Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

m Bai toan ve tiep tuyen thuong gap

Céu 1;

Céu 2;

Céau 3:

Cau 4:

Cau 5:

Céau 6:

Cau7:

Cho ham s y = x°+(m—1)x* —3mx+2m+1 ¢6 dd thi (C,, ), biét ring do thi (C,,) ludn di

qua hai diém c6 dinh A B. C6 bao s nguyén duong m thude [-2020;2020] dé (C,,) c6 tiép

tuyén vudng goc v6i dudng thing AB ?
A. 4041. B. 2021. C. 2019 D. 2020.

Cho biét tiép tuyén cla do thi ham s6 y = f (X) tai diém c6 hoanh d6 x=1 13 y=2x-1.
Phuong trinh tiép tuyén ctia d6 thi ham s6 y = f (ZX2 —1) tai diém c6 hoanh d6 x =1 la

A. y=4x-3. B. y=5x-4. C.y=8x-7. D. y=6x-5.

Cho dd thi (C) cta ham sb y = % Viét tit ca cac phuong trinh tiép tuyén cua (C), biét

khoang cach tir diém 1(1;2) dén tiép tuyén bang J2.

A. x+y-5=0. B. x+y-1=0 va x+y-5=0.
C. x+y+1=0va x+y+5=0. D. x+y-1=0.
(2m-1)x—-m

Cho ham sé y = (m=0) c6 do thi (C,). Biét rdng ton tai duy nhat mot duong

X+m
thang (d) c6 phuong trinh y =ax+b sao cho (C,) ludn tiép xuc voi (d).Giatricua a+b la
A. -3. B. 1. C. -1. D. 2.
Cho ham s6 y=f(x) xé dinh va c6 dao ham trén R , théa man:
[ f(1+x)] +2.f (1+x)-21x—3=0. Viét phuong trinh tiép tuyén cua dd thi y=f(X) tai
diém c6 hoanh do x, =1.
A. y=3x+1. B. y=3x+2. C. y=3x-2. D. y=3x-1.

Xétdiem M c6 hoanh d¢ la s nguyén thudc d6 thi (C):y = 2X_+11 . Tiép tuyén cuia dd thi (C)
X —_

tai diém M cat dudng tiém cin ngang cua (C) tai diém A. Hoi c6 bao nhiéu diém M thoa

diéu kién A céch géc toa d0 mot khoang cach nho hon 2\/5 ?
A 6. B.5. C.7. D. 4.

Cho ham sb y = f(X) ¢6 @6 thi (P) nhu hinh bén va duong thang A:y = 2x—2 1 tiép tuyén

cia (P)tai diém A.Xét ham sb g(x):@. Tinh 9'(2).
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Céu 8:

Céau 9:

Céu 10:

Céu 11;:

Céau 12:

1 1 1 1
A g'(2)==. B.g'(2)==. C 2)=—=. D 2)=—=.
0'(2)= 0'(2)=2 5'(2) = 5(2)=-2
Trong mat phang toa dd Oxy, gid str do thi (G) cua ham sO y = n3 cat tryc tung tai di€ém
A va tiép tuyén cua (G) tai A cit tryc hoanh tai diém B . Tinh dién tich cta tam giac OAB.
A. 0,603. B. 0,414 C. 0,829. D. 1,207.

Cho ham s0 y = f (x)=x*-3x 6 dd thj (C) vaham s6 y=g(X)=Xx* ¢6 do thi (P). Hoi hai
dd thi (C) va (P) c6 tat ca bao nhiéu tiép tuyén chung?
Al B. 0. C.3. D. 2.

X+1

Cho ham s6 y = +2 ¢6 @6 thi (C) va duong thang d : y = —2x+m—1(m la tham sb thyuc). Goi
X+

k,,K, 12 hé s6 goc ctia tiép tuyén ctia (C) tai giao diém cia d va (C). Tinh tich k_k,.

A kk,=2. B. k.k, =%. C. kok, = 4. D. k .k, =3.
. NS U \ 1 X' -3x+4 | \ , .
Goi (C) 1a do thi cua ham so6 yz—l va (P) la Parabol co6 phwong trinh
X_

y =ax’ +bx—8. Biét tir diém A(4;1) ké dugc hai tiép tuyén véi (C). Goi k;;k, 1a hé sb goc
ca hai tiép tuyén d6 va goi | la dinh cua (P). Khi (P) di qua M (k;0),N (k,;0), tinh ban
kinh R ciia duong tron ngoai tiép tam giac IMN.

47 9 12

A . R=——7. B. R=—. C.R=—.
100 2 25

161

D. R=—.
36

Chohamsé y= f(x) liéntuc trén R va hai duongthing A, :y=h(x) va A,:y=g(x) c6dd
thi nhu hinh v€ dudi day.
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Céu 13:

Céu 14:

Cau 15:

Cau 16:

YR bbbl
y

/ I 2
, Lz ‘ Coan . , X . o4e2 , \ a ,
He s6 goc k cua ti€p tuyén voi do thi (C'):y = ———— tai diém c6 hoanh do x =2 c6 dang

k= %. Khi d6 a+b thudc khoang nao sau day?
A. (15;25). B. (—20;10). C. (60;80). D. (-30;-21).

Goi S latap tat ca cac gia tri cua tham s6 m dé duong théng y=3x+m tiép xtic voi do thi ham
s& y=x®+1. Tong tit ca cac phan tir cia S bang
A. 0. B. 2. C. -1. D. 3.

Cho f(x) 1a ham da thec c6 d6 thi nhu hinh vé bén.  Goi
S={f'(a),f'(b),f'(c),f'(d), f'(0)}. Phin tir 16n nhét trong tap hop S Ia:

F v

b - - -

[} [ pep—

1
1
1
L
@ 2 b d £

A. f'(a). B. f'(b). C. £'(0). D. f'(d).

Cho biét tiép tuyén cia do thi ham s6 y = f(X) tai diém c6 hoanh @6 x=1 1a y=2x-1.
Phuong trinh tiép tuyén ciia d6 thi ham s y = f (ZX2 —1) tai diém c6 hoanh do x =1 I

A. y=4x-3. B. y=5x-4. C.y=8x-7. D. y=6x-5.

Cho ham sé y = x* —2x* ¢6 do thi (C) Tiép tuyén cua (C) tai A cét (C) tai B(Xz; y2) voi
B khac A thoa Y, —Y, =—24(X,—X ). S6 diém A théa man la

A. 1l B. 3. C. 2. D.0.
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Cau 17:

Cau 18:

Cau 19:

Cau 20:

Céu 21:

Cau 22:

X+2

Cho ham sb y = . c6 dd thi (C) va diém A(0;a). Cé tat cd bao nhiéu gid tri nguyén cta a

trong doan [-2018;2018] dé tir A ké duoc hai tiép tuyén dén (C) sao cho hai tiép diém ndm
vé hai phia cua truc hoanh

A. 2019. B. 2020. C. 2017. D. 2018.

Chohamsé y=x*—2x* c6dd thi (C). Tiép tuyénctia (C) tai A cat (C) tai B(X,;y,) voi B
khéc A thoa Y, —Y, =—24(X,—X ). S5 diém A thoa min la

A L. B. 3. C. 2. D. 0.

2 5 g 1 2 iy L R
Tim di€ém M c¢6 hoanh d§ am trén do thi (C) Y= 3 X2 — X+ 3 sao cho tiép tuyén tai M vudng

. . 1
goc voi duong thang d 1y = —§x+§ :

A M (-2;-4). B. M (—1;%). C. M(-2;0). D. M (2;—%).

Cho da thirc f(x) vé6i hé s6 thuc va théa man diéu kién 2f (x)+ f (1-x)=x*,Vx e R. Biét
tiép tuyén tai diém c6 hoanh d6 x =1 cta dd thi ham s6 y = f (x) tao véi hai truc toa do mot

tam giac. Tinh dién tich ctia tam gidc do?

A l B. § C.

p. 2.
6 2 3

w |

_2x+1

Xét diém M ¢ hoanh d¢ 1a sé nguyén thudc do thi (C):y T Tiép tuyén cua dd thi (C)

tai diem M cdt duong tiém can ngang cia (C) tai diém A. Hoi c6 bao nhiéu diém M thoa

diéukién A cach gbc toa dd mot khoang cach nhé hon 2+/10 ?
A. 6. B.5. C.7. D. 4.

