ding?

L= O T T

A. A+IB=IC+ID B. L4+ID IC+IB.

C. B+AI =CI+ID p. [A+IC=IB+ID
o Loi gidi

Chon D

[A+B=IC+D < IA- IC=ID- Be CA =BD

[A+ID EEJ,r“éﬁfi IC= EE }‘Emf‘ii DB

IA+IC=IB+ID = [A- IB=ID- IC = BA =CD
» Cau 18.Cho hinh binh hanh ABCD c6 tam O.

A D
i
B C
Khang dinh nao sau day dung?
A, OB- OD =ED_ B. OB- OC =OD- OA
C. OA-OB=CD D. AB- AD =BD .

s Loi giai
Chon C
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0 Ap dung quy tac trix OB- OD =DB, AB- AD =DB
) OB- OC =OD- OA = CB=AD vp 1§

LARD LR LRl L

p OA- OB=BA =CD lyén ludén dang

» Cau19.Cho M- N-P 13 luot 1a trung diém céc canh AB,BC,CA 44 tam giac ABC. Héi

LAl e

vecto MB+AP hang vecto nao?
U (V0]

UL
A. AC, B. PB. c. MP. D.
o Loi gidi
Chon D
A
M/\P
B N c

LAAE LA LARE LA LLAE

Ta cé AM I’t{B MB+ AP =AM +AP =AN.

» Cau 20.Cho tam gidc ABC. Goi MNP 14, luot 14 trung di€m cu
trong tam cua tam giac DABC. Ménh dé nao sau day sai?

A. BM+C‘N+AP D B. H'ﬁ"ﬁﬁ"'"mﬁ‘z: EI}

C. G%+GB+GC =GN +GM+GPF
o Loi gidi
Chon D

Ta co:
L LLEI

LI LR L Lo (W V] LLUI
BM+CN+AP=(BM+ MP)+ AP =BP+ AP =

u u,uuu) (u.u u -.il):l

LA UL g
AM+HN+CP:(AG+H‘3+CG +|GM+GN+GP

ﬂ+&uﬂ+§g‘ ENN+EF»I+&MP D
LI LLLS LN L

(AP+AN)+ AC+BM =AM + MC+ AC =2AC #0

n LR AR LEma =

» Cau 21. Rt gon véc to U=MN+PQ+NP+QR.

A. u=MR B. u=MN C. U=PR
o Loi giadi

Chon A
Ta co:

a

.
(= B LR LR LEAE

D. AP+ AN+AC+BM =0

=

U

AN

BC,CA,AB

= -

va G 1a
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u=MN+ PQ+ NP+ QR =(MN + NP)+ (PQ+ QR)

MN + NP )+\PQ+ QR

u=MN+PQ+NP+(QR=
U un o ur

=MP + PR =MR
» Cau 22. Ch(?uu(..; I%rogg talm cua tam glac ABC Dang terc nao sau day la sal?w
A. AG+BG+CG=0_ B, Gi‘1+GB GC. C. Gi‘1+GB C‘G_ D. G%+GB+GC‘ D
o Loi giai
Chon B

e ) LM LR LAE 1

Do G 13 trong tAm cla tam gidc ABC nén GA +GB+GC =0 = AG+BG+CG =0,
Vay A, D ding

LA 1 L L L LA L L

Lai cé: GA+GB+GC =0 = GA+GB=-GC = GA+GB =CG Vay C dung, B sai.
» Cau 23. Tro ng I mat phang, cho nam diém phan biét A, BC,D,E . Vecto
l —BD"‘EA—*':E D bang vecto nao sau day?
U
A. AB, B. AE, C. BA, D. BD.

o Loi giai
Chon C

LAED LAEE LAl LR LR LR LA LR LRAE LR

Ta cé “—BD+E51+CE CD =BD +CA-CD =BD+DA =BA

» Cau 24. Cho DABC,D,EF 151 luot 13 trung diém cla cac canh BC, CA, A, B. Pang thic
nao sau day la dang?