Cho ham sb y = f(X) ¢6 d6 thi (P) nhu hinh bén va dudng thang A:y = 2x—2 1a tiép tuyén
cua (P) tai diém A . Xéthamsb g (x)= @ Tinh g (2) .
y=flx)
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Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

)
In3
A va tiép tuyén cta (G) tai A cit truc hoanh tai diém B . Tinh dién tich cta tam giac OAB.

A. 0,603. B. 0,414 C. 0,829. D. 1,207.

Trong mat phrfmg toa do Oxy, gia su dd thi (G) ctia ham sb Yy = cit truc tung tai diém

Cho ham s6 y = f (x)=x*-3x ¢6 d thi (C) va ham s6 y=g(x)=Xx* ¢6 d thi (P). Hoi hai
dd thi (C) va (P) c6 tat ca bao nhiéu tiép tuyén chung?
A L. B.O. C. 3. D. 2.

X+1
X+2

Cho ham sb y = ¢6 @6 thi (C) va duong thing d : y = —2x+m—1(m 1a tham sb thuc). Goi
k,,k, 12 hé s6 goc cia tiép tuyén ctia (C) tai giao diém ciia d va (C). Tinh tich k_k,.

A kk, =2. B. k.k, :%. C. kok, = 4. D. k .k, =3.

x> —3x+4
x-1

y =ax’ +bx—8. Biét tir diém A(4;1) ké dugc hai tiép tuyén véi (C). Goi k;;k, 1a h¢ s6 goc

cua hai tiép tuyén d6 va goi | 1a dinh cua (P). Khi (P) di qua M (k;0),N (k,;0), tinh ban

Goi (C) 1a d6 thi cua ham so y= va (P) la Parabol c6 phuong trinh

kinh R ctia dudng tron ngoai tiép tam giac IMN.

A.Rzﬂ. B.R:g. C.R:E.
100 2 25

161

D.R=—.
36

Chohamsé y = f(x) liéntuc trén R va hai duong thang A, :y=h(x) va A,:y=g(x) c6 do

thi nhu hinh v€ dudi day.
2 !
i y = h(x)
7 1 o p n
A A g Y £ S O ' (X).h(X) <102 . R A .
H¢ so goc k cua tiép tuyén voi do thi (C ) Y= T) tai diém c6 hoanh do x =2 co6 dang
X

k= %. Khi @6 a+b thudc khoang nao sau day?

A. (15,25). B. (~20;10). C. (60;80). D. (-30;-21).
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Cau 28:

Céu 29:

Cau 30:

Cau 31:

Céu 32:

Céau 33:

Cau 34:

Céau 35:

Goi S 1a tap tat ca cac gia tri cua tham s6 m dé duong thang y =3x+m tiép xtc voi do thi ham
s y=x>+1. Tong tat ca cac phan tir cia S bang
A. 0. B. 2. C. -1. D. 3.

Cho f(x) 1a ham da thec c6 d6 thi nhu hinh vé bén.  Goi
S:{f'(a),f'(b),f'(c),f'(d),f'(O)}.Phﬁnt&lé’nnhéttrongtaphqp S la

F )

b - - -

Y

[ [ pp——

1
1
1
L
@ 9 b d a

A. f'(a). B. f'(b). C. £'(0). D. f'(d).

Cho biét tiép tuyén cta do thi ham s0 y = f (X) tai diém c6 hoanh d§ x=1 1a y=2x-1.
Phuong trinh tiép tuyén cia do thi ham s6 y = f(2x2 —1) tai diém c6 hoanh d6 x =1 1a

A. y=4x-3. B. y=5x-4. C.y=8x-T7. D. y=6x-5.

Cho ham sb y=x*—-2x* c6 db thj (C). Tiép tuyén cua (C) tai A cat (C) tai B(X,;Y,) voi
B khac A thoa Y, —Y, =—24(X,—X ). S6 diém A théa min la

A 1l B. 3. C.2. D.0.

X+2

Cho ham sb y = 1 c6 dd thi (C) va diém A(0;a). Cé tat cd bao nhiéu gid tri nguyén cua a

trong doan [-2018;2018] dé tir A ké dugc hai tiép tuyén dén (C) sao cho hai tiép diém ndm

vé hai phia cua truc hoanh
A. 2019. B. 2020. C. 2017. D. 2018.

Chohamsé y=x*—2x* c6dd thi (C). Tiép tuyénciia (C) tai A cit (C) tai B(X,;y,) voi B
khac A thoa y,—Y, = —24(X2 —Xi). S6 diém A thoa man 1a
A 1. B. 3. C.2. D. 0.

2 A 1 2 ” . R
Tim diéem M c¢6 hoanh d6 am trén do thi (C) Ny = 3 X=X+ 3 sao cho tiép tuyén tai M vudng

goc voi dudng thang d:y = —%X+§ :

A M(-2;-4). B. M (-1;%]. C. M(-2;0). D. M [2;-%).

Cho da thire f (x) véi hé s6 thuc va théa man diéu kién 2f (x)+ f (1-x)=x*,Vx e R. Biét
tiép tuyén tai diém c6 hoanh d6 x =1 cta dd thi ham s6 y = f (x) tao véi hai truc toa do mot

tam giac. Tinh dién tich cta tam gidc d6?
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Céu 36:

Cau 37:

Céau 38:

Cau 39:

Cau 40:

Cau 41:

A l B.

6

p. 2.
3

C.

N | W
w |~

Goi (P)1a dd thi ciia ham s6 y = X" +2x+2 va diém M di chuyén trén (P). Goi (d,),(d,) la
cac dudng thang qua M sao cho (d,) song song véi truc tung va (d,),(d,) dbi xémg nhau qua
tiép tuyén cua (P) tai M. Biét ring M di chuyén trén (P) thi (d,) luén di qua diém c6 dinh
| (a;b). Péng thirc nao sau day ding?

A. 3a+2b=0. B.a+b=0. C.an=-1. D. 5a+4b=0.

. 1 . . . )
Cho ham s6 f(X) =X+ ; . Cho diém M (a;b) sao cho c6 diung hai ti€p tuyén cua do thi ham

s6 Y= f(X) di qua M, dong thoi hai tiép tuyén ndy vudng goc véi nhau. Biét diém M ludn thude
mot dudng tron ¢d dinh, ban kinh cta duong tron d6 1a

A 2. B. 4. c. L. D. 2.

Chohamsd y = f (x)=x"=2x"+x* co dd thi (C).Goi S latép chia tat ca cac gia tri thuc cta
tham s6 a dé c6 ding 2 tiép tuyén ké tir A=(a;0) dén (C). S phan tirctia S 1a

A 0. B. 4. C.2. D. V6 s6.

Cho ham s6 y = f (x)=x*—2x>+x* ¢6 d0 thi (C). Goi S 1a tap chira tat ca céc gia tri thuc
cua tham s a dé c6 dung 2 tiép tuyén ké tir A(a;0) dén (C). S6 phéan tir cia S 12

A. 0. B. 4. C.2. D. v sd.

2 2
X“+2mx+2m° -1 L
cat truc hoanh tai hai diém

Goi m la gia tri d¢ do thi (C,,) ctia ham so y =

x-1
phén biét va cac tiép tuyén véi (C,,) tai hai diém ndy vudng géc véi nhau. Khi d6 ta co
A . me(2). B. me(-2;-1). C. me(0;1). D. me(-10).
A \ 2 , A a:R , A 1. £ A 1 X+3
Trén duong thang d :y =2x+1 c¢6 bao nhiéu diém c6 thé ké dugc dén do thi (C): y= 1
X_

dung mot tiép tuyén.
A. 5. B. 4. C. 3. D. V0 sb.
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Cau 1;

Cau 2;

HUONG DAN GIAI CHI TIET

Cho ham s6 y = x> +(m—1)x* —3mx+2m+1 c6 d6 thi (C,,), biét rang dd thi (C,,) luén di qua
hai diém c6 dinh A, B. C6 bao s6 nguyén duong m thudc [-2020;2020] dé (C,,) c6 tiép tuyén

vudng goc voi duong thang AB ?
A. 4041, B. 2021. C. 2019 D. 2020.

Loi gidi
ChonC
Ta tim toa d6 hai diém cd dinh A,B.

Taco y=x°+(m-1)x* —3mx+2m+1e> m(x* —3x+2)+x° —x* +1-y=0. Toa 40 hai diém

¢6 dinh A, B 13 nghiém hé

{x2—3x+2=0 {x:l,yzl
=N

x:2,y25:> A(L1),B(25).

XX —x*+l=y
Khi d6 ta c6: (AB):—4x+y+3=0<(AB):y=4x-3.
Hé s6 goc cuia tiép tuyén véi (C,,) tai M (%,;Y,) 12 y'(%,)=3%5 +2%,(m-1)-3m.
Vi tiép tuyén vudng goc véi AB nén y'(x,).4=-1.
Suy ra: 4.(3x; + 2%, (M—-1)-3m)=-1<>12x¢ +8(m-1)x, ~12m+1=0  (*)
Dé phuong trinh (*) c6 nghi¢m thi

, 2 ) m < —6,69
A'=[4(m-1)] -12(1-12m)> 0 <= 16m° +112m+4 >0 <
m > —0,036
Vi me[-2020;2020] va me Z" nén 1<m<2020.
Vay ¢6 2019 gia tri m nguyén duong.
Cho biét tiép tuyén cta do thi ham s6 y = f(X) tai diém c6 hoanh @6 x=1 1a y=2x-1.
Phuong trinh tiép tuyén ctia d6 thi ham s6 y = f (2X2 —1) tai diém c6 hoanh d6 x =1 1
A. y=4x-3. B. y=5x-4. C. y=8x-7. D. y=6x-5.
Loi giai
Chon C
Vi tiép tuyén ctia do thi ham sd y = f (X) tai X=1 c¢6 phuong trinh la y=2x-1

f'(1)=2
:{f((l))=1 |
Pat g(x)=f(2x*-1); g'(x)=4x.f'(2x° -1);¢'(1)=4.f'(1)=42=8;g(1)= f (1) =1
Phuong trinh tiép tuyén cén tim 1a: y=g'(1)(x-1)+g(1)
< y=8(x-1)+1< y=8x-7.
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Cau 3:

Céu 4:

\ o . 2x-1 _ ., » . L
Cho d6 thj (C) ctia ham s6 y = ~1 Viét tat ca cac phuong trinh ti€p tuyén cua (C), biét

khoang céch tir diém 1 (1;2) dén tiép tuyén bing 2.

A. X+y-5=0. B. Xx+y-1=0 va x+y-5=0.

C. Xx+y+1=0va x+y+5=0. D. x+y-1=0.
Loi giai

Chon B

Taco y' = -1

(x-1)°

Phuong trinh tiép tuyén cta (C)c6 dang:

-1 2%, -1
X=X, )+
(Xo—l)Z( 0) Xo_l

‘1+ 2(%, —1)" = 2x,2 +2x, —1‘

& X+ (% —1)° y—2x%2 +2% -1=0

y:

N

Theodéd(l,A)z«/E@ -
1+(%, 1)

X, =2
Q(x0—1)4—2(x0—1)2+1=o@(x0—1)2=1@L° .

0:
Véi X, =2 ta c6 phuong trinh tiép tuyén: y=—(x—2)+3 < x+y-5=0.
Vi X, =0 ta c6 phuong trinh tiép tuyén: y:—(x—0)+1<3 X+y-1=0.
(2m-1)x—-m

(m=0) c6 do thi (C,). Biét rdng ton tai duy nhat mot duong
X+m

Cho ham sé y =

thang (d) c6 phuong trinh y =ax+b sao cho (C,,) luén tiép xtc véi (d). Gia tri ciia a+b 13

A. -3. B. 1. C. -1. D. 2.
Loi giai
Chon B
2
Taco: y' = 2m -
(x+m)

Puong thang (d ) ludn tiép xtic v6i do thi (Cm) suy ra h¢ phuong trinh sau luén c6 nghiém véi

moi gid tri m=0.

2m2 2m2 2m2
o d ———=a(x+m) =ax+am (1)
(x+m) - (x+m) (x+m)
— —2m?2 2
M:aﬂb (2m-1)(x+m)=2m =ax+b |(2m-1)- 2l =ax+b (2)
X+m X+m X+m
2 —_— —
Léy (1) trir (2) theo vé ta dugc: —(2m—1)+ 4m —am-b <1 :(a+2)m b-1
X+m X+m 4m

(a+2)m—(b+1)
4m

2
Thay vao (1) ta dugc: [ j :% <((a+2)m—(b +1))2 = 8am’

<:>(a—2)2 m?—2(b+1)(a+ 2)m+(b+1)2 =0 (*)

9 | Facebook téc gid: Phan Nhat Linh



Cho 38 07: Tiép tuyén cla db thi ham sb

Céaub5:

Cau 6:

Vi d6 thi (C,) luén tiép xtc voi duong thang (d) nén (*) ludn xay ra v6i moi gid tri m =0

(a-2)"=0
e {2(b+1)(a+2) =017 ~7
(b+1)2=0
Vay a+b=1.
Cho ham s6 y=f(x) xi dinh va c6 dao ham tén R , théa man:

[f (1+ X)]3 +2.f (1+x)—21x-3=0. Viét phuong trinh tiép tuyén cua dd thi y=f(X) tai

diém c6 hoanh d¢ x, =1.

A. y=3x+1. B. y=3x+2. C. y=3x-2. D. y=3x-1.
Loi gii

Chon C

* Xét phuong trinh: [ f (L+x)] +2.f (1+x)—-21x—3=0.

* Tircho x=0 taco: f*(1)+2.f(1)-3=0< f(1)=3.

* Pao ham hai vé cua ta c6 3f 2(1+ X) f'(1+ X)+4f'(l+2X)—21=0.

* Tircho x=0 tadugc: 3f%(1) f'(1)+4f'(1)-21=0

=3f'(1)+4f'(1)-21=0< f'(1)=3.

* Vay phuong trinh tiép tuyén ctia d6 thi y = f (X) tai diém c6 hoanh do X, =1 la:

y=f'(1).(x-1)+ f(1)=3.(x-1)+1=3x-2.

Xétdiem M c6 hoanh d¢ 1a s nguyén thudc d6 thi (C):y = 2X_+11 . Tiép tuyén cuia dd thi (C)
X p—

tai diém M cat dudng tiém can ngang cua (C) tai diém A. Hoi c6 bao nhiéu diém M thoa

diéukién A cach gbc toa dd mot khoang cach nhé hon 2+/10 ?

A 6. B. 5. C.7. D. 4.
Loi giai
Chon B
L 3
Tacd y'=———,Vx=L.

=

Gid sit M (a;b) €(C). Khi do b= 2a+11 véi acZ,axl.
a_

Tiép tuyén v6i (C) tai diém M c6 phuong trinh la

3 (X_a)+2a+1
(a_l)z' a-1"

Do thi (C) ¢6 TCN la dudng thang d @y =2.
Tacd And =A(2a-12).

Ary=-

Theo bai rata cé OA <210 < (2a—1)2 +4<40
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c>4a2—4a—35<0©ae(—g;£)

Do aeZ,a#1=ae{-2,-10;2;3}. Vay c¢6 5 diém M thoéa man yéu cu bai toan.

Cau7: Cho ham sé y= f(X) c6 db thi (P) nhu hinh bén va dudng thang A:y=2x—2 la tiép tuyén

cua (P)tai diém A . Xét ham sb g(X):@. Tinh g'(2).

1 1 1
A g'(2)=—. B. g'(2)=-. C.g'(2)=-=. D.g'(2)=—=.
9'(2)=7 9'(2)=7 9'(2)=-7 9'(2)
Loi giai
Chon A
bat y= f(x):aX2+bX+C,V(’ri a,b,cla cac sb thuc va a>0.
Vi (P)di qua cac diém A(2;2),B(0;2) nén ta c6 h¢ phuong trinh
2=4a+2b+c 2a+b=0
{ <:>{ . (1).
2=C c=2
Vi dudng thang A:y =2x—2 la tiép tuyén cua (P)tai diém A néntaco
f'(2)=2=4a+b=2,(2).
a=1
Tir (1)va (2)suyra b =-2.
c=2

Taco y=f(x)=x"-2x+2suyra g(x)= ” » —2+=
. 2 2 1

T '(X)=1-< = g'(2)=1-S==.

acod g'(x) X2:>g() 175

cit truc tung tai diém

Cau8: Trong mit phang toa do Oxy, gia sir d6 thi (G) cia ham sb y =

A va tiép tuyén cta (G) tai A cit truc hoanh tai diém B . Tinh dién tich cta tam giac OAB.
A. 0,603. B. 0,414 C. 0,829. D. 1,207.
Loi giai
Chon C
Cho x=0= yzﬁzlogse . Khi do A(O;Iog 3e).
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Tacod y' =

(\/g)x In \/5 1 \/§ X
In3 _E( ) '
Tiép tuyén cua (G) tai A c6 phuong trinh dang:
, 1
y=y'(0)(x-0)+ y(O):§x+IogSe.
Tiép tuyén cua (G) tai A cét truc hoanh tai diém B nén B(—2I093 e;O).
Dién tich tam giac OAB la:
S= %.OA.OB = % log, e.|-2log, e[~ 0,829.
Cau9: Chohamsd y=f(x)=x*-3x c6dd thi (C) vaham sd y=g(x)=x" c6 dd thi (P). Hoi hai
dd thi (C) va (P) c6 tat ca bao nhiéu tiép tuyén chung?