A, AD+BE+CF=AB+AC+BC B. AD+BE+CF=AF+CE+DB
C. AD+BE+CF=AE+BF+CD D. AD+BE+CF=BA+BC+AC
o Loi giai
Chon C
A
F E
B D c

AD+BE+CF= AE+ED+BF+FE+(CD +DF

=AF+BF+CD +|\ED + DF+ FE)=AE+BF+CD

» Cau 25.Cho tam gidc déu ABC, canh 3d. Ménh dé naosau day ding:

LA LA
A. ‘AC‘ = B. ‘AC‘_ C. AB=AC D. AC=3a
 Loi giai
Chon A

Ll
Vi tam gidc déu ABC, canh 3dnén ‘AC‘ =Ac _?ﬂ. .
» Cau 26.Cho hinh thoi ABCD canh a va BAD =60°  pg dai ctia BD bang
NE)
A. 24, B. a. c. 2. D. &2,
o Loi giai
Chon B
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Ta c6 hinh thoi ABCD canh @ va BAD =60"

suy ra tam gidc ABD déu canh 2 nén do dai BD bang 4.
» Cau 27.Cho hinh chit nhat ABCD | Khdng dinh ndo sau day ding?
AB- AD| =|AB+AD G
A. ‘ H ‘ B. AB+AC+AD =0
BC+BD|=|AC- AB
+ = - o
. [BC+BD|=AC- AR b, AS 8D
o Loi giai
Chon A
LALl L L LLLI L L
, ‘AB— AD‘ :‘DB1 =BD ‘AB+AD‘ =‘Ac1 =AC
Ta co: va .
Do ABCD 13 hinh chit nhat nén AC =BD
LALl L LLLl  LLMR
o |AB- AD =/AB+AD)
Vay ménh dé dung la .
ULl LI
e S
» Cau 28.Cho tam giac ABC @éu canh 24. Khi d6 bang
A. 24 B. 4. c. a3 D. 23a
 Loi gidi
Chon A
Ll Ll (9 ¥]
, ‘AB—AC‘ :‘C‘B‘ =CB=2a
Ta co: .

[EE CEN ]

» Cau 29.Cho tam gidc ABC vuéng tai A va AB=2,AC=3 p4 qai ctia vecto BC+AC bang
A. S, B. 40, c. V13, D. 2V10.
o Loi giai
Chon D
B
I
1
all C

3
Ta c6 BC+AC =-2CT y4i I 1a trung diém AB.

‘Bug+%‘ =2 5’1 2P +3° =210

Vay
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LELE  LAM LEAR

FM%F =MBE, FE MC'

» Cau 30.Gid st cO céac luc . cung tdc dong vao mot vat tai di€m
M. Cuong dg hai lyc F.Ejan luot 1a 390N, 400N oy AMB=90° Tim cuong do

ctia luc & =MC pist vat ding yén.

A. 700N B. 250N C. S00N D. 1000N
s Loi giai

Chon C

N N N , F+F+F =0
Vat dimg yén nén ta co: .

u _ (LI LI,I) u _ u w
= E=ErE :‘E‘_‘H+E‘,Do AMB=90" = F LE

u u w - - -
= ‘F‘ :‘1{+F:‘:JPI'= +E* =\300° +400° =500

(= ¥ ] LN == ¥ 1

» Cau 31.Cho tam gidc ABC . Vi tri ctia diém M sao cho MA- MB+MC =0 |3
A. M trung B.
B. M 13 dinh tht tw ctia hinh binh hanh CABM
C. M 13 dinh tht tw ctia hinh binh hanh CBAM
D. M trung C.
o Loi giai
Chon 9” e
Ta o6 MA- MB+MC =0 < MA =MB- MC < MA =CB.