Al B. 0. C. 3. D. 2.
Loi gidi
Chon D
Goi A(a;az) thudc dd thi (P). Phuong trinh tiép tuyén tai A co dang y = g'(a)(x—a)+a’.
Hay y=2a(x-a)+a’=2ax—a’(d).
Dé (d) 1a tiép tuyén cua (C) thi (d)va (C) phdi tiép xtc véi nhau,
3_ay_ a2

Ta c6 diéu kién tiép xuc: X ) 3x=2ax-a (1) :

3x*-3=2a (2)

3x?—3Y

4_ 2
j <:>x3—3x:3x3—3x—w

Thé (2)vao (1) tadugc x°—3x =(3x’ —3)x—[

X=~1,82
X~0,68
Vay hai @6 thi (C) va (P) c6 tat ca hai tiép tuyén chung.

<:>9x4—8x3—18x2+9:0<:{

Cau 10: Cho hamsd y == +; ¢6 dd thi (C) va duong thang d : y = —2x+m—1(m 13 tham s thyc). Goi
X+
k,,k, 1a hé sb goc cua tiép tuyén cta (C) tai giao diém ctia d va (C). Tinh tich k .k, .
A kK, =2. B. k.k, =%. C. kok, =4. D. k .k, = 3.

Loi gidi
Chgn C

Xét phuong trinh X—j — _2X+ M1 252 + (6~ m)X+3—2m = 0(x = —2) (1)
X+

bit f(x)=2x*+(6-m)x+3-2m.Tacd f(-2)=-1#0. A=m*+4m+12>0,vm.
Vay phuong trinh ludn c6 2 nghiém phan biét x;, X, . Theo Viet ta co

X1+X2 =m__6
2
XX, _3-2m
2
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1 1

X+1 ; 1
Tr y=—-1taco yy=———_.Dodbtacod k, =——;k,=——.
Y ’ 2 R TR i e

X+2 (x+2)
1 1
k .k, = - - = > =
(+2)706+2)" %X, +2(% +X,) +4]

2
Ma [x,.X+2(X, +X,) +4]2 = (3—22m + 2m2—12 +4J L
Vay k, k, =4. Chon dép anC.

x> —3x+4
x-1

y =ax’ +bx—8. Biét tir diém A(4;1) ké dugc hai tiép tuyén voi (C). Goi k;;k, 1a hé sé goc

cia hai tiép tuyén d6 va goi | la dinh cia (P). Khi (P) di qua M (k;0),N (k,;0), tinh ban

Caul1l: Goi (C) la dd thi cia ham sé y= a (P) 1a Parabol c6 phuong trinh

kinh R ctia dudng tron ngoai tiép tam giac IMN.

A.Rzﬂ. B.R:g. C.R:E. D.R:@.
100 2 25 36
Loi giai
Chon D.
Taco
x*—3x+4 2
x-1 x—1
=y =1- 2

(1)

Goi Q(X55Yo): Yo =X, —2+

X, —1
Gia st phuong trinh tiép tuyén cta (C) tai Q cé dang y=f'(%,).(X—X;)+ Yo.
Vi tiép tuyén di qua A(4;1) nén

1=1"(%).(4= %)+ Yo.
_2
(% 1)
X = 2% +1= (%5 = 2%, —1).(4= %, )+ (X —3%, +4)(X, ~1)

2
X, —1

@1:{1— }.(4—XO)+XO—2+

2 3 2 3 2
S Xy — 2%y +1=—=X; +6Xy —TX, —4+X; —4X; +7X, —4

<X +2%,-9=0

X0:—l+@:>k1=¢
=
o =10 = k, = 2210

DM[ﬂ.OJ N[M.o]
9 ' J 9
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Céu 12:

Vi (P) diqua M {2_2‘/1_0;0J,N{2+2*/1_0;o] nén

9

9

a(z—le_o]:b(z—z\/l_o
9

-8=0
a=18
=

2 b=-8
a(2+2J1_0] +b(2+2¢1_oj_8:0

9 9

Do d6 Parabol can tim 13 y =18x* —8x—8.
Toa @6 dinh | (2,_—80J

9" 9
Phuong trinh dudng thang MN :y =0.

d(|,MN)=%;MN=4‘@ J664 /664

IV M =22 N =T
9 9 9

80 16010

S, :%.MN.d(I,MN):

9 81

‘-b
LOS‘
o

N |-

_ MN.MLNI 161

R ——=
4S N 36

Chohamso y = f (x) liéntuc trén R va hai duong thang A, 1y =h(X) va A,:y=g(x) c6dd
thi nhu hinh v€ dudi day.

|
A A g Y £ S O ' f(X).h(X) <102 . R A .
H¢ so goc k cua tiép tuyén voi do thi (C ): y =————= tai di€m c6 hoanh d§ X =2 cd dang

k= %. Khi @6 a+b thudc khoang nao sau day?

A. (15;25). B. (—20;10). C. (60;80). D. (-30;-21).
Loi giai
Chon A

Taco (C'): g O L [FORE)+FOON () g ()~ F(X)h(x)9'(x).

=Yy =

9(x) [a(x)]
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Cau 13:

Cau 14:

(2)=2;9(2)=7;h(2)=4

Duya vao db thi ta c6 =2x+3, h(x)=-x+6 va :
wa vao do thi ta ¢6 g(x)=2x+3, h(x)=—x+ { '(2)=0,9'(2)=2;h"(2)=-1
g

Hé s6 géc k cua tiép tuyén voi dd thi (C'):y = tai diém c6 hoanh do x=2 4

f
k=y'(2)= [f’(z).h(2)+ f (2)-h'(2)].g (2)-1(2).

-30 a a=-30
Nhu vy k=—=—= =a+b=19.
49 Db b=49
Goi S 1a tap tit ca cac gia tri cua tham sé6 m dé duong thang y =3x+m tiép xuc v6i do thi ham

s y=x>+1. Tong tat ca cac phan tir cia S bang

A. 0. B. 2. C. -1. D. 3.
Loi giai
Chon B
2. s 2 T Y s X +1=3x+m
bé duong thang y =3x+m tiép xtc v6i do thi ham s6 y = x* +1 khi va chi khi ,
3X° =3

c6 nghiém.

5 m=x’-3x+1
e | X +1=3x+m m=-1
Giai hé <9 x=1 =

3x* =3 1 m=3

X=-

Vay tong cac gia tri m 1a; —1+3=2.
Cho f(x) 1a ham da thac c6 dd thi nhu hinh v& bén. Goi
S :{f’(a), f'(b), f'(C), f'(d), f'(O)} . Phén tir 16n nhét trong tap hop S la:

Y

A. f'(a). B. f'(b) D. f'(d)
Loi giai
Goi «a, f lan lugt 1a goc tao boi tiép tuyén tai c,d .
f'(c)=tana
=< f'(d)=tanf=0< f'(c)< f'(d).
a<pf

Vay phan tir 16n nhét trong tap hop S la: f'(d).
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Cau 15: Cho biét tiép tuyén cta do thi ham s0 y = f (x) tai diém c6 hoanh d6 x=1 la y=2x-1.
Phuong trinh tiép tuyén ciia d6 thi ham s6 y = f (2X2 —1) tai diém c6 hoanh d6 x =1 1
A. y=4x-3. B. y=5x-4. C. y=8x-7. D. y=6x-5.
Loi giai
Chon C
Theo dé, taco f'(1)=2 vatiép tuyén tai diém c6 hoanh do x =113 y=2(x-1)+ f (1)=2x+ f (1)-2,
suyra f(1)=1.
Xéthamsd y = f(2x*~1). Taco y'=4xf'(2x* ~1). Suy ra y'(1)=4f'(1)=8.
Tu day ta loai ba dap an A,B, D.
Cau 16: Cho ham sb y=x"—-2x* c¢6 dd thi (C) Tiép tuyén cua (C) tai A cét (C) tai B(XZ; yz) voi
B kh&c A thoéa y,-Y, = —24(X2 - Xl). S6 diém A thoa man 1a
Al B. 3. C. 2. D. 0.
Loi giai
Chon A
Tiép tuyén cua (C) tai A co phuong trinh Yy-Y, = y'(xl).(x— Xl)
Do B thudc tiép tuyén cia (C) tai Anény,-y, = y'(Xl)(X2 —Xl)
' Yo=Y
=y (x)="2—1=-24.
Xy =%
Do d6 X, 1a nghiém cua phuong trinh 4x® —4x=-24 < x* - x+6=0< x=-2
Tir d6 suy ra ¢6 duy nhat diém A thoa man bai toan.