Do ABC khéng thang hang suy ra M 1a dinh thi tw cta hinh binh hanh

CBAM
» Cau 32.Cho tam gidc ABC, M 13 diém théa MA+MB+MC -0 . Ménh dé nao sau day
dang?
A. M 13 trung diém AB, B. M 13 trong tam tam gidc ABC |
C. M trung B. D. A 13 trung diém MB,
o Loi giai
Chon B r en
Theo tinh chéat trong tAm cta tam giac, ta c6 MA+MB+MC -0 véi M 13 trong
tam DABC

» Cau33.Cho tam gidc ABC. Tim tip hop dim M thod man diéu kién

MA - MB+ MC =07
A. M 13 diém sao cho t& gidc ABMC 13 hinh binh hanh.
B. M 13 trong tam tam giac ABC |
C. M 13 diém sao cho tit gidc BAMC 13 hinh binh hanh.
D. M thubc trung truc cia AB.

o Loi giai
Chon C

LR LELN LR 1

Ta CO MA - MB+ MC Dﬁﬂil‘f‘MC C"‘::"MC Bil"::"MC iLB Suy ra M ]_a
diém sao cho tr gidc BAMC 13 hinh binh hanh.

MB- MA|=|CB
» Cau 34.Cho tam gidc ABC . Tap hop diém Mthda méan: ‘ ‘ ‘ J\{511
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A. buong tron tam €, ban kinh AB.  B. Duong tron tm B, ban kinh AB,

C. buong trung truc clia doan AB.  D. Puong trung truc ctia doan BC.
o Loi giai

Chon A
. ‘ﬁé ﬂufq‘:‘t'""s- nuilé"aAB:m

c6 dinh nén tap hop diém M1a duong tron tam €, ban kinh AB.

» Cau 35.Cho ba luc F=MA,F, =MB,F{ =MC cung tc dong vao mot vét tai diém M va
vat ding yén. Cho biét cuong df clia F.E géubang 100N va géc AMB=90" Khi

d6 xac dinh cuong do cua luc K

u
‘E‘ ~10042N
Al .

Chon A

LY DY P v ) LN LRI

Ta o6, E+E =MA+MB=MD

(D1a dinh thit 4 ctia hinh binh hanh MADB)
Do vat ding yén nén

U w u I u u  um u U u

E+F+E=0= E = (F+E)= |F| =} (F +E) | + E| =MD =100/2N
u

A ‘E‘:IDDJEN ey

Vay I

cung phuong va nguoc huéng véi MD
B. Cau hoi - Tra loi dung/sai

» Cau 36.Cho bon diém A-B.C.D  Khi doé:

Ménh dé D;'"‘ Sai
()a AB+BC =CA
()b AD+DA =0
()C AB+CD =AD+CB
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()d AB- (D —AC+DB

@ A A

Ta cé: AB+BC =AC = .:}1
» Chon SAI.

(b) AD+DA

Ta c6: AD+DA =AA =
» Chon PUNG.

ARl LAED O LEAR RS

(c) AB+CD =AD+CB

ARl LARED O LELE LR

Ta c6: AB+CD =AD+CB

LA LR LA L 1

o Loi giai

= AB+CD+DA +BC E}

= (AB+BC)+(CD+DA) =

[V TR VY R
= AC+CA =0 (ludn dung).
» Chon DUNG.

LA LAEE LAEE wamd

(d) AB- CD =AC+DB

LA LR LR L =N P LR LA LA 1

Ta c4: AB- CD AC‘+DB¢~ AB-CD- AC-DB=0

= AB+DC+G%JNBDMG
o (AB+BD)+(DC+CA)=0

LLAE  LLM I
= AD+DA = o
(luén dung)

» Chon DUNG.

» Cau 37.Cho tam gidc ABC déu canh 4, cé trong tdm G. Khi dé:

Ménh dée

Sai

(@| AB+BC=AC

o Loi giai
(a) AB+BC =AC
Ta co: AB- CB=AB+BC =AC
» Chon PUNG.
LLLI L
‘AB— 651 =2a
(b) ;
LAl L LW
= ‘AB— C‘E1 :‘AC‘ _AC =q
» Chon SAI .
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‘AB+AC‘| =
Vé hinh binh hanh ABDC | goi H 14 giao diém AD va BC

Suy ra H la trung di€m cta cd AD V\?i BC

Theo

Ta c6 AH 13 duong cao clia tam gidc ABC nén

a3

quy téc hinh binh hanh: AB+AC=AD

AH=AB - B = a[%‘ =£

Suy ra; AD =2AH =a3

Vay

‘Auﬁ+%‘ :‘ALLE‘ =AD :r:Lﬁ.

» Chon DUNG.

(d)

Ta co

Dé th

Vay

B Bej-y

L L
‘BG ] BC‘ :‘CG‘ —cG =2

2

LA WAL LA LA LR LR LR

. BG- BC =BG+CB=CB+BG=CG

G =AG=2AH=2 @ zﬁ
sy 3 372 3
3
3

» Chon SAL
» Cau 38.Cho sau diém A/ BC.D.EF Kni dé:

Ménh dé

Sai

(a

)

TLEY TNy 1y Ly R T

AB+CD+EF- CB- ED =FA

(b
)

T T Ty Ry TR

AB- AF+CD- CB+EF=DE

(c

)

Il  LEEl  TELN &0

AB+CD =AD+CB

d
)

T O O LLET OO ORlT

AC+BD+EF=AF+BC+ED

o Loi giai

L T e e T

(a) AB+CD+EF- CB- ED =FA |

AR AN LAl LAl LEmd LAE LARS LAl AL LAmd

Ta cé :AB+CD+EF- CB- ED =AB+CD + EF+ BC+ DE
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LA LA UL LW L L L L L L L
—=(AB+BC)+(CD + DE)+ EF =AC + CE+ EF =AE+ EF =AF
o 2EMOBSAL |, |
(b) AB- AF+CD- CB+EF=DE
Ta cé :AB- AF+CD- CB+EF =FB+BD+EF =FD + EF =ED
» Chon SAI.

LERD LAED  LEAN RS

(c) AB+CD =AD+CB,

Ta c4: AB+CD =AD+CB+< AB- AD =CB-CD = DB=DB_
ww .Chon PUNG,
d) AC+BD+EF=AF+BC+ED

LEAN LA LAS LAEE LARE LB

Ta c6: AC+BD+EF =AF+BC+ED
= (AC- AF)+(BD- BC)+(EF- ED) =0

LR LA LR LR ]

w I
= FC+CD +DF=0+= FD+DF =0.

» Chon DPUNG.
» Cau 39.Cho hinh binh hanh ABCD ¢6 O 13 giao diém cta hai dudomg chéo. Khi dé:
Ménh dé bun | o
LY T TLLEN g

(@ | AB+AC =AD

(b | Ac+BA=AD

(c ‘A“E+ﬁ‘ —AC

d ‘EUB+ALLEI‘ :\&- E"ﬁ\
) | Néu thi ABCD 13 hinh thoi.

o Loi giai

(a) AB+AC=AD

Ta Cé: AB+AC =AD
» Chon SAI.
(b) AC+BA =AD

LEAN  LARD LAAE LARE

Ta c6: AC+BA =BC =AD (yvi ABCD 13 hinh binh hanh).

» Chon PUNG.
LLED  LBLE
‘AB+AD‘ =AC
()
A"ﬁ+%‘ —‘E"a —AC
Ta cé ‘ , (vi ABCD 13 hinh binh hanh).
» Chon DUNG.
i+ 4B -ich- &5
(d) Néu thi ABCD 14 hinh thoi.
LLEI  LLAR Ll LLALJ LA LLI
, ‘AB+AD‘ :‘CB— C‘D| - ‘Aq :‘551 < AC=RD
Ta co: .
Vi ABCD 13 hinh binh hanh cé hai duong chéo béng nhau nén ABCD 13 hinh
chir nhat.