X+2 A s X < A
il 1 c6 do thi (C) va diém A(0;a). Co tat ca bao nhiéu gia tri nguyén cia a

Cau 17: Chohamsd y =

trong doan [-2018;2018] dé tr A ké duoc hai tiép tuyén dén (C) sao cho hai tiép diém ndm

vé€ hai phia cta truc hoanh

A. 2019. B. 2020. C. 2017. D. 2018.
Loi giai

Chon D

Taco y'=-

(x-1)"
Tiép tuyén v6i do thi (C) qua A(0;a) la (A):y=kx+a.

X+2
1 kx+a
7 X —_
(A) tiep xtic v6i (C) khi va chi khi hé phuong trinh 3 (*) c6 nghiém.

X+2 3X ’
=— +ae(a-1)x"-2(2+a)x+2+a=0 (**).

Tur hé (*) taco
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Yéu cdu bai toan la tim a dé phuong trinh (**) c6 2 nghiém phan biét X,X, thoa
X +2 Kot 2 <0
-1 x,-1

S=x1+x2=ﬂ

Taco )
N _2(2+a)
=XX =———

azl azl a=l azl

Yéu cau bai toan twong duong < A’ >0 ={3a+6>0 ola>-2 < 2.
P+2S+4 9a+6 4>73
— <0 <0 a>——
P-S+1 -3 3

Do m nguyén thudc doan [-2018;2018] nén m e {0;2;3;4;...;2018}.
Vay c6 2018 gia tri thoa yéu cau bai toan.

Cau 18: Chohamsd y=x*-2x" c6dd thi (C). Tiép tuyéncua (C) tai A cit (C) tai B(X,;y,) véi B
khéc A thoa Y, —Y, =—24(X,—X ). S5 diém A thoa min la

Al B. 3. C. 2. D.0.
Loi giai

Chon A

Tiép tuyén cua (C) tai A co0 phuong trinh Y-V, = y'(xi).(x— X1)

Do B thugc tiép tuyén ciia (C) tai A nén y, -y, =Y'(%)(X,—x)
’ Yo= W
=y'(x)="2—1=-24.
X=X
Do d6 x, 1a nghiém cta phuong trinh 4x° —4x=-24< x> -~ x+6=0< x=-2

Tir d6 suy ra c6 duy nhat diém A thoa man bai toan.
) » X 1 2 i f L. A
Cau 19: Tim diém M c6 hoanh @ am trén do thi (C) Ny = é x* =X +§ sao cho tiép tuyén tai M vudng
g s 2 1 2
goc voi duong thang d :y = —§X+§ .

A M(-2,-4). B. M (—1;5} C. M(-2;0). D. M (z;ij .
Loi gidi
Chgn C
\ 2 1 2 J A A J 1 A + A A ) A A r N
Puong thang d :y = -3 X+§ c6 hé so goc 3 cho nén ti€p tuyén co6 h¢ s6 goc bang 3.
Goitoadocia M 1A M (XO; yo) thi hé s6 goc ciia tiép tuyén tai M bang y'(xo) =x;-1.

X =2
Xo=—2
Theo gia thiét, diém M c6 hoanh do 4m nén X, =-2. Vay toa do M (-2;0).

Tir d6 ta co x§—1:3<:{
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Cau 20: Cho da thire f(x) v6i hé s6 thyc va théa man diéu kién 2f (x)+ f (1-x)=x* VxeR. Biét
tiép tuyén tai diém c6 hoanh do x =1 cua dd thi ham s6 y = f (x) tao véi hai truc toa do mot

tam giac. Tinh di¢n tich ctia tam giac do6?

NS B. 2. c t. D. 2.
6 2 3 3
Loi giai
Chon A

Taco: 2f (x)+ f (1-x)=x*,vxeR (1).
Pat t=1-x=2f (1-t)+ f (t)=(1-t)",Vte R=2f (1-t)+ f (x) = (1-x)’,Vte R (2).

2f (x)+ f(1-x)=x°

= "
2f (1-x)+ f (x)=(1 X)2:>f(X):§(x +2X—1),

Tu va ta co: {

2 4
Suyra: f()==;f'D==
yra t)=2:1' M=

Suy ra phuong trinh tiép tuyén voi dd thi ham s6 y=f(x) tai diém c6 hoanh do x=1 Ia:

4 2 4 2
x4+l e y=_x_%
y 3(X )+3 y 3X 3

Tiép tuyén cit truc hoanh tai A[% X Oj va cét truc tung tai B (O; —%j

Suy ra dién tich tam giac OAB la: S leA.OB :11 _2 :1.
2 22| 3 6

R » . 3 . 2X+1 ., . N
Cau 21: Xétdiém M c6 hoanh do 1a s0 nguyén thudc do thi (C):y = —+1 . Tiép tuyen cta do thi (C)
X —

tai diém M cat dudng tiém can ngang cua (C) tai diém A . Hoi c6 bao nhiéu diém M thoa

diéu kién A cach gbc toa d6 mot khoang cach nho hon 2410 ?

A 6. B.5. C.7. D. 4.
Loi giai

Chon B

Taco y’=—%,Vx¢l.

(x-1)
2a+1

Gia s M (a;b)e(C). Khido b= - voiacZaxl.
a_

Tiép tuyén véi (C) tai diém M ¢6 phuong trinh la
Aly=— 3 - .(x—a)+2a+1.

(a-1) a-1
D6 thi (C) c6 TCN la dudng thang d @y =2.

Tacd And =A(2a-12).

Theo bai rata cé OA <210 < (2a—1)2 +4<40
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c>4a2—4a—35<0©ae(—g;£)

Do aeZ,a#1=ae{-2,-10;2;3}. Vay c¢6 5 diém M thoéa man yéu cu bai toan.

Cau 22: Cho ham s6 y = f(X) c6 b thi (P) nhu hinh bén va dudng thang A:y=2x—2 la tiép tuyén

cua (P)tai diém A . Xét ham sb g(X):@. Tinh g'(2).

1 1 1
A g'(2)=—. B. g'(2)=-. C.g'(2)=-=. D.g'(2)=—=.
9'(2)=7 9'(2)=7 9'(2)=-7 9'(2)
Loi giai
Chon A
bat y= f(x):aX2+bX+C,V(’ri a,b,cla cac sb thuc va a>0.
Vi (P)di qua cac diém A(2;2),B(0;2) nén ta c6 h¢ phuong trinh
2=4a+2b+c 2a+b=0
{ <:>{ . (1).
2=C c=2
Vi dudng thang A:y =2x—2 la tiép tuyén cua (P)tai diém A néntaco
f'(2)=2=4a+b=2,(2).
a=1
Tir (1)va (2)suyra b =-2.
c=2

Taco y=f(x)=x"-2x+2suyra g(x)= ” » —2+=
. 2 2 1

T '(X)=1-< = g'(2)=1-S==.

acod g'(x) X2:>g() 175

cit truc tung tai diém

CAau 23: Trong mit phang toa do Oxy, gi sir d6 thi (G) cta ham sb y =

A va tiép tuyén cta (G) tai A cit truc hoanh tai diém B . Tinh dién tich cta tam giac OAB.
A. 0,603. B. 0,414 C. 0,829. D. 1,207.
Loi giai
Chon C
Cho x=0= yzﬁzlogse . Khi do A(O;Iog 3e).
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Cau 24:

Céau 25;

J3) I3 x
T

Tiép tuyén cua (G) tai A c6 phuong trinh dang:

Tacod y' =

, 1
y=y'(0)(x-0)+ y(O):§x+IogSe.
Tiép tuyén cua (G) tai A cét truc hoanh tai diém B nén B(—2I093 e;O).
Dién tich tam giac OAB la:
S= %.OA.OB = % log, e.|-2log, €|~ 0,829.
Cho ham sb y = f (x)=x°—3x c6 dd thi (C) vaham sé y=g(x)=x" c6 dd thi (P). Hoi hai
dd thi (C) va (P) c6 tat ca bao nhiéu tiép tuyén chung?
A L B.0. C. 3. D. 2.
Loi giai
Chon D
Goi A(a;az) thudc dd thi (P). Phuong trinh tiép tuyén tai A co dang y = g'(a)(x—a)+a’.
Hay y=2a(x-a)+a’=2ax—a’(d).
Dé (d) 1a tiép tuyén cua (C) thi (d)va (C) phdi tiép xtc véi nhau,
3_ay_ a2
Ta c6 diéu kién tiép xuc: X ) 3x=2ax-a (1) :
3x*-3=2a (2)

3x?—3Y

4_ 2
j <:>x3—3x:3x3—3x—w

Thé (2)vao (1) tadugc x°—3x =(3x’ —3)x—[

X=~1,82
X~0,68
Vay hai @6 thi (C) va (P) c6 tat ca hai tiép tuyén chung.

<:>9x4—8x3—18x2+9:0<:{

Cho ham s6 y =2 +; ¢6 dd thi (C) va duong thang d : y = —2x+m—1(m 13 tham s thyc). Goi
X+

k,,k, 1a hé sb goc cua tiép tuyén cta (C) tai giao diém ctia d va (C). Tinh tich k .k, .

A kK, =2. B. k.k, =%. C. kok, =4. D. k .k, = 3.

Loi gidi
Chgn C

Xét phuong trinh X—j — _2X+ M1 252 + (6~ m)X+3—2m = 0(x = —2) (1)
X+

bit f(x)=2x*+(6-m)x+3-2m.Tacd f(-2)=-1#0. A=m*+4m+12>0,vm.
Vay phuong trinh ludn c6 2 nghiém phan biét x;, X, . Theo Viet ta co

X1+X2 =m__6
2
XX, _3-2m
2

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2023 | 20



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

1 1

X+1 ; 1
Tr y=—-1taco yy=———_.Dodbtacod k, =——;k,=——.
Y ’ 2 R TR i e

X+2 (x+2)
1 1
k .k, = - - = > =
(+2)706+2)" %X, +2(% +X,) +4]

2
Ma [x,.X+2(X, +X,) +4]2 = (3—22m + 2m2—12 +4J L
Vay k, k, =4. Chon dép anC.

x> —3x+4
x-1

y =ax’ +bx—8. Biét tir diém A(4;1) ké dugc hai tiép tuyén voi (C). Goi k;;k, 1a hé sé goc

cia hai tiép tuyén d6 va goi | la dinh cia (P). Khi (P) di qua M (k;0),N (k,;0), tinh ban

Cau26: Goi (C) la dd thi cia ham sé y= a (P) 1a Parabol c6 phuong trinh

kinh R ctia dudng tron ngoai tiép tam giac IMN.

A.Rzﬂ. B.R:g. C.R:E. D.R:@.
100 2 25 36
Loi giai
Chon D.
Taco
x*—3x+4 2
x-1 x—1
=y =1- 2

(1)

Goi Q(X55Yo): Yo =X, —2+

X, —1
Gia st phuong trinh tiép tuyén cta (C) tai Q cé dang y=f'(%,).(X—X;)+ Yo.
Vi tiép tuyén di qua A(4;1) nén

1=1"(%).(4= %)+ Yo.
_2
(% 1)
X = 2% +1= (%5 = 2%, —1).(4= %, )+ (X —3%, +4)(X, ~1)

2
X, —1

@1:{1— }.(4—XO)+XO—2+

2 3 2 3 2
S Xy — 2%y +1=—=X; +6Xy —TX, —4+X; —4X; +7X, —4

<X +2%,-9=0

X0:—l+@:>k1=¢
=
o =10 = k, = 2210

DM[ﬂ.OJ N[M.o]
9 ' J 9
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Céau 27:

Vi (P) diqua M {2_2‘/1_0;0J,N{2+2*/1_0;o] nén

9

9

a(z—le_o]:b(z—z\/l_o
9

-8=0
a=18
=

2 b=-8
a(2+2J1_0] +b(2+2¢1_oj_8:0

9 9

Do d6 Parabol can tim 13 y =18x* —8x—8.
Toa @6 dinh | (2,_—80J

9" 9
Phuong trinh dudng thang MN :y =0.

d(|,MN)=%;MN=4‘@ J664 /664

IV M =22 N =T
9 9 9

80 16010

S, :%.MN.d(I,MN):

9 81

‘-b
LOS‘
o

N |-

_ MN.MLNI 161

R ——=
4S N 36

Chohamso y = f (x) liéntuc trén R va hai duong thang A, 1y =h(X) va A,:y=g(x) c6dd
thi nhu hinh v€ dudi day.

|
A A g Y £ S O ' f(X).h(X) <102 . R A .
H¢ so goc k cua tiép tuyén voi do thi (C ): y =————= tai di€m c6 hoanh d§ X =2 cd dang

k= %. Khi @6 a+b thudc khoang nao sau day?

A. (15;25). B. (—20;10). C. (60;80). D. (-30;-21).
Loi giai
Chon A

Taco (C'): g O L [FORE)+FOON () g ()~ F(X)h(x)9'(x).

=Yy =

9(x) [a(x)]
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Cau 28:

Cau 29:

(2)=2;9(2)=7;h(2)=4

Duya vao db thi ta c6 =2x+3, h(x)=-x+6 va :
wa vao do thi ta ¢6 g(x)=2x+3, h(x)=—x+ { '(2)=0,9'(2)=2;h"(2)=-1
g

Hé s6 géc k cua tiép tuyén voi dd thi (C'):y = tai diém c6 hoanh do x=2 4

f
k=y'(2)= [f’(z).h(2)+ f (2)-h'(2)].g (2)-1(2).

-30 a a=-30
Nhu vy k=—=—= =a+b=19.
49 Db b=49
Goi S 1a tap tit ca cac gia tri cua tham sé6 m dé duong thang y =3x+m tiép xuc v6i do thi ham

s y=x>+1. Tong tat ca cac phan tir cia S bang

A. 0. B. 2. C. -1. D. 3.
Loi giai
Chon B
2. s 2 T Y s X +1=3x+m
bé duong thang y =3x+m tiép xtc v6i do thi ham s6 y = x* +1 khi va chi khi ,
3X° =3

c6 nghiém.

5 m=x’-3x+1
e | X +1=3x+m m=-1
Giai hé <9 x=1 =

3x* =3 1 m=3

X=-

Vay tong cac gia tri m 1a; —1+3=2.
Cho f(x) 1a ham da thac c6 dd thi nhu hinh v& bén. Goi
S :{f’(a), f'(b), f'(C), f'(d), f'(O)} . Phén tir 16n nhét trong tap hop S la:

Y

A. f'(a). B. f'(b) D. f'(d)
Loi giai
Goi «a, f lan lugt 1a goc tao boi tiép tuyén tai c,d .
f'(c)=tana
=< f'(d)=tanf=0< f'(c)< f'(d).
a<pf

Vay phan tir 16n nhét trong tap hop S la: f'(d).
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Cau 30: Cho biét tiép tuyén ctia do thi ham s0 y = f (x) tai diém c6 hoanh d6 x=1 la y=2x-1.
Phuong trinh tiép tuyén ciia d6 thi ham s6 y = f (2X2 —1) tai diém c6 hoanh d6 x =1 1
A. y=4x-3. B. y=5x-4. C. y=8x-7. D. y=6x-5.
Loi giai
Chon C
Theo dé, taco f'(1)=2 vatiép tuyén tai diém c6 hoanh do x =113 y=2(x-1)+ f (1)=2x+ f (1)-2,
suyra f(1)=1.
Xéthamsd y = f(2x*~1). Taco y'=4xf'(2x* ~1). Suy ra y'(1)=4f'(1)=8.
Tu day ta loai ba dap an A,B, D.
Cau 31: Cho ham sb y=x"—-2x* c¢6 dd thi (C) Tiép tuyén cua (C) tai A cét (C) tai B(XZ; yz) voi
B kh&c A thoéa y,-Y, = —24(X2 - Xl). S6 diém A thoa man 1a
Al B. 3. C. 2. D. 0.
Loi giai
Chon A
Tiép tuyén cua (C) tai A co phuong trinh Yy-Y, = y'(xl).(x— Xl)
Do B thudc tiép tuyén cia (C) tai Anény,-y, = y'(Xl)(X2 —Xl)
' Yo=Y
=y (x)="2—1=-24.
Xy =%
Do d6 X, 1a nghiém cua phuong trinh 4x® —4x=-24 < x* - x+6=0< x=-2
Tir d6 suy ra ¢6 duy nhat diém A thoa man bai toan.