» Chon SAI.
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» Cau 40.Cho tam giac ABC . Cac diém M N.P 1an luot 1a trung diém ctia ABAC,BC ghi

do:
Ménh dé D;“ Sai
()a AM- AN =NM
()b MN- NC =MP
()C MN- PN =MP
()d RP- CP=PC
o Loi giadi
Dé thay t&r giac AMPN,MNCP 13 hinh binh hanh
A

(a) AM- AN =NM
AM- AN =NM
» Chon PUNG.
(b) I'L{E*J NC MP

L,l.,l.,I,ILLlIIU.,LI,ILIJ.ILI.,IIILLH.ILI.,U)

MN- NC =MN- MP =PN (NC:I'L{P
s »-Suh(-)&uSAI‘
(c) MN- P’N MP

LR LARAND LR LLAN

Ivﬂ*J PN =MN + NP =MP
» Chon DUNG.

» Chon SAI
» Cau 41.Cho hinh vuong ABCD canh 4, ¢ O 1a giao diém hai duong chéo. Khi dé:
Ménh dé D;“ Sai

()a O 1a trung diém cta AC,.BD

LLHI U
()b OA - C‘E“ —a2

(C LT o

| AB+DC“
()d E’"D“ b‘g‘ a2

o Loi giadi

(@) O 14 trung diém cua AC,BD
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O 1a giao diém hai duong chéo nén O 1a trung diém cta

» Chon PUNG.

(b)

LI
OA -

\b‘ﬁ-?-}a:aﬁ

ur, ug o owr
55 05 & |- -2

» Chon SAI

45, 5
(c)

Au§+5;"3‘ :‘thLAL_uE“ =2

=d

» Chon SAI

cb- DA
@'
CD-

a2

2

B 8- 848 = -5

» Chon SAI.
» Cau 42.Goi O 1a tAm hinh binh hanh ABCD | Khi dé:

Ménh deé

AC,BD

Sai

(a

)

ENT LT LENT

OA - OB=CD

(]
)

LT  om COEm LLHET

OB- OC =0D- OA

(c
)
(d

)

LR LR

AB- AD =DB

TN

BC- BA =DC- D

o Loi gidi

LA

(a) OA-OB=CD

LAED LAl LAl LA

Ta c6 OA- OB=BA =CD_
» Chon PUNG.

LALE LR

LLEM  LLEE

(b) OB- OC =OD- OA

Ta co

-
O

__ » Chon SAL
(c) AB- AD =DB,

LMD LAAE LR

Ta c6 AB- AD =DB.
» Chon PUNG.

AR LR

LEAN  LEAR

(d) BC- BA=DC- DA

Ta co

LI

(W N TR Wi
BC- BA =AC
[TTT T

L
DC-DA =AC

» Chon PUNG.
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» Cau 43.Cho tam giac ABC . Goi M.N.P 1an luot 14 trung diém cta BC.CA | AB, Khi dé:

Ménh dé bun | o

g
()a T giac BMNP 3 APMN 13 hinh binh hanh

(b T oy CoEr

) BM+CN+AP =

TELT TLET TLHT TEEN
(c

) AP+AN- AC=BM

()d OA+OB+0C =OM+ON +0P v4i O 13 diém bat ki

o Loi giai
A

B M C
(a) Tt gidc BMNP yg APMN 4 hinh binh hanh
(BP//MN;BP =MN

BMNP
NP//MB:NP=MB

Tacod ! 1a hinh binh hanh
[AP//MN: AP =MN
Aﬁffuﬂlm _yp~ APMN
Tac I = 14 hinh binh hanh
»u.(;..ho..{l,.,.DUNG

(b) BM+CN+AP = 0,
BMNP 13 hinh binh hanh = BM —PN
Vi N 13 trung diém cta AC= CN Mfl

L Lo U..I.-I LM LM
, ,  BM+CN+AP=(PN+NA)+AP =PA + AP =0 (x)
Do do theo quy tac ba diém:

» Chon PUNG.

AR LA LM LRRN

(c) AP+AN- AC=BM
Vi ti giac APMN 13 hinh binh hanh nén AP "‘AN AMr

MMMMMMMMM

Ket hO'p VO’l quy taC tru' = AP+ AN- AC+BM =AM- AC+BM = CM#‘W
Ma CM+ BM =0 do M la trung diém cua BC

AR LABE  LEAM LRl LI.J..I

Vay AP+ AN- AC+BM = DmAP+AN AC‘ - BM
» Chon SAI.

Lams lamd AN LA LARE LM

(d) OA+OB+0OC =OM+ON+0OP y; O 14 diém bdt ki.

LM L um L L LLLE L Lo LM
. OA +0B+0C =(0P+PA)+(0M + MB)+(ON + NC)
Theo eo quy tac ba di€ém ta c6

—(OM+ON+OP)+ PA + MB+ NC =(OM+ON +OP)- (BM +CN + AP

La1 co ﬁk'uf"'CN"'AP: * suy ra OA+0OB+0OC :DM+DN+DP
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» Chon DPUNG.
» Cau 44.Cho hinh binh hanh ABCD véi M va N 1an luot 14 trung diém cta BC va AD,
Khi do:
Ménh dé D;“ Sai

()‘Jl DA +DC =DB

(b TLEY T AT TENT

) CM+CN+AB=CD

()C MA + MC =0

«@ AM+CD =BM

B M C
(a) DA+DC=DB

Theo qui tac hinh binh hanh ta c: DA +DC=DB
» Chon DUNG.

LAEY LEAM LRl LR

(b) CM+CN+AB=CD
Do AMCN 13 hinh binh hanh, ta c6: CM+CN =CA

Suy ra ﬁ+&+ﬁ:ﬂ+ﬁ:&
» Chon SAIL
(c) IMH+MC E}

Do AMCN 14 hinh binh hanh, ta c¢:

LA LR AR I ]

MA + MC =MN < MA + MC+ND + DM =MN+NM =
» Chon SAI.

(d) AM+CD =BM

Do ABCD 13 hinh binh hanh, ta c¢6 CD =BA , suy ra AM+CD =AM+ BA =BM
» Chon PUNG.

» Cau 45.Cho ABCD 13 hinh vuéng tam O ¢6 canh 4. M 1a mot diém bat ki trong mat
phang. Khi do:

Ménh dé D;“ Sai

()‘Jl OC =AO

HhRuRT

(C T O UL

) ‘AB DC‘+DD‘ =0

(d TELT TELT TLET TELAT

Do dai vecto MA- MB- MC+MD hang DC
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(@ OC =AO
» Chon DUNG.

LLLI LAY

‘AB+DD‘ —AO

(b)

 Loi gidi
‘.R’ A B
D C

AR LEml 0 LLED LEAM LARD LLEd LR AN

Ta c6 OD =BO = AB+0D =AB+BO =AO

Auﬁﬂ%ﬁ‘ :‘Auﬁ+¥‘ :‘%‘ =AQD

» Chon DUNG.

LLLl LLNI  LLLN

(c)

‘AB— DC+DD‘ =0

Ta c6 OC=A0

L L Ll uam Ll

AB- OC+0D =AB- AO+0OD =0B+0D =0

Suy ra ]
» Chon D-LH,.NG@

(d) Po dai vecto MA- MB- MC+MD ping DC

(WU U ¢V VU RV ET TR Y TR Wi

Ap dung quy téc trir ta cé

L L g

MA- MB- MC+MD =BA -

L&y B la diém d6i xtng ctia B qua A
I LLI T LU Ll veaa :
Khi d6 - DC =AB = BA- DC =BA +AB =BB

U Ul Ul Ul
| MA - MB- MC+MD|=

Suy ra
» Chon SAI

» Cau 46.Cho tam gidc ABC déu cé canh bang 34. Khi dé:

L
‘BB| —BB

Ménh dé

= |3%- (%E'+(leﬂ‘ =0

Sai

(a

)

AO ::-%a%

(b
)|
(c

)

LI o

AB- AC“ =2a

% T

d

)

Au§+%‘ :ﬂ-\/?_p

o Loi giai
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A
3a 3a
B 5 C
D
AO :3a£
(a) 2
‘ . AO :E'.a£
Ta c6: tam giac ABC @éu c6 canh bang 3a do dé 2
» Chon DUNG.
LLLI LW
‘AB— AC“ =2a
(b)
LW L LLI LW L L
 AB- AC=CB= ‘AB— AC“ :‘6‘51 =CB=3a
Ta co:
» Chon SAI.