X+2 A s X < A
il 1 c6 do thi (C) va diém A(0;a). Co tat ca bao nhiéu gia tri nguyén cia a

Cau 32: Chohamsd y=

trong doan [-2018;2018] dé tr A ké duoc hai tiép tuyén dén (C) sao cho hai tiép diém ndm

vé€ hai phia cta truc hoanh

A. 2019. B. 2020. C. 2017. D. 2018.
Loi giai

Chon D

Taco y'=-

(x-1)"
Tiép tuyén v6i do thi (C) qua A(0;a) la (A):y=kx+a.

X+2
1 kx+a
7 X —_
(A) tiep xtic v6i (C) khi va chi khi hé phuong trinh 3 (*) c6 nghiém.

X+2 3X ’
=— +ae(a-1)x"-2(2+a)x+2+a=0 (**).

Tur hé (*) taco
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Yéu cdu bai toan la tim a dé phuong trinh (**) c6 2 nghiém phan biét X,X, thoa
X +2 Kot 2 <0
-1 x,-1

S=x1+x2=ﬂ

Taco )
N _2(2+a)
=XX =———

azl azl a=l azl

Yéu cau bai toan twong duong < A’ >0 ={3a+6>0 ola>-2 < 2.
P+2S+4 9a+6 4>73
— <0 <0 a>——
P-S+1 -3 3

Do m nguyén thudc doan [-2018;2018] nén m e {0;2;3;4;...;2018}.
Vay c6 2018 gia tri thoa yéu cau bai toan.

Cau 33: Chohamsd y=x*-2x" c6ddthi (C). Tiép tuyéncua (C) tai A cit (C) tai B(X,;y,) véi B
khéc A thoa Y, —Y, =—24(X,—X ). S5 diém A thoa min la

Al B. 3. C. 2. D.0.
Loi giai

Chon A

Tiép tuyén cua (C) tai A co0 phuong trinh Y-V, = y'(xi).(x— X1)

Do B thugc tiép tuyén ciia (C) tai A nén y, -y, =Y'(%)(X,—x)
’ Yo= W
=y'(x)="2—1=-24.
X=X
Do d6 x, 1a nghiém cta phuong trinh 4x° —4x=-24< x> -~ x+6=0< x=-2

Tir d6 suy ra c6 duy nhat diém A thoa man bai toan.
) » X 1 2 i f L. A
Cau 34: Tim diém M c¢6 hoanh @ am trén do thi (C) Ny = é x* =X +§ sao cho tiép tuyén tai M vudng
g s 2 1 2
goc voi duong thang d :y = —§X+§ .

A M(-2,-4). B. M (—ﬁj . C. M(-2;0). D. M (z;ij .
Loi giai
Chgn C
\ 2 1 2 J A A J 1 A + A A ) A A r N
Puong thang d :y = -3 X+§ c6 hé so goc 3 cho nén ti€p tuyén co6 h¢ s6 goc bang 3.
Goitoaddocua M la M (XO; yo) thi hé s6 goc cua tiép tuyén tai M bang y'(xo) = Xg -1.
Xo =2
Xo=—2
Theo gia thiét, diém M c6 hoanh do 4m nén X, =-2. Vay toa do M (-2;0).
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Cau 35: Cho da thire f(x) v6i hé s6 thyc va théa man diéu kién 2f (x)+ f (1—x)=x* VxeR. Biét
tiép tuyén tai diém c6 hoanh do x =1 cua dd thi ham s6 y = f (x) tao véi hai truc toa do mot

tam giac. Tinh di¢n tich ctia tam giac do6?

NS B. 2. c t. D. 2.
6 2 3 3
Loi giai
Chon A

Taco: 2f (x)+ f (1-x)=x*,vxeR (1).
Pat t=1-x=2f (1-t)+ f (t)=(1-t)",Vte R=2f (1-t)+ f (x) = (1-x)’,Vte R (2).
2f (x)+ f(1-x)=x°

2f (1-x)+ f(x)=(1-x)

2 4
Suyra: f()==;f'D==
yra t)=2:1' M=

Tr va ta co: { , = f(x):%(x2+2x—1).

Suy ra phuong trinh tiép tuyén voi dd thi ham s6 y=f(x) tai diém c6 hoanh do x=1 Ia:
4 2

4 2
—T(x-1)+ 2 _ry_c
y 3(x )+3<:>y 3x 3

Tiép tuyén cit truc hoanh tai A[% X Oj va cét truc tung tai B (O; —%j

Suy ra dién tich tam giac OAB la: S leA.OB :11 _2 :1.
2 22| 3 6

Cau 36: Goi (P)la do thi cia ham s6 y = x*+2x+2 va diém M di chuyén trén (P). Goi (d,),(d,) la
cac dudng thang qua M sao cho (d,) song song véi truc tung va (d,),(d,) dbi xémg nhau qua
tiép tuyén cua (P) tai M. Biét ring M di chuyén trén (P) thi (d,) luén di qua diém c6 dinh

| (a;b). Dang thirc nao sau day ding?

A. 3a+2b=0. B. a+b=0. C.an=-1 D. 5a+4b=0.
Loi gidi

Chon D

Tacd y=x"+2X+2=y'=2x+2.

Goi M (m;m2+2m+2), phuong trinh tiép tuyén tai M ¢6 dang:
Ary=(2m+2)(x—m)+m’+2m+2=(2m+2)x—m?+2.

Taco dl:x:m:cos(dl;A):M
(2m+2)° +1

\k 2m+2 +1\

./ 2m+2 +1\/a +1

Goi d, 1y =kx+n= cos(d,;A)=

:>‘k(2m+2)+1‘=|2m+2|\/a +1
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4m? +8m+3 4m? +13m+8
= "= "
2(2m+2) Am+4

4m*+8m+3  4m>+13m+38
= X +

=d,:y=
2+ dm+4 am+4
Véi x=-1=y= S5 _35 d, Iuén di qua diém | (—1;§j cb dinh.
dm+4 4 4

. 1 : , , .
CAu 37: Cho ham s6 f(X) =X +; . Cho diém M (a;b) sao cho c6 dung hai tiép tuyén ctia d thi ham

s6 Y= f(X) di qua M, ddng thoi hai tiép tuyén ndy vudng goc v6i nhau. Biét diém M ludn thude
mot dudng tron ¢d dinh, ban kinh cta duong tron d6 1a
A 2. B. 4. C.1. D. V2.
Loi giai
Chon A

2
Gia str diém A[t;tt—Jrlj,(t;tO) thudc dd thi ham sé y = f(X).

x* -1
XZ

1
Taco f(x):x+;:> f'(x)=

Phuong trinh tiép tuyén tai A ctia d6 thi ham s6 y = f (X) Ia:

t* -1 t?+1
y= e (x—-t)+ n
Ma tiép tuyén nay di qua diém M nén ta co:
t?-1 t?+1
b= o (a—-t)+ " < (a-b)t? +2t—a=0. @

Qua M ké dugc hai tiép tuyén téi d6 thi ham s6 Y = f (X), dng thoi hai tiép tuyén d6 vuong goc

v6i nhau nén phuong trinh phai ¢6 hai nghiém phan biét t;,t, # 0 thoaman f'(t). f'(t,)=-1

azb
a=0
hay <A'=1+a(a—b)>0
2_ 2_
L-16-1_
t g
tl'|'t2:bi
Theo dinh 1y Vi-et, ta c6 -a
=
12 b—a
2 2
nén tltf 1't2t2 Lo 207 — (7 +t2) +1=0
2

< 2t — (1, +1,)° +2tt, +1=0
a Y 2 Y a
<:>2( j —( j +2 +1=0
b-a b-a b-a
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Cau 38:

o a’+b’ =4,
Do a=0néntr a*+b®=4suy ra|b|<2, do do a®+1>2|a|>|ab|>ab.
a’+b*=4
Suyraqa=b
a=0
Nhu vay, tdp hop tit ca cac diém M (a;b) thoa man yéu cau dé bai 1a dudng tron tim O, béan
kinh
biing 2, bo di céc diém B(0;2), C(0;2), D(V2:v2),E(-V2;-2)..