LALI Ll um

‘AB— CB- AC‘ —0

(o)
AB- CB- AC =AB- AC- CB =CB- CB=0
LW L LI
- ‘AB- CB- AC“ —0
» Chon PUNG.
LLL LA
‘AB+AC“ —a3
d)

Dung hinh binh hanh ABDC | Theo qui tac hinh binh hanh ta c6 AB+AC=AD
Goi O 1a giao diém ctia AD va BC,
3 TV TR TU T
A0 =3a£ = ‘AB+AC“ :‘AD‘ =AD =240 =3a\3
Ta c6 2
» Chon SAI
C. Cau hoi - Tra 10i ngan
» Cau 47.Cho hinh thang ABCD ¢6 hai déy AB=1,CD =2 Goj M,N 131 luot 1a trung diém

wan L o
AD va BC_ 7 DM BN -
v Tra loi: 1,5  Loi gidi
" . 0 8,58
Ta co:

LLLr L0 L LI
=[MA + AB+ BN| [ MN| =MN ABCD 3 s

o rits: Nor it
= +. =
» Cau 48.Cho hinh vuéng ABCD ¢6 tam 1a O va canh ! Tinh ‘ 631 ‘ ‘
lam tron dén hang phdan muoi.

Két qua

o Loi giai
v Tra loi: 2,1
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A wed AR AN AN AN LR

+ Vi O 1a tdm ctia hinh vuéng nén OA =CO syy ra OA- CB=CO- CB=B0
wm  ur, um v!?
‘DA- C‘B1 :|BD‘ _N<

+ Do ABCD 13 hinh vuéng nén CD =BA syy ra (D - DA =BA+AD =ED

v ‘ﬁ‘ =RD =JAB +AD" =a\2

LLE] LAT Lo LA
|DA- cq+‘cr:- DA‘ :£+.E==:z,|
Khi d6 2

» Cau 49.Cho tam giac ABC(AB<AC)AD la phan giéc trong cta goc A. Qua trung diém
M cta canh BC, ta ké dwong thing song song véi AD, cat canh AC tai E va

UL (R
, L CM- EM‘
cét tia BA tai F. Biét rang AB=6 va 4BD =3BM  Tinh:
o Loi gidi
v Tra loi: 8
Ta cé: CM- EM =CM + ME =CE
CE CM BA BD
ME| AD= == ==2(1) AD| MF= == =22
Ta c6: 14P= o CD(); I M= 37 HM()
CE AB_ED
Nhéan theo vé (1), (2) véi BM =CM | ta dquoc: BF AC CD
ED _AB
Theo gia thiét, AD 1a phan giac cia géc A nén CD AC (4).
E =1= CE=HF
T (3) va (4) suy ra BF (5).
T (2): BF BM 4 3 3 (6).
Tir (5) va (6) suy ra CE=BF =8,
M - =ICE =CE =58
vay CM EM|=[CE| =CE=8
UL UL
‘AB+BM‘

» Cau 50.Cho hinh vuéng ABCD canh 2,M 13 trung diém BC. Tinh . Két qua
lam tron dén hang don vi.

o Loi gidi
v Tra loi: 2
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Ta co: ‘Auﬂ+ﬁtu{‘ :w :AM.

Theo dinh li Py-ta-go: AM" =AB +BM" =2"+1" =5 = AM=a/s
LA L
) ‘AB+H\4" =AM =[5 ~2
Vay
AB+AC+AD
+.
» Cau 51.Cho hinh vuéng ABCD canh 2'M 13 trung diém BC. Tinh ‘
qud lam tron dén hang don vi

. Két
o Loi giai
v'Tra loi: 6
LW LLAR L L

Ta co: AB+AC+AD (AB+AD)+AC—AC+AC

Goi E ddi xtimg véi A qua C -, Suy ra AC CE

Khi dé: B+AC‘+AD —AC‘+AC‘ AC‘+CE AE

Ta c6: AE=2AC =222 =42 (do AC 1a dwong chéo cta hinh vuéng canh 24

). LW LM LLR
~ |AB+AC +AD‘ —AE =4.f2 ~6

Vay .

» Cau 52.Cho tam g}ﬁ(‘: V&Q{}g ABC ¢6 céc canh géfuvuéng 1a AB=LAC =2 piém M thda
man AC- AB=AM  Tinh d6 dai vecto AM? Két qud lam tron dén hang phdn
muoi.

o Loi giai
v Tré 1oi: 2,2
M

LE T R e

Ta 0. AC- AB=AM = BC =AM _
V& hinh binh hanh ABCM | ta ¢6 diém M thda man.



—

Q
‘M AM BC—-J| + 22 —Iaz,z.

F IFz c6 diém dat A tao véi nhau géc 45, bist réng cuong dé clia
hai luc E va © 1an luot bang 9ON.90N  Tinh cudng d6 téng hop caa hai luc
trén? Két quad lam tron dén hang don vi.

o Loi gidi
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Ta co:

» Cau 53.Cho hai lch

v ' Tra loi: 139
A F 60N B

135%™,

LEml Umi LLAN

Pat F ABF, =AD
£ h1nh binh hanh 'ABCD

mu.umnua.u

Ta c6: F+F AB+AD = flC‘

vi BAD =45 = ABC =135, AD =90 =BC
Theo dinh 1i cosin ta co:
AC* =APB +BC - 2AB -BC -00s135

2

=60" +90° - 260 90 - 5 =19336,75= AC =139

: - u w i
b ‘FI+E‘===I 39N

Vay vecto hop luc cﬁ co d6 16m la:

»Cau54ChobahrcF MJ‘LF ﬁ{BF MC

cung técwdc}ng vao mét 6 to tai diém M va 6
t6 ding yén. Cho biét cuong dd hai lyc F.E géu bang 25N va goc AMB=60"

Khi d6 cuong do E dat bao nhiéu niuton? Két qud lam tron dén hang phadn
muoi.

v"Tra loi: 43,3

LY DY P v ) LN LRI

F+F, =MA + MB=MD

Ta cé: (v6i D 1a d@iém sao cho AMBD 13 hinh binh hanh)
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» Cau 55.Cho ba luc ‘F MA,F, =MB,E =MC

Chuong 05

M#Eﬁ':‘h‘ =25N I»{B#ﬁu%:‘ﬁ":zjw
va

Ta co:

MD =2 “5"’_ =25J3(N)

Do AMB=60 pan DMAB 13 tam giac déu. Khi do:

Do 6 to C}u*ng 3; lnen cuong do hrc tac dung 1én 6 t6 bang 0 hay

E=(F+E ‘F‘ ‘ F+F]:|:DM| MD =25\/3(N)
Suy ra:

1 4 -
Vay cuong do cia B 1a 2573 (N) ~43,3(N)

cﬂlmg tdc dong vao mot vat tai diém M va
vt ding yén. Cho biét cuong d cua F.F, 46ubang 100N va géc AMB=90  Khi

d6 tinh cuong do cua luc E ket quad lam tron dén hang don vi.
A

o Loi giai
v Tra loi: 141

Vé hinh vuong ADBM | canh MA =100 th‘1 MD =100y2 .
Theo qui tac hinh binh hanh cé Mﬂ" "‘f‘m f"m . Vat ding yén khi F MD

o ‘F‘ —mﬂJ_ N
Suy ra cuwong do cua luc E 1a;
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