Chohamsd y = f (x)=x"=2x"+x* co dd thi (C). Goi S 1a tap chira tat ca céc gia tri thuc cia
tham s6 a dé c6 ding 2 tiép tuyén ké tir A=(a;0) dén (C). S phantircta S Ia
A 0. B. 4. C.2. D. V6 s6.
Loi gidi
Chon B
Goi A 1 dwdng thing di qua A(a;0) va ¢ hé s6 goe la k , khi d6 phuong trinh dudng thang
Alay=k(x-a).
P . X X'=2x*+x* =k(x-a) (1)
Do A la tiép tuyen cia (C), xét hé phuong trinh (1):
4x®—6x° +2x =k (2)
Thé (2) vao (1), ta co:
X —2x% + x% = (4x3 —6x* + 2x)(x—a) = x(x—l)[sz —(4a+1)x+ 2a] =0
x=0
& x=1 .
3x*—(4a+1)x+2a=0 (3)

X =

x=0
Do{ 1:>k:0,taxét k=0=4x*-6x*+2x=0 | x=
X =

ol O

X =

x=0 . .
Khi { X ta thu dwg'c mgt phwong trinh tiép tuyeénla A:y=0.

X==
Khi 2 phuong trinh tiép tuyénla A:y= % , tiép tuyén khong di qua A(a;0).

Bai toan trd thanh tim a dé (3) ¢6 2 nghiém phan biét trong dé cé ding 1 nghi¢m thudc

{0;1} hodc (3) c6 nghiém kép khac 0; 1; %
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Céau 39:

Trudng hep 1: (3) c6 2 nghiém phén biét trong d6 c6 ding 1 nghiém thudc {0;1}

2
A=|—-(4a+1)| —-4.3.2a>0
[-(4a+1)] a> {azo
<4[2a=0 &

a=1
3—-(4a+1)+2a=0

Trudng hop 2: Phuong trinh (3) c6 nghiém kép khac 0; 1; %

A=16a*-16a+1=0

2a=0 a:2+4\/§
<313-4(a+l)+2a#0 < .
: (a+1) 0

1 a
—-=(4a+1)+2a=0 4
4 2

Vay dap an cua bai toanla S = {0;1;¥; 2 +4\/§} |

Cho ham s y = f (x)=x*=2x*+x* co dd thi (C). Goi S la tép chua tat ca cac gia tri thuc
ciia tham s6 a dé c6 ding 2 tiép tuyén ké tir A(a;0) dén (C). SO phan tir ciia S 1a
A. 0. B. 4. C.2. D. v6 s6.
Loi giai
Chon B
Taco y=f(x)=x"-2x>+x* suyra y' = f'(x)=4x>—6x*+2x.
Duong thing d di qua A(a;0) véihé so gée k cd phuong trinh y=k(x—-a).
Dudng thang d 1 tiép tuyén cta (C) khi va chi khi h¢ phuong trinh sau c6 nghiém
x*-2x*+x*=k(x-a) (1)
4x° —6x* +2x =k (2)
Thay (2) vao (1) ta duogc
X" =2x° + x* =(4x°— 6xX* + 2x)(x—a) <> 3x" —(4a+4) x>+ (6a+1)x* - 2ax = 0
x=0
= x(x—l)[Sx2 —(4a+1)x+2a} =0 |x=1
g(x)=3x*-(4a+1)x+2a=0 (3)

X=0=k=0 . . . ;
Nhan xét: va phuong trinh ti€p tuyén tai cac di€ém c6 hoanh d0 x=0, x=1 déu
X=1=k=0
cédang y=0.

Khi d6 dé c6 dung 2 tiép tuyén ké tir A(a;0) dén (C) thi xay ra 2 truong hop sau:
Trudng hep 1: Phuong trinh (3) ¢ hai nghiém phan biét trong d6 c6 mot nghiém hoic béing
0 hoic bang 1
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Céau 40:

Cau 41;

A>0 16a*-16a+1>0 16a*-16a+1>0 0
a=

=419(0)=0=4[2a=0 =4{la=0 C{a—l'
g(1)=0 ||31°-(4a+1)1+2a=0 ||a=1 -

Trudng hep 2: Phuong trinh (3) c6 nghiém kép khong thude tap hop {0;1}

A=0 1642 ~16a+1=0 |4_2+V3
<19(0)20<=:a=0 & 4
2-+/3
g(l);tO azl a:T
Do d6 sz{o;x2+4‘/§;¥}.

Vay tap S ¢ 4 phan tir.

X% +2mx +2m? -1

Goi m 1a gia tri dé do thi (Cm) ctia ham s6 y = cat truc hoanh tai hai diém

x-1
phan biét va cac tiép tuyén voi (Cm ) tai hai diém nay vudng goc v6i nhau. Khi d6 ta c6
A. me(12). B. me(-2;-1). C. me(0;1). D. me(-10).

Loi gidi
Chgn C
Phuong trinh hoanh d6 giao diém cia (C,) véi truc hoanh la:

f(x)=x*+2mx+2m*-1=0(x=1)(1).

=
2m+2m? =0

, L . A'>0 -m*+1>0 -1<m<1
(C,) cat truc hoanh tai hai diém phan biét < & .
f(1)=0 m=0

. 5 - . L XX =—2m
Goi X, X, la 2 nghiém cua phuong trinh (1), theo viettaco: )
XX, =2m° -1
, X2=2x-2m’-2m+1

(x-1)°

Tiép tuyén tai hai giao diém wvuéng géc véi nhau < y(x).y'(%)=-1

Taco: y

e (% —2x —2m? = 2m+1)(x; —2x, —2m* —2m+1)+(x, -1)" (x,-1)° =0
< 2(x% (% +x2)+1)2 —(2m? +2m)((x1+x2)2 —2X,X, —2(x1+x2)+2)+(2m2 +2m)2 =0
< 2(2m? +2m) —(2m? +2m)(4m? —4m? + 2+ 4m+2)+ (2m? +2m) =0

m=-1(I) )
3(2m*+2m)-4m-4=0 < 6m’ +2m-4=0 < 2, - Vaym=2.

m=—(tm

A

~ \ 2 , A .2 , 24, z A . X+3
Trén duong thang d:y =2x+1 c¢6 bao nhiéu diem co6 thé ké dugc dén do thi (C): y= 1

X_
dung mot tiép tuyén.
A. 5. B. 4. C. 3. D. V0 sb.
Loi giai
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Chon B
Goi M ed = M (a;2a+1).
Goi A(X,;Y,) la tiép diém ciia tiép tuyén d, ké tr M véi (C).
—4 X, +3
X_
o _1)2(

Phuong trinh tiép tuyén d,:y =y (X)) (X=X )+ Y, < Y=

-4 X, +3
Vi M ed, nén 2a+1=—(a—x, )+
! TR

= (2a+1)(% —1)" =4 (a—x,)+(% +3)(% -1), (% #1).

o ax;—2(a+2)x+3a+2=0

Ta M ké dén (C) dung 1 tiép tuyén < (1) c6 ding 1 nghiém x, #1.
TH1: a=0

(1) = x, :%. Suy ra a=0 thoa mén.

TH2: a#0, PT c6 nghiém kép x, #1.

, 2 a=_1
A'=(a+2) —a(3a+2)=0 L:Z [a:—l
= = .
_2(a+2)¢1 a+?2 a=2
2a Ti—

TH3: a#0, PT co6 hai nghiém phan biét trong d6 c6 mot nghiém béng 1
A =-2a*+2a+4>0

&
al’-2(a+2).1+3a+2=0

{—1<a<2
< a=1.
a=1

Két hop 3 trudng hop suy ra c6 4 diém M théa méan yéu cau bai toan.
